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GIOI THIEU CHUNG

Xin tran tong gioi thiéu tor ban doc cuon sach:

CAC DANG TOAN DPIEN HINH TOAN 8§ - TAP 2

Cuon sact bao gom 2 phan voi 4 chiong:
PHAN DAI SO
Chuong I — PHUONG TRINH BAC NHAT MOT AN
Chuong 11 — BAT PHUONG TRINH BAC NHAT MOT AN
PHAN HINH HOC
Chuong III - TAM GIAC PONG DANG
Chuong T1 — HINH LANG TRU DUNG - HINH CHOP PEU
O méi clucong chita ding cac bailhoc (it dé 1, chii dé 2. ...) theo néi dung
chicong trint cua sdach giao khoa maoi,
Moéi bai céu dicoc chia thanh 4 nies
A. Tom iat li thuyéet: Trinh bay 6 trat tie néi dung kién thiec lién quan.
B. Phuwong phdp giai toan (hodc cdc vi du mau)

Gom cde vi du ditoe tuyén chon 6 chon loc nham giip hoan thién kién
thite « v han va nang cao ki nang giai Todn.
C. Bai tep luyén tap
D. Huong dan —Pdp 56
Nhie vay, o méi bai:
1 Vai viée trinh bay muc tém tdt li thuyét, sé gitp cde em hoc sinh hiéu
rang can phdi ndm vimg nhitng néi dung gi ?
Tiép d6, toi muc phuwong phdp giai todn, sé giip cdc em hoc sinh hoan thién
kién tii.

L

Ddc Fiét la néi dung cia cdc chit ¥, nhdn xét va yéu cau sau méi vi du sé
gip cac em hoc sinh cung 6 nhiing thiét sét va cach nhin nhdn, danh gid

cde vin dé ddat ra.
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4. Ngoai ra, con ¢é rat nhiéu vi du dicoc gidi bang nhiéu cdch khdac nhauu sé

gitip cdc hoc sinh tra nén linh hoat trong viéc lwa chon phicong phdp giddi.

Chiing téi ciing xin trdn trong cam on cdc ban dong nghiép da nhan loi cdoc
bdn thdo, nhdn loi téi die gio trong cdc tiét giang thit cua chiing téi theo geido
trinh nay va tr dé déng gép nhimg nhdn xét quy bdu dé gitip chiing t6i t6i nggay
hém nay hoan thién dwoc cuén sdach nay.

Cudi cung, cho du da rdt ¢é gang, nhung thdt khé tranh khoi nhimg thiéu . sét
boi nhitng hiéu biét va kinh nghiém con han ché, rdit mong nhédn dioc nhimag y
kién déng gép quy bdu cua ban doc gdn xa.

Moi y kién déng gdp xin lién hé toi.

- Trung tam Sach gido duc Anpha

225C Nguyeén Tri Phuong, P.9, Q.5, Tp. HCM.

- Cong ti Sach - thiét bi gido duc Anpha

50 Nguyén Véan Séang, Quan Tan Phu, Tp.HCM
DT: 08.62676463, 38547464.

Email: alphabookcenter@yahoo.com

Xin tran trong cam on!
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PHAN DAI SO

CHUONG 11l - PHUONG TRINH BAC NHAT MOT AN

MG PAU VE PHUONG TRINH

A. TOM TAT LI THUYET

1. PHUONG TRINH MOT AN
Mot phuong trinh véi an x ¢6 dang: A(x) = B(x)
trorg do vé trii A(x) va vé phai B(x) la hai biéu thitc cia cung mot bién x.
F Cha y:
*  Hé thuc x = m (vdi m la mét s6 nao dod) cang la mot phuong trinh.
Phuong trinh nay chi rd rang m la nghiém duy nhat ca né.
* Mot phuong trinh ¢6 thé c6 mot nghiém, hai nghiém, ..., nhung cang
o thé khong co nghiém naohhoac c6 vo s6 nghiém. Phuong trinh
khong co nghiém nao dudd goila phuong trinh vo nghiém.
2. GIAIPHUONG TRINH
Tap hop tat ca ciac nghiém cta mot phuong trinh duoc goi 1a tdp nghiém
clta phuong trinh doé va thuong duoc ki-hiéu bai S.
Khi bai todn yéu cau giai mét phuwong trinh. ta phai tim tdt ca cdc nghiém
(hay tim rtap nghiém) caa pharong trinh dé.
3. PHUONG TRINH TUONG.DUONG
Dinh nghia: Hai phicong trinh ¢6 cing maot tap nghiém la hai phwong trinh
ticong dicong.

B. PHUONG PHAP GIAI TOAN
Vin dé 1: GIAI PHUONG TRINH
Yidy 1: (Bai 1/tr 6 — Sgk): Vi moi phuong trinh sau, hday xét xem x = -1 ¢6
la nghiém ctia né khong ?
a. dx -1 =3x - 2. b. x+1=2(x-3).
c. x+D)+3=2-x
L5 Gidi
a. Thay x = —1 vao phuong trinh ta duoc:
4(-1)-1=3(-1) - 2 & =5 = =5 (luon ding).
Viy, ta thay x = —1 la nghiém cua phuong trinh.
b. Thay x = -1 vao phuong trinh ta dugc:
(=) +1=2(-1-3) <> 0 =-8 (méu thun).
Vay,itathiy x = —1 khong phai la nghiém ctia phuong trinh.
LDTDHDSS-T2- 5
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c. Thay x = -1 vao phuong trinh ta duoc:
2-1+1)+3=2—(-1) < 3 =3 (luén ding).
Vay, ta thay x = —1 la nghiém cuta phuong trinh.
Yidp 2: Gidi phwong trinh: x* -4 =5,
&5 Gidi
Ta c6 thé lua chon mét trong hai c4ch trinh bay sau:
Cdch 1: Bién déi phuong trinh nhu sau:
X!-4=5&x%x*=9=3> x =3 hoic x =-3.
Vay, phuong trinh ¢é hai nghiém x = 3 hoac x = -3.
Cdch 2: Bién d6i phuong trinh nhu sau:
x!-4=5x"-9=0x-3)(x+3)=0

x—-3=0
o & X =3 hodc x =-3.
Xx+3=0 '

Vay, phuong trinh c6 hai nghiém x = 3 hoac x = -3.
™ Nhdn xét: Qua 10i gidi trén ta nhan thay:
1. Phuong trinh: x*=a’& x =+ a.

A=0
2. Phuong trinh: AB=0 < A =0 hoac B =0 hoac vi¢t e
Yidg 32 Tim tap hop nghiém cua cac phwong trinh sau:
a. (X -2)(x 127X =4 1
] C. |X| = - 5 5
b. 20.
x—1 d 2x+2=2x+3.

£ Gidi
a. Bién déi tuong duong phuong trinh vé dang:
x-2)(x+2)=x*-4 < x* -4 =x"-4, luon ding véi moi X.
Vay, phuong trinh c6 tap hop nghiém S = R.
b. Nhan xét rang: VT # 0, véi moi x # 1do dé phuong trinh v6 nghiém.
Vay, phuong trinh c6 tap hogp nghiém S = &.
c. Nhan xét rang:
VT = |x| 2 0, véi moi x,

VP = —% , luén am,

do d6 phuong trinh v6 nghiém. Vay, phuong trinh ¢6 tap hop nghiém S = @.
d. Nhan xét rang:
2Xx + 2 < 2x + 3 = VP, do dé phuong trinh v6 nghiém.

VT =
\B g trinh c6 tap hop nghiém S = &.
A -CDTDHDSS-T2-
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T Nhan xét: Qua vi du trén, ching ta nhan thay:

I. O cau a), bang vice dinh gid duoc VT = VP vdi moi x, ching ta da
dua ra két lnan " Plucong trinh o tap hop nghiém S = R". Tuy nhién,
trong nhi¢u truong hgp cho du ¢6 duge VT = VP nhung lai khong the

o . : X +1 |
ket luan dude nhu vay, thi du: — = ;
x“—-1 x-1
= o2 . BEAE) X+ |
Tacing co: VT = — = = = VP
x*=1 ((X+I1}x-1) x-1
va trong truong hgp nay ta lai két luan " Phrong trinh o tap hop

nghiem S=R\{ = 1, 1} " = Cac em hoc sinh hay thu li giai vi sao ?

I~

O cau b), bang viéc danh gid dugc VT # 0 voi mor x # 1, chung ta da

dua ra két luan " Plurong trinh ¢o tap hop nghiéem S= O ".

3. O cau ¢), bang viéc dinh gii duoc VT > 0 va VP <0 véi moi x, ching
ta da dua ra két ludn "“Phuaong trinli ¢ tdap hop nghiém S= Q"

4. O cau d), bang viéc dinh gidduge VT < VP véi moi x, chung ta da
dua ra két luan " Phicong trinh(co tap hop nghiém S =& ".

5. Ca 4 cau a), b), ¢), d) da cholchung ta lam quen dugc véi viéc " Su dung

2

phuong phap dianh giid Jé giai phuong trinh "

Yidy 4z Chiimg minh rang plucong-1rinh x.+ Ixli= 0 nghiém diing vor moi x < 0.
£S5 Gidi
Nhan xét ring, voi x <0 ta luon ¢o: IxI = —x do dé:

X+Ixl=x-x=0.
Viy, phuong trinh da cho nghiém ding véi moi x <0.
Vidy 3: Cho phiuong trinh:mx -3 =2m -x - 1.
Cininyg to rang phicong trinh luén nhdan x = 2 lam nghiém, dit m ldyv
bat cir gici tri nao.
£S5 Gidi
Vi x = 2, ta duoc:
VI=m2-3=2m-3,
VRP=2m—2 - | =2m~3,
suy ra;: VT = VP.
Viy, phuong trinh luon nhan x = 2 lam nghiém, di m lay bét cir gid tri nao.
Yidw 6: Cho pluong trinh: (m* =3m + 2)x” =m - 1, véi m la tham s6.
Chimg minh rdang:
a. Voim =1, phuong trinh nghiém dung vor moi X.
b. Voim =0, phuwong trinh vo nghiém.

c.. Voim =3, phuwong vrinh nhan x =1 va x = = 1 lam nghiém.
LCDTDHDSS-T2- 7
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& Gidi

a. V6im = I, phuong trinh c6 dang: (1’ =3.1 + 2)x* =1 -1 < 0x = 0 dio d6,
phuong trinh nghiém ding véi moi x.

b. V6éim =0, phuong trinh ¢6 dang: (0°-3.0 +2)x’=0-1¢2x" = — |l
Nhan xét rang: VT > 0; VP = -1 < 0 nén phuong trinh v6 nghiém.

c. Véim =3, phuong trinh co dang:
3-33+D’=3-1&u=2a=1ox=%1
do dé6, phuong trinh nhan x =1 va x = — 1 lam nghiém.

Vin dé 2;: HAI PHUONG TRINH TUONG DUONG
Yidwg bz Huai phuong trinh sau 6 tuong duong khéong ? Vi sao ?
X Z= 1), (1)
x+1=3. (2)
£ Gidi

Giai phuong trinh (1), tadugc: x =2 = §, = {2}.
Giai phuong trinh (2), ta dugc: x=2= S, = {2}.
Viy, ta thdy S, = S, do d6 hai phuonlg/trinh da cho tuong duong véi nhau.

&= Nhan xét:
I. Nhu vay, d€ xét tinh tuong duong cta hai phuong trinh da cho, trong
161 giai trén chung ta' di giar tung phitong trinh réi thuc hién phép so
sanh hai tap nghiém, va d day vi S, = S, chung ta két luan "Ha:
phuong trinh tuong duong".
2. Néu S, = S, = @ thi hai phuong trinh cing tuong duong, do d6 "Hai
phuong trinh vé nghiém cing tuong duong voi nhau".
Yidyp 2: Chimg to rang cdp phuong trinh sau la titong duong:
4x* -9
el b

2x -3=0. (2)

£S5 Gidi
Nghiém cua phuong trinh (1) 1a cac gia tri cia x thoa man
2 = —_ =
4x* -9 =0 = (2x +3)(2x-3)=0 -
2x+3#0 2x+3=0
do chinh 1a phuong trinh (2).
Vay, hai phuong trinh da cho tuong duong.

@ Nhdn xét: Nhu vdy, trong 13i gidi trén d€ ching té hai phuong ttrinh
| tuong duong vdi nhau chiing ta st dung cach bién doi turong
g duong mét phuong trinh vé phuong trinh con lai.

-CDTDHDSS-T2-
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Yidg 3:  Hai phucong trinh sau co twong dicong khong ? Vi sao !
x+1=2, (1)
x* - 8x + 15=0. (2)
£ idi
Ta co thé hra chon mat trong hai cich sau:
Cdaict [ Giai phuong trinh (1), taduoce: x =1 = §, = {1},
Ciai phuirong trinh (2), ta dugc:
X'-8Xx+15=0=(x"-8x+16)-1=0
S(x=-4r-1=0=x-4-1)x-4+1)=0
Sx=x-3)=0&x=5hodcx=3= 8;= {5, 3]
Viy, tathay S, # S, do d6 hai phuong trinh khong tuong duong.
Cateh 20 Gial phuong trinh (1), taduge: x =1 = S, = { 1}.
Thay x = 1 vao phuong trinh (2), ta duoc: 1° - 8.1+ 15 =0 < 8 = 0, mau
thuan tuc 13, x = 1 khong phai la nghiem cua (2).
Vay, hai phuong trinh khong tvong duong.
&= Nhan xét: |
I. Nhu vay, dé xét tinh tuong duong ¢ua hai phuong trinh da cho, trong 16i
giai trén chung ta di giai phuong trinh (1) réi nhan xét rang x = 1 khong
pl}-ﬁi la nghiém cua (2) tu do két lu:}nf Hai phu’c:ng trinh tuong duong".
So di chung ta lua chon huong lam nhu vay la bdi viéc giai phuong trinh
(2) la kho khan.
Nhu vay, dé ching td hai phuong trinh khong tuong duong, ta c6 thé
Iua chon mét trong hai cach:

ro

Cach I Tim tdp hop nghiém cua médi phuong trinh, réi dua ra nhan
xét vé hai tap hgp nay.
Cach 2 Chira mot gia tri cua an la nghiém cia phuong trinh nay nhung,
khong 1a nghiém cua phuong trinh kia.
Yidp7: Cho hai phuong trinh:
x*-3x+2=0, (1)
2x*-5x +3=0. (2)
a. Chamg minh rang hai phicony trinh ¢é nghiém chung x = 1.
b. Chimg minh rang x = 2 la nghiém cua (1) nhung khong la
nghiém cua (2).

c. Chitng minh rang x = la nghiém cua (2) nhung khéng la

19| w

nghiém cua (1).
Hai phicong trinh da cho 6 tuong dicong voi nhau hay khong ?

z é#wVi sao ?

SEDTDHDSS-T2- 9
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£5 Giai
a. Véix =1, taduoc:
1"-3.1+2=0,dodé x =1 la nghiém ctia (1).
2.1°-5.1 +3=0,dodé x = 1 1a nghiém ctia (2).
Vay, hai phuong trinh c6 nghiém chung x = 1.
b. V@i x =2, ta duoc:
2°-3.2+2=0,dodé x =2 langhiém cta (1).
2.2°-5.2+3=1,dodé x =2 khong la nghiém cua (2).
Vay, x = 2 la nghiém ctia (1) nhung khong la nghiém cua (2).
c. Thue hién ticong tir cau b).
d. Ta cé ngay két luan hai phuong trinh khéong tuong duong vi "v = 2 /a
nghiém cua (1) nhumg khéng la nghiém cua (2) "

C. BAI TAP LUYEN TAP

Bai 1: Cho phuong trinh: x* =4 =0.

