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[s. 4. ZA'
gadsachniennf

Theo tinh thdn déi méi phuong phadp day va hoc
hiéncnay, chiing' 16i bién s6an‘quyén sdch nay theo ciu
trdc nhy sau;

o Tom tat If thuyét: Giup hoc sinh ndm viing va
cling c¢é kién thuc cd ban bai hoc.

e Hé théng bai tip: Giup hoc sinh vdn duyng va
rén luyén ki nang tu duy todn hoc.

« Bai tdp ndng cao va cau hdi trdc nghiém: Giup
hoc sinh lam quen.vdi cdch védn dung kién thuc todn da
hoc dé gidi quyét'tét cdc dang bai tdp ty ludn hay trdc
nghiém thuéng gdp trong cdc ki kiém tra, thi cd.

Quy phu huynh c6 thé tham khdo quyén séch nay
dé gidp dé, ki€m tra viéc 6n tdp & nha clha con em
minh. Quy thdy c6 c6 th€ xem diy nhu I3 tai liéu tham
khdo thém.

Chuing t6i mong don nhén y kién xdy dung to quy
déc gia.

NHOM BIEN SOAN
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PHAN PAI SO

Chuong I11.

HE HAI PHUONG TRINH
BAC NHAT HAI AN

$1. PHUONG TRiINH BAC NHAT HAI AN

1. Khai niém: Phuong trinh bac nhét hai &n x va y 1a hé thdc co dang:

trong dé a, b, ¢ la cac s6 da biét (a # 0 hodc b # 0).
2. Tap hgp nghiém claphuongddnbsinmienn!

1. KIEN THUC CO BAN

ax + by =c{1)

Mot nghiém cdia phuong trinh (1) 1a mét cap s6 (Xo; Yo) sao cho:
axp + byo = C.
Phuong trinh bac nhat hai 8n ax + by = ¢ luén ludn cé vé s nghiém.

Tap hdp nghiém cda né dude biéu dién bdi dudng thing ax + by = c,
ki hiéu 1a (d).

x € R i c - by
Néu a # 0 va b # 0 thi cdng thic nghiém Ia: c—ax hoac{" g
y= b yeR
Khi d6 dudng thang (d) cat ¢ hai tryc toa do.
[x eR
Néu a = 0; b # 0 thi cong thic nghiém la: ¢ va(d)// Ox hoac (d) = Ox.
b
,x g
Néu a # 0; b = 0 thi cong thiic nghiém 1a: {~ ~ a va (d) // Oy hoac (d) = Oy.
lyeR
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1. BAI TAP SACH GIAO KHOA

;

Trong cac cap s6 (-2; 1), (0; 2), (-1; 0), (1,5; 3) va (4; -3), cap s6 nao la
nghiém cta phuong trinh:

a) 5x + 4y = 87 b) 3x + 5y = -3?

. V&i mdi phuong trinh sau, tim nghiém téng quat cGa phuong trinh va vé

ducng thang biéu dién cap nghiém cla né:
a)3x-y=2; b) x + 5y = 3; c) 4% - 3y = -1,
d) x + 5y = 0; e) 4x + 0y = -2; fyOx + 2y = 5.

. Cho hai phuong trinh x + 2y = 4 va x - y = 1. V& hai dudng thang biéu dién

tap nghiém cla hai phuong trinh dé trén cung mot hé toa dd. Xac dinh toa
dé giao diém cla hai dudng thdng va cho biét toa dé cla né la nghiém cla
céc phuong trinh nao.

Gidi

. a) Phuong trinh 5x + 4y = 8 (1)

- Véicapso(x=-2;y=1),tacoi VE=5.(-2)+4.1=-10+4= 6 +8=VP
Vay (-2; 1) khéng phai 1a nghiém cda phuong trinh (1).

~ Vé6icapso(0;2),tac: VI =50+42=8=VP
Viy (0; 2) 12 nghiém gciia phyong trinh (1),

- Véicapso(-1;0),tac6: VT =5(-1)+40=-5+8=VP
Vay (-1; 0) khong phai ¥ hglien) cod phildhg frinh (1),

-~ Vé6icapsd(1,5;3),tac: VI =515+43=75+12=19,5#8 =VP
Vay (1,5; 3) khong phai la nghiém cda phugng trinh (1).

- Véicipso (4;-3),tacé:~ VI' =54 +4.(-83)=20-12=8=VP
Vay (4; -3) la nghiém cua phuong trinh (1).

b) Phuong trinh 3x + 5y = -3 (2).

- Véicdpso(-2;1),tacé: VI =3(-2)+51=-6+5=-1%-3=VP
Vay (-2; 1) khong phai 1a nghiém cda phuong trinh (2).

~ Vé6i cap s (0; 2), ta cé: VI=30+52=10%-3=VP
Vay (0; 2) khong phdi la nghiém cia phuong trinh (2).

- V@icapso(-1;0),tacé: VI =3.(-1)+50=-3=VP
Vay (-1; 0) la nghiém cida phuong trinh (2).

- V6icdpso(1,5;3),taco: VI =315+53=45+15=195# -3=VP
Vay (1,5; 3) khong phdi l1a nghiém cia phuong trinh (2).

- Véicidpso(4;-3),taco: VI =34+5(3)=12-15=-3=VP
Viy (4; -3) 1a nghiém cua phuong trinh (2).

6 - GBT TOAN S (tép hai)
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Nghiém tong quat cia phuong trinh 8x -y = 2 la:

JxeR

hoac (x; 3x  2)vdix e R
\y =3x -2

Duong thang biéu dién tap hop nghiem
cia phuong trinh 3x - y = 2 1a d6 thi cda
ham s6 y = 3x - 2.

Cho x = 0, tinh duge y = -2, ta xdc dinh 28
duge diém A(0; -2).

Cho x = 1, tinh dugc y = 1, ta xdc dinh duge diém B(1; 1). Vé dudng
thing AB.

Nghiém téng quét ciia phuong trinh x + 5y = 3 la:

xeR S
x 3 hoac (x;

3] véi x € R.

Duong thang biéu dién tap hgp nghigm cia phuong trinh x + 5y = 3 la

d6 thi cia ham s0 y = ~—;~ +-§—.

Cho x = -2, tinh dugc y = 1, ta xée dinh duge diém A(-2; 1).
Cho x = -7, tinh duoc y = 2','£]aL X4c &inii %d&c’ diém B(-7; 2).
Vé duong thing AB:

Nghiém téng quét cia
phuong trinh 4x - 3y = -1 la:

e 5 4x +1 .
4x +1 hoac (x;——:j—a—] véix € R
y

3
Duong thing biéu dién tap hop nghiém cua phuong trinh 4x - 3y = -1
14 45 thj cda ham 86’y = i’%—*—l.

Cho x = 2, tinh duge y = 3, ta x4c dinh dugc diém A(2; 3).

Chox:O,tinhdﬂgcy:%,taxécdinhdugcdiémB{O;%] Y N
3-

Ve duong thing AB.
Nghiém téng quat cia phuong trinh x + 5y = 0 la:

Nf=————mmmmmmme

1

x = -by : 3
hodc (-5y:; y) véiy € R

{YER ) b d / O
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Pudng thing biéu dién tdp hop nghiém
cia phuong trinh x + 5y = 0 la do thi

cia ham s x = -5y hayy:~§.

Cho x = 0, tinh dugc y = 0, ta xdc dinh duge diém O(0; 0).
Cho x = -5, tinh duge y = 1, ta xdac dinh duge diém A(-5; 1).

Vé dudng thing OA.
e) Nghiém téng quat cia phuong trinh 4x + Oy = 2 la:

i
=3 hoic [g;y] véiy € R.

yeR
Pudng thing biéu dién tdp hop nghiém cia phuong

trinh 4x + Oy = 2 1a do fhi cia ham sd x = %

f) Nghiém téng quat ctia phuongtrinh 0x + 2y = 5 la:

xe R 5
5 hoac (x;—-] véi x'e-R.
Y=§ 2

Puong thing bidu dién tap ﬁbp'ﬂéﬁiﬂéﬁ’n'c‘da phuong
trinh Ox + 2y = 5 laldé/thi‘cia ham'sd y = g

3. * Vé doan thing x + 2y = 4.

y
1
=3 X
y
Y
1
»
T
ol [+ 1 x
2
y
=2
25 (d)""‘z__
ol T «x

Cho x = 0, tinh duoc y = 2, ta xdc-dinh dugc diém A(0; 2).

Cho x = -2, tinh dugc y = 3,
ta x4dc dinh duge didm B(-2; 3).

Vé dudng thing AB.
Vé dudng thing x -y = 1.

Cho x = 0, tinh dugc y = -1, ta
xdc dinh duge diém C(0; -1).

Cho x = 1, tinh dugc y = 0, ta
x4c dinh duge diém D(1; 0).

Vé dudng thdng CD.

* Toa do giao diém hai dudng thdng (d,) va (dy) la (2; 1). Vi hai duong
thdng (d) va (dy) cdt nhau tai diém M ma M e (d;) va M ¢ (d,). Vay
diém M(2; 1) 1a diém chung cia hai dudng thang hay diém (2; 1) la

nghiém chung cda hai phuong trinh da cho.

8 - GBT TOAN 9 (tép hal)
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§2. HE HAT PHUONG TRINH BAC NHAT HAI AN

I. KIEN THUC CO BAN
1. Khai niém: Cho hai phuong trinh bac nhat hai an: ax + by =cvaa'x + by = ¢’
Khi doé, ta cé hé hai phuong trinh bac nhat hai an:

S

ax+by=c
L ;
ax+b'y=c¢

Néu hai phuong trinh cta hé c¢é nghiém chung (xo; yo) thi (xo; yo) goi la
mot nghiém cta hé (1).
Né&u hai phuong trinh khdng c6 nghiém chung thi ta noi hé (1) vd nghiém.
Tém lai: M6t hé phuong trinh bac nhat cé hai dn cé thé cé: mot
nghiém, v s6 nghiém hoc vd nghiém.
Giai hé phuang trinh la tim tat ca cac nghiém (tap hgp nghiém) cda no.
2. Minh hoa hinh hoc tap nghiém cuahé phuong trinh:;
Goi (d) la do thi clia ham sé ax +by = ¢
(d’) la do thi cia ham sé a’x + b'y = ¢’
Mot cach téng quat, taeénlBadsachmienbt
- Neéu (d) cat (d'), thi hé (1) co. mét nghiém duy nhat.
- N&u (d) song song v@i (d’) thi hé (1) vé nghiém.
Né&u (d) trang vdi (d’) thi hé (1) c6 vé s6 nghiém.
Do do, ta c6é thé doan nhan sé nghiém cla hé phuong trinh bac nhat hai
an (1) bdng céach xét vi tri tuong déi cla hai dudng thang ax + by = c va
a'x+b'y=c'.
3. Hé phuong trinh tuong du‘dngj:
Pinh nghia: Hai hé phuong trinh dugc goi la tuong dudng vdéi nhau néu
chung ¢¢ cung tap nghiém.
Ki higu: "e>"
4. MOt cach nhan biét khac vé s nghiém clia hé phuong trinh bac nhat co
hai 4n s&:
ax+by=c

Cho hé phuong trinh: (1)
a’x+b'y=c

, (dk:a,b,c,a’', b, c'=0)

- Neéu i = 5 thi (1) c6 nghiém duy nhat.
d
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- Néu — = b, # E— thi (1) vd nghiém.
a b c

_ NEu 2 =2 = ini) c6 vé s6 nghiém.
a b

I1. BAI TAP SACH GIAO KHOA
A. Bai tap mau
Hay xac dinh s6 nghiém cla cac hé phuong trinh sau. Minh hoa béng dé thi.

2x+y=3 b X+2y=3
3x-y=1" 2x+4y =1"

Gidi oy

a) * Xac dinh s6 nghiém cua ha:
2x+y=3 - 7 -2x + 3.(d)
3x~y=1 y=3x-1(d")
. Tacéa=-2#%3=a’' Suyra (d)cit(d).
Vay hé phuong trinh c¢6 mgt nghiém.
* Minh hoa bing db thi: fadsaehntiennk
- D6 thi ham sd 2x + y = 3 12 dudng thang :

*
)
di qua hai diém A(0; 3y va B[g;OJ 6\

- Db thi ham s6 3x — y = 1 la dudng thdng di qua hai diém C(1; 2) va
D(0; -1).

1 3

< ‘o‘e
— y.;-_-
L2X+4y 1 yz——l*x+l(d') \
4
\
—-—_'_
O

b

Il

bo | o

Tacba=a =-—-;b # — =Db'.

!
4

D | =

Suy ra (d) // (d").
Vay hé phuong trinh vé nghiém.
* Minh hoa bing dé thi:

~ D6 thi ham s x + 2y = 3 1a dudng thing di qua hai diém A(O;g—) va
B(3; 0).
10 - GBT T0AN 9 (tip hai)
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D4 thi ham sé 2x + 4y = 1 1a duong thing di qua hai diém C{%;O va

1
D[U,&-]. LY

o By = o Jy=x+ld) A1\B
’ x4y:1 y=-x+11(d" ~
0 1{_\"
! Q‘t\%

2 2 2
Tacba=a"=-1;b=b"=1. Suy ra (d) = (d").
Vay hé phuong trinh ¢6 vo s6 nghiém.

* Minh hoa bing dé thi: Do thi hai ham s6 x + y = 1 va -§+% =—é— déu di
qua hai diém A(0; 1) va B(1; 0).
B. Bai tap giao khoa can ban

4. Khdng can vé hinh hdy cho biét.s6-nghiém cla mbi hé phuong trinh sau
day va giai thich vi sao:

1
= —— X3 3X—y=3
=32 y=rghe 2y =-3
a){y- % b) A c{” SR R
=1 ynladdsaghnuenp hiBomPX - A
2
5. Doan nhan sé nghiém clua'cac heé phu:dng trinh 'sau bang hinh hoc:
D=y = p) —'4
) ex-y=1 : ) b) X+Yy
X -2y =-1 -x+y=1

6. D6. Ban Nga nhan xét: Hai hé phuong trinh bac nhat hai &n vé nghiém thi
luébn tuong duong vdi nhau.

Ban Phuong khéng dinh: Hai hé phudng trinh bac nhat hai &n cung co6 vo sd
nghiém thi ciing ludn tuong duong vdéi nhau.

Theo em, cac y kién dé dung hay sai? Vi sao? (cé thé cho mét vi du minh
hoa bing do thi).

Gjidi
y=3-2x (d)

4. a) Véi hé phuong trinh:
y=3x-1(d")

Ta c6: a'-z _2} =Sa#al.
a =

GBT TOAN 9 (tdp hai) - 1 1
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Vi hai dugng thing cia hai phuong trinh da cho trong hé phuong trinh
l1a hai duong thing c6 hé sd géc khac nhau nén chiang cidt nhau tai mot
di@m duy nhAt.

Vay hé phuong trinh ¢6 mét nghiém.
X + 3 (d)

y =
b) Végi hé phuong trinh

y=-—x+1(d"

m]r—*mr—'

Tacé:a:a'=~%véb=3¢1=b’.

Vi hai dudng thang cua hai phuong trinh da cho trong hé phuong trinh
l1a hai duong thing khdc nhau va c6 cung hé sé géc nén ching song
song véi nhau. Vay hé phuong trinh vé nghiém.

— R
2y =~3 7" g )
¢) Ta c6: y xe.::> “ va - = a=za'.
3y = 2x 2 .
y = —[% a'=—
3 3

Vi hai dudng thing cua hai phuong'trinh da cho trong hé phuong trinh
12 hai duong thiang c6 hé so goc }(hac nhau nén chiang cat nhau tai mét
diém duy nhat. DAL LENY

Vay hé phuong trinh c6 mét nghiém.

3z ~¥=\ {y=3x—3(d)
=

d) Ta cé 1
x--§y=1 y=3x-3(d")

Vi hai dudng thing cia hai phuong trinh da cho trong hé phuong trinh
1a trung nhau. Vay hé phuong trinh ¢6 v6 sé nghiém.

y=2x-1(d)

5. a) {2x—y=1

= 1 1 .,
x -2y =-1 y:—éx+§(d)

Ta lan luot vé (d) va (d') trén cung mdt hé toa dj vuéng géc Oxy.
Ved)ry=2x -1

Cho x = 0, tinh dugc y = -1, ta x4c dinh duoe diém A(0; -1).

Cho x = 1, tinh duge y = 1, ta x4c dinh duge diém B(1; 1).

Néi A véi B, ta duoc (d).

1 1
Ve(d')y= — —.
Y= 9%y
12 - GBT TOAN 3 (tép hai)
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Cho x = 0, tinh duge y = % ta x4c dinh duge diém C(O; :‘IZJ

Cho x = 1, tinh duge y = 1, ta xac dinh duoe diém B(1; 1).
N6i C véi B, ta duge (d).
Nhan xét: Hai dudng thang (d) va (d’) cat
nhau tai mot diém. Vay hé phuong trinh cé
mot nghiém: (x; y) = (1; 1).
ty=4 =9
2x +y o 1Y x+4 ()
~x+y=1 y=x+1 (d9

Ta lan luogt vé (d) va (d') trén cing mot hé toa do vuéng géc Oxy.
Vé (d): y = -2x + 4.

Cho x = 0, tinh dugc y = 4, ta xac dinh dugc diém A(0; 4).
Cho x = 1, tinh duge y = 2, ta x4c dinh dugc didm B(1; 2).
N&i A véi B, ta duge (d).

Ve(d):y=x+ 1.

<

4\ A

Cho x = 0, tinh duge y = 1, ta 2
xdc dinh duge diém C(0; 1). 1
Cho x = 1, tinh dugec y = 2, ta -1/
xdc dinh duoc didm B(1} 2y dcatiinmiennt 0

3

Néi C véi B, ta duge (d'). ,
Nhéin xét: hai dudng thang (d) va (d') cdt nhau tai mét diém. Vay he
phuong trinh ¢6 mot nghiém (1; 2).

Y kién cta ban Nga la ding: Hai hé phuong trinh bac nhat hai 4n sé
v6 nghiém thi luén tuong duong véi nhau:

Vi theo dinh nghia (hé phuong trinh tuong duong). Hai hé phuong
trinh duge goi l1a tuong duong néu moi nghiém ctia hé nay déu la
nghiém cia hé kia va nguoc lai. Do d6, hai hé phuong trinh cung vé
nghiém c6 nghia 1a ching ciing c6 tdp nghiém bing &.

b) Y kién cia ban Phuong 1a khong diing vi hai phuong trinh bac nh4t hai

dn cung c6 vd sd nghiém, nhung tap hgp nghiém cia ching khong luén
luén trung nhau.

x-y=0
X=y
c6 vé so nghiém s&, nhung tap hop nghiém cda hé (II) duge biéu dién
bgi dudng thing y = —x.

Hai dudng thing nay la khac nhau nén hai hé (I) va (II) khong tuong
duong.

2x+2y =0
G

Vi du: Cho hai hé phuong trinh (I) { va (IT) { déu
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Luyén tap
Cho hai phuong trinh 2x + y =4 va 3x + 2y = 5.
a) Tim nghiém téng quéat ctia méi phuong trinh trén.
b) V& cac dudng thdng biéu dién tap nghiém cha hai phuong trinh trong
cung moét hé toa do, rbi xac dinh nghiém chung cta chung.

- =2

Cho cac hé phuong trinh sau: a) K= : b) =S
2x-y=3 2y =4

Trudc hét, hdy doan nhan s nghiém cta mdi hé phuong trinh trén (giai
thich rd li do). Sau do, tim tap nghiém cla cac hé da cho bang cach vé hinh.

Doan nhan s8 nghiém ciia mdi hé phuong trinh sau, gidi thich vi sac:

4 X+y=2 b) 3x -2y =1
3x+3y=2" —6x+4y=0
Doan nhan s6 nghiém cta mdi hé phuong trinh sau, giai thich vi sao:
1 2
4x -4y =2 —X-V=—
. {—2x+; *—~1: DA€ ’ 5
y= X3y =2

Né&u tim thdy hai nghiém phan biét cia mot hé phuong trinh bac nhét hai
4n (nghia la hai nghiémdlge biéoldién: bidi haidiém phan biét) thi ta co
thé néi gi vé s6 nghiém cla hé phuong trinh d6? Vi sao?

Gidi
a) * Ta cé: 2x+y=4¢:>y=—2x+4c>x=—éy+2
Do d6, phuong trinh ¢é nghiém t8ng quat nhu sau:

{xeR x:-ly+2

» hodc 2
y=-2x+4 vyeR

* Tuong tu v6i phuong trinh 3x + 2y = 5.

. 3 5 2 5
Ta cé: 3x+2y=5¢:~y=—§x+—2—¢bx=—§y+§.
Do d6, phuong trinh ¢6 nghiém tdng quat nhu sau:
xeR 2 5
3 5 hotc{ “3Y*3
Y= yeR
GBT TOAN 9 (tép hal)
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Vi do thi cac ham so:
Ham s6 2x +y = 4 (d)
Cho x = 0, tinh dugc y = 4. Ta x4c dinh duge diém A(0; 4).
Choy = 0, tinh dugc x = 2. Ta x4c dinh duge diém B(2; 0).
Néi A v6i B ta duge do thi ham sé.
Himsd 3x + 2y =5

Cho x = 1, tinh dugc y = 1. Ta
xac dinh duge diém C(1; 1).

Cho x = 3, tinh duge y = -2. Ta
x4dc dinh duge diém D(3; -2).

Néi C véi D ta duge do thi ham sé.
Vé do thi: Ta cé (d) cat (d') tai
diém D c6 toa do (3; -2). Vay
nghiém chung cia hé phuong
trinh la: (x = 3; y = -2).

M3i hé phuong trinh c6 mét nghidm duy nhat vi trong mdi hé, mot
trong hai dé thi 12 dudng thing song song véi truc toa do, cdon dd thi
kia ]a duong thing khéng song song v6i mot truc toa dé nao ca.

Kiém tra bang hinhvé: 15 1dcachmienn i
e A : X =2
DPéi vé1 hé phuong trinh: ;
2X=y='3

A

D4 thi ham s6 x = 2 1a dudng thing

x

hoarh tai diém (2; 0).

P4 thi ham s6 2x — y = 3 1a mét
duong thing di qua hai diém (0; -3)

va (2; 1). -3
Hai dudng thing cdt nhau tai diém c6 toa dd (2; 1). /
Vay hé phuong trinh ¢6 mot nghiém (x = 2; y = 1).
X+3y =2 - {x+3y=2

Hé phuong trinh:
ép g {Qy )

y=2
P4 thi ham s6 y = 2 la mot
dudng thing song song véi truc
hoarh va cdt truc tung tai
diém (0; 2).
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Do thi ham s6 x + 3y = 2 1a mét duong thang di qua hai diém (-1 )
va (2; 0).

Hai dudng thing cdt nhau tai diém c6 toa do (-4; 2).
Vay hé phuong trinh ¢6 mot nghiém (x = -4; y = 2).

* Hai hé phuong trinh trén déu vo nghiém vi hai dudng thang biéu dimn
cac tap hop nghiém cua hai phuong trinh trong hé la song song vii
nhau.

* Chdng minh:

X+y=2(d) 1

3x +y3y =(2 @ 3

3x -2y =1(d,) " 3 _-2(
4

a) Hé{ =~;-¢_§". Vay (d) / (d).

b) Heé c
-6x +4y =0 (d,) -6

1
= ‘5} Vay (d,) // (dy).
Hai hé phuong trinh trén déu ¢6 vé s6 nghiém s6, vi hai dueng thag
biéu dién cdc tdp hgp nghiém cda hai phuong trinh trong moi hé a
trung nhau.
* Ching minh:

gy {2 FPR) o AT 2 oy TN trang vl (6%
-2x + 2y = -1 (d") -2 [Bw= -1
Badsachmiennt
1 2
1 2 "
b) -éx—y_ 3 (@) co %=—_§1~¥%(= -:13—). Vay (d,) trung vadi (dy).
x-3y=2(d,) =

Né&u tim thdy hai nghiém phan biét cda mot hé hai phuong trinh lac
nhat hai an thi ta két ludn rang hé hai phuong trinh cé vé s6 nghiérm &,
Vi hé ¢6 hai nghiém phan biét ¢6 nghia 1a hai dudng thing bidu dién up
hop nghiém cia ching déu c¢6 hai diém chung phan biét. Suy ra lai
dudng thdng d6 trung nhau.
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$3. GIAI HE PHUONG TRINH
BANG PHUONG PHAP THE

1. KIEN THUC CO BAN

1. Phuong phap chung:
Budc 1: Bién déi hé phuong trinh da cho (t¢ mot phuong trinh ta biéu
dién mot &n theo &n kia rdi thé vao phuong trinh thd hai) dé€ dugc mot hé
phugng trinh mdi, trong dé c6 mét phuong trinh mét an.
Budc 2: Giai phuong trinh mét &n via cé, thé vao phuong trinh con lai, réi
suy ra nghiém cla hé.

2. Chu y: Né&u trong qua trinh giai hé phudng trinh bang phudng phéap thé, ta
thdy xudt hién phuong trinh cé cdc hé sd cla hai &n déu bang 0 thi hé
phuong trinh da cho ¢6 thé cd v s6 nghiém hodc vé nghiém.

I1. BAI TAP SACH GIAO KHOA
Giai cac hé phuong trinh sau bang phuong phap thé:

X-y=38 X=3%.=5 X+3y=-2
12. a : ~b) s 1 WiF c
) {3)(—43{:2 ok L&Iw-é 720 ) {Sx#4y=11
-2y=11 —1Z
13, m{sx o b).{2 3
Tl 5x -8y =3
x +yy5 =0 (2-3)x-3y=2+5y3
14. a) 5 X b)
xfﬁ+3y=1—£ 4x+y=4—2~/§
Gidi

12. 9 X Y3 D
3x - 4y = 2 (2)

Tu(l) > y=x-3 (3)

Thé (3) vao (2), ta duge:
3x-4x-3)=2©3x-4x+12=2-x=-10=x=10

Thé x = 10 vao (3), ta duge: y =10 -3 = 7.

Vay nghiém cda hé phuong trinh la (10; 7).

[7x -3y =5@1) e meepc—EE

| 14){ &l = 2 (2) ]I PAIHOC wuu(... irm

} TRUNG TAMLTHONG TIN U VI
|

|

T

ron éogek https: //mmé-‘a%wmm—“
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T (2) suyray = 2 - 4x (3).
Thay (3) vao (1):

X -3(2-4X)=5T7Xx-6+12x=5 = 19x =11 &> x = };

Thé x = 11 vao (3), ta duge: y = 2 - 4. il =2~ o =~P—.
19 19 19 19
Vay nghiém cta hé phuong trinh la L.
1y ng ¢ phudng 19° 19
& x+3y =-2(1)
5x -4y =11 (2)
Tu (1) suy ra x = -3y — 2 (3).
Thé& (3) vao (2), ta Cugc:
8(-3y -2)-4y = 1. &£~15y - 10 - 4y = <> -19y = 21 wy:--—?;.
Thay y=-2> Ao@) tacs{d | -2 | _NE _5. 25
19 19 19 19
21
Vay nghiém ciia hé phuong trinh lﬁg[‘l J }
- =11 (1
13. a) 3x -2y =11 (1)
4x - 5y = 3 (2)
Tu(l)suyra2y =3x-11 oy = ¥E-20 (3)
Thé (3) vao (2), ta duge: 4x - 5. (3)&;11) 23
& 8x - 15x% + 55 = 6 (Quy déng miu thie hai vé)
& -Tx=-49x=17.
ThE x = 7 o (), badibe. y = 3'72‘ L 2-1—25 5.
Vay nghiém cia hé phuong trinh la (7; 5).
X y '
o
b {2730 @

5x -8y =3 (2)
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\ X |y 2y .
Tu(l)suyra — == +1 >3 x= ==+ 2 (3)
2 3 3

s \
Thé (3) vao (2), ta dudc: 5{?’. i.zj -8y =3¢ 1_23.’_+ 10 - 8y = 3

<> 10y + 30 - 24y = 9 (Quy dong mau s6 ¢ hai vé)
21 3
gy =l4y = -2]1 D y= —m—
4 7 14 2
2.3

Thé y = g— vao (3), ta dugc: x = —ég-+ 2=3

Vay nghiém cua hé phuong trinh la (3; %).

x +yV5 =0 (1)

x\/g+3y:1—\/g (2)

Tir (1) suy ra x = 475 (3)
Thé (3) vao (2), ta dugc:

a)

1-V5  65-1

—y\[5_.\/g +3y=1- Jg o -29pEn] _o\h &Sy = = = s

Badeathntiennt 2 2
J5 W
2

2 [H\/g~l}.\/g . 5-2JF_>= \/52—5

Thée y = vaoo(3),ota duge:

2

Vay nghiém cia hé phuong trinh la: {

JE—S;\E-I]_
2 2

2-V3)x-3y =2+5V3 (1)
Ax+y=4-23 (2)

TU(Z)suyray=—4x+4—2J§ (3)
Thay (3) vao (1), ta dugc:
(2- V3)x-3(-4x+4-2Y3)=2+ 5J3
& (2-Y3)x+12x-12+6v3=2+ 53
& (2-3 +12x=2+5J3 +12-643
& (14-V3x=14-3 ox=1
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Thé x = 1 vao (3), taduge: y = 4.1 +4 - 2y3 = -243

Vay nghiém cda hé phuong trinh la (1; -2 \[3_ ).

Luyén tap
T : x+3y=1 W oo
15. Gidi hé phudng trinh: ) trong méi trudng hgp sau:
(@ +1)x + 6y = 2a
a)a=-1; b) a = 0, c)a=1.
Gidi cac hé phuong trinh sau bang phuong phap thé (cac bai 16 va bai 17):
3x-y=5 3x+5y =1 L.
16, ay {7 7~ S babkhad c)ly 3
5x +2y =23 2x-y=-8 _
x+y-10=0
V2 - y/3 =1 x - 272y = \/5 (2 - 1)x-y =2
1T @) 5 b) : C)
x+yy3 =2 xv2 +y=1=10 X+ (V2 + 1)y =1
o . . 2 ~ o = _4 &
18. a) Xac dinh cac hé sb a va b, bietrang hé phudng trinh: Ex oy 5 co

nghiém la (1; -2).
b) Clng héi nhu vay) néu hé, phyong,teinh eonghiém la: (\/E -1; \f2 )?

19. Biét rang: Pa thic P(x) chia hét cho da thdc x - a khi va chi khi P(a) = 0.
Hay tim cdc gid tri cdla’'m VA n'sac'cho"da thiic'sau déng thai chia hét cho
Xx+1vax-3:

P(x) = mx® + (m - 2)x? - (3n - 5)x - 4n.

Gidi
15. a) Thé a = -1 vao hé phuong trinh, roi gidi:
x+3y=1 : =1
Tacé { y o Xt 3y (1)
[(-1)® + 1]x + 6y = 2(-1) 2x + By = -2 (2)

Tu (1) suyrax =1 - 3y (3)
Thé (3) vao (2), ta dugc:
21-3y)+6y=-2 < 2-6y+6y=-2
<> 0y = -4, Phuong trinh v6 nghiém,
Vay hé phuong trinh v6 nghiém.
b) Thé a = 0 vao hé phuong trinh, roi giai:
x+3y =1 c}{x+3y=1(l}

Ta cé:
(O+1)x+6y =2.0 x +6y =0 (2)
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Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Tu (2) suy ra x = -6y (3)
Thay (3) vao (1), tarduge: -6y + 3y =1¢> -3y=1¢>y = -

Thay y = - 313— vao (3), ta dugc: x = *6[—%) —

Vay nghiém cia hé phuong trinh la (x = 2; y = -

¢c) Thay a = 1 vao hé phuong trinh, roi giai:
x+3y=1 [x+3y:1 (1)
o

Ta ¢6: 5
(1° +1)x + 6y = 2.1 2x + 6y =2 (2)

Tu(l)suyrax=1 -3y (3)

Thay (3) vao (2), ta duoc: 2(1 - 3y)+6y=2<2-6y+6y=2<0y=0

Phuong trinh ¢6 vé sé nghiém sé.

Vay hé phuong trinh ¢6 vo sd nghiémduge tinh theo cong thic: {x = ; -3y
ye€
Bx -V = 5 1)
16. a) y (
5x + 2y = 23 (2)
Tir (1) suy ra y = $9WBEFdSAENTIENRE

Thé (3) vao (2), ta,dugc:
5% + 2(3x - ) =23.=.0X+.6x.-10=23 < 11x =33 & x = 3.
Thé x = 3 vao (3) ta dugc: y =3.3 -5 =4,
Vay nghiém cta hé phuong trinh la (3; 4).
3x+5y=1(1)
2x —y = -8 (2)

b)

Tu (2) suy ray = 2x + 8 (3)

Thé€ (3) vao (1), ta dugc:
3x+5(2x+8)=13x+10x+40=1<13x=-39 & x=-3

Thé x = -3 vao (3) taduge: y = 2(-3) + 8 = 2

Vaiy nghiém cia hé phuong trinh 1a (-3; 2).

22 1)

¢c) iy 3
x+y-10=0(2)
; 2
Tu (1) suy ra x = Ey (3)
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Thé (3) vao (2), ta dudc:

2
“3‘)’+Y-10=0c>2y+3y=30c>5y:30c3y:6_

Thé y = 6 vao (3) ta duge: x = %.6 =4,

Vay nghiém cta hé phuong trinh la (4; 6).

: xV2 - yy/3 =1 (1)

x+y\/§:\r§ (2)
Tu (2) suyrax:—y\/g + \/5 (3)
Thé (3) vao (1), ta dugec:
(—.Y\E + \/5)\/5 -yv3 =1¢b—y\/§-\/§ +2~ys/§=1
1 _V2-1
V32 +1) J3

. V2 -1
Thé y = vao (3) ta duge:— x = - Jg - \fi
75 e

fadsachmi® "‘rr,‘r‘E 1+ \E = L.

42 1
V3

¢>-\/§(\[§+ l)yE-~T o y=

Vay nghiém cia hé phuong trinh la (1; ).

" {x —2fey=vy5 @

X 2+y=l—\[ﬁ (2)

Tt (1) suy rax = 2V2 y + V5 (3)
Thé (3) vao (2), ta dugc:

@2y + J5).42 +y=1—ﬁ6<:>4y_+\/ﬁ+y=1_\f]_6
=4 5y=1-\/1—0 —Jch:-5y=1-—2\/1—0. oSy = 1—2\/1_0_

5

Thé y vifa tim dugc vao (3) ta c6: x:gﬁ_[l-i\[l_d]+ 5

L. 22-3J6

5

22 - 3.5 1—2\55}
g .

Vay nghiém cia hé phuong trinh la: ( s
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W2 -Dx-y=v2 (1)
x+(2+Dy=1 (2

Tu(l)suyray = (J2 1x - V2 (3)
Thé (3) vao (2), ta duge:

x+(\/§+1}[(\@ -1)x - \/5]=1
o x4+ (J§+1)(J§—1)x-J§(J§+1) =1

& X+X*2*\/E:1<:>2x=3+\[§¢>x:3+2‘5
Thay x = 3+2J§ vao (3), t,aduqc:y=(ﬁ = 1)_[3+2‘/§] - JE =_%
Vay nghiém cda hé phuong trinh lél(3+2\/§;——;-)_

Vi hé phuong trinh c6 nghiém(1;/-2) nén thay x = 1, y = -2 vao hé,
ta duoc:

2.1+b(-2)=-4 2-2b=-4 -2b = -6
&S o
1.b--a(—2)=—5}JL,\2}?1-]1%:':75 2a+b=-5

b =3 b58
&> - <>
2a+3=-5 a=-4

Vay khi hé phuong trinh ¢é nghiém: (1; -2) thia = -4; b = 3.

Vix = \/5 -1y = JE 12 nghiém cia hé phuong trinh, nén khi thay
X, y vao hé, ta duogc:

22 - 1) + bv2 = -4 (1)
2 -1)b-av2 = -5 (2)

Tir(l)suyra2\/§ +—2+b\/§ =-4b=

il@:—(2+ﬁ).
J2

Thé b = ~(2 + Y2 ) vao (2) ta duge:
V2 + 12+ V2)-ay2 =5o-J2 -aJ2 =5 "2+5“f
Vaya= — N2 ‘2+5‘/_ + V2).
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19. Ap dung diéu kién da cho & dé bai, ta c6:

1. KIEN THUC CO BAN

- P(x) chiahétchox +1=x-(-1)
oSP-1)=-m+(m-2)+3Bn-5)-4n=0-T-n=0 (1)
- P(x) chia hét cho x - 3
< PB)=2"Tm +9(m-2)-3Bn-5)-4n=0 ©36m-13n=3 (2)
Tir (1) va (2) ta ¢6 hé phuong trinh 4n 1A m va n;

-7-n=0 =y
36m-13n=3  |m=-22
9
Vayn——?vam-—%z-.

84, GIAI HE PHUONG TRINH
BANG PHUGONG PHAP CONG PAI SO

gadsachntiennt

Phuong phap chung:

Budc 1: Nhan hai v€ ciia méi phuong trinh v8i mét s6 thich hgp (néu
can) sao cho cac hé sd clla mdt 4n ndo do trong trong hai phUdng trinh
cGia né bang hoac déi nhau.

Budc 2: Ap dung quy tac cdng dai s6 dé duge hé phuadng trinh mdi, trong
dé ¢c6 mot phuang trinh ma hé sé clia moét trong hai &n bang 0 (tuc la
phuong trinh mét &n)

Budc 3: Gidi phuong trinh mét 4n vua thu dugc, rdi suy ra nghiém cla hé
da cho.

Il. BAI TAP SACH GIAO KHOA
Gidi cac hé phuong trinh sau bang phuong phap cdng dai sé:

20. a) 3x+y=3 b) 2x+5y=8

' 2x-y=7" Ox-3y=0"
4x+3y=6 d) 2x +3y =-2 e) 0,3x+0,5y =3
2x+y=4 ' 3x-2y=-3° 15x -2y =15
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L ]
5x\[5+'y:2\/§

X\E =3y=1
21. a) g b) - . .
2x + y\J2 = -2 |6 —y2 =2
gidi
20. a) (1) XY =3
2% -y =17 (2)

Cong (1) va (2) vé theo vé, ta dugc:

bx =10 Xe 2 R
(I) & & IS
B =y=17 22-y=17 y =-3

Vay (2; -3) la nghiém cua hé phuong trinh.

=8 (I
b) (II) 2x + by =8 (1)
2% - 3y = 0 (2)
Tri (1) cho (2) vé& theo vé&, ta duge:
, .3
(I1) & 8y =8 & v3,1 N x—2
2x -3y =0 2AxH 3.1=0 v =1

Vay (E ; 1) 12 nghiém cida hé phuong trinh.
2 s ECIn
‘}-lL‘ﬁ‘ I ].E "JT
4x +3y =6 (1)

¢) (IID) {
2x+y =4 (2)

4x+3y=6 (1)

Nhén phuong trinh (2) vgi -3, ta duge: (III) <
—6x - 3y = -12 (3)

Cong (1) va (3) v& theo v&, ta duoc:
-2x = -6 (4) =g ¥ =3
o &>
{4x+3y=6(1) {4.3+ 3y =6 {y=-2
Vay (3; -2) 12 nghiém cta hé phuong trinh.

4 v 2x +3y =-2 (1)
3x -2y =-3 (2)

Nhéan phuong trinh (1) v6i -3 va phuong trinh (2) véi 2, ta duge hé
-6x ~ 9y =6 (3)

tuong duong: (IV) <
e {6:{ -4y = -6 (4)

» # _13 - 0 5 - 0
Cong vé theo vé, ta duge hé tuong duong: { y () - {y

2x +3y =-2 (1) x=-1
Vay (-1; 0) 1a nghiém cia hé phuong trinh.
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&) (V) o (-5)‘0,3“0,53; =3() _ {—1,5){—2,53; = = J5(T9

1) |1,5x -2y =1,5 (2) 1,5x -2y =1,5  (2)

_-4!5}’ :_"13:5 (3) y ";3 x:ﬁ
= < =
0,3x + 0,5y =3 (1) 0,3x +0,5.3=3 y=3
Vay (5; 3) la nghiém cia hé phuong trinh.
(J_}{xf 3y=1 (1) {2x+3fy__J§

21.
(1) 2x+yf_-2(2) 2x+y\/____

Lly-—er@ _ T T d
x\/_ 3y=1 (1) 3 2

- Vay nghiém cua hé la: [z+_-;-——~ :

by (V2 ){5xf ry=22 ) _[68+yf2=4@)

D) [xV6-yV2=2 (2 LxJE-—y 2-2 (2)

1

:.‘.L,,-!llj—é( i x___JE

ouon 0. < 9
.x\}’-_y-\l S200) ) 1

Vay nghiém ctGa hé la [

53]
Luyén tap

22. Gidi cac hé phuong trinh sau day bang phudng phap céng dai sé:

3Ix-2y =10

' c) 2 E
-4x+6y=5 X——y=3—
y SY 33

(14 y2)x +(1-y2)y = 5
(1+V2)x+ (1¢2)y =3

5 ..5x+2y=4: b) 2x-3y =11
6x -3y =-7

23. Gidi hé phuong trinh sau: {

24. Giai cac hé phuong trinh:

q) 12X +Y)+3(x-y) =4 b) {2(x-2)+3(1+y)=.-
(X+y)+2(x-y)=5 3(x-2)-2(1+y) = -
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25. Ta biét rang: M4t da thuc bang da thdc 0 khi va chi khi tat ca cac hé sé
cla n6 bang 0. Hay tim cac gia tri cla m va n dé da thdc sau (vdi bién sé
x) bang da thuc 0:

P(x) = (3m - 5n + 1)x + (4m - n - 10).

26. Xac dinh a va b dé do thi ciia ham sé y = ax + b di qua hai diém A va B
trong mai truéng hgp sau:

a) A(2; -2) va B(~1: 3): b) A(-4: —2) va B(2: 1):
c) A(3; -1) va B(-3; 2); d) A(V/3: 2) va B(0: 2).

27. Bang cach d&t an phy (theo hudng dan), dua céc hé phuong trinh sau vé
dang hé hai phudng trinh bac nhat hai an rdi giai:

11
e 1 1
a) 1 * Y Hudng dan: Patu= —,v= —;
3 4 X y
—+4+—=5
Xy
'_1_54”*1—1:2 1 1
b) <x— = Hudng dan: Patu = V= ——.,
2 3 L/ X-2 y-—1
x-2 y-1
Sadsachniennk
djidi
92, (3)|-5x+2y =4 (1) s ~15x +B6y' =12
(2) |6x -3y = -7 (2) 12x -6y = -14
x*g ng-
Q{*szz_z 4 (1 = 23 = ?1
R — -5.=+2y =4 y=—
3
Vay nghiém cia hé la {x 2 ;;y = %J
b) (2) [2x -3y =11 (1) - 4x — 6y = 22 - 4x — By = 22 Iy —
-4x + 6y =5 (2) —-4x+6y =5 Ox + Oy = 27

Phuong trinh nay vé nghiém. Vay hé da cho vé nghiém.

3x -2y =10 (1) {

¢) 9 = 0x+0y=0

- Lo x-2y=10 {0x+0y=0
R

-3x +2y = -10 3x-2y=10

Phuong trinh ndy cé vd sd ﬁghiem. Véy hé da cho c6 vd s& nghiém
théa 3x — 2y = 10.
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1L+V2)x +1-2)y =5 (1)
23.
(1+J§)x+(1+~[§}y=3(2)
Tru (1) cho (2) vé theo V&, ta ¢é:
A-y2ly-(1+V2ly=2e1-V2-(1+V2)ly=2

o (1-\2-1-2)-20 2/2y=2cy=-—2 --32
2.2 2
Thayy:—%a- vao (1), ta dugc:
(1+ ﬁ)x+{1+ @}_(-%):5@(1+ \/Q)x+1— ;/22_ =&

<:>(1+~./§)x=4+

\/5_8+\/§
i

2
8+V2 _ (B+2)1-v2) _ -6+TV2
21 +v2) 201 + y2)a—/2) 2

'—6+7\/§__\/E)
2 AT

— X =

Vay nghiém cia hé phuong trinh 1a: (

2x+y)+3(x-y)=4 2x +2y+3x-3y =4 5x -y =4 Q1)
24. a) g | o 4 &
(x+y)+2(x~y) cBVnba x+‘§|+12§(u2y=5 3x -y =5(2)

Trit (1) cho (2) v& theovE, ta dagc 2x =116 x = —%.

Thé x = . vao (2) ta dugc: 3(—l) -y=5oy= _lﬁ_
2 2 2
. " . 1 13

VAay nghiém cua hé phuong trinh 13 (x = & Yy = = ).

b) {2(x—2)+3(1+y)=-2 - {2:{-—4 +3+3y=-2(Q) - {4:{ + 6y = -2 (1’
Ax-2)-21+y)=-3 3x-6-2-2y=-3(2) 9x — 6y =15 (2'
Cong (1') va (2') vé theo v€, tac6: 13x = 13 & x = 1.
Thé x =1vao (1),taduge: 2+3y=-1&y=-1.
Viy nghiém ctGa hé phuong trinh la-(1; -1).
25. Theo dé bai ta cé6:
3m-5n+1=0

Px)=0 &
4m-n-10=0

a5 3m-5n=-1(1) . 3m-5n = -1 ")
(-5) |4m -n =10 (2) -20m + bn = -50 (2)
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Cong (1') va (2') vé theo vé, ta dugc: -17m = -51 <> m = 3.

Thay m = 3 vao (2), ta duge: 4.3 - n =10 <> n = 2.
Yay P(x) =0 khin=2 vam = 3.

26. 2

d

27. a

D6 thi ham sy = ax + b di qua diém A(2; -2) va B(-1; 3) khi toa dé
-2=2a+b (1)

diem A va B nghiém dung phuong trinh trén, nghia la:
3=-a+b (2)

Lay (1) trir (2) vé theo vé, ta duge: 3a = -5 <> a = - %

Thay a = —é vao (1), ta duge: -2 = 2(—§)+ beo b= ;4—

3 3 3
Do thi ham s6 y = ax + b di qua hai diém A(-4; -2) va B(2; 1) khi toa do
-2=-4a+b(1)

diém A va B nghiém dung phuong trinh trén, nghia la:
i ghie g phuong . [1=?a+b @

Lay (1) trir (2) vé theo vé, ta duge: +3 = -6a < a =

B | =

Thay a = % vao (2), ta dugc: 1.=2. —;—+b<:>b=0.

-1=3a+b

Li luan tuong tu nhif'eau ‘a)hoac! b))t 66 e phiong trinh: {2 i
=-3a+

Gidi hé phuong trinh.-ta.dugc..a.= ——;-; h= L

2=a\/§+b

Tuong tu, ta c6 hé phuong trinh: l2 .

Gidi hé phuong trinh, ta duge: a = 0; b = 2.

1 1 t.houm
PDatu= —;v=—.() * z
o y 3+~—:5(2)
X y

Thay vao phuong trinh (1) va (2) cia hé, ta dugc hé s6 méi vé6i 4n u
va v. Ta c6:

@) u-v=1 (3 {4u~4v=4(5)

(D e e
Su+4v =5 (4) 3u+4v =5 (6)

; . 9
Cong (5) va (6) vé theo vé, ta dugc Tu=9 < u = =
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Mﬁu:lnénle=
X u

Thay u = % vao (3), ta dugc:

2—v=1c::»v:~s—) -1= Zmév:—l— Y Y = l~_- Z

T 7 7 y v 2

s 2 : 7 7

Vay nghiém cua hé phuong trinh la (5; 5)-
12+ 11:2{1) 1 1
by an % 7 Patu= —,v= —.
-—2_-1(2 * &
x-2 y-1

Thay vao phuong trinh (1) va (2) cia hé, ta duge hé méi véi &n 12 u v
v la:

@B)lu+v=2 @B > 3u +3v =6 (5)
2u-3v=1(4) 2u-3v =1 (6)

Cong (5) va (6) vé theo vé, ta dugc: 5Su=7 o u = %
gadsachniennt

Mau= . nénx:E
X -2 7

Thay u = Z\12‘1()(3),taduﬂ:_:!c: Z+v=2<::>v=2— i = E
5 5 5 5

Mav= : nény:ﬁ
y~1 3

Vay nghiém ctia hé phuong trinh la (—172; -g
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§85. GIAI BAI TOAN BANG CACH
LAP HE PHUONG TRINH

1. KIEN THUC CO BAN

Cac budc gidi toan bang cach lap hé phuong trinh:

il
A.

Budc 1: Lap hé phuong trinh.

- Cho hai 8n va dat diéu kién thich hgp cho cac an.

- Biéu dién céc dai lugng chua biét theo &n va cac dai lugng da biét.
- Lap hé phuang trinh biéu thi méi quan hé gitta cac dai lugng.

Budc 2: Giai hé phuong trinh.

Budc 3: Két ludn nghiém cla hé phuaong trinh (cé ddi chiéu véi cac diéu
kién dat ra cho cac &n).

BAI TAP SACH GIAO KHOA
Bai tdp mau
T8ng cha chl s& hang don vi va hai lan ch s6 ¢ hang chuc cia mot sé co

hai chil s6 1a 10. Néu d&i chd chil sdhang ehucva hang don vi cho nhau thi sé
dudc s6 mdi nho hon s6 ban dau 18 don vi. Tim s6 cé hai chi sé doé.

B.

Gidi

Goi s8 c6 hai chd sd 1a ab = 10a + b.

Piéu kién: a,be N, 1<a<9;0<b <9.

Theo dé bai ta c6: 2a + b = 10.

Khi d6i ché chit s6 hang chuc va hang don vi cho nhau, ta dugc s6 méi la
E; = 10b + a.

Theo dé bai tacé: 10a+b - (10b+a)=18«<>9a-9b=18 < a-b =2

2a+b =10

Ta c6 hé phuong trinh:
a-b=2
Gidi hé phuong trinh ta duge: a =4; b = 2.

S6a=4vab=21acédc sd tu nhién théa man diéu kién cda dé bai. Vay s¢
phai tim la 42.

Bai tp gido khoa cdn ban

28. Tim hai sé tu nhién, biét rdng tdng clia chung bang 1006 va néu lay s6 I6n

chia cho sé nhd thi dugc thuong 1a 2 va s6 du la 124,
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Giai bai toan ¢8 sau:
Quyt, cam mudi bdy qua tuoi
Dem chia cho mét trdm ngudi cang vui.
Chia ba méi qua quyt réi
Con cam mdéi qua chia mudi via xinh.
Tram ngudgi, tram miéng ngot lanh.
Quyt, cam méi loai tinh ranh 1a bao?
Mot 6t di th A va dy dinh dén B Itic 12 gid trua. Néu xe chay vdi van toc
35km/h thi sé dén B cham 2 gid so vdi dy dinh. Néu xe chay véi van téc
50km/h thi sé dén B sém 1 gid so vdi du dinh. Tinh do dai quang duong
AB va thdi diém xudt phat cia 6t6 tai A.
Tinh d6 dai hai canh géc vudng clia mét tam giac vudng, biét rarg néu
tang méi canh 1én 3cm thi dién tich tam giac dé sé tang thém 36¢cm?, va
néu moét canh gidm di 2cm, canh kia gidm di 4cm thi dién tich cta tam
giac gidm di 26cm?.

Hai voi nudc cung chay vao moét bé can (khdng cé nudc) thi sau 4% gid
ddy bé. Néu Itic diu chl md voithi-nhat va 9 gid sau mdi md them ,oi thy
2 thi sau g gid nda mdi déytgé’lt-{ﬁl ]n:gu‘ ngay td dau chi md@ voi thu hai thi
sau bao lau méi ddy bé?