Cho biét cic khiing dinh sau la ding hay sai ?

a. 2 langhiém cua phuong trinh.

b. {2} la tdp hop nghiém cua phuong trinh.
Bai 2: Cho phuong trinh: x* = 2x.

a. 0 langhiém cua phuong trinh.

b. {0} la tap hop nghiém cua phuong trinh.
Bai 3: Tim nghiém cua cac phuang trinhsau:

g, 9x=1=2. i g
b. x(x—4)=0. oc SGehoptine * ¥/
c. x’=16.

d. 2(x-—3)—2x—6. E1Xr==x.

Bai 4: Tim tap nghiém cta phuong trinh V2x + J-x 4.
Bai 5: Chimg minh riang phuong trinh x — IxI = 0 nghiém diing véi moi x > 0.
Bai 6: Chimg t6 rang phuong trinh 2mx = 1 = 2m + x — 2 luén nhan x = 1 lam
nghiém, du m lay bat cir gid tri nao.
Bai 7: Cho phuong trinh: (m’ = 5m + 6)x* = m - 2, véi m la tham so.
Chimg minh riing:
a. Vaéi m =2, phuong trinh nghiém ding véi moi x.
b. Véi m = 3, phuong trinh vé nghiém.
c. Véi m =0, phuong trinh v6é nghiém.
d. Véim =4, phuong trinh nhan x = 1 vax = — 1 lam nghiém.
Bai 8: Cho hai phuong trinh: x*-4x +3 =0, (1)
3x*-5x +2=0. (2)
a. Chimg minh rang hai phuong trinh ¢é nghiém chung x = 1.
b. Ching minh rang x = 3 1a nghiém cua (1) nhung khong la nghiém cua (2).

e ChL?’minh rang X = 5 la nghiém cua (2) nhung khong 1a nghiem cua ().
<
P d.. _-ﬁ.l@hﬂ(mg trinh da cho ¢6 tuong duong véi nhau hay khong ? Vi sao ?

V7

_ l() -CDTDHDSS-T2-
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Bai 9:  Cic cap phuong trinh sau ¢o trong duong khong ? Vi sao 7

g ¥ =2=2vailx-= b wwl=llvwer=1=sl
. 2x+3=0vadx +12x+9=0 d. 1xl=2viv=d
e. Ix+l=s0via’+ 1=l
Bai 10: Hay tim gii tri ca hing 6 a biét ring x = 1 la mot nghiem ctia phuong trinh:
Bx—-a)x+1)-(x+2)°= 1.

D. HUGNG DAN - PAP SO

Bai I

a. "2 la uqf'u':‘m ctia phicong trinh "la cau tra lon ding, bor khi thay 2 vao phuong
trinh ta duoc: 27 -4 =0<¢>4 -4 -0, [udon ding.

b. "2} la tap hop nghiém cua phieong rinh™ 1a cau tra loi ding, bot ngodi 2 ra
phuong trinh con co nghiem x = — 2.

Néu vor yéu cau "Sua lai cho ding "thi ta viét "{2, = 2] la tap hop nghiém ciia
phicong trinh ™
Bai 2:  Hoc sinh tie lam — Tham khao bai tap 1.
Bai 3:
b. x=0/x=4. [2d. Moi x. f. Moix <0

a X= ,
s c. ¥y£F14. elOMloi x = 1.

to | Lo

Baid: S=0.
Bai 5: Nhan xét ring, vdi x >0 taluon cé Ixl = x do dé: x — Ixl = x —x = 0.
Vay, phuong trinh di chenghiém ddng véiationx.z0r
Bai 9.
a. Nhan thay ring:
* Phuong trinh x - 2 = 2.cotapnghiem.S,.=.{4}.
*  Phuong trinh 2x = | =7 ¢6 tap nghiém S, = {4}.
Vay, hai phuong trinh tuong duong.
b. Nhan thiy rang:
* x =1 langhiém cha phuong trinh x* - 1 = 0.
= x =1 Kkhoéng la nghiém cua phuong trinh x + 1 =0
Viy, hai phuong trinh khéng tuong duong.
c. Nhan thiy ring phuong trinh 4x* + 12x +9=0< 2x +3)’=0¢>2x +3=0
do chinh la phuong trinh con lai.
Vay, hai phuong trinh tuong duong.
d. Nhan thiy ring phuong trinh Ixl = 2 < x* = 4
dé chinh la phuong trinh con lai. Vay, hai phuong trinh tuong duong.
e. Nhin thiy rang:
*  Phuong trinh 2x* + 1 = 0 ¢6 tap nghiém S, = (D).
*  Phuong trinh x* + 1 =0 ¢6 tap nghiém S, = | D).
Vay, hai phuong trinh twvong duong.
Bai 10. Vi x = 1 la nghiém cta phuong trinh nén:
3. 143)(1 +1D)-(142) =12C3-3)-3=16-2a-9=1a=-2.
TR — 2 thoa man diéu kién dau bai.

AE{ 1DS8-T2- 11
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i BE . » .
CIUPEZ  PHUONG TRINH BAC NHAT MOT AN

A. TOM TAT Li THUYET

1. HAIQUY TAC BIEN POI PHUONG TRINH
Quy tdc chuyén vé: Trong mét phuong trinh, ta ¢6 thé chuyén mér hang ini tr
vé' nay sang vé'kia va déi ddu hang tir dé.
Quy tdc nhdn véi mot s Trong mét phicong trinh, ta ¢6 thé nhdn (hodc ¢ hia)
cd hai vé'vdi ciing mot sé khdc 0.
2. DINH NGHIA PHUONG TRINH BAC NHAT MOT AN
Dinh nghia: Phuonyg trinh:
ax +b=0,vér avabla hai sé6 dad chovaa+0,

dutoc goi la phuong trinh bdc nhdt mét dn.

Phuong trinh bac nhat mét 4n dugc gidi nhir sau:

ax+b=0<:>ax=—b<:>x=—2.
a

Vay, phuong trinh luon c¢6 nghi€mduy nhét x = -
a

B. PHUOGNG PHAP GIAI TOAN

Vin dé 1: PIEU KIEN'DE MOT PHUONG TRINH LA PHUONG TRIINH
BAC NHAT MOTAN

Yidg 1z (Bai 7/tr 10 — Sgk): Hay chi ra cdc phwong trinh bac nhat trong «dc
phuong trinh sau:

a. 1+x=0. b. x+x*=0.
c. 1-2t=0. d. 3y=0.
e. Ox-3=0.

£ Gidi

a. Phuong trinh 1 + x = 0 1A phuong trinh bic nhat véi 4n x vi né c6 dlang
ax+b=0véia=1vab=1.

b. Phuong trinh x + x* = 0 khéng phai la phuong trinh bac nhat. Pay l1a imot
phuong trinh bac hai véi 4n x.

c. Phuong trinh 1 — 2t = 0 1a phuong trinh bac nhat an t.

d. Phuong trinh 3y = 0 1a phuong trinh bac nhét 4n y.

e. Phuong tgjnh Ox — 3 = 0 khéng phai la phuong trinh bac nhat. Vi diéu k:ién
dé p dh ax + b = 0 12 phuong trinh bic nhit 13 a # 0.

-CDTD HDSE-T2-
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Yidly 2: 7Tim dieu kién cua tham sé m dé plhicong trinh sau la phicong trinh
beic nhat mot an:

a. M =hHx +mx+1=0. b. mx+(m-1)y+2=0.
£5 Gidi

a. D¢ phuong trinh la phuong trinh bac nhat mot an khi va chi khi:

m’ —1=0 i =%}
e s meE¥],

m # 0 m = (0
Viy, voi m = | hoic m = — | phuong trinh da cho la phuong trinh bic nhat

mot an x.
b. D¢ phuong trinh 1a phuong trinh bac nhit mét 4n ¢6 hai trudng hop:
Tricorng hop 1: N6 1a phuong trinh bac nhat mot an x khi va chi khi:

m # () m#0

= om=1.

m-1=0 m =1

Trirong hop 2: N6 la phuong trinh bac nhat mot dn y khi va chi khi:

m =0 m=0
& &m=0.
m-—1#0 m# |

Keét luan:
=  Voim = | phuong trinh dicho la phwong trinh bac nhit mot 4n x.
®  Véim =0 phuong trinh da cho 1a phuong trinh bac nhat mét 4n y.
Yidy 3: (Iiiti 6/tr 9 — SgK):! ' Tinh''dién 'tich’ S ¢au hinh thang ABCD theo x
hdang 2 cach:
Cach 1: Theo céng thite S=BH x (BC + DA): 2.
Cach2: S=S,p4+ Sycxn + Scxp:
Sau do, sit dung gia thiét S = 20 dé thu dicoc hai phwong trinh
neong dicong voi nhau. Trong hai phuong trinh Gy, 6 phiong trinh
nao la phicong trinh béac nhdat khéng?
&S Giai
Theo cich tinh thit nhat, dién tich hinh thang la:
Sagcp = BH(BC + AD): 2=x(x+7+x+4):2

=x(2x+ll):2=%x(2x+H)(dvdt). (nH
Theo cich tinh thit hai, dién tich hinh thang la:

SABCIJ - SAHB + SBC‘KH + SCK[J

Tue it e n di MEEE A8 X VUK om0

1
g G 2 2 2 2
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Vay, véi S = 20, ta co6 (1) va (2) twong duong voi:
2U=%x(2x+]l)c>40=2x3+llx. (3)

Dé dang nhin thiy, phuong trinh (3) la mdt phuong trinh bac hai.
Vay, trong har phuong trinh trén, khong c6 phuong trinh nao la phuong
trinh bac nhat.

Van dé 2: GIAI PHUONG TRINH BAC NHAT MOT AN
Yidp s  Sirdung hai quy tdc bién déi phiong trinh dé gidi cdc phiong trimh sau:
a. 2x=1. b. x’+x=x"

&5 Gidi

a. Sirdung quy tac chia v6i moét s6, bién déi phuong trinh vé dang: x =

9| —

Vay, phuong trinh ¢6 nghiém x =

19 | —

b. Sirdung quy tac chuyén vé, biéh d6i phuong trinh vé dang:
xXX+x-x'=(x=0.
Vay, phuong trinh ¢6 nghiém x'=0.
c. St dung lan luot cic quy tac, bién déi phuong trinh vé dang:
IX=x=s Rl iIx s =g
Vay, phuong trinh cé,nghiém x, = _4.

& Chu y: Trong cac vidutiép-threo-ching-takhong cAn nhic tdi tén cua

quy tic dugc stt dung dé bién d6i phuong trinh nia.

Yidg 2: (Bai 8/tr 10 — Sgk): Gidi cdc phuong trinh:

a. 4x-20=0. b 2x +x+12=0.
& X—3§=3-% d 7T-3x=9-x.

£ Gidi

a. Tacé:4x-20=0=4x=20=x=5.

b. Tac6:2x +x+12=0=3x+12=03x=-12x=-4 .

c. Tacé:x-5=3-x=x+x=3+52%=8x=4.

d Tacé:7-3x=9-xx-3x=9-7T& -2x=2&x=-1.

Vidp 3: (Bai 9/tr 10 — Sgk): Giai cdc phuwong trinh sau, viét s6 gan diing ctia
moi nghiém ¢ dang s6 thap phdn bdng cdch lam tron dén hany
phan tram:

3x-11=0. b. 12+7x=0 c. 10-4x=2x-3

A -CDTDHDSE-T2-
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&5 (Cidi
S 11

o l,_cui_?xﬁll=()<:>X=T<:>x::3,67.
" 12

b. L:L‘UZ|.2+7.\=”<:>K=—‘7-C:>X2—!,71.

13
c. Teco:10-4x=2x-36x=13&x= ? exxs217.

Yidy4: Chophicong trinh: (m’=Dx+1=m.
Gridi phicong trinh trong moi truong hop sau:
a. m=1. b. m=-l. ¢c. m=0.
£S5 Gial
a. Vo m =1, phuong trinh ¢6 dang:
Ox+1=11=1, ludéndung vor mor X.
Vay, vgi m = 1 phuong trinh nhapimoi x lam nghiém.

b. Vdim=- 1, phuong trinh c6 dang:

Ox+1=-11= -1, mauthuan.
Viy, voi m = — | phuong trinh v6 nghiém.
c. Véim=0, phuong trinhcédang: —x+1=0-x=-1x=1.

Vay, véi m = 0 phuongarinky ¢énghiémoduy nhavx = 1.

C. BAI TAP LUYEN TAP

Bai 1: Tim di¢u Kién cua tham s6 m dé phuong trinh sau la phuong trinh bac nhat
mot an: :

a M= +(m-2)x+3=0. b. (m=-Dx+(m’=hHy+4=0.
Bai 2:  Giai cic phuong trinh sau:

a. 3x-4=0. c. 3-7x=0

b. 2x+13=0. d 1+5x=0.
Bai 3:  Giai cic phuong trinh sau:

a. 2x+16=0. c. 9-6x=0.

b. 4x+18=0. d -16—-8x=0.

Bai 4: Cho phuong trinh: (m* —4)x — 2 =m.
Giai phlr 1g trinh trong méi trudng hgp sau:

b. m=-2. ¢c. m=1.
A HDSS-T2- 15
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D. HUGNG DAN - DAP SO
Bai 1:
a. Dé phuong trinh 1a phuong trinh bac nhit mot 4n khi va chi khi:

m:-4=0 m=12
o oSom=-—2.
{m—2¢0 {miZ

Vay, véi m = — 2 phuong trinh da cho 13 phuong trinh bac nhat mot 4n x.
b. Dé phuong trinh la phuong trinh bac nhit mét 4n c6 hai truong hop:
Triuomg hop 1: N6 1a phuong trinh bac nhat moét 4n x khi va chi khi:

m-1#0 m# 1|
& Sm=-—1.
m’-1=0 m ==l

ruomg hop 2: N6 1a phuong trinh bac nhat mot an y khi va chi khi:

m-1=0 m=1 .
& , vo nghiém.
m?—-1%0 mzxl

Vay, véi m = — 1 phuong trinh da cho la-phuong trinh bac nhat mot an x.
Bai 2:

a. x=i. b.x=——l§.
3 2
cx=-:i. dx=—l.
7 5
Bai 3:
a. x=-—8 b.xz_g
?
cx=§. dx=-2
2
Bai 4:

a. Véim =2, phuong trinh c6 dang: 0.x -2 =2 < 0 = 4, mau thuin.
Vay, véi m = 2 phuong trinh v6 nghiém.

b. Véi m= -2, phuong trinh cé dang: 0.x -2 ==2 ¢> =2 == 2, lubn diing.
Viy, v61 m = — 2 phuong trinh nhan moi x 1am nghiém.

c. Véim=1,phuongtrinhcédang: (1 =4)x-2=1 —-3x=3ox=—1.

Vay, véi ?z 1 phuong trinh cé nghiém duy nhit x =— 1.

A : -CDTPDHDSS-T2-
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. E\ . .
CHUPES  PHUONG TRINH DUA VE DANG

ax + b =0hodacax=-b
A. TOM TAT LI THUYET
Ta thuc hién theo cdc budc:
Biweoc 1: Bing viéc st dung phép todn bo didu ngoac hay quy dong mau dé

bién doi phuong trinh ban dau vé dang ax + b = 0 hoac ax = —b.
Bicoc 2: Giai phuong trinh nhan dugc, tir do két luan.