Hai ngudi thg cung lam mat cong viéc trong 16 gid thi xong. Néu ngJoi thu
nhat lam 3 gid va ngudi thd hai lam 6 gid thi chi hoan thanh dug: 25%
cdng viéc. Hoi néu Iam riéng thl m8i ngudi hoan thanh céng viéc do trong
bao lau?

qdi
Goi hai s6 tuf nhién cin tim la x va y. Gid st x > y. Diéu kién: 124 < y.
Theo dé bai ta c6:
e Téng cta hai s6 bing 1006 nghia 1a: x + y = 1006
e Lay sd 16n chia sd nhd duge thuong la 2 va du 12 124 nghia la:
x = 2y + 124 hay x - 2y = 124
x +y =1006

Ta ¢6 hé phuong trinh:
X -2y =124

Gidi hé phuong trinh, ta duge: x = 712 va y = 294
Hai s6 x va y vua tim dugc théa man diéu kién bai toan. Vay hai s6 tu
nhién can tim 1a 712 va 294.
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(:oi x (qua) 1a s6 qua quyt va y (qua) la sé qua cam.
Piéu kién: 0 < X,y < 17 va x, y € N*.
Theo dé baitacé: x +y = 17

Chia ba mo6i qua quyt va chia mugi moi qua cam duoe 100 miéng, nghia
11 3x + 10y = 100.

( =
IX+y =17

Ta ¢6 hé phuong trinh: 4{3 s S
3x + 10y = 100.

Ciai hé phuong trinh ta duge: x = 10; y = 7.

Fai s6 x va y tim duge thoa man diéu kién cia bai todn. Vay c6 10 qua
iyt va 7 qua cam.

Coi x (km) la d6 dai quang dudng AB va y (gid) 1a thoi gian du dinh di
@ dén B ding lue 12 gid trua.

Fiéu kién cta dn la: x> 0vay > 0.
Theo dé bai ta cé:
Néu xe chay véi van téc 35km/h-thi sé)dén B cham 2 gid, nghia la:
X = 35(y +=2)
(dbn néu xe chay véi van toc 50km/h thi sé dén B sém hon 1 gio, nghia la:
X E LY ehttienn
x = 35(y +2) {xﬁ35y =7

Ta ¢6 hé phuong trinh: JiakeRn
X & 50(y"1) x Y50y = ~50

(341 hé phuong trinh ta dugec x = 350 vay = 8

C td xuat phat lic 12 - 8 = 4 (gi®)

Viy qudng duting AB dai 350km va 6t6 xuat phat tir A luc 4 gid sang.
(Goi hai canh géc vudng cua tam giac vuong la x (cm) va y (cm).

Piéu kién: x > 0,y > 0.

Dén tich cia tam gidc vubng la %xy.

Khi tang mdi canh lén 3em thi dién tich ting lén 36cm?, nghia la:
%(x+3)(y+3)= %xy+36hay3x+3y=63 (1)

Khi mot canh gidm di 2cm, canh kia gidm di 4cm thi dién tich gidm di
2icm’,. nghia la:

%(3_2((3;_4):%xy—26¢>4x+2y=60 2)
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3x + 3y = 63 (1)

Ta ¢6 hé phuong trinh:

Gidi hé phuong trinh, ta duge: x = 9; y = 12.
Vay do dai hai canh géc vuéng cia tam gidc vuong 1a 9cm va 12cm.

Goi x (gi®) 12 thdi gian d& vai thi nhat chdy ddy bé (x > .354— ) y (it 1a
g4
thoi gian dé voi thd hai chdy day bé (y > = ).

Theo dé bai, ta cé:

Sau 1 gi¢ ca hai voi chdy dugc: = v -l—= — - —5
X Yy 4{1 24
5

Néu lic dau chi md voi thi nhat va 9 gid sau méi md thém voi tha hai

thi sau g gid nita méi day bé, nghia la: & + ﬁ[l + lJ =1
X Yy

Ta c¢6 hé phuong trinh:
9 6( 1 1J
—+ —5— —+—|=1
fadeaEfintiginnt

Gidi hé phuong trinh ta dugc: x = 12; y = 8 (nhén).

Vay néu ngay tir ddu chi md voi thit hai thi chi sau 8 gio vdi chdy day bé.

Gia st néu lam riéng thi ngudi tht nhat hoan thanh cong viéc trong
x (gi®), nguti thd hai hoan thanh céng viéc trong y (gid).

Diéu kién x > 16 va y > 16. Ta ¢6 25% = i

Theo dé bai ta cé:

Trong 1 gi¥ ngudi thit nhat hoan thanh : cong viéc, nguoi tha hai hoan
X

thanh 3 cong viéc va hai ngudi hoan thanh 1‘16- cong viéc, nghia la:
: 4

!

1 1
— o —
X y 16

% 3 . .
Khi ngudi thi nhat 1am trong 3 gi¢ thi duge — cdéng viée va ngudi tha
X

hai lam trong 6 gi¢ thi hoan thanh ducgc 8 cdng viéc va cia hai nguoi
y
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1 3 6 1
hoan thanh 25% = — cong viéc, nghia la: —+— = —.
4 X y 4
l + ! - ilE (1)
Ta c6 hé phuong trinh: E X
3 6 1
—+4--=— (2)
X Y

Patuy = 1 vav = } Thé vao (1) va (2) ta duge hé phuong trinh theo 4n

X y
uvav.
(-3) u+v=-1—(1’] [ﬂ3u—3v=—-§— (3)
161 e ; 16
3u+6v=—(2) 3u+6v = — (4)
4 4
Cong (3) va (4) vé theo vé, ta c6: B\rz——:i + l = _1~ SV = -—L
4 16 48
1 1 . C
Taco — =v=—_.Vayy =48 (nhan)
y 48 i
1 1 1 1 1 2
Thay v= — vao(1),tadugccu+ — = -— Su= — - — = —,
4 48 gadsaclusienné 16 48 48
1 2 e
Tacé — =u= — . Vayxo=24c(nhan)
X 48

Ngudi tht nhit lam xong cong viée mat 24 gioy va ngudi thd hai mat 48
gio.

Luyén tap

Nha Lan cé m6t manh vudn tréng rau cai bdp. Vudn dugc danh thanh
nhiéu luéng, méi luéng tréng cung mdt s& cay cai bap. Lan tinh rdng: N&u
tang thém 8 luéng rau, nhung mai luéng trong it di 3 cay thi s6 cay toan-
vuon it di 54 cay. Néu giam di 4 luéng, nhung méi ludng tréng tang thém 2
cay thi s6 rau toan vudn sé tang thém 32 cay. Hoi vudn nha Lan tréng bao
nhi@u cay rau cai bap? (S4 cay trong cac ludng nhu nhau).

(Bai toan ¢8 An D). S6 tién mua 9 qua thanh yén va 8 qua tdo rung thom
la 107 rupi. S6 tién mua 7 qua thanh yén va 7 qua tdo rung thom la
91 rubi. HAi gid mbi qua thanh yén va moi qué tdo ring thom la bao nhiéu
rupi?
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Diém sé trung binh cia mo6t van dong vién ban sung sau 100 1an 0an la
8,69 diém. Két qua cuy thé dugc ghi trong bang sau, trong dé ¢6 hai 6 bi
md khoéng doc dugc (danh dau *):

Diém s6 cta mdi lan ban | 10 9 [ 8] 7 6
S6 lan ban 25 | 42 | * | 15 | *

Em hay tim lai cac so trong hai 6 do.
Hai vat chuyén déng déu trén mét dudng tron dudng kinh 20cm, xuit phat
cung mét luc, tu cung mot diém. NEu chuyén dong cung chiéu thicd 20
giay chung lai gap nhau. Néu chuyén doéng ngugc chiéu thi cu 4 giay
chung lai gdp nhau. Tinh van tdc clia moi vat.
N&u hai voi nudc cing chay vao mét bé nudc can (khéng co nudc’ thi bé
sé day trong 1 gid 20 phut. Néu md voi tht nhat trong 10 phut va soi thd
hai trong 12 phut thi chi dugc % bé nudc. Héi néu mé riéng tung voi thi
thai gian dé mdi voi chdy day bé |a bao nhiéu?
Mét ngusi mua hai loai hang va phaitra tdng cong 2,17 triéu déng ké ca
thué gia tri gia tang (VAT) véi mie'10% dbi véi loai hang thd nhétva 8%
ddi vdi loai hang thu hai. Néu thué VAT la 9% déi vdi ca hai loai hang thi
ngudi d6 phai tra tdng cong 2,18 triéu dong. HOi néu khdng ké thié VAT
thi ngudi dé phai tracbaonhiductién che imdilloaihang?

Gidt

Goi x (ludng) va y (cay)yta-sé-ludng-va-sé-cay rau cai bdp trén mo: ludng
& vudn nha Lan lie ban ddu. Khi d6 s§ cay rau cai bdp trong toa vugn
12 x.y (cAy). Piéu kién: x, y € N*,

Theo dé bai, ta cé:

Néu tang thém 8 luéng, nhung moi ludng trong it di 3 cay thisé cay
trong toan vudn it di 54 cdy, nghia la: (x + 8)(y — 3) = xy - 54,

Néu giam di 4 ludng, nhung moéi ludng tdng thém 2 cay thi s ciy toan
vudn ting 1én 32 cay, nghia la: (x - 4)(y + 2) = xy + 32.

Ta c6 hé phuong trinh: {(x +8i(—-9) =3y ~54 () &5 {—Sx Sy 40 1L
(x—4)y+2) =xy+32(2) 4x - 8y = 8) (2')
Gidi hé phuong trinh, ta duge: x = 50 (nhén)
y = 15 (nhén)
Vay s6 rau trong vudn nha Lan trong duge la: x.y = 50.15 = 750 (ciy)
Goi x (rupi) la gid méi qua thanh yén va y (rupi) la gida moéi qua tio rimg
thom. Diéu kién: x > 0; y > 0.
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Theo dé bai ta ¢6 hé phuong trinh:

(7) [ox + 8y =107 (1) (63x + 56y =749 (1)

(-8)|7x+7y =91 (@ |- 56x-56y=-728 (2)

Cong (1) vai (2) vé theo vé, ta duge: 7x = 21 <> x = 3 (nhan)
Thay x = 3 vao (2), ta dugc: 7.3 + 7Ty = 91 & Ty = 70 <> y = 10 (nhéan)
Vay: thanh yén gia 3 rupi/qua
tao rung thom gida 10 rupi/qua.
Goi x ]a s6 thd nhat, y la s6 tha hai. Diéu kién x > 0; y > 0.
Theo deé bai ta ¢6 hé phuong trinh:
{25142+x+15ty:100 c}{xwvy:lS
10.25+9.42 + 8x + 7.15 + 6y = 100.8,69 8x + 6y = 136
Gidi h¢ phuong trinh, ta duoc: x = 14 (nhén) ; y = 4 (nhan)
Vay s6 tha nhat 1a 14 va s6 thd hai 1a 4.
Goi van toc cia hai vat lan lugt la|x(em/giay) va y (cm/giay).
Piéu kién: x > y > 0.
Khi chuyén dong cung chiéu, ci 20 gidy ching lai gidp nhau, nghia la

quang dudng ma vat di nhanhcheh dioduge trong 20 gidy hon quang
dudng vat kia cang di trong 20 gidy ding 1 vdng (20 cm).

Ta c6 phuong trinh: 20(x'' ) 27207V

Khi chuyén dong nguge chiéu, ci 4 giay ching lai giap nhau, nghia la
téng quiang dudng hai vat di duge trong 4 gidy ding 1 vong.

Ta c6 phuong trinh: 4(x + y) = 20n
20(x =y)=20n

Ta c6 hé phuong trinh:
4(x+y)=20n

Giai hé phuong trinh, ta d¥gc: x = 37 (nhéan)
y = 2n (nhén).
Vay van téce clia hai vat lan luot l1a: 3n (cm/gidy) va 2n (cm/giay).
Gid st khi md riéng tung voi thi voi thi nhdt chdy day bé trong
x (phuat), voi thid hai trong y (phit). Diéu kién: x > 80; y > 80.
Ta cé: 1 gio 20 phit = 80 phut.
Theo dé bai ta cé:

Trong 1 phut voi thi nhat chdy duoc L (b&), voi tha hai chay dugc L
X y

(bé) va trong 80 phiit cd hai vo! cing chdy day Bé’, nghia la:
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80[—1—+l] = 1.41)
X Yy

. ) 7 O I Fl . [
Trong 10 phut voi thi nhat chady duge - (bé), trong 12 phit voi thya hai
X

chdy dugc = (bé) va ca hai voi chdy duge & (bé), nghia la:

y 15
. - 12 = L (2)
X y 15
8.0(l ) l]: 1(1)
Ta c6 hé phuong trinh: ' ¥
10 12 2
iR R
X y 15

Gidi hé phuong trinh, ta duge: x = 120 (nhan)

y = 240 (nhan).
Viy n€u md riéng tung voi thi-thirnhat chdy trong 120 phut thi ddy bé,
vdi thit hay chdy trong 240 phut thi ddy bé.
Gia s khong ké thué VAT, ngudi mua hang phai tra x (triéu) dong cho
loai hang tha nhat; y (triew), dﬁnglFlﬂoElqgi%. hang tha hai.
Khi d6 s6 tién phdi trd cho loai hang thi nhat (ké ca thué VAT 10%)

1a _i(l)—gx (trigu) dong, cho loai hang tht hai (ké cd thué VAT 8%) la

108 2
——y (triéu) dong.
100}’ : g
Ta ¢6 phuong trinh: }l—qx + — Y=2;17 < 1,1x + 1,08y = 2,17 (1)
100 100
Khi thué& VAT la 9% cho ca hai loai hang thi sé tién phai tra la:
109
ﬁ)—atx +y)=2,18 hay 1,09x + 1,09y = 2,18 (2)

1,1x+1,08y = 2,17 (1)

Ta c6 hé phuong trinh:
1,09x + 1,09y = 2,18 (2)
Gidi hé phuong trinh, ta duge: x = 0,5 (nhan)
y = 1,5 (nhén).

Vay néu khong ké thi & VAT thi ngudi mua hang phai trd 0,5 triéu dong
cho loai hang thd nh4a. va 1,5 triéu dong cho loai hang thi hai.
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ON TAP CHUONG Il

A. Tém tit cac kién thic can nhé

:

Phuong trinh bac nhat hai an x va y c6 dang ax + by = ¢, trong dé a, b va
clacacsdvaa=0hoidchb=#0.

Phuong trinh bac nhat hai 8n ax + by = ¢ luén c6 vd s6 nghiém. Trong
mat phang toa dd, tap nghiém cta nd dugc biéu dién bdi dudng thang
ax+ by =_c.

Giai hé hai phuang trinh bac nhat hai &n bang phudng phéap thé:

a) Dung quy tic thé bién déi hé phuong trinh da cho dé dugc mot hé
phuong trinh méi, trong dé c6 mét phuong trinh mét an.

b) Giai phuong trinh mot &n via co rdi suy ra nghiém cua hé da cho.

Giai hé hai phuong trinh bac nhat hai an bang phucng phap céng dai sé:

a) Nhéan hai vé cia méi phuongtrintrvgi mot sd thich hop (néu cén) sao
cho cac hé s& clia cung mot &n(nao doé trong hai phuong trinh cua hé
la bang nhau hoac ddi nhau.

b) Ap dung quy t&c céng dai s6 dé dugc mot hé phucng trinh mdi trong
a6, mét phudng trinh,c6:hé sd clia mot trong hai &4n bang 0 (tuc la
phuong trinh mét an).

c) Giai phuong trinh MoY'an'via co'ror suy ra nghiém cha hé da cho.

Giai bai toan badng cach 1ap hé phuaong trinh.

Budc 1. Lap hé phuong trinh:

- Chon hai &n va dat diéu kién thich hgp cho chung.

- Bi€u dién c4c dai lugng chua biét theo cac an va céac dai lugng da biét.

- L&p hai phuong trinh biéu thi m&i quan hé gida cac dai lugng.

Budc 2. Giai hé hai phuong trinh nai trén.

Budc 3. Tra I8i: Kiém tra xem trong cac nghiém cla hé phuong trinh,
nghiém nao thich hgp vdi diéu kién dat ra va két luan.

B. Cau hoi

1.

X+y=3

e ban Cudéng két luan rdng hé phuong trinh cé hai
X—y=

Sau khi giai hé {

nghiém: x = 2 va y = 1. Theo em diéu dé dung hay sai? Néu sai thi phai
phat biéu thé nao cho dung?

GBT TOAN 9 (tdp hai) - 39

Tron Bo SGK: https://bookgiaokhoa.com




Download Ebook Tai: https://downloadsachmienphi.com

2. Dya vao minh hoa hinh hoc (xét vj tri tuong déi cla hai duong tharg xac
dinh bdi hai phuong trinh trong hé), em hay giai thich cac két luan sau

ax+ =C
Hé phUUng trinh by . (a. b’ c, ar' br’ ¢’ khaC O)
a’X+b'y= C:
» C6 v6 s6 nghiém néu - . E:E_;
a’ b ¢

9 @ B C
e VO nghiém néu: —=—# —
a’” b ¢

e C6 mdt nghiém duy nhat néu S; # 5;

3. Khi gidi mdt hé phuong trinh bac nhat hai dn, ta bién ddi hé phuodng trnh do
dé dugc mot hé phuong trinh méi tuong duadng, trong do cé mot phuong trinh
mot 4n. C6 thé€ ndi gi vé s& nghiém chia hé da cho néu phuadng trinh mot dn
do:

a) Vé nghiém? b) C6 vd s6 nghiém?
Hudng dan

1. Ban Cuéng néi nhu vay la SAL. Vi mé6i nghiém cia hé phuong trinh béc
nhat hai 4n x, y 12 mdt cap gid tri (X3 ). 1}
Phai néi ring hé phuong trinh trén c6 mot nghiém la (2; 1).

a b
_ V=-—x+—(d)
2. Ta co6: o #by = b 5

ax+b'y=c yz_a_'}“_hl:t_;(d,)
b c
Xét hai duong thing (d) va (d') ¢é cdc phuong trinh nhu trén. Ta b.ét, s6
nghiém ctda hé phuong trinh phu thudc vao s§ diém chung cia hai dudng
thdng (d) va (d").
a b c a a' e ¥
-~ Truong hop: — = —=— —=— V] — = —
r ng .p a' b; c: :> b br a b b!
DPiéu nay chiing té ring hai dudng thing (d) va (d’) ¢ring nhau. Vay hé
phuong trinh ¢6 vé sé nghiém.
- Truong hop i’:h,x % =5
a’ b ¢
Diéu nay ching t6 ring hai duong thing (d) va (d') song song vdéinhau.
Vay hé phuong trinh vé nghiém.

a b a a
— Truéng hop — # — = — # — .
g hop a' b b b
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Diéu nay chung to rang hai dugng thang (d) va (d') cat nhau tai mot
diém duy nhat. Vay hé phuong trinh ¢6 mot nghiem duy nhat,

3. @) 1¢ phuong trinh voé nghiém.
b) *1é phuong trinh ¢6 vo s6 nghiém.
C. Bai tap giao khoa cd ban

40. Cial cac hé phuong trinh sau va minh hoa hinh hoc két qua tim dugc:

f2“55’:2_ 02x+0.1y =03 I
R gt ® s " o ye -
5**Y~ V== 3x -2y =1
41. Ciai cAc hé phuong trinh sau:
2X y \/-
s SIS M (RS R 2
xy/5 —(1+/3)y = 1 x+1 y+1
a ; b)
(1-V3)x+yy/5 =1 XSy
x+1 y+1
Hudng dan cau b): Pat &n phu.
E o 2 2x_y;m . :
42. Ciai hé phuong trinh : ~——trong maoi truong hogp sau:
4x -m y=2\[2

Sadsachndennt
aims=-—y2; b)m=J%: c)m=1.

43. Hai ngudi & hai dia diém'A'va'B G4ch nhal 3,6km, khdi hanh cang mot
Itc, di ngudc chiéu nhat va-gap nhau-d-moétdia diém cac A 1a 2km. Néu
ca hai cung git nguyén van téc nhu trudng hgp trén, nhung ngudi di cham
hsn xudt phat truéc ngudi kia 6 phut thi ho sé gap nhau & chinh gida
quéng dudng. Tinh van téc ctia mbi nguai.

44. NOt vat cé khdi lugng 1249 va thé tich 15cm® 1a hgp kim clia déng va kém.
Tnh xem trong dé c6é bao nhiéu gam déng va bao nhiéu gam kém, biét
ring cl 89g ddng thi co thé tich la 10cm?® va 7g kém c6 thé tich 1a 1ecm?,

45. Hai doi xay dung lam chung mét céng viéc va du dinh hoan thanh trong
12 ngay. Nhung khi 1am chung dugc 8 ngay thi déi | dugc diéu dong di lam
véc khac. Tuy chi con mét minh doi Il 1am viéc, nhung do cai tién cach
Iém, nang sudt cla déi Il tang gdp doi, nén ho da lam xong phan viéc con
lzi trong 3,5 ngay. Hoi véi nang sudt ban dau, néu mai doi lam moét minh
tHi phai lam trong bao nhiéu ngay mdi xong céng viéc trén?

46. Niam ngoai, hai don vi san xuat néng nghiép thu hoach dugc 720 tan théc.
Nam nay, don vi thd nhat I1am vugt muc 15%, don vi thd hai lam vugt muc
12% s0 v6i nam ngodi. Do do ¢a hai don vi thu hoach dugc 819 tan thoc.
H3i m&i nam, mdi don vi thu hoach dugc bao nhiéu tan thoc?
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Gidi

2x+5y=2)  (oxaby-2 )

(-5) —§-x+y=1 (2) ~2x -5y = -5 (29

Cong (1') vé6i (2') vé theo vé, ta duge: Ox + Oy = -3.
Phuong trinh nay vé nghiém. Vay hé da cho vé nghiém.

Minh hoa hinh hoc két qua tim dudc: 1y

Vé db.thi ham s6 2x + 5y = 2. - — A

Choy = O, tinh duge x = 1. Ta \’\8\01 $r,,

xdc dinh duge diém A(1; 0). o] 7
Cho y = 1, tinh Eiuq‘c % = -1,5.-Ta -25-15 O A ey X
xac dinh duge diém B(-1,5; 1). 5y§2

D6 thi ham sé la dudng théng di qua hai diém A va B.
Vé do thi ham so -§-x+y=1c>2x+5y=5

Cho x = 0, tinh dugc y = 1. Ta xdc dinh duge diem C(0; 1)
Cho y = 2, tinh dugc x = -2,5. Ta xdc dinh dugc diém D(-2,5; 2)
D6 thi ham s5 12 dudng thidng diqua hai diém C va D.
Két luan: D6 thi hai ham s6 trén song song. Piéu nay ching t9 rang
hé phuong trinh vé'fighiem. "*/
-10)10,2x + 0,1y = 0,3 (1 “2x -y ==3 (1’

* (Gia1 hé phuong trinh: (=10)]0,2x+0, Iy - — 2x -y "

3x+y=5 (2) 3x+y=5§ (2
Cong (1) v6i (2') vé& theo vé&, ta duge x = 2.
Thé x = 2 vao (2), taduge: 6 + y =5 <>y = -1

Vay nghiém cta hé phuong trinh la (x = 2,y = -1) Y
Minh hoa hinh hoc: C.\
Pé thi ham s8 0,2x + 0,1y = 0,3 la mét |
dudng thidng di qua hai diém: \
Ax=0;y =3)vaB(x =15;y = 0) .
D6 thi hAm s6 3x + y = 5 12 mdt dudng 2

thdng di qua hai diém C(x = 0; y = 5) va
D(x = 1 y= 2).

P4 thi hai ham s6 trén cit nhau tai diém: 0
Mx =2;y = -1). -1
Vay (2; -1) 1a mot nghiém cia hé phuong trinh.
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1
. —2 - AL - __3 2 . __1 1:
* (51d1 hé phuong trinh: =2 27‘ y 9 (1) i {3 x; y 1 ((2;
x - y Y

3x -2y =1 (2)
Cong (1') va (2') vé& theo vé, ta c6: 0x + Oy = 0.
Phuong trinh nay c¢é vo s6 nghiém so.

. i 3 1 '
Nghiém tong quat la (x; - x - — ) vdi x € R.
s 54 2" 9 o

Minh hoa hinh hoc /
Do thi ham so (1) la duong thang di qua >

L4

hai diém A(0; - L ) va B(1; 1). >
2 T

D6 thi ham s6 (2) 1a dudng thang di qua hai diém A(O; -—% ) va B(1; 1)
nén hai duong thang nay tring nhau. Vay hé phuong trinh c¢é vd sé
nghi¢m.

xV5 - (1 +4/3)y/<1 (1)

(1- Jg)x +y\/g =1 (2)
Ta gidi hé phuong trinh béng phuong phap thé:

caehnenhk
i
Tir (1) ta ¢6 x = 51-*--‘[3-}-?’4--* (3)
Thé (3) vao (2), ta duge: (1 - V3 )[‘_1_‘;‘%3-?1_*—1-‘ -y
5
e (1-v3)X1++43)y+Q - V3)+5y=+5
— »2y+5y=Jg+J§~1¢3y=Jg+f—:'l.
Thé y vira tim duge vao (3), ta dude:
BN RN
3 \/E'_; + \E +1
X= ————  Z  hayx=s ———.
NP 3
5 1
Vay hé phuong trinh cé nghiém la ( _‘[?_’_’_i% -+--1- im-m\[—_— -—).
i"-]-i — \@
b) Gidi hé phuong trinh: (1) {**' Y7
X 3y
P, S|
x+1 y+1
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Ta gidi hé phuong trinh bing phuong phdp dat an phu.
y

Patu= ——;v= L,
X +1 y+1

Thay vao hé (1), ta ¢6 hé méi véi an la u va v.

e i 2u+v:\/§(1)¢$ T
(=2) lu+ 3v=-1 (2" 2u - 6v = 2 (4)

g : A— - ((3 ¢ \*"‘1
Cong (3) va (4) vé theo vé, ta duge: -5v = 2 + \[2 DV = — :

Thay v = —Eil vao (1), ta dugc:
2 +v2 5 2+V2+5J2 24642 1-3/2
2u = +32 W= — o = e B e
5 5 5) 5
Vi gia tri cia u, v vita tim dugce, ta thé vao dé tim nghiém X, V.
x _143f2 RPN {x+11{ Eo ]
THCé: x+4 S - dk {x;&— <> /
y [fe-\2 i il (-2- v2)
y+1 5 V=LY —5‘
fadsachntienht 1+3Jz
e gy =
5x—(x+1)(1+3J2} 4-3\2
A .
5y = (y + 1)(-2 - y2) 22
7+ \/2
Vay nghiém cia hé phuong trinh la: 1+ 3\#2 z-t—\-'-@- thoa dieu kién.
4 — SJQ :+Jé
IX -y =m (1)
42, (I) J
4x - m%y = 2V2 (2)
Taco (1) =y =2x - m (3)
Thé (3) vao (2), ta co:
4 - mA(2x - m) = 22 & 22 - mYx = 2V2 - m’ (*)

a) V6i m = -2 . Thé vao phuong trinh (*), ta dugc:
22 - 2)x = 2V2 + 272 & 0x = 442.
Phuong trinh nay vo nghiém. Vay hé phuong trinh da cho vé ngiiém,
b) Véi m = V2. Thé vao phuong trinh (%), ta dugc:
22 -2)x =22 -2J2 & 0x=0
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Phuong trinh nay ¢6 vo s6 nghiém so. Vay hé phuong trinh da cho cé

vo s6 nghiém so.
Nghiém tong qudt la x ¢ R;y = 2x — 2.

Vg1 m = 1. Thé vao phuong trinh (%), ta duge:

92« 1)x =28 ~lesOx=92 -] = xs=

Thay x vira tim duge vao (3), ta co: y = 2 \ﬁ2 - 2.

o2 -1

Vay hé phuong trinh ¢6 mot nghiém duy nhat la: (~—-2~—~—-; 2 x/é - 2)

Pieu Kién: x > 0;y > 0

Goi x (m/phdt) 14 van téc cua ngudi xuat phat tir A va y (m/phit) 1a van
toc cha ngudi xuat phat tu B.

Khi gap nhau tai diém cach A la 2km thi ngudi xuat phat tu A di
duge 2000 mét, con ngudi xuat phat ti B di duoc 1600 mét.

2000 (1600
X e

Ta c6 phuong trinh: (1)

Theo dé bai cho thiy ngudi xuat phat tir B di cham hon. Khi ngusi di
ta B xuat phat truge ngudi lgi;l[ ﬁ %h&t Tt}"l‘l hai nguoi gap nhau ¢ chinh
gitta quang duomg, nghia [a noi hguot di duge 1,8km = 1800m.

Ta c¢6 phuong trinh il +6 = 104 (2
X ¥

2000 1600

— = (1)
Ta c6 hé phuong trinh: (I) B 4

1800 1800

e (2)

X b )

100
X

bat u = s vav = ——, Thay vao (I), ta duge: (I) <
X

Gidi hé phuong trinh ta dugc u = % vav = g

~ Va6i L =il = 1 & X = 75 (nhan).
X 3

- Vi - T % <>y = 60 (nhan).
y

20u = 16v
18u +6 = 18v

Vay van téc cia ngudi di tir A la 75m/phut va cda ngudi di tr B la

60m/phut
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Goi x (gam) va y (gam) lan lugt 12 s gam déng va kém cé trong vat da
cho. Diéu kién: x > 0; y > 0.
Vi khdi lugng cua vat la 124 gam, ta ¢6 phuong trinh: x + y = 124. (1)

Khi d6, thé tich ctia x (gam) déng la -;%x (em”) va thé tich cia y (gam)
= 1 3
kém la ?y (cm”).

Vi thé tich cda vat 1a 15cm®, nén ta ¢6 phuong trinh: é% X + _—1? y = 15. (2)

X+y=124 (1)

Ta c6 hé phuong trinh: | 10 1
8—9~x +- H'Fy = 15 ( )

Gidi hé phuong trinh ta duge x = 89 (nhdn) va y = 35 (nhén).

Vay vat da cho c6 89 gam déng va 35 gam kém.

Vé6i ning suat ban dau, gia sir déi I-lam xong cdng viée trong x (ngay) va
doi IT lam xong cong viéc trong y(ngay).

Diéu kién: x, y > 12

Nhu vdy, mdi ngay doi I lam du?c — cong viéc va doi II lam duge
8 d0¢ 1N y

cong viéc va ca hai dai lam duoc 1—12~ cong viéc, Ta c6 phuong trinh:

1 1 1
2 s B g e (1)
X y 12

Trong 8 ngay lam chung, ¢4 hai d¢i lam duoc (§+§J cong viae. Do
XYy

~ ~ ~r ~ ~n X - 2 - " .
ning sudt gdp doi nén doi II moéi ngay lam duge — cong viéc va lam

y
" 2 0 . .
xong trong 3,5 ngay nén lam duge 3,5. — = — cong viéc.
¥ ¥
8 8 8 15
Ta c6 phuong trinh: —+—+Z=1hay-+—=1(2)
X Yy Yy L
S 11—2- 1)
Ta ¢6 hé phuong trinh: " 1’5
—+—=1. (2
X Yy

Giai hé phuong trinh bang cach dat 4n sé phu, ta dugec:
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x = 28 (nhan) va y = 21 (nhéan).
Vay do1 I lam xong cong viéc trong 28 ngay, doi II lam xong cong viéc
trong 21 ngay.

Goi x (tan) va y (tan) la s6 tadn théc ma hai don vi thu hoach dugc trong
nam ngodi.

Diéu kién: x > 0;y > 0.
Theo dé bai ta cé:

Nam ngodi, hai don vi san xuat thu hoach duge 720 tan théc, nghia la:

X +y=720.
Nam nay, don vi thd nhat lam vugt mdc 15%, nghia 1a don vi thd nhat
thu hoach duge: x + —15—3( = S x (tan) va don vi tha hai thu hoach
100 100
duge: k. .2 = L2 (tan).
YT 1007 T 1007
C4 hai thu hoach duge 819 tan, nghia la: Ll X + 24 y = 819.
100 100

x+y =120 (1)

Ta ¢6 hé phuong trinh: 115 112
+op= 819
100 ?
2] dENNTENDhI

Gidi hé phuong trinh ta duqc. x = 420 (nhédn) va y = 300 (nhén).

Vay: - Nam ngodi don’vi thia' 1 thd hoach dudc'420 tan théc, don vi tha
IT thu hoach duge-300-tdn-thée:

—~ Niam nay don vi thd I thu hoach duoc {—é% 420 = 483 tan théc,

don vi the IT thu hoach-duae i%% 300 = 336 tan thoc.

CAU HOI TRAC NGHIEM CHUONG I

1. Trong mat phdng toa d§ Oxy, cho diém A(0; 2), B(3; 0). Dién tich tam giac

2.

3.

OAB bing:
A. 2; B. 3; C: 6] D. 12.
Cho ham s6 f(x) = 2x + b va f(1) = 5. Khi dé b bing:
A, 3; B. 7; C. -3; D. 7.
" . x-y=10 . .
Hé phuong trinh ¢6 tap nghiém la:
A 5 {—3x+6y:30 HRE

A. S = {(30; 20)}; B. S = [(-20; -30)}; C. S = {(20; -30)} D.S=0@.
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2y = ;
4. Hé phuong trinh {x TRl = M vo nghiém khi m bang:

2x+5y=4m-3

A. . m = 0; B.m:z; C.m=1;

D. Khéng cé gia tri ndo cia m dé hé phuong trinh vé nghiém.

5. Cho hé phuong trinh {2X vy=3 . Hé ¢6 nghiém duy nhat khi:
mx - 2y =1
A . m#2; B.m=#-4; G mEg; Do £ 1
2 e
6. Hé phuong trinh S Juia ¢6 tap nghiém S = {(x; 2 - 2x)} khi:
2x+y =2
1 1
A m=1; Bm=-1; C.m:;j—; D,m=~—.g.
7. Goi A = Xy + Yo V01 (Xo; Yo) 1a nghiém cia hé phuong trinh: S%% 2y =3
4x +3y =6
Khi dé A bang:
A. 10; B. -10; G,y D. =4,
8. Cho phuong trinh x + 2y = 1 ¢6 tap nghiémrS bhng:
Badsdenmienis _
A.S=R; B.S=11-2y)/ye )
c.S=((x;~1-52—3‘~)/xeR;; 5 WS M T & By @ 2

9. Gi4d 4 quyén vgd, 2 dia nhac va 1 cdy biat may 12 45 ngan dong. Ciang 7
quyén v4, 3 dia nhac va 1 cay but mdy Ay gid 37 ngan dong. Héi 1 quyén
vd, 1 dia nhac, 1 cay but m4y gia bao nhiéu ngan déng?

A, 51; B. 52; C. b63; D. Khong dd dir kién dé gidi.

10. Chit s6 hang chuc cia mdt s6 cé hai chir s6 hon chit s hang don vi la 5.

Néu déi ché hai chir s6 cho nhau sé dugec mét s6 mdi béing g 36 ban dau.

Héi chir s6 ban dau la bao nhiéu?

A. 70; B. 71; C. 72: D. 73.
DAP AN CAU HOI TRAC NGHIEM CHUGNG IiI
1.8 2. A 3.A 4.D 5.B
6.C 7. 8.C 9.D 10.C
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Cﬁa’d’ng 1V,
HAM SO y = ax? (a = 0).
PHUONG TRINH BAC HAI MOT AN
§1. HAM SO ¥ e ax’ (a#0)

1. KIEN THUC €O BAN

1. Tap xac dinh: Ham s6 y = ax’ (a # 0) xac dinh véi moi gia tri cha x € R.
2. Tinh chat:
- NE&u a > 0 thi ham s& nghich bién khix < 0 va déng bién khi x > 0.
- NE&u a < 0 thi ham sé déng bién khi x < 0 va nghich bién khi x > 0.
3. Nhan xet:
Néu a>0thiy> 0 vdix 7{92;L Il mn e
ey = 0 khi x = 0. Gid tri nho nhatctaham sélay = 0.
- Néu a < 0thly < 0 v@iImoi x# 10|
ey =0 khix =0. Gia triténnhatcahamséla y = 0.

1. BAl TAP SACH GIAO KHOA

1. Dién tich S cda hinh trén dugc tinh bdi céng thuc S = nR?, trong dé R 1a ban
kinh ctia hinh tron.
a) Dung may tinh bd tui, tinh cac gia tri cla S réi diéu vao cac 6 tréng trong
bang sau (n =~ 3,14, lam tron két qud dén chl s6 thap phan thu hai).

e —

R(cm) 057 | 1,37 | 2,15 | 4,09
S = nR® (cm?)

(Xem bai doc thém vé may tinh bd tui: SGK, tr.32).
b) Néu ban kinh tAng g&p 3 I4n thi dién tich tAng hay gidm bao nhiéu I&n?
¢) Tinh ban kinh cGa hinh tréon, lam tron két qud dén chi s6 thap phan thu
hai, néu biét dién tich cGia n6 bang 79,5cm?.

2. Mot vat roi 6 do cao so vdi mat dat 1a 100m. Quang dudng chuyén dong
s (mét) clia vat roi phu thudc vao thai gian t (gidy) bdi cong thuc: s = 4t°.
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a) Sau 1 gidy, vat ndy cach mat dat bao nhiéu mét? Tuong tu, sau 2 gay?
b) Hbi sau bao lau vat nay ti€p dat?

3. Luyc F cla gio khi th8i vudng géc vao canh budm t71& thuadn véi binh phuong
van téc v cla gid, tic 1a F = av® (a l1a héng s6). Biét rdng khi van tic gio
bang 2 m/s thi lyc tdc dong lIén canh buém cla mét con thuyén bang 120N
(Niu-ton).

a) Tinh hdng s6 a.
b) Hoi khi v = 10 m/s thi lyc F bang bao nhiéu? Cung cau hdi nay khi v = 2)m/s.

¢) Biét rAing canh budm chi cé thé chiu dugc mét ap luc téi da la 12000N, hoi
con thuyén co thé di dugc trong gié bao vdéi van toc gié 90km/h hay khdng?

Gidi

1. a) R(cm) 0,57 | 1,37 | 215 | 4,09
S =R’ (ecm®) | 1,02 | 589 | 14,51 | 52,52
b) Ta c6 S = nR®

Néu ban kinh tang gip 3 lan, nghiala R, = 3R.

Khi d6 S, = nR] = n(3R)* = 9nR* = 9.S.

Vay khi ban kinh tidng gdp 3 lan thidién tich tidng lén 9 lan.

SddEaEn Tepp il
c¢) Theo dé bai ta c6: 79,5 = nR*> = R*= ==
| n

79,56

~ 5,03 (cm).
3,14

Suy raR =

2. a) — Sau 1 gidy vat roi xudng dugc mot quang dudng: S; = 4(1)* = 4(m)
Vay khi vat d6 cach mat dat: 100 - 4 = 96 mét.
- Sau 2 gidy vat dé roi xudng dugc mdt quiang dudng: S, = 4.2° = 16 (m)
Vay khi d6 vat cach mat dat: 100 - 16 = 84 mét.
b) Khi vat ti€p dat, tac la vat roi xudng mot quiang dudng la 100 mét.
Theo dé bai ta ¢c6 phuong trinh:
| 4t?=100 5 t7= 25 = t = £25 = 45,
Vi thoi gian 1a s6 khéng 4m, nén chon t = 5 giay.
Viy sau 5 gidy thi vat ti€p dat.
3. a) Theo dé bai ta c6: a.2° = 120 < a = 30.

b) Ta cé6 F = a.v? = 30v?
— Khiv = 10m/s thi F = 30.10% = 3000 (N)
— Khiv = 20m/s thi F = 30.20% = 12000 (N).
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¢) Tacé 90km/h = 90000m/3600s = 25m/s

M3z theo dé bai, cdnh buém chi ¢6 thé chiu duge mot dap lue toi da la
12000N, nghia la canh buom chi chiu duge sdc gié 20m/s (theo cau b)).
Way khi con bao van toc 90km/h thi thuyén khong thé di duge.

§2. PO THI HAM SO y = ux? (a # 0)

1. KIEN THUC CO BAN

1. D& thj ham s6: D6 thi ham s6 y = ax’ (a # 0) 1a mét dudng cong di qua
g&c toa do va nhan truc Oy lam tryc doi xuing. Budng cong d6 dudc goi la
moét parapol vdi dinh O.

- N&u a > 0: D4 thi ndm phia trén truc hoanh, O 1a diém thap nhat cla
dé thi.

-~ Néu a < 0: D6 thi ndm phia dugitruc hoanh, O |a diém cao nhat cla
do thi.

2. Cach vé dé thi:
Budc 1: Tim tap xac dinhlélaHam s iennl
Budc 2: Lap bang gia tri (tU 5 dén 7 gid tri) tuong Ung gilla x va v.
Budc 3: V& db thj — K&t luan.

3. Diém thudc dé thi ham s6 y = ax? (a # 0) (P).

Diém A(Xa; Ya) € (P) <y = axi

1. BAI TAP SACH GIAO KHOA

A. Bai tap mau
Cho ham sé y = 0,25x%
a) V& db6 thi ham s&;
b) Cé&c diém A(0; 0); B (1,5; -2); C(-0,1; 4—:)—0-); D(1; %) cO nam trén dd thi khong?
c) Trén dé thj xac dinh diém M c6 hoanh dé 4. Tim tung dd diém M.

4idi
a) Ve A6 thi ham s6 y = 0,25x*
Téap x4c dinh cia ham sé 1a R.
- Lap bang gia tri:
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x | .. 8 | -8 1 | o 1 o | 3 .
y =0,25x% | .. 225 | 1 025 | 0] 025 | 1| 225

— Vé do thi: D6 thi ham sé

y = 0,25%* 1a mét parabol $ ;‘Q
dinh O, truc déi xing Oy. 225 QC!‘?
b) Ta co: N | X
e 0,25%x% =0,25.0=0=y,. 11[4 ------- :
Vay A0 0 e B) e e TR oy
» 0,25x2 =0,25.1,5% = % 2 -2 = yp.

Vay B(1,5; -2) ¢ (P)

LS 1 1 .
e 0,25x%x% =0,25.(-0,1)* = 0,025 = —— = y.. Vay C(=0,1; ———) e (P
c 7T e ik

e 025x3 =0,25(1)% = % = yol Va1 %) e (P)

¢) Vi M(4; yy) € (P) nén: yy = 0,25%% = 0,254 = 4.
Véy tung do diem M |3, xu = 4iien e Hngitinh
B. Bai tap gido khoa cian ban

4, Cho hai ham sd: y = gx?, VA ,_gxi‘_ Pién.vao.nhiing 6 trdng cta cac bang

sau rdi vé hai dé thi trén cing méot mat phang toa 46.

X -2 | -1 011 2 X -21-110 1 2
3 5 3,
= —X = —=X
Y 2 y 2

Nhan xét vé tinh déi xuing cha hai dé thi déi véi truc Ox.
5. Chobahamsé:y = %x"’; y=x% y=2x2

a) Vé dé thi clia ba ham s6 trén ciing m6t mat phang toa do.

b) Tim ba diém A, B, C ¢6 cung hoanh dé x = —1,5 theo thu tu ndm trén ba
dd thi. Xdc dinh tung d6 tuong ung cla chung.

c) Tim ba diém A’, B’, C' c6 cung hoanh dé x = 1,5 theo thd ty ndim trén ba
dé thi. Kiém tra tinh d&i xiingcha Ava A", BvaB’,CvaC".

d) V6i mbi ham sé trén, hay tim gia tri ctta x dé ham s6 d5 c6 gia ti. * "0
nhat.
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Gidi

Didn vao cdc bdang gia tri
X -2 -1 0 3 2
3, 3 3
Vigm =N 6 = 0 = 6
YT 2 2
8 3 3
— iyl | B | =2 | ] ~% | <8
YT 2 2
b) Vé do thi ham s6:
* Ham soy = Exg
2
- Tép xdc dinh cia ham s6 la R. X
—  Béng gia tri (xem cau a)
~ Veé db thi.
D6 thi ham s6 y = 132-):'" la mot parabol
dinh O, truc d6i xing Oy (n&m trén
truc hoanh).
*  Ham sf}'y=—g—x2. Badsaehntennt

5. a)

Tap xdc dinh cua ham'so'la R

Béng gia tri (xem cau a)

Vé dé thi.

D6 thi ham sé6y = - %xg 14 mdt parabol dinh O, truc d&i xing Oy (ndm
phia du6i truc hoanh).

Vay do6 thi hai ham s6 y = -2—:{2 vay = —%x2 ddéi xding v6i nhau qua

truc Ox.

Vé d6 thi cdc ham sé:
Ham sd y = %xz;yzxz;y=2x2

Téap xdc dinh cda cdac ham s6 la R.
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- Léap bang gia tri:
b3 -2 (-1[0]|1] 2
1 5 1 1
= —X 2 — 0| = | 2
Y= 3 2 2
y = X2 1 1
y=2x" | 8 | 2 2|8
~ Vé doé thi.
b) - Goi (P,) 12 dé thi chaham s§y = y = %xz
Axp =-1,5;ya) € (P))
1 2 _ 1 2
= YA = -2— XA = —2'(—1,5) = 1,125

- Goi (P,) 1a d thi ciia ham s6 y = x°

B(xg = -1,5; yp) (P> yp = x5 = (-1,5)° = 2,25
- Goi (Py) 1a d thi cia ham s6|y & 2x°

Clxc = -1,5; yc) €P)e> ye = 2%¢ = 2(-1,5° = 4,5

1 2 1 2
x2, = =(1,5)% = 1,125
2 A1 9

H

c) Tuong tu: A'(xa =(1,5; yxi) e PNy

B'(xp 20145y ypo)ce (ByYes'ypsling, = (1,5)° = 2,25
C'lxg = 1,5;y¢ ) € (Pa) & yo = 2% = 2(1,5)° = 4,5

Nhén xét: Cac diém A va A’; B va B’; C va C’ ¢6 hoanh d¢ déi nhau va
tung dd bing nhau. Do d6, A va A’; B va B’; C va C’ la cac diém doi
xttng nhau qua truc ung.

d) CoAcham sé y = %x": y = x5y = 2x° déu ¢6 a > 0. Do dé6, cdc ham s6 c6
gi4 tri nhé nhat bing 0 khi x = 0.

Luyén tap
6. Cho ham sé y = f(x) = x°.
a) Vé 46 thi cia ham sé do.
b) Tinh céc gia tri {(-8); f(-1,3); 1(-0,75); f(1,5).
c) Dung dé thi dé udc higng céc gia tri (0,5)%; (-1,5)%; (2,5)°.
d) Dung dé thi dé udc lugng vi tri cac diém trén truc hoanh biéu dién cac sé

V3: V7.
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oo S S 7. Trén mét phang toa do (hinh bén),
AN TR -J DR ST c6 mot diém M thudc dé thi clia
solaneeep Bl ol oL ham s6 y = ax’.
oot Muciton b g a) Tim hé s6 a.
HEREECEREEE b) Diém A(4; 4) c6 thude db thi
et e o ek o —
o R LR A RISng
ot A b ok ) c) Hay tim thém hai diém nda
Thl s SOl h B3 & X ) y oo P
e e S e S g P e L SRS (khdng ké diém O) dé vé do thi.
1 A
8. Biét rang dudng cong trong hinh 4 ST S S S
bén la mét parapol y = ax®. --~-E-- --i- -

a) Tim hé sé a.

b) Tim tung d6 clGa diém thudc
parapol ¢6 hoanh dé x = -3.

¢) Tim cédc diém thudc parapol cé

tungdo y = 8. _._-: i--i--_-_i
9. Chohaihamsdy = %—x"’ vay = —X+-6- [ hadd 1%

a) V& db thi cGa cac ham,sd naytrén,cung,motmat phang toa do.
b) Tim toa do cac giao diém cla hai do thi do.

10. Cho ham sé y = -0,75%%. Qua dé thi cia ham s6 d6, hdy cho biét khi x tang
tt -2 dén 4 thi gid tri nhd nhat va gia tri I[dn nhat cla y la bac nhiéu?

Gidi
6 a) V& dd thi ham sé y = x°.
Tap xdc dinh cda ham so la R.
- Bdng gia tri:
x | 2] 1] o] 1] 2
y=x| a4 | 1 | o] 1] 4

- Va db thi:
P4 thi ham s§ y = x* 1a mét parabol
dinh O, truc ddi xing Oy.

b) Tinh cdc gia tri cda ham sé:
f(-8) = (-8)% = 64: f(-1,3) = (-1,3) = 1,69
f(-0,75) = (-0,75)* = 0,5625; f(1,5) = (1,5)* = 2,25
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¢) Trén truc hoanh ldy c4dc diém cé hoanh dé lan lugt la x = 0,5;: 1,6 va
2,5. Tai cac diém d6, ta lan lugt ké cdc dudng thing song song vdi truce
tung, ching lan luot cdt doé thi (P) tai cdc diém cu thé. Tai diém d6 trén
parabol, ta lan lugt ké cdc duong thidng song song véi truc hoanh,
ching cdt truc tung tai cdc diém biéu dién 1an luot cac giad tri (0,5)"
(-1,5)%; (2,5)".

d) Trén truc tung, tai cdc diém cé gid tri y = 3, y = 7, ta ké cac dudng
thdng song song vé6i truc hoanh cdt d6 thi (P) ¢ nhdanh nam trong goc
phan tu thid I. Tai cdc diém d6 trén dé thi, vé 1an lugt cac dugng thing
song song vdi truc tung, ching cdt truc hoanh tai cde diém co gia tri

X = JE,X: \[7_

7. a) Goi (P) la do thi cia ham so y = ax”.

Vi M(2: 1) € (P) nén yM=axil es1=a2esa= i
1
Viay a = —.
1y ”

b) Tac6 ham s6 y = %xQ. Diém A(4; 4)c6 thudc do thi khéng?

¥ = addsaciginhl
Ta c6: SV IR R

lx2.=-£.42=4 VA .

44 j

Piéu nay ching té ring-diém-AM 4 -e(P):
¢) Ngoai diém O(0; 0); A(4; 4) ta c6 thé tim thém hai diém nua dé ve db

thi ham s6 y = i—xz. Hai diém d6 c6 thé 13 A'(-4; 4) va M'(-2; 1) 13 hai
diém déi xiing ciia A va M qua truc tung Oy.

8. a) Goi (P) la dé thi cha ham s6 y = ax”.
Theo hinh vé trong mit phing toa d§ Oxy ta c¢6 diédm A(-2; 2) ¢ (P).

g ’ 1
Diéu nay ching té rang: y, = axi o 2=a-2 e a= 5

Vay a =

=

b) Tac6 hAm s y = %xz (P)

| 1 9
Gia st diém B(xg = -3; yp) € (P) © yp = = X, = E(_3)2 =5
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> C
Vay tung do diém B la y;; = ;
Gia st diém Cix¢; ye = 8) € (P)
1

‘1382 —

-~ 1o
3 1o

1 ; >
<= Yo = 2 X Xf. — X({ =16 © x¢ = 4

Vay hai diém can tim la C(4; 8) va C'(-4; 8).
Ve do thi cac ham sé:

Tap xdc dinh cua ham s¢ 1a R.

Bang gia tri

X -3

(S
s
o

2

y= x| 3

L N
Lo | =
o= | =
Lol [ po

1
3

y=-X+6

Do thi ham sé 14 mot dudng
thing di qua hai
A(3; 3); B(0; 6). HadSaehnieni
Phuong trinh hoanh dé giao
diém cua (P) va (d) 1&

diém

-6-5 -4 -

> x'+83x-18=0=x%x"-3x+6x-18=0

O xX(x-3)+6x-3)=0x~-3)x+6)=0

Il

Véix=3thiy=-x+6=-3+6=3.
Ta xdc dinh duge diém A(3; 3).
V6ix=-6thiy=-x+6=6+6=12

Ta xdc dinh dugc diém N(-6; 12). Vay cdc diém A, N 12 cdc giao diém
cia (P) va (d).

10. * Vé d6 thi ham s6 y = -0,75x"

Tap xac dinh cda ham s6 1a R.
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« || s|2|-1]o]1]2] s

y =O.75x2’12‘6,75| 3 ]0,75’ 0 !0,75[ 3 |6,75|12

-~ Veé dé thi ham sé:

Qua db thi cia ham s6 y = -0,75x*
ta nhan thdy khi x tang tir -2 dén
4 thi gia tri nhé nhit cda y 1a 0
khi x = 0 va gid tri l6n nhat cia y
la 12 khi x = 4.

W
i s

w
LY D

$3. PHUONG TRINH BAC HAI MOT AN

1. KIEN THUC CO BAN

1.

Pinh nghia: Phudng trinh bac hai mét &n la phuong trinh cé dang:
ax? + bx + ¢ = 0, trong\dé x 1a/&n; a1 by 6 ld nhiing s6 cho trudc goi la cac
hé sGvaa=0. .

Phuong phap giai: Théng thudng ta dung cac phép bién déi tuong duong
bién ddi phuong trinh da cho vé cac dang phuong trinh da biét cach giai nhu
phuong trinh bac nhét, phuong trinh tich,.. dé tim nghiém cla phuong trinh.

Il. BAl TAP SACH GIAO KHOA

11.

12.

13.

58

Pua cac phuong trinh sau vé dang ax® + bx + ¢ = 0 va chi rd cac hé sé a, b, c:

1
a)5x° +2x =4 - x; b)gx2+2x—7=3x+—2~;

)2 +x- V3 = V3x+1;  d)2xX%+m?=2(m - 1)x, m 1a mdt héing s6.
Giai cdc phuong trinh sau:

a)x’-8=0; b) 5x® - 20 = 0; c) 0,4x’ + 1 =0;
d)2x’+ V2x=0; e)-0,4x2 + 1,2x = 0.

1
Cho céac phuong trinh: a) x* + 8x = -2; b) x% + 2x = 3

Hay cdng vao hai v& clia mdi phuong trinh cung mét sé thich hgp dé duoc
mot phuong trinh ma vé trai thanh mét binh phuong.
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14. Hiy gidi phuaong trinh 2x° + 5x + 2 = 0 theo cac budc nhu vi du 3 trong bai hoc.

11.

12.

13.

Gidi
a X’ +2X=4-X5%+2x-4+x=0
a=5
5% +3x-4=0vdi {b=3
c=-4
3 . 1 3 1
b -g—xz+2x—7=3x+*<:>—x‘£+2x—7—3x—-—=0
51 2 5 2
@Exz—x——l—%=0v6’ia=§;b=—1;c=~l§-
<] 5 2

c 2% +x-V3 =V3x+1 o2 +x-+43 - J3x-1=0
>2¢ +(1-3)x- V3 ~1=0via=2b=1-+3;c=-3 -1
d 2x? + m? = 2(m - 1)x, m la mot hing sé.
¢ 2x* + m® - 2(m - 1)x = 0 <3[2%)) {2(m - 1)x + m* = 0
Vgia=2b=-2m-1)c=m
ax-8=00x’=8cx=1+J8 co>x=1242
Vay phlm‘ngatrinh céQné}lfi:‘;'iri‘xl,lz]:Lg\yEt‘ va Xg = 2\/§
b 5x% - 20 = 0 <> 5x2 2206 ¥ LY B LYY= +2
Viy phuong trinh c¢6 2 nghiém x, = 2 va x; = -2.

c 04x* +1=004x=-1x"= —-01—4. Phuong trinh v6 nghiém.

x =0

x=0
a V2
2

d 2x* + \Exz()czx(2x+ \E).—_Oc:o{
2X+\[§‘—“0 X=——

V2

Vay phuong trinh cé hai nghiém x; = 0 va x; = - s 3

2 =0 ¥ =0
e -04x*+12x=0=x(-04x +1,2) =0 & ® &5
"0,4!"“1,2:0‘ x:a
Vay phuong trinh c6 hai nghiém x, =0 va x; = 3
ax2+8x=-2x2+24x+42=z-2+42(x+4)°=14
. 4
b x% + 2x = 313- o x2+21x+1% = % +1’ox+1)}= -:-3—
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14. Giai phuong trinh 2x* + 5x + 2= 0

@2x2+5x=~2<::vx2+-3x=--1_

| 2 _— 2
< (x)° + 2 é})|:+ ¢ =-1+|2| o |x4 L — 2
4 4 4 4 16

x+-5———3— 1

c>x+§—=-_’c1f-9—<:>x+§=i§-c> L & x:*z'
4 16 4 4 5 3

XA — == X =--2
4 4

Vay phuong trinh c6 hai nghiém x, = ~% LM ==

§4. CONG THUC NGHIEM
CUA PHUONG TRINH BAC HAI

1. KIEN THUC CO BAN

gddsaeingiehhk
1. Céng thic nghiém: Phuong trinh ax® + bx + ¢ = 0 (a # 0)
A =b®-4ac
A < 0:Phuong trinh vé nghiém

A =0:Phuodng trinh c6 nghiém kép :x, = x,, = 4

2a
g = -b+ \/X
.= o
A > 0:Phudng trinh c6 hai nghiém phan biét: « ca
~b-+/A
O
2a

2. Chu y quan trong: Néu phuong trinh ax? + bx + ¢ = 0 (a # 0) c6 a va ¢ tréi
ddu, tic a.c < 0 thi A = b? — 4ac > 0. Khi d6 phuong trinh ¢é 2 nchiém
phan biét.

Il. BA! TAP SACH GIAO KHOA

15. Khéng gidi phuong trinh, hay xac dinh cac hé sé a, b, ¢, tinh biét thic A va
xac dinh 8 nghiém ctia mbi phuong trinh sau:

a) 7x2 - 2x + 3 = 0 b)5x2 + 2\10 x + 2 = 0:

60 - GBT roAN 9 (tip hai)
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Q) L 2--:0; d)1,7x* -12x-2,1=0.
2 3
16. Dung céng thiic nghiém cla phuong trinh bac hai dé giai cac phuong trinh sau:
) 2%~ 7x + 3 =0; b) 6x’ + X + 5 = 0;
() 6x° +x -5 =0; d) 3x° + 5x + 2 = 0:
) y* -8y + 16 = 0; f) 162° + 24z + 9 = 0.
Gjidl
!ra =17
16. ) Tx -2x+3=0c6 {b=-2
]c =3

A=b?-4ac=(-2°-473=4-84=-80
Vi A = -80 < 0. Vay phuong trinh vo nghiém.

a=b
b 5% + 2410 x + 2420 c6 {b 43K
c =|%

A = b? - dac =(2V10 )? - 4.5.2 =|40 : 40i: 0
Sausdenmienyi
Vi A = 0. Viy phuong triﬁh c6 nghiém kép.

1
a=§
0 }-x2+7x+ = 30 c6 ib=7
2 3
2
¢c=—
3
A=b2—4ac=72~4.-1-.?- =49 - :4— — lﬁ
2 3 3 3
143 " . i : i = g
Vids 5 > 0. Vay phuong trinh c¢6 hai nghiém phan biét.
a=17
01, -12x-21=0c¢6 {b=-1,2
c=-2,1

A =b? - dac = (-1,2)* - 4.1,7.(-2,1) = 1,44 + 14,28 = 15,72
ViA = 15,72 > 0. Vay phuong trinh c6 hai nghiém phan biét.

16. ) 2x - 7x+3=0c6a=2,b=-7,¢=3
A=(7)?-423=49-24=25
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Ja = V25 =5
Vay phuong trinh cé hai nghiém: x, = %ﬂ =3 K= ———

b) 6x+x+5=0c6a=6b=1;¢c=5
A=1>-465=1-120=-119
Vi A =-119 < 0. Vay phuong trinh vé6 nghiém.
¢c) 6x+x-5=0c6a=6;b=1;¢c=-5
A=1"-46.(-5)=1+120=121>0

Ja = V121 =11
Phuong trinh ¢6 hai nghiém phéan biét:
-1+11 5 -1-11
X = = —, Xy = = -1
2.6 6 2.6

d) 3x2+5x+2=0063=3;b=5;c=2
A=5-432=25-24=150
Ja =1 =1
Phuong trinh ¢6 hai nghiém phan biét:
X; = _2.;1"»ds.—i%l;|lxﬂ:£ *:% =-1.

e) y* - 8y + 16 = 0 c6ra/=01; b= -8; ¢ = 16
A=(-8)%-4.1.16 = 6=864=0

VA _

Vay phuong trinh ¢6 nghiém kép y, = y; = /50 4.
f) 1622 +242+9=0c6a=16;b=24;¢c=9
A=24*-4169=0
g . -24 3
Vay phuong trinh c6 nghiém kép z, = z; = 5iE T
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§5. CONG THUC NGHIEM THU GON

1. KIEN THUC CO BAN

1. Coéng thuc nghiém thu gon: Néu phuong trinh ax? + bx + ¢ = 0 (a # 0) ¢o
b = 2b’ (hay b’ = %), Khi do: A’ = b” - ac

e Néu A" < 0 : Phuong trinh vé nghiém.

e Né&u A’ =0 : Phuong trinh c6 nghiém kép x; = X, = - —
a

» Néu A’ > 0 : Phuong trinh ¢é hai nghiém phan biét:

-b’i\/z_\._’__ " —b’~\[;’

d a

1 -_

2. Chuy:
~ Khia> 0 va phuang trinh ax? +bx+c.= 0 vd nghiém thi ax’ + bx + ¢ > 0
véi moi gia tri cla x.
~ N&u phuong trinh ax? + bx + ¢/= 0 co a < 0 thi nén déi ddu hai vé cla
phuong trinh dé cé a > 0, khi d6 giai dé hon.
~ Déi véi phuong trintybad haikhuyéteax’ #cbx)= 0; ax’ + ¢ = 0 nén
dung cach tinh nghiém truc ti€p sé nhanh hon.

—

1l. BAI TAP SACH GIAO KHOA

17. Xac dinh a, b’, ¢ réi ding céng thuc nghiém thu gon gidi cac phuong trinh:
a)4x?+4x +1=0; b) 13852x% — 14x + 1 = 0;

c) 5x% - 6x + 1 = 0; d)-3x2 +46x +4=0.

18. DPua cac phudng trinh sau vé dang ax’ + 2b'x + ¢ = 0 va gidi chung. Sau
dd, dung bang s8 hoic may tinh dé viét gan dung nghiém tim dugc (lam
tron két qua dén ch s@ thap phéan thu hai):

a) 3x? - 2x = x* + 3; b) (2% - ¥2)2 -1 = (x + 1)(x - 1);
¢)3x% + 3 =2(x + 1); d) 0,5x(x + 1) = (x - 1)

19. D6. DG em biét vi sao khi a > 0 va phuong trinh ax® + bx + ¢ = 0 vd

nghiém thi ax? + bx + ¢ > 0 véi moi gid tri clia x?

Gidi

a=4
17. a) 4x®+4x +1=0c6 {b' =2
c=1
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A=b%-ac=2°-14=0

Vay phuong trinh cé nghiém kép: x, = x, = — = —-?1 = - —1 :
a 2
a =13582
b) 13852x* - 14x + 1 =0 ¢c6 {b' = -7
e=
A'=b? - ac = (-7)* - 13852.1 = 49 - 13852 = -13803 < 0
Vi A’ < 0 nén phuong trinh vé nghiém.
a=>b
¢) 5x¥* -6x+1=0c¢6 {b'=-3
¢e=1
A=b*-ac=(38"-51=9-5=4>0
Ja = V4 =2
Vay phuong trinh c6 2 nghiém:x, = i‘%)ﬁ PR TR ;-(—:5-52»:—2- = ; g
a=-3
d) -3x + 46 x+4=0c6 ib' =26
A2 C o Cl | 1J
c=4

A =b? - ac (26 )2 = (-3)4 = 36 > O

Ja' = J36 =6

Véy phuong trinh ¢6 hai nghiém:
~2\/E+6=2JE—6_X2
-3 3 ™ -3 = 3 7
18. a) 3x*-2x=x*+3 o 3x*-2x-x*-3=0
©2x*-2x-3=02x*-2(1)x-3=0
A=b?-ac=(-1"-2(-3)=7>0

_ 206 -6 _6+2(6

Ja = 7
Vay phuong trinh ¢6 hai nghiém:
X, = :_(:l;_"*:j__? ~ 1,82 %o = :E%;‘E_ ~ -0,82.

b) 2x- V2P -1l=(x+Dx-1)o@x?-22xJ2 + (V2P -1=x*-1

H4x? - 4y2x+42-1-x+1=03x>-4V2x+2=0
©4 - GBT TOAN 9 (tip hai)
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o 3x - 22V2)x +2=0
A=b?-ac=(-2V2)2-32-8-6=2>0
Jar = 2

Vay phuong trinh ¢é hai nghiém:

_22e2 g
3 S ]

X) X9 = =047,

2v2-V2 2
3 3
¢) 3x°+3=2x+1) ©3x*+3=2x+2
&3’ -2x+1=03x"-2(1)x+1=0
Al=b?-ac=(-1*-31=-2<0
V4y phuong trinh vé nghiém.
d) 0,5%x(x+ 1) =(x-1)* < 0,5x% + 0,5x = x* - 2x + 1
©05x* -25x+1=0x"-5x+2=0x*-225x+2=0
A=b?-ac=(-25°-12=425>0
Ja' = 4,25

Véy phuong trinh c¢é hai nghiém:

X1=2,5+ \/4,25 ~ 4,56; =x3= 2,56 - 4,25 =~ 0,44.
5 fadSaengiehbhi.
Ta biét phuong trinh ax® + b;i +c= 6 (a#0)vo nghiém thi:
A=b?l=4ae <0
b2 =4ac

Hon nita khi a > 0 thi __;l—— > 0.
a

Tacé: ax’ + bx + ¢ =0 = x° + P-x-u— * (chia hai vé cho a # 0)
a a :

e (]G]
=X +2 —|X+|—|-|—]| + —
2a 2a 2a a

( bT b - dac
=l x+— ——-—2—>0.
4a

2a
Luyén tap
Gidi cac phuong trinh:
a) 25x* - 16 = 0; b) 2x® + 3 = 0;
c)42x2 +5,46x=0; d)ax?-243x=1-+3.

Giai vai phudng trinh cia An Khé-va-ri-zmi (Xem Todan 7, tap 2, tr.26):
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a) x2 = 12x + 288; b) B -
12 12

Khéng gidi phuang trinh, hay cho biét mbi phuong trinh sau ¢ bao nhiéu
nghiém:
a) 15x% + 4x — 2005 = 0; b)—?x2—ﬁx+1890=0?

Rada cGia mot may bay tryc thang theo ddi chuyén dong clia mot 6td trong
10 phut, phat hién rdng van téc v cla 6td thay d8i phu thudc vao thdi gian
bdi cong thuc: v = 3t - 30t + 135 (t tinh bang phdt, v tinh b&ng km/h).

a) Tinh van t6c cua 6t6 khi t = 5 phut.

b) Tinh gia tri cla t khi van téc 6td bang 120km/h (lam tron két qua dén
chil s6 thadp phan thu hai).

Cho phuang trinh (4n x) x? - 2(m - 1)x + m? = 0.
a) Tinh A’,

b) V@i gid tri nao cia m thi phuodng- trinh ¢é hai nghiém phan biét? C¢o
nghiém kep? V& nghiém?

qidi
16 16 4
25%°% - 16 = 0 <> xP0=0 58 2 % :!:\\:f(_—;zi—.
a) S aEE = 3 T 2
x \ . Hay] 4 4
Vay phuong trinh cé hai nghiém: x, = : VA X3 = s
: a=2
b) 2x* +3=0{b=0
¢c=3
A=b?-4ac=0-423=-24<0
Vi A < 0. Vay phuong trinh vé nghiém.
* Céch khdc: Tacé VT = 2x* + 32 3; VP = 0.
V4y phuong trinh vé nghiém.
& B B s e xS B,08) w0 | 0 o3 [X=0
. 4,2x+5,46 =0 x=-1,3

D ax®-2Y3x=1-+3 o4x*-2y3x-1+ 3 =0

A = =B P AT % 3 =T ed-ANE =@ = BP0

N =ye-V3? =|e-v3| =2- V3
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Viy phuong trinh c6 hai nghiém:

_V®+2-V3 2 1 (V3)-@-V3) _ J3-1
' 4 T4 2’ T 4 T2
a=1
21. a) x*= 12x + 288 <= x>~ 12x - 288 =0 ¢c6 {b' = -6
c=-288
A' = b - ac = (-6)% - 1(-288) = 324 > 0
Ja' = 324 =18
Vay phuong trinh c6 hai nghiém: x; = 6 + 18 = 24; x, = 6 - 18 = -12.
b) —1-—x2+ 1x=19 o x+7x-228 =0
12 12
A=b%-4ac="7"-4.1.(-228)=961>0
JA =081 =31,
=% 31 il

=19,

Vay phuong trinh ¢6 hai nghiém: xi = = N Xa =

2
22 a) 15x% + 4x - 2005 = 0. Ta ¢6: a.c = 15(-2005) < 0
Vi ac < 0 nén phuong trig,ij;{c‘:-éi t,lﬂl nglguf,n} phan biét.

b) —?xQ - ﬁx + 1890 = 0. Tac6: a.c= -%.1890 < 0.

Vi a.c < 0 nén phuong trinh ¢6 hai nghiém phan biét.
23 a) Thayt " 5 (phit) vao phuong trinh:
v =3t? - 30t + 135 = 3.5 - 30.5 + 185 = 60 (km/h).
Vay vén tdc caa 6td lic t = 5 phut 1a 60km/h.
b) P& tim t ta thay v = 120 vao phuong trinh v = 3t* - 30t + 135 rdi giai.
Thay vao ta ¢6 phuong trinh:
120 = 3t> - 30t + 1835 & t? - 10t + 5= 0
A'=5"-5=25-5=20>0
Ja' =20 =245.
Véay phuong trinh cé hai nghiém:
t,=5+2y5 ~947; t;=5-25 ~0,53.
Vi Rada chi theo ddi trong 10 phit nén 0 < t < 10.
Do d6 c3 hai gi4 tri cia t déu thich hgp.
Vay: t, = 9,47 phit;  t; = 0,53 phit.
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a=1
24. Phuong trinh x* -2(m - 1)x + m* =0 ¢6 {b' = -(m - 1)

¢ =m?

a)A=b%-ac=[-m-1DP-1m?’=m?>-2m+1-m?=1 - 2m

b) * Phuong trinh c6 hai nghiém phén biét khi:

A’>0<:>1-2m>0¢:.~m<é
* Phuong trinh c6 nghiém képkhi: A'=0<1-2m=0<m = %
* Phuong trinh v6 nghiém khi: A<0e=1-2m<c0em > —él-

§6. HE THUC VI-ET VA UNG DUNG

I. KIEN THUC €O BAN

1. Hé thic Vi-ét: fadsachnienht
a) Binh Ii Vi-ét: N&u x4, x» |a hai nghiém chGa phuong trinh ax” + bx + ¢ = 0
b
X, + X, Sem=
(a #0) thi: B
c
X, Xy =—.

a
b) Ap dung dé tinh nh&m nghiém:
- N&u phuang trinh ax> + bx + ¢ =0(a#0)cé a+ b + ¢ = 0 thi

' phuong trinh cé mdt nghiém x; = 1, con nghiém kia la x; = %.

— Né&u phuong trinh ax? + bx + ¢ =0 (a=0)cda~-b+c =0 th

phuong tflnh c6 moét nghiém x4 = -1, con nghiém kia la x; = - L
a

2. Tim hai s8 biét téng va tich ctia chung:

N&u hai s6 c6 tng biang S va tich bing P thl hai s& d6 1a nghiém cla
phuong trinh: X2 - SX + P = 0.

Diéu kién dé c6 hai s6 d6 1a 82 - 4P > 0.
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Il. BAI TAP SACH GIAO KHOA

25. D6i véi mbi phuong trinh sau, ki hiéu x; va x, 1a hai nghiém (néu co).
Khéng giai phuong trinh, hay dién vao nhing chd tréng (..):

26.

27.

28.

25.

a2 -17x+1=0, A=., X+Xo=o,; XgXa=.]
b)5x* -x-35=0, A=., Xi+X= X1X2 = ..
c)8x-x+1=0, A=, Xi+Xo=., XXa=...
d)25x° +10x+1=0, A=, X;+Xpo=., XXa=.;

Dung diéu kién a+ b + ¢ = 0 hodc a - b + ¢ = 0 d& tinh nh&m nghiém cula

m&i phuong trinh sau:
a) 35x° - 37x +2 = 0;
c) x* - 49x - 50 = 0;

b) 7x* + 500x - 507 = 0;
d) 4321x% + 21x - 4300 = O.

Dung hé thic Vi-ét dé tinh nhdm céac nghiém cha phuang trinh:

a) x> - 7x +12 = 0;

Tim hai s u va v trong méi trudng hgp sau:
a)u+v =232, uv =231
cju+v=2uv=9

Gidi

§adeaelintennk
a) Phuong trinh 2x* - 17x + 1 = 0 c6: '

b)x? + 7x + 12 = 0.

b)u+v =-8,uv =-105;

A = b? - dacr=(£17)% ~4l201 =2891=8 = 281 > 0

Suyra: x +x= L A
e\

xx—c—l
lz_a_Q

b) Phuong trina 5x° - x - 35 = 0 cé:

A =b?-4ac=(-1)-4.5.(-35)=1+ 700 = 701 > 0

Suyra: X +Xp=-—=-— = —

¢) Phuong trinh 8x* - x + 1 = 0 ¢6:

A=b®-4ac=(-1*-481=1-32=-31<0

Via=-31<0.
Véay phuong trinh vé nghiém nén khong cé x,, x;.
Do d6 khong tinh dugc x; + x; va x;Xx;.
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d) Phuong trinh 25x® + 10x + 1 = 0 ¢6:
A=b?-ac=(-5%-125=25-25=0

b 10 2
Suyra: x; + Xg = —— = e i

a 25 5
xx—£—~—1~—
12—21_25.

a=435b
a) 35x2 - 37x+2=0c¢6 {b =-37
& =2

Tac6a+b+¢=35+(-37)+2=0

Vay phuong trinh ¢6 hai nghiém: x; = 1; x, = % .
b) 7x* + 500x — 507 = 0
Taco:a+b+ec=7+500-507=0
-507

Vay phuong trinh c6 hai nghiém x, = 1; x, = \Y

¢) Phuong trinh x* - 49x - 50 = 0

Ta cé a — b + ¢ =1\ (+49)H (F50)e=) 0!

Vay phuong trinh, ¢é hai nghiém: x; =~1; % = —i = —(—P—%Q =51
d) Phuong trinh 4321x” + 21x - 4300 = 0

Tacé a-b +c=4321 - 21 +(-4300)=0

R y . (-4300) 4300
Vay phuon trmhcéhmnhxm:x:—l;x:—E:— = —-
% phuong L 2579 T 4321 a3zl

; X, =4
a) Phuong trinh x* - 7x + 12 =0 x*- 4 +3)x + 4.3 =0 & { ] 3
Xy =

Vay phuong trinh c¢6 hai nghiém: x; = 4 ; x; = 3.
X =-3

b) Phuungtrinhx2+7x+12:0@:(2-(-3-4)“(-3)(-4):0@{‘

¥y = -4,

Vay phuong trinh c6 hai nghiém: x; = -3 ; x; = -4.

28. a) Hai s u, vmau+ v =32 uv =231 la nghiém s6 ciia phuong trinh:

70 -

X?-SX + P =0hay X*- 32X + 231 =0
A= (-16)* - 1.231 = 256 - 231 = 25> 0

GBT TOAN 9 (t4p hal)

Tron Bo SGK: https://bookgiaokhoa.com



29.

30.

.

32.

Download Ebook Tai: https://downloadsachmienphi.com

\[[’ﬁnr = Jg = B
Vay phuong trinh c¢é hai nghiém:
Xi=-(-16)+5=21va X, = ~(-16) -5 =11

Suy ra hai s6 ¢an tim la: u= 21, v= 11 hodcu =11, v = 21,
b) Hai 86 u va v 1a nghiém s6 cia phuong trinh:

X! -SX +P=0 hay X*-(-8)X + (-105) =0

X*+8X-105=0

A'=b? -ac =4*- 1(-105)= 121> 0

Ja' = V121 = 11

Vay phuong trinh c6 hai nghiém: X; = -4 + 11 =7va X, = -4 - 11 = -15

Suy ra hai s6 cdn tim la:u=7,v=-15 hodcu=-15,v = 17.
c) Hai 86 u, v 1a nghiém cia phuong trinh:

X?-SX+P=0hayX*-2X+9=0

A'=(-1*-19=-8<0.

Phuong trinh v6 nghiém. Vay khong c6 hai sé u va v théa man diéu
kién cta dé bai.

OEuyéen taph!
Khéng gidi phudng trinh; hay tinh 16ng:va tichicdc nghiém (néu cé) cha
moi phuong trinh sau:
a)4x? +2x -5 =0; b) 9x? - 12x + 4 = 0;
c)5x° +x+2=0; d) 159x%* - 2x - 1 = 0.

TIm céc gia tri cia m dé phuong trinh ¢ nghiém, réi tinh t8ng va tich cac
nghiém theo m.

a)x’-2x+m=0; b) x* + 2(m - 1)x + m? = 0.
Tinh nh&m nghiém cla céc phuong trinh:

a) 1,5x* -1,6x +0,1=0;

b) V3x2 - (1 - 3)x-1=0;

c) (2-V3 )X +2y3x-(2+ v3)=0;
d(m-1Dx-2Cm+3)x+m+4=0vdim=1.

Tim hai s8 u va v trong méi trudng hgp sau:

a)u+ V=42 uv =441, b)u + v =-42, uv = -400;
c)u-v=>5 uv =24,
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Chung t6 rdng néu phuong trinh ax® + bx + ¢ = 0 cé nghiém 1a x, va x, thi
tam thuc ax? + bx + ¢ phan tich dugc thanh nhan td nhu sau:
ax? + bx + ¢ = a(x - X1)(X — Xa).
Ap duyng: Phan tich da thuc thanh nhan td.
a) 2x? - 5x + 3; b) 3x® + 8x + 2.
qidi
a) 4x*+2x-5=0
Tac6A' =12 - 4(-5) =21 >0
Vay phuong trinh ¢6 hai nghiém x,, x,
Suy ra x; + X; = ——l1= B = —l;XI_XQ . —E.
a 4 2 a 4
b) 9x* - 12x +4 =0
Tacoé A =(-6)°-94=36-36=0
Vay phuong trinh c¢6 hai nghiém xj, x,
b —_1_2_ 4

' c
Slly rax,+Xyg=—-—= S XXy = — =
a 9 3 a

|

¢) 52 +x+2=0
Ta c6 A’ = 1% - 4.5/9' L 98563F 585!
Vay phuong trinh vd nghiém nén khéng c6 x, + X2 va X; X,
d) 1569x* - 2x - 1=0
Ta c6 A’ = (-1)* -~ 159(-1) = 160 > 0
1

Vay phuong trinh cé hai nghiém x;, x, vfi X, + X3 = 2 ' X1 X9 = — iy

159
a) x)-2x+m=0
Phuong trinh c¢6 nghiém khi: A’ = (-1’ -m=1-m20c m<1
Khi d6 phuong trinh c6 hai nghiém x;, Xov6i X; + X = 2va x; X; = m
b) x> + 2(m - 1)x + m* = 0

Phuong trinh c6 hai nghiém khi:

&’:(m—l)g—m2=-—2m+120<:>ms%
Khi d6 phuong trinh c¢é hai nghiém x,, x,
Suy ra: x; + Xg = ~2(m - 1) va x, X, = m®.

a) 1,5x°-1,6x+0,1=0
Tacb6a+b+c=15+(-1,6)+0,1 =0.
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Véay phuong trinh ¢6 hai nghiém x; = 1; x; = 0,1 1

b) V8x2-(1-+3)x-1=0
Tacba-bee=8 - [-1-81-1=Y8 +1- 3 -1=0

Véiy phuong trinh c¢6 hai nghiém x; = -1; x5 = - \/5

Ji 3

) 2-vV3)x2+2V3x-@2+3)=0
Ta ¢6: a+b+c=(2~\/§)+2\f§ + [(2 + \/5)]=0

o T ~2+43) _ ~(2+V3)2+3) . A
. 23 (2 - V3)(2 +3)

dDm-x-Cm+3)x+m+4=0véim#1

Tacé: a+b+c=(m~-1)+[-Cm +3)] +m+ 4
=m-1-2m~-3. +Hm + 4 = 0.

Véay phuong trinh c6 hai nghiém x, = 1; x; = 2 “11 :
m —

32. a) Hai s0 u va v 12 nghiém q,l}?{tp}):n{qilg tg"lfﬂ}
X2 -SX + P =0hay X* - 42X + 441 = 0
A" = (21)F - 44177 441 294120
Vay phuong trinh c6 nghiém kép: X, = X, = 21. Suy rau =v = 21.
b) Hai s6 u va v 1a nghiém cia phuong trinh:
X% - SX + P = 0 hay X® - (-42)X + (-400) = 0
< X*+42X-400=0
A" = 21% + 400 = 441 + 400 = 841 > 0

Ja' = 841 =29
Vay phuong trinh c6 hai nghiém: X; = -21 + 29 = 8; X; = -21 - 29 = -50.
Suy rau =8 va v =-50 hodcu = -50 va v = 8.
¢c)Patt=-v.Dodbu-v=u+t=5;ut=-24
Hai sd u va t 1a nghiém cia phuong trinh:
X?_-SX+P=0hayX*-5X-24=0
A=(-5)%-4.1(-24) = 25 + 96 = 121 > 0

4R = 10T = 11
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Vay phuong trinh ¢6 hai nghiém: X, = = =S Rm - 5 =B,

Viyu=8;t=-3hayu=-3;t=8
-V6iu=8;t=-3hayv=-t=-(-3)=3
-V6iu=-3;t=8hayv=-t=-8

33. * Tacé: ax’ +bx +c

a.[x? - (—E )X + —:~] = a[x® - (%1 + X)X + Xx;.Xg]

a(x? - X1X — XoX + X1Xg) = a[(x - x)x - (x — x;)%:]

a(x - x1)(x - xp)

5 Apdt_mg:

a) Cho 2x* - 5x +3 =0
Tacoa+b+c=2-5+3=0

Vay phuong trinh c¢6 hai nghiém: x; = 1; x; = g-
2 3
Do d6: 2x° - 5x + 3 = 2(x - 1)(x( —2~)
b) Cho 3x* + 8x +2 =0
P A2 _ - , Al
A= 4" - 288l hridn b
i vio |
Phuong trinh ¢6 hainghie¢m:x;= :i—:;i‘l_g; Xy = i;@

Dodé: 3x* +8x +2=3|x
3
\
(
hay 3x*+8x+2=3 x+4:;[1“0][x+4+:;/ﬁ].
\

( _—4+Jﬁ](x+4+\/ﬁ]
3
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§7. PHUGNG TRINH QUY VE
PHUONG TRINH BA C HAI

1. KIEN THUC CO BAN

—~ M6t s6 phudng trinh cé dang dac biét nhu: phudng trinh trung phuong,
phuong trinh chda dn & mau thdc, mot vai dang phuong trinh bac cao cé
thé dua vé phuong trinh tich ho4c giai dugc nhé dat &n s6 phu.
Hoc sinh nhd rang khi gidi phuong trinh chua d4n 3 mau thie, truéc hét phai
tim diéu kién cGa dn dé phuong trinh cé nghia (gidi dugc) va sau khi tim
dudc gia tri cia &n thi phai kiém tra dé€ chon gia tri thda man diéu kién ay.

~ Khi giai phuong trinh trung phuong, nén luu y dén diéu kién cta &n sé
phut=x% délat>0.

I1. BAlI TAP SACH GIAQ KHOA
34. Giai cac phuagng trinh trung phuongs
a)x'-5x*+4=0Q, b) 2x* - 3x\\ 2 = 0;
c) 3x* + 10x* + 3 = 0.
35. Giai cac phuaong trinh:

(x+3)(x-3) _Dopinloads i XH2 _ 6 .
a) ——— +2 =x(1'=%); | b)x_5 +3_2—x'

gadsachntiennk

g -4 o X-xt2
x+1  (X+D(x+2)

36. Giai cac phuong trinh:
a) (3x” - 5x + 1)(x* - 4) = O; b) (25 + x — 4)2 - (2x - 1)* = 0.

Gjidi
34. a) x"-5x*+4=0(1)
- DPat x*=t. Pidukiént >0
The vao (1) e> t? -5t +4 =0
Phucng trinhcéa+b+c=1-5+4=0
Vay phuong trinh ¢6 2 nghiém t; = 1 (nhan); t; = 4 (nhén).
-~ Vit=1thix* =1 x=+1
- Véit=4thix*=4 & x =12
Vay phuong trinh (1) ¢6 bon nghiém: x; = -1; Xo=1;X3=-2; x4 = 2.
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b) 2x* -3x*-2=0(1)
- Piatx®*=t. Piéukiént>0
Khi d6 (1) < 2t -3t -2 = 0 (¥)
A=(-3%-42(-2)=9+16=25>0

Ja =25 =5

Viy phuong trinh (*) c6 2 nghiém la:

= S+5 =2(nh:§m); ty = 3—_5- = “% (1031)

t
: 4

- V6’it=x2=2<:>x=i\/§

Véay phuong trinh (1) ¢6 hai nghiém: x; = —Ji ; Xg = \5
¢) 3x* +10x* +3=0(1)
- Patx*=t. Diéukiént>0
Khi d6 (1) < 3t* + 10t + 3 = 0 (¥)
A'=5°-33=25-9=16>0

\/Z\—' = /16 = 4.
Viy phuong trinh (*) ¢6 nghiém la:
t,  “SeawnSAGEOMRbIcam4 1} o i)
3 3 3

Do dé phuong trinh (*) vo nghiém. Suy ra phuong trinh (1) cing vo mghiém.

g8, o SEERETH

2=x(1-x)Q)

Quy déng va kh miu sd, ta dugc:
(1) ©x+3)x-3)+6=3x(1-x)
ox*-9+6=3x-3x*=4x*-3x-3=0

A=(-3%-44(-3)=9+48=57>0

Ja = |57

Vay phuong trinh c¢6 nghiém:

~-8)+V57 _ 3457 ~(-8)-V57 _ 3-457
= = * L= = —_

2.4 8 - 2.4 8

x+2+3=__f_5__(1)
X—-90 2-x

Xy

b)

x-50z20ox#5
2-x20& x#2

DPiéu kién {
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Mau thie chung (MTC) = (x - 5)(2 - x)
o>4-x>-3x+21x-30=6x-304x* -15x -4 =0
A=(-15)* - 44(-4) =225 +64 =289 >0

JA = V289 =17
Vay phuong trinh c¢é hai nghiém:
—(-15) + 17 —(-15) -17 1
Xj= ————— =4, X= —M— = ——.
2.4 2.4 4

Hai nghiém x,, x; déu théa man dieu kién dé phuong trinh (1) ¢6 nghia.

Vay phuong trinh da cho ¢6 hai nghiém x, = 4; x; = —i-.

4 iy ® e i)

x+1  (x+Dx+2)

Didu kién x+1#20 ox+=1
X+22000 x + 2
MAau thite chung (MTC) = (x # 1}x + 2)
X, = -2 (loai)

Khid6(1) > 4x+2)=-X-x+20%X+5x+6=0
: : X, =-3 (nhén)

Sadsachntiennk
Vi x; = -2 khong théa man diéu kién cia dn nén phuong trinh chi c6
mot nghiém x = -3 |

(B8x% - 5x + 1)(x* - 4) =0 (1)
3x% -5x+1=0(2)
<>
x2-4=0 3)
Giai phuong trinh (2): 3x* - 5x + 1 = 0
A=(-5%-431=25-12=13>0

Ja = 13
Viay phuong trinh c6 hai nghiém:

~(-5)+\13 5*‘/1_5-:: (-5)-y13  5-\13
= = y A2 = = .
6

2.3 23 6
Gidi phuong trinh: x* - 4 = 0 (3)
ox*-4=0ox*=4ox=12.
Véy phuong trinh ¢6 hai nghiém: x;3 = -2; x4 = 2.

5+13

6

X

Tém lai, phuong trinh da cho c¢6 4 nghiém: x,5 = : Xg4 = F2.
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b) (2x* + x-4)* - (2x - 1*=0(1)

OS2 +x-44+2x-1)2x*+x-4-2x+1)=0
2x% +3x -5 =0 (2)
2x* -x-3=0 (3)
* @Gidi phuong trinh: 2x* + 3x - 5 = 0 (2)

Phuong trinhc6a+b+¢=2+3-5=0

S 2x2+3x-5)2x*-x-3)=0

Vay phuong trinh (2) ¢6 hai nghiém x, = 1'; Xy = —g.

* Gidi phuong trinh 2x* - x - 3 = 0 (3)
Phuong trinhc6a-b+c=2-(-1)-3=0
Véy‘ phuong trinh c¢6 hai nghiém x; = -1; x4 = -g

T6m lai, phuong trinh da cho ¢6 4 nghiém:

x1=1;x2=—§;x;4=—1;x4=—
Luyén tap
37. Giai cac phudng trinh triing phtong: 1 Enn !
a)9x*-10x* +1=0; b)5x! +2x2 - 16 =10 - x* ;
c) 0,3x* + 1,8x% + 1,5 =0; d)2x2+1=—1~2__4,
X
38. Gidi cac phuong trinh:
a) (x -3)% + (x +4)° =23 - 3x; b) x*+ 2x% —(x - 3)% = (x - 1)(»® - 2);
: -7) X x-4
c) (x - 1)2 +0,5x% = x(x* + 1,5); d k=) il -
) ( ) ( ) ) 3 5 3
2
) 14 =1_1; f)2x=xx+%3
x2 -9 J=X : x+1 (x+1)(x-4)

39. Gidi cac phuong trinh bing cach dua vé phuang trinh tich:
a) (3x% - 7x —10)[2x% + (1 - v5)x+ V5 — 3] = 0;
b) x° + 3x% - 2x - 6 = O;
c) (x2 - 1)(0,6x + 1) = 0,6x* + x;
d) (x® + 2x - 5)% = (x* - x + 5)%,
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40. Giai phuong trinh bang cach dat an phu:

a) 3(x* + x)? - 2(x* + x) - 1 = 0; b) (x? - 4x +2)? + x> -4x - 4 = 0;
c)x- Jx =5Vx +7; g 2 —ap 2t

X +1 X
* Hudng dan:

a) Datt=x? + x, ta c6 phuong trinh 3t° - 2t - 1 = 0. Gidi phuong trinh nay,

ta tim dudgc hai gia tri cia t. Thay mdi gia tri cia t vua tim dugc vao
ding thic t = x* + x, ta dugc mot phuong trinh cGa &n x. Gidi mbi
phudng trinh nay sé tim dugc gia tri cua x.

X+1

d) Dat 270 = thodc > =t.
X

X+ 1

Gjidi

37. a) 9x* - 10x*+1=0(1)

Pit x* = t. Didu kién t > 0

Khi d6 (1) < 9t* - 10t + 1 = 0, (%)

Phuong trinh (*)céa+b+c=9-10+1=0

Vay phuong trinh ¢6 hai nghiémt =1 vat = —El)— déu thda man diéu kién.
ENMIenNE

o= ¥
"}:}L‘._ I J

—_—

Khit=1=x?¢ x= +1.

Khit = =x2<:>x=i%.

L
9

; 1 1
Véy phuong trinh (1) ¢6 4 nghiém: x; = -1; %, = 1; x3 = -E; X4 = 5; ,

b) 5x* + 2x* - 16 = 10 - x* (1)

< 5x' +3x*-26=0,

Pat x* = t. Didu kién t > 0.

Khi d6 (1) < 5t* + 3t - 26 = 0 (*)
A=9+45.26=529>0

JA = /529 = 23.
Vay phuong trinh (*) ¢6 nghiém t; = 2; t; = 2,6 (loai).
Khit=2=x*ox=1% v2.
Vay phuong trinh (1) ¢ hai nghiém: x, =v2 va x, = -V2.
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¢) 0,3x* + 1,8x* + 1,5 =0 (1)
P4t t = x°. Didu kién t > 0.
Khi d6 (1) < 0,3t* + 1,8t + 1,5 = 0 (¥)

Phuong trinh (*) ¢6 t, = -1 (loai); t, = .. - = -5 (loai)

0,3
Vi t; va t; déu 4m, nén phuong trinh (*) v6 nghiém.
Vay phuong trinh (1) v6 nghiém.

* Céch khéc: Ta nhan xét riing vé& trai = 0,3x* + 1,8x* + 1,5 > 5, con
v€ phai bing 0. Viy phuong trinh v6 nghiém.
d) 2x*+1= iz - 4 (1). Piéu kién x # 0.
- X
Tac6 (1) 2x* +x°=1-4x* 2" +5x*-1=0
Dat x* = t. Diéu kién t > 0.
Khi d6 (2) & 2t* + 5t - 1 = 0.(*)

A=25+8 =330
Ja = \33.

Vay phuong trinh (*) cé nghxém la:

ddSaehnienh b
54-\/_\“L 4 5-@

ty = (nhén) ; i (loai)
Khix’=t-= :g%@_:;_ & Xja=1 '5—;@

Vay phuong trinh (1) ¢é hai nghiém: x; = _-_____M - X '5; ‘/_3“3 '

88. a) (x-32+(x+4)7%=23-3x
S -Bx+9+xX2+8x+16=23-3x=>2%x*+5x+2=0
A=52-422=25-16=9>0

Ja= 9 =3.

Vay phuong trinh cé hai nghiém: x, = = _E; Xp = —— = ~2.

b) x* +2x% (x -3 = (x - 1)(x*- 2)
S+ 2 - +6x-9=x-xX-2x+ 2 2x* + 8x - 11 = (
AN=16+22=38>0

Va'= |38

80 - GBT TOAN 9 (thp het)

Tron Bo SGK: https://bookgiaokhoa.com



c)

d)

.e)

if)

Download Ebook Tai: https://downloadsachmienphi.com

4188 4y

Vay phuong trinh c6 hai nghiém: x; = — 5 P Xg = — -

(x - 1)° + 0,5%% = x(x* + 1,5)

> -3 +3x-1+05x2=x"+15x<25x-15x+1=0

¢ 5%% -~ 3x + 2 = 0 (nhan hai vé véi 2)

A=(-3%-452=9-40=-31<0

Vay phuong trinh v6 nghiém.

x(x-7) 1 X -4

3 3

MTC =6

Khidé (1) & 2x(x - 7) -6 =3x - 2(x — 4)
2% -14x-6=3x-2x+8 = 2x* - 15x - 14 = 0
A = (-15)* - 4.2(=14) =225 +112 =337 >0

JA = 337
Vay phuong trinh c6é hai nghiém:

_ ~(-15)+337 _ 154887 7
= =

X
. 1)
: (

_ (-15)-+/337 _ 15-+/337

= 22 ‘ 1 2.9 - 4
Sadsaehntienhk
14 - 2 . 2
=1- .Pieukiénx*-9#0 o x#13
x? -9 3-x |

MTC: x* -9 =(x + 3)(X="3)
Khidé (1) > 14=x*-9+x+3x*+x-20=0
A=12-41(-200=81>0

\E = J-ST =9
Suy ra: x; = 2 - 4 (nhan); x; = -—3-2;-2 = -5 (nhén).

V4y phuong trinh c¢6 hai nghiém: x, = 4; x = -5.

2x x2 -x+8

— = (1)
x4+l (x+1)x-4)

x+120

Sx#-1lvaxz4.
x-4=%0 -

Diéukién: (x + 1)(x-4) 20 & {

MTC = (x + 1)(x - 4)
Khidé6 (1) > 2x(x-4)=x*-x+8<x*-Tx-8=0.
Phuong trinh c6danga-b+c=1-(-7)-8=0
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Vay phuong trinh c¢6 x; = -1 (loai); x; = 8 (nhén).
Vi x; = -1 khong théa man diéu kién ciia 4n nén phudng trinh (1) chi
c6 mot nghiém la x = 8. :

39, a) (3x - Tx - 10)[2x* + (1 - Y5 )x + V5 - 31=0 (1)

3x% -Tx-10=0 (2)
2x% + (1-5)x + V5 -3 =0 (3)
* (i phuong trinh (2): 3x* - 7x - 10 = 0.
Via-b+c¢c=3+7-10 =0 nén phuong trinh (2) cé6 hai nghiémn:

10
Xi = =1L p= —.
1 2= 3

* Gidi phuong trinh (3): 2x% + (1 - \/E)x+ \[g -3=0.
Via+b+ec=2+1- \/E_) - \[5_ - 3 = 0 nén phuong trinh (3) ¢6 hai

V5 -3

2

nghlém Xg= 1: ¥<

Vay phuong trinh (1) c6 4 nghiém:x; = -1; x; = 1_3(2 by =1 G = %—3
b) x® + 3x2 - 2x - 6 001 Adsachmiennt
ox(x+3)-2x+3)=0(x+3)x*-2)=0

o x+3=0 s X =-3
x2-2=0  |x=+/2
V4iy phuong trinh c6 ba nghiém: x; = -3; X3 =-V2; X3 = \/5
¢) (x* - 1)0,6x + 1) = 0,6x* + x (1)
o (x2-1)0,6x + 1) - x(0,6x + 1) = 0 < (0,6x + Dx2-1-x) =)

0,6x+1=0 (2)
L=
x*-x-1=0 (3)

* Gidi phuong trinh (2): 06x+1=0&x= *—b—% = —g.
* Gidi phuong trinh (3): x*-x-1=0
A=(-1-41(-1)=5>0

Ja = V5
1+Jg 1—\/5

RIS Ty

2 2

Phuong trinh cé hai nghiém: x; =
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d) (x2+2x -5)%=(x*-x+5)2%(1)
S+ 2x-5P-(x*-x+56)P=0
<:>(x2+Zx--5+x2~x+5)(x3+2x-~5—x2+x—5)=0

o (2% + x)(3x - 10) =0 &= x(2x + 1)(8x - 10) =0

<=0 =0
ey | 241l =0 x:—%
3x-10=0 __12
L 3
< - 1 10
Vay phuong trinh cé ba nghiém: x, = 0; x2=—§;x3= T
40. a) 3> +x)* -2x*+x)-1=01(1)
Pat t = x° + x.
Khi d6 (1) < 3t* -2t = 1 = 0. %)
Phuangtrinhcéa+b+c=3-—2—1=0.
Phuong trinh (*) ¢6 hai nghiémt = l;tz—%.
Véi t = 1 thi o6 x> (oD PAISAENTIEPRNG
A=1°-41=1)=5>0
Ja =5
=1 ++/5 -1-+6
Viy X = ——; %3 =
ay xi 2 2 2
. 1 .. 2 1 2
Vdnt:—g thi c6: x +x=—§ S3x“+3x+1=0.
A=34-431=9-12<0
Phuong trinh vé nghiém.
-1 -1-+5
Vay phuong trinh da cho c6 hai nghiém: x; = -—u—;ﬁ;)h-: lzf.

b) (x* -4x +2)° +x* - 4x-4=0(1)
Batt=x2—4x+2(2)
Khidé (1) (x*-4x+2)° + (x*-4x+2)-6=0t"+t-6=0 (%
A=12-41(-6)=25>0

Ja =25 =5
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Phuong trinh (*) c¢6 hai nghiém: t; = _12+5 = ety = ... = -3.

- V6it=2:2)ox*-4x+2=2ox*-4x=0x(x -4)=0
@[xzo c}|:x=0
x-4=0 x=1
- Voit=-3: (2)e>x*-4x+2=-3x*-4x+5=0
A=(-2°-5=4-5<0.
Phuong trinh vé6 nghiém.
Vay phuong trinh da cho c¢é hai nghiém: x; = 0; x, = 4.
0 x-+Jx =5x +7(1)
& x-6Jx -T=0
Didu kién: x 2 0. Pat t = Jx (£ > 0), Khi d6 (1) & t? - 6t — 7 = 0.
Phuong trinhc6a~-b+c=1-(-6)-7=0.
Vay phuong trinh c6 nghiém t; = -1 (loai) ; t; = 7 (nhén)
Véit =7 thi: ¥x = 7 < x = 7% = 49.
Véy phuong trinh da cho ¢6 mt nghiém x = 49.

| gadsachntiennk
8 —= - 10| EHEMDES ‘
x+1 X :
Pidu kién : ¢ #0 Xt 0 VAKX AL
x+1=20
B = ——, BRE 232 < 2
x+1 X t

Tacé:(l)cbt-lo.-i——3=0@t2~—3t—10=0

A=(-3?-41(-100=9+40=49>0

Ja = a9 =7.
Phuong trinh c6 hai nghiém: t, = _—(:Z)—t?— = 8 ts= # =-2.
Vé6i t = 5, ta c6: x =5¢_‘.>x=5x+5c>x=—§(nhan)
X+ 4
Véit = -2, ta cé: : =—2<:>x=-2x-2<:>x=—g(nh&n).
X +1 3

: ; 2
Véy phuong trinh c¢6 hai nghiém: x; = --Z—; Xy = — 3
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$8. GIAI BAI TOAN BANG CACH
LAP PHUGNG TRINH

1. KIEN‘THUC CO BAN

C4c budc giai bai toan bang cach lap phuong trinh:

Budc 1: Lap phuong trinh.

- Chon &n s6, dat diéu kién cho &n sé c6 ngha.

- Dung &n s8 va c4c s6 da biét dé tim cac s6 chua biét can thiét.
Budc 2: Giai phuong trinh.

Budc 3: Nhan xét va tra 16i.

41.

42.

43.

44,

41.

BAI TAP SACH GIAO KHOA

Trong luc hoc nhém, ban Hung yéu cau ban Minh va ban Lan méi ngudi
chon mét sé sao cho hai sé nay hdn kéminhau la 5 va tich cGa ching phai
bang 150. Vay hai ban Minh va Lan phéichon nhing s6 nao?

Bac Thai vay 2 000 000 dong clia‘ngan-hang dé lam kinh té gia dinh trong
thdi han mot ndm. Lé ra cudi nam bac phai trd ca von 1an 1ai. Song bac da
dugc ngan hang cho ké® §ai thoi ‘hdn! tRem Mot A& nia, s6 1ai coa nam
ddu dugc gdp vao véi von dé tinh lai nAm sau va Iai sudt vdn nhu cd. Hét

- hai &m bdac phai trd tat ca 1a 2 420 000 déng. Hoi lai suat cho vay la bao

nhiéu phan tram trong mot nam?

Mt xudng du lich di td thanh phé Ca Mau dén DAt Mai theo mét dudng
séng dai 120km. Trén dudng di, xudng c6 nghl lai 1 gid & thi trAn Nam
Can. Khi vé, xubng di theo dudng khac dai hon dudng lic di 5km va vdi
van téc nhd hon van t8c luc di la 5km/h. Tinh van téc cla xudng luc di,
biét réng thai gian vé bang thdi gian di.

P&. B8 em tim dugc mdt s6 ma mot ndra cta nd trd di mdt nda don vj rdi
nhan véi mét nlta ctia né bang mét nira don vi.
Gldi

Goi x 12 s8 ma mjt ban (Minh ho#c Lan) da chon va s ban kia chon la
(x + 5).

Khi dé, tich cta hai 85 1a x(x + 5) .

Theo dé bai, ta c6 phuong trinh: x(x + 5) = 150 hay x* + 5x - 150 = 0 (1)
Giai phuong trinh (1): A = 5% - 4.1.(-150) = 625

Ja = J625 =25
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Vay nghiém cta phuong trinh la: x, = 10; x, = —15.

Tra loi:

- Néu ban Minh chon s8 10 thi ban Lan chon s8 15 hodc ngugc lai.

- Né&u ban Minh chon s - 15 thi ban Lan chon s -10 hodc ngugc lai.
Goi x (%) la 1ai suat ngan hang cho vay trong mdt nam.