B. PHUONG PHAP GIAI TOAN

Vidy bz (Bai 10/tr 12 = Sgk): Tim ché sai va sita lai cdc bai gidi sau cho diing:

a. IX—-6+x=9-x. b. 2t—-3+5t=4t+ 12.
S3X+Xx-x=9-6 S22+ 5t-4t=12-3
eI = 30 =] = Ht=0=1=3

£5 Gidi

a. D¢ dang nhan ra ché sai trong lotgiai-tién. D6 13, khi chuyén vé khong doi dau.
Do do, ta stra lai 161 giai nhu sau:
3x—-6+x 59 XS IFRYX=EDHROGS Ix =|1S & x =3.
b. DE dang nhan ra ché sai trong 131 giai trén. DG 14, khi chuyén vé khong déi dau.
Do dé, ta stra lai 161 giai nhur sau:
2-3+5t=H+ 7S A+ N-J=12+33t=151t=5.
Videp 2: (Bai 11/tr 13 - Sgk): Giai cdc phuong trinh sau:

a. 3x —-2=2x-<=3. b. 3—4u+24+6u=u+27+3u.
c. 5—(x=-06)=4(3=2x). d. —6(1,5 - 2x) = 3(-15 + 2x).
e. 0,1-205t-0,1)=2(t-25)-07. f. %(x—i—)—g =%

&5 Gidi

a. Tacé:3x-2=2Xx-33x-2xXx=2-3 & x=-1.
Vay, phuong trinh ¢6é nghiém x = —1.

b. Tacé:3-4u+24+6u=u+27+3ue=>2u=0u=0.
Viy, phuong trinh ¢é nghiém u = 0.

c. Tacs:S—(x—6)=4(3-2%)>5-x+6=12-8x > Tx=1>x = ._’7
qxhp {tong trinh c6 nghiém x = %

[%ﬁ DA HGC QUEC GIA HA NOI |
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d. Tacéo: —6(1,5—-2x)=3(-15+2x) -9 + 12x = —45 + 6x
&> 6x =-36 & x =-6.
Viy, phuong trinh c6 nghiém x = -6.
e. Tacé: 0,1 -2(0,5t-0,1)=2(t-25)-0,7< 0,1 -t+02=2t-5-0]7
& -t-2t=-57-03-t=-6t=2,
Vay, phuong trinh c6 nghiém t = 2.

4) 8 2 2 8 8
@Ex—zg=§x S dx =205 x =).
8 8 8

Vay, phuong trinh cé nghiém x = 5.
s oy X=2 X=2 X=2 Xx-=2
Yidg 1z Giai plicong trinh: 3 + = + :

4 3 6
&S Gidi
Bién doi phuong trinh vé dang:
x—2+x—2_x—2ux—2
3 4 5 6
Sx-2=0&/x=2.
Vay, phuong trinh ¢é nghiém duy nhat x = 2.
& Nhdn xét:

|
g a-afled- L)

1. Trong 15i giai trén, ta khdng may méc quy déng mau thitc hai vE roi
khit miu thitc, boi xuét phat tir nhan xét vé nhan tir chung x — 2, diéu

nay sé gitip giam dang ké d6 phiic tap trong 15i giai.

2. Qua trinh bién d6i phuong trinh c6 thé ddn dén trudng hgp ddc biiét la
hé s6 cia 4n bing 0. Khi d6, phuong trinh ¢6 thé vé nghiém hoac

nghiém dung véi moi x, thi du:

* Phuong trinh:
xtl=2x~14d2x~2x=~1~)ell==2
= Phuong trinh v6 nghiém.

* Phuong trinh:
X+2=x+2x-x=2-20=0
= Phuong trinh nghiém ding vdi moi x.

Yidp 3: (Bai 12/tr 13 — Sgk): Giai cdc phuong trinh sau:
x=-2 5-3x 10x +3 6 + 8x
= . b. =1+ :
i3 2 12 9

. - Bl
7"6 '+2x='65". d. 4(05-15x)= - >

4B
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&5 (idi
. L2 5% 2(5x - 2) 3(5-3x)
a.  Taco: — = o =
2 6 6
E M)k ~d =59 &S =19 1=,
Viy, phuong trinh ¢é nghiém x = 1.
10x + 3 6 + 8x 3(10x +3) 36 4(6+38x)
=1+ &y — o~

b. Taco: - =
12 9 36 36 36
5
< 30x+9=36+24+32x = 2x=51ox= Tl
51
Vay, phuong trinh c6 nghiém x =
7x — = - . =
T X ]+2x=]6 X =y 507x 1)+302x=6(16 X)
6 5 30 30 30

< 35x =5+ 60x =96 - 6x.=-l0lx = 10l & x= 1.
Viy, phuong trinh ¢ nghiém x = 1.
d, Tact: 4(0,5— 155225 [ 34~61) N\x—6
3 3 3
S 0-18x =5 +6 & 13g=0>x=0.
Vay, phuong trinh cé nghiém x = 0.
Yidop4: Giai phicong trinhn (3x=4)2x+1) 1+ 6x+ S)(x — 3) = 3. (1)
&S Gidi
bé trinh phai ghi lai nhiéu lan, ta di bién doi rieng VT:
VT=6x"+3x-8x —4-6x + I8X-9x + 15=8x + 11.
Khi dé, phuong trinh (1) co dang: 8x + 11 =3 & 8x = -8 <& x =-1.
Viay, phuong trinh ¢é nghiémx = —1.
Videg 33 (Bai 13/tr 13 - Sgk): Ban‘Hoa giai mét phuong trinh nhu sau:
%% + 2) =k(x+3)

OX+22%43 (1)
ESX—X=3-2 (2)
& Ox =1 (v nghiém) : (3)

Theo em ban Hoa giai ding hay sai? Em sé giai phuong trinh dé
nhu thé nao?
&5 Gidi .
Ban Hoa da giai sai ngay & buée (1). Vi ban da chia ca hai vé€ cho x ma
khong quan tam dén x bang 0 hay khéc 0.
Ta chi nhan dugc mét phuong trinh méi tuong duong véi phuong trinh da
cho khl chi '!ba hai vé& cho mot s6 khac 0.
é}to thé giai lai phuong trinh nhu sau:

;@ DHDS8-T2- 19
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X(X +2) = x(x +3) & x? + 2x = x* + 3x
Sx2+2x=-(x*+3x)=0& x=0x=0.

Viy, phuong trinh c6 nghiém x = 0.

YVidg 6 (Bai 15/tr 13 — Sgk): Mot xe mdy khoi hanh tie Ha Néi di Hai PPhong
vai vdn téc trung binh 32km/h. Sau dé 1 gio, mét 6to ciing: khoi
hanh nt Ha Noi di Hai Phong, ciing dicong voi xe mdy va von vdan
téc trung binh 48km/h. Hdy viét phuwong trinh biéu thi viéc 6to gap
xe mdy sau X gio, ké ur khi 616 khoi hanh.

£5 Gidi

Goi x 1a thoi gian 6t6 da chay cho téi lic gap xe mdy (x > 1, don vi: gi0).

Vi xe mdy di trudc 6t6 1 gid nén thoi gian xe mdy da di cho dén lic gap
oto 1a x + 1 (gio).

Quang duong xe mdy da di cho dén lic gap 6t6 1a 32(x + 1) (km).

Quang duong 6t6 da di cho dén lic gap xe mdy la 48x (km).

Vi quiang dudng di tir Ha N6i cho téi chd gap nhau cua hai xe la nhu nhaw nén
ta c6 phuong trinh: 32(x + 1) =48x & 32x + 32 =48x & 16x =32 =& x =2..
Vidp 7: (Bai 16/tr 13 — Sgk): Viét phitong trinh biéu thi cdn thang bding

' trong hinh bén (don vi khdi/luong la gam).

£5 Gidi
Ta cé: x
® Kho6i luogng dat trén’dia 'can 'bén'trdi 1XC =
la: 3x + 5 (gam). X]]3 X i_7]
= Khéi lugng dat trén dia ‘can bén l
phai la: 2x + 7 (gam):
Vi cén 6 vi tri cAn bang nén ta c6 phuong trinh: A

IX+S5=2x+7.

Vidp 8 (Bai 19/tr 14 — Sgk): Viét phuong trinh dn X réi tinh x (mét) trong
méi hinh sgk (S la dién tich cua hinh).

£ Gidi

a. Taco:92x+2)=144 < 18x+18=144 =>x=7.

b. Tac6:6x+15=756x=75-156x=60< x =10.

c. Taco:12x+24=168 = 12x =168 -24 & 12x =24 & x = 2.

Yidgp 9: (Bai 20/tr 14 — Sgk): Trung bdo Nghia hday nghi o trong dcu nudt 56
te nhién tuy y, sau dé Nghia thém 5 vao s6" dé, nhdn téng nhin
duoc voi 2, duoc bao nhiéu dem trie di 10, tiép tuc nhan hién tim
dicoc véi 3 roi céng thém 66, cuéi cing chia két qud cho 6. C'hang
han, néu Nghia nght dén s6'7 thi qud trinh tinh todn sé la:

T7->7+5=12)>(12x2=24)—>(24-10=14)

Bc > (14 x 3 =42) — (42 + 66 = 108) — (108: 6 = 18).

-CDTDHDS!S-T2-
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Trung chi can biét két qua cuor cung (s6 18) la dodn ngay dicoc 56
Nghia da nght la s6 nao.
Nghia thie mdy lan, Trung déu dodn dung. Nghia phuc tai Trung
lam. D6 em tim ra bi quyét ciia Trung day!
&5 Gidi
Goi x la s6 Nghia nghi ra thi biéu thic biéu dién két qua la:
(3[2(x +5)— 10] +66): 6 = x + 11.
Trung chi viéc lay két qua cudi cing ma Nghia cho biét trir di 11 la dugc
ma s6 Nghia da nghi.
Bi quyét cia Trung la yéu cau Nghia lam nhimg phép tinh ¢6 vé rac réi nhung
that ra Trung chi thuc hién moét phép tinh don gian la cé ngay két qua.

C. BAI TAP LUYEN TAP

Bai 1: Giai cic phuong trinh:

. 4%+ | =6x—13. b. 5-3x=6x+7
c. 15-8x=9 -5x. d 9-2x=x+1
Bai 2: Giai cdic phuong trinh:
a 2Ax-2)+3=1/2Ax+1). | b. 2(x=3)+1=2(x+1)-9.
c. Mx+hx=-1)=-5=3x"+2.
d +2x-1PHRx-DNx+ )EEPR-4-(x-7).
Bai 3:  Giai cdc phuong trinh:
7 oD g
" zx_l:._xﬂ_l Hx_ . b x+4~2x+1:_§_x+-
2 4 8 3 2 3
2x+0,3 2x=1,5"""2x<=2)8 X—=3 M-3 x-=3 x-3
e, - - = : d. + = +
2 3 12 13 14 15 16
Bai 4: Giai cic phuong trinh:
x-1 x+3 2x + 1 x—1 2x+1 x+2
a. ——+ =8+ . b. x+ =2- +
12 6 15 3 2 5
Ix+2 X x+9 2x-3 ] 1 I
B e e = ‘ d. —(2x~D)+~-(x-3N=1-—-(3x+2).
2 4 6 3 g Rt =R =l AR 2)
Bai S:  Giai cic phuong trinh:
x-2 x-1 x-4 x-3 X+l x+2 x+43 x+4
a. -+ - = + : b. + = +
3 8 5 6 15 14 13 14
D. HUGNG DAN - DAP SO
Bai 1:
a. x=17. b. x=—z. c. x=2. d. x=§.
9 3
Bai 2:
a. Nhag ngp™ lam nghiém. b. Vo6 nghiém.
. 4 NBUT oYK [am nghiém. d x=1.

c ,
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Bai 3:
a. Bang cich quy déng miu sé theo vé ta bién déi phuong trinh:
I 1 I
5(4x—— )= §(6x+ Deddx-1)=6x+ 1 2 10x=5x= =
1
Vay, phuong trinh ¢6 nghiém x = 5

b. Béng cach quy dé‘mg miu s6 theo vé ta bién déi phuong trinh:

8
—(—Sx +7)= —(x He —10x+14=x - 4<:>]lx-18c>x-ll—-l~
A . . 18
Vay, phucmg trinh c6 nghiém x =ﬁ
103
C. X==—
20 ;
d. Viét lai phuong trinh duéi dang: (x —3)( l = —l) =0 x-3=0=x=3
13 14 15 16
Vay, phuong trinh c¢6 nghiém x =3.
Bai 4:
a. Bﬁng cach quy dc}ng mau s6 theo vé ta bién d6i phuong trinh:
—(7+x)- —-(121 +2x) = 3x= - 449 5 x=— %4_9
Vay, phuong trinh ¢6 nghiém x = = i‘%g :

b. Bfmg cach quy d&ng méiu s6 theo V€ ta bién déi phuong trinh:

—(4x—l)— —(19 8x). . 64x. =67 < x.= 2—1

Vay, phuong trinh c6 nghiém x = % :

c. Bing cach quy déng miu s6 theo v& ta bién déi phuong trinh:

l=—1(3x—ll)<:>10x—3<:>x-l—9.
6 6 3

Vay, phuong trinh ¢6 nghiém x = ?

d. Bﬁng cach quy d6ng méu s6 theo v€ ta bién d6i phuong trinh:

-—(x—l)—-—(4 3x)<:>2]x-23<:>1-§

Viy, phuong trinh ¢6 nghiém x = i—::

Bai §:

dx— bx__ﬂ.
14
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civ Bk 4

PHUONG TRINH TICH
A. TOM TAT LI THUYET
. Alx)y=0
Ta sudung ket qua: A(x).B(x) =0 ) .
B(x) =0
Ax) =0
. " » B(x) =0
Mo rong: Voi phuong trinh: A(x) B(x) ... M(x) =0 < _
M(x) =0

Lay cac nghiém cua cic phuong trinh trén, ta duoc nghiém cua phuong

trinh ban dau.

Nhur vay, dé giai nhimg phuong trinh dua duge vé dang tich, ta thuc hién

theo cic buoc:

Budc 1: Bing viéc xic dinh nhan o chung (hoac chuyén tat ca cic hang
nr sang vé trdl, lie nay-vé phai bang 0) ta dua phuong trinh ban
dau ve dang tich. |

Buoc 2: Giai phuong trinh roi ketfuan.

B. PHUONG PHAP GIAI TOAN
Yidy Lz (Bai 21/tr 17 = Sgk): Giai cac phucong trinh sai:

a. (3x = 2)(4x,=.5).=0. b, (23X — 6,9)(0,1x + 2) =0.
¢. (4x +2)(x* +1)=0, d__2x +7)x=5)05x+1)=0.
&5 Gidi
L/ 2
o 3x~2=0 e
a, Taco:(IxN-2)4dx-95=0& =S =
4x -5=0 5
X =—
| 4
- . L. .. 2 5
Vay, phuong trinh c6 hai nghiém x = R
2,3x-69=0 =3
b. Taco: (2,3x-6,9)0,1x +2)=0& . .
Olx+2=0 x ==20

Vay, phuong trinh c6 hai nghiém x = 3, x = -20.

c. Taco: (4x+2)(x3+l)=0<::>4x+2=0¢:>x=——1-

_,(;é’%ﬁ)uf)sx:r:- 23
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2x+7=0 x:—-z—
d Taco:2x+7(x-5)OBx+1)=0[(x-5=0 & |x=5
5x+1=0 : |

Vay, phuong trinh c6 ba nghiém x = —%, 'S, e -%.