Piéu kién x > 0

- Khi d6, tién lai sau mot nam 1a: 2 000 000 x 1_0"_0 = 20 000x (ddng)

Sau mot n&m d4u cd vén l14n 1ai 1a: 2 000 000 + 20 000x (ddong)
~ Tién lii nim thy hai sé 1a: (20 000x + 200x%) (déng)
- Sau hai ndm Béac Thoi phdi trd ca von lan lai cho ngan hang la:
2 000 000 + 20 000x + 20 000x + 200x* = 2 000 000 + 40 000x + 200x*
Theo dé bai ta c6 phuong trinh:
2 000 000 + 40 000x +-200x* = 2 420 000 < x* + 200x - 2100 = 0
Gidi phuong trinh, ta duge: xj(= 10; x, = -210
Vi x > 0 nén ta chi chon x/=10
Tra 15i: Lai sudt ngan hang cho vay 14 10%/ nam.
Goi x (km/h) 12 vafl QU NAAEEIEIRUIRINGRT « > 5.
Khi d6 van tde luc vé la (x = 5) km/h.

Thoi gian di tif thanh. phd Ca Mau dén DAt Mii, trong d6 c6 thi gian

nghi 1 gio tai Nam Cin, 1 % + 1 (gio).

- T | .\
Pudng vé dai: 120 + 5 = 125 (km) va thoi gian vé mat 255 (gio).
x e
Theo dé bai, ta c6 phuong trinh: L +1= 1255 < x% - 10x - 600 = 0.
X X -

Gidi phuong trinh, ta duge: x; = 30 (nhén); x; = -20 (loai).
Tra 1&i: V4n tdc cia xudng lac di 12 30km/h.

Goi 8§ phdi tim 1A x.
Khi d6, mét nda cta né trir di mot nda don vi 1a: ; _ _;-
- x 1) x 1 2
Theo dé bai, ta c6 phuong trinh: [E—-z—]-z— = 5 X —x—-2=0,

Gidi phuong trinh, ta duge x; = -1; x, = 2. Tra 16i: Sé phdi tim 12 -1
hodc 2.

86 - GBT TOAN 9 fp hal)

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Luyén tap

Tich cla hai 6 ty nhién lién tiép 16n hon téng cda chung 1a 109. Tim hai
s do.
M&t manh dat hinh chid nhat cé dién tich 240m?. Néu tang chiéu rong 3m
va gidm chiéu dai 4m thi dién tich manh dat khéng déi. Tinh kich thudc
cua manh dat.
Bac Hiép va cb Lién di xe dap tu lang |én tinh trén quang dudng dai 30km,
khdi hanh cung mét luc. Van téc xe cla bac Hiép I6n hon van tdc cla xe
c6 Lién la 3km/h nén bac Hiép da dén tinh trudc c6 Lién nia gid. Tinh van
téc xe cia mdi ngudi.
. Tu mét miéng tén hinh chi nhat ngudi ta cdt & bdn goc hinh vudng ¢
canh bang 5dm dé lam thanh mét cai thing khong c6 ndp c¢6 dung tich
1500dm® (hinh dudi). Hay tinh kich thudc clia miéng tén luc d4u, biét ring
chiéu dai cta no6 gép doéi chiéu rong.

5dm 5dm

5dm

- - . - ——

oL
— AW y=_ -

epeam snne: KSIRUNS
5dm .

Hai d6i thg quét san mét ' ngéi nha. NéUho cung lam thi trong 4 ngay xong
viéc. Néu ho lam riéng thi-déi-hoan-thanh-céng viéc nhanh hon doi Il 1a 6
ngay. Hoi néu lam riéng thi mdi d6i phai lam trong bao nhiéu ngay dé
xong viéc? .

Miéng kim loai thu nh&t nang 880g, miéng kim loai thi hai ning 858g. Thé
tich miéng thu nhat nhd hon thé tich miéng thd hai 1a 10ecm?®, nhung khéi
lugng riéng clia miéng thu nhat I6n hon khdi lugng riéng cda miéng thu
hai la 1 g/cm®. Tim khéi lugng riéng ctia mdi miéng kim loai.

. INgudi ta d6 thém 200g nudc vao mét dung dich chia 40g mudi thi ndng
d6 cGa dung dich gidm di 10%. Hai trude khi d thém nudc thi dung dich
chua bao nhiéu nudc?

. |Khodng c&ch gidia hai bén séng A va B 1a 30km. MOt cand di tu bén A dén
ibén B, nghl 40 phit & bén B rdi quay lai b&n A. K& t lic khdi hanh dén
lkhi vé t6i bén A hét tat ca 6 gid. Hay tim van tdc cua cand trong nudc yén
lang biét rdng van téc cha nudc chdy la 3 km/h.

. T s& vang. D& em chia dugc AB cho trudc thanh hai doan sao cho tf s8
@ida doan I6n vdi doan AB bang tl s§ gida doan nhd véi doan I6n (hinh
dudi), Hay tim t7 s6 ay.
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D6 chinh la bai todn ma O-clit dua ra ti thé ki |1l truéc Céng nguyén. Tisd
néi trong bai todn dudc goi l1a ti s6 vang, con phép chia ndi trén dugc goi
la phép chia vang hay phép chia hoang kim.

A M B
*—— — —— — @
* Hudng dan: Gid s M 1a diém chia va AM > MB. Goi tl s6 can tim 1a x.
Gidi

Goi 80 tu nhién bé la x. Diéu kién x > 0.
Khi d6, sé tu nhién lién sau la (x + 1).
Tich cta hai sé nay 12 x(x + 1) va téng chia ching la x + (x + 1) = 2x + 1
Theo dé bai, ta ¢6 phuong trinh: |
x(x+1)=2x+1+109 & x* - x - 110 = 0.
Giai phuong trinh, ta duge: x; = 11 (nhéan); x; = -10 (loai).
Tra 15i: Hai s0 phai tim 1a 11 va 12.
Goi x(m) la chiéu rong cGa manh dat-hinh chi nhat. Piéu kién: x > 0.
Vi dién tich manh @4t bing 240} ¥&hlkhidu dai hihh chir nhat 1a: ?-39 (m),
Khi tdng chiéu rong lén 3 mét va gidm chiéu dai 4 mét thi mdnh dat

méi ¢6 chidu rong 1a% /0 87 tmet) BAIAR RAL 14 242 _ 4) (met) va dién
X

tich 1A (x + 3N 22 — 4) (m?),
X
: 0y 240 «
Theo dé bai ta c6 phuong trinh: (x + 3} == - 4) =240 <> x* + 3x - 180 = 0,
X

Gidi phuong trinh, ta duge: x; = 12 (nhan) va x, = -15 (loai).

Tra 15i: Chiéu rong mdnh dat 12 12 mét, chiéu dai 1a: 240 : 12 = 20 mét.
Goi x (km/h) 1a van téc xe cta bac Hiép. Piéu kién x > 3. Khi d6, van toc
xe cua cd Lién la (x - 3) (km/h).

Thoi gian bac Hiép di tu lang l1én tinh la 3_:3 (gio) va thoi gian ¢6 Lién

30
x-3

di tir lang lén tinh la (gid).

Theo dé bai ta c6 phuong trinh: L. = L < x* - 3x - 180 = 0.
X-3 X 2

Gidi phuong trinh ta duge: x; = 15 (nhén); x, = -12 (loai).

Tra 1oi: V4n tdc xe cia bac Hiép 1a 15km/h va vén tdc xe cla cd Lién la

12km/h.
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Goi x (dm) 1a chiéu rong cia miéng téon ldc dau. Piéu kién x > 10. Khi
dé, chiéu dai cia né 1a 2x (dm).

Khi lam thanh moét cai thung khéng ndp thi chiéu dai cua thung la
(2x - 10) (dm), chiéu rong la (x — 10) (dm) va chiéu cao 1a 5 (dm). Khi d6,
dung tich cla thung la: 5.(2x - 10)(x - 10) (dm?).

Theo dé bai, ta c6 phuong trinh:

5.(2x - 10)(x - 10) = 1500 < x° - 15x - 100 = 0.
Gidi phuong trinh, ta duge: x; = 20 (nhan); x; = -5 (loai).
Tra loi: Miéng ton lie dau c6 chiéu rong 12 20dm va chiéu dai 13 40dm.
Goi x (ngay) 1a thoi gian déi [ lam moét minh xong céng viéc. Diéu kién:
x > 4. Khi d6 doi II mot minh lam xong cong viée hét (x + 6) (ngay).

-

(cOng

%, = 1 . .
Moi ngay déi I lam xong duge — (cong viéc), doi II lam duoge =
X X +

viéc) va ca hai doi lam duoe % (cong viéce).

2 ; F . i 1 1 -
Theo dé bai, ta c6 phuong trinh: |~ | = e x’-2x-24=0.
X X+6 4

Gidi phuong trinh, ta dugc: x; =6-(nhdn); x; = -4 (loai).

Tré loi: Mot minh déi I lam trong F ngay tPl xong cong viéc.
i | L ]
Mot minh doi I1 lém trong 12 ngay thi xong cong viéc.

Goi x (g/em®) 12 khai luong riéng cia miéng kim-loai tha nhat. Didu kién
x > 1. Khi d6 khdi lugng-riéng-eha-miéng-kim-loai thir hai 1a (x — 1) (g/cm®).

Thé tich miéng kim loai thit nhat 1a Lo (cm

X

Thé tich miéng kim loai R Rt (em®).

x-1

868 _ 880 _ 10 o 5x?+ 6x - 440 = 0.

x-1 X

Theo dé bai, ta ¢6 phuong trinh:

Gidi phuong trinh, ta duge: x; = 8,8 (nhan); x; = -10 (loai).
Tra 1oi: Khéi lugng riéng cia miéng kim loai thi nhat 12 8,8g/cm®.
Khdi luong riéng cia miéng kim loai thu hai 12 7,8g/cm®,
Goi x (gam) 1a trong luong nuéc trong dung dich truge khi dé thém nuéc

40
X +40

vao. Piéu kién x > 0. Khi d6, néng d) mudi trong dung dich l1a

Néu dé them 200 gam nu6c vao trong dung dich thi trong lugng cia dung dich
40
X +240

sé 1a: x + 40 + 200 (gam) va ndéng d9 cta dung dich luc bdy gi¥ 1a
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Vi néng do ctia mudi gidm 10% nén ta c6 phuong trinh:

40 40 _ 10
X +40 X + 240 100

Gidi phuong trinh, ta dugc: x; = 160 (nhén); x, = -440 (loai).
Tra 18i: Trude khi d§ thém nude, trong dung dich c¢6 160 gam nudec.
52. Goi x (km/h) l1a van téc cia cané khi nuéc yén ling. Piéu kién: x > 3

< x? + 280x - 70400 = 0.

Khi d6, van tdc cia cand khi xudi dong 1a (x + 3) (km/h) va van té¢ cha
cand khi nguge dong la (x - 3) (km/h).

Thoi gian cand di xudi dong la -E)E (gi®¢) va thoi gian di nguoc dong la
X+

—3-95 (gi®), nghi ¢ bén B mat 40 phut = % (gio).

Theo dé bai, ta c6 phuong trinh:

30 30
4 +

x+3 x-3

-6 < 4x° - 45x - 36 = 0.

o | D

Giai phuong trinh, ta dugc: x; =/ 12 (nhan); x, = —-2- (loai).

Tra 15i: Van téc cia cand khi nuée yén lang 1a 12km/h.
53. Gid sit goi a 1a 4o 447 UBAAAREP EIMIENRL

va M 1a diém chia doan AB. HheRT L antine- B | — " .
Goi do dai cda doan AM = x, — / :"_'__Tj'?"’
didu kién 0 <x<a. T S
Khi d6 MB = a - x.
AM MB X a-x
Theo dd baitach: —— =—— hay — = — — ¥ =ala- £ +ax-a =0,
B MA ya . a(a-x)< x + a

Giai phuong trinh: A = a* - 4.1.(-a®) = 5a* > 0
J_ = y5a% = a«fg.
Phuong trinh c6 nghiém la:

-a+ a\/g _ a(\[5_ -1) -a - a\/g —a(\/f'; +1
2

A (ahgn) ; xp = ——=— =" ==2—— (logi)
Viy AM = i‘igé:ﬂ
a(y5 - 1) I
Tra 15i: Ti s8 c4n tim la: AM 2 _N5-1
AB a 2
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ON TAP CHUONG IV

A. Tom tat cac kién thiic can nhé

1. Ham s8y = ax? (a # 0):

a>0 a<o
Y Yy
o i
0 X %
¢ Ham s& nghich bién khi x < 0, e Ham s6 dong bién khi x < 0,
déng bién khi x > 0. nghich bién khix > 0
e y=01agid tri nhd nhat cla ham-——s y = 0 |& gia tri I6n nhat cGa ham
s0, dat dugc khi x = 0. s8, dat dudc khi x = 0.
-2, Phuong trinh bac hai ax® + bx +/c = 0 (a # 0)
A =b? - 4ac A'=b"? - ac (b = 2b"
e A>0:Phuong trinh 66'haitacsachsiieansho cPhuong trinh ¢6 hai
nghiém phan biét . .nghiém phan biét
-b+Ja  \\_ -b=vA b+ b=
1= —  Xo = Xqm—— —, X2 =
2a 2a a a
e A =0 : Phudng trinh c6 nghiém e A’ =0 : Phuong trinh cé6 nghiém
. b’
kép: X1=K2=—£ KEp: Xy =Xp=——
2a a

e A< 0:Phuong trinh vé nghiém e A'<0:Phuong trinh vé nghiém
3. Hé thuc Vi-et va ung dung:
e N&u x4, X, 1a hai nghiém cla phuong trinh ax>’+bx+c=0 (a # 0) thi

Xy + X, =——
1 2 a .

X1.X2 =

WO

e Mudn tim hai sd uvav, biétu +v =S, uv = P, ta gidi phuong trinh:
x)-Sx+P=0
(Diéu kién d€ cé uva v la S? - 4P 2 0)

GBT TOAN 9 (tdp ha) - 91

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

e N&u a + b + c = 0 thi phuong trinh ax® + bx + ¢

e Néu a - b + ¢ = 0 thi phuong trinh ax® + bx + ¢

0 (a # Q) co hai
nghiém: x; = 1; Xz = 9—.
a

]

0 (a # 0) co hai
nghiém: xy = -1; X2 = —E.
a

B. BAl TAP GIAO KHOA CO BAN

54.

55.

56.

57.

58.

v et sl : s 1 : 1 o :
V& db thi cia haiham s6 y = zxz vay= —zxz trén cling mét hé truc toa do

a) Qua diém B(0; 4) k& dudng thang song song vdi truc Ox. N6 ¢4t dé thi

, : 1 . . " . - "
cGtahamsdy = sz tai diém M va M'. Tim hoanh dé cGa M va M’

b) Tim trén dé thi cla ham sé y = —%xz diém N c6 cing hoanh dé véi M,
diém N’ ¢6 cung hoanh dé véi M- Budng thang NN’ c6 song song VGi
Ox khéng? Visao? Tim tung do eda’ N va N’ bang hai céch:

- Udc lugng trén hinh vé;

- Tinh toan theo cong thLZrc,,jk e ehmienh b

Cho phuong trinh x* - x -2 = 0

a) Giai phuong trinh.

b) V& haidé thiy =x®vay = x + 2 trén cung mét hé truc toa do.

c) Chung td ring hai nghiém tim dugc trong cau a) la hoanh do giao diém
cla hai dé thi.

Gidi phuodng trinh:
a)3x‘-12x2+9=0; b) 2x* + 3x* - 2 = 0; c)x*+5x° +1=0.
Giai cac phuadng trinh:

x2 2x x+5

2) 5x2 - 3x + 1 = 2x + 11 ; TR .
5 3 6

X 10 -2x x+0,5 Tx+2

c) = ; d) = ;

x—2 x°-2x 3x+1  ox? —1
e)2J§x2+x+1=J§(x+1); f)x2+2vV2x +4=3x+V2).
Gidi cac phuong trinh:

a) 1,2x% - x2 - 0,2x = 0; b) 5x* - x2 - 5x + 1 = 0.
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60.

61.

62.

63.

64.

65.

66.
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Giai phuong trinh bang céch dat 4n phu:

2
a) 2(x2H2x)2+3(x2-2x)+1 = 0; b) (x+lJ —-4[x+1] +3=0.
X X

Véi mdi phuong trinh sau, da bi€t mot nghiém (ghi kém theo), hay tim
nghiém kia:

a)12x2—8x+1=0,x1=%; b) 2x* - 7x - 39 =0, x; = -3;

c)x2+x—2+\/§=0,X1=~x/§: d)x*-2mx+m-1=0, x; =2,
Tim hai s6 u va v trong mdi truéng hgp sau:
a)u+v=12,uv=28vausyv; b)u+v=23, uv=6.

Cho phuong trinh 7° + 2(m - 1)x -m? =0

a) Vdi gia tri nao cha m thi phuong trinh ¢6 nghiém?

b) Trong truéng hgp phuadng trinh cé nghiém, dung hé thuc Vi-ét, hay tinh
t8ng cac binh phudng hai nghiém cta phuong trinh theo m.

Sau hai ndm, s6 dan cla mot thanh-ph8 tang ti 2 000 000 ngudi Ién
2 020 050 ngudi. H6i trung binh m&inam dan s6 cla thanh phd d6 téng
bao nhiéu phin tram?

Bai toan yéu c4u tim tich clia ‘mét Igé']i:fu&hb vdi mot s6 I16n hon né 2 don
vi, nhung ban Quan nham dau bai'lai tinh tich cia mét sé duong vdi mot
s8 bé hon né 2 dan vi. Két qua cha ban Quan 1a 120. H&i néu lam dung
d4u bai da cho thl k&t qua phai 1a bao nhiéu?

Mot xe IGa di td Ha Noi vao Binh Son (Quang Ngai). Sau dé 1 gid, mét xe
Ila khac di ti Binh Son ra Ha Noéi vSi van t8c 16n hon véan t8c clia xe la
thd nh&t 1a 5km/h. Hai xe gép nhau tai mdt ga & chinh gilla quang dudng.
Tim van téc cha méi xe, gia thiét rdng quang dudng Ha Ndi — Binh Son dai
900km.

Cho tam giac ABC c6 BC = 16¢cm,
dudng cao AH = 12cm. Mét hinh ‘chd
nhat MNPQ c6 dinh M thudc canh AB, M K N
dinh N thudc canh AC con hai dinh P va
Q thudéc canh BC (hinh bén). Xac dinh vi
tri cia diém M trén canh AB sao cho

dién tich cGia hinh chi nhat bang 36 cm?. g
B Q H P C

A
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Gidi

54. Vé do thi cdc ham so:

, g 1 .,
Hamséoy= —x"vay=-—x".
x 4 ’ 4

L

- Tap xdc dinh D = R.

- Béng gié tri:
X - =2 -1 0 1 2
y = A 1 Lilpl & 1
4 4 4
1 5 1 1
=-—X -1 B 0 | ==
y & 4 4 4

~ D6 thi ham sd'y = i—x2 vay = ~ix

1a c4c Parabol c6 dinh 12 goc toa dd
O va nhéan Oy lam truc déi xting. D6

" 1 :
thi hAm sé y = sz ndm tréna truc

hoanh, dé thi har o ¥l ;lpfi P b

duéi truc hoanh.

a) Pudng thdng di qua diém B(0; 4) song song véi truc hoanh cé phuong
trinh y = 4.

Phuong trinh hoanh d¢ giao diém gida hai dudngy =4 vay = %xz la:
%x2=4<:>x2-= 16 © x =14

Vay dudng thidng y = 4 cdt d6 thi ham s6 y = i—xz tai diéem M c¢¢
hoanh d§ x = 4 va diém M’ ¢6 hoanh d9 x = 4.
b) Vi d6 thi (P) cia ham sd y = -‘1Ix2 va do thi (P') cia ham sd y = -%xz

ddi xing qua truc hoanh nén diém M c6 hoanh do x = 4 thi dém N
trén (P’) ciing c6 hoanh do x = 4 va diém M’ ¢6 hoanh dd x = -4 thi
diém N’ trén (P’) cing ¢6 hoanh dd x = 4.

Khi d6 duéng thdng NN’ song song v6i truc Ox vi hai diém N va N’
déu cach truc Ox mot khodng bing 4 don vi.
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56.
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b)

c)

a)
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Tim tung do cia N, N’ bang:

Uge luong trén hinh vé (xem hinh)

Tinh toan theo cong thirc: Ta cé toa do diem M la (4; 4); M’ 1a (-4; 4).

Piém N la diém doi xdng cia diém M(4; 4) qua truc Ox nén diém N c¢6

toa do la N(4; —-4); Piém N’ la diém d6i xdng cia diém M'(-4; 4) qua

truc Ox nén diém N’ c6 toa do 1a N'(-4; -4).

Vay tung d§ qua diém N va N’ déu bing —4.

Giai phuong trinh x* - x - 2=0
A=(-1¥-41(-2)=1+8=9>0
Ja = a=3

Vay phuong trinh c6 hai nghiém: x; = -1; x; = 2.

Vé cac do thi:

Ham s8 y = x°

Téap xdc dinh D = R.

Bédng gid tri:

X -2/1 -1 10 ||4 T2
y=x*| 4 1 |0o|1]4

P4 thi ham s8 y = %12 matiparabol e6/dinhola géc toa dé O va nhan
Oy lam truc déi xung.

Hamsdy =x + 2

P$ thi ham s y = x + 2 lam mét dudng thdng di qua hai diém:
A(0; 2); B(-2; 0). A

Dua vao dé thi ta thdy (d) va (P) cdt nhau tai hai diém M(-1; 1) va
N(2; 4).

Diéu nay chung té ring (d) cdt (P) tai hai diém c6 hoanh d$ lan lugt
la x = -1; x = 2. Hai gi4 tri nay cing chinh la nghiém cta phuong
trinh x> - x - 2 = 0 & cdu a).

Gidi phuong trinh 3x* - 12x* + 9= 0 (1)

Dit x* = t. Pidukién t > 0

Thé vao (1), ta c6: (1) <> 3t> - 12t + 9 = 0

Phuong trinhc6a+b+¢=3-12+9=0

Vay phuong trinh ¢6 nghiém t, = 1 (nhéan); t; = 3 (nhén).
~Khit=lox!=1ox=1+1
_Khit=3ox*=3ox=4+3

Vay phuong trinh (1) ¢6 4 nghiém: x = +1; x = +v/3
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b) 2x* + 3x* - 2 =0 (1)
Patt = x% Didukién t > 0
Khidé (1) > 2t* +3t-2=0
A=3"-42(-2)=9+16=25>0

JA = 25 =5
Vay phuong trinh c¢6 nghiém la:
-3+5 1 -3-5
t; = = — (nhén) ; t; = = -2 (loai
1 1 2( an) ; to 1 (loai)
Vdit=l©x2=l<:>x=i }—zi—{g.
2 2 2 2

¢ x*+5x°+1=0()
Piat t = x* Piéukién t > 0
Khid6 (1) = t? +5t+1=0
A=5"-411=25%4=21>0
Vay phuong trinh c¢6 nghiém la:
5- 21

i;._@ < (1081), B _—2-— <0 (1031)

BAdSaENNTEDRE
Vay phuong trinh (1) vo hghiém. '

57. a) Gii phuong trinh6x% < 3% %1 2:2x + 11/(1)
Ta c6 (1) < 5x%° —8x+1=2x=11=0
o5 -5x-10=0x*-x-2=0(2)
(2)c6dangax’ +bx+c=0vacba-b+ec=1-(-1)-2=0.

t

Vay phuong trinh c6 hai nghiem: x; = -1; X, = — — =
a

2
b}L-EE:“5
5 3 6

Ta ¢6 (2) < 6x° — 20x = 5x + 25 < 6%° — 25%% - 25 = 0
A=(-25)* - 4.6.(-25)=1225> 0

Ja = J1225 = 35.

Vay phuong trinh ¢6 hai nghiém:
o . 20)+35 . (-26)-35 _ 5
AT 2.6 6
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| X 10 - 2x

B e [

X - 2 x% - 2x

x-2#0 {x;&(}
ot

x2 -2x #0 X2

(3)

Diéu kién: {

MTC: x* - 2x = x(x - 2)
Khidé(3) <= x*=10-2xe>x*+2x-10=0
A=12-1(-10)=11>0

Ja' = 1
Vay phuong trinh c¢6 nghiém:
X;=-1+ \/ﬁ (nhan); x;=-1- \/ﬁ (nhan)

g 20 o IR o
3x +1 9x2% 1
3x+1=0
Dieu kién: x2+ 4:::»x:rtil
9x“ #1+0 3

MTC: 9x%> - 1va 9x? -1 =@3x)* =1%=(3x + 1)3x - 1)
Khi d6 (4) < (x + 0,5)(3x - 1),;"1?c ]+_62 2 6x*-13x -5=0
i )

Hallbd

A=(-13) - 4.6.(-5) =289 > 0
Ja PYBgg2agHayl

Véay phuong trinh ¢6 nghiém:

wy = P L NG o 3 (i ws = P = e lonl,
2.6 = 2 2.6 3

Véay phuong trinh c6 nghiém: x = g

e) 2\/§x2+x+1= @(x-41)@2ﬁx2+x+1— \/gx—\fg =0
<:>2J§x2—(\/5 -1x+1- \/5 =0
A=(y3 -1 -8y3(1-48)=26-26.43 +3=(6-4+37>0

Ja = J6-3)? =5-V3
Vay phuong trinh c6 hai nghiém:
. V3-145-43 _ Jﬁ;x2= V3-1-5+y3 _1-V3
43 3 43 2
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f) x2+2\/5x+4=3(x+\/5)c:>x2+(2\[§ -—3)x+4—3\/§ =0
A=8-12V2 +9-16+12Y2 =150

\/5=1

Vay phuong trinh ¢6 hai nghiém:

Xlz%:L:Q*\/E; X

2

=§:_2_~2_/§;1=1,\/{,;,

58. a) 1,2x* - x*-0,2x =0 (1)

2 x=0

& x(1,2x"-x-02)=0& 5
1,2x“ -x-0,2 =0 (%)

Gidi (*): 1,2x* -x-0,2=0

Tacé:a+b+¢c=12+(-1)+(-0,2)=0

Vay (*) ¢6 hai nghiém: x; = 1; X5 = —10,22 u

S|

Vay phuong trinh da cho ¢ 3 nghiém: x; = 0; x, = 1; x5 = —é—

3 2 _
b) 5x" - x" - 8%+ 1 1 (A ddaEfintenn b

SxX*Gx-1)-6x-1)=0 o6BGx-1)x*-1)=0

5x -1=0 JL1
= = 5
x“=1=0

Vay phuong trinh (2) ¢6 3 nghiém: x; = é; X ==1: X3 =

59. a) 2(x* - 2x)? +3(x* -2x) + 1 = 0 (1)
Patx*-2x=t. Khid6 (1) = 2t + 3t + 1 = 0 (*)
Phuong trinh (*)c6a-b+c=2-3+1=0
Viay phuong trinh (*¥) c6 hai nghiém: t, = -1; t; = —%-
- Véit=-1.Tach: ¥-2x=-1xX-2x+1=0%=X=1
- V&it:——;—.Tacézxz—Zx=—%<:>2x2—4x+1=0

A=(-2%-21=4-2=250

Ja' = V2
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Phuong trinh ¢6 hai nghiém:

--2+V2  2+V2 o —(2-V2 _2-V2
Xg= ————" = ————— VA Xy = = ;
2 2 2 2
Vay phuong trinh da cho ¢6 bon nghiém:
By =X = 1; X ——%i—z'x —2_J5
1=X2=1,x3 5 1 X4 5

2
b) (x-r—)l(—] ~4(x+lJ + 3 = 0(2). Diéu kién x # 0.
X

Dat t = x +—. Khi d6 (2) & t? — 4t +3 = 0 (*)
X
Phuong trinhc6a+b+c=1-4+3=0,

Vay phuong trinh (*) c6 hai nghiém: t; = 1; t; = - =8
a

1 :
- Veit=1 x+~ =1ox* k=0

X
A=b®*-4ac=(-1*-411=-3<0
Phuong trinh vé nghiém!qadcachmienn!t

- Veit=3 & x+l =3 ot -8xwl=0
X

ASXN-8°-211=9-4=5>0

Ja =5

Phuong trinh ¢6 hai nghiém: x, =

3+\/g 3—\/5
y Xo = .
2 2
3+\/g 3—\/5

Viy phuong trinh da cho c¢6 hai nghiém: x,; = - s Xg = :

Vi déy la cdc phuong trinh bac hai déu c6 nghiém (A 2 0) nén ta chi
can 4p dung dinh li Vi-ét dé tim nghiém con lai. Goi x;, X; 1a hai
nghiém cia phuong trinh.

c
Ta ¢6: x;.X, = —
a

a) 12x* -8x+1=0,x, =

DO | -

1 1 1
Ta cbd: X;.Xg =— & —Xp = & Xg = —
CO: X;.X3 22 2 6

12 12
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b) 2x* - 7x-39=0, x, =-3

Ta ¢6: x1.X; = —-ggcb -3X%y = i‘:j}-c::n@:g: l?-

2
) ¥ +x-2% 42 =0, x,=- 2
Ta c6: x;.x; = \/5—2 c:>—\/§.x2= \5—2
S S

dx*-2mx+m-1=0(1), x; =2
Vi x; = 2 12 m{t ngkiém cda phuong trinh (1) nén:
22-2m2+m-1=0<4-4m+m-1=0om=1
Khim=1Tacé: x;.X%=m-12x=0%=0
61. a) Pébaichou+v=12;uv=28vau>v.
Vay u va v 1a hai nghiém cta phuong trinh:
X?-SX'+ P =0hay Xt 12X + 28 = 0
A'=(-6)°-228=36-26=8>0
Va = V8 - 2\/_ Jehntienhk
l
Ta c6: X; = —(-6) + 2\/_-6+ 2v/2
X, = ~(-6)~ 22 =6 242
V16+2\/5>6—2\/§nénchgnu=6+Zﬁva\':G—Zﬁ.
b) Bietu+v=3vauv==6
Do d6 u va v 1a hai nghiém ciia phuong trinh:
X2-SX+P=0hayX*-3X+6=0
A=(-3?-416=9-24=-15<0

Phuong trinh vd nghiém. Vay khéng c6 hai s§ u va v nao thia man
céc diéu kién da cho.

62. Xét phuong trinh: 7x* + 2(m - )x - m* =0 (1)
a) Phuong trinh c6 nghiém khi A’ > 0.
Ta ¢6: A" = (m - 1)? - 7(-m? = (m - 1)* + 7Tm*® > 0 v6i moi m.
VAy phuong trinh (1) luén ludén c¢é nghiém véi moi gié tri cia n.
b) Goi x;, X2 12 hai nghiém cda phuong trinh (1).

Ta c6: xf + xg = (X1 + Xg)* - 2XXp = |:
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Tron Bo SGK: https://bookgiaokhoa.com



63.

65.

Download Ebook Tai: https://downloadsachmienphi.com

_4m2 -8m + 4 om?

4m2:_8m +4 +14m? 18m? - 8m + 4

+
49 7 49 49

- 2 18m? - 8m + 4
Vay x> + x2 = ———— "%
2 Xy 2 49

Goi x (%) la ti 1é dan s& trung binh mdi ndm. Diéu kién: x > 0. Khi dé:

Sau mdt nam, dan sb cua thanh phd la:
2 000 000 + 2 000 000. i—g—a = 2 000 000 + 20 000x (ngudi)

Sau hai nam, dan sé cia thanh pho la:

2 000 000 + 20 000x + (2 000 000 +20 000X). —1%

= 2 000 000 + 40 000x + 200x* (ngudi)
Theo dé bai, ta ¢6 phuong trinh:
2000000 + 40000x + 200x* = 2020050 <> 4x* + 800x — 401 = 0
A" = 400° - 4(-401) = 160 000+ 1604 = 161 604 > 0

JA' = 161104 = 402

Vay phuong trinh c6 hai pgliamea ehinienpt

i :@;_4‘12. = 0,5 (nhan); xs = ﬂ;‘m—% = -200,5 < 0 (loai)

Vi x > 0 nén x, khong thoa man diéu kién cua an.

Vay ti lé ting d4n s6 trung binh hang ndm cda thanh phé 1a 0,5%.
Goi x 12 s6 duong ma dau bai cho, x € N*

Ban Quan da chon sé (x - 2) dé nhéan véi x.

Theo dé bai, ta c6: x(x - 2) = 120 hay x* - 2x - 120 = 0

Gidi phuong trinh ta duge x = 12 (nhén)

Nhung ddu bai yéu ciu tim tich cia x véi x + 2.

Vay két qua ding phai 1a 12.14 = 168

Goi x (km/h) 1a van toc cia xe thi nhat. Diéu kién x > 0.

Khi d6 van toc cua xe lira thi hai 1a x + 5 (km/h).

- 3 450 , .
Thoi gian xe lia thit nhat di tt HA Noi dén chd gap nhau la: e (gio).

450

Thoi gian xe lda thi hai di ti Binh Son dén cho gép nhau la: =
X+

(gid).
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Vi xe lita thua hai di sau 1 gid, nghia 1a thoi gian di dén chd gip nhau it
hon xe thi nhat 1 giy. Do dé, ta ¢6 phuong trinh:

A 290 =1 x%+5x-2250=0

X X+5
Gidi phuong trinh ta dugc: x, = 45 (nhdn); x; = -50 (loai)
Vay: Van tdéc cha xe lia thi nhét la 45km/h.
Van tdc cha xe lira tha hai 1a 50km/h.
66. D& xéac dinh vi tri cia M, ta chi can tinh dd dai ciia doan AK.
Goi x (cm) 12 db dai cia doan AK. Diéu kién: 0 < x < 12.
MN AM AK «x
BC AB AH 12

Vi AABC v AAMN nén:

Z
Suy ra MN = o = o,
12 3
Ta con ¢6: MQ =KH =12 - x
Do d6 dién tich hinh chu nhat MNPQ 1a: £

(12 - x)g. /
3 M K N

Theo dé bai ta c6 phifong trinh: nntienpk

(12—x)%=36¢932~12x+27=0. \

1 A\
Gidi phuong trinh ta duge: B Q@ H P G

x; = 9 (nhédn) hodc x; = 3 (nhén)

Vay d¢ dai cia doan AK = 3cm hodc 9em. Khi ¢6 M sé c6 hai vi tri tran
AB nhung dién tich hinh hinh chit nhat MNPQ luén bing 36cm”.

CAU HOI TRAC NGHIEN, CHUONG IV

1. Cho (P): y = ax® di qua diém A(4; 4), khi dé a1é s6 a bang:
1 1

A a=2 B.a=—: Ca=—; D.a=3.
2 4
2. Phuong trinh x* - 3x + 2 = 0 c6 tap nghiém la:
A. S = {0; 2}; B.S =1{1; 2); C.8 = {2; 3}; D. S= .
3. Phuong trinh x* — 4x + m = 0 c6 hai nghiém phan biét khi:
A.m<4; B.m 2 4; C.m>4; D.m< 4

102 - gBT TOAN 2 (14p hal) |
Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

. Phuong trinh 2x* - mx + 2 = 0 ¢c6 nghiém kép khi:

A.m=t4; B.m=%16; C. m = 4&; D. m=-4.
. Phuong trinh x* - 2x + m = 0 v6 nghiém khi:

A.m=1; B.m=-1; C.m s 13 D.m«<1.
. Chon phat biéu ding sau day:

A. Néu hai s6 x; va x; co tong bing S va tich bang P thi x;, x; la hai
nghiém cia phuong trinh X* - SX + P = 0.

B. Néu x; + x3 = mg- Va X;.Xp = § thi x; va x, la hai nghiém cia phuong
trinh ax® + bx + ¢ = 0 (a = 0).

C. Ca hai cau A. va B. déu dung;

D. Cé hai cau A. va B. déu sai.

. Néu phuong trinh bac hai ax” + bx + ¢ = 0 ¢6 mét ngudi x; (x, # 0) biét

trude thi nghiém con lai x, duge tinh-béng cong thife nao sau day:

A. Tinh A (hoac A'); B.x; + X2 = “E )
a

C. X%y = E', Ie Pﬁ cau B. va C.
a tJ

8 adSaehntien

. Gid tri cia m dé phuong trinh 2%* - 3x + m - 5 = 0 ¢6 hai nghiém trai dau
la:

A . m < b; B.m>5; C. m < -5; D.m>-5
. Cho ham s8'y = (m + 2)x* ¢6 gid tri nhé nhat khi:

A .m?>-2; B. m 2 C.m> -2; D.m > 2.
10. Cho phuogng trinh ax’ + bx + ¢ = 0 (a # 0) ¢c6 hai nghiém X; Xg thi

Lol bing:

X X

T B. =; c 2 Biysc

a a c ¢

PAP AN CAU HOI TRAC NGHIEM CHUONG IV

1.C 2B 3.D 4. A 5.C
6.C 7.D 8. A 8.C 10.D
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PHAN HINH HOC

ChuongIII.  GOC VOI DPUONG TRON

§1. GOC 6 TAM. SO PO CUNG

1. KIEN THUC CO BAN

1. Goc & tam:
Pinh nghia: Goc cé dinh trang vdi tam dudng tron dugc goi la géc & tam.
2. S6 do cung:
a) binh nghia:
- 88 do cla cung nhd bdng sé do'‘ctia goc
& tam chén cung do: A
sdAmB = AOB = e
ENmiend o

- S do cla cung I6n béng hléu gu]a 360°
va sb do cia cungnhd.

sdAnB = 360°=SAAMB = 360° =
- 88 do clia nia dudng tron bang 180°.
b) Chua y:
- Cung nhd cé s6 do nhd hon 180°
- Cung I6n c6 s6 do 16n hon 180°.
- Khi hai mut cGa cung tring nhau, ta ¢é "cung khéng” véi s do 1a0°.

3. So sanh hai cung:
~ Hai cung dugc goi la bing nhau néu chiing c6 s6 do béng nhau.
~ Trong hai cung, cung nao cé sd do I6n hon dugc goi la cung Ién hon.
4. Khi nao thi sd AB = sdAC + sdCB?
e Pinh li:
Néu C 1a mot diém trén cung AB thi:

sd;\_é -—-sd;é +sd€8.
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Il. BAI TAP
A. Bai tap mau
Cho tam giac déu ABC. Goi O la tam clia dudng tron di qua ba dinh cla
tam giac.

&) Cac ban kinh OA, OB, OC tao thanh bao nhiéu géc & tam? Mbi géc dé cé
s0 Go bao nhiéu d6?

k) Cac diém A, B, C xac dinh nhiing cung nao? Cho biét sé do cla cac
cung do.

Gidi
a) - Cac ban kinh OA, OB, OC tao thanh 3 géc ¢ tam ABB 86C va CEA

- Vi AABC la tam gidc déu nén 3 dudng trung truc cda 3 canh ciing chinh
la 3 dudng phan gidc cia 3 goc cua tam glac Tam O cua dudng tron la

giao diém 3 dudng phan gidc ctia 3 géc A B C.
Dodé: A; =Az =B =Bs =T =G
_ ABC _ 60°
2 2
Vi AABC déu nén AB = AC = BC(2)
Tu (1) va (2) suy ra L\.AOB AAO I=]%Bi(:?_ B
Ta c6: AOB = 180° - (A + 1-31 y 180" - 60° = 120°
Vay AOB = BOC = COA = 120"
b) Cdc diém A, B, C € (0) xdc dinh ba cung nhé: ;;_1_5. gé (SE Mol cung nho

= 30%@1)

lai ¢c6 mot cung ldn tuong tng, dé la: ACB, BAC, ABC.
- Tac6 AOB chdn cung nhé AB, ma AOB = 120°
Dodé:  sdAB = 120%va sd ACB = 360° - 120° = 240°.
~ Tuong ty: sdCB = 120° va sd BAC = 240°
sdCA = 120° va sd ABC = 240°.
B. Bai tip gido khoa can ban

1. Kim Qi& va kim phut cia dong ho tao thanh mét goc & tam cé s6 do la bao
nhiéu dd vao nhing thoi diém sau:
a) 3 gid: b) 5 gig; c) 6 gid; d) 12 gio; e) 20 gig?

2. Cho hai dudng thang xy va st cat nhau tai O, trong cac géc tao thanh cé géc

40°. Vé mat dudng tron tam O. Tinh sé do clia cac géc 8 tam xac dinh bdi
hai trong bén tia goc O.
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3. Trén cac hinh a, b hay dung dung cu do géc dé tim sé do cung AmB. Tu

do, tinh sé do cung AnB tuong ung.
m

m B
A A
B
a) b) .

Gidi

1. Trén mat déng hé nguoi ta chia lam 12 phdn bing nhau, mdi phan cé so
do 1a 360" : 12 = 30°
a) Lue 3 git, kim gio va kim phat tao thanh goe & tam ¢6 s6 do 1a 30” x 3 = 90°.
b) Lic 5 gi, kim git va kim phut tao thanh géc & tam c6 s6 do 1a 30" x 5 = 150",
¢) Luc 6 giv, kim git va kim phut tao thanh goc & tam c6 so do 1a 30° x 6 = 180",
d) Luc 12 gi¥, kim gig va kim phit tao thanh géc ¢ tdm c6 s do 1a 0'.
e) Lic 20 gio (hay 8 gid tdi) kimgig va kim phit cia dong ho tao thanh

g6c ¢ tam mot goc 30" x 4 = 1207

2. Hai dudng thang xy va st cidt nhautai O. (O la tdm cia dudng tron) tao

thanh 6 géc ¢ tam: xOs sOy yOt tOx xOy sOt . 5

Ta c6 xOs = yOt = 40" (hai géé doi (Iin]lli) i
Vi xOs vé sOy 142 hai géc ké bu, nén: Q‘
xOs + sOy = 180"

== sOy = 180°- xOs =180° - 40° = 140°

Vay sOy = tOx = 140° (i dinh)

Ta c6: xOy = sOt = 180" (géc bet)

3. * Hinh a: Dung thude do goc ta do duge O

géc nhé AOB c6 s6 do bing 124°.
Suy ra sd AmB = AOB = 124°.
sd AnB = 360° - sd AmB = 360 - 124° = 236"

* Hinh b: Dung thuéc do géc ta do duge géc nhé
AOB c¢6 s6 do bling 67". g
Suy ra sd AmB = AOB = 67°. v
sd AnB = 360° - sd AmB = 360° - 67° = 293°
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4 tam AOB va s6 do cung Idn AB.
. Hai tiép tuyén cta dudng tron (O) tai A

A
‘
va B cit nhau tai M. Biét AMB = 35°.

a) Tinh s6 do cua goc d tdm tao bdi hai ban kinh OA, OB.

b) Tinh s6 do mdi cung AB (cung I6n va cung nhd).

. Cho tam giac déu ABC. Goi O la tam ctia dudng tron di qua ba dinh A, B, C.
a) Tinh s6 do cac géc & tam tao bdi hai trong ba ban kinh OA, OB, OC.

b) Tinh 86 do cac cung tao bdi hai trong ba diém A, B, C.

. Cho hai duong tron cung tdm O vdi ban

kinh khac nhau. Hai dudng thdng di qua O

cét hai dudng tron do tai cac diém A, B, C,

D, M, N, P, Q (hinh bén)

a) Em ¢O nhan xét gi vé s6 do cla cac
cung nhé AM, CP, BN, DQ?

b) Hay néu tén céc cung nhd bang-nhau,

c) Hay néu tén hai cung Ién bang nhau.

. M&i khdng dinh sau day dung hay saif, Viisao?
a) Hai cung bang nhau thi co s6 do bang nhau.
b) Hai cung c6 6 do bang nhau thi bAng nhad.
c) Trong hai cung, cung nao ¢ s6 do I6n hon 1a cung |6n hon.,

d) Trong hai cung trén mot dudng tron, cung nao c¢é sé do nhd hon thi nhd hon.

. Trén dudng tron tam O I8y ba diém A, B, C sao cho AOB = 100° sdAC = 45°.

Tinh 88 do cla cung nhd BC va cung i6n BC. (Xét ca hai trudng hgp: diém
C nam trén cung nhd AB, diém C nam trén cung ién AB).

Gjidi
. Theo hinh vé, tam gidc AOT la tam gidc
vuong cin tai A.

Do dé: }{6'-1‘ = 45°. Suy ra sdzﬁ = AHT = 45
Khi d6 sd AB (cung 16n) = 360" - 45" = 315",

.a) Ta c6 MA va MB }la hai tiép tuyén vdi
dudng tron (O), do dé:

OA L MA hay OAM = 90°
vd OB L MB hay OBM = 90°.
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Xét tu giac OAMB, ta co:
O+A+M+B = 360°

-~

— O =360° - (A+M+B)
= 360° - (90° + 35° + 90Y)

—~

O =360" - 215° = 145",

Vay hai ban kinh OA, OB tao thanh géc ¢ tam AOB ¢6 s6 do 1a 145",
b) Géc AOB chin cung AmB. Do dé: sd AmB = AOB = 145
sd AnB = 360" - sd AmB
sd AnB = 360° - 145" = 215".

6. Xem bai tdp mau.

7. a) Vi hai dudng tron déng tam (c6 ban kinh khac nhau) nén cac géc:

AOM = BON = QOD = POC
Do dé, cac cung nhé AM, CP, BN, DQ cing ¢6 cung sé do.
b) Trén (O; OA), ta ¢é ;‘;a I:E); I{R& = EQ

—

CP-va BP = NC.
¢) Visd AM = é_f) (dg 2,g6¢;¢ tam bang nhau)
Ta c6: sdm = 360° - sd AM
= 360%—-d-QD-=-sd-QAD
Suy ra m = EQTD

. a) PUNG: Do dinh li vé so sdnh 2 cung.

b) SAI: Vi khéng néi ré hai cung d6 cing ndm trén mot dudng tron hay
trén hai dudng tron bing nhau khéong?

¢) SAI: - Li ludn nhu cau b).
d) PUNG: - Li ludn nhu céu a).
.a) Vi }T(.S_B 1a géc ¢ tdm nén de'“B = AOB = 100".

Khi diém C; nim trén cung nhé AB, tifc 1a diém C, ndm gita A va B.
ta co:

sd;B = sd;ia1 + sdé—;ﬁ

Trén (O; OB), ta cé BN

— sdBC; = sdAB - sd AC; = 100° - 45° = 55°
Khi d6 cung 16n BC c6 sd do:
S6 do cung 16n BC, = 360° - 55° = 305°
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b) Khi diem C; nam trén cung 16n AB.
Khi d6 diém A nam gita hai diém B va C, nén:

Sé do cung nho BC, = sd AB +sd ;\_6:3 = 100° + 45" = 145"

S6 do cung lén BC, = 360" - 145"= 215",

§2. LIEN HE GIUA CUNG VA DAY

1. KIEN THUC CO BAN

Pinh Ii 1: Vdi hai cung nhd trong mét dudng
tron hay trong hai dudng tron bing nhau:

a) Hai cung bang nhau cang hai day bang nhau.
b) Hai day bdng nhau cang hai cung bdng nhau.
Tacé: a) AB = CD = AB =CD

b) AB = CD = AB = CD

Pinh Ii 2: Vdi hai cung nhd trong-moét dudng
tron hay trong hai dudng tron bang nhau:

a) Cung Idn hon cang day 1én'hon! nuenht
b) D&y [6n hon cang cung Ién han.
Tacé: a) AB > CD =-AB->CD

b) AB > CD => AB > CD

e —

II. BAl TAP SACH GIAO KHOA

10.

11.

a) Vé dudng tron tam O, ban kinh R = 2cm.
Néu cach vé cung AB c6 s8 do béng
60°. Hoi day AB dai bao nhiéu xentimet?

b) Lam thé nao dé chia dugc dudng tron
thanh sau cung badng nhau nhu hinh vé
bén.

Cho hai dudng tron bang nhau (O) va (0') cit nhau tai hai diém A va B.
Ké cac dudng kinh AOC, AO'D. Goi E 1a giao diém thu hai cla AC vdi

dudng trén (O').
a) So sanh cac cung nhd BC, BD.

b) Chung minh rdng B la diém chinh gida cua a cung E EBD (tuc la diém B

chia cung EBD thanh hai cung bing nhau: BE = BD)
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Cho tam giac ABC. Trén tia ddi cdha tia AB lay mot diém D sao cho
AD = AC. Vé duong tron tam O ngoai tiép tam giac BDC. Tu O lan luot ha
cac dudng vudng goc OH, OK véi BC va BD (H € BC, K € BD).

a) Chung minh rdng OH > OK.

b) So sanh hai cung nhé BD va BC.

Chung minh rdng trong mét dudng tron, hai cung bi chan gitla hai day

song song thi bAng nhau.

a) Chung minh rdng dudng kinh di qua diém chinh gia clia mot cung thi
di qua trung diém cla day cang cung 4y. Ménh dé dao c6 dung khong?
Hay néu thém diéu kién dé ménh dé dao dung.

b) Chung minh rdng dudng kinh di qua diém chinh gida cGia mét cung thi
vudng géc vdéi day cang cung &y va ngudc lai.

Gidi

a) Vé dudng tron tdm O, ban kinh R = 2cm. Vé gée & tam c¢6 s6 do bang

60°. G6c nay cdt dudng tron tai hai diém A va B. Cung AB la cung

Vi AOAB can tai O va c6 O = 60%
Vay tam gidc AOB la tam gidc déu. £

B8
Suy ra AB = 0A 0B B yeAfbnal

b) P& chia (O; R) ra lam sdu cung bing nhau,

ta lam nhu sau: ‘
Ldy diém A, bat ki“tréndudng trdn(O;"R). Dung compa véi kh&u do
bing R vé lién tuc cdc diém A; rdi Ay,......,Ag. Cdch vé nay cho biét c6
6 day cung bing nhau: AjA; = AjAs = AzA; = AyAs = AzAg = AgA,. Vi 6
day bing nhau nén chiing cing 6 didy bing nhau trén (O; R):

a) So sdnh fi_é va é_f)

Vi ABAC va ABAD nJdi ti€p trong nita

dudng tron nén ching 12 nhing tam

gidc vudng tai B.

Xét hai tam gidc vuong ABAC va ABAD cé:
AC = AD (dudng kinh hai dudng tron bing nhau)
AB chung.

Vay ABAC = ABAD

Suy ra BC = BD.

C

110 - @87 TOAN 9 (t4p hai)

Tron Bo SGK: https://bookgiaokhoa.com



12.

13.

14.

T: chia lam hai trudng hop:

a

a

*

Download Ebook Tai: https://downloadsachmienphi.com

Ma hai dudgng tron (O) va (O') bang nhau nén hai day bang nhau se
cang hai cung bang nhau.

Vay BC = BD

Chung minh BD = BE

Vi diém E nim trén duimg tron duong kinh AD nén AED = 90",

Do BC = BD (cau a) nén EB la duong trung tuyén cia tam gidc vuéng
ECD (E = 90"). Suy ra BE = BD.

Trong (O') ta ¢6 BE = BD, suy ra BE = BD hay B 1a diém chinh gita
cua cung EBD. (dpcm) D
Chung minh OH > OK: Trong tam giac ABC, ta cé:

BC < BA + AC ma AC = AD

4,
Suy ra BC < BA + AD hay BC < BD .
Theo dinh li vé diy cung va khoang cdch déu
tam dudng tron thi ta cé OH > OK. (dpem) B\i-l/ C
So sénh BD va BC"
Trong (0), ta ¢6 BC < BD = BC < BD. M

%

K

G |
Tam O nim ngoai hai/dayacsachmienp! {0
Ké dudng kinh MN 1 CD va :

cdt CD tai I, cdt AB tai K.

Vi AB // CD nén MN 1 AB. N
Gid st K n3m gitta M va L. y
Ta duge MC = MD va MA = MB AN

—

Suyra MC - MA = MD - MB hay AC = BD
Tam O nim trong hai day.

5 ; . c . D
Chiing minh tuong ty cau a). \I_/
Hoc sinh tu lam. '

Vi I 13 trung diém cha cung AB, suy ra IA =IB = IA=1IB
Ta c6: OA = OB = b4n kinh. Suy ra dudng

kinh IK la dudng trung truc cia diy AB

Vay HA = HB (dpcm)

Ménh dé ddo: Pudng kinh di qua trung
diém cda mot day thi di qua diém chinh

giia ciia cung cang day dé.