@ Chi y: Nhiéu phuong trinh & dang ban ddu chua phai la mot phwrong
trinh tich, khi d6 chiing ta cin sit dung phuong phap phan tich
da thic thanh nhan tir &€ bién d6i phuong trinh vé dang tich.

Yidg2: Gidi phuong trinh: 2x(x* + 2) = (x = 3)(x* + 2). (1)

LS Gidi

Ta ¢6 thé lura chon mét trong hai céch trinh bay sau:
Cdch I: Bién déi phuong trinh vé dang:
2x(x2+2) - (x-3)x*+2) =0 X +2DRx-x+3)=0
2 h
o +)x+3)=0 o | B ex=13.
x+3=0
Vay, phuong trinh c6 nghiém duy nhat x = -3.
Cdch 2: Bién d6i phuong trinh vé.dang;
2 +4x =X +2Xx -3x -6 & 2X’ +4x - x’ = 2x + 3x’ + 6 =0
& x3 4 3x2 4+ 2x 16=01& (x}# B3x) 4 2%+ 6) =0
& X3(X + 3) + 2(x +3)=0->-(x+3)x>4+2) = 0
- x?+2=0
x+3=0
Vay, phuong trinh c¢6 nghiém duy nhat x = -3,
Cdch 3: Vi x* + 2 > 0 nén chia ca hai vé€ ctia phuong trinh (1) cho x* + 2 > 0,
tadugc: 2x=x-3 S 2x-x=-3 o x= -3,
Vay, phuong trinh cé nghiém duy nhat x = -3.

@ Nhdn xét: Nhu vay, d€ gidi phuong trinh d cho chiing ta da chi ra dutgc ba
cach trinh bay, cu thé:

Cich 1: Bién d6i phuong trinh vé dang tich bdng cach dat nhan tu chung.

Cich 2: Bién d6i phuong trinh vé dang tich bing cach chuyén vé.

Cidch 3. St dung quy tic chia ca hai vé& cua phuong trinh cho mét s6 khawc 0.

Va g do:

1. Cach 2 1a qua céng kénh do viéc chiing ta da khong danh gia dugc sv c6
mit cugffhan tir chung ban diu 1a x> + 2.

A -CDTDHDS8-T2-
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2. Cach 3 cho loi giai don gjiﬁn hon, tuy nhién néu " chia ca hai vé cua phuong
trinh cho mot s6 chua kth;? dinh duoc di khac 0" sé dan toi hién tugng mat
nghiém «ua phuong trinh. Vi du sau sé minh hoa diéu nay.

Yidy 3z Criar phicong trinh: 3x(2x - 3) = 7(2x - 3). (1)
£ Gidi
Bién doi phuong trinh vé dang:
3
2x-3=0 |*73
In(2x = 3)=T2x =3) =0 2x =3)(3Ix -7 =0& & .
3x-7=0 7
X=—
[ 3
3 7
Viy, phuong trinh co 2 nghiém phan biét la x = = K= e

& Nhan xét:
I. Néu chia ca hai vé& cua phuong trinh (1) cho (2x — 3) thi ta sé bi mat

. - 3
mot nghiém x = —.
9

2. Cothé giai vi du trén bang cach xét hai truong hop:

Truong hop I Néu x £ —; thi-2x =113 1% 0,Ghia ca hai vé cuaa (1) cho

2x — 3 # 0 dugc: 3x=T74és x=§—,thoa’1ménx¢ 3

. 3
Truong hop 2 Néu x = 3 thi (1) dudc nghiém dung,.

Két luin S = [Z , i }.
32

Vidg4: (Bai 21/tr 17 — Sgk): Bang cdch phan tich vé trdai thanh nhan ni,
giar cac phuong trinh sau:
a. 2x(x=3)+5(xx-3)=0. b. (x*-4)+(x-2)3-2x)=0.
' =3Ix'+3x=1=0. d x2x-7)—-4x+ 14 =0.
(2x -5 - (x +2)*=0. f. xX*-x-(3x-3)=0

0

¢

&5 Gidi

a. Taco:

x—=3=0
e} i
2X+5=0 x:—;

Ag{) 58-T2- 25
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Vay, phuong trinh ¢6 cac nghiém x =3, x= .

b. Tacé: (X*-D+x-2)B-2X)=0=x-DE+2)+x-2)3-2x)=0
SX-2)(x+2+3-2X)=0=x-2)(5-x)=0

x—-2=0 x=2
= ~ ‘
5-x=0 X =3
Vay, phuong trinh ¢6 cac nghiém x =2, x = 5.
c. Tacé: xX*-3x2+3x-1=0x-1) ’=0x=1.
Vay, phuong trinh c6 cidc nghiém
d Tacéd: x(2x-7)-4x+14=0 x2x-7)-22x+7)=0
7

I+ T=0 |x=—m
S 2x+T(x-2)=0 o 2.

Ko

: 7
Vay, phuong trinh ¢6 cidc nghiém x = == %= 2.

e. Tacé:(2x-51-(x+2)=0{2x H5) - x +22x -5 +(x+2)] =0
x—=7=0 X=X
T
3x-3=0 [
Vay, phuong trinh c6,cidc nghiém x =7, x = 1.
f. Tacé:x’=x-Bx=-3)=0SXK(x-1)-"3x-1=0
xml=0 {x=1
&5

<:>(x—7)(3x—3)=0<::>{ A
X =

X 3= %=3

& (X — 1)(x—3)=0¢:>[
Vay, phuong trinh ¢6 cac nghiém x =1, x = 3.
Yidg 52 Gidi phuong trinh: (x> + x*) + (x> + x) = 0.
2 Gidi _
Ta c6 thé lua chon mét trong hai cach trinh bay sau:
Cdch I: Bién d6i phuong trinh vé dang:
XX+1D+x(x+1)=0& x+1)x*+x)=0
0
il
Vay, phuong trinh c6 2 nghiém phan biétlax=—-1, x =0.
Cdch 2: Bién déi phuong trinh vé dang:
X+xX+x+x=0x'+2x*+x=0

x=0 X
Sx(x+DHx+1H)=0& &>
x+1=0 X

Il

x=0 Xx =0
&5 .
x+1=0 X =-—1
0.

WIBU!ﬁ]g trinh c6 2 nghiém phan biét [a x=—-1, x =
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& Nhan xét:  Trong loi giai trén, viee trinh bay hai cach giai nham muc
dich giup cac em hoc sinh ¢o dude phép so sanh, tu do lua
chon cho minh phurong, phap thich hop.

.....

5 Cricat
Trude tién ta di phan tich da thice x° - 2x - 3 thanh nhan wr, dé thuc hién
cong vice nay ta ¢o thé lua chon mot trong cic cich sau:
Cach 1 (S dung phép tach theo B): Ta co:
X'-2X-3 =x"+ x-3&x -3=(x"+x)-(3x+3)
tach-2x=x-1x
=x(x+D)-=-3x+1D)=x+1Dx-3).
Cach 2: (S dung phép tach theo A): Ta co:
Hedxed = I’ W =F=0x == +2
tichx?=3x"-2x"
=3(x = 1) =2x(x+ D =3(x=D(x+ 1) =2x(x + 1)
= (x+ D3(x - 1) £2x15,(x + D(x = 3).
Cach 3: (Su dung phép tach theo C): Ta(co:
N=2X =3 =x7-2x —2-F] =(KF - 1)=-(2x$%2)
—_— F
tich—3=-2-1
=(x = H(x + 1) = Yy b & thbhemhr@s (X + D(x = 3).
Cach 4: (St dung phép tach tao hdang dang thitc): Ta c6:
X" —2x =3 =x> DBwnlbat SadhrHdy | Dee (ckOb)he 4

Lich=3=1-4
=(x=1=-2)(x=-1+2)=(x=3)(x + 1).
. . . {x -3 |:x =3
Khi dé, phuong trinh codang: (x =3)(x+ 1) =0 & >
x+1=0
Vay. phuong trinh ¢6 2 nghi¢ém phinbiét lax =3, x =— 1.
& Nhan xét: Bon cach phan tich da thic dang ax’ + bx + ¢ thanh nhan t trong
l0i giai trén da dugc trinh bay rat chi tiét trong chuong 1.
Yidw 7: (Bai 24/tr 17 = Sgk): Giui cdc phwong trinh:
a. (x’=2x+1)-4=0. b X*=x==2x+2.
c. 4x*+4x+1=x" d. x*-5x+6=0.
&5 Gial
a. Taco:
X =2Xx+1)-4=0(x-1)-4=0x-1-2)x-1+2)=0
= (%=3)x+1)=0¢ x=3 hodacx =-1.
Vay '*pfljﬁ“réng trinh c6 2 nghiém x =3, x = -1.

| g
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b. Tacd: x’—x=-2x+2Sx(x-1)+2(x-1)=0
Sx-Dx+2)=0< x=1hoac x =-2.
Vay, phuong trinh ¢6 2 nghiém x = 1, x = 2.
c. Tacé:
Ax*+4x+ 1 =X (2x+ 1)’ -x*=02x+1 =x)2x+ 1 +x) =0

Sx+DBx+1)= Oax—lhoacx——%.

: 1
Vay, phuong trinh c6 2 nghiémx =1, x = =g
d Tacé:x*-5x+6=0&x*-2x-3x+6=0
S x-2)(x-3)=0< x=2hoac x = 3.
Vay, phuong trinh ¢6 2 nghiém x = 2, x = 3.
Yidwp 8 (Bai25/tr 17 — Sgk): Gidi cdc phuwong trinh:
a. 2X*+6x2=x*+3x. b. Bx-Dx*+2)=3x - 1)(T7x — 10).
£ Gidi
a. Tacé: 2x® +6x*=x>+3x & 2x2(x+3)-x(x+3)=0
Sx+3)2xXX-x)=0 x(x# 3H2x-1)=0

<:>x=0h0'z}cx=—3hoacx=%-.

Vay, phuong trinh c6 3'nghiémx=0, x/==3{x'= —;
b. Tacé: (3x — 1)(x* +2)=(3x=1)(Tx = 10)
& (Bx = 1) + 2 =Tx4+10).=0.Bx=1)(x* = Tx + 12) =

SBx-Dx*=3x-4x+12)=0Bx-1)x-3)(x-4) =

<:>x=% hodc x = 3 hoac x =4.

Vay, phuong trinh c6 3 nghiém x = % x=3,x=4.
Yidu 98 Cho phuong trinh: (x + 1 =3m)(3x -5 + 2m) = 0.

a. Tim cdc gid tri cua m sao cho mét trong cdc nghiém cuu
phiong trinh la x = 1.
b. Véi moéi m vira tim duoc o cdu a), hdy gidi phuong trinh da ¢ ho.
&5 Gidi
a. DE phuong trinh nhan x = 1 lam mét nghiém diéu kién la:
(1+1-3m3B.1-54+2m)=0=2-3m)(-2+2m) =0
2

2-3m= 0 m=—
.
=]

=2+2m= O

A -CDTDHDSE-T2-
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Viy, voi m = P hodac m = | thoa man diéu kién dau bai.

b Talan hrot thue hién:
)
= Voim= 7 phuong trinh ¢6 dang:

2 9
(x+1—3.:)(3x—5+2.:)=U<:>(x~|)(3x—u)=()
3 3 3
x-1=0 x =1
= | o= |
3x—] =0 x=——]
3 9

: 2 5 o ; 11
Viay, véi m = r phuong trinh c6 cac nghigm x =1, x = 5
= V6im =1, phuong trinh cé dang:

x—-2=0 X=2
(x+l*3.])(3x—5+2.1):U<:>(x—?.)(3x—3):0¢:»): [

~ .
3x-3=0 x=1
Viy, vdi m = | phuong trinh c6 ¢ac nghiém x =2, x = 1.
Yi dy 10z Cho phiong trinh: 2x* + ax +3/= 0. (1)
a. Biét rang x = =1 la mot nghiém cia phicong trinh (1), hay vac
dinh a.

b. Vi a vita tim dicoc o cdu a) hay tim cdc nghiém con lai cita
phirong trinh.
&5 Gidi
a.  Vix=-11amot nghiém ciia phuong trinh (1) nén ta dugc:
2-D'+a-D+3=20 -2-a+3=0a=1.
Vay, voi a = | phuong trinh (1) co métnghiém lax =—1.
b. Véia= 1, phuong trinh (1) ¢6 dang: 2x*+ x + 3=0. (2)

Dé giai phuong trinh (2) ta cdn phan tich da thiic 2x*+ x + 3 thanh nhan t,
dé thuc hién cong viéc nay ching ta c6 thé lua chon mot trong hai céch sau:
Cdach I: Thuc hién phép phan tich:

2+ x+3 =2 +2+x+ 1 =2+ D+ (x+ 1)
=2x+ D(X*-x+ D+ (x+1)
=(x+ D2x*-2x+2+ 1) = (x + 1)(2x* -2x + 3).
Cdch 2: Vi x = — | l1a nghiém ctia phuong trinh nén da thiic 2x* + x + 3 s€ chia
hét cho x + 1 (thuc hién phép chia da thitc 2x* + x + 3 cho x + | ra nhép), tir d6
ta duge: 2x* + x 4+ 3 = (x + 1)(2x” - 2x + 3).
6, phuong trinh c6 dang:

@TDHDSS—'I*B- 29
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x+1=0 (1)

x+ 1DN2x*-2x+3) =0 :
2x° =2x+3=0 (2)

Giai (1), ta duoe x = -1.
Giai (2), ta c6 nhan xét:
2x? =2x + 3=2(x*-x + 1) + 1 > 0 = phuong trinh (2) v nghié¢rn.
Vay, phuong trinh ¢6 nghiém duy nhat x = —1.
& Nhdn xét: Trong 15i gidi trén, viéc viéc phan tich da thic 2* + x + 3 thanh
nhan it dugc trinh bay hai cach, 6 dé:
Cach I. Viéc thuc hién la tuong déi tu phat, né dudc dua trén kinh nghiém
trong viéc phan tich da thizc thanh nhan tur.
Cach 2 Ching ta da tan dung dugc gia thiét cho x = — 1 la nghiém cua
phuong trinh. Ta c6 két qua t8ng quat sau:
" Néu phuong trinh f(x) = 0 co nghiém x = a thi da thuc f(:x)
chia hétchox —a"
Tt 1a, khi d6 f(x) = (x —a).g(x) va phuong trinh tro thanh (x — a)g(x) = 0.
Yidy 11z Gidi phicong trinh: 2x* +%*=5x +2=0
biét rang phuong trinh ¢4 métnghiém la x = 1.
&5 Gidi
Thuc hién phép chia da thifc 2x’ + x*— 5x + 2 cho x - 1, ta duoc:
2+ x*-5x+2=(x - N2x*+3x-2) =(x - 1)2x*+4x - x - 2)
SX 2% (% H 2) <% H2)] = (X — D(2X = 1)(x -+ 2).
Khi dé, phuong trinh cé dang:

x=-1=0 lel
x=-D2x-DNE+2)=0 |2x-1=0 & x=§ )
x+2=0
| x==2

1
Vay, phuong trinh c6 ba nghiém phan biétx =1, x=-2,x = T

& Nhdn xét: Nhu vay véi viéc cho thém gia thiét "Phuong trinh G mot
nghiém Ii x = 1" da giam bdt dugc dang ké d6 kho cula bai
toan trong budc phan tich da thic thanh nhan tr. Diéw nay
dugc hiéu la:

1. V@i cac em hoc sinh trung binh, bai toan dugc cho dudi dang;:
" Giai phuong trinh 2x* + x* — 5x + 2 = 0 biét ring phuong
trinh co mot nghiém lax=1".
2. Vai em hoc sinh kha, bai toan dugc cho dudi dang;
6Gfﬁf'pbtmhg trinh2x> + x> = 5x +2=0".