Ching minh: Vi AAOB can tai O va HA = HB
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nén OH la dudng phén gide cia géc AOB. Suy ra 61 = 62 ;

Tu dé suy ra IA = IB.

Tuy nhién diéu nay khéong thé xay ra khi day AB di qua tam C cida

dudng tron. Vay phai thém diéu kién dé ménh dé dao dung la:

Puong kinh di qua trung diém cta mét day khéng di qua tam thi di

qua diém chinh giia cGa cung cang day dé.
b) * Ta c6: MA = MB (gt) = MA = MB

DPiéu nay chung té ring diém M nim trén
dudng trung truc cua AB. (1)

Ta c6 OA = OB = ban kinh.

Diéu nay ching té rdng difém O nim trén
dudng trung truc cia AB. (2)

Tu (1) va (2) ching té ring OM hay NM la dudng
trung truc cia diy AB. Suy ra MN | AB.

*  Diéu ngude lai: Pudng kinh vuéng géc ¢ day khi di qua tim thi di qua
hai diém chinh gida cia cung cing day dé.

Ké dudng kinh NOM vudng|géevdi AB.
Ta ¢6: OA = OB = AOAB can tai O.
Ma OI | AB nénOM 1 dubng phan gikc céa) AOB = O, = O,

Ta ¢6 AOAM = AOBM (c.g.c): Do d6 AM = MB. Suy ra AM = MB
Vay M la diém chinh giita ctia cung AB.

§3. GOC NOI TIEP

1. KIEN THUC CAN BAN

1.

Binh nghia: Géc nbi tiép la A
géc co dinh ndm trén dudng 3
tron va hai canh chua hai day

cung cua dudng tron do.

Cung ndm bén trong goc goi c
la cung bi chédn B

BAC la géc ndi ti€p ; BC Ia cung bi chan.

Dinh Ii: Trong mét dudng tron, sd do clia géc ndi ti€p béng nda sé do cla
cung bj chdn. :
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3.

GT | BAC la goc ndi tiép

e —_
KL |BAC = _;-sd BC

Hé qua: Trong moét dudng tron:
a) Cac goc noi tiép bang nhau chan cac cung bing nhau.

b) Cac géc ndi ti€p cing chan mot cung hodc chan céc cung bang nhau
thi bang nhau.

c) Goc noi tiép (nhd hon hoac bang 90°%) cé sé do bang nia sé do cla
géc @ tam cung chan mot cung.

d) Goc néi tiép chan nlka dudng tron la goéc vuéng.

Il. BAI TAP SACH GIAO KHOA

15

16.

17.

18.

15.

16.

Cac khang dinh sau day dung hay sai?
a) Trong mét dudng tron, cac goc ndi tiép cling chan mdt cung thi bang nhau.
b) Trong mot dudng tron, cac géc ndi tiép bang nhau A

thi cing chan mét cung. /)
Xem hinh bén (hai duéng tron c6 A
tam 1a B, C va diém B nam trén '

dudng tron tam C). addeachnentk
VIILLD GV i J

a) Biét MAN = 30°, tinh PCQ. A
b) Bi§t PCQ = 136° thi MAN c6 s6 do la bao nhigu? = P .

Mudn xac dinh tam cla moét dudng tron ma chi
dung éke thi phai lam nhu thé nao? B C

Mot hudn luyén vién cho cau thi tap sut béng vao
cau moén PQ. Béng dugc dat & vi tri A, B, C trén &
mot cung trén nhu hinh bén.

Hay so sanh cac géc PAQ, PBQ, PCQ.
Gldi

a) Pung. (Do hé qua b)
b) Sai. Vi trong mot dudng tron cic géc ndi tiép bing nhau khéng nh4t
thiét cung chin mdt cung.

a) Géc MAN ndi tiép (B) chén cung nhé MN ciia (B).

—

3 MAN:EIv’fﬁJ:soU:NTﬁR:so"zlﬁ
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Géc PBQ la géc ni tiep cia (C) va PCQ la la géc & tam cua (O,

1 —

Viy PCQ = 120°.
b) Tac6 PCQ =2PBQ = 2.(2MAN) = 4 MAN

N SO 0
= MAN = PEQ = 1346 = 34"

Viy MAN = 34°.

Dat dinh géc vudng cia éke trung véi diém M

= PBQ =5 PCQ = PCQ = 2.PBQ = 2.60" = 120"
bat ki trén dudng tron, gid st dudng tron cit hai
canh gbéc vudng cua éke tai A va B. Vé duong

& N
@)
thing AB. 3

Thuc hién tuong tu, dat dinh géc vudéng cuia éke A
trung véi diém N trén dudng tron (N # M) hai @D
canh éke cidt dudng tron tai(C va|D. N&i CD.
Giao diém cGia AB va CD la tam ¢(Ga dudng tron.
Céc géc PAQ, PBQ, PCQ déula céc goc noi
tiép trong dudng tron cung chég(wn}gEPQ_

B dlib d 1eN|

o o B

B C

Vay PAQ = PBQ = PCQ.

Luyén tap

Cho duéng tron tdm O, dudng kinh AB va S 12 mot diém ndm bér ngoai
dudng tron. SA va SB |4n lugt cit dudng trdn tai M, N. Goi H 1a gia diém
cia BM va AN. Chung minh rdng SH vuéng goc vdéi AB.

Cho hai dudng trdn (O) va (O') cit nhau tai A va B. V& cac dudng knh AC
va AD cla hai dudng tron. Chdng minh ring ba diém C, B, D thdnghang.

Cho hai dudng tron bang nhau (0) va (O’) cat nhau tai A va B. VEdudng
thdng qua A cit (O) tai M va cét (O') tai N (A ndm gitda M va N). Hi MBN
la tam giac gl? Tai sao?

Trén dudng tron (O) dudng kinh AB, I8y diém M (khac A va B). 'é ti€p
tuyén ciia (O) tai A. Budng thdng BM cét tiép tuyén dé tai C. Chury minh
réng ta luén c6: MA? = MB.MC.

Cho dudng tron (O) va mot diém M c8 dinh khong nam trén dudrg tron.
Qua M ké hai dudng thing. Budng thdng thu nhat cit (O) tai £ va B.
Pudng thang thu hai cat (0) tai C va D. Ching minh MA.MB = MC.1D'.
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20.

1.
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Hudng dan: Xét ca hai trudéng hop

diém M nam bén trong va bén ngoai
dudng tron. Trong moi trudng hop,
xét hai tam giac dong dang.

M6t chi€c cau dugc thiét ké nhu hinh
bén co do dai AB = 40m, chiéu cao
MK = 3m. Hay tinh ban kinh cla
dudng tron chua cung AMB.

Dung moét tam gidc vudng, biét canh huyén dai 4cm va mét canh goc
vudng dai 2,5cm.

Cho AB, BC, CA la ba day clia dudng tron (O). Tu diém chinh gita M cla
cung AB vé day MN song song véi day BC. Goi giao diém cia MN va AC
la S. Chung minh SM = SC va SN = SA.

Gidi
Ta c6 AMB = 90° (vi la géc ndi ti€p chin N
nua dudng tron) = BM | SA
Tuong tu, ta c6: AN L SB

Nhu vdy AN va BM la hai dudng-cao cia

tam gidc SAB va H la tryc tam. Vi trong

mot tam gidc thi ba dufmg cao don% quy.
|

Suy ra SH L AB. and| o
Néi A, B; ndi B véi CovaiD.

Ta c6 ABC va ABD i cac goc no1 tiép
chdn nda dudng tron (0) va (O’) nén:
ABC = 90"
ABD = 90°
Vay ABC + ABD = 180"
Suy ra ba diém C, B, D thidng hang.

Vi hai duong tron (O) va (O’) bang nhau nén tai cung nhé bing nhau vi
cung cdng diay AB.

Ta c6 BMA va BNA la hai géc noi tiép
troug hai dudng tron bing nhau cung
cang ddy AB nén BMA = BNA.

X:t AMBN ¢6: BMA = BNA.

Vay .AMBN la tam gidc cén tai B.

GBT TOAN 9 (tép hai) - 115

Tron Bo SGK: https://bookgiaokhoa.com



22. Vi AC 1a tiép tuyén cia (O) tai A nén: AC L AB.

23.

24.

25.
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M

Vay AABC vudng tai A.

Géc AMB la géc ndi tiép chdn nia dudgng
tron nén: AM 1 BC.

Vay AM la dudng cao cuia tam gidc vuong ABC.

Ap dung hé thdc lugng trong tam gidc vuéng
ABC, ta c6: MA® = MB.MC.
a) Trudng hgp M G bén trong dudng tron:
Xét hai tam gidc MAD va MCB,
tacs Mi = Mz (d6i dinh) _
D = B (hai géc noi tiép cung chdn cung AC). =
Vay AMAD vy AMCB.

MA MD
Suy ra: 22 _ XD _ MA MB = MC.MD (dpem).
W Mc T MB pom:

b) Trudng hgp M & bén ngoai dusng tron:
Ching minh tuong tu, ta c6::’AMAD ©v» AMCB
MA MD - M
S = 4
Wrd Mc T MB
=  MA.MB =M¢/MD{@pemyl enpt

Vé MN 1 AB. Ta goi MN = 2R la duong kinh
cia dudng tron chia cung tron AMB.

Xét hai tam gide AKAM va AKNB, ta cé:
AKM = BKN =90’
MAK = MNB (hai géc ndi tiép cing chidn cung MB )
Viy AKAM ) AKNB

KA KM
S — =—— = KA KB = KM.KN
uy ra =

1

Thay sd, ta ¢6: 20.20 = 3(2R - 3)

= 400=6R-9 o R= %:68,2(m)

Viy R = 68,2 mét.

a) Cach dung:
Truée hét dung doan thing BC = 4cm.
Dung ntia dudmg tron tam O dudng kinh BC = 4cm.
Dung ddy BA = 2,5cm. B
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26.

)

a)

b)
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Nai A v6i B; A v6i C. Ta ¢6 AABC thoa man cac yéu cau caa dé bai.
Ching minh:
Ta ¢6 BAC la géc néi tiép chdn nua dutng tron. Do d6: BAC = 90°

Theo cach dung ta c6: BC = 4em; BA = 2,5cm. Vay tam gidc vuong
ABC la tam gidc phai dung.

Chding minh SM = SC:

Theo gia thiét ta c6: MA = MB. (1) o ,m .
Ma MN // BC

nén MB = NC (2)

e O

Tir(l)v:‘a(z')suyra:mzﬁé B\_/C
Do dé6: ACM = CMN .

Vay ASMC la tam giédc can tai S. Suy ra SM = SC.

Chitng minh SN = SA: Theo ching minh & ciu a) ta c6: MA = MC (3)
Ta c6 ANM la géc noi tiep chin-ecung MA va NAC la goc ndi tiep
chdn cung NC. (4)

Tir (3) va (4), suy ra: ANM = NAC-

Vay ASAN can tai S. Suy‘?aazkgﬁg N T‘

§4. GOC TAO BOI TIEP TUYEN VA DAY CUNG

1. KIEN THUC CO BAN

T

Khai niém: Goc BAx c6 dinh A ndm trén dudng X

tron, canh Ax 1a mot tia tiép tuyén con canh kia k—\
chua day cung AB. A B
Ta goi mdt géc nhu vay |a goc tao bdi tia ti€p
tuyén va day cung. O

Binh li: S8 do cla gdc tao bdi tia tiép tuyén va
day cung béng nita s do clia cung bi chan.

xAB 12 goc tao bdéi tia ti€p tuyén va day cung AB = xAB = %sd AB.

Hé qua: Trong mot dudng tron, goc tao bdi tia ti€p tuyén va day cung va
géc noi ti€p cung chan mét cung thi bang nhau.
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30.

27.

28.
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BAI TAP SACH GIAO KHOA

Chio dudng won tam O, dudng kinh AB. Lay diém P khac A va B trén
dudng tron. Goi T 1a giao diém clha AP vdi ti€p tuyén tai B cia dudng tron.
Chuing minh: APO = PBT.

Cho hai dudng tron (O) va (O’) cat nhau tai A va B. Tiép tuyén tai A cua
dudng tron (O) cdt audng tron (O) tai diém thu hai P. Tia PB cat dudng
tron (O’) tai Q. Ching minh dudng thdng AQ song song vdi ti€p tuyén tai
P ctia dudng tron (O).

Cho hai dudng tron (O) va (O’) cit nhau tai A va B. Tiép tuyén ké tu A ddi
vdi dudng tron (O’) cét (O) tai C va déi vSi dudng tron (O) cat (O') tai D.
Chung minh CBA = DBA.

Chung minh dinh li ddo cuta dinh Ii vé goc tao

bdi tia ti€p tuyén va day cung, cu thé la: Néu

g6c BAXx (vG8i dinh A ndm trén dudng tron, mot

canh chua day cung AB), ¢6 s6 do bang nua

sO do cla cung AB cang day.dé va cung nay

nam bén trong goéc dé thi canh Ax la mot tia 2
ti€p tuyén cua dudng tron (hinh bén). A

B

Gogi y: C6 thé chuing minh tryc ti€p hodc chung minh bdng phan chung.

“:;J.L',;'.WE Wk

Ta c6: PBT la géc tao bdidtia tiép tuyén BT va day cung BP.

PBT = ESdeB (1,
B P =
Ta c6 PAOla géc ndi tiép chdn cung PmB nén: -

PAO = %sdi'm_ﬁ 2)

A +— B
Vi AAOP can tai O (CA = OP = ban kinh) nén: O
PAO = APO (3)

Tir (1), (2) va (3) suy ra: APO = PBT (dpem).
Néi AB.

Ta c6: PAB la géc tao bdéi mot tiép
tuyén va ddy cung cia (O') chin cung
AmB. @ la géc roi ti€p cia dudng

tron (O’) chdn cung AmB.

Vay AQP = PAB (1)
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31.

33.

34.

35.

Download Ebook Tai: https://downloadsachmienphi.com
T: cé: PAB la géc néi tiép cia (O) chin cung nhé PB.
Gic B?x la géc tao béi tiép tuyén Bx va day PB, chdn cung nhé PB
Viy PAB = BPx (2)
Tv (1) va (2) suy ra: AEB
Viy AQ // Px (dpem).

X:m bai tap mau.

BPx va AQB, BPx la hai géc so le trong.

1

—

Vi OH 1 AB. Ta¢6 AOH = ~sd AB. (1)

b

Tieo gia thiét ta co: BAx = - sdAB. (2)

L

Ti (1) va (2) suy ra: Bzx & Aaﬁ.
T'ong tam gidc vuéng AOH ( = 90"), ta cé:
Rl + 0, = 90° hay A, + BAx =90°

Déu nay chimg té rdng OH | Ax hay)Ax la ti€p tuyén cia dudng tron O
ta A.

Luyén tap
Cro dudng tron (O; R) va dé'jyjédr{d hd SR 4 ti€p tuyén clia dudng tron
(0) tai B, C c&t nhau & A, Tinh ABC, BAC .
Cro dudng tron tam O dudng-kinh-AB-Mot-ti€p-tuyén cia dudng tron tai P
cit duong thdng AB tai T (diém B nam gita O va T).
Cing minh BTP +2.TPB = 90°.
Ciwo A, B, C 1a ba diém trén mdt dudng trén. At 1A tiép tuyén clha dudng
tron tai A. Budng thang song song vGi At cat AB tai M va cét AC tai N.
Cidmg minh AB.AM = AC.AN.
Cro dudng tron (G va diém M ndm bén ngoai dudng tron dé. Qua diém M
ke ti€p tuyén MT véa cat tuyén MAB. Ching minh MT? = MA.MB.
Tém bd bién cé mét ngon hai dang cao 40m.
Vii khodng cédch bao nhiéu kilémét thi ngudi
qtan sat trén tau bat dau trong thdy ngon dén
niy, biét ring mat ngudi quan sat ¢ do cao
1im so véi myc nudc bi€n va ban kinh Trai
pit gan bang 6400km (hinh bén).
Hiding dan: Ap dung két qua cla bai tap 34.

GBT TOAN 9 (tdp hal) - 119

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Gidi
31. a) Tacé ABC 1a goc tao bgi ti€p tuyén BA va day cung BC cia (Q),
Ma AOBC la tam gidc ddu (OB = OC = BC = R) nén BOC = 60"
= BOC =sdBC = 60",

—

Tacé ABC = %sd BC = =.60" = 30°. Vay ABC = 30°.

1
2
b) Chimg minh tuong tu, ta cé: ACB = 30°

Trong AABC, ta c6:

Aﬁ + ﬁEA + B’KE} = 180°
— BAC = 180" - (ABC +BCA)
= 180" - (30° + 30%) = 120°
Vay BAC = 120°.

32. Ta cé géc TPB la géc tao bai tidp tuyén PT va day cung PB cia (0)

~  TPB = -;-sdf’_ﬁ ~ sdPBY 2TPB (1)

Ta c¢6 POB la géc & tam cta (O) nén: POB = sdPB . (2)
g B AdeaERnTenh
Tu (1) va (2) suy ra: POB = 2TPp P

Vi TP la tiép tuyénochia:(0) véiyPda
ti€p diém nén OP L TP.

b A
Trong tam giac vuong PTO, ta cé: B o /
PTO + TOP = 90° hay BTP + BOP = 90".

hay BTP + 2TPB = 90°.
33. Vi At/ MN (gt) nén AMN = BAt (1)

Ta c6 BAt 1a géc tao bdi tiép tuyén At va day AB chén cung AB cda (0)
va ACB la géc ndi tiep cia (O) chidn cung AB nén:

BAt = ACB (2)
Tir (1) va (2) suy ra: AMN = ACB
Xét hai tam gidc AMN va ACB ta cé:

A : chung va AMN = .ﬁ
Vay AAMN o AACB

AN AM
—— =—— hay AB.AM = AC.AN.
Suy ra AB - AC ay
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34 Xét har tam gidc BMT va TMA, ta cé:
M chung
B=T (cung chdn cung nhé AT)
Vay ABMT vy ATMA

Suy ra L hay MT? = MA.MB.
MA MT

35. Ap dung két qua bai 34, ta cé:
MT? = MA.MB = MA(MA + AB)
= MA(MA + 2R)
MT? = 0,04(0,04 + 12800)
= 0,04.12800,04 = 512,0016
Suy ra MT = 22,6 (km)
Tuong tu ta tinh duge TM' = 11,3 (km)
Tacto MM =MT+TM =236+ 11,3 = 34,9 (km)

Vay khi cach ngon hdi ding khodng-34,9km thi ngudi quan sat trén tau
b4t dau thay ngon hai dang.

y s _|Ib w)) (B adSaEhntienhk | .
$5. GOC CO PINH 0 BEN TRONG DUONG TRON.
GOC CO PINH O BEN NGOAI PUONG TRON

1. KIEN THUC CO BAN

1. Goc c6 dinh & bén trong dudng tron: . c ’ .
Dinh li: S6 do cla géc cé dinh N
bén trong dudng trog:'uobécng nua x ’ ‘ m

téng sé do hai cung bi chén. D
55 sdANC + sABmD
2 B

2. Goc co dinh & bén ngoai dudng
tron: SO6 do clia géc c6 dinh &
bén ngoai dudng tron bang nda A
hiéu sé do hai cung bi chén.

— BD - sdAC D
BED < sdBD -sdAC R

2
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36.

37.

38.

36.

37.

Cho dudng tron (O) va hai day AB, AC. Goi M va N I1an Iugt 1a diém chinh
gidia clia cung AB va AC. Budng thadng MN céat day AB tai E va cat day
AC tai H. Ching minh tam giac AEH la tam giac can. ¢

Cho dudng tron (O) va hai day AB, AC bang nhau. Trén cung nho AC Iay
mot diém M. Goi S la giao diém cla AM va BC.

Ching minh ASC = MCA .
Trén mot dudng tron, lay lién ti€ép ba cung AC, CD, DB sao cho

sdAC = sdCD = sdDB = 60°. Hai dudng thing AC va BD cét nhau tai E.
Hai tiép tuyén cha dudng tron tai B va C cdt nhau tai T. Chuing minh rang:

a) AEB = BTC: b) CD la tia phan giac cia BCT .
Gidi
i SR 5 A
Vi AHM va AEN la cdc géc ¢ bén trong ‘ll N
dudng tron (O) nén ta cé: » \
IS ol P M
AHM = %(sdAM +sdNC) () c

Aﬁ = % (sdﬁﬁ +sdﬁ)(2)

Theo gié thiét ta co’ MA S MB va NA S NG

Thé vao (2) ta duge: "AEN"= -;-(sdﬂﬂ ¥ SINECH (3)

So sdnh (1) va (3), ta c6: AHM = AEN .
Vay AAEH can tai A.
Ta ¢6 ASC 1a géc c6 dinh & bén ngoai (O) nén:

ASC = - (sdAB - sdMC) (1
Ta c6 géc MCA 13 géc ndi tiép trong (0O) chdn cung AM, nén:

—

MCA = %sdm 2)

1

—

Theo gia thiét, ta c6: AB = AC » Xﬁ = AC. A
Thay vao (1), ta cé:

(sd AC - sdMC) (1)

——

ASC =

- = sd AM (3)

T B Bue
Tir (2) va (3), ta c6: ASC = MCA (dpem) VC

B[ D=
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42.
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:) Ching minh AEB = BTC

Ta c6 AEB la goc ¢6 dinh ¢ bén ngoai duong tron (O) nén:

—

AEB = % (sd AB - sdCD ) = %1180” - 60" = 60° (1)
Ta ciing ¢6 BTC la géc 6 dinh ¢ bén ngoai dudmg tron (O), nén:
BTC = %(sdﬁé ~sdBDC) = % [(180° + 60") - (60° + 60%)] = 60" (2)

Tu (1) va (2) suy ra: AEB = BTC (dpem)
1) Ching minh CD la tia phan giac cua BCT:
Vi DCT la géc tao bai tiép tuyén va day cung nén:
DCT = % sdCD = %(i =30° (1)
Va DCB la géc noi tiep trong (0)
chdn cung BD nén:

. /4 0
DCB - -;—sdBD 8o

= 80°(2)

Tu (1) va (2) suy nac 156%?1@5131:5 1]
Vay CD la tia phan gidc caa, BCT-

Luyén tap

Cho AB va CD la hai dudng kinh vuéng géc cla dudng tron (O). Trén
wng nhoé BD 1y mét diém M. Tiép tuyén tai M cét tia AB & E, doan théng
CM cat AB 3 S. Chung minh ES = EM.

Qua diém S ndm bén ngoai dudng tron (O), vé ti€p tuyén SA va cat tuyén
¢BC cla dudng tron. Tia phan giac cua géc BAC cat day BC tai D. Chung
ninh SA = SD.

Qua diém A n&m bén ngoai dudng tron (O) vé hai cat tuyén ABC va AMN
a0 cho hai dudng thdng BN va CM cit nhau tal moét diém S nam bén

tong dudng tron. Chdng minh: A + BSM = 2.CMN.

Cho tam gidac ABC noi ti€p dudng tron P, Q, R theo thu ty 1a diém chinh
¢ita clia cdc cung bi chan BC, CA, AB bdi cac goc A, B, C.

¢) Chung minh AP L QR.

t) AP cdt CR tai |. Chuing minh tam giac CPI 1a tam gidc can.

Cho dudng tron-(Qyva hai day cung song song AB, CD (A va C nam trong
aing mdt nlta m&t phang bd BD); AD cét BC tai . Chiing minh AOC = AIC.
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Gidt

39. Ta c6 MSE la géc ¢6 dinh bén trong dudng tron (O) néu:
MSE = % (sdCA + sd BM) (1)

Ta ¢c6 CME = —é sdCM = %mdﬁé +sd}§_h7f)(2) C
Theo gia thiét ta cé:
CA = CB (do AB 1 CD)
@] S B
‘Thay vao (2), ta dugc: A i =¥ E
CHE = ;- (sda +sd§l\7[)= MSE
Vay tam gidc ESM can tai E. Suy ra: ES = EM = M

40. Xem bai tdp mau.
41. Ta c6 CAN la géc & bén ngoai dugng tron (O) nén:

B = %(sdéﬁ ~sdBM) (1)

Géec BSM la goéc co dinh trong dudng tron (O) nén:

Cong (1) va (2) v& theo've, tacs: V| A<
A + ggid = Sdé_ﬁ (3)
Ta ¢6 CMN la géc ndi tiép cta (O) chdn EN, nén:

CMN - % sdCN < sdCN = 2.CMN (4)

Thé (4) vao (3) ta duge: A + BSM = 2.CMN.
42. a) Goi K 1a giao diém cia AP va QR. Ta cé

AKR Ia géc c6 dinh & bén trong dudng
tron (O) nén:

—

AKR = %(sdﬁ + sda(_lf’)

" %(sdﬁ +sdQC +sdCP)

- l(lsdrB + -l—sd;‘\_é + l]?(i}
22 2 2

R s e P 0
AKR = i(sdAB LA B0 & 0= 22

= 90°.
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Vi AKR = 90". Suy ra AP [ QR (dpem)

b) Ta co CTP la géc c6 dinh ¢ bén trong duéng tron nén:
— 1 — ——
CIP = E(stP + sdAR ) (1)
Ta c6 PCI la gée ndi tiep trong (O) chdn cung PR nén:

PCI - %sdﬁéﬁ _ %fsdﬁﬁ +sdBR) (2)

——

Theo gia thiét ta c6: AR = RB va PC = PB
Thay vao (2), ta dugc: PCI = é{sd&’ +sdAR) = CIP

Diéu nay chung to rang tam giac CPI can tai P.

B
43. Vi AB//CD nén: AC = BD = sd AC =sdBD (1) p, lA
\/

Ta cé ﬂ(} = %(Sd;{é +sd1:5_]3)(2) ' D
Thé (1) vao (2), ta co: (43

—

AIC = %(Sdﬂé +sdAC) LEdAC (3)

Ta c6 AOC 1a géc & tam cua (0)Hén: AOC = sd AC (4)

Tit (3) va (4) suy ra: AOC = AIC.
fadsachnienhk

§6. CUNG-CHUA GOC

1. KIEN THUC CO BAN

1.

. Quy tich cung chia gdéc: Quy tich cac diém M tao

Cach gidi bai toan quy tich: Mudn ching minh quy tich (tap hgp) céc
diém M thdéa man tinh chat T 1a mot hinh (H) ndo do, ta ching minh cap
ménh dé sau:

o Thuan: Moi diém c6 tinh chat T déu thuédc hinh (H).
o D&o: Moi diém thudc hinh (H) déu ¢ tinh chat T.

Tu d6 rut ra két luan: Quy tich (tap hgp) cdc diém
M cé tinh chdt T 14 hinh (H).

thanh vdi hai mut cla doan thdng AB cho truéc mét
goc AmB c6 s6 do khong ddi bang o (v6i 0° < a <
180°) 1a hai cung tron ddi xing vdi nhau qua AB goi
la cung chua géc o dung trén doan thang AB.
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3.

Chu y:

- Hai cung chira goéc a néi trén 1a hai cung tron déi xung véi nhau qua AB,

- Hai diém A va B dudc coi la thudc quy tich.

- Khi a = 90° thi hai cung AmB va Am’B la hai n(ia dudng trén ban kinh
AB. Nhu vay, ta co:
Quy tich céc diém nhin doan thang AB cho trudc dudi mot goc vuong
la dudng tron dudng kinh AB.

44,

45.

46.
47.

45.

BAI TAP SACH GIAO KHOA

Cho tam giac ABC vudng & A, c6 canh BC cd dinh. Goi | la giac di€m cla
ba dudng phéan giac trong. Tim quy tich diém | khi A thay déi.

Cho cac hinh thoi ABCD c6 canh AB cd dinh. Tim quy tich giao diém O
cua hai dudng chéo cta cac hinh thoi do.

Dung mét cung chuda géc 55° trén doan thang AB = 3cm.

Goi cung chua goéc 55° & bai tap 46 1a AmB. Lay diém M, ndm bén trong
va diém M, ndm bén ngoai duding trdn chua cung nay sao cho M, M, va
cung AmB n&m cung mét phia déi véi dudng thadng AB. Chung minh rang:

a) AMB > 55" ‘ b) AM,B < 55°.
QadsGationn!
. Theo tinh chat géc ngoai cua tam gidc, ta co: l; = A + By (1)
I, = Az + Ci (2)

Cong (1) va (2) vé theo vé ta c6:

s o g b s 5 A
L +1 = A +A2%.B1 + G
31+32=R:900
Ma < _ L D L 0
BHcl:B;C-_-?g— |2
2
B 2 C

Suy ra BIC = 90° + 45° = 135°

Nhu vay, diém I nhin doan BC c¢& dinh géc 135°
khong déi. Vay quy tich cda I 1a cung chira géc

A
135° dung trén doan thing BC (mot cung). [
Vi ABCD 14 hinh thoi, do d6:
— ]
AC 1 BD hay AOB = 90°. A D
Nhu vay, diém O nhin doan AB c¢6 dinh ‘
C

duéi mot goc 90°. Do do, quy tich cda O la
nifa dudng tron dudng kinh AB.
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46. Ta dung theo trinh tu nhu sau: =
Dung thude do do dai, ta dung doan AB = 3em.
Dung thude do goce ta dung géc xAB = 55, e 2
- Dung tia Ay vuéng gbc v6i Ax (dung éke) 2
- Dung dudng trung truc (d) cia doan thing i | B

AB. Goi O 1a giao diém cua Ay va (d). 55°
Dung dudng tron tam O, ban kinh OA.

—_— X

Ta c6 AmB la cung chita géc 55" dung trén doan thang AB.
47. a) Ching minh AM,B > 55" khi M, & bén

trong dudng tron.

Theo dé bai M, la diém bat ki nam
trong dudng tron chia cung chia géc
55°. Goi A’, B’ theo thd tu 14 giao diém

cua AM, va BM, véi cung tron AmB.
Vi AMB la géc ¢6 dinh nam &)bén

trong dudng tron, nén:

AMB {/~(sdAB +siARy= 9AB | 04

9 > TPELL 2 2
Sddsachntentl

Llgg0 , SAAB L ero iy S4AB o

Vay AM,B > 55"

b) Chung minh AM,B < 55’ khi M, & ngoai dudng tron:

Theo dé bai, M, 1a diém bat ki n¥m ngoai duong
tron chda cung chita gée 55°. Goi A’, B’ theo thu tu
1a giao diém cia AM, va BM, véi cung AmB.

Vi AM,B la géc c6 dinh & bén ngoai dudng tron nén:

AMB = - (sdAB - sdAB") _
- sdAB ~ sdAB’
i ? A% Y8
= 55" ST <55 (v ”SE%E >0

Vay AM,B < 55°
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Luyén tap

Cho hai diém A, B ¢@ dinh. Tu A vé cac ti€p tuyén vdi cac dudng tron tam
B c6 ban kinh khéng I16n hon AB. Tim quy tich cac tiép diém.
Dung tam gidc ABC, biét BC = 6cm, A = 40° va dudng cao AH = 4cm,
Cho dudng tron dudng kinh AB cé dinh, M 1a mét di€ém chay trén dudng
tron. Trén tia déi cla tia MA |1dy diém | sao cho M| = 2MB.
a) Ching minh AIB khong déi.
b) Tim tap hop cac diém | noi trén.
Cho |, Q 1an lugt 1a tdm dudng tron ndi tiép, tdm dudng tron ngoai ti€p tam
gidc ABC vdi A = 60°. Goi H la giao diém cla cac dusng cao BB' va CC'.
Chung minh cac diém B, C, O, H, | cung thudc mdt dudng tron.

"Géc sut” clia qua phat dén 11 mét 1a bao nhiéu dé? Biét ring chiéu rong
cdu mon la 7,32m. Hay chi ra hai vi tri khac trén san cé cung "goéc sut”
nhu qua phat dén 11 mét.

Gjidi

Truong hop cdc duong tron tam B 'eé ban kinh nhé hon BA.
Gia su AT la tiép tuyén cua dudng tron tAm B. VG6i T la tiép diém.

Khi d6 AT L BT = ATB =000 | . .,

Piém T nhin doan AB c¢6 dinh dudi mét
géc vudng nén quy tichicia'T-la dugng trom
duong kinh AB.

Trudong hop dudng tron tam B, cé ban kinh
bing BA. Khi d6 quy tich chi la diém A.

49. Cdc budc dung bai toan nhu sau.

- Dung doan thidng BC = 6cm.
- Dung cung chita géc 40° trén doan
thing BC.

- Dung dudng thdng d song song v6i BC
va cdch BC mot khodng bidng 4em,
nhu sau:

Dung dudng trung truc (A) cia BC; goi
I 1a giao diédm ciia (A) véi BC, trén (A)
14y diém K sao cho IK = 4cm.

Dung dudng thang d vudéng géc vdi (A) tai K.

Goi giao diém cda (d) va cung chia goc 12 A va A’. Khi d6 ta c6 hai
tam gidc ABC va A'BC déu théa man yéu ciu cia dé bai.
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. ; 1
50. a) Ching minh AIB khéng déi. .

Vi AMB = 90" (géc noi tiép chdn nua ;
dugng tron), nén trong tam gidc vudng i
s MB 1 A

BMI, taco: tgMIB = — = — L
5 MI 2 N

Suy ra tg MIB = 2634’ d

Vay AIBla méot géc khong déi. 1
b) Tim quy tich cia I: \
* Phan thugn: Khi diém M chuyén dong "

trén duong tron dudng kinh AB thi diém I 2

cing chuyén ddng, nhung luén nhin doan thing AB c6 dinh dudi mot

goc khong ddi 1a 26°34".

Vay diém I thudc hai cung chda goc 26°34’ dung trén doan AB.

Tuy nhién, khi M trung véi A thi cdt tuyén AM trd thanh tiép tuyén

11 va I,.

Khi dé6, diém I trung véi I;[hodc ;. Vay diém I chi thudc hai cung

ilmB va [,m'B.

* Phdn ddo: Ly diém I’ bt ky thuoc I,mB hosc T,mB, I'A cit dudng
tron dudng kinh AB tai Madcachmiennt
Trong tam gidc vudng BMI ta ¢ tg I’ = %I% = 1g26°34' = %
Do d6 M'I' = 2BM".

* Két ludn: Quy tich cdc diém I 1a hai cung m va I;;’_fi chia gée
26°34' dung trén doan thing ¢ dinh AB.

51. Ta cé BOC la géc ¢ tam va BAC la géc ndi tiép cia (O) cung chin cung
BC. Do d6: BOC = 2. BAC = 2.60° = 120° (1)
Tac6: BHC = B'HC' (d6i dinh)

Trong ta gide AB'HC', ta c6:

B'HC' = 180° - A =180°- 60° = 120°
Suy ra BHC = 120° (2)
Trong AABC ta cé:

-~ -

B+C

B+C=180"- A =120° > = 60°.

Vil la tdm dudng tron ndi ti€p tam gide ABC nén:
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IBC + ICB = E%E = 60".

Trong ABIC: BIC = 180° - (IBC + ICB) = 180° - 60° = 120°
Vay BIC = 120°. (3)

Tu (1), (2) va (3) ta thdy cac diém O, H, [ cing nam trén cung chira goc
120° dung trén doan thidng BC. Viy nam diém B, C, O, H, [ cung thudc
mot duong tron.
Goi A 1a vi tri dit qud béng sit phat dén va bé
rong cdu mén la BC thi diém A nim trén
dudng trung truc cia BC. Goi H la trung diém
ciia BC va HAB = «. Theo dé bai cho thi trong L
tam gidc vuong AHB, ta c6
BH _7,32:2 366 ...

i | 11 o

7,32m

/T’_—,\\

tana =

Suy ra o = 18°36
Vay "géc sit” qua phat dén la 2a = 37°12'. A

Dung cung chia géc 37°12' trén dean BC thi bat c diém nao tréa cung
chita géc 37°12' cling c6 "gée sGt”nhif qua phat dén 11 mét.

gadsachntiennt

§7.TU. GIAC NOITIEP

1. KIEN THUC CO BAN

1.

Dinh nghia: M4t tu gidc c6 bdn dinh ndm trén
mot dudng tron duge goi la tu giac ndi tiép A
dudng tron.

Pinh li: Trong mét tu gidc noi tiép, téng s6 do
hai géc déi dién béng 180°. C

N&u tu giac ABCD ndi tiép (O) thi A + C = 180°, 3
suy ra td giac ndi ti€p dugc dudng tron.

Tu gidc ABCD cé: A + C = 180° (hodc B + D = 180°)
= T4 giac ABCD ndi ti€p dugc dudng tron.

Il. BAlI TAP SACH GIAO KHOA

53.

Biét ABCD la tu giac ndi tiép. Hay dién vao 6 trong trong bang sau (néu
c6 thé):
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e TSNy gy |y |4 | s |6
| A 80° 60° 95°
; B 70° 40° | 65°

C 105° 74°
- D 75° 98°

Tu giac ABCD co6 ABC + ADC = 180°. Chung minh rdng cac dudng trung
tryc cia AC, BD, AB cung di qua mét diém.

Cho ABCD Ia mét tu giac noi tiép dudng tron tam M, biét DAB = 80°,
DAM = 30°, BMC = 70°. Hay tinh s do c4c goc:
MAB, BCM, AMB, DMC, AMD, MCD va BCD.

Gjidi

rudng h

o ey v | 2 3) 1) 5) | 6)

C

X 80° | 75" | [ 60°. |0<o<80°|106°|95°
N HalbJETHTLEN T
B 70° | 105" | 0 <& < 80° 40° 65° | 82°
G 100" |“105°"| ' "120° 180° - o« | 74° | 85°
D 110° | 75° | 180° -« 140°  [115°| 98°

Vi du: Trudng hop 1: Vi ABCD noi tidp (O) nén A + C = 180° - 80° = 100°

T gise ABCD c6 ABC + ADC = 180
(hai géc déi dién) nén ndi ti€p duge trong
dudng tron. Goi O 12 tdm dudng tron dé.

Vi O 1a tdm dudng trdn ngoai ti€p tit gidc
ABCD nén:

AO=0B=0C=0D
Ta ¢6 OA = OC nén duong trung truc cia AC di qua O.
Ta c6 OB = OD nén dudng trung truc cia BD di qua O.
Ta ¢6 OA = OB nén dudng trung truc cia AB di qua O.
Tém lai cdc dudng trung truc cia AC, BD va AB cung di qua O.
Taco: MAB = DAB - DAM = 80° - 30° = 50°
Ta c6 AMBC cén tai M (MB = MC)
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e 0 nM(
Nén BCM = 180” - BMC
2
— 0 mn0
BCM=M=55°

Ta c6 AMAB cdn (MA = MB)
nén AMB = 180° - 2MAB = 180° - 2.50° = 80".
Ta c6 AMAD cdn (MA = MD)
nén AMD = 180° - 2 MAD = 180° - 2.30° = 120°.
Ta cé ]-jﬁé =360°—(m + m + M)
= 360° - (120° + 80° + 70°) = 90°.

Suy ra: I\TISEJ = IGI-EI-) = 45°,
Ta c6 BCD + BAD = 180° (do ABCD ndi tiép) -

= BCD = 180° - BAD = 180° = 80° = 100°.

Luyén tap
Xem hinh bén dugi. Hay tim sé-de-cdc goc cua tu giac ABCD.

Trong cac hinh sau, hinh ndo ndi ti€p dugc trong mét dudng tron: Hinh
binh hanh, hinh chi nhat, hinh vuéng, hinh thang, hinh thang vudng, hinh
thang can? Vi sao?

Cho tam gidc déu ABC. Trén nifa mat phdng bd BC khéng chua dinh A,
|8y diém D sao cho BD = DC va DCB =

a) Ching minh ABCD la t giac ndi tiép.
b) Xac dinh tam cGa dudng tron di qua bén diém A, B, C, D.

Cho hinh binh hanh ABCD. Budng tron di qua ba dinh A, B, C céat dudng
thdng CD tai P khac C. Chiing minh AP = AD.
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Xem hinh bén.

Chung minh QR // ST.

Hudng dén:

Xét cap goc so le trong PST A SEQ.

Gidi

Ta c6 BCE = DCF (d6i dinh)
bat x = BCE = DCF
Ap dung tinh chat géc ngoai cia ABCE va ADCF, ta cé:
ABC =x + 40° (1)
AB& =x + 20° (2)
Vi ti gidc ABCD noi tiép trong (O) nén:
ABC + ADC = 180° < x + 40"+ x + 20° = 180°
< 2x = 120° & x = 60°
Thé vao (1), ta duge ABC = 60° + 40%= 100"
Thé vao (2), ta duge ADC = 60° +-20° = 80°
Tacé: BCD + DCF = 180° (géc ké bi)
o  BCD = 180° - D&F L ig0" | gt L' 850
Tacé BAD + BCD 2180%(tir gikic noi tiép)
—  BAD = 180° - BCD =180°="120°=60"

Téng quét: Hinh binh hanh khdng ndi ti€p dugc trong dudng trdn vi
téng hai géc d6i dién khong bing 180°.

Hinh chi nhét, hinh vudng ngi tiép duge trong dudng tron, vi téng hai
géc déi dién bing 180°.

Hinh thang vudong khéng noi tiép duge trong dudng tron.

Téng quét, hinh thang khong ndi tiép dugc trong dudng tron. Riéng hinh

thang cin ndi ti€p dugc trong dudng trdn vi c6 tdng hai géc dai biing 180°.
A

a) Ching minh ABDC néi tiép:
Theo dé bai ta cé:
DCB = %KEB = %60”:30”.
Vay ACD = ACB + BCD = 60° + 30° = 90°. (1)
Vi ABDC cén tai D (BD = DC)
nén DBC = 30°.
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Vay ABD = 60° + 30°= 90° (2)
Xét ti gide ABDC, ta c6: ACD + ABD = 90° + 90° = 180"
Vay tir gidc ABDC ndi tiép duoc.
b) Xdc dinh tam dudng tron di qua A, B, D, C:

Vi A'Ef) = 90" nén A_gf) la géc ndi ti€p chdn nita dudng tron dudng
kinh AD, tam O la trung di€ém cia AD.

Tuong tu, ACD = 90°, nén ACD la géc ndi ti€p chin nia dudng tron
dudng kinh AD.

Véay ti gide ABDC ndi tiép trong dudng tron dudng kinh AD véi tam
O la trung diém cta AD. "

Theo dé bai, ti gidc ABCP néi tiép, nén ta cé:
ABC + APC = 180°
= ABC = 180° - APC (1)
Ta c6: APD + APC = 180° (hai géc ké bu)
- APD = 180° - APC. (2)
So sdnh (1) va (2), ta cé: A'E'b = Eﬁ)

CN
¥e)
— s _ 3 B A
Miat khac ABC = ADP (hai goe 46& o
dinh cia hinh binh hanh ABCD).

Suy ra ﬁb = ADP'

Vay APAD cén tai A. Suy ra AP = AD.

T gidac SIMT noi ti€p trong (O,) nén:
Si + IMT = 180°

Ma M; + IMT = 180° ( ké bi)

nén Si = Mi (1)

Tuong tu, ti gide PMIN noi tiép
trong (O,), nén:

M; + PNI = 180°
ma PNI + N; = 180°

— M1 = Ni. (2)

Tuong ty, trong ti gise NQRI, ta c6: N1 = Ry. (3)
Tur (1), (2) va (3) suy ra: é1 i §1 (hat géc é1 va ﬁ] ¢ vi tri so le trong).
Vay QR // ST.
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§8. PUONG TRON NGOAI TIEP.
PUONG TRON NOI TIEP

1. KIEN THUC CO BAN

1. Dinh nghia:

a) Dudng tron di qua tat ca cac dinh cla moét da gidac goi la dusng tron
ngoai tiép da giac va da giac dudgc goi la da giac ndi tiép dudng tron.

n) Pudng tron ti€p xuc vdi tat cad cac canh cla mét da giac dudc goi la
dudng tron ndi ti€ép da giac va da gidc dugc goi la da giac ngoai ti€p
dugdng tron.

r

B

D C
Budng tron (O) ngoai tié’p,’ sdeachnrienBuong tron (0) noi tiép
da giac ABCDE - hinh vuéng ABCD

2. Dinh li; Bat ki da giac déunao cling cé mot vanchi mot dudng tron ngoai
tiép, cé6 moét va chi mot dudng-tron-ndi-tiép-no.

3. Tinh ban kinh dudng tron ngoai ti€p va dudng tron ndi tiép da giac déu.
Gia s cho da giac déu n canh, c6 dd dai mdi canh 13 a; R 1a ban kinh
dudng tron ngoai ti€p va r 1a ban kinh clia dudng tron ni ti€p da giac.

TE 68 Hio o 2

e
3 gl / \
n r
a
r= ~———-——--~——-—0 .
2.tan e K
n

Chu y: Kihiéu tg hoac tan déu dung.

1. BAl TAP SACH GIAO KHOA

61. a) Vé dudng tron tdm O, ban kinh 2cm.
b) V& hinh vudng ndi tiép dudng tron (O) & cau a).
c) Tinh ban kinh r cta dudng tron ndi tiép hinh vudéng & cau b) roi vé
dudng tron (O; r).
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a) Vé tam gidc déu ABC canh a = 3cm.
b) Vé tiép dudng tron (O; R) ngoai ti€p tam gidc déu ABC. Tinh R.
c) Vé ti€p dudng tron (O; r) nbi ti€p tam gidc déu ABC. Tinh r.
d) Vé tiép tam giac déu IJK ngoai tiép dudng tron (O; R).

V& hinh lyc gidc déu, hinh vudng, tam gidc déu cang néi ti€p dudng tron
(O; R) rdi tinh canh cla cac hinh d6 theo R.

Trén dudng tron ban kinh R 14n lugt dat theo cung mot chiéu, ké ta diém
A, ba cung AB, BC, CD sao cho sd AB = 60°, sdBC = 90°, va sdCD = 120°.
a) Tu giadc ABCD Ia hinh gi?

b) Chiing minh réng hai dudng chéo clia t giac ABCD vudng goc vdi nhau.
c¢) Tinh dd dai cac canh cla tu gidc ABCD theo R.

Gidi
a) Vé dudng tron (O; 2cm).
b) Vé hai dudng kinh AC va BD vuéng géc véi nhau.

N&i A, B, C, D lai v6i nhau, ta duge ta gisge A
ABCD 1la hinh vudéng can: ve:" Hinh vuéng
ABCD da ndi tiép trong dudmng tron (O; 2¢cm).

¢c) Ve OH 1L BC. Khi d6 OH la bdn kinh
dudng tron ndi tiéy WAR AWeaE AHEM !
Vi AOBC 1la tam gidc vudng can nén: D
OH = BH.=.HC
Ap dung dinh ly Pitago trong tam gidc vuéng HOB, ta c6:
OB? = OH? + HB?

Tisd R =r+rro2rXzdsrt=2cr= JE (em)

Ve dutmg tron (O; V2 cm). Dudng tron nay néi tiép hinh vuong ABCD,
tiép xic v6i bén canh cia hinh vudéng tai trung di€ém cia méi canh.

a) Vé doan BC = a = 3cm. Ldy B lam tam, vé cung tron ¢6 ban kinh
bing 3cm va ldy C lam tdm, vé cung tron c6 ban kinh bing 3cm.
Chiing cdt nhau tai A.

Tam gidc ABC la tam gidc déu can vé.

b) Tam O cta dudng tron ngoai tiép tam gidc déu ABC 12 giao diém cia
ba dudng trung truc (déng thoi 12 3 trung tuyén, 3 dudng cao, 3 duding
phén gidc cia tam gidc déu ABC).

Theo tinh chat du¥ng trung tuyén trong tam gidc, ta cé:

R=0A=§AA'
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N J
ABV3
Trong do AA' = —-2\_[ \

i % \f
Vay R = g ,}Eé = _Z 3_3:_. \/5 (cm)

3 2 3 2
¢) Puyng tron nai ti€p (O; r) tiép xdc
véi 3 canh cua tam gidc déu ABC
tai cdc trung diém A’, B’, C".

Tacé:r=0A"= %—AA'

1 ABV3 _13J3 _ V3

R ey — —— = — (cm).
2 3 2 B o B

3
Vayr:%cm. / A
3 c

d) Vé céc ti€ép tuyén v6i duong tron (O; R)
tai A, B, C. Ba tiép tuyén nay cdt nhau
tai [, J, K. Ta ¢6 tam gidc IJK la tam
giac déu ngoai tiép (O; R). e 1

a) Vé hinh luc gidc déu ndi tiép trong (O; R).
Vi canh cia hinh luc gidc. déu‘ ﬁé ]d? dé}i biang ban kinh dudng tron

7 ORID O } J

ngoai tiép. Do d6, cach vé n‘hu sau:
Vé dudng tron (O;/R). Tréndusng tronita vé lién ti€p cdc cung AB,
BC, CD, DE, EF, FA .ma.day.cing.cung.dé.cé6 dd dai bing R.
Noi cdc diém lién tiép A, B, C, D, E, F ta duge luc gide déu ABCDEF
ndi ti€p trong dudng tron (O; R).

b) V& hinh vuéng ndi tiép trong (O; R)

A B
Vé nhu cau b) bai tap 61. S &
- \\ H c".
Ap dung dinh li Py-ta-go trong tam H\\/\-"’
gidc vuong OAB, ta c6: X
AB? = OA? + OB%= R? + R’ = 2R%. P
Suyr&AB:R\/é. D & i C

¢) Vé tam gidc déu noi tiép trong (O; R):
Cach ve: Vé (O; R).
Trén dudng tron ta chia lam ba cung bing nhau, mbi cung c6 sé do
bing 120°. Vé ba day cang ba cung d6. Ta c6 tam gidc déu noi tiép
trong (O; R).
(Hodc vé nhu bai 63.a) nhung ndi cdc dinh khong lién ti€p lai véi
nhau, ta cing dugc tam gidc déu).
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Tinh AB theo R: Vi trong tam gidc déu, dudng cao cing la dvdng
phén giac va tdm dudng tron ciing la trong tdm cua tam giéc.

Do d6: OA = %AH — AH = gOA hay AH = %R.

Ta c6: BH = ~2—B

Ap dung dinh li Py-ta-go trong tam gidc vuéng HAB, ta c6:
3

2 2
AB? - AH? + BH? = (ER] + (%]

2
= ABZ-@—B—]=4R2¢3A32 :

L2) 9

e AB?=3R’< AB =RY3.

Viy AB=RV3.
64. a) Ta cé tir gide ABCD noi tiép-trong,dudng tron (O) nén:
sd AD = 360° - (sd AB + sdBCLY 8dCD ) = 360" - (60° + 90° + 120°)

sd AD = 90° 60°
— 1 J—= 1 B
BAC = Esd BC & 5.9093.: gthntienbl
— — . i 90’
ACD = 1 sdAD"2"Logpv'l 480 ;
2 2 0
Suy ra AFD = BAC. c D
Mat khdc ACD va BAC 1a hai géc so le trong.
120

Suy ra AB// CD.

T gidgc ABCD c¢6 hai canh déi song song nén ABCD la hinh thang,
hon nita hinh thang ABCD néi tiép dudng trdn (O) nén né la hinh
thang can. Vay tu gidc ABCD la hinh thang can.

b) Gia sif hai dudng chéo AC va BD cdt nhau tai I.
Ta c6 CTf) la géc cé dinh & trong dudng tron nén:

CID = %(sde +§4CD) = %(eo‘u 120°) = 90°

Vay AC 1 BD.

¢) Visd AB = 60° nén AB = R.
Vi sd BC = sd AD = 90° nén BC = AD = RV2 (canh hinh vuéng).
Vi sdCD = 120° nén CD = Rv/3 (canh tam gidc déu).
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§9. PO DAI PUONG TRON, CUNG TRON

1. KIEN THUC CO BAN

e

1.

Céng thdce tinh dé dai dudng tron:
Cho dudng tron (O; R). Goid 13
chiéu dai dudng kinh va C 1a dé
dai dudong tron.

C=2nR=nd

(d=2R)
. Céng thuc tinh dé dai cung tron:
Cho dudng tron (O; R). B dai
cta mbét cung n° dugc tinh theo )
cdNng thuc:
/e nRn
180

Il. BAI TAP SACH GIAQ KHOA

SaeEhntienbk

65. Lay gia tri gan dung cla n 1a 3,14, hdy dién vao céc 6 tréng trong bang
sau (don vi dd dai: cm| 1amatron k&t quasdén 'chit'sé thap phan thu hai):
Ban kinh R dudng tron 10 3
Budng kinh d dudng tron 10 3
| D6 dai C dudng tron 20 | 25,12
66. a) Tinh d6 dai cung 60° cia mét dudng trén cé ban kinh 2dm.
b) Tinh chu vi vanh xe dap c6 dudng kinh 650mm.
67. Lay gid tri gan dung cla n la 3,14 hay dién vao 6 trong trong bang sau
(lam™tron két qua dén chd sé thap phan thd nhat va dén do):
Ban kinh R cla dudng tron | 10cm 21cm | 6,2cm
S6 do 1° ctia cung tron 90° 50° 41° 25°
Do dai ! cua cung tron 35,6cm | 20,8cm 9,2cm
68. Cho ba diém A, B, C thdng hang sao cho B ndm gida A va C. Ching minh
r&ng dd dai cla ndia dudng tron dudng kinh AC bang téng cac do dai cla
hai n(a dudng tron dudng kinh AB va BC.
69. May kéo nong nghiép co hai banh sau to hon hai banh trudc. Khi bom

cing, banh xe sau co duong kinh la 1,672cm va banh xe trudc c6 dudng
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kinh la 88cm. Hdi khi banh xe sau lan dugc 10 vong thi banh xe trudc lan

dugc may vong?
Gidi
65. Quy udc: n = 3,14; don vi d¢ dai: cm, lam tron két qud dén chir sé thap
phén thi hai)

Bén kinh dudng tron (R) 10 5 3 1,5 3.2 4
Pudng kinh dudng tron (d) | 20 10 6 3 6,4 8
D¢ dai dudng tron (C) 62,8 | 31,4 | 18,84 | 9,42 | 20,10 | 25,12

HD: Sit dung céng thite C = 2nR hodc C = nd dé tim céc s6 chua biét.
Hoc sinh tu lam.

Quy uéc: © = 3,14; don vi dd dai: cm, 1am tron k&t qua dén chir s§ thap
phan thi nhit va dén do).

66.
67.

B4n kinh R 10cm 40,8cm 21lcm 6,2cm 21cm |
S& do cda cung tron (n°) 90° 50° 57° 41° | 25
D6 dai cia cung tron (¢) | 157cni | 35,6cm | 20,8cm | 4,4cm | 9,2cm
HD: Ap dung cong thic ¢ = ﬂ% dé tinh R, n° va £.
68. Goi C,, Cy, C; lan luat 12 .,do - dai cla, cdc - nia c
duong tron duong kinh AC, AB va BC, ta cé:
C, = n.AC. :
Cy, = n.AB
C; = n.BC.
Ta cé: Cy + C3 = nAB + nBC A O, 0, B 0, ©
= n(AB + BC)=nAC =C,
Vay C,=0C; + Cs.
69. Khi bom cing: Chu vi bdnh xe sau la: #.1,672 (m)

Chu vi bdanh xe truéc la: n.0,88 (m).
Khi banh xe sau quay duge 10 vong thi quang dutng xe di duge la:
10 x t'®1,672 = 16,721 (m).
16,72.n

,88.1

Khi dé6 s6 vong lan clia bdnh xe trude la:

= 19 (vdng).

Luyén tap

70. V& lai ba hinh (tao bdi cac cung trdn) dudi day va tinh chu vi mdi hinh (cé
gach cheo):
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4cm
4cm
e |

M= e == mmm e

VEé lai hinh tao bdi
cac cung tron (hinh
bén), vdi tam lan lugt
laB, C, D, Atheo
dung kich thudc da
cho (canh hinh
vuéng ABCD dai
icm). Néu cach vé
dudng xodn AEFGH.
Tinh d6 dai duéng
xodn dé.

Banh xe ciia mét rong
roc ¢6 chu vi la 540mm.
Day cua-roa bao banh
xe theo cung AB c6 dé
dai 200mm. Tinh géc
AOB (hinh bén).

Pudng tron 18n cla Trai DAt dai khodng 40000km. Tinh ban kinh Trai DAat.

VT d6 cila Ha N&i 1a 20°01". M&i vong kinh tuyén ctia Trai DAt dai khoang
40000km. Tinh d6 dai cung kinh tuyén t& Ha Ni dén xich dao.

Cho dudng tron (0O), ban kinh OM. V& dudng tron tdm O’ dudng kinh OM.

MOt ban kinh OA cla dudng tron (O) cét dudng tron (O) & B. B
Chung minh MA va MB c6 do dai bing nhau.
Xem hinh bén va so sanh dé dai ciia cung AmB vdi m
dé dai dudng gap khuc AOB. p O
Gidi '
* Hinh a : .
Pudng tron c6 dudng §§ '
kinh 12 4cm. i
V4y chu vi hinh tron la: i
C=rnd=3144 = 12,56 cm) * "
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A

Hinh b:
Chu vi phan gach chéo = Chu vi nta

dudng tron + 2 chu vi % dudng tron. FE

Vay chu vi caa hinh gach chéo ¢ hinh b la:
C=nd =3,14 x4 = 12,56 (cm)

E
Hinh c: H
Chu vi hinh gach chéo = 4 1an chu vi 5
cua % dudng tron = chu vi hinh tron. 5;
Vay ¢ = nd = 3,14.4 = 12,56 (cm).
Céch vé dudng xodn AEFGH nhu sau: :

- Trudc hét vé hinh vudng ABCD canh dai lem.

~ Tiép tuc vé 11[ duéng trdn tdm B, ban kinh 1lcm. ta ¢6 cung

— Tiép tuc vé

Ti€p tuc ve — dydng tron-tdm,D, bén kinh 3cm

[ = =

- Tiép tuc vé — dudng tron tam A, ban kinh 4cm

4
Nhu viy, ta vé duge dudng xodn AEFGH.
Tinh d dai dudng xodn:
Goi C 12 do dai duong xoidn:

dudng tron tdm C, ban kinh 2cm. ta ¢6 cung

. ta c6 cung

. ta c6 cung

Ta ki hiéu d6 dai cung AB la ¢ — dé tinh cho ti¢n:

¢

1 1
= Z_21{,1 (Cm), FE—F-‘: 1.2‘.’:.2 (Cm)

AE

_ 1 ; -1
fp-‘a-—— Z2n3 (cm) ) gG.TJ— ‘—1*27!4 (cm)

C-= %.Zn(l +2+3+4)= i—.2n.10 = 5x (ecm)

Vay C = 5n cm.

72. Goi chu vi cda rong roc 1a C = 540mm, d¢ dai cung AB la f = DOmm.
Sde = n°.
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Ta c6 cong thie: ( = lt..}il} o ?ER_.E = _(_:_I_l_
180" 360 360
[ r [} U
Suy ra n’ = 3007 & 300 0 . fanteg
C 540

Vi géc AOB la géc ¢ tam chan cung Kf& nén: AHB = sd AB = 133°20’
Vay AOB = 13320".

Goi R 12 ban kinh cua Trai DAt thi dé dai dudng tron 16n cia Tréi P4t la
C = 2nR.

Theo dé bai, ta cé:

onR = 40000 (km) = R = 20000 _ 20000 _ cae9 (km).

on 3,14

Vay R = 6369 (km).

Vi dp cia Ha Noi 1a 20°01 c6 nghia la sé do (do) cung kinh tuyén tir Ha
Noi dén xich dao c6 sb do 12 20"01".
LY
Ta c6 20°01" = | 20—
saator - (0
Vay do dai cung kinh tuyén tir Ha Ngi dén xich dao la:
1201

ywnl6adeoofeaitnpt 1201
nRn 2nRn_ Cn _ 40{)00.201601 . 40000.

_ nRa A - 60 . 2924 (km)
180 360 360 360 360

Vay ¢ = 2224. (km)

Ta ¢6 BOM la géc noi tiép cua (O) va
BOM la géc ¢ tam cuda dudng tron (O).
Dat é’(ﬁf[ = a thi ﬁfﬁ/{ = 2o
Ta c6:
Do dai cung MB la:
P n.0’M.2a . n.o.0O'M -
MB 180 90
D6 dai cung MA la:
n.0OM.«a _ n.20’'M.a _ n.a.0'M

(1)

B (2)
MA 180 180 90
So sanh (1) va (2), ta cé: fﬁi e fﬁ.
— Rn nR.120 27R 1
76. Ta c6: Do dai cung AmB la: ( — = :33 = e = 5 =Ry

GBT TOAN 9 (tp hai) - 143
Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com
Do dai dudng gap khic AOB la:

d=R+ R =2R

Virr:3,14>3c>—g->1nén2R%>2R m
Vay Cm>d.

A
$10. DIEN TiCH HINH TRON. HINH QUAT TRON

1. KIEN THUC CO BAN

1. Coéng thuc tinh dién tich hinh tron:
Cho dudng tron (O; R). Goi S
|a dién tich hinh trén. Ta c6:
S = nR?
2. Dién tich hinh quat tron:

Hinh quat tron Ia mot phan hinh tron gidi han
bdi mdt cung tron va hai ban kinh-di qua hai
mut cda cung do.

SadSachnienht
- Dién tich hinh quat tron ﬂrilg vdi cung n® Ia:

_ nR%n A
quat = ~_
360 ./% "
— Dién tich hinh quat tron cé ¢ 1a do dai cung n° 1a: 4
(R nRn B
S vat = — { = ——
quat = ( 180)

Il. BAI TAP

A. Bai tdp mau

Chung minh rang dién tich hinh tron ngoai ti€p mét hinh vuéng béng hai lan
dién tich hinh trdn ndi ti€p hinh vudng ay.

Gidi

Goi ca_mh hinh vudéng 12 a, R 132 ban kinh duong trdon ngoai tiép, r 12 ban
kinh dudng tron ndi ti€p hinh vuéng ABCD.

Tacé:R:flIz-—var=§-
2 2
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Goi S, 1a dién tich hinh tron ngoai tiép va S; 1a dién tich hinh tron néi

t1ép hinh vuong ABCD.

Vi

2
2 A a B
Tac6 S, =nR* = n I_l__g) . &
2 J 2 P
2 ( : r
2 2
% = it i B =&=1|1@_-1=15] &
2 4 2'\ 2 ) 2
D C

Szz éS] = T—'}S] :282

Vay dién tich hinh tron ngoai ti€p mét hinh vuéng bang hai lan dién tich

hinh tron noi tiép hinh vuéng Aay.

B.

77.
78.

79.
80.

81.

82.

Bai tap gidao khoa can ban
Tinh dién tich hinh tron ndi ti€p mot hinh vudng ¢cé canh 1a 4cm.

Chan mat déng cat dé trén mat nén phang ndm ngang la mét hinh tron cé
chu vi 12m. HAi chan déng cat do chiém mat dién tich 1a bao nhiéu meét
vudng?

Tinh dién tich mét hinh quat tron 0o ban kinh 6cm, sé do cung la 36°.
Mét vudn cé hinh chd nhat ABCD a8 B

c6 AB = 40m, AD = 30m, Ngudita, |\ ik
b ..5
%]g&(ﬁ. &

mudn budc hai con dé & hai géc
vuan A, B. C6 hai cach,bubc:

- Méi day thung dai 20m-

~ M6t day thung dai 30m va
day thung kia dai 10m.

Héi vdi cach bubdc nao thi dién tich cé ma
ca hai con dé c6 thé an dudc sé I6n hon?

Dién tich hinh tron sé thay déi thé nao néu:
a) Ban kinh tang gap dbi?

b) Ban kinh tang gap ba?

c) Ban kinh ting k 1an (k > 1)?

Pién vao & tréng trong bang sau (lam tron
két qua dén chi s6 thap phan thu nhat):

a) b)

Bén kinh
duding tron (R)

D6 dai duong
tron (C)

Dién tich
hinh trén (S)

Sé do cua
cung tron (n°)

Dién tich hinh
quat tron cung n’

13,2cm

47.5°

2,5cm

12,50cm?

37,80cm?

10,60cm?
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Gidi 4cm
/,.—-—x_\

Hinh tron ndi ti€p mot hinh vuéng c6 canh la
4cm thi ban kinh dudng trdn 1a R = 2em.
Véay dién tich hinh tron la:
S = nR? = 2% = 471 (em?)
Pap s6: S = 4n cm?
Vi chan déng c4at la hinh tron cé chu
vi 12 mét nén ta cé:

C=2ﬂR:’R=E—=}-—2—

6
= — (m).
2n 2n T )

Vay dién tich phan mit dat ma dong cat chiém ché 1a:

2
S = nR® = H(EJ = o = Z9 ~ 11,5 (m?).
s T 3,14
Ap dung cong thic:

nR°n . |R =6em
Vil
360 n = 36-

3639/ 3 6r =38 x 3, =113 (cm?).
360 fadsachnienbl

Vay S = 11,3 em®. :
* Theo cach bugc thit nhat: mdi ddy thung dai 20cm thi dién tich cé

=>8S=

danh cho mdi con dé dn dugc sé bing nhau. Méi dién tich d6 sé la i—

dudng tron ¢6 ban kinh R = 20cm, nghia la:

S, = —l—rtR2 = l1rt.202 = 100n (m?).
4 4

Khi d6 dién tich ¢ hai con dé an s& 1a S = 28, = 200x (m?).
* Theo cdch bugc thad hai: (dung day dai: 10m va 30m)
Gid su con dé budc ¢ A ¢6 day thimng dai 10m thi

1
Sa = anﬂ = 251 (m?).

Con dé bugc ¢ B c6 day thung dai 30m thi:
Sp = :11-:.[302 = 2251 (m?).

Khi d6 dién tich c4 hai con dé dn sé la:
S’ = Sp + Sg = 261 + 2251 = 2507 (m?).
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Tacé S <S' (200n < 250mn).

Vay véi cach bude thi hai thi dién tich ¢6 ma hai con dé cé thé an
duyc sé 16n hon.

81. Goi S = nR* la dién tich hinh tron lac dau.
a) Khi ban kinh tang lén gap déi, tdc 1a R, = 2R, thi:
Si = nR} = n(2R)* = 4nR? = 4S.
b) Khi ban kinh tang lén gdp 3, tuc la R, = 3R, thi:
S, = =R} = n(3R)* = 9.7R” = 9S.
¢) Khi ban kinh ting 1én gdp k lan (k > 1) tuc la:
R, = k.R, thi: S, =nR} = n(k.R)’ = K*(rR?) = k’S.
Tém lai: Khi bdan kinh tang lén gdp déi thi
dién tich dudong tron tang lén gip 4 (= 22) lan.

Khi ban kinh tidng lén gip ba thi dién tich
dudng tron tang lén gap 9 (= 3% lan.

Khi ban kinh tidng lén gap:-k thi dién tich
dudng tron tang lén gap k* lan.

82.
B4n kinh b6 dai Dién tich'| {1£1188 icooeia Dién tich hinh
duong tron | dudng tron | hinh tron | cung tron (n’) | quat tron cung
(R) (C) (8) | n’
2,1cm 13,2em 13,8cm 4750° 1,83cm?
r 2. 5cm 15,7cm 19,6cm 229 6" 12,50cm?
3,5cm 22cm 37,80cm® 101° 10,60cm?

Luyén tap

83. a) Vé hinh bén (tao

bdi cac cung tron)
vgi Hl = 10cm va
HO = Bl = 2cm.
Néu cacn ve.

b) Tinh dién tich hinh HOABINH
(rién gach soc).

c) Chiing té réng hinh tron dudng
kinh NA c6 cung dién tich vdi
hinh HOABINH do6.
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a) Vé lai hinh tao bdi cac cung tron xuat

b) Tinh dién tich mién gach soc.
Hinh vién phéan |a hinh
tron gidi han bdi mot
cung va day cang cung
dy. Hay tinh dién fich
hinh vién phan AmB, biét
géc & tam AOB = 60° va
ban kinh dudng tron la
5,1cm (hinh bén).

Hinh vanh khan 1a phan hinh trén ndm gida hai
dudng tron déng tdm (hinh bén).

a) Tinh dién tich S cla hinh vanh khin theo R,

b) Tinh dién tich hinh vanh khan khi

phat tu dinh C cla tam giac déu ABC
canh 1cm. Néu cach vé (hinh bén).

va R; (gia st Ry > Ry).

Ry =10,5cm, R, = 7,8cm.

Lay canh BC cla mét tam gidc déu lam dudng kinh, vé mot ndiadudng
tron vé cang mot phja vdi tam gidc 53{ ddi véi dusng thdng BC. Cio biét
canh BC = a, hay tinh diéh'tich"cdia hai Hinh'vién phan dugc tac thain,

Gidi

a) Cach ve:

P4u trén, vé nira duong tron dudng kinh
HI = 10em, tam C.

Trén dudng kinh HI ta lay lan lugt cac 2
diém O va B sao cho HO = BI = 2cm. 2
Vé hai niia dudng tron dudng kinh HO

va BI ndm cung phia v6i nda duong H ' O B 1
tron (C).

Vé nita dudng trdn dudng kinh OB ndm
khac phia véi nira dudng tron (C).

Pudng thdng vudng géc véi HI tai C cdt (C) tai N va cdt niadudng
tron dudng kinh OB tai A.

A

b) Dién tich hinh HOABINH:

S = -1~n.52+ lrt.32~ﬂ.12= %qn+ %n—n = 161 (em?) (1)

c¢) Dién tich hinh trdon duong kinh NA:
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Pa ¢6: CN = % =) % =HhemvaCO=CH-HO=5-2=3cm=CA

TacH AC+CN =3 +5=8em

Suy ra ban kinh R cua dutmg tron duing kinh NA bang: E\]; = -2— =4 (ecm)

Vay S = 1.4 = 167 (cm®) (2)

So sanh (1) va (2) ta cé6: hinh tron duong kinh NA c6 cung dién tich
vdi hinh HOABINH.

84. @) Vé lai hinh:

— Trude tién, ta vé tam giac déu ABC canh lem.
— Vé ;— dudng tron tdm A, ban kinh lem.

Ta dugc cung CD.
— Ve % dudng tron tam B, ban kinh 2cm.

Ta duge cung DE.

- Ve % duong tron tam C, ban kinh/3¢m. Ta duge cung EF.

nR%n 7.12.120 1

b) Dién tich hinh quat tron CAD la; S; = = = —n1?

fadsachmienp 8¢ 360 3
2 2

21.12 1

Dién tich hinh quag tron DBE; | | 8, = i o = D — 5.0
360 360 3

aR’n 732120 1 _,

Dién tich hinh quat tron ECF la: S; = = = —n3
Lk TN = 7360 360 3

. 1
W3ay: Dién tich mién gach soc = S; + S, + 83 = % n(1* + 2% + 3% = —?’in (cm?)

85. Tic6 tam gidac OAB la tam gidc deéu
cccanh R = 5,1 em.
A> dung céng thic tinh dién tich tam

gdc déu canh R 1a: Syoap = B—Zﬁ
Dén tich hinh quat tron AOB la:
7R260 _ n.R?
36Q 6
khi d6 dién tich hinh vién phan la:
n.R? ~ RZ\/E _ Rz[-’-t— ig_}
4

; =

Squat =

Svp - Squat - S&OAB o 6 4
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3 1 .
= 5,12[ b1 —JE] ~ 2,4 (cm®). Vay: S,, =2,4 cm”.

6

86. a) Dién tich hinh trdn (O; R;) 12 S; = nR?. Dién tich hinh tron (O; Ry) 1a
Sz = nR2. Khi dé dién tich hinh vanh khan la:
S=8S;-8;=nR? -aR3 = n(R? - R2).
b) Thay so: S = 3,14[(10,5)* - (7,8)*] = 155,1 (cm?)
87. Goi nita dudng trdon tdm O dudng kinh BC cidt hai canh AB va AC lan

Tuot tai M va N. Vi OC = ON; 6 = 60° nén tam gidc ONC la tam gidc
déu. Do d6: NOC = 60°.

2
b4 -3] .60 s
a
Ta c6: Sgua = -
SRENOC 360 24
2 J_
a
% B
T [2) ~ _a’s
aNOC = 7 T T 18[ (¢

2 2 2 =
Dién tich hinh vién phan: S¢, N = 8 s B ¥3 =2 (2n-343)
24 16 48 |

Vay dién tich hai hinh Vién phan BEHETRAL S pischa:

a2 a2 ;
2. —(2n-3VJ3 )= —(2n -3 :
48(n \/_) 24(:1 \/5)

ON TAP CHUGONG II1

A. Tém tat kién thic can nhé

. Céc djnh nghia
1. Géc 8 tam la géc ¢6 dinh trung véi tdm dudng tron.
2. a) S8 do cla cung nhd béng sé do cla goc d tam chan cung do.
b) S6 do ciia cung I6n bing hiéu gildla 360° va s do cha cung nhb (c6
chung hai mut véi cung Ién).
c) S8 do clia nlia dudhg tron béing 180°.

3. Goéc noi tiép l1a géc co dinh ndm trén dudng tron va hai canh chda hai
day cung cua dudng tron do.
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(G6c tao bdi tia ti€p tuyén va day cung la goc co dinh tai ti€p diém, mot
canh la tia ti€p tuyén va canh kia chia day cung.

TU giac ndi ti€p dudng tron la td gidc cé bén dinh nam trén mét dudng
tron. --

Pusng tron di qua tat ca cac dinh ca moét da giac dudc goi la dudng tron
ngoai ti€p da giac va da gidc dudc goi la da giac ndi ti€p dudng tron.

Pugdng tron tiép xuc vdi tat ca cac canh cua mot da giac dugc goi la
dudng tron ndi tiép da giac va da giac dugc goi la da giac ngoai ti€p
dudng tron.

Cac dinh li

Néu C |a diém n&m trén cung AB thi sd AB = sdAC +sdCB

Vi 2 cung nhé trong mot dudng tron, hai cung bang nhau cang hai day
bang nhau va ngugc lai.

Vdi hai cung nhd trong mot dudng tron, cung Ién cang hai day Ién hon
va ngugc lai.

Trong moét dudng tron, hai cupg-bi-chdn gitGa hai day song song thi
bang nhau.

Trong mét dudng tron, dudng kinh di qua di€ém chinh gidia ca mot cung
thi di qua trung diém cla day cdng cung ay.

Trong mét dudng tran) \dudngckinhl dilquantrung diém cha mot day cung
(khong phai la dudng kinh) thi chia cung céng day dy thanh hai cung
bang nhau.

Trong mot dudng tron, dudng kinh di qua diém chinh gida cia mot cung
thi vubng go6c véi day cang cung dy va ngudc lai.

S6 do goc ndi tiép béng nira s6 do cla cung bi chan.

S8 do cla géc tao bdi tia tiép tuyén va day cung bing nla sé do cua
cung bj chan.

. Trong mét dudng tron:

Céc g6c ndi tiép bing nhau chan cung bing nhau.

Cac gdbc ndi tiép ciing chdn mét cung thi bang nhau.

Cac géc ndi ti€p chan cung bang nhau thi badng nhau.

Géc ndi ti€p nhd hon hodc bing 90° cé s6 do bang nla sé do clia géc
& tam cung chin mét cung.

Géc ndi ti€p chén nla dudng tron 1a géc vudng va ngudc lai, géc vudng
ndi ti€p thi chdn ndia dudng tron.

Goc tao bai tia ti€p tuyén va day cung va géc ndi ti€p cung chin mot
cung thi bang nhau,
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Sé do clia goc co dinh & bén trong dudng tron bang nla tédng s6 donai
cung bi chan.

S6 do cua goc co dinh & bén ngoai dudng tron bang nda hiéu s6 do na;
cung bi chén.

Quy tich (tap hgp) céc di€m nhin mét doan thang cho trudc dudi m 6t
géc a khéng déi la hai cung chia géc o dung trén doan thiang do

(0° < o < 180%)

Mot tu gidc cé téng sé do hai géc déi dién bang 180° thi ndi tiép dudc
dudng trén va ngudc lai.

D&u hiéu nhan biét td giac noi tiép:

TU giac c6 t8ng hai géc dsi bang 180°.

Tu giac c6 goéc ngoai tai mot dinh bang goéc trong cha dinh ddi cha dnh
do.

Tu giac ¢6 bén dinh cach déu mét diém (ma ta co thé xac dinh ducc).
Diém dé 1a tam cla dudng trén ngoai tiép tu giac.

Tu gidc ¢o hai dinh ké nhau cung-nhin canh chda hai dinh cén lai dJdi
mot goc a.

Hinh thang ndi tiép dugc dudng tron 1a hinh thang can va nguac lai.

Bat ki da gidac déu nao cling ¢6 mot va chi mat dudng trén ngoai tidp,
c6 mot va chi moét dudngltradndiltiépenn

. Trén dudng tron ban kinh R, dé dai ¢ clia m6t cung n° dudgc tinh theo

cbng thuc: ( = @
180
Dién tich hinh quat tron ban kinh R, cung n® dugc tinh theo coéng thuc:
nR%n

S =

(R s s ~ e .
hay S = — (/¢ la d6 dai cung n” cua hinh quat tron
360 y > ( ‘ g qua )

B. Bai tap gido khoa cd ban
88. Hay néu tén mdi goc trong cac hinh dudi day: (Vi du: Goc trén hinh b) la

AOBHEE
a) b) c) d)

gé6c ndi tiép).

b
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T-ong hinh bén, cung AmB c6 s6 do 1a 60°. Hay:

a V& goc é tam chan cung AmB. Tinh géc AOB.

b Vé goc noi tiép dinh C chan cung AmB. Tinh goc ACB.

c Vé goc tao bdi tia tiép tuyén Bt va day cung BA.
Tinh goc ABt.

d V& goc ADB c6 dinh D § bén trong ducng tron. A ret™
S0 sanh ADB vai ACB.

e Vé goc AEB cé dinh E & bén ngoai dudng tron (E va C cung phia ddi
vai AB). So sanh AEB va ATEB

a) Vé hinh vudéng canh 4cm.

b) V& dudng trpn ngoai ti€p hinh vuéng do. Tinh ban kinh R cla dudng
tron nay.

¢, V& dudng tron ndi tiép hinh vuéng do. Tinh bdn kinh r cla cla dudng
tron nay.

Trong hinh bén, dudng tron tam O co

ban kinh R = 2cm, AOB = 75°. A
a; Tinh sd ﬁf.;_a_é \

b) Tinh d6 dai hai cung AgB va ApB. .
) Tinh dign tich hifth qe g WP BYSRETC Rt 5

Hay tinh dién tich mién [gachosoc trong cac hinhia;b, ¢ bén dudi (don vi do
dd dai: cm).

15

o

e
—
m

c)

Cé ba banh xe rang cua A, B, C cung chuyén déng &n khdp vdi nhau. Khi
mot banh xe quay thi hai banh xe con lai cing quay theo. Banh xe A c6
60 rang, banh xe B c¢6 40 rang, banh xe C co6 20 rang. Bié€t ban kinh banh
xe C 13 1cm. Héi:

a) Khi banh xe C quay 60 vong thi banh xe B quay may vong?
b) Khi banh xe A quay 80 vong thi banh xe B quay may vong?
c) Ban kinh cua céc banh xe A va B la bao nhiéu?
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.a) Tiu O ndi véi hai ddu mait cda cung AB
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Hay xem bi€u dé hinh quat biéu dién su
phan phdéi hoc sinh ciia mét trudng THCS
theo dién ngoai trd, ban trd, ndi trd (hinh
bén). Hay tra |13i cac cau hoi sau:

ngoai tru

ban tru

a) C6 phai L

5 s6 hoc sinh |a hoc sinh ngoai tri khéng?
1

b) C6 phdi — s6 hoc sinh la hoc sinh ban tri khong?

¢) S& hoc sinh ndi trd chiém bao nhiéu phan tram?

d) Tinh s hoc sinh mbi loai, biét tdng sé hoc sinh 1a 1800 em.

Céc dudng cao ha tu A va B cla tam giadc ABC céat nhau tai H (goc C khac
90°% va cét dudng tron ngoai tiép tam giac ABC 1an Iugt tai D va E. Chung
minh rang:

a) CD = CE; b) ABHD can; ¢) CD = CH.

Cho tam giac ABC néi tiép dudng tron (O) va tia phan giac cla géc A cat
dudng tron tai M. Vé dudng cao AH. Ching minh rang:

a) OM di qua trung diém cla day BC;
b) AM la tia phan giac cua géc OAH.

Cho tam gidac ABC vudng @ A. Trén AC I8y mot diém M va vé dudng tron
dudng kinh MC. Ké&/BMdét:dudng tron;tdi D oBudng thang DA cét dudng
trdn tai S. Chiing minh réng:

a) ABCD 1a mét t gide nai tigp: " b) ABD = ACD:
c¢) CA la tia phan giac ctua goc SCB.

Cho dudng tron (O) va mot diém A c¢d dinh trén dudng tron. Tim quy tich
cdc trung diém M clia day AB khi diém B di dong trén dudng tron do.

Dung AABC, biét BC = 6cm, BAC = 80, dudng cao AH c6 do dai la 2cm.
Gt

a) G6c ¢ tam.

b) Géc noi tiép.

¢) Géc tao bdi mot tia ti€p tuyén va day cung.
d) Géc c6 dinh & trong dudng tron.

e) Go6c c6 dinh ¢ ngoai dudng tron.

Ta ¢6 AOB la géc ¢ tam chdn cung AB
Vi AOB la géc d tam chdn cung AB nén:
AOB =sd AB = 60°.
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Ldy mot diém C bat ki trén (0). N6i C véi hai
dau miit ctia AmB. Ta duge géc néi tiep ACB.
— 1 —— i A
Khi d6 ACB = _ sd AmB = éﬁ()' - 5"

Vé ban kinh OB. Qua B ve Bt I OB. Ta duge géc ABt la goéc tao bai
tia ti€p tuyén Bt voi ddy cung BA.

Ta c6 ABt = %sd AmB = 30".

Lay diém D b4t ki ¢ bén trong dudng tron
(0). N6i D véi A va D véi B. Ta ¢6 géc

ADB la géc & bén trong dugng tron (O).
Ta c6: ACB = —%sdAmB

ADB = %( d AmB + sd CK)

Ma sdm +sdé?{ >sdm (do sda{ > 0)
nén I{I-)HB > ﬁ:aiﬂ

Lay diém E bat ki ¢ bén ngoai dudng tron, néi E véi A va E véi B,
ching cdt dudng tron lan lugt ts_x% I \%QEI. b

e "}-’L 1 . i i:a
Ta c¢6 g6c AEB la géc ¢ bén ngoai dudng tron (O).

Tacé ACB = %sdAmB
EE‘}:’; = -;-(sdAmB —sdﬁ).

Ma sd AmB - sdIJ < sd AmB (do-sd1d > 0)

nén )@B < @
Dung éke ta vé hinh vuéng ABCD c6 canh bang 4cm nhu sau.
- Vé AB = 4cm.

- Ve BC L AB va BC = 4cm

- Vé DC 1L BC va DC = 4cm.

- Néi D v6i A, ta c6 AD L DC va AD = 4cm.
Tam giac ABC la tam giac vudng can nén: AB = BC

Ap dung dinh li Py-ta-go trong tam gidc
vudng ABCta c6: 4
AC? = AB? + BC? = 2AB? hay AC? = 2.4% = 32

=5 AC=@=4\[§. D H C
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Viy AO=R = 529 . 12‘@ =22 (em).

V@yR:Q@ cm.

c) Ve OH L DC. Vé duong tron tam O, ban kinh OH. D6 12 dudng tron
ndi tiép hinh vuéng ABCD.

Ta cé6: OH = LAQE =2 (cm)

Viay r = OH = 2em
91. a) Tacé AOB la géc ndi tiép chdn cung AqB nén:
AOB = sdgaﬁ hay sd AqB = 75.
Vay sd ApB = 360" - sd AqB
= 360" - 75° = 285°
b) Goi an-h 1a d6 dai cung AqRB, ta cé:

f = :rtRn_ d n.2.75 2! -én (cm)
AqB 180 180 |°|

Goi rﬂfﬁi la do dai cung ApB, ta¢é:

¢ — = FRodownia8BaEhikeminhhiy

ApB 180 180 6

c) Dién tich hinh quat-trén-OAqB-1a:-Sgze= EB2E £ E—z—?—f) = 5“ (em?)
360 360 6
92. * Hinh a:
D6i véi hinh tron bdn kinh R = 1,5: S, = nR* = n.1,5% = 2,25n.
D6i v6i hinh tron bdan kinh r = 1: S, =nar’ =n1’=n.
Vay dién tich mién gach soc 1a;
S=8,-S; =2,25n - n = 1,251 (dvdt).
* Hinh b:
Dién tich hinh quat c¢6 bdn kinh R = 1,5; n’ = 80°
| aR%n _ n.1,5%.80 _
360 360 2
Dién tich hinh quat c6 ban kinh r = 1; n® = 80°
nr’n _m1°80 _2n

S, = = .
360 360 9

S =

T 2n 9m-4n 5n
V ién tich mié hsocla:S=5,-S,= ——— = = —,
ay dién tich mién gach soc 1 5 20 o 18
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Hinh e:
Dién tich hinh vuéng canh a = 3 la:
S;=a*=3=9,
Dién tich hinh tron c6 R = 1,5 la:
8 =mR? ¢ nl,5%= 92602106,
Viy dién tich mién gach soc la:
S=8-8:=9- 17,06 = 1,94 (dvdt).
93. Vi banh xe A, B, C chuyén dong 4n khép v6i nhau va khi mot banh xe

guay thi hai banh xe con lai cing quay theo nén sé rang xe va ban kinh
cdc banh xe phai ti 1é v6i nhau. Do d6:

a) Khi banh xe C quay 60 vong thi banh xe B chi quay dugc 30 vong.
b) Khi banh xe A quay dugc 80 vong thi banh xe B quay duge

0
80,2 - 1o
40

¢) Vi ban kinh banh xe C 14 len. thi bdan kinh banh xe B 1a 2em va ban

kinh banh xe A la 3em.

94. Theo c4ch biéu dién sy phan phoi
hoc sinh nhu biéu db thi:

a) PUNG (-;— = 50%) fadsachntienht ban tru

b) PUNG (% ~ 33,3%) A o) B

¢) S6 hoc sinh ndi tri chiém 100% - (50% + 33,3%) = 16,7%

d) S& hoc sinh ngoai tru:
1800.—12— = 900 (em)

S8 hoc sinh ban tri:

1800.% = 600 (em)

S6 hoc sinh nai tra:
1800 - (900 + 600) = 300 (em).
95. a) Ta cé: ADB = AEB (cung chén AB)
—  CBD=CAE (cung phu véi hai géc bang nhau)
=5 sda) = sdCE.
Suy ra CD = CE.
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b) Ta c6 EBC va CBD la g6c ngi tiép
trong dudng tron O nén:
EBC = %sdﬁé va CBD = —;—sdf)?j.
Ma EC = DC
nén EEC - éﬁb
Vay ABHD can tai B.

c) Vi ABHD can va BK la dudng cao cing la dudng trung truc da HD.
Piém C nim trén dudng trung truc cia HD nén CH = CD.

96. a) Vi AM la tia phan gidc cua BAC nén BAM = MAC.
Ma BAM va MAC déu I géc néi ti€p cia (O) nén BM = MC .
Suy ra M la diém chinh giita cia cung BC. A
Vay OM | BC va OM di qua trung diém cia BC.
b) Ta c6: OM L BC va AH 1L BC.

Suy ra m £ KM__O (solle trong). (1) @)

Ma AOAM cén tai O nén AMO = MAO . (2)

So sanh (1) va (2), t»ad&!‘?(;:;ﬁ;MEq:;MIb r = c
Vay AM la duong phan gidc cua géc OAH. M

97. a) Ta c6 MDC la géc ndi ti€p chin nia
dudng tron (O) nén MDC = 90°.
Suy ra tam gidc CDB la tam giac

vudng nén noi tiép trong dudng tron
duong kinh BC. (1)

Ta c6 AABC vudng tai A.

Do d6, tam giac ABC noi tiép trong
dudng trdn dudng kinh BC. (2)

Tiu (1) va (2) ching té ring ti giac
ABCD ndi ti€p trong dudng tron tam

I duéng kinh BC.

b) Ta cé ABD la goc ndi tiép trong dudng tron (I) chan cung AD
Tuong tu, ACD la goc noi fié'p trong dudng tron (I) chdn cung AD.
Vay 51.3-13 - ACD.

c) Ta cé SDM = Sﬁ (vi géc noi tiép cung chdn cung MS cta duyng
tron (0)). (1)
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- Dung dubng thang a3/ BEaEREoRL

Download Ebook Tai: https://downloadsachmienphi.com

Ta ¢c6 ADB = ACB (la goc noi Iié'p‘cimg chan cung AB cia dudng
tron (1)). (2)

Ma ADB = SDM nén SCM = ACB.
Vay tia CA la tia phan gidc cua géc SCB.
Phén thugn: Gia si M la trung diém cua
day AB. Do d6 OM | AB. Khi B di déng
trén duong tron (O) diem M luén nhin
doan OA ¢6 dinh duéi mot géc vuong. Vay
quy tich ctia diém M la dudng tron tam I
duong kinh OA.

Phan ddo: Lay mot diém M’ bat ki trén dudng tron (I). N6i M’ véi A,
duong thang M'A cat dudng tron (O) tai B'. Noi M’ véi O, ta cé

AM'O = 90" hay OM’' L AB'. Suy ra M’ la trung diém cta AB'.

Két luan: Tap hop cac trung diém M cia day AB la dudng tron dudng
kinh OA.

mot khodang la 2cm.

Puong thing xy cdt’eung chaa goc 80" tai
hai diém A va A'.

- Tam gidac ABC la tam giac phdi dung théa man cac diéu kién cia dé

bai.
Bai toan c¢6 hai nghiém hinh (AABC va AA'BC).

CAU HOI TRAC NGHIEM CHUONG I

1. Cho tam gidc ABC ndi ti€p trong dudng tron (0). Néu AOB = 100"

BOC = 60° thi ABC c6 s do bang:
A. 90" B. 95 C. 100" D. 105°.

2. Cho dudng tron (O; R) va day AB = R\ﬁ . Khi d6 sé do cua ABO bang:

A. 30" B. 45°; C. 60" D. 75°

3. Cho dugng tron (O; R), ban kinh OM vudng géc vdi day AB = R\ﬁ tai I

(I € AB). Khi d6 s6 do MOB bing:
A. 30" B. 60": C. 45" D. 80".
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4. Cho tam giac ABC néi tiép trong nuda dutng tron duong kinh AB = 2R.
N&éu AOC = 120" thi dé dai canh AC bing:

A RVZ: B. -133[3— . 1—{-;—“?; D. RV3 .

5. Cho tam giac ABC noi tié'p trong dudng tron (0), biét AB = 10cm,
AC = 15cm, dudng cao AH = 5cm. Khi d6, ban kinh cua dudng tron (O) bang:
A. 15¢cm; B. 6¢m; C. 7Tem; D. 8cm.

6. Cho tu gidagc ABCD noi tiép trong du‘o‘ng tron. Hai canh d6i AB va DC cit

nhau tai M. néu BAD = 70" thi BCM bang:

A. 907 B. 35% C. 70% D. 110°.
7. Bén kinh dudng tron ngoai tiép hinh luc gidc déu canh a la:

A a; B. 2a; C. Va: D. 2Va.
8. Cho dudng tron (O, 2cm) va cung AB = 60°. Khi dé cung AB c6 db dai la:
n 2E. 7= C. D, 2,

3 2 3 2

9. Néu dugng kinh cia dudng tron tidng n lan thi dién tich ting lén bao
nhiéu don vi?
fadSaehntienhhi.ce n

A. 2n; 5 ¢ ik D. 5"

10. Cho hinh quat tron cé ban kinh 12cm va géc ¢ tam tuong dng bing 60°
thi c6 dién tich bang:

A. 12nem?; B. 15ncm?; C. 18rcm®: D. 24ncm?,
PAP AN CAU HOI TRAC NGHIEM CHUONG IiI
1.5 2.B 3.B 4.0 5.A
6.C 7.4 8. A 9.C 10.D
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Cﬁu’a’ng 1V.
HINH TRU - HINH NON - HINH CAU

§1. HINH TRU. DIEN TICH XUNG QUANH
VA THE TiCH CUA HINH TRU

1. KIEN THUC CO BAN

1. Hinh tru: Khi quay hinh chd nhat ABCD mét vong
quanh canh CD cé dinh, ta dugc moét hinh tru.
¢« EF la dudng sinh. a =
« Cac dudng sinh vuéng goc vdi
hai mat phang ddy. D6 dai dudng W
sinh la chiéu cao cQa hinh tru.

¢ DC goila truc cta hinh try. B ¢

2. Dién tich xung quanh - Dién tlch toan phan cua hinh try:
Cho hinh tru vdi ban kinh day 4 va chleu cao h fa co:

« Dién tich xung quanh:n|S = 2nrh

« Dién tich toan phan:  |S, = 2nrh+ 2nr?,

3. Thé tich hinh try: V =Sh=nr’h| S: dién tich day, h: chiéu cao

I1. BAI TAP SACH GIAO KHOA

|
Ql

1. Hay dién thém cac tén
goi vao déau ".."

@ mm————

|
,.E

L
- ==

2. LAy mét bang gidy hinh chd nhat ABCD (hinh vé bén dudi). Biét
AB = 10cm, BC = 4cm; dan béng gidy nhu hinh vé (B sat véi A va C sat véi
D, khéng dugc xoan).

C6 thé dan bang gidy dé tao nén mat xung quanh cla hinh try dugc khéng?
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D C L S " /-'-*’A-\
h:‘-.-..______._-’-"" \—-——-——"/
Dj [¢
—_— I —
- B e l»/ 5“—)
A B Vét dan
3. Quan sat ba hinh dudi day va chi ra chi€u cao, ban kinh day cta mai hinh.
/p-"-"__‘\
[
- 3m
oo wir—y ==
L b '_,.______119_@_..' | 7m
S T
| 8cm |
a) b) c)

4. M6t hinh tru co ban kinh day 1a 7em, dién tich xung quanh bang 352cm?,
Khi dé, chiéu cao cuta hinh tru la:

(A) 3,2cm; (B) 4,6cm; (C) 1,8cm;
(D) 2,1cm; (E) Mot ket qua khac.
Hay chon két qud dung.

5. Dién dU cac két qua vao nhiing 6.trfng cua bang sau:

Chiéu | Chuvi | Dién ti ian ti ,
Hinh Ban king cao Cd:yw' Dli;;yCh qutE quzl:lh he tLCh
a8y em) | (cmy——om)—|—(om?) (cm?) {3
10
5 4
8 4n

6. Chiéu cao cia mét hinh tru bang ban kinh dugng tron ddy. Dién tich xung
quanh cla hinh try 1a 314cm?,

Hay tinh ban kinh dudng tron day va thé tich hinh try (Ilam tron két qua dén
chi s6 thap phan thu hai).

7. M6t bong dén huynh quang dai
1,2m, dudng kinh clGa dudng tron
day la 4cm, dugc dat khit vao mot
6ng gidy cung dang hinh hop (hinh
bén). Tinh dién tich phan gidy cung
dung d€ l1am mét hop. (HOp hd hai
ddu, khéng tinh 1€ va mép dan).
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Gidi
¢ Bdn kinh dudng tron day
Th—t_A
Chiéu cao . 1 _Mat xung quanh
e :"‘m
S~ X _mataay
Budng kinh dudng tron day
2. Puge. Cac em thue hanh nhu hinh vé da huéng 1an.
3. *Hinha): h=10cm; r= g = 4cm.
*Hinhb): h=llem; r= % = 0,50
e 7
Hinhe¢): h=3m; r= s = 3,5 m;
4. Tac6 S,,=2nith > h'= =L = s e L S 8,01 cmn. Chon cau (E).
2nr 14n 14.3,14
5 fddsachniennk
Ban Chiéuw| | Chuwvi 'Dién Dién tich o
= ; , Thé tich
Hinh kinh ddy | cao ddy tich.ddy..{-xung quanh (cm®)
(cm) (em) | (cm) (cm?) (cm®) 3
3 1 10 2n T 20n 10n
! 5 4 10 25n 40n 1007x
2 8 4n 4n 32n 32n

Theo dé bai, tacé: h=r; S = 314 cm?

Ta c6 ban kinh dudng tron ddy duoc tinh tir cong the:

S.q = 2nrh hay 314 = 2.3,14.r?

& r? =50 r =707 (cm).

Thé tich V = nr*h = 1.50.4/50 ~ 1110,16 (cm®).

Theo dé bai, dién tich phdn gidy cing cdn tinh chinh 1a dién tich xung

quanh ca mét hinh hop chit nhat ¢6 chu vi ddy 1a: 4.4 = 16 (cm) va chiéu

caoh=1,2m =

120cm.

Vay S = 16.120 = 1920 (cm?) = 0,192 (m?).
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Luyén tap
8. Cho hinh chd nhat ABCD (AB = 2a, BC = a). Quay hinh chid nhat dé quanh

AB thi dugc hinh try cé thé tich V4; quanh BC thi dugdc hinh tru co thé tich
V,. Trong cédc dang thuc dudi day, hay chon déng thiic dung:

(A) Vy = Vy;
9. Hinh vé& 1a m6t hinh try cing vdéi hinh khai trién clia né kém theo kich thudc.

.:0.2+0=0 (cm?.

‘ (B

10. Hay tinh:

a) Dién tich xung quanh cia mét hinh tru ¢é chu vi hinh tron ddy 1a 13cm
va chiéu cao la 3cm.

(B) Vi =2V,

(C)Va=2Vy;

( 10cm)

(D) Vo = 3Vy;

i2cm

( 10cm)

Hay dién vao c4ac chd .. va cac 6 tréng nhing cum tu hodc cdc s6 can thiét.
.:0.0.10 =0 (cm?);

(E)V

1= 3V2.

.:(2.0.10). O = O (cm?);

b) Thé tich cla hinhltry icé ban kinh dugng tromday la 5mm va chiéu cao
la 8mm.

11. Ngudi ta nh&n chim hoan toan méf tugng da nhd vao mét o thay tinh co
nudc dang hinh try. Dién tich day 10 thay tinh 1a 12,8cm?. Nudc trong lo
dang 1&én thém 8,5mm. Hai thé tich cla tugng da la bao nhigu?

12. Dién day di céc két qua vao nhiing 6 tréng clia bang sau:

Ban

Budng

Dién tich

Thé

day day quanh
3| 25mm 7cm
! 6cm im

5cm 1l

13. M6t tAm kim loai duge khoan thing bén 16

nhu hinh bén (16 khoan dang hinh try), tdm
kim loai day 2cm, ddy cia nd la hinh vuéng
c6 canh ia 5cm. Budng kinh clia mdi khoan
la 8mm. Hdi thé tich ph&n con lai clia tdm

kim loai la bao nhiéu?
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14. BuUGng 6ng ndi hai bé ca trong mot thay

10.

11.

12.
13.

14.

cung ¢ mién nam nudc Phdp c¢é dang mot
hinh tru, dé dai cla dudng 6ng la 30m
(hinh bén). Dung tich cla dudng 6ng noi
trén Ia 1 800 000 lit.

Tinh dién tich day cda dusng 6ng. | 30m
Giai
Khi quay hinh chil nhat ABCD quanh AB thi: B
V, = nr*h = na®.2a = 2na’.
Khi quay quanh BC, ta c6: 2a
V, = ar'*h’ = n(2a®).a = 4na’ = 2(2na®) = 2V,.
Vay chon cau (C). B = C

Dong 1: Dién tich day: [n]{10]. 10 = {100% (em?)
Dong 2: Dién tich xung quanh: (2. [7]. 10), IEJ = |240n| (cm?)
Dong 3: Dién tich toan phan: |100m|2 + |[240n| = [440n| (cm?)

a) Ta ¢6 S,, = (2nr).h = 13.3 = 39 (¢m?):
b) Tacé V = nr’h = 1.5%.8 = 2001-% 628 (mm?).

Theo dé bai, thé tich tugng da bang thé tich hinh tru c6 dién tich d4y la
12,8em® va chidu cao Bing) 8,5mm.Vay V)=!8.h=112,8.0,85 = 10,88 (cm?).

Hoe sinh tu lam.
Theo dé bai ta c6:

Ban kinh day 16 khoan hinh tru 12 4mm, tdm kim loai day 2cm = 20mm
chinh 12 chiéu cao hinh tru.

Do d6, thé tich cia mét 10 khoan hinh tru la:
V, = nr’h = 1.4%.20 ~ 1005 (mm?) = 1,005 (cm?®).
Viy thé tich 4 15 khoan 1a: V, = 4V, = 4.1,005 = 4,02 (cm?).

Thé tich tdm kim loai 1a: V; = a.ah =5.5.2 = 50 (cm®).

Vay thé tich phan con lai ciia tdm kim loai la:
V=V, -V, =50-4,02 = 45,98 (cm®)

Tacoé L lit = 1 dm®. Do d6 1 800 000 lit = 1800 m?.

Theo dé bai, ta c6: Dung tich cia dudng dng hinh tru chinh la thé tich
cta hinh tru. Con dé dai dutng dng chinh 1a duéng cao hinh tru.

Tace Velhiags L= B0 b b,
h 30

'Viy dién tich ddy ctia dudng 6ng la 60m®.

-
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§2. HINH NON - HINH NON CUT.
DIEN TICH XUNG QUANH VA THE TiCH
CUA HINH NON, HINH NON CUT

1. KIEN THUC CO BAN

dudng cao

1. Hinh nén: Khi quay tam giac
vudng AOC mét vong quanh
canh géc vuéng OA cé dinh d»
thi dugc mot hinh nén.

duong sinh

2. Dién tich xung quanh hinh nén:
Goi r 1a ban kinh day hinh nén,
¢ 1a dudng sinh, h la dudng cao.

~ Dién tich xung quanh hinh nén:

=qr( ] !
qu I B albd e

— Dién tich toan ph&n hinh nén
(t8ng dién tich xung quanh va

dién tich day) la: Stp =7rl + ar’

1
3. Thé tich hinh nén: |V = gnrzh (Via = %V.w) A
s N\
4. Dién tich xung quanh va thé tich hinh non cut: =W
qu = n(r, +r,)( I

V= -;:nh(rf +r2 +11,)

Il. BAI TAP SACH GIAO KHOA
15. M6t hinh non dugc dat vao bén trong mét hinh lap

phuong nhu hinh v& (canh cta hinh lap phuong AN

béng 1) (hinh bén). Hily tinh: | A

a) Ban kinh day cda h nh nén. P A
P S

b) D6 dai dudng sinh. ’ t," - \
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16.

17.

18.

19.
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CAt mat xung quanh cta mét hinh nén theo mét dudng sinh va trdi phang
ra thanh mét hinh quat. Biét ban kinh hinh quat tron bang dé dai dudng
sinh va do dai cung b&ng chu vi day.

Quan sat hinh vé dudi va tinh s6 do cung cua hinh quat tron.
6cm

6cm

K2xnx2(cm)

2cm

2cm

Khi quay tam giac vudng dé tao ra mét hinh nén nhu & hinh 87 SGK Toan 6
tap 2 thi géc CAO goi la nda gdéc & dinh cha hinh nén. Biét nlia géc & dinh
cta mot hinh nén 1a 30°, doé dai dudng sinh 1a a. Tinh s6 do cung cla hinh
quat khi khai trién mat xung quanh cia hinh nén.

Hinh ABCD (hinh bén) khi quay quanh BC thi tac ra: A 55
(A) M6t hinh tru;

(B) M6t hinh nén; T
(C) M6t hinh non cut.

(D) Hai hinh nén; fadsaehmienhk

(E) Hai hinh try; :
Hay chon cau tra I6i dung. cO

D
Hinh khai trién clia mat xung quanh céia mét hinh nén 1a mét hinh quat.