A -CDTDHDS-T2-
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C. BAI TAP LUYEN TAP
Bai 1: G ciac phurong trinh:
o (2x = 6)(3 +4x) =0 b, (4% — 35X + 6)(6x —T7) = 1),
BL 0% = A2 Tile—Aldx 3yl
d., (3= 20 2%+ IN8x = 35+ D= 1)=A,
Bai 2:  Giai cic phurong trinh:
i (X=6)x+1)=2x+1). b: (X — 203X +3)=(3IXx—8)(x —L)
. 2X(15x +25)-333x+5)=0. d.2x+ H2x+ ) =2+ I)(x = 1).
Bai 3: Giai cic phuong trinh:
a. xP=9x +20=0. e %le= 5=
b. x'—4x*+5x =0. d. (=1 =4x+ 1.
Bai 4:  Giai phuong trinh: 4x'=9x" 4+ 6x - 1 =0
biét rang phuong trinh ¢c6 mot nghiem la x = 1.
Bai 5:  Giai phuong trinh: x'=4x'= x4+ 16x =12 =0
biét ring phuong trinh ¢6 hai nghiém lax = lvax= -2
Bai 6:  Cho phuong trinh: (2x +3m)(3x = 2m — 1) = 0.
a. Tim cac gid tri cua mysao cho mét tronglciac nghiem cua phuong trinh lax = |
b, Voir moi m vira tim duge o cau a); hid giar phuong trinh da cho.
Bai 7: Cho bicu thire hai bién: f(x, y) =x—=3y + 4){791 +3y=1).
a.  Tim cdc gid tri cua y sao cho phuong trinh (an x) f(x, y) = 0 nhin x = 2 lam
nghiem.
b. Tim cdc gid tri cua X sao cho phuong trinh (an'y) f(x, y) = 0 nhan y = 1 lam
nghiém.
Bai 8: Cho phuong trinh: x*+ ax” + 11x — 6 = 0.
a.  Biét rang x = | la mot nghiém cua phuong trinh, hiy xdc dinh a.
b. Vi a vita tim duge 0 ciu a) hily tim cdc nghiém con lai ¢cta phuong trinh.
Bai9: * Giai cic phuong trinh:

a X' —-8x'—-2x+4=0. d. 2x}=9x +2=0.
b. x'—4x*+7x-6=0. 2 8x —dx’+ 10x —5=0.
¢ M+ TX+Tx+2=0. £ 4 =—x2 =243 =0.

D. HUGNG DAN - DAP SO
Bai l:

A Xx=3}ix=-—

€. X=)lX=~

to | =— 4|

Bai 2:

a x=8x ik b.x=2,x=——. CX=——_,Xx=—. d.x= —6.
2 3 10
A HDSK-T2- 31
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Bai 3:
a. Biéndbi: x*-9x +20= x*-4x-5x+20=x(x —4) - 5(x —4) = (x —4)(x = 5)
x-4=0 %=9
= .
X—5=0 Xx=5
Vay, phuong trinh c6 hai nghiém phan biét x =4, x = 5.
b. Biéndéi: x’ -4x* +S5x = x(x*-4x +5) =x[(x = 2)* + 1].
Khi dé, phuong trinh cé dang: x[(x = 2)’+ 1] =0 & x = 0.
Vay, phuong trinh c6 nghiém x = 0.
c. Bitndéi: x> +2x-15=x>+5x-3x-15=x(x +5) - 3(x +5) = (x + 5)(x — 3)
X+5=0 [x =-5
<> .
x=3

Khi do, phuong trinh ¢c6 dang: (x —4)(x = 5) =0 [

Khi do, phuong trinh ¢6 dang: (x +5)(x —3) =0 < L 320
Vay, phuong trinh c6 hai nghiém phan biét x =—5, x = 3.
d. Bién déi phuong trinh vé dang:
=1Y=dx+1ox' -2+ 1=4x+1x*'-2x*=-4x=0
< x(x2 - 2x - 4) = 0 & x(x*=AxF2x=4) =
S X[x(X*-4)+2x =)= 0 x[x(x -2)(x +2) + 2(x = 2)] =0
[x ={) {x =0
Sx(x=-2)x'+2x+2) & & :
x-2=0 x=2
Vay, phuong trinh c6 hai nghiém phén biét x =0, x = 2.
Bai 4: Thuc hién phép chia da thitc 4x’ — 9x*+ 6x — 1 cho x - 1, ta duoc:
4’ = 0x?+ 6x - I'=' (X' =Y <5x+ D' X = 1)@Ex* —4x —x + 1)
=(x—-DM4x(x = 1) -(x=1]=0G—=Dx—=1)4x = 1).
x-1=0

Khi d6, phuong trinh cé dang: (x = 1)(x—1)dx - 1) =0 & B
4x -1=0 K==

Vay, phuong trinh c6 hai nghiém phan biét x =1, x = }I :
Bai 5: Thuc hién phép chia da thiic x* — 4x’ — x> + 16x =12 cho x — 1, r6i tiép tuc
chia thuong cho x + 2, ta dugc:
= 4x = x4+ 16x - 12 = (x = 1)(x + 2)(x? — 5x + 6)
=(x=Dx+2)(x2=3x=2x+6)=(x— 1)(x + 2)[x(x —3)-2(x —3)|
=(x—=1Dx+2)(x—2)(x—3)
Khi dé, phuong trinh ¢6 dang:

- -
I

x-1=0 %=
x+2=0 X=-2
xX=-DE+2Dx-2)(x-3)=0& o
x-2=0 x=.)
| X — 3=0 _x=3
I.k=%2. x=3%,

i: Pﬁg trinh ¢6 b6én nghiém phén biét x =

-CDTDHD!SK-T2-
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Bai 6: FHoc sinh nelam.
Bai 7: floc sinh ne lam.

Bai 8:
a. Vix =1lamét nghiém cua phuong trinh nén ta duoc:
'+a.l’+11.1 -6=0< a=-6.
Vay, voi a = — | phuong trinh ¢6 mét nghiém la x = 1.

b. Vdia=- I, phuong trinh c6 dang: x* —6x*+ 11x — 6 = 0.

Vi x = | la nghiém cua phuong trinh nén da thiic x' — 6x* + 11x — 6 sé chia hét
cho x — I (thite hién phép chia da thitc x> — 6x* + 11x — 6 cho x — | ra nhép), tir dé ta
duge: xP —6x° + 11x — 6 =(x — 1)(x* =5x + 6).

Khi dé, phuong trinh ¢é dang:

x=1=0 x =1

(X=1)(x-5x+6)=0 & xX-1NxX=-2)(x-3)=0 |x-2=0 & [x=2.

x=-3=0 x=3

Vay, phuong trinh c6 ba nghiém phan biét x = 1, x =2, x = 3.

Bai 9:
a. Phantich: 3x’ = 8x?=2x + 4 = (3x =2)x* - 2x - 2)
3x-2=0 ()

Khi dé, phuong trinh ¢é dang: 3x —2)(x* -2x —2) =0 <
s & 5 x2=2x-2=0 (2)
2
» Giai (1), taduoc x = q

s Giai(2).tabiéndéi: x*-2x-2=0x -2x+1=3(x—1)7=3
x—l:-\/g x:]+\/§
=5 =
.\'-I=-—\./§ x=1—\/§

Vay, phuong trinh c6 ba nghiém phin biétx =1, x =1 % o3 ;

b. Phantich: x'—4x*4+ 7x =6 = (x — 2)(x* - 2x + 3).
Toi day dé nghi cdc em hoc sinh giai tiép.

Vay, phuong trinh ¢6 nghiém x = 2.

I
g X==

AR ;
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Ccnu bk 5 g , 2 2 x
P PHUONG TRINH CHUA AN G MAU
A. TOM TAT Li THUYET

1. TiMDPIEU KIEN XAC PINH CUA PHUONG TRINH
A (x) A,(x) A, (x)
+ + + — =

D61 véi cac phuong trinh dang: 0
B,(x) B,(x) B.(x)
B,(x)#0
diéu kién xdc dinh cta phuong trinh duoc cho boi hé: .
B (x)=0

2. PHUONG PHAP GIAI PHUONG TRINH CHUA AN O MAU
bé giai phuong trinh chifa 4n & mdu, ta thuc hién theo cdc budc sau:
Buoc 1: Tim diéu kién xdc dinh ctia phuong trinh.
Budc 2: Quy dong mau hai vé cua phuong trinh réi khua mau.
Budc 3: Giai phuong trinh vira nhan duoc.
Budc 4: Trong céc gia tri cla an tim'duoc & buée 3, cac gia tri thoa main diéu
kién xac dinh chinh la nghiém;cua phuong trinh da cho.

B. PHUONG PHAP GIAT TOAN

Van dé 1: TiM PIEU KIEN XAC PINH CUA PHUONG TRIiNH
Yidyp Mz Tim diéu kién xdc dinh cho méi phwong trinh sau:
Xx=1 _ 3 b X x—-6

a. = .
X —2 x+1 x-4

&S Gidi

a. Diéu kién xdc dinh cla phuong trinh 1a: x -2 #0 & x # 2.

e 5 " . Ix+1#0 X # -1
b. Diéu kién xdc dinh cua phuong trinh la: = :
x—-420 X #4

& Chi y: Trong nhimg truong hop hé diéu kién phic tap, chiing ta néin giai
timg diéu kién mot dé giam do phic tap, thi du sau s& minlh hoa
truong hop nay.

Yidg 2: Tim diéu kién xdc dinh cho phicong trinh sau:

2x’ 2x -1
+

BG T TS

= 2.

-CDTDHDSS-T2-
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&S Giai
o L xP =120 (1)
biéu kien xdc dinh cua phuong trinh la: 4 :
X°=5x+4=20 (2)

= Gidi (1), taduoe: x*# 1 S x#t 1.

* Giai (2):x°-5x+420x -x-4x+420=x(x-1)-4x-1)20

_ x—120 X # 1
Sx-x-4)20& £ .
x—4+0 x#4
x = %]
o ) : . x # *1
Viy, diéu kién xac dinh cua phuong trinh la: {x #1 < q
X #
x4

Vin dé 2: GIAI PHUONG TRINH CHUA AN G MAU

Yidy 1z (Bai 27/tr 22 — Sgk): Gidai cac phuong trinh sau:
a. 2K_S=3. b. xﬁ_ﬁ::ﬁ(-ﬁ-g
X+5 2
(x~ +2x)—(3x +6) 13 d 5 Ny 1
% =~ 3 3x +2
&5 Gidi
a. Diéukién: x +5#0 < x #-5.
2x~5 f
Ta co: -L? = 3 ¢ 2Xe=Sema3 (K= )tD¥==-20 (thoa man)
X

Vay, phuong trinh co nghiém x = 20.
b. Diéukién: x #0

-6
Ta co: M PR % & 2(x*-6)=2xx+3x

X
& 2xF = 12 = 2x* + 3x & x = —4 (thoa min).
Viy, phuong trinh c6 nghiém x = —4.
c. Ditukign:x-3#0=>x#3
a7
Ta c6: (_x +2x)—(3x +6)
x-3
SXx =-3x+2x-6=0x(x=3)+2(x-3)=0
x-3=0 x=3 (loai)
& :
x+2=0

Va pﬂ\g trinh c6 nghiém x = 2.
A HDSS-T2-

cb[x—B)(x+2)=0<:>[
X =-2
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d. Diéukién:3x+2¢0<::>x¢-—-§

Ta cii: =2X-1&5=2-13Bx+2)=6x*-6x+7x-7=0
3x+2
x =1
Sxx-D+7x-1D)=0=xx-1)6x+7)=0& -
X = ——
Vay, phurong trinh c¢6 2 nghiém x=],x=—%.
Vidgp 2: (Bai 28/tr 22 — Sgk): Giai cdc phicong trinh sau:
. SR 2 TR (I
X1 x -1 2x+2 X+ 1
c. x+l=x2+l1. g Bte (B8 .5
X X+1 X
£ Gidi
a. Didukién:x-1#0&x#1
Tacé:—zx_11+ =L1<:>2x—l+x—1=l<:>x=l(khc‘mgthoé min)
X — X —

Vay, phuong trinh vé nghiém.
b. Diéukién: x + 1 # 0 e>x %1

+1=- b SSXx+2x+2=(-6).2
2x +2 X +1

<> 7x =-14 & x = -2 (thoa man)
Vay, phuong trinh cé 1 nghiénd.
c. Diéukién: x #0.

Ta co:

. 1 1
Taco:x+—=x2+—-5_—<:>x.x2+x=x2.x2+l<:>x3+x=x“+l
X X

Sx-x*+x-1=0xx-D+(x-1)=0
o x-DE-1)=0
SEE-DE-DE*+x+1)=0 B
11 1 1Y 1
Nhan thdy: x> + x+ 1 =x*+1.—=x+ — + — = |x+—| + — >0
7. 4 4 4
6: ()= (x-1)=0< x =1 (thoa min)

Do d
VB g trinh c6 1 nghiém.
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d. bieukién:x+1#0 &©xz2-1lvax=z0
. X#3 X —2
Ta e¢o:; - + —
X+ 1 X

SX(X+)+(x=-2)(x+1)=2x(x+1)

Sx+HIX+xT=-x-2=2x+2x
<> (.x = 2 (mau thuin)
Vay, phuong trinh vé nghiém.

& Chity: Viéc giai phuong trinh chita 4n & mau, doéi khi cin téi nhiing phép
bién doi linh hoat dé giip giam bét do phirc tap khi thuc hién
phép quy dong mau s6. Vi du sau s€ minh hoa diéu nay..

-8 1

e s : X
Yidg 3: Giai phuong trinh: = +8.
X=7 T-x

&5 Gidi

= I

x—-7#0 X#7
=
X %7

Diéu kién xdc dinh ciia phuong trinh;la
7-x#0
Toi day dé thuc hién tiép ching ta ¢6 thé lua chon mét trong hai cach trinh
bay sau:
Cach I: Quy dong mau hai vé cua phuong trinh réi khir mau:
x-8 1 Llpans 6481 Hay| Dok Sach Hine- 7)
x—7 X ~ Y X="17 x=r X-17
&>x-8=-1+8x-7)=>x-8=-1+8x-56
SXx-8x=-1-56+8&=-Tx=-49

< x = 7, khong thoa man.

Viy, phuong trinh v6 nghiém.
Cdch 2: Thue hién phép quy dong cuc bo:
x-8 1 +8<:>x_8+ 1 =8<:>x_8+1=8
x-7 T7-x x-7 x-=7 X =17
< | =8, mau thuin.
Vay, phuong trinh v6 nghiém.

—— ==

@ Nhdn xét: Cach 2 trong 15i giai trén dugc trinh bay d€ minh hoa budc
dau cho hiéu qua cua phép quy déng cuc bo.

Vi dwp 43 (‘mr p!urmlg trinh: x* + s =3x + s
). X -2 X—-2
‘-") L
-CA )HDSS8-T2- 37
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& Gidi
Diéu kién xdc dinh ciia phuong trinh la: x =2 # 0 & x # 2.
Bién déi phuong trinh vé dang:

el P _mesomns 20T oy
x—-2 x-2 x=2
4 2x -4 4 5
SX =-3x + =0x"-3x+2=0x"-x-2x+2=0

X -2
x—1=0

<:::>x(x—l)—2(x—1)=0<:>(x—l)(x~—2)=0<:>[
x—-2=0

x=1
o g :
[x = 2loai vi khong thoa man dieu kién

Vay, phuong trinh cé mét nghiém x = 1.

@& Nhdn xét:

1. Trong lgi giai trén, ching ta sw(dung phép quy déng cuc bo dé tir do
nhan dugc phuong trinh x*-3x+2 =0, va viéc dua phuong trinh nay vé
dang tich tuong d6i don gian.

2. Trong trudng hop chiing ta'khdng sie dung phitong phap quy démg cuc
bé thi sé nhan dudc:

x—2)+2x-1=3x(x—2)+3 o x’ - 2x*+2x-1=3x*-6x +3
Sx’—5x'+8x-4=0
Dé thay, viéc chuyén d6i phuong trinh nay vé dang tich khé khan hon
nhiéu so véi phuong trinh x* —3x + 2 = 0.
x -1 sl

Yidp 3: Giai phuong trinh: o Se———
X —5x+4

£ Gidi
Diéu kién x4c dinh clia phuong trinh la: x® - 5x + 4 2 0. (*)
Phuong trinh twong duong véi: x>’ - 1=0&o x =1 1.
Kiém tra diéu kién:
* Véix=1,tacé: 1°-5.1 +4=1-5+4=0, khong thoa man diéu kié&n (*).
* Véix=-1,tacé: 1°-5(=1)+4=1+5+4=10# 0, thoa man (*)
Vay, phuong trinh c6 mé6t nghiém x =— 1.

A -CDTDHDSS-T2-
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@ Nhan xét: Nhu vay, trong nhung trudng hop viée im ra duge diéu kién mot
cach cu thé la rat kho khan, chung ta sé lua chon theo hudng;
Buoc 1: Tim diéu kién xac dinh cua phuong trinh (va khong

giai).

Budc 2: Giai phuong trinh.
Buoc 3: Thi lai.
Buoc 4: Két luan vé nghiém cho phuong trinh.

Yidy 5: (Bai 31/tr 23 = Sgk): Giai cac plucong trinh sau:

. 1 B 3x" 2%
Dol Y=l P exe]
b. 2 - i = I )
(x=-Dx=2) x=-3IHx-=-1  (x=2)(x=3)
1 12
c. 1+ = .
x+2 EB+x
13 | 6
d. + = .
(x—=3)2x +7) 2X =+ 7 (x =3)(x +3)
£5 Gidi
a. Ditukién:x-1£0ex21.
| 2 2 . ]
Taco;: —— - X des x_ EBIRNBX £0+ 3x =2x(x = 1)

x~1 K-1 x +x+1

& =A% = X +4xml =0 rx(dxc+ ) anidx + 1) =0
_—

SEx+Dx-D=0e|" 4
x =1 (loar)

Vay, phuong trinh ¢6 1 nghiém.
b. Diéukién: x#1vax#2vax=3.
3 2 ]

Ta co: - + = =
x-Nix-2) K-3E~-1 E-2)x-3)
S3(x-3)+2(x-2)=(x - 1) < x =3 (loai).
Vay, phuong trinh v6 nghiém.
c. Dicukién:x+2#0 <& x#-2.
] 12

Taco: 1 + = 1v:::>8+>\:‘+I[x2--2)v(+4)=12
X +2 8+ x°

Xz

ex+x-2&xk=0x(x-Dx+2)=0 [x =1

g x =-2 (loai)
AR .
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Vay, phuong trinh c6 2 nghiém.
d. Diéukien: xX’'—3%0 o> x#+3vA2x+T 20> x = --;-.

, 13 Lo 6
(x=-3)2x+7) 2x +7 (x=3)x+3)

S 13x+3)+x*-3=612x +7)

oSxl+x-12=00x"+4x-3x-12=0

Ta cé

x=-4

X=3 (l:oai).

(x-—l—l) .
X

¢::>x(x+4)—3(x+4)=0©(x+4)(x-—3)=0@[

Vay, phuong trinh c6 1 nghiém.
Yidup 8 (Bai32/tr 23 — Sgk): Gidi cdc phuong trinh sau:

A (1+3)
a. —+2= ;+2 (x“+ 1). b. |x+1+—

X

X
£ Gidi
a. Diéukién: x #0.
1 1 ; t o1 % -
Taco: — +2=|—+2|(X°"+ 1) — +2=x|—4+2 |+ | —+2
X X X X \ X
; [x =0 (loai)
¢::>x2[—+2)=0®x+2x3=0@x(1+2x)=0@ 1
X B
L 2

Vay, phuong trinh c6 1 nghiém.
b. Diéu kién: x # 0.

/ l 2 1 2 l 2 1 2
Ta cé: x+l+—] =(x-—1——) <:::>(x+1+-—) —(x-—l——) =)
\ X X X X

3 1 1 1 1
= x+l+—-—x+1+—Ix+1+—-+x-l—-—] =0
\ X X X X

x=0 (loai)

\ X X=—1

(
. 2+£).2x =02x(2x+2)=0 [
Vay, phuong trinh c6 1 nghiém.

Vidg 73 (Bai 33/tr 23 — Sgk): Tim cdc gid tri ciia a sao cho méi biéu thir
sau ¢6 gid trj bdang 2.

3a—l+a—3 b 10_ 3a—1 TJa+ 2
Bﬁ 3a+1 a+3 "3 4a+12 6a+18°
;ﬂ -CDTD'HDS8-T2-
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25 Gidi
3a—-1 a-3

a. Theo yéu ciu dé bai, ta co: - =3, (1)
Ja+1 a+3

bicukién3a+ 120 a# —% via+3z0&az-3.
Taco: ()e>Ba-1)a+3)+(a=-3)3a+1)=23a+ 1)(a+3)

<:>6a3-—6=6a2+20a+6<:>20a=—l2<::>a=—%.

v 3 . 2 " k) - a ~ e
Vay, vii a = =g biéu thic thoa man dé bai.

b. Theo yéu ciu dé bhi,tacé:lg— L =32 (2)
3 4a+12 6a+18
Dicukiéna+3 20 a=-3.

Taco: (2)e=>40(a+3)—-3Ba-1)-2(7a+2)=24(a+3)

¢:>40a+120—9a+3—14a—4=24a+72<:>7a=47¢:>a=g.

. 47 + At # ] e Y Nt
Vay, véi a = 3 biéu thitc thoa man dé bai.

C.'BAI'TAP' LUYEN TAP

Bai 1: Giai cic phuong trinh:

Ix —
a. x+ . oo = —1. b. x+-l-=2.
1-x X
Bai 2: Giai cic phuong trinh:
" X _x=2 . x+3 /3 +x2—2_
x-2 x-3 A x+1 1-x°
_4 -
b 2x -4 X 3:1. 7] 2x+1 3 5
x-1 x-=2 x-3 x-2
Bai 3: Giai cic phuong trinh:
2x X x? I 6 8
H - = _ b -— + —
x=-1 x=-2 (x-1)(x-2) x+2 x-1 (x+2)}x-1)
. x+2qx+l_ 4 d k=1 %+l 'x-3
Cox+3 x-1 (x+3)(x-1) T BAd %=1 A=
Bai 4: Giai cic phuong trinh:
. 1 _ 3 2
T e+l ¥=2x+l 1-x*
X+ x—1 3
b. - = :
‘ 1 xP=x+1 x(x*+x*+1)
wied] &
LY.
36' TDHDSS-T2- 41
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Bai 5: Giai cdc phuong trinh:

X+ 1 I 2 2x =1 X 6x - 2
a. - = . b. + = ——
x-3 x-1 (x-I)}x-3) X=1 (x=I}x—-2) x-2
X X+3 Xx+4
c. x+ + +— = |,
X+2 X +5x+6 x*+6x+8
- -2
Bai6: Cho phuong trinh: > + X% =2
x =1 X+ |

a. Giai phuong trinh véi m = 2.

b. Giai phuong trinh véi m = 1.

c. Giai phuong trinh véim = — 2.

d. Tim m dé phuong trinh nhan x = 2 1am nghiém.

D. HUGNG DAN - PAP SO

=
>
I
i
=2
>
Il
w
%
>
I
|
oc
=
>
I
Hlw

B
>
|
o
o
>
I
|
o
=
]
|
L]
o
-
I
|
)

Bai 5:
b. x=0. c. x=0. d x=0.
Bai 6: diéu kién c6 nghia cho phuong trinh la x #+ 1.
Bién déi phuong trinh vé dang:
K=—m)x+ 1)+ X=X —-1)=2(x = 1)(x + 1) & (m +2)x =4 —m. (1)

I
a. Véim=2, phuong trinh (1) cé dang: 4x =2 < x = 5

I ;
Vay, véi m = 2 phuong trinh nhén x = % lam nghiém.

b. Véim =1, phuong trinh (1) c6 dang: 3x =3 & x = 1.
Vdiy, véi m = | phuong trinh nhan x = 1 lam nghiém.
c. V&im = -2, phuong trinh (1) c6 dang: Ox = 6, mau thuén.
Vay, v6i m = — 2 phuong trinh v6 nghiém.
d. D€ phuong trinh nhan x = 2 lam nghiém diéu kién la:
2(m~|:2)=4—m<:>3m=0<:>m=0.
Vay, vai m'= 0 thoa man diéu kién diu bai.

% 5; s

42 -CDTDHDS8-T2-
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cmiwie GIAI BAITOAN BANG CACH LAP PHUONG
TRINH

A. TOM TAT LI THUYET
bé giai bai todn bing cach lap phuong trinh, ta thue hién theo cic bude sau:
Buoc 1: Lap phuong trinh:
1. Chon an s6 va dat diéu kién thich hop cho 4n s6.
2. Bi¢u dién céc dai lugng chua biét theo an va cic dai luong da biét.
3. Lap phuong trinh biéu thi méi lién hé giira cic dai luong.
Buoc 2:  Giai phuong trinh.
Budc 3: Kiém tra xem trong cdc nghiém cua phuong trinh, nghiém nao
thoa man diéu kién cua an, nghiém nao khong, roi két luan.

B. PHUONG PHAP GIAI TOAN
Yhidg d: Mot phan s6 ¢6 tit s6 bé hon mauw sé6-la 11. Néu tang tie sé'lén 3 don
. 9 i A A’ . . 5 - - -’ - 3 5
vi va giam mau s6 di 4-don Vi thi duwoc mot phdan so bang 7 Tim

phdn s6 ban dau.

&5 Gidi
Goi x la tir s6 cua phan sé phai tina, diéujkién! X _tasd nguyén.
Theo gia thiét:

* Phan s6 c6 tir s6 (bé hon' mdu'sd lactd-nénimau $6 bang x + 11, suy ra

phan s6 c6 dang: .
x+11
= Khi tang tir s6 1én 3 don vi va giam mau s6 di 4 don vi thi dugc mot

phan sé bang % nén:

xz=T
X432 D et d L3 B sttt T

_—_— = L
(x+11)-4 4 X+7
<& 4x-3x =21 - 12 & x =9, thoa man diéu kién.

. . 9
Vay, phan s6 can tim bang S

@ Nhan xét:
1. Bai toan trén yéu cdu tim ra phén s6, xong thuc chat la di tim ti s6 (hodc
mau s6) ca phéan s6 d6, do d6 chiing ta thiét lap an s6 x cho tir s6.
Néu bai toan yéu cdu tim hai hay nhiéu gia tri thi ching ta can lua
chop™@n dé gan cho gid tr7 thudn loi nhat (tuy nhién trong nhiéu
' hop chung c6 vai tro nhu nhau).

tJ
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Vidw 2: (Bai 34/tr 25 — Sgk): Mdu s6 cua mét phdn s6'lom hon tie s6 ctia né
la 3 don vi. Néu tang cd tr va mau ctia né thém 2 don vi thi dicoe

phdn s6 moi bang 5 Tim phdn s6 bun ddau.
£ Gidi
Dat x 12 tir s6 cuia phan s6 phai tim (x € Z vax # -3)

Khi dé, phan sé phai tim la:

Xx+3
Theo dé bai ta c6 phuong trinh:
BHE b e oina B 4 5w nd ok
X+3+2 2

Vay, phan s6 phai tim la :l‘.—

Yidg 3t (Bdi todn ¢d): Hoi ¢6 bao nhiéu ga, bao nhiéu ché, biét:
Vira ga vita cho
Bo laicho tron
Ba nuroi sdu con
Mot ticam chan chan.
£S5 Gidi
Ta c6 thé lua chon méttrong hai cachisa
Cach I: Ta lan lugt thuc hién:
Goi x 1a s6 ga, diéu kién'x1a s6 nguyén duong nho hon 36.
Theo gia thiét:
* Téng s6 ga va ché 12 " Ba muor sdu con "' nén s6 ché bang 36 — x.
* T6ng s6 chan cla ga va cua ché 12 " Mot trdm chdn chdn " ném:
2x +4(36 = x) =100 & 2x + 144 - 4x = 100
& -2x =100 - 144 & x =22, thoa man diéu kién.
Vay, s6 ga bang 22 con va s6 ché bang 36 - 22 = 14 con.
Cdch 2: Ta 14n luot thuc hién:
Goi x 1a s6 chd, diéu kién x 12 s6 nguyén duong nho hon 36.
Theo gia thiét:
* Té8ng s6 ga va ché 1a "Ba muoi sdu con" nén s6 ga bang 36 —x..
* Téng s6 chan cla ga va cta ché 1a " Mot tram chdn chdn "' ném:
4x +2(36 - x) =100 <> 4x + 72 - 2x = 100
<> 2x=100-72 < x = 14, thoa man diéu kién.
Vay, s6 ché bang 14 con va s6 ga bang 36 — 14 = 22 con.

P Nhdn xét: Trong hai cach giai cua bai toan trén, chung ta da tuén tha du
ﬁm 3 budc can thuc hién khi giai bai toan bdng cach lap phuong
4

3 trinh, cu thé:
R [
443~ -CDTDFDS’-T2-
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I. Bai toan yéu cau tim s6 ga va s0 cho, do vay co thé lua

chon s6 ga hoac s6 cho la an:

* Trong cach 1 ta chon x la s& ga va thiét lap diéu kién
xe N’ va x < 36,

= Tiép do, ta dién dat dai luong chua bict 1a s6 ché bang
36 - x.

= Cudi cung, ta thiét lap dugc phuong trinh biéu thi méi
lién hé gitra cac dai luong (la x va 36 — x) thong qua gia
thiét tong s6 chan bang 100.

Giai phuong trinh nhan dugc trong budc 1, ta dugc x = 22.

3. Vi gia tri x = 22 thoa man diéu kién dugc thiét lap trong
budc 1, tir do ta suy ra s6 cho va két luan nghiém cho bai
toan.