Né&u ban kinh hinh quat Ia 16cm, s do cung la 120° thi dd dai dudng sinh
cua hinh nén la:

(A) 16¢cm; _(B) 8cm; (C) «1-3§cm; (D) 4cm; (E) ?cm.

Hay chon két qua dung.

20. Hay dién dd vao céc 6 tréng 8 bang sau (xem hinh vé)
Bén kinh | Budng Chiéu Do dai Thé -
dayr kinh day caoh | dudngsinh | tich V
(cm) d (cm) (cm) { (cm) (cm?)
4 h
10 10
10 10
10 1000 | - =
10 1000 ‘ ::r__._r
10 1000

GBT TOAN 9 (tdp hei) - 167
Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

21. Cdi md cla chu hé vdi cac
kich thudc cho theo hinh vé
(hinh bén). Hay tinh té’ng
dién tich vai cdn c6 dé lam
nén cai mi (khdng ké riém,
mép, phan thua).

35cm

-

22. Hinh bén cho ta hinh anh clda mét cai
déng hé cat véi cac kich thudc kém theo
(AO = OB).

Hay so sanh téng cac thé tich cha hai
hinh ndn va thé tich clia hinh tru.

Gjidi

15. a) Vi ddy cia hinh nén la duding trdon noi ti€p trong hinh vuéng ¢4 canh

béng 1. Do d6, ban kinh ddy ctahinh nénlar = %

b) D¢ dai dudng sinh cda hinh-nén chinh la canh AC cda tam gidc vudng

HACVd’lAH:lHC: l

2 A

B adsaEhnie i,r
Ap dung dinh Ii Py-ta- go trong tam giac
vuong HAC, ta cé;

2
AC’ = AR+ HC =+ | 2| =1+ = =/ 1
2 4 4
Suy ra AC = _\/_E_ -
2 B H C

16. Theo dé bai, ta cé:

b§ dai ¢ cua cung hinh quat trdn ban kinh r

hinh nén: ¢ = 2r.2 = 4n (cm)

Theo cong thic tinh do dai cung tron x°, ta cé:
(= % - dx 1&;2.( _ 182:11 _ 720 _ 190°.

Vay s6 do cung hinh quat tron 1a 120°.

17. Tam gidc CAO vudng tai O, c6 CAO = 30°, dudng sinh CA = a. Do do,

6cm, bing chu vi day

ACAO la nifa tam gidc déu canh a. Suy ra OC = —

Vay b4n kinh hinh nén 1a %
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19.

20.

21.
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Ta ¢6 dd dai cung hinh quat tron n”, ban kinh biang chu vi day cia hinh

nan a

non nen ta co: (= — — = 2]‘[ — & no= 180
180 2

Vay s6 do cung hinh quat tron la 180"
Chon cau D.
Tir dé bai ta trién khai ra duge nhu hinh vé.

Ta nhédn thay rdng ban kinh cua hinh quat
cung chinh la dudng sinh cua hinh nén.

Vay do dai duong sinh cuaa hinh nén la / = 16cm.

Do dg, chon cau A.

Két qua cho ¢ bang sau:

o (cm) d (em) h (em) ! (cm) v (cm?)
. 3
10 20 10 102 -1%—”-
5 10 10 55 ?%O—n

10 E 20 E 10 10 §+1 1000
n T L
HalSdUINTLLIETH
30 ’9
10 20 ALY JiclOy—+ 1 1000
n n'z

2
120
o | 120 J25+(%) —

(94

n n

Theo dé bai, ta nhan xét rang téng dién tich vai can c¢6 dé lam nén cai
mi bing téng dién tich cua hinh vanh khan va hinh nén:

Ta ¢6 dién tich hinh vanh khin:

R = 32?.: 17,5 (cm)

S, = nR? - nr? véi
- 35-20

2
= al(17,5)* - (7,5)*] = 250 .
Ta c6 dién tich hinh nén: S, = nrl = 7.7,5.30 = 2257,
Khi d6 dién tich vai can c6 dé 1am nén c4i ma la:
S=8,+S, = 250n + 2251 = 4757 (cm?).

=7,6 (cm)

Vay S = 4751 cm”.

GBT TOAN 9 (tép hal) - 169
Tron Bo SGK: https://bookgiaokhoa.com



22.

23.

24.

25.
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Theo dé bai cho thi hai hinh nén trén hinh bing nhau, do dé thé tich
clia ching ciing bidng nhau.

2
lT[Rz.E. Suy ra 2Vy,,= 2.1ﬂR2.E = H—R—h
3 2 3

DO dé thc’m - 9 3

(1)

Thé tich hinh tru: V,,, = 71R*h. (2)

2V,
So sanh: Ta cé6: hoén _ 3 = = ;
Vin aR*h 3

Suy ra 2.V,4n =

Vay t;b’ng cac thé tich cia hai hinh nén
bing mét phan ba thé tich hinh tru.

Luyén tap

Viét céng thuc tinh nda goc & dinh
ctia mét hinh nén (goc o cha tam gidc
vuéng AOS - hinh bén) sao cho dién
tich mat khai trién cla mat nén'béng
mdt phan tu dién tich cla hinh tron
(bdn kinh SA). fadsaehntienpk

Hinh khai trién cia mat xung quanh.clGa mot hinh nén 1a mét hinh quat,
ban kinh hinh quat d6 1a 16¢m, s6 do cung la 120° Tang cla nia géc &
dinh cda hinh nén la:

V2 V2

(A) '—4"; (B) ?:

(C) 2+ (D) 242 .

Hay chon két qua dung.

Hay tinh dién tich xung quanh cla hinh nén cut biét hai ban kinh day 1a a,
b (a < b) va d6 dai duéng sinh 1a ¢ (a, b, ¢ ¢6 cung don vi do).

26. Hay dién vao céac 6 tréng cho & bang sau (don vi d dai: cm)
_ _ B Do dai  tich
Hinh Ban’ kinh 'E)Lmng Chiéu cao dudng sinh Thé tich
dayr kinh day d h p Vv
5 12 ]
16 15
P 25
40 29
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28.

29.
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; , 1,40m
Mot dung cu gébm mdt phan c6 dang -
hinh tru, phan cén lai ¢6 dang hinh 2 §
nén. Cdc kich thudc cho trén hinh <7 | I
bén. Hay tinh: TNZ T

1,60m

a) Thé tich cha dung cy nay;

b) Dién tich mat ngoai clda dung cu
(khong tinh nap day).

Mot cai xé bang inox c¢6 dang
hinh nén cut dyng hda chat,
cé cac kich thudc cho & hinh e
bén (don vi: cm).
a) Hay tinh dién tich xung

quanh cua x0.
b) Khi x0 chia day hoa chat thi

dung tich cta né la bao nhiéu?
Céi xay cliia Don-ki-ho-té (tu tac pham
cia Xec-van-téc (Cervantés)). Phan
trén cua coi xay gié ¢é dang mét hinh
né1 (hinh bén). Chiéu cao clGa hinh -
né 1a 42cm va thé"tién e ng fa tn
17500¢cm®, ;
Em hay giup chang Bén-ki-hé-té tinh
ba1 kinh cia day hinh nén (lam tron
ké: qua dén chi s6 thap phan thd hai).

Gjidi

Dién tich hinh quat ¢6 ban kinh ( v6i 6 do cung n” = 90° la:

:

=
"

F-S

N

————

- -
- -
- -

T . S . L
360 360 4
Theo dé bai ta ¢6: Sy = Sy, (hinh nén). (1)

M: dién tich xung quanh hinh nén c6 ban kinh r = OA va dudng sinh SB = (.

Sw=nrd
nr?
TET(I) ta chH: n.r.l = *—-—4-—- - =4r

OA

r 1
Trong tam gidc vuéng SOA, ta ¢6: sina = — = — = &
T & ong €051 SA { 4

r —
4r
Sur ra o ~ 14%28".
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24. Theo dé bai ta co: duong sinh cua hinh nén = 16, do dai cung AF cia
hinh quat tron la:
B nRn _ n.16.120 _ 32n
180 180 3

25.

Chu vi dday hinh nén bang 2nr.
Theo dé bai ta cé: (" = 2nr (r: ban kinh dudng tron day hinh noén)

32n ; 16

hay

Ap dung dinh 1i Py-ta-go trong tam gigc vuong AOS, ta co:

5]

.
SO = VSAZ - QA2 = \fm?

1 8 39
hiy h= [162-|1-- =16\[—=va2
e IJ ( 9} 90~ 3
v 16 3 J2
e ida o = ey et 0 N2
a co g(l h 3 3( 4

Vay ta chon cau (A).

Theo cong thdc tinh dién tlch xm}g gléanh hinh nén cut, ta cé:
X | 10

ban kinh 2 dudng t d4
Sq = 1(r) + 12).L v6i e : n‘ = iy trow day
(1'duong sinh

Theo de bai, ta co: S,, = n(a + b)/

26.
o Dudng - D6 dai =
Hinh dl;an k(mh) kinh ddy d Cl;n(eu c;:w dutmg sinh 'I“}h:s tlii}l
y r (cm - cm ¢ (cm) cm
SR S S R EES
10 12 13 314
16 15 17 320n
7 14 24 25 392n
20 40 21 29 2800n
27. a) Thé tich dung cu nay gém médt hinh tru cé dudng kinh ddy la 1,4m,

dudng cao 70cm va moét hinh nén cé ban kinh ddy bing bén kinh d4y
hinh tru (0,7m), chiéu cao hinh nén 1a 0,9m.

Thé tich hinh tru:  V, = n.r’h = 1.0,7%.0,7 = 0,3437 (m”)
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2
Thé tich hinh nén: V, = %—n.rz.h = l{]?—?—g = 0,147n (m”)

Vay thé tich cia dung cu la:
V=V, +V,=03431 + 0,147n = 0,497 (m”).

b) Dién tich mat ngoai cia dung cu chinh la tong dién tich xung quanh
cua hinh tru va dién tich xung quanh cida hinh nén.

Dién tich xung quanh cida hinh tru:

S; = 2n.r.h = 21.0,7.0,7 = 0,987 ~ 3,08 (m®).
Dién tich xung quanh hinh nén:
Ta ¢6 do dai dudng sinh hinh nén bang:

¢=40,92-0,72 = J0,32 ~ 0,57 (m)
S, = n.r.f = 1.0,7.0,57 ~ 1,25 (m?).

Vay dién tich mat ngoai cia dung cu la:
S=8,+8S,=23,08 + 1,25 = 4,33 (m®).

28. a) Hinh nén cut ¢6 ry = 21cm; rp/ = 9cmva ¢ = 36em.

Do d6 dién tich xung quanh cta xo la:
S = nlr; + ry).0 = n(21 + 9).36 = 3391,2 (cm?).

b) Khi x6 dung ddy h64 'chiat' thi Eihlﬁg] tich! caa 16 cing chinh 1a thé tich
ctia hinh nén cut trong hinh vé.

Ta ¢6: V = :—;L—n( 7 + ri=+rrrgthvéi—rr=-2tem = r’=44lcm

Yo =9cm/ = rz2 = 81lcm

r;.r2 = 21.9 = 189cm.
Goi h; va hj 12 chiéu cao tit dinh dén ddy nhé va d4dy 16n hinh nén:

hy = V272 92 = V648 =~ 25,5 (cm)
h, = V632 -212 = 3528 =~ 59,4 (cm).

Khi d6 chiéu cao hinh nén cut 1a:
h=h; -h, =594 - 25,5 = 33,9 (cm).
Thay vao céng thuc ta dugce:

V= %n(441 + 81 + 189).33,9 = 25227,7 (cm®) = 25,3 (lit).

Vay dung tich clia xb khi chida day héa chat 1a 25,3 lit.
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29. Ta c6 cong thite thé tich hinh nén la: V = -;-:r.r2.h

2 3v 3.17600 52800 ;
= r° = = - =400 > r = y400 = 20
n.h n.42 131,9

Vay bdn kinh d4y cda hinh nén la 20cm.

§3. HINH CAU DIEN TICH MAT CAU
VA THE TiCH HINH CAU

1. KIEN THUC CO BAN

1. Hinh cdu: Khi quay nda dudng tron tam

O, ban kinh R mét vong quanh dudng { r

kinh AB ¢ dinh thi dude mét hinh cau. A

Nua dudng tron trong phép quay noi trén o

tao nén mat cau. @ LQ

Diém O dudc goi la tam, R 1a ban kinh

cta hinh cdu hay mat cau, J s B 8
L&

2. Dién tich m&t cau - Thé tlch hlnh cﬁu

* Dién tich: |S = 4nR? hay 'S & 'rd?

(R: ban kinh, d: dudng kinh cia mét cu)

*  Thé tich: v:%::na

Il. BAlI TAP SACH GIAO KHOA

30. Néu thé tich cia mét hinh céu la 113%cm3 thi trong cac két qua sau day,
22
két qua nao 1a ban kinh cta nd |18y &t = 7

(A) 2cm; (B)3cm; (C)5cm; (D)6cm; (E) Mot két qua khéc.
31. Hay dién vao cac 6 tréng & bang sau:
Bén kinh hinh ciu | 0,3mm | 6,21dm | 0,283m | 100km | 6hm | 50dam |
Dién tich mit cau
Thé tich hinh cdu
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32. Mot khéi gd dang hinh tru, ban kinh dudng g ey
tron day la r, chiéu cao 2r (don vi: cm). R (
Ngudi ta khoét rédng hai ndia hinh cau nhu "\
hinh bén. Hay tinh dién tich bé mat cia khéi Th | O W
gd con lai (dién tich ca ngoai lan trong).
33. Dung cuy thé thao. C4c loai béng cho trong 3 A
bang déu c6 dang hinh cdu. Hay dién vao 'v
cac 6 trong & bang sau (lam tron két qua
dén chd s6 thap phan thd hai):
Qua Qua 2 Qua
Loai béng béng khuc cén Qua' bong O_Ué
. 25 ten-nit : bi-a
gon y cau ban
Pudng kinh 42, 7mm 6,5cm 40mm 61mm
D0 dai dudng tron I8n 23cm
Dién tich
Thé tich
34. Khinh khi cau cia nha Méng-gonifi-é (Montgolfier).

Ngay 4/6/1783, anh em nha MAng-gén-fi-& (ngudi

Phap) phat minh ra khinh khi cau dung khéng khi

néng. Coi khinh khi caumnay/la:hinh-¢auied dudng

kinh 11m. Hay tinh dién tich mat khinh khi cdu d6

(lam tron két qua dén ¢hiisé thap phan tha hai).

Gjidi
, , 4 . .. 22 )
30. Ap dung céng thic V = —gn.R voi n = = dé tinh R.
3y 3l
Tac6 R = 4— = 4 = 7 297 =>R= %27 =3 (cm). Vay chon céu (B).
n
7
R B : 2 4 3 SR
31. Ap dung cdc cong thic tinh S va v v6i: S = 4nR% V = —S-nR = =
Ta c6 két qua:
inh
Bankinh | 4 3m | 6.21dm | 0.283m | 100km 6hm | 50dam
hinh cau
Dién tich ; : . " ,| 31400
AN | 1 484,37dm*“| 1,006m* | 125600km*“ |452,16hm
ik ol 3mm*®|484,37d 0 "
' 523333
Thétich |, 1 m?l1002,64dm 0,095m® [4186666,7km?| 904,32hm ,
hinh cdu dam
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Theo dé bai, ta c6: Dién tich phdn can tinh géom dién tich xung quanh
cia hinh tru (bdn kinh dudng tron d4y 13 r (cm); chiéu cao la 2r (cm)).
Ta c6:
Dién tich xung quanh hinh tru la: S, = 2rrh = 2n.r.2r = 4n.r* (cm?)
Téng dién tich hai nita mat cau la: S; = 4n.r* (cm?)
Vay dién tich can tinh la: S = S¢q + Si = 4n.r? + 401’ = 8n.r? (cm?)
Vay S = 8nr’ (cm?)
Liy n ~ 3,14. Ta c6 két qua:

—_—

Qua boéng | Qua khuc | Qua ten- |Qua bdng

" ; Qua bi-a
gon cdn cau nit ban

Loai béng

Budng kinh 42, 7mm 7,32cm ©,5cm 40mm 61imm

Do dai 134,08 125.6
B ey 0 | 23cm 20,41 cm 191,54 mm
dudng tron I6n mm P
. ‘ sz Cm2 mm2 mm'{
Thé tich 40 74 cm® 205,26 143,72 | 3349333 | 118786,7
' em’ cm® mm?® mm*

34.

35.

36.

37.

Ta c6 dién tich mat cau tinh theo cong thuc:
SckonRA &4n.u5,50f=379,941m>.

Luyén'tap
Mot cai bon chia xang gom hai nta hinh
cdu va mét hinh try (hinh bén). Hay tinh

thé tich cha bdn chua theo cac kich
thudc cho trén hinh ve.

Mot chi tiEt may gém mot hinh try va hai nda
hinh cdu vdi cac kich thudc da cho trén hinh
bén (don vi: cm).
a) Tim mot hé thuc gida x va h khi AA’' cé dd
dai khéng déi va béng 2a. h|
b) V4&i diéu kién & a), hay tinh dién tich bé mat
va thé tich cla chi tiét mdy theo x va a.
Cho ntia dudng tron tdm O, dudng kinh AB = 2R,
Ax va By la hai tiép tuyén vdi nlla dudng tron tai A
va B. L4y trén tia Ax diém M réi vé ti€p tuyén MP
cét By tai N.
a) Ching minh rdng MON va APB |a hai tam giac vuéng déng dang
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b) Ching minh AM.BN = R?.

.S
c) Tinh tisd —MON. khi AM = R
APB
d) Tinh thé tich cta hinh do nda hinh tron APB quay quanh AB sinh ra.

Gidi
Theo dé bai cho, thé tich hinh c4du c4n tinh bing téng thé tich cia hinh
tru va thé tich cia mét hinh cau c6 duong kinh bang 1,8m. Ta cé:
Thé tich hinh tru la: V, = ar*h = 1.0,9%.3,62 =~ 9,21 (m?)
4 o e sl 4 _, 4
Theé tich hinh cau la: V, = 3:n.R = <

o

1.0,9° ~ 3,05 (m?)

Vay thé tich bén xangla: V=V, + V, = 9,21 + 3,05 = 12,26 m®,

a) Theo dé bai va nhin hinh vé ta ¢6: Hai nita mit cau déu c6 ban kinh
biang x. Nhu vay duong kinh hinh ciu sé la 2x. Do dé6 ta c6 hé thuc:

h +2x = AA="da
Vay hé thdce h + 2x = 2a 1a hé thde-edn tim.

b) Theo dé bai thi dién tich bé méit chi tiét mdy bing téng dién tich
hinh tru va hinh cau. Do dé:

S = 2n.x.h + 4n.x* = 2n.x(h + 2x) = 4n.a.x.

Tuong tu cho thé tieh) ekl tidt may. 11enn!

V=nx’h + f!r—:rr.x:i = 2m.x%a o %) 4 in.x3 = 21.x%(a - lx),
3 3 3
a) Xét hai tam gidc vuong MON
va APB, ta c6: M
Mi = M2 (tinh chat hai tiép tuyén)
Mz = ;’;1 (géc c6 canh tuong ing vudng goéc)
Suy ra: ;311 s 1\711.

Vay AMON & AAPB (c.c). A
b) Ta c6: AM = MP (tinh chat hai ti€p tuyén) (1)
BN = NP.

Ap dung hé thde lugng trong tam gidc vudng OMN, ta cé:
OP? = MP.NP = R? (2)

Tit (1) va (2), ta c6: AM.BN = MP.NP = OP? = R%.

Swon _ MN?

. (3)
S.pp AB?

c) Vi AMON o AAPB nén ta c6:
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. R g R? R?
Khi AM =—va AMBN =R“, suy ra BN = — = — = 2R,
2 AM R
9
Dodé:MN:MP+PN=AM+BN=~121+2R=%.
5R)Y  25R?
SuyraMN2=[2] ==

25R?

Swon _ MN® 4 25R®* 25

Thé vao (3), ta c6: = = .
Sars AB? 4R? 16R? 16

d) Vi nia hinh tron APB quay quanh duong kinh AB tao ra mut hinh
cdu bén kinh R. Khi d6 thé tich hinh céu la: V = %::R?

ON TAP.CHUGONG IV

A. Li thuyét

Hinh Hinhwé accachnDién tich)xung quanh Thétich

Hinh try h Syq = 2nrh V =nr’h

i I
Hinh nén Siq = Are V= ;—nrzh

1)
4
Hinh c4u CJ ] ; S = 4xR? V= Enﬂa
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B.Bai tap e |
38 Hay tinh thé tich, dién $2cm
tich bé& mat mot chi tiét
7cm

may theo kich thudc da
cho trén hinh bén. N

39. Mot hinh chi nhat ABCD c6 AB > AD, i

dlién tich va chu vi cGa né theo thu tu la 2a® va €a. Cho hinh vé quay xung
giuanh canh AB, ta dugc mét hinh tru. Tinh dién tich xung quanh va thé

tich cta hinh tru nay.

40. Hay tinh dién tich toan
phan cla cac hinh 5.6m
tuong ung theo céac
kiich thudc da cho trén 48
hiinh bén.

41. Cho ba diém A, O, B thdng a)
hiang theo thu ty do, OA = a,
OB = b, (a, b cung don vi: cm) X'
Qua A va B vé theo thu tu cac tia
Ax va By cung vudng goc véi AB
v:a cung phia vdi AB. Qua O vé hai
tila vudng goéc vGi nhau yva cat Ax 6‘( =l 2 L3
i 129

b)

C:, By & D (xem hinh bénj.' ' H#tes A 5

B

a) Chung minh AOC va BDQ la haj tam gidc domg.dang; tu do suy ra tich

AC.BD khéng déi.
b) Tinh dién tich hinh thang ABCD khi COA = 60",

c) VGi COA =+60° cho hinh vé quay xung quanh AB. Hay tinh t7 s8 thé

tich cac hinh do cac tam giac AOC va BOD tao thanh.

42. Hiay tinh thé tich
cac hinh dugi
diay theo kich T

tmudc da cho 5,8cm
(Mminh bén). | I““

8,1cm
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43. Hay tinh thé tich cac hinh a, b, ¢ dudi day theo kich thudc da cho (don si: cm)

44. Cho hinh vuéng ABCD ndi ti€p dudng tron tam

45.

12,6
a) b)

O, ban kinh R va GEF |a tam gidc déu ndi tiép

dudng tron dé, EF la day song song vdi AB
(hinh bén). Cho hinh d6 quay xung quanh truc
GO. Chung minh rang:

a) Binh phuong thé tich cGa hinh try sinh ra

bdi hinh vuéng bing tich ¢tia thé tich hinh

ciu sinh ra bdi hinh tron va (thé tich hinh
nén do tam giac déu sinh ra.

b) Binh phuong dién tich toan phan clda hinh try bang tich cia dén tich

hinh cdu va diéntich toan phahiela hinh nom.

Hinh bén mo ta mot hinh cau dugc dat khit vao
trong mét hinh tru, cac kich thudc cho trén
hinh vé. Hay tinh:

a) Thé tich hinh cau;
b) Thé tich hinh try;
c) Hiéu gida thé tich hinh try va thé tich hinh cau;

d) Thé tich cGia mdt hinh nén c6 ban kinh
dudng tron day 1a r cm va chiéu cao 2r cm;

e) Tu cac két qua a), b), c), d), hay tim méi lién hé gida chung.

Gidi

88. a) Theo dé bai ta c6: Thé tich phin cdn tinh 12 téng thé tich cia hai

hinh tru ¢6 dudng kinh 1a 11cm va 6cm.

Thé tich hinh tru c6 duong kinh d4y 12 11ecm va chiéu cao i 2:un.

1)
Wy & nR2h1 = n(?] .2 = 60,51 (cm?).

Thé tich hinh tru c6 duong kinh ddy la 6cm, chiéu cao 1a 7em.
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‘8 2

Vy = nR%h, = n[ 2] .7 = 63n (cm®).
& ]

Vay thé tich cia chi tiét m4y can tinh la:
V=V, +V,=6051 +63rn= 123,51 (cm®).

b) Tuong tu, theo dé bai dién tich bé mat cia chi tiét may bing tong
dién tich xung quanh cda hai chi tiét may.

Dién tich xung quanh cda hinh tru ¢6 dudng kinh ddy 11em va chiéu
cao la 2cm la:

Siqy = 2nRhy = 2n }21 2 = 22n (em?).

Dién tich xung quanh ctia hinh tru ¢6 dudng kinh d4y la 6cm va chiéu
cao la 7em la:

Seqzy = 2nRhy = 2ng7 = 427 (cm®).

Vay dién tich bé& mit cia chi tiét mdy la:
S = Syqu)+ Sk = 221+ 421 = 64x (cm®).

39. Khi hinh chi nhat ABCD quay quanh truc AB cé dinh ta duge mit hinh
tru. Vi dé bai cho ching ta biét dién tich va chu vi hinh chit nhat ABCD
nén ta xem AB va AD nhu la cdc 4n s6. Di tim cdc &n sd d6 thi ta tinh
dugc dién tich xung quanh va {hé’ ’t‘ich }iiﬁnh” {l‘l_l do hinh chir nhat tao ra.

Dién tich hinh chit nhat, ABCD la: ABIAD =2a% (1)
Chu vi hinh chi nhat la=2(AB-+-CD)=-6a-=>-AB + CD = 3a (2)
Tur (1) va (2), ta ¢c6 AB va CD la nghiém cda phudgng trinh:
X? - 8X +P-= 0 hay X* - 3aX + 2a%*= 0
Gidi phuong trinh ta duge: X, = 2a; X, = a.
Theo gid thiét AB > CD nén ta chon:
AB = 2a; AD = a.
Vay dién tich xung quanh hinh tru la:
Syq = 21.AD.AB = 2n.a.2a = 4na’
Thé tich hinh tru la: A—l 3 —B
V = n.AD®>.AB = n.a’.2a = 2na’.
40. * Vi hinh a:
St, = Syq + Sasy = mrl + nr® = 1.2,5.5,6 + 1.2,5 = 63,59 (m?)
* V¢i hinh b:
Stp = Syq + Sasy = 1.3,6.4,8 + 1.3,6% = 94,95 (m?).
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41. a) Xét hai tam gidc vuéng AOC va BDO, ta cé: A = 0= 90"

42.

b)

c)

AOC = BDO (hai goéc c6 canh tuong (tng vudéng géc).
Vay AAOC v ABDO

AC BO AC b
Suy ra: — =— hay — = —.
AO BD a BD

Vay AC.BD = a.b = khong ddi.

Khi AOC = 60° thi tam gidc AOC tré thanh nifa tam gidc déu canh 1a
OC, chiéu cao AC.

oCv3 B,

Suy ra OC = 2A0 = 2a va AC = 5

Thay AC = av3 vao (1), ta cé:

, a b\fg

53 BD = &= BD = 2. - :
3

a

Ta c6 cong thuc tinh dién tich-hinh thang ABCD la:

b/3

av3d r——
= iLX-C—:;—BBJ’ALB = —2—‘3——-.(3 +b) = %(332 + 4ab + b?) (em?).

Theo dé bai, khi'quay hinl vé/Xing quanti’ AB thi:

AAOQOC tao nén hinh nén ¢6/ban kinh day 1a.AC = av3 va chiéu cao la
AO = 4.

S

ABOD tao nén hinh nén ¢é bdn kinh ddy la BD = ——bf va chiéu cao
OB = b.
1 2
Ta o -"T_I _ ‘é‘ﬂ.AC AO ~ Acz-AO ~ (a\/-:;)2.a ) 333 933
. B - 2 - 2 13 13
V. 1,pp*op BDOB (/3 b b
’ R R
Vv 3
v, b3

Hinh a): Hinh cén tinh thé tich gém:
Hinh tru c¢6 dudng kinh ddy 14cm, dudng cao 5,8cm.
V, = n.r*h = 1.72.5,8 = 284,2xn (cm?).
Hinh nén cé6 dudng kinh ddy 14cm va duong cao 8,1lecm.
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Vi = %nrzh = rl; n.7¢.8,1 = 132,371 (cm®).

Vay thé tich hinh can tinh la:
V=V, + V, = 28421 + 132,31 = 416,57 (cm®).
Ddp sd: V = 416,5n em”,
* Hinh b) 1a mo6t hinh nén cut v6i cdc diéu kién da cho, dé tinh thé tich
cia hinh nay ta l4dy thé tich hinh nén lén trir di thé tich hinh nén
nho.

1

Thé tich hinh nén lén: V, = = nr*h, = - n(7,6)%.16,4 = 991,47 (cm?).

Co | ==
W

Thé tich hinh nén nhé: V, = %nr"hg = %n(3,8)2.8,2 = 123,93 (cm?).

Thé tich hinh nén cut la: V=V, - V, = 991,47 - 123,93 = 867,54 cm®.

43. * Hinh a) 12 mét hinh tru c6 dudéng kinh ddy 1a 12,6cm, chiéu cao la
8,4cm va nda hinh cau cé dudng kinh la 12,6em. Vay:

2 ¥ 3
V =n }-2-’—§ 8,4 + lin B9
2 2 3 2

12,6

= 1.(6,3)%.(8,4 + 87

500984 om0

Vay V = 500,094r cm’, i
* Hinh b) 12 mot hinh nén va nita hinh cau.

1 1 4

V = —n(6,9\80 + —.—7.(6,9)°
3n( ) 53 (

i

1
=TT
3
Vay V = = 536,406n cm”.

* Hinh c) Theé tich hinh can tinh la téng cdc thé tich ciia mét hinh nén,
mot hinh tru va mot nita hinh cau

(6,9)%(20 + 13,8) = 536,406 (cm®).

Vs ln.22.4 B 3::.2"’ =4.2%n (—1-+ 1+ }-) _ 80n (cm®).
3 ‘ 2°3 3 3 3
Vﬁy V = §—03£ cms.

44. a) Ta biét ring khi hinh vé quay quanh truc GO thi:
Thé tich hinh tru sinh ra béi hinh vuéng ABCD la:

GBT TOAN 9 (tép hat) - 183
Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

AB 2 AB la duéng chéo cua
V= n(-;—} .BC véi  hinh vudéng c6 canh la R

va AB = Rv2(= BC) G
A N\ B
V = [RIJ Ry2 \
_ 2R"Z w55 nRBJ_ 0 \&
- 2
D C

= (1)

— nR3\/§ _ 2x°R® _ «?RS
- T4 2

Ta ¢6 thé tich hinh cdu cb bin kinh B 1a: V; = %nR”. (2)

Thé tich hinh nén ¢6 ban kinh du¥ng tron day bing %E- la:
1 [EF
Vz - —3'7[( 2 J UH

véi EF = R \F (canh tam gidc déu ndi tiép trong dudng tron (C; R))

EFYS RS ‘\}’5] ; HR

2 2

I[R\/_}-M; 3

va GH =

Thay vao Vs, ta c6: Vj = 3" = gnRa. (3)

T[2R6

Ta c6: V..V, = 4R SaR -
3 8

So sdnh (1) va (4), ta duge: V2 = V.V,

b) Dién tich toan phin cia hinh tru ¢6 ban kinh A—f’ 1a:

s <25( 22 ) 5c + 222
. J_ 0.l & [RfT

S = 2nR? + nR? = 3nR?
Suy ra S? = (371R%? = 9n2.R* (1)
Dién tich mit cdu ¢6 ban kinh R la: €, = 4aR2 (2)
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Dién tich toan phan cua hinh nén la:

K )
7 f 1o\ r
S,=n FG + n }:zl :JIR;"S.I{QS + 7

X

'RV3 ] 9nR’
2 4

. 97R’

Ta ¢6 S,.8, = 4nR”. = 9’RY (2)

So sanh (1) va (2). ta ¢cé: S° = 8,.8..

a) Vi hinh cau co ban kinh bang r (em) nén thé tich cua hinh cau la:
4 _
Vi= 5 ar’ (em”).

b) Hinh tru ¢6 ban kinh bang r (cm) va chiéu cao bang 2r (ecm) (bang
duong kinh hinh cau).
Vay thé tich hinh tru la V, = mr.2r = 211’ (em™).

c) Hiéu gi&a'thé' tich hinh tru va thé tich hinh cau la:

[

Vs =Ny~ V, = gar'—= %nr:‘ - —g-:tr3 (cm®).

d) Thé tich hinh non ¢é ban kinh dugng tron day la r (em) va chiéu cao

la 2r (cm) la: V, = ~r®2r = -2- nr’ (em®)

4 3
Sadsachntennk
e) Tu cac két qud ¢ cau a, b, ¢, d ta e6hé thie: V, = Vg - V.

hay "Thé tich hirh'nén ‘néi’tiép ‘trong hinh’ try bing hiéu gita thé
tich hinh tru va thé tich-himhcidundi-ti€p-trong hinh tru ay”.

CAU HOI TRAC NGHIEM CHUGNG IV

Cho hinh tru c¢6 ban kinh bang a va doé dai dudng sinh bang 2. Biét
dién tich xung quanh bing thé tich hinh tru. Khi d6 thé tich hinh tru
bang:

A. 2m; B. 4nm; C. 6m; D. 8mn;

Cho hinh nén c6 ban kinh ddy biang R. Dién tich xung quanh hinh nén
bing hai l4n dién tich ddy cia n6. Khi dé thé tich hinh nén bang:

A. nR%; B. tR*V3 ; C. R*V2 ; D. nR*6 .
Cho hinh tru cé thiét dién qua truc 1a mét hinh vuéng canh 2dm. Khi
d6 thé tich hinh tru bing;

A m B. 3n; C. 2% D. 4n.
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Mit phdng (P) cdt hinh cau tam O theo thiét dién la m¢t hinh ron co
ban kinh bing 4cm (khodng cédch tit tim O dén mp (P) bang 3ca). Khi
dé ban kinh hinh ciu bang:

A. bem; B. 4cm; C. 3cm; D. 2em
Gia thiét giong cdu 4. Khi d6: - Dién tich mat cau la: ..

—~ Thé tich hinh ciu la: ..
Cho thé tich ciia mat hinh ciu 1 133% emi® 4hi Bén Tefiih Binks ol (idy= 37-2- )
1a:

A. 2cm; B. 3cm; C. 4cm; D. 5ecm

Cho m¢t hinh cau c¢6 dudng kinh 12 11m. Khi d6 dién tich mat au (lam
tron két qua dén hai chit sé thap phan) la:

A. 379m?; B. 380m?; C. 379,94m?; D. 381,4m?
Cho hinh nén cut v6i hai ban kinh ddy la a, b (a < b) va d¢ da dudng
sinh 1a 1 (a, b, 1 ¢6 cing don vi do). Khi dé, dién tich xung quaih hinh
nén cut bang:

A. nal; B. n.b.l; C. n.a.b.l; D. n(a <b).1.

Hinh trién khai cia mat xung quanh ctia mot hinh nén la mt hinh
quat. Néu ban kinh hinh.quat 12,20cm; s6,do cung la 120" thido dai
dudng sinh cta hinh nén la:

20 s 20

A. 20cm; B..19¢cm; L. ?cm; D. —7—cn.

Cho m¢t hinh tru c¢6 ban kinh ddy 14 7cm, dién tich xung qanh la
352cm’. Khi d6 chiéu cao ciia hinh truy la:

A. 3,2cm; B. 2,1cm; C. 8,01cm; D. 5,2¢n.
Chon cdu trd loi ding. Hinh tru ban kinh d4y r va chiéu cao h. "a ¢6 :
(A) Sygy = 2nr (B) 844 = 2rh

(C) V = Sh = nr*h (D) Syp = Sxq + Sasy = 21r + 2%r?.

Chon cdu trd loi ding. Mot hinh tru ban kinh ddy la 5cm, chéu cao
3em. Cé dién tich xung quanh 14 :

(A) 157 cm? (B) 30n cm? (C) 501 cm? (D) 18n2m®.

_Ch{_m cdu trd loi dung. Mot hinh tru cé ban kinh ddy la 3ecm, deén tich

xung quanh 1a 36n cm®. Chiéu cao cta hinh tru la :

(A) 6cm (B) 12c¢m (C) 4cm (D) 2cm
Chon cGu trd 1ot ding. Mot hinh tru ¢6 ban kinh ddy 14 4dm. Dan tich
toan phén la 80n dm? Chiéu cao cda hinh try 1a
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(A) 20dm (B) 5em (C) 10dm (D) 6dm.

Chon cdu trd loi duing. Mot hinh tru cé ban kinh ddy 1a 7dm, chiéu cao
9c¢m. Thé tich cta hinh tru la :

(A) 4147 dm” (B) 441 dm’ (C) 441n dm’ (D) 1447 dm®.
Chon cdu trd loi dung. Mot hinh tru ¢6 dién tich xung quanh la 160n
m?, dién tich toan phan la 3607 m®. Ban kinh cta hinh tru la :

(A) 10m (B) 8m (C) 12m (D) 9m.

Chon cdu tré ldi ding. Mét hinh tru c6 thé tich 500ecm®, chiéu cao cua
hinh tru la 6cm. Bdn kinh cda hinh tru la :

(A) 54,6cm (B) 5,15em (C) 45,2cm (D) 65,2cm.

Chon cdu trd loi diing. Mét hinh tru cé chu vi ddy 1a 36ecm va chiéu cao
la 5cm. Dién tich xung quanh cua hinh tru la :

(A) 565,2 cm? (B) 900 cm? (C) 450 cm? (D) 180 cm®.

Chon cdu trd Lo dung. Che hinh chu nhat MNPQ c¢6 MN = 2NP. Goi
V; la thé tich hinh tru khi quay hinh chif nhat nay quanh MN. V; la
thé tich hinh tru khi quay hinh chit nhat quanh NP. So sanh V,, V,.

1
A V=V, (B) V, = 2V, ¢C) V, = 2V, (D) V, = E V..

Chon cdu trd loi ding, Cho hinh|chit.nhat ABCD co AB = a, BC = 3a.
Cho hinh chir nhat quay quanh canh BC mdt vong, ta duge mgt hinh
tru. Tinh dién tich xungl/quanh; cia hinh tru.

(A) 47 a* (B) 67a° (Cy3ma’ (D) 6 a.

Chon céu tra loi sai. Hinh nén ¢6 ban kinh ddy la r, duong sinh 1a ¢,
chiéu cao 1a h thi :

(A)Siq=nrf  (B)Sgy =21 (C)Sp=nrl+nr? (D)V= %nrﬂh_

Chon cGu trd loi ding. Cho hinh nén ¢6 bdn kinh ddy 1a 5dm, dudng
sinh la 12dm. Tinh dién tich d4y cta hinh nén.

(A) 60dm? (B) 188,4dm* (C) 452,16dm* (D) 78,5dm?.

Chon cdu trd loi dung. Cho hinh nén ¢6 ban kinh ddy 1a 7dm, dudng
sinh la 11dm. Tinh dién tich toan phan cia hinh nén.

(A) 395,64dm*  (B) 241,78dm*  (C) 153,86dm’ (D) 307,72dm*
Chon cdu trd loi ding. Cho hinh nén ¢6 ban kinh 9c¢m, dudng sinh la
15¢m. Tinh thé tich cGa hinh nén.

(A) 972 cm® (B) 4057 cm® (C) 3247 em® (D) 1215 em®.
Chon céu trd loi diing. Cho hinh nén c6 dudng kinh ddy banz 10cm,
dién tich xung quanh bing 235,5¢cm® Tinh do dai dudng sinh 1a :
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(A) 7,5em (B) 15em (C) 10em (D) 3,75¢cm
Chon cdu trd loi ding. Thé tich hinh nén ban dau la V,. Néu ting

3 2 3 .
chiéu cao va ban kinh day cuda hinh nén lén 2 so voi cac kich tkuoc
ban dau thi duge thé tich hinh nén méi la V,. Khi dé :

1 27 3
(A) Vi = 2V2 (B) Vl = EVQ (C) Vl = —‘S—“Vz {D] V[ = ‘27~V,3

Chon cdu tra loi ding. Cho hinh nén ¢é thé tich bang 500cm”. Néu
ting chiéu cao va ban kinh cia hinh nén lén g so véi cac kich thuée

ban d4u thi thé tich hinh nén mdi 13 :
(A) 864cm” (B) 600cm”® (C) 417cm’ (D) 648em”.
Chon cau tra loi ding. Cho hinh nén c¢6 dién tich xung quanh bidng

125cm®. Néu giam dudng sinh va ban kinh d4dy ciia hinh nén xudng g

so vdi cac kich thudc tuong ing ban dau thi dién tich xung quanh cia
hinh nén méi bing bao nhiéu:?

(A) 93,75¢m* (B) 167¢m® (C) 70,3cm® (D) 41,67cm?,

Chon cGu trd loi dung. Cho hinh nén cé dién tich toan phan bing
628cm”. Ban kinh ddy cia hinh non bing 8cm. Tinh do dai dudng sinh
cta hinh nén. i

(A) 15cm (By'14¢m UYCy 166m (D) 17cm.

Chon cdu trd ldi dung. Hinh nén cut cé ry, ry 1a cdc ban kinh day, ¢ 1a
dd dai dudng sinh thi dién tich xung quanh hinh nén cut la :

(A) qu = nrlr2f (B) qu =7 | Iy—1p | f

(C) Syq = mlry + 1)l (D) Syq = nlx; + r2)°L.

Chon céu trd loi dung. Cho hinh nén cut ¢é r;, ry 12 cdc ban kinh day,
¢ 1a do dai dugng sinh, h 14 chiéu cao thi thé tich cia hinh nén cut la :

(A)V = %nrfh (B) V= nz2h

(C)V = %nh(rl + Iy) D)V = %nh(rf +r22 - "11'2)-

Chon céu trd loi ding. Dién tich mét cdu c6 ban kinh R 1a :

(A) 2nR? (B) 4nR? (C) 27R (D) nR2,
Chon cdu trd loi diing. Thé tich hinh c4u c¢6 ban kinh R la :

(A) 3R (B) 41R?® (©) %nR3 D) %nR"‘-
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Chon cdu trda lot diung. Mot mat cau ¢6 duong kinh d = 5mm. Tinh dién
tich mat cau do ? g
‘A) 251 mm? (B) 1001 mm* (C) 12,57 mm* (D) 2071 mm”~,
Chon cdu trd loi ding. Mot mit cdu cé dién tich bing 1256dm*. B4an
kinh mat cau dé la
‘A) 12dm (B) 1m (C) 100dm (D) 10m.
Chon cdu tra loi ding. Mét qua béng ban ¢6 ban kinh bing 35mm. Thé
tich cua qua béng ban dé bang bao nhiéu ?
A) 179,503 cm® (B) 179503 em® (C) 5128,67 mm® (D) 5128,67 cm’.
Chon cdu trd loi dung. Dién tich cia mat cau thay déi nhu thé nao néu

2dn Kinh cia mat cau giam 2 lan.

1

A Sy = Sl (B) S, = ES] (C) S, = %S] (D) S, = 25,.

[l

“hon cdu tra loi ding. Thé tich cia hinh cau thay ddi nhu thé nao néu

»an kinh cta hinh cau tang lén bing 2 ban kinh ban dau.

64 95 16 125
RV e N MBI Vo= =Y Vo — Y\ (D) Vo= =2V,
I Ve= 1op Vi (B Ve = S Wi I Va= 5p Vi 7 64 !

Chon cdu trd loi ding. Thé tLich_ ‘cﬁa]hénh T‘ca‘iu la V,. Néu dugng kinh cua
‘*):} ! . i i:J

linh cAu gidm xudng va biang & dudng kinh ban d4u thi thé tich hinh

Au méi V la

4 1 64 8
AV, = =V B)V, = —V C)V,= —V D) Vo= — V.
) Vs 3 V! (B) V, o1 (C) Vy 759 ' (D) Vy o7 !

chon cdu tra loi dung. Khi quay mét tam gide vudéng quanh mot trong
1ai canh géc vuong ta dugc :

A) Mot hinh tru (B) Mot h‘m13 nén

C) Mot hinh nén cut (D) Mot hinh khaéc.

Chon cdu tra loi ding. Cho tam gidc ABC vuong tai A. Cé6 AB = 8cm,
AC = 6cm. Quay tam gidc ABC mdt vong quanh canh AB. Tinh dién
ich xung quanh cuia hinh tao thanh ?

A) 60m em” (B) 48cm” (C) 55cm” (D) 64cm?,
Chon cdu trd loi ding. Cho hai hinh cau A va B lan lugt c6 ban kinh
{dy 1a 3cm va 6¢cm. So sdnh dién tich cda hai hinh cau dé

A) Sg = Sa (B) Sg = —;SA (C) Sg = 28, (D) Sg = 48S,.
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43. Chon cdu trd loi ding. Hinh tru c¢6 ban kinh r, chiéu cao h va ¢ thé
tich V,. Hinh nén c6é ban kinh r, chiéu cao h va cé thé tich V.. 'inh ti

\Y \% \Y v,
(A) V—2 = (B —= = C) ~z=1 (D) =2 : 1.

1 vV, 3 v, 2 v,

44. Chon cdu trd loi ding. Cho tam gidc déu ABC canh a. Goi AH ladudng
cao. Cho hinh quay mot vong xung quanh dudng cao AH. Tinh tlé tich
cia hinh tao thanh

na’ a3 a3 nad’3 -
(A) =N (B) 5 (C) S (D) 5 -

45. Chon cdu trd loi dung. Mat Trang va Trai D4t c6 ban kinh tuo.g dng

l1a 1738km va 6371km. So sanh thé tich gita Mit Trang va Trdi )at.

(A) Vi = 0,02Vp (B) Vy = 0,01Vp
(C) Vr = 0,03V (D) Vi = 0,04V,

PAP AN CAU HOI TRAC NGHIEM CHUGONG IV

1. Chon cau D 2. Chon cdu D

8. ChoncduC fadsachmiends Chem cdu A

5. 100ncm?; —503915 cm?® : 6. Chon cdu B
Chon.cdu C 8. Chon cdu D
Chon cdu A 10. Chon c4u C

11. Chon cdu C.
12. S,q = 2nrh = 2r.5.3 = 30n (cm?). Chon c4u B.

S
13. Sg=2nth>h= 2= 2B s, Chon c4u A.
2nr  2n.3
2 48n
14. Sy =2nrh +27F © 80n = 2n.4h + 21.4° <> 481 =8nh > h = = ® 6an.
n
Chon cdu D.

15. V =nr’h =n.7%.9 = 4417 (dm®). Chen cdu C.
16. Dién tich mdi hinh tron ddy cla hinh try :

Stp ~Sxq _ 3601 - 160

= 1007 (m?
= m(m°)

Sday =
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Wi Sen® a2 0% _ qon o b 100, CHER R A,
i n
V=nR%°h = R? = e = PO = 26,54 = R =5,15cm. Chon cau B.
nth 3,14.6

Sxq = 2nrh = Cgyy.h = 36.5 = 180 (cm?). Chon c4u D.

Quay hinh chd nhat MNPQ quanh MN dudgc hinh try ban kinh NP.
“hé tich V4 = n.NP?.MN

Quay hinh chd nhat MNPQ quanh NP dugc hinh tru ban kinh MN.
7hé tich V, = n. MN* NP

. Vi _nNPZMN NP 1

g 1 7
acé: — - S Vo, = 2V,. Chon cau C.
V, MNZNP MN 2 2T oreTe

khi quay hinh chd nhat quanh canh BC, ta dugc mét hinh tru ban kinh

+B va chiéu cao BC.,

Syq = 2nr.h = 2n.AB.BC = 2n.a.3a = 6na’. Chon c4u B.
Chon cdu B.

Sqay = % = 3,14.6% = 78,5 (dm?).-Chon c4u D.

Cién tich xung quanh hinh nén : Sy, = nr( = 241,78 dm?

Cién tich day hinh non™'/ 1 aLs %lLyL;En#ZL 153,86 dm?®
Cién tich toan phan hinh non‘:' " Sy = Sy + Sq = 395,64 dm”.
Chon cdu A.

Chiéu cao clia hinh nén: h = Y152 -92 =12 cm

Thé tich clia hinh nén ; V= %nrah - ; 19212 = 324x (cm?).

Chon cadu C.
Ban kinh ddy hinh nén : 10 : 2 = 5cm
S, 2355
£0 dai dudng sinh : Sy=nrt=(= = =15 ¢cm.
nr 3,145
¢chon cdu B.
V= L
3
2 3
Vo = ln. Er .ghzln %h E
2 2 3 2
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1 2
- 1reh
YN . .8 . .B
V. 3 27
= nr’h 3
3 2
8

= Vi = — V,. Chon c4u D.
1 57 2 0o

V, = imr2h
3

3 3
= Vp= [g} A% =[§] 500 =864 cm®. Chen cau A.

quT = nr{
fdgsachniennk
S =7t.§r§f=:rtrr,E '
XAz 4 4 16
9
S . —
s X% __ 16 27‘-2_
xg, nr( 6
9 9
= S S

= — = — ~ . ]
TR T 125 =70.3cm®. Chon cdu C.

Ta ¢6: Sy, = Syq + Seay = nrl + nr?

< 628=3,14.8./ +3,14.82 = ( = 17cm. Chon céu D.

Chon c4du C. 31. Chon cdu D. 32. Chon cau B.

Chon cau C.

S = 4nR? = nd? = 1.5 = 257 (mm?). Chon c4u A.

St s s 2aleB _ yo6c et (dm) =1 (m). Chon céu B.
4rn 4

V= %nﬂs = % .3,14.(35)% = 179503 (mm?) = 179,503 (cm®). Chor céu A.
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81 = 4T{Rf s

Khi ban kinh giam 2 1an = R, = ?‘

R 2
S; = 4nR3 = 4::[-2—‘] = nR?

S, 4nR? 1

= - = =4 = S,=—S,. Chon cdu C.
82 nﬂf 4
V1 = %ER?

Khi ban kinh cla hinh cau tang lén : R, = %Fh

. 3 3
Vo= 2aR? =in.(gﬁ1) =inF{?[§—J

3 3 3 4
4 cs(5)
Vv, 3 '\4) 125
v T " 64
1 :—BKH? ) . b
fadSachmiennl
— %V1.Chpncéuﬂ.
4
VA': ERR?

Pudng kinh hinh cau gidm : dy = %df

8
= V, = — V,. Chon c4u D.
2 27 1 (o)
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Chon cdu B.

Hinh tao thanh la hinh nén cé ban kinh day AC = 6cm, dudng sinh

BC = VAB? + AC? =82 +62 = 10cm
Syq = 1r.( = 1.6.10 = 607 (cm?). Chon c4u A.
Sa = 4nR3 = 4n.3% = 36n (cm?)

Sg = 4nR3 = 4n.6% = 1441 (cm?)

S
28 V4R 48, =48, Chon 64l D.
SA 36n
Tacéd: V4=nr’h
1 V --1-m'2h ’
Vo= —nrth=> 2=3___ - Chon cduB.
3 V nrlh

1
Khi quay hinh tam gidc xung quanh dudng cao AH ta dugc hinh non /di
ban kinh BH va dudng cao AH:

2
V= %rBH“’.AH " 11:.(-3-]

. Chon cau C.
3 12

av3 _na’\3
"2 24

2

Thé tich Mt Trang ? V7= -“g %:Fﬁ"Ji;fntﬁsaa

. 4
Thé tich Trai DAt : ~Vg= %nﬁg == n697Y’
v Tx(1738)
= =3 _ 5900
V, 4

3
b 51‘(6371)

=5 V7 =0,02Vp. Chon cadu A.
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BAITAP ON TAP CUOI NAM

A. Phan Pai sé

1. Xét cac ménh dé sau:

1. J(~8).(~25) = -4./-25 ; 1. (-4).(~=25) = 100 ;
I, V100 = 10; IV. V100 = + 10.

Nhing ménh dé nao la sai?
Hay chon cau tra I13i dung trong cac cau A, B, C, D dudi day:

(A) Chi cé ménh dé | sai; (B) Chicé ménh dé Il sai;
(C) Cac ménh dé | va IV sai; (D) Khong c6 ménh dé nao sai.
Gjai
(I J(-4).(-25) = J-4.J-25 (S) an: J-4).(-25) = 100 (D)
(I11): /100 = 10 (D) (IV): V100 = + 10 (8)
Chon cdqu C.
2. Rt gon CAc bidu thic: M = y3—-2V8=yB+4v2 ;N = y2+ 43 +2-+3 .
Badgzapniennk

=
0

V3 -2V2 6 + a2 o ({2 = 22 T 1220 (207 + 242 + (V2)2
V2 -1? —J2 V2 = |J§*1|-|2+J§| = =8 B =

N=y2+V3 +y2-V3 (J2+V3 +y2-y3 50)
:N2=(J§+J§+J2-J§]2 2+ 43 +2{2+3)2-43) +2-43
=4+2J4-3 =6

V‘1N>0nénth‘N2=6:>N=\[6:.VayN=\/2+\/§+J5—\/§ = s/f_i

I

1}

3. Gia tri clia biéu thuc

3 2+\/§
2\2 23 . 4
(A) o (B) 3 (C) 1; (D) 3’

Hay chon céau tra I8i dung.
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Gjidi
Taes 202448) _ 262+V0)2 _ 2042/ _ 22423
3\/5-:/: 3J2+y342  3Je+v32 31423
_22+2J3)  40+3) _ 4(1+43) g
CaB s 2vB1+12 3Ja+y3)?2  301+y3)

Vay chon cau D.