Yidwy 4z /Hiéu hai s6 hang 8, s6 nay gdp doi sé kia. Tim hai 56 d6.
&S Gidi
Goi x la so thu nhat trong hai sé da cho.
Theo gia thiet:
* S6 thi hai gap doi lan s6 thit nhidt nén né bang 2x.
* Hiéu hai so6 bang 8 nén: x — 2x =8 (1)
hoac 2x - x = 8. 2)
Giai (1), ta duoc x = — 8, khi dd s6.¢con lai bang. — 16.
Giai (2), ta duoc x = 8, khi do s6 con lai bang 16.
Vay, ¢6 hai cap s6 thoa man diéu kiéndau bai la, — 8 va — 16 hoac 8 va 16.

@ Nhdn xét: Vi du trén chothay; cé-thécé-Thoic nhiéu phuong trinh bidu
thi mo6i lién hé gitra cac dai luong — Piéu nay nhic nho cic
em hoc sinh can c6 dugc cai nhin téng quan dé chi ra duoc
ddy du cdc truong hop.

Yidwy 5: (Bai 37/tr 30 — Sgk): Lic 6 gid, mot xe mdy khoi hanh tir A dén B.
Sau dé 1 gid, mér 616 ciing xudt phdt tir A dén B voi vdn t6c¢ trung
binh lon hon van toc trung binh cua xe mdy 20km/h. Ca hai xe dén
B dong thoi vao liuc 9 gio 30 phut cung ngay. Tinh dé dai qudng
duwong AB va van téc trung binh ctia xe may.

£ Gidi

Goi x la do dai quang duong AB (x > 0, don vi: km)

I~

Do dé, van téc cua xe may la % (km/h).

'

Van t6c xe 6t6 16n hon van t6¢ xe may la 20km/h.

Vayta €8 phuong trinh: —— - =20 & x = 175 (thod ma
a lfp] gtri 3535 (thoa man)
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Vay, quang duong AB dai 175km.

Yidp 6: (Bai 46/tr 31 — Sgk): Mot ngwoi lai 6t6 die dinh di tir A dén B voi
van toc 48km/h. Nhung sau khi di duoc mét gior vai van toc davy, oté
bi tau hod chdin dwong trong 10 phit. Do dé, dé kip dén B ding
thoi gian dw dinh, nguoi dé phdi tang van téc thém 6km/h. Tinh
quang duong AB.

LS Gidi

Goi x 1a do dai quang duong AB (x > 48; don vi: km).
Suy ra, thoi gian du dinh di 1a -&% (gio).

Sau khi di duge 1 gio véi van téc 48km/h thi quang duong AB con lai la

(x —48) (km).
Van téc 616 sau khi bi chin dudng 1a: 48 + 6 = 54 (km/h)
Thoi gian di hét quang duong con lai la: 348 (gio)
x=48 1

Theo dé bai, ta cé phuong trinh: ZXE =+ + +— <X = 120 (thod min)

54
Viy, quang dudong AB dai 120 km.

Vidyp 7: (Bai 47/tr 32 — Sgk): HaAn giti vao quy tiét kiém x nghin démg voi
ldi sudt moi thing la a% (a la mgt s6 cho trudce) va ldi sudit nay
duoc tinh gép a6 e cho thing sau.

a. Hdy viét biéu thitc biéu thi:

s S6 tiénldi'sau thang thid' nhat.
" S6 tién (cd-goc-tanidiycédwoesuu thdng thir nhdt.
» Tong sé'tién ldi ¢ duoc sau thang thit hai.

b. Néu ldi suat la 1,2% (tie la a = 1,2) va sau 2 thang téng s tién
lai la 48,288 nghin dong, thi liuc dau ba An giti bao nhiéut tién
tiét kiém.

£S5 Gidi

a. S6 tién 1ai sau mot thang giri vaéi 1ai suat a% cua s6 tién gui X nghin déng

la ax.

S6 tién c6 duge (ca goc 14n 13i) sau thang thi nhat la:
x + ax = x(1 + a) (nghin dong)
S6 tién 13i sau thang thit hai 1a: ax + ax(1 + a) = x(a* + 2a) (nghin déng)

b. Thay a= 1,2 va s tién 1ai sau 2 thang bang 48,288 nghin déng, ta durcyc

x( s + o ) = 48,288
1000000 1000
S X= 2000 (nghm déng) hay x = 2 000 000 déng.
B éu ba An gui tiét kiém la 2 triéu dong.
A -CDTDHDSA-T2.
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YiduB: Tonghai s6 bang 72, hiéu cria chiing bang 6. Tim hai s6 do.
&5 (i
Goi x la s0 16n trong hai s6 da cho, diéu kién 6 < x <72,
Theo gia thiét:
= Tong hai s6 bang 72 nén s6 nho bang 72 - x.
= Hicuhaisobang 6nén: x = (712 -x)=6 = 2x-72=6 < 2x=6+72
<> 2x =78 & x =39, thoa man diéu kién.
Viy, 50 ldn bang 39 va s6 nho biang 72 - 39 = 33.
@ Chi y:  Trong 10i giai bai toan trén, néu chung ta khong phan biét so
|6n va s6 nho thi can phai lap hai phuong trinh dang;:
X—(72—x)=6 hodc (72 —x) —x=6.
Yidy9: (Bai 40/tr 31 — Sgk): Nam nay, tuéi me gdap 3 lan tuéi Phicony.
Phicong tinh rang 13 ndm nita thi tuoi me chi con gdp 2 lan tuéi
Plucong thoi. Hoi nam nay Phiong bao nhiéu tuoi?
&5 Giai
Goi x la tuoi cua Phuong hién nay (x>0, don vi: tuodi)
Do do, tuoi ciia me Phuong 1a 3x-(1u6i)
Muoi ba nam sau thi:
* Tuéi ctia Phuong la: X + 137 (tuoi).
*  Tugi ctia me Phuong la; 3x,+ 13 (tudi).
Theo dé bii ta c6 phuong trinh 3x + 13 = 2(x + 13) <> x = 13 (thoa man)
Vay, nam nay Phuong 13 tudi
Yidwp 10: (Bai 35/tr 25 — Sgk): Hoc ki mét, sé hoc sinh gioi ctia lop 8A bany
% 56 hoc sinh cd lop. Sung hoc ki hai, ¢6 thém 3 ban phan dau tro
thanh hoc sinh gioi nita, do dé sé hoc sinh gioi bang 20% s6 hoc
sinh cd lop. Hoi lop 8A ¢6 bao nhiéu hoc sinh?
&5 Giai
Goi x 1a s0 hoc sinh cua 16p 8A (a > 0, don vi: hoc sinh).
« S hoc sinh gioi ctia 16p 8A & hoc ki I 1a % (hoc sinh)

= SG hoc sinh gioi cia 16p 8A & hoc ki I1 1a % + 3 (hoc sinh)
Theo dé bai thi s6 hoc sinh gioi hoc ki I bang 20% s6 hoc sinh ca 16p,
X320 %

nghia la: —— = = (hoc sinh
g 100 5 (he )

Ta c6, phitong trinh: ~ + 3= > & 5x + 120 = 8x < x = 40 (thod man)
@l BA c6 40 hoc sinh.
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Yidg 11z (Badi todn 6 Hi Lap):
- Thita Py-ta-go 1éi lac, trudmg cia ngeoi ¢é bao nhiéu mon de?
Nha hién triét trd loi:
- Hién nay, mét nita dang hoc Todn, mét phan tw dang hoc nhac,
mot phan bdy ngéi yén suy nghi. Ngoai ra coén ¢é ba phu nit.
Hoi trieong Dai hoc ciia Py - ta — go ¢6 bao nhiéu nguoi ?
£ Gidi
Goi x 1a s6 ngudi trong tnrong Pai hoc ctia Py - ta - go, diéu kién x € N'. Vi:

® M6t nira dang hoc Toén, tic 1a cé %
* Mot phan tu dang hoc Nhac, tirc 1a c6 %

= Mot phin bay ngéi yén suy nghi, tic 1a cé %

= Téng s6 nhilng ngudi hoc Toan, Nhac, ngéi yén suy nghi va ba phu nir
bang s6 moén dé cia trudng nén:

i+§+%+3=x<:>]4x+7x+4x+3.28=28x

2
<> 25x + 84 =28x & 3x =84 & x =28, thoa man diéu kién.
Vay, truong Dai hoc clia Py - ta — go ¢6 28, ngudi.

Yi dp 12: (Bai 36/tr 26 — Sgk): Bai todn noi vé cudc doi cua nha todn hoc
Di—6—phdng)ldy trong Hop tuyén HiLap, cuén siach gém 46 bai
todn vé s6, viét dudi dang tha t:ao phing.

Thoi tho du cua Di-6-phdng chiém —;— cude doi

% cudc doi tiép theo la théi thanh nién séi néi

Thém % cugc doi nita éng séng déc than.

Sau khi lap gia dinh dwoc S nam thi sinh mét con trai

Nhimg s6 ménh chi cho con séng bdng nita doi cha

6:13 da ur tran 4 ndam sau khi con éng mdt
Di—6-phdng séng bao nhiéu tuéi, hdy tinh cho ra ?

& Gidi
Goi x 12 tudi cia Di—6—phang (x > 0, don vi: tuéi). Ta cé:
* Thi tho 4u Ia -2 (tudi).

pB¢
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® Thoi thanh nién la % (tudi).
=  Thoi ki doc than sau tudi thanh nién Ia ;' (tubi).

®* Tudi ciia con Di—6—phang cho dén khi chét 1a %(mcii).

Tir d6, ta ¢6 phuong trinh:
%+ ]—"2- P g 32‘- +4=x ¢ 14x + Tx + 12x + 42x + 756 = 84x
& 75x + 756 = 84x < x = 84 (thoa man)

Vay, Di—6-phing tho 84 tudi.

Vi dgp 13: (Bai 41/tr 31 — Sgk): M6t 56 tw nhién ¢6 hai chit s6. Chit s6 hang
don vi gap hai lan chit s6 hang chuc. Néu thém chit s6 1 vao giita
hai chit s6 dy thi dwoc mét s6 méi lom hon s6 ban dau la 370. Tim
86 ban dau.

&S Gidi
Goi x la chit s6 hang chuc (0 < x|< 9, x € N).
Khi dé, chir s6 hang don vi 1a 2x. Khi xen chit s6 1 vao gitra hai chit s6 thi

x la chir s6 hang tram va 2x la chit s6 hang don vi.

Nhu vay:
= S6 ban dau la 10x '+ 2x
= Somdila 100x + 10:T+2x
Theo dé bai ta c6 phuong trinh:
100x + 10 + 2x — (10x + 2x) = 370 &< 90x = 360 < x = 4 (thoa man).
Vay, s6 cin tim la 48.

Vi dyp 14z (Bai 42/tr 31 — Sgk): Tim $6 ne nhién ¢é hai chit sé, biét rang néu
viét thém mot chit s6 2 vao bén trdi va mét chit s6 2 vao bén phdi
$6 dé thi ta duoc mot s6'lom gap 153 ldn sé6 ban dau.

£ Gidi

Goi ab 1a s6 c6 hai chit s6 cn tim.
Khi thém mot chit s6 2 vao bén trai va moét chir s6 2 vao bén phai cua ab

thi ta c6 s6 méi la: 2ab2 =2.1000 + a.100 + b.10 + 2.

Theo dé bai ta c6 phuong trinh:
2ab2,_= 153.ab <> 2000 + 10.ab +2 = 153.ab
143 ab = 2002 <> ab = 14 (thoa man)
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Vi dy 15z (Bai 43/tr 31 — Sgk): Tim phan s6 ¢6 dong thoi cdc tinh ¢hat sau:
a. Tu s6 ciia phdn s6'la s6 te nhién ¢6 mét chit so.
b. Hiéu giita it s6' va mau s6 bang 4.
c. Néu gilt nguyén tir 6 va viét thém vdo bén phdi cia mau sé mor chiv
s6 dung bang it s6'thi ta duoc mot phdan s6 maér bang phan sé -5
£S5 Gidi
Goi x 1a tir s6 cta phan s6 ban ddu (x < 10, x € N)

Suy ra, phan s6 ban dau la:

x —4
Khi viét thém chit s6 bang tir s6 Iic dau vao bén phai thi gid tri cia méu so
sé 1a 10(x — 4) + x.
Theo dé bai ta cé phuong trinh:
E =l<:>5x=llx~40<:>6x=40<:>x=g-q(lloai).
10(x-4)+4 5 3
Vay, khong c6 phin s6 nao thoa man diéu kién dé bai.

C. BAI TAP LUYEN TAP

Bai 1: Cho phan s6 % {Timi Imot (s6-sao cho'néu 14y tlr cong vai s6 d6, lldy mau tnr

di s6 d6 thi phan s6 mdi co gia tri bang % :

Bai2: Téng hai s6 bing 90, hiéu clia ching béing 72. Tim hai s6 dé.
Bai 3: Téng hai s6 bing 33, s6 nay gap doi s6 kia. Tim hai s6 d6.
Bai 4: Hiéu hai s6 bang 9, s6 nay gap d6i s6 kia. Tim hai s6 dé.

Bai 5: Hiéu hai s6 bing 4, ti s6 giira chiing bing % . Tim hai s6 dé.

Bai 6: Mot phan s6 c6 tir s6 bé hon mau s6 1a 11. Néu ting tir s6 l1én 3 don vj va
giam mu s6 di 5 don vi thi dugc mot phan s6 bing % . Tim phan s6 ban daw.

Bai 7: Co hai ngan sich, trong do s6 sich ¢ ngan I gdp ba sé sach & ngan II. Sau khi
chuyén 20 cuén sich tir ngin I sang ngan II thi sé sdach & ngan II bing —:;sdi sach ¢
ngan I. Tinh s6 sdch & méi ngan lic dau.

Bai 8: Ba khoi hoc sinh 6, 7, 8 di tham.quan. S8 hoc sinh khéi 6 bang —g- éng s6. S6

hoc sinh khcu,] bing }— s6 hoc sinh khéi 6. S6 hoc sinh khéi 8 la 135 n.gudi. Tinh

ﬁ ﬁgjﬂh di tham quan.
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Bai 9: Me 37 tuéi. con 7 tudi. Sau may nam nira thi tudi me gap ba tudi con ?

Bai 10: Tim mét so tu nhién biét rang néu viét thém mot chir s6 4 vio cuoi cua s6 do
thi s6 ay tang thém 1219 don vi.

Bai 11: Hai 16p 8A va 8B co6 tong cong 94 hoc sinh. Biét raing 25% s6 hoc sinh 8A
dat loai gioi, 20% so hoc sinh 8B dat loai gioi va tong s6 hoc sinh gioi cia hai lop la
21 hoc sinh. Tinh so hoc sinh cua méi 16p.

Bai 12: Hai nguai cung khoi hanh mét lic tr A dé dén B, duong dai 60km. Van t6c
nguoi tha nhit 1a 12km/h, van téc nguoi thir hai 1a 15km/h. Hoi sau hic khai hanh bao
lau thi nguai thir nhat cach B moét quang duong gap doi khoang cach tir ngudi thit hai
dén B?

Bai 13: Mot nguoi di tir A dé dén B, van téc 30km/h. Lic tir B vé A, nguai dé di véi
van toc 40km/h, do do6 thoi gian vé it hon thai gian di 14 45 phat. Tinh quiing duong
AB.