4. N6u y2++/x =3 thix bing:

(A) 1; (B) V7 ; (C) 7; (D) 49.
Hay chon cau trd I3i dung.

Gidi
Ta c6: V2 + Jx = 3. Vi hai v& déu duong, ta binh phuong hai vé&:

(Yo+vx)P=32 =24+ Jx =9

o Vx Ef@(Vx =7 o x =49
Vay chon céu D.
5. Chung minh réng gié tri cua bléu 1huc sau k}héng phu thudc vao bién
2+\/-~ f I2] x‘ X +X-Vx -1
[x+ oifx e S icx =1 Jx

gdi

Didu kién dé bidu thic c6 nghiala: 0 <x # 1. Pat Vx =a(a>0via # 1),
ta c6:

[ 2+x Jx - 2] xVx + % - x -

x+2\/_+1 x-1 Jx
N [ 24+a __a—2 a’+a?-a-1
a2 +2a+1 a%-1] a

(2+a)a-1)-(a-2)a+ 1)} a’(a+1)-G+1)

(a+1)a+1)a-=1) a

n

n2a—2+a2~a—a2—a+2a+2} E_a_+1}(a2—1)

i (a+1)a®-1) a
_ 2a (@+l@ -1 _,
(a+1)a%-1) a '
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6. Cho ham sGy =ax +b. Tim a va b, biét rang do thi cha ham sé da cho thda
man mot trong cac diéu kién sau:

a) Di qua hai diém A(1; 3) va B(-1; -1);
b) Song song véi dudng thang y = x + 5 va di qua diém C(1; 2).

Gjidi
Goi (d) 1a d6 thi ham sé y = ax + b.
a) ViA(l;3)e(d)nén3 =a +b
ViB(-1,-1)e (d)nén -1=-a+b
a+b=3

Ta c6 hé phuong trinh
-a+b=-1.

Giai hé phuong trinh ta duge: a = 2; b = 1.
b) Vi (D): y = ax + b song song véi duong thidng (d'): y = x + 5 nén suy ra:
a=a =1.
Tadugc(d):y =x + b.
ViC(1;2)e(d):2=1+b<bET.
Viya=1;,b=1.
7. Cho hai dudng thdng: y = (m + 1)x £5(d7); y = 2x + n (d>).

V3i gia tri ndo clia m va n thi:
Sadsachmiennt

Al
a) d; trung véi d,? b) d; cat d,? c) dy song song vdi dy?
Qhﬁ:
a) (dy) = (d,) khi va chi khi {m” *2 {“‘ =1
n=>5 n=>5.

b} (dy)cdt(d)) o m+ 122 mz1.
m+1l=2 {m=l
=

) (dy) /7 (d,
ke A)C:}{n:tﬁ n#5.

8. Chung minh rdng khi k thay d8i, cac dudng thang (k + 1)x - 2y = 1 luén di
qua mot di€m cd dinh. Tim diém ¢ dinh dé.

Gidi

Trong phuong trinh biéu dién cdc dudng thdng (k + 1)x - 2y = 1, ta nhén
thay: Khi x = 0 thiy = —}é v mioi k & R.

Piéu nay ching té ring cdc dudng thing c6 phuong trinh:

(k + 1)x — 2y = 1 ludn ludn di qua difm cd dinh I c6 toa dé (0; ~%) véi moi
k € R.
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9. Gidi cac hé phuong trinh: a) { :

a) Gidi hé phuong trinh (I) {

2x+3y|=13 b){
3x-y=3
Gjdi

2x+3ly|=13 (@
3x-y=3. (2)

* Truong hop y > 0, ta cé:

2x +3y =13 (1) 2x +3y =13 Ilx= 22
9 R=" &5 <
3 |3x-y=3 (2)

O9x -3y =9 3x-y

Vay (x = 2; y = 3) 12 nghiém cua hé phuong trinh.
* Trudng hop y < 0, ta cé:

3Jx -2 y =-2

2\/)_(+J;=1‘

{x=2
o
=3 y = 3 (nhén)

4
= - = - = X ==
) ey i e S Y=—-;2;-{nham.
4 33 ; ) K - \
Viy x = —,—7~; Y= l1a nghiém cua hé phuong trinh.
. 5 : . h 4 33
Vay hé phuogng trinh (I) c6 hai ca_i]T nghlenT: (2; 3) va [—;}—; - 7]
SAUSdENNIENRT
b) Gidi hé phuong trink (IT) Wxraly =20
2% nfy =1 (2)
Gidi bing cdch dit 4n sé phu:
PatX = Vx (v6i X2 0); Y = \Jy (v6i Y >0)
RIS MRS g d T o =y o B =l
(2)|2x+Y=1 4X +2Y =2
7X =0 X=0 Jx =0 o
o> =3 (nhédn) & o
\ZX'!"Y:]. Y=1 J;zl y:—l

Vay (0; 1) 1a nghiém cta hé phuong trinh.

10. Giai cac hé phuadng trinh: a) [

a) Gidi hé phuong trinh: (I) l
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\}x-1+J;-_1=2
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aWx-1-y-1=1
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Pat X = Vx -1 (diéu kién X > 0)

Y = Jy -1 (diéu kién Y > 0).

Thé vao (1), ta dugc:

(1).:3{"’}(“Y=1 a{3x:3 c:»{le (nhan)

X+Y=2 X+Y=2 Y =1

\/;h—ui:l {x-‘lz {x=2
=S s & <>

y-1=1 y-1= y =2

Vay (2; 2) 1a nghiém ctia hé phuong trinh.

(x-1)2-2y=2
3(x-1)7°+3y=1.

Pat X = (x - 1)* (diéu kién X 2 0).

Khi d6 (1) < (_3)(

X-2y=2 =ZX = =
y a{a +6y = -6

3X+3y =1 3X+3y =1
y__ﬁ
~ {?{y =2—5 9o < 89
" X =~ (nhén).
yadédehndennt

T306(K—1)2=X=E@X—l:iﬁ’:i’g‘[&.
9 9 3

Vdixr1=—2—\[—§<:>x=-2i—2—+l.
3 3
Vﬁix—l:—g\@—@x:l EJE
3 3
Vay hé phuong trinh c6 hai nghiém: (1 + i wé) va (1 - -2-\5- -.g_)

Hai gia sach co6 450 cudn. Néu chuyén 50 cudn t gid thd nhat sang gia
thu hai thi s6 sach & gia thu hai sé bang -g- s6 sdch & gia thu nhat. Tinh
s0 sdch luc dau trong mdi gia.

Gldi

Goi x (cudn) la s6 sdch ¢ gid thd nhat; y (cudn) la sb sdch ¢ gid thi hai
lic ban ddu. Piéu kién x va y: nguyén duong.
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x+y =450
Theo dé bai, ta c6 hé phuong trinh:

y + 50 = i(:r{—.‘;')O).
5
Giai hé phuong trinh, ta dugc: x = 300; y = 150.
Vay s0 sach lic dau ¢ gid tha I 1a 300 cudn, § gia thi I1 1a 150 cuén.

Quang duong AB gom mét doan lén d6c dai 4km va mét doan xudng déc
dai 5km. Mot ngudi di xe dap td A dén B hét 40 phut va di t& B vé A hét
41 phut (van téc 1én déc, xudng doc luc di va vé nhu nhau). Tinh van téc
lic 1én ddc va luc xudng doc.

Gjidi

Goi x (km/h) va vén toc cia xe dap lic 1én doc va y (km/h) 1a vén téc xe
dap lic xudng déc. Diéu kién x > 0, y > 0.

1,5 40
s " y 60

Theo dé bai, ta c6 hé phuong trinh:
5 4 41
— 4 —=—,
X y 0

Gidi hé phuong trinh, ta duge (12;-15) (nhan).
Vay van tdc xe dap luc 1én docla-12km/h va xudng déc la 15km/h.

X&c dinh hé s6 a clia ham s8 y = lax2_, bi)étr rang do thi cha né di qua diém
A(-2; 1). V& dé thi cia ham s6'gs! /"

Ggidi
* Goi (P) 1a dd thi cia ham sé y = ax®.

Vi A(-2;1) € (P):y:axz nén: 1 =a(-2<4d4a=1oa-= %

z 1
Viy ta c6 hAm sd y = sz
* Vé dé thi hAm s y = %xz
- Tap xdc dinh D = R.
- Béng gié tri:
X l—2|--1|0|1|2
y=ax? | 1 2ol &1
4 4 4
- V& do6 thi: hinh bén.

Goi X4, X 12 hai nghiém cla phuong trinh 3x*> —ax - b = 0.
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\ . a a b
Té bang: (A) - ; Bl — G =3 D) -
ong x; + X, bang: (A) 3 ()3 ()3 (D)

w|T

Hay chon cau trd I6i dung.

&jidi

Vi x; va x, la hai nghiém cua phuong trinh bac hai mgt an:

: ) a
3x’ ~ax +b=0neén: S = x; + X3 = 3

Vay chon cau B.

Hai phuong trinh: x? + ax + 1 = 0 va x? - x - a = 0 ¢ mdt nghiém thuc
chung khi a bang: (A) 0; (B) 1; (C)2; (D) 3.
Hay chon cau tra Idi dung.

gidi
Gid s x) 12 nghiém chung cia hai phuong trinh, thi x, phai 1a nghiém
Xq +ax, +1=0 (1)

2
cua hé: 2
Xg — %o —a=/0 (2)

: =0 _—
Lay (1) tru cho (2), ta duge: (a + Dix+1) =0 & b & = .
x+1\%0 x=-1

HalSall 1ennl
- Thay a = -1 vao (2), ta du‘:,r’c:'L xﬁ __|Ixﬂ1{{_511:T0

Gidi phuong trinh ta’didc phuong’ trinh vé nghiem.
Vay loai truodng hop a = -1.
-~ Thay xy = -1 vao (2), ta c6 a = 2.
Khi d6 hai phuong trinh da cho ¢6 nghiém chung x, = -1.
Vay chon cau C.
Giai cac phuang trinh:
a)2x3-x2+3x+6=0; b) x(x + 1)(x + 4)(x + 5) = 12.

gidi
2x° - x> +3x+ 6 =0(1)
Tacé: (1) &> 2x° +2x* - 3x* -3x+6x+6=0
S22 (x+1)-3x(x+1)+6(x+1)=0
x+1=0

SX+1)2x*-3x+6)=0s
, 2x% -3x+6=0.

* Giai phuong trinh x + 1 = 0, ta duge x = -1.
* Giai phuong trinh 2x* - 3x + 6 = 0
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A=(-3-426=9-48<0.
Vay phuong trinh v6 nghiém.
Toém lai, phuong trinh (1) c6 mot nghiém x = -1.
x(x + 1)(x + 4)(x + 5) = 12. (2)
Ta c6: (2) < [x(x + 5)(x + 1)x + 4)] = 12
o (x% + 5x)(x* + 5x + 4) = 12. (*)
Pat x> + 5x + 2 = y (3).
Khid6: (M) e (y-2y+2) =12y -4=12y’' =16 oy = +4.
- Vé6iy=4.Thay vao (3), taduge: x* +5x +2=4 o x* + 5x - 2 = 0.

-5+ \/gg -5 - Vlé-f)_'
2

Giai phuong trinh, ta dugc: x; = Vil Xg = ————.

- V6iy=-4:Thayvao(3),taduge: x*+5x +2=-4 o x*+5x+6=0,
Gidi phuong trinh ta duge: x; = -3; x4 = -2.

-5+
Vay phuong trinh (2) ¢6 4 nghiém: x,, = —5*2—\/55; Xy = -3, Xq=-2.

Mot I6p hoc ¢6 40 hoc sinh sdp Xép déu nhau trén cac ghé bang. Néu ta
bdt di 2 ghé bang thi m&i ghé& cdn lai phai sdp x&p thém 1 hoc sinh. Tinh
s& ghé bang luc dau.

Sadsaggumienhl
Goi x (chiéc) 1a s6 gh€ bang luc didu. Piéu kién: x: nguyén duong. Khi dé

s6 hoc sinh chia déu trémmbighébangla 49 (hoc sinh)
X

Né&u b6t di 2 ghé bang thi s6 gh& bang cdn lai 1a (x - 2) cdi. Khi d6 méi

ghé c6 (39- + 1) hoc sinh ngéi.
X

Theo dé bai ta c6 phuong trinh:
(X~2){4—0 +1)=40 < x* - 2x - 80 = 0.
X

Gidi phuong trinh ta duge: x; = 10 (nhan); x, = -8 (loai).
Vay s6 ghé bang lac dau 1a 10 chiée.

Canh huyén cta mot tam giac vudng bdng 10cm. Hai canh gdéc vuéng co6
dd dai hon kém nhau 2cm. Tinh dé dai cdc canh géc vudng cla tam gidc
vudng dé.

Gidi

Goi x (cm) va y (em) 1an luot 12 do dai hai canh géc vudng clia tam gisc
vuong. Gia st x > y. Diéu kién: x > 0; y > 0.
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e - X-y=2 X-y=2
Theo dé bai ta c6 hé phuong trinh: <, ° s % 5
x“+y° =10 x“ +y“ =100.
Giail hé phuong trinh, ta duge: x = 8; y = 6.

Vay hai canh géc vuong c6 do dai 1a 8 (cm) va 6 (cm).

B. Phan Hinh hoc

1. Chu vi hinh ch nhat ABCD 1a 20cm. Hay tim gia tri nhd nhat cia do dai
dudng chéo AC.

Gidi
Goi x (ecm) 1a do dai canh AB (x > 0). Theo
dé bai thi do dai canh BC la (10 - x). A - B
Ap dung dinh li Py-ta-go trong tam gidc
vuong ABC, ta c6: 10-x
AC? = AB® + BC? = x* + (10 - x)°
= 2(x” - 10x + 50) = 2[(x - 5)* % 25] D c

AC? = 2(x - 5)* + 50 > 50
DPing thuc xdy ra khi va chikhi: x =5=z0ox=5

Vay gia tri nhé nhat cuadudngchéo AC la W50c215v2 (em).

2. Tam giac ABC c6 B = 45°, C =30% Néu AC = 8 thi AB bing:
(A) 4; (B) 4~/2- (©C) 443 ; (D) 4 6.
Hay chon cau tra Igi dung.

Gidi

Ha AH 1 BC (H € BO).

- A
Trong tam gide vuong HAC (H = 90°) c6
-~ . 8
C = 30". Vay AHAC Ia nita tam gidc déu -
canh AC, dudng cao CH cing la dudng 45° 30
trung tuyén. B H C

Suy ra AH = A—zc = 4 (cm).

Xét hai tam gidc vuong HAB (H = 90°) c6 B = 45°. Vay AHAB la tam
gidc vudéng can tai H. Suy ra AH = BH = 4 (cm).

Ap dung dinh li Py-ta-go trong tam gidc vuong HAB, ta cé:
AB = VHA? + HB? = V42 +42 = 32 = 442.

Viay AB = 4vy2 cm. Chon cau (B).
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. Cho tam giac ABC vuéng & C c6é duong trung tuyén BN vubng @c vJi
dudng trung tuyén CM, canh BC = a. Tinh dd dai dudng trung tuyén EN.

Gidi
2

Goi G la trong tam cua tam giac ABC, ta c6: BG = 5 BN

Ap dung hé thuc luong trong tam gidc vuong CNB, ta co:

BC? = BN.BG = BN. %BN e -3 BN? ”
2
-5  BN?= %Bcz - 3%— N a
- : . G
— BN = Jgaf o _a_\_/é - aﬁ 3% Lx
- 3 - Jz_ = 2 . A A M I~ B
Vay BN = 12-9.

. Néu tam giac ABC vudng tai C vaco sinA = g thi tanB bang:

3 J5 2 J5
(A) —; \B) —; () = (D) —.
5 3 J5 2
Hay chon cau tra |6i ddagn Oadsachmienp!
Gidi
Trong tam gidc vuong ABC( C-=-90%-ta-co:
sinA = L2 -t = AB = ?’-BC
AB 3 2
Ap dung dinh 1i Py-ta-go trong tam gidc vuéng ABC, ta cé:
B © N2
AC = VAB? _BC? = J{chJ _BC?
AQ = \[5-»302 = EC—‘@.
4 2
5 B b A
Taco tanB = MG oe g \/g
" BC  BC 2

Vay chon cau (D).

. Tam gidc ABC vuoéng tai C cé AC = 15cm. Budng cao CH chia AE thanh
hai doan AH va HB. Biét HB = 16cm. Tinh dién tich tam giac ABC.
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Gidi
Dat AH=x(x>0)
Ap dung hé thic luong trong tam giac vuéng ABC, ta c6: AC* = AB.AH
hay 15° = (x + 16)x & x* + 16x - 225 = 0.
Giai phuong trinh, ta duge: x; = 9 (nhén); x; = -25 (loai).
Vay AH = 9 (cm) G
Ta c6: HC?= AH.HB =9.16 = 144
=5 HC =12 (cm). 15
Vay dién tich tam gidc ABC la:
1 1 VAR
= SAB.CH = ©.25.12 = 150 (cm®). H

. Mt hinh chd nhat cat hinh tron nhu hinh
bén, biét AB =4, BC =5, DE = 3 (vdi A 4 B/—'g\c

cung don vi do). Do dai EF bang:

16 B

(A) 6; (B) 7, (C) -259; (D)8. D E =

Hay chon cau tra 10i dung.

idl
SAdSaennuenl
Goi O 1a tam cda dudng tron. Qua O, ké-dudng vudng géc vdi BC, cdt DE ¢

Pva BC ¢ Q. :

1 5
T 6: BQ = —BC = —
ac Q 3 5
5 13
AQ=AB+BQ=4+ — = —
Q + BQ S5
Vi ADPQ 12 hinh chi nhat nén: AQ = DP.
Suy ra EP = DP - DE = AQ - DE A_4 B/"’EJ\C
Q
13 . 7 /
hay EP--2——3-—2- 3 Ph
[ ]
7 . A o F

Ma EF=2EP=2.-?—' = Wy

vay chon cdu (B).

. Cho tam giac déu ABC, O la trung diém chGa BC. Trén cac canh AB va AC
I4n gt 14y cac diém di dong D va E sao cho DOE = 60°.

a) Chung minh tich BD.CE khéng déi.

b) Ching minh ABOD ® AOED. Tir d6 suy ra tia DO I tia phan giac ciia BDE.
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c) V& dudng tron tam O tiép xuc véi AB. Chung minh rdng dudng tnn nay
ludn tiép xuc vai DE.

Gjidi
Chimg minh tich BD.CE khéng déi.
Xét hai tam gidc: ABOD va ACEO, tacé: B = C = 60° (gia thiét). ()
Ta c6 DOC la géc ngoai cia ABDO nén: DOC = B + f)x i
hay 61+62 = ﬁ + 61 < 60° + 62 = 60° + f)1 o 62 = f)l (2).
Tir (1) va (2) suy ra: ABOD v ACEO (g.g)

BD CO
30 L9 S BN.0B = BOLO,
BO CE
; 2
hay BD,CE s o= BE _ BC ibng ddil.

2 4
2

Viay BD.CE = B—S- khong déi.
Chiing minh ABOD ¢ AOED.
Theo ciu a), ta ¢c6: ABOD v ACEO
aD . BDIBD 00 =08
OE OC OB gadsachntiennk

-

Ma B = DOE =60°

vdy ABOD w AOED (c.g.c)..Suy ra ﬁﬁb = (ﬁ ,

hay DO la tia phan gidc cia géc BDE.

Vé OK L DE va goi I 14 tiép diém cta (O) véi AB, khi d6 OI L AB. {ét hai
tam gidc vuéng: IDO va KDQO, ta cé:

DO: chung; ]31 = 132 (ching minh trén).

Vay AIDO = AKDO. Suy ra OI = OK.

Diéu nay ching té ring OK la ban kinh cia (O) va OK L DE nén Kla tiép
di€m cta DE v6i (O) hay DE tiép xuic véi dudng tron (0).

Cho hai dudng tron (O; R) va (O’; r) ti€p xuc ngoai (R > r). Hai ti€) tuyén
chung AB va A’'B’ clia hai duéng tron (O), (O’) cét nhau tai P (A va #' thude
dudng tron (O'), B va B’ thudc dudng tron (0)). Biét PA = AB = 4cn. Tinh
dién tich hinh tron (O').

Gidi
Vi AB la ti€p tuyén chung cia (0O) va (O’) nén OB L AB va O’'A 1 A3.
Xét hai tam gidc vubng OPB va O'AP, ta c6:
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-

A =B =90
f% : chung.
Viy AOBP w2 AO'AP.
r PO’ PA 4 1
Suyra — = ——=——=—=—
R PO PB 8 2
= R = 2r.

Tacé: PO =00 =R +r=3r(do AO' 1a dudng trung binh cua AOBP)
Ap dung dinh li Py-ta-go trong tam giac vuong O'AP:
OP =0A%*+ AP hay Br)’ =1* +4* = 9rf =1’ + 16 > 8r* = 16 &> 1r* = 2
Dién tich dudng tron (0" r) la: S = n.r’ = .2 = 2n (em?).

9. Cho tam giac ABC ndi ti€p dudng tron (O') va ngoai tiép dudng tron (O). Tia
AO cét dudng tron (O') tai D. Ta cé:
(A) CD = BD = O'D; (B) AO=CO =0D;
(C)CD = CO = BD; (D) CD = OD = BD.
Hay chon c&u tra 18i dung.

Glai

Vi AC va BC tiép xic v6i dudyng tron
(0), AD di qua O nén ta cé:

. ___._ fadsaehntiennk
CAD = BAD = « (vi tdm dudng tron

ndi tiép trong tam gidc'la'/giac diém cla
ba dudng phan gidc trong-tam-gide):

Suyra CD=DB = CD = DB (¥)

Tuong tu, CO la tia phéan gidc cda C nén:
ACO = BCO =p

Mat khée: DCO =DCB +BCO = a + B (1) (do BAD = BCD)

Tacé: COD la géc ngoai cia AAOC nén
COD = 6;\?3+(ﬁ =B+ a. (2)

Tir (1) va (2), ta ¢6: OCD = COD.

Vay ADOC cén tai D. (**)

Tu (*) va (**), suy ra: CD = OD = BD.

Vay chon cau (D).

10. Cho tam gidc nhon ABC ndi ti€p dudng tron (0). Cac cung nhd AB, BC,
CA cé s6 do lan lugt 1a x + 75°, 2x + 25°, 3x - 22°. M6t géc chia tam giac
ABC cd sé do la:
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(A) 57%; (B) 59°; (C)61% (D) 60°.
Hay chon cAu trd i dung.
Gidi

Vi cédc cung AB, BC, CA tao thanh dutng tron, do dé: A

(x + 75°) + (2x + 25°) + (3x - 22%) = 360°
< 6x + 78° = 360° < 6x = 282° & x = 47°.
Viy sdAB =x + 75° = 47° + 75° = 122°

_122 o B c
= .

+ TR 0 0 0 o~ 119°
sdBC =2x+25"=247" +25"=119"= A =

c»

=

= 59,5°.

—_— s 0
*sd AC =3x-22°=347"-22°=119"=> B = 1129 = 59,5°.

Vay chon céu (C).

Tu mét diém P & ngoai dudng:-tron (O), ké hai cat tuyén PAB va PCD tdi
dudng tron. Goi Q la mot diém ném trén cung nhd BD (khdng chua A va

C) sao cho sdBQ = 42° va sd QD =38°, Tinh téng BPD + AQC .

dadsaGlidienht

Ta c6 BPD la g6c ¢ ngoai dudng tron (O) nén:
—  sdBQD—sdAC—
BPD = - . "/ N

B
Ta c6 @ la goc ndi tié€p trong dudng C \ @

tron (O) nén:

Q
@ = 1de?}. 28"
? >
Do d6 BPD + AQC = sdBQD2- sdAC | sdzAC
= SdeQD — 420 ;380 = 400

Vay B?f) + 1@3 = 40°.

M6t hinh vudng va mot hinh tron ¢é chu vi bdng nhau. Hdi hinh nao cé
dién tich I6n hon?

Gt
Gid s, goi canh hinh vudng la a va ban kinh dudng tron 1a R.
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Khi dé, chu vi hinh vudéng 12 4a va chu vi hinh tron 2zR. Theo dé bai ta
?I_R
0

Fdl

co: 4a = 2nR > a =

Ta lap ti s6 dién tich hinh vuéng va hinh tron:
{ aR? |
a2 2 22
. AT _._‘1_. - L = ?t__R - B <1 (vin=~3,14).
She nR* nR? 47R? 4

Suy ra Sy < Sy
Vay hinh tron c6 dién tich 16n hon hinh vuéng.
Cho dudng tron (0), cung BC ¢6 sé do bdng 120° diém A di chuyén trén

cung I6n BC. Trén tia ddi cua tia AB |18y diém D sao cho AD = AC. Hoi
diém D di chuyén trén dudng nao?

&jidi
Taco A = -%sdé_é = 60% BDC = %.60” - 30"

Nhu vay, diém D tao véi hai mat cid

doan thidng BC c¢6 dinh mét |géc

BDC = 30" nén D chuyén dong trén

cung chifa géc 30° dung trén B! hntienhk
Ta c6, khi A = B thi D = E va khi .
A=CthiD-=C.

Vay khi A di chuyén trén cung l6n BC \
thi D di chuyén trén cung CE thudc \
cung chita géc 30" dung trén BC.

Dyng tam giac ABC, biét BC = 4cm, A = 60°, ban kinh dudng tron noi ti€p
tam giadc b&ng 1cm.

Gidi

Dung BC = 4cm va duong thing (d)
song song vdi BC va cdch BC mdt
khodng ]a 1cm.

Tam O cuia dudng tron ndi tiép AABC
la giao diém cua dudng thdng (d) véi
cung chda gée 90° + 60 : 2 = 120°
dung trén doan BC c& dinh.

Qua B va C vé céc tiép tuyén véi (0),
ching cdt nhau tai A.

Tam gidc ABC la tam gidc phai dung.
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15. Tam giac ABC can tai A c6 canh day nhé hon canh bén, néi tiép dudng

16.

tron (Q). Tiép tuyén tai B va C cla dudng tron 14an lugt cit tia AC va tia AB
d D va E. Chung minh:

a) BD? = AD.CD; b) Tu giac BCDE 1a tu gidc noi tiép;
c) BC song song vdi DE.
Gidi
a) Xét AADB va ABDC, ta cé:
BAD = CBD (gbc noi tiép cung chin cung BC)
131 : géc chung

Vay AADB v ABDC = «g% = %g— - BD? = AD.CD (dpcm)

b) Ta c6 AEC la goc ¢6 dinh & bén ngoai (O)

A

A“E‘:'b _ sdAC;sdBC _ sdAB;sdBC _

Xét tu giac BCDE, ta ¢é; AR va
ADB la hai goc lién tnep cung nhin

doan BC va AEC = ADB! Vay-ta giac

.BCDE ndi tiép duogc trong du ng tron
i JL r
c¢) Ta cé: ACB + BCD = 180"

hay ABC + BCD = 180° (vi KABC an tai A)
— ABC = 180° - BCD (1)
Vi BCDE la tif gide ndi tiép nén:
BED + BCD= 180" = BED = 180" - BCD. (2)
So s4nh (1) va (2), ta c6: ABC = BED
Ta ciing c6: ABC va BED la hai goc dong vi. Suy ra: BC // DE (dpem)

M6t mat phang chda truc OO cla mét hinh try; phdn mat phdng nam
trong hinh try 1a mét hinh chd nhat cé chiéu dai 3cm, chiéu réng 2cm. tinh
dién tich xung quanh va thé tich hinh try do.

Gjidi

Bai todn c6 hai truong hgp:

a) Pudng cao cda hinh tru bing 3em. Khi dé chiéu rong cda hinh chi
nhat la duong kinh ctéa hinh tru, suy ra R = lem.

Vay S, = 2nRh = 27.1.3 = 6r (cm?)
V = 1R*h = 1.1%.3 = 3n (cm®)
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b) Dudng cao hinh tru bang 2em.

Khi do chiéu dai cia hinh chi nhat 1a duong kinh cua hinh tru, suy ra
B = 1,0cm.

Vay Sy = 2R b= 251,52 = 8% {em®)

2 d e 3
V=nR*h =n.1,5".2 = 4,561 (cm”)

Truong hop a) Trudng hop b)

17. Khi quay tam giac ABC vudng ¢ A mét vong quanh canh goc vuong AC cd

18.

dinh, ta dugc mot hinh non. Biét réng BC = 4dm, EB = 30°. tinh dién tich
xung quanh va thé tich hinh non.

Gjidi
Trong tam gidc vuong ABC, ta cé: &
BadSagintiennk

AB = BC.sinC = BC.sin30" = 4. 5 =2 (dm)

s

AC = BC.cosC L\BC.5E30°="T mgi = <TTam)

Ta c6: Syq = nRl = m.2.4 = 8n (dm®)

- - -

PR .
pp— -
- -
- -

V = }—nth -, 1— n.22.2\/3 = —8—@].[ (dm*) | s B
3 3 3 A
M6t hinh cau cé sé do dién tich (don vi: m?)
bdng s6 do thé tich (don vi: m®). Tinh ban
kinh hinh c4u, dién tich mat cau va thé tich.

gidi

Goi R la ban kinh hinh cau (don vi: mét)

Khidotaco: S=4nR*vaV = %nR:".

R

Thegds bai ta ob: AR = ‘3‘ "R T =15 R=3m)

Tacé S = 4nR* = 4n.83% = 367 (m?)

V= fl-thRS: 11-71.33 - 367 (m®).
3 3
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CAC PE THI HOC Ki II
VA THI TUYEN VAO LOP 10

PE 1
DE KIEM TRA HOC Ki I, NAM HQC 2006-2007, HUYEN AN NHON, TINH BINH BINH

I. TRAC NGHIEM (3 diém)

T cdu 1 dén cdu 6, hay chon phuong dn trd loi ding (chon mdét :hit cdi
A, B, C hodc D).

Céu 1 : DPiém A(-1 ; -2) thudc dd thi ham s6 y = -mx” khi m bing :
(A) -2 (B) 2 (C) -4 (D) 4.

Cau2: Himsby = {m —%—J x* déng bién khi x > 0 néu :

1
(A)m<§ (B)m>-;— (C)m>4% (D)m = 0.

Cau 3 : Phuong trinh nao trong cde phuong trinh sau ¢6 nghiém kép
(A)x*-4x-4=0 sddeachBLX Fiax +,4 =0

OO C IRwi§ R o

(C)-x*-4x+4=0 (D) C4 ba phuong trinh trén.

Cau 4 : Trén hinh vé)"¢ho"biét’ goc B
ABC bing 70°, AM la~dudng-kinh:
Sé6 do g6c MAC bing : M

(A) 20°
(B) 35°

(C) 70° A G
(D) Khéng tinh dugec.

Cdu 5 : Do dai cung 120° cia dudng tron ¢6 ban kinh 3em 14 :
(A) & (cm) (B) 3n (cm) (C) 2n (cm) (D) 47 (cm).

Cau 6 : Mot hinh nén c6 ban kinh d4dy bing 6cm va dudng sinh binz 10cm.
Thé tick hinh nén dé la :

(A) 288n (cm®)  (B) 967 (em®)  (C) 120n (cm®) (D) K&t qua khac.
II. TU LUAN (7 diém)
Bai 1 : (1,5 diém)

Cho phuong trinh : x* + (2m - 1)x - m = 0 (m 12 tham s6)

a) Ching minh phuong trinh ludén cé nghiém véi moi m.
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b) Goi x,, x; 1a hai nghiém cuaa phuong trinh da cho.
Tim gid tri cia m dé biéu thic A = X7 + xg - X).Xg €O gid tri nho nhat.
Bai 2 : (2 diém)
Mot 6 té di tir Ha Noi dén Hai Phong, duong dai 100km. Lic vé van téc

tang thém 10 km/h, do dé thoi gian lic vé it hon thoi gian lae di la 30
phat. Tinh van téc lac di.

Bai 3 : (3,5 diém)
Cho dudng tron (O ; R) dudng kinh AB. Diém M chuyén déng trén dudng

tron va MA < MB. Ké dudng thang qua M vudng géc vdi AB cdt dugng tron
tai N. Kéo dai BM va AN cat nhau tai I. Ké IH vuéng géc véi AB tai H.

a) Chung minh rang ta gidc AHIM noi tiép.

b) Chung minh géc AMH bing goc ABM. Tir d6 suy ra HM la tiép tuyén
cda dudng tron (O).

¢) Ching minh tit gidc HMON noi tiép. Tim vi tri cia diém M trén dudng
tron (O) sao cho A la tam duong tron ngoai tiép t giac HMON.

ﬂmﬁig dan
I. TRAC NGHIEM
Cau 1. Chon cau B Cau 2. Chon cdu B
Cau 3. Chon cdu B gadeachmiennhi€dw4a. Chon cdu A
Caus. Choncéau C : Cau 6. Chon cau B.

Il. TY LUAN
Bai1: a)A=Cm-1)2+4m=4m?’-4m+1 +4m=4m?+1> 0, VYm

{x1+x2 =-2m+1
XX, = —M

A = X2+ x5 —XiXp = (X1 + X2)? ~ 2XyXp — X¢X2

2
- 2rn——1— +1—5~21—§.
4 16 16

Bai2: 30phat= -;—h

Goi van téc luc di la x (km/h) (Diéu kién : x > 0)
Eg_ 100 1

X x+10 2
Xy = 40 ; xo = -50 (loai)

Phuong trinh lap dudc :
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Bai3: a) AHI =90°
AMI = 90°
b) AMH = AIH
AlH = ANM (IH // MN)
ANM = ABM
AMH+AMO = ABM+MAO = 90°
= HMO =90° N
c) AHMO = AHNO (c.c.c)
= HMO =HNO
A la tm dudng tron ngoai tiép tu giac
HMON < AM = AO=R

H

PE 2
DE KIEM TRA HOC Ki i1, NAM HQC 2006-2007, QUAN TAN BINH, TP HO CHi MINH

I. TRAC NGHIEM (2d)wnoadsachmiennt
Huéng dén cdch lam : méi cdu cé 4 cdu tra loi (A), (B), (C), (D).
Hoc sinh chon céu trd lot nao thi ght cdu do vao gidy lam bai cia minh.
(Vidu : 1(A) ; 200N;...)
1. Cho phuong trinh ax® + bx + ¢ = 0 v6i a # 0. Dat A = b* - 4ac, phuong
trinh ¢6 2 nghiém phan biét khi :
(A)A=0 (B)A<0 (C)aA>0 (D) A < 0.
2. Goi x,, X, 1a hai nghiém cta phuong trinh x* + 5x - 6 = 0 thi tdng cda hai
nghiém nay la :
(A) Xy + X9 = -5 (B)X; +X2=5 (C)x; +X, =86 (D) x; + X3 = —6.
3. Cung AR cia dudng trdn (O ; R) ¢6 s6 do 1a 120°. Dién tich hinh quat tron
AOB tinh theonva R 14 :

1 1 | 1
A) —=R? B) —nR? C) —=R? D) —=nR%
(A) 2 ( )3 (©) I (D) 6

4. Mot hinh tru c6 ban kinh R = 4 (cm), chiéu cao h = 12 (ecm), thi dién tich
xung quanh tinh theo n 1a :

(A) S,, = 48x (cm?) (B) Syq = 1927 (cm?)
(C) S, = 56= (cm?) (D) 8,q = 967 (cm?).
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I1. BAJ TOAN
Bai 1:(1,56d)
Gidi phuong trinh va hé phuong trinh sau :
a) ) =9 b)xz—(\/g+\/g)x+ 15 =0
3x-y =5

2

Bai 2 : Cho parabol (P) :y = ); va dudng thang (d) 1y = x - 1.

a) Vé (P) va (d) trén cung mot mat phdng toa do. (Id)
b) Xac dinh toa do cdc giao diém cua (P) va (d) bang phép tinh.
(0,75d)
Bai 3 : (1d)
Tinh chu vi hinh chi nhat, biét rang chiéu dai hon chiéu rong 4m
va dién tich ctia né bing 320m*.
Bai 4 : Cho dudng tron (O ; R) va mét diém A ndm ngoai (0) sao cho
OA = 3R. Tir A vé hai tiép tuyén AB, AC védi (O) (B va C la hai
ti€p diém). AO edt BC tai H-
a) Chung minh t giac ABOC noi tiép. (1d)
b) Ching minh : AO L BC tai H. (1d)
¢) Tinh dién tich|td gidc, ABOG theo R:(1d)
d) Vé day cung CD cia (O) song song v6i AB. Puang thing AD cit
(0) tai E (E kla¢'DY). ‘Goi' M 1a’trang diém cia canh AB. Ching
minh ba diém M;E;-C-thing-hang—0;75d)

#Ké‘ng dén
I. TRAC NGHIEM
Cau1. Chon cau C Cau 2. Chon cau A
Cédu 3. Chon cdu B Cau 4. Choncau D

il. BAI TOAN
X+2y=-3 X+2y=-3 =7 X =1
3x-y=5 6x -2y =10 3x-y=5 y=-2

b)xz—(\/g+\f§)x+ 15 =0
A= (V8 +V5) - 4415 = (V3 +45) - 4V3V5 = (Va-5)
V& = [V3-5|=\5 -3

Bai1: a){
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Bai2: a) (P) diquacécdié’m:(—2;1);(—1;—;) ; (0 ; 0); [1;-1];(2 : 13

(d) di qua hai diém (0; -1); (1;0)
b) Phuong trinh hoanh dé giao diém cda (P) va (d) :

%:x—1¢:>x2=4x-4<:>x2-4x+4=0
A=D, X =% =2
22
x=2thiy= — =
¥ 4

(P) va (d) tiép xuc nhau tai (2 ; 1).
Bai 3: Goichiéu rong cla hinh chd nhatla x (m) (diéu kién x > 0)
chiéu dai cGa hinh chd nhat 1a x + 4 (m)
Phuong trinh lap dudc la x(x + 4) = 320
x? +4x 320 =0
X; =116 ; Xp = -20 (oai).
Bai4: a) ABO =90°, ACO =90°
b) AABC can tai A, AO1a dudng phan giac.
c) OB + AB,% QA ddeaelintentl
Sasoc = Soas + Soac M

d) Goi M’ 1a'giao ‘diém
clia CE va AB: H

AM'EB & AM'BC (g.g) E
= ... > MB?>= MEM'C.

AM'AE ¢ M'CA

AM’E chung ; M'AE=M'CA (= CCF)

= ...=> M'A’= M'EM'C

Td M'A = M'B = M’ 1a trung diém cla AB.
Dodé M' = M

Ml
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PE 3

DE THI TUYEN SINH VAO LGP 10 NGAY 10/07/2007, NAM HOC 2007-2008, TINH QUANG NGAI

I. TRAC NGHIEM (Méi cau 0,25 diém)
Hay chon mét phuong dn dung trong cac phuong dan (A), (B), (C) va (D).

Cau l:

Cau 8 :

3 . Rt gon biéu thic

K&t qua cua phép tinh J8 + \/175 14

(A) V26 (B)2[J§+J§) (C) T (D) 52 .

. 2
- Gia tri cga x de \/(x-dl) =4-xla:

(A)x =4 (B) x> 4 (C)x<4 (D) x > 4.

khi x < 0 ta duge :

(A) —x (B) x (C) 1 (D) J%

: Choham so y = (\E—l)x«]-ﬁ. Khix = ¥3 +1 thi y nhan gi4 tri

la: fadsachndenbk
(A) 5 (B) 7 (C) 9 (D)9 + 243

: Gid su x,, X, 1a hai nghiém phan biét cia phuong trinh

3x? - ax - b= 0. Tong x; + X, bang :

a a b b
- B) — C)— D) -—.
(A) 3 (B) 3 (C) 3 (D) 3
: Cho a, b la nghiém cia phuong trinh x> - mx + 2 = 0 va
a+ ~:—) b + 1 la nghiém caa phuong trinh x> - px + q = 0, thé
a
thi gia tri cia q 14 :
5 7 9
— B) — C) 4 Dy =,
(A) 2 (B) > (C) ( 9
. Tam gidc ABC vudng tai A. Khing dinh nao sau day 1a sai ?
(A) AB = BC.sinC (B) AB = AC.cotgC
(C) AB = BC.cosB (D) BC = L% ;
cosC

Cho dudng tron tam O badn kinh bing 5¢cm va day AB = 8cm. Goi
. MN
M 1a trung diém cta AB, vé ban kinh ON di qua M. Ti s I\T:E la:
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(A) 4 B) 1 o2 o L
2 & 4

Cau 9 : Cho tga = % Khi dé cosa nhan két qua 14 :
(A) (B) = ©) 1 D) .

1
J5 J5 2
Cau 10 : Ham s6 y = (a - 2)x + 5 ludn dong bién khi :

(A)a>0 (B)a>2 (Cla=2 (D) az>2.

Cau 11 : Cho hai dudng tron (O) va (O’) ti€p xidc ngoai v6i nhau tai A Ve
tiép tuyén chung ngoai MN (M, N 1a céc ti€p diém) khi dé :

(A) MAN > 90° (B) MAN = 90°
(C) MAN < 90° (D) MAN = 60°.

Cau 12 : Néu ban kinh cia mét hinh cau tang gap doi thi thé tich cua
hinh cau dé tang gap :

(A) 2 lan (B) 4 lan (C) 6 lan (1) 8 1an.
II. TU LUAN
Cau 1: (3 diém)
a) Rat gon biéu thue : (1d)
. ’—gx_é’“ﬁ‘_lb]'f Bl ) ‘
- + - —-1vBix>=0vax=1.
X + Yxymi2 \/)—( =1 J; +2
b) D& chuyén hét-sé-hang-trong-mét-kho, ngudi ta da dung hai &
td, mot loai 16n, mot loai nhé. Sau 14 chuyén chuyén chd cia ca
hai & td da ché hét hang. Néu chi ding mdt 6 to loai lén thi
phai chd 12 chuyén méi hét hang, néu chi dung mot 6 to loai
nhé thi phai chd t6i 15 chuy&n. H6i mdi 6 t6 da chhid may chuyén
hang ? (Gia thiét mdi chuyén 6 té déu chd ding trong tai). (2d)
Cau 2 : (3 diém)

Cho tam gidc ABC vudng can c¢c6 AB = AC = 1 (don vi d¢ dai).
Trén tia BC ldy mot diém D, trén tia AB 1ay mdt diém E sao cho
AD = AE = BC.

a) Tinh chu vi va dién tich cua ti giac BCDE. (2d)

b) Ching minh td gidc BCDE n¢i tiép duge trong mot dudng
tron. (1d)

Cau 3 : (I diém)
Chimng minh ring khéng ton tai a,. b € Z sao cho :

(a+ bﬁ)2 =100+ 1012 .

P=
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Huong ddin

TRAC NGHIEM
Cau 1. Chon cau D Cau 2. Choncau C
Cau 3. Choncau A Cau 4. Chon cau B
Cau 5. Chon cau B Cau 6. Chon cdu D
Cau 7. Chon cau B Cau 8. Choncau D
Cau 9. Chon cau B Cau10. Chon cdu B
Cau 11, Chon cau B Cau 12. Chon céau D.
TU LUAN
Coui: aypo BxHVx=8 k-2, 1, ket

X+yVYx -2 \/; - \[; +2 \f; -1

b) Goi s6 chuyén hang 6 té loai I6n, loai nhd da chd lan lugt 1a x
(chuyén hang) ; y (chuyén hang)

(Diéu kién : x, y € N*)

x+y=14 o . A
X YL y=10
12 15

Cau2: a) BC = 2 ; ADi=AEZBC|| BE=2
Chu vi BCDE = 3 2 (don vi-do:dai)

| =

SBCDE = OAED — OABC = wvr = — (donvi dién tich)

N

'b) ABC =CDE (= 45°)

2
C&u3: Gidsiténtaia,b e Z saocho (a+bJ§) - 100 + 101+/2

o ... <> 2 (2ab - 101) = 100 — a? - 2b?
2ab la sé chdn, 101142 s6 18
Do dé: 2ab-101 20

/2 - 100-a%-2b

(*)

~ " 2ab-101

(*) khéng xay ra !

2 .
Vay khéng t6n tai a, b e Z sao cho (a+bJ§) =100+ 1012 .
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PE 4

DE THI TUYEN SINH VAO LGP 10 THPT NGAY 11/07/2007, TINH QUANG NGA

I. TRAC NGHIEM (Méi céu 0,25 diém)
Hay chon mét phuong an ding trong cac phuong dn (A), (B), (C) va (D).

Cau l:

Cau 2 :

Cau 3 :

Caud4:

Cau 5 :

Cau 7 :

Céau 8 :

Néu 3\/; = 36 thi x 12 s6 nao ?

(A) x =81 (B)x =121 (C)x =144 (D) x = 169.
2 2 2 T
Bidu thie \[V2)" +(47)" (VB - V6] -3[VB + V5] co ket qua
la :
(A) 65 (B) -6 5 (C) 63 (D) 63 .
Rit gon biéu thie \/E = ‘/478 z \[7'5 e L ta dugc :
V300
1 2 , 3 4
(A)—-ﬁ- (B)—g (C)“g (D) e

Cho dudng thing (d) :|y =4 - 2)x + 5a. Néu dudng thing (d) di
qua diém M (-1 ; -6) thi-gidtri cia a la :

(A)a=2 (B)a=-2 (C)a=14 (D) a = -4.
Dudng thing (d) dllcjlltja l;allln gién:x:‘}fﬁ(ﬂéi 1) va Q(2 ; 4) c6 hé sb gée
la : =

1 2 3 5
A) — B) = L)y = D) —.
()8 ()8 ()8 ( 3

: Cho phuong trinh : x* - 6x + 4 - 3m = 0. S6 nguyén m nké nhat

thod diéu kién : "D€ phuong trinh ¢6 nghiém" 12 :
(A)m = -2 (B)m = -1 (C)m=0 (D) m =1.

Gia s phuong trinh x* + 8x + 6m - 6 = 0 c6 hai nghiém x, ; x..
Néu 2x, + 3}{2 = -12 thi m sé 1a sd :

(A) m = -5 (B)m = -6 (C)m = -7 (D) m =-8.
V6i hinh vé bén, cho . |

OP = 12cm, PN = 16cm. P

bo dai ON la :

(A) 19,5cm (B) 20cm

(C) 21cm (D) 21,5¢m. . \N

: Cho tam gidc ABC vudng tai A, c6 cosB = 0,8. Khi do6 :

(A) tanC = g’— B tanC=%  (©@tanC=2 @ tanc= 1
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Cau 10 : Trong hinh bén, doé dai x va y theo m, n 1a :

(A)x =m.n ;y = n(m + n)

(B)x = ymn Sy = ‘ﬁl; (JIT+:1_j
Jm+n ;y= [m(m+n) .
T n . T W

(D)% = \/;‘:r; ¢y \/n (.m +-n) ; m

Cau 11 : Cho duong tron tam O, dudng kinh AB = 2R, M 1a diém tuy y
trén dudng tron (O), tiép tuyén tai M cat hai tiép tuyén tai A va
B lan lugt ¢ C va D. Tam giac COD la tam giac gi ?

(C) x

(A) Tam gide vuong tai O ; (B) Tam gidc deu ;
(C) Tam gidc nhon ; (D) Tam gidc tu.

Cau 12 : Cho tam gidc ABC vudng tai A, c6 AB = 2em va AC = 3em. Quay
tam gidc vuéng dé mot vong quanh canh AB, ta duge mot hinh cé
thé tich V,. Quay tam gidc vuéng dé mot vong quanh canh AC, ta

duge mot hinh ¢6 thé tich:Vs=Ti s6 %fl-- bang :
2

(A) 1 (B) 1,5 (C) 2 (D) 2,5.
TU LUAN
Cau l: (3 diém)

Cho phuong trinh x2"2'9(f % 1Tk +'m? = 4w 4'5% 0 (1)

a) Giai phuong trinh khi m = 4. (1d)
b) Tim gid tri cia m dé phuong trinh (1) ¢6 nghiém. (Id)

fddSaehntennt

c) Goi x;, x, la hai nghiém cta phuong trinh (1). Hay tim gia tri nho nhat
cua bléu thic M = X1Xy — 2(}(1 + Xg).

Cau 2 : (3 diém)

Cho dudng tron tdm O, ban kinh R ¢6 AB la duong kinh ¢d dinh, MN la
dudng kinh thay ddi cia dudng tron (O) sao cho MN khong vudng géc véi
AB (M # A, M # B). Pudng thing d la tiép tuyén cia dudng tron (O) tai
B. Céc dutng thdng AM va AN cit dudng tl}éng d tuong tmg tai C va D.

a) Ching minh ring t& gide CMND noi tiép dudng tron. (1,5d)

b) Goi I 1A trung diém ctGa doan thdng CD va H la giao diém caa Al va
MN. Ching minh ring Al vuéng géc v6i MN, tir d6 suy ra diém H ludon
niam trén mot dudng tron cé dinh. (1,5d)

Cau 3 : (I diém)

2
Cho fix) = ——~— . Tinh téng S = fl-5) + fi—4) + ... + fi5) + f(6).

2x% - 2x +1
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Huéng dén
I. TRAC NGHIEM
Cau1. Choncau C Cau 2. Chon cau D
Cadu 3. Chon cau C Cau 4. Choncau B
Cau 5. Choncdu C Cau 6. Chon cdu B
Cau7. Choncau C Cau 8. Chon cau B
Cau 9. Chon cau B Cau 10. Chon cgu B
Cédu11. Choncdu A Cau 12. Chon cdu B.

Il. TY LUAN
Cau1: a)m =4.Phuong trinh trd thanh : x> - 10x + 5= 0
X1=5+2\{g ;X2=5—2\/g
b)A=(m+1)°-(mM?’-4m +5)=...=6m - 4

2
m2 —
3

C) M=xiX—2(Xs + X2)|=mZ+4m + 5 - 4(m + 1)
=m’-8m+1=..=(m-4)?-152>-15.

Cau2: a) AMN = ABN

ABN = CDN

fddsaehntenbt

Suy ra: AMN =CDN = Tu gidc CMND néi tiép
b) CAD =90°

IA=IC = ID

AIAC can tai |

::.:EE;=|EA A

ICA +CDN = 90°
Do dé IAC + AMN = 90° = AHM = 90°
AHO =90°: AO ¢4 dinh.

2
2 1-
Cau3: f(a)+f(1-a)-= z " (1-2)

22’ ~2a+1 2(1-a) -2(1-a)+1
Dodé: f(6) +f(=5) = 1;{(5) + f(-4) = 1
f(4) + f(=3) = 1; 1(3) + 1(-2) = 1
f(2) +f(=1) = 1; (0) + f(1) = 1.
Vay S = 6.
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