Bai 14: Duong song tir thanh ph6 A dén thanh phé B ngan hon dudng bo 10km. Dé
di tir A dén B, mot ca né di hét 3 gig 20 phit, moét 6 to di hét 2 gio. Biét van téc cua
ca nd kém van téce cua 6 té6 1a 17km/h, tinh vin téc cha cand.

Bai 15: Mot ca no tuan tra di xuoéi tir A dén B hét 1 gio 20 phiit va nguoc dong tir B
vé A hét 2gio. Biét van toc dong nudce la 3 km/h. Tinh vin téc riéng cua ca no.

Bai 16: Hai nguoi cung di mét luc tir A dé dén B, duong dai 120km. Ngudi thit nhat
di vOi van toc khong doi trén ca quiang duong. Nguoi thit hai di trén nira ddu cuia
quiing duong vai van toc 16n hon van toc clla nguoi tha nhat 1a 10km/h, di trén nira
sau cla quang duong vai van toc kém Van téc nguoi thir nhit 1a 6km/h. Biét rang hai
nguoi dén B cung mot liic, tinh van téc cua ngudi thir nhat.

Bai 17: Nguvi ta pha 3 kg nuéc néng & nhiét do 90°C véi 2 kg nuéc lanh & nhiét do
20°. Hoi nhiét do nudce sau khi'pha‘la bao nhiéu?

Bai 18: Cho 200 gam dung dich cé néng d6 mugi 1a 10%. Phai pha thém vio dung
dich dé bao nhiéu gam nudc 'dé dung dich 1ic’'sau'cé noéhg do mubi 1a 8% ?

Bai 19: 200g dung dich chita-50g-muéi-Ean-pha-thém-bao nhiéu gam nuéc dé duoc
mot dung dich chita 10% muéi ?

Bai 20: Nam ngodi t6ng s6 dan cua hai tinh A va B 1a 4 triéu. Dan s6 tinh A nam nay
tang 1,2%, con tinh B tang 1,1%. Téng s6 dan hai tinh nim nay la 4045000 nguai. Tinh
s6 dan mo1 tinh ndm ngodi v nim nay.

D. HUONG DAN - PAP SO
Bai 1: Goi x la s6 can tim.

Khi do, ta co6:
23+ X 3
== &523+x)=3201 —x)<=>8x =488 =>x=61.
20l-x 5

Vay, s6 c4n tim bang 81.
Bai 2: Goiso lon la x.
Tir gia thiét:
*  Téng hai s6 bang 90, suy ra s6 nhé la 90 — x.
*  Hiéu cia ching bang 72, suy ra:
X=(0-=x)=72=x-N+x=722x=162 & x =8l.
180 cintim la 81 va 9.
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Bai 3: Gois6 lén lax.
Tir gia thiét:
»  Téng hai s6 bang 33, suy ra s6 nho 1a 33 - x.
= S6 nay gap doi s6 kia, suy ra:
x=233-x)>x=66—-2x=>3x =66 & x =22
VAay, haisé cAntim 1a22 va 11.
Baid: Goisolén lax.
Tir gia thiét:
* Hiéu hai s6 bing 9, suy ra s6 nho 1a x — 9.
s S6 nay gap doi s6 kia, suy ra:
X=2x=-9)=ox=2x—-18=x=18.
Viy, hai s6 c4n tim ]a 18 va 9.
BaiS: Goisdlon lax.
Tir gia thiét:
* Hiéu hai s6 biing 4, suy ra s6 nho 1A x — 4.
* Tisé giita chiing bang -32-, suy ra:

X
x—4
Viy, hai s6 cAn tim 12 12 va 8.
Bai6: Goitrsdlax.
Tir gia thiét:
* Tis6 bé hon miu salainl; suymmﬂusdléx'+ll.
Va khi dé phén 56 cé dang +“

* Néu tang tir s6 1én 3 don-vi-va-giam-méiu-s6-di-5 don vi thi duoc mét phan s6

=% &2 =RED I 2x =3RS x=12,

bing %. suy ra:

X+3 2 X+3

(x+1)-5 3 X+6
S3x+3)=2(x+6)=>3x+9=2x+ 12> x=3.

Vay, phan s6 cin tim 1 %.

Bai 7: Goi s6 sich trong ngan thit T la x.
Tir gia thiét:
* S6 sich & ngan I gap ba s6 sdch & ngan I1, suy ra né c6 3x cubn.
*  Sau khi chuyén 20 cuén sich tir ngan I sang ngan IT thi
S6 sdch & ngan I con 3x — 20 cuén
S6 sach o ngén IT 1a x + 20 cuén
Khi dé, ta cé:

"
3

x+2(]-—(3x 20) = 7x+140 = 15x — 100 < 8x = 240 < x = 30.
g sﬂh & ngan thit I bang 90 cuén va s6 sidch & ngan thit I bing 30 cubn.
A -CDTDHDSS8-T2-
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Bai 8: Goi x la téng s6 hoc sinh di tham quan.
Tir gidh thiét:

. T 2
= S8 hoc sinh khéi 6 bang Ex = _Si
=  S6 hoc sinh khéi 7 bang }-—2-1{- = 3_x
' 4 5 10
Khi dé, ta cé:
2x Ax

e

ey + 135 =x ©4x +3x + 1350 = 10x < 3x = 1350 < x =450 nguon.

Vay, téng s6 hoc sinh di tham quan la 450 nguoi.
Bai 9: Goi x la s6 nam cén thiét.
Sau x nam thi:
Tuéi cia me bang 37 + x.
Tudi cia con bang 7 + x.
Khidé,taco:37 +x=3(7T+x) =& 2x=16=>x=8
Vay, sau 8 nam thi tudi me gap ba tudi con.
Bai 10: Goi x lasé can tim.
Tir gia thiét:

Khi viét thém mét chit s6 4 vao cudicia s do, ta duoc s6 mdi ¢ gid tri bang
10x + 4.

Khido,taco: 10x +4 =x + 1219 &9x=1215 & x = 135.
Vay, s6 cin tim 1a 135.
Bai 11: Goi x la s6 hoc sinh lo6p 8A.
Tir gia thiét:
]

Hai 16p 8A va 8B c6 téng cong 94 hoc sinh, suy ra 16p 8B c6 94 — x hoc sinh.

®  25% s6 hoc sinh 8A dat loai gioi bang 1—35— = %:- hoc sinh.

= 30% 6 hoc sinh 8B dat loai gidi bing 20(?30"‘) . 945”‘ hoc sinh,

Khi do, ta co: ii + 94;x =2l ©5x+494-x)=4200=>x=4.
Vay, 16p 8A c6 44 hoc sinh va lgp 8B cé 50 hoc sinh.

Bai 12: Goi x gid 1a s8 thoi gian cin thiét.
Sau x gio, ta co:

Ngudi thir nhat di dugc mét quang duong la 12x, khi d6é sé con cach B mét
doan bang 60 - 12x.

Nguoi thir hai di dugc mét quang duong la 15x, khi dé s€ con cich B mét
doan bing 60 - 15x.

Khido, tacé: 60 - 12x = 2(60 - 15x) & 18x =60 &> x = L = 3% = 3 gi0 20 phit.

Vay, W gio 20 phit thi nguoi thir nhit cich B mét quang duong gap doi
khoanggs

ty ngudi thir hai dén B
Aém)ss-rz-
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Bai 13: Goi x la d6 dai quang duong AB.

Tir gia thiét:
*»  Nguai dé di tir A dén B hét 3"5 gio.

»  Nguoi dé di tir B vé A hét — gid.
40

Khi do, ta co:
._.)..(_ = i = 52 c}i = i = 1_5_ S —3Ix=90 = x=90.
30 40 60 3 4 2

Vay, quing dudmg AB dai 90km.

Bai 14: Goi van téc cia cané la x km/h.

Tir gia thiét: _

n— " - . I 10x
* Do dai dudong song tir A dén B bang x. 33— -
=  Van t6c 6t6 bang x + 17.
= Do dai duong bo tir A dén B bang 2(x + 17).

Khidoé,taco: 2(x + 17) — IOTX =26(x+17)-10x=64x=96 <> x=24.

Viy, van téc cua cand la 24km/h.

Bai 15: Goi vén toc riéng ciua cand la x km/h:

Tir gia thiét:

=  Van t6c khi di cia cané khi di xuéi dong bang x + 3.

= Van t6c khi di cia can6 khi‘di nguoc dong bang x — 3.

Khi d6, ta co: %(x + 3)=2(x = 3)HxbIN=6xm3) ©2x=30 = x = 15.

Vay, vén t6c riéng cia cand la 15km/h.

Bai 16: Goi van t6c cia nguoi thic nhat 1a x km/h.

Tir gia thiét:
b ot "— - . s .
=  Thoi gian dé di tir A dén B ciia nguoi thi nhat bang — .
X
* Trén nira diu cua quang duong ngudi thit hai di véi van téc x + 10, do d6 thoi
. 60
ian di ban
5 - x+10
® Trén nira sau cua quang dudng ngudi thit hai di véi van téc x — 6, do dé thoi gian
di bang i :
Xx—6
"
Khi do, ta c6: il + ik =]20<:::> : + ] =—
x+10 x-6 - 4 x+10 x-6 «x

S X(XxX=6)+x(x+10)=2(x+ 10)(x —6)
S4x=8x-120=4x =120 < x = 30.
Vay, nzthfr nhat di v&i van téc 30km/h.

A -CDTDHDSK-T?2 .-
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Bai doc thém
PHUGNG TRINH CO HE sO CHU

A. TOM TAT Li THUYET

1. DPAT VANDE

Chiing ta sé bat dau voi viée giai phuong trinh: ax -8 =0 < ax =8 < x = —.
a

Vay, phuong trinh co nghiém x = —.
a

& Nhan xét: Tathay ngay:
1. Véi a=1thiloigiai trén la diung,
8 ) 5
2. Vdia=0thi — khoéng xac dinh do dé lai giai trén la sai.
a
Nhu vay, khi giai phuong trinh c6 hé s6 chi, ta can cha y dén cac truong hop
bang 0 va khac 0 cua hé s6 cua x, do-dwac goi la " Giai va bién ludn phuong trinh
theo tham s6™". Dé tién theo doi, triiéc khi trinh bay bai toan tong quat chung ta
di giai va bién luan lai phuong trinfrax =8 = 0 nhu sau:

Bién doi phuong trinh vé dang: ax = 8. *)
Ta xét hai truong hop:

Truong hop 1. Néu a 5,0 thi (¥):¢» 0x 5,8, mau thuan = phuong trinh v6
nghiém.

Truong hop 2 Néua#0thi (*) & x = 8 , phuong trinh ¢6 nghiém duy nhat.
a

2. GIAI VA BIEN LUAN PHUONG TRINH BAC NHAT MOT AN
Bai toan: Giai va bién luan phuong trinh ax + b = 0.
PHUONG PHAP CHUNG
Viét lai phuong trinh dudi dang: ax = —b. (1
Ta xét hai truong hop:
Tricong hop 1: Néu a = 0.
(Ne0=-besb=0.
Viy. ta dugc:
e Néu b =0, phuong trinh nghiém ding véi moi xe R.
e Néu b # 0, phuong trinh v6 nghiém.
v Truong hop 2: Néu a # 0.

6 — —, titc la phuong trinh c6 nghiém duy nhat.
Agm)sx 72 55
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Két luan:

: b
- Vi a # 0, phuong trinh c6 nghiém duy nhatx = — —.
a

- Véia=b=0, phuong trinh nghi¢ém ding véi moi x.
- Véia=0vab 0, phuong trinh v6 nghiém.
Vidu L: Gidi va bién ludn phuong trinh: m*x + 6 =4x + 3m.
£ Gidi
Viét lai phuong trinh duéi dang: (m*—4)x =3m - 6. (1)
Truong hop 1: Neum* -4 =0< m = 12
e Véim=2taduoc: (1) = 0.x=0.
Vay, phuong trinh nghiém ding v&i moi x.
e Véim= -2, tadugc: (1) = 0x=-12.
Vay, phuong trinh vé nghiém.
Truong hop 2: Num’ -4 #0c>m#2vam# -2

D& x= ’
(1) m+2

Két luan:

- Véim=t 2, phuong trinh cé'nghiém duy nhét x =

m+ 2
- Véim =2, phuong trinh nghiém ding véi moi x.
- Voim = -2, phuong trinh v6 nghiém.

@ Nhdn xét: Trong thi'du trén, 'ta' th4y tn tai'ddy di cac khd ning dugc
minh hoa trong bai toan t8ng quat, tuy nhién sé tén tai
nhing bai toan la mét trudng hgp dic biét:

* He sd a # 0 v&i moi gia tri cua tham s6, khi d6 ta két luan
ngay tinh duy nh4t nghiém cua phuong trinh.
* Hé s6 a = 0 v3i moi gia tri cia tham s6, khi d6 ta bién

luan cho b.
Vidu 2: Gidi va bién ludn phuong trinh: m’x + 1 =m - x.
£ Gidi
Viét lai phuong trinh duéi dang: (m?>+ 1)x=m - 1. (1)

Tacé: m*+1#0, véi moi m.
Do d6: (1) & x = 2=

m?+1

m -1

m? +1

va bién ludn phuong trinh: m(x +3)=m(x +4) + 6.

Vdy, phuong trinh luén cé nghiém duy nhét x =
A | -CDTDHDSS8-T2-
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£5 Gidi
Viét lai phuong trinh dudi dang:
mx+3m=mx+4dm+6 o mx-mx=4m-3m+6

om+6=0&Sm= —6.
Két luan:
- Vaéim= -6, phuong trinh nhan moi x lam nghiém.

- Véim=# -6, phuong trinh v6 nghiém.

@ Chii y: Trong trudng hop bai toan c6 nhiu tham s6 chiing ta cin khéo 1éo
bién luan theo cac tham s6 ¢6 d& vét can dudc cac trudng hap.

Vidy 4: Gidi va bién ludn phuong trinh: zi: + ;:: = % Ebi’- : (1)
& Gidi
b-a#0
biéu kién xdc dinh cia phuong trinh la:<b+a#0 <& a#tb.
a’ -b? %0

Viét lai phuong trinh duéi dang:

—(a + b)(x + a) +/(a; b)(x —a) = 2-¢> =bx-=a’ + 1.
Khi dé:
* Vi b =0, phuong trinh' vé nghiém.

a’ +1

* Véib 0, phuong trinh c6 nghiém x = - m

Két luan:
- Vi b =0 hoac a = + b, phuong trinh v6 nghiém.

a? +1

- Vaib#0hoac a# * b, phuong trinh c6 nghiém duy nhét x =—

@ Chii y;, Thong thudng, khi thuc hién bai toan trén cac em hoc sinh hay
méc phai 16i ngd nh4n ring két luan la:
* Vdib =0, phuong trinh v6 nghiém.

aZ +1

* V§ib =0, phuong trinh c6 nghiém x = —

Hay nhd ring, viéc két luan cidn phai dugc két hgp vdi diéu
ién c6 nghia ctia phuong trinh.

"
Aépsalrz- 57
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B. LUYEN TAP

o s ; Y 2Xx+a a-2x 6a _
Yidwg 1z Giai va bién ludan phuong trinh: - s ; (1)
a—2 a+?2 a”- —4

£ Gidi
a-2=#0
Diéu kién xdc dinh cia phuong trinh 1a: a+220 & a#+2.
a’-4#0

Viét lai phuong trinh duéi dang:
2x+a)a+2)-(a-2x)(a-2)=06a
< 2ax+4x +a’+2a-a’+2a+2ax -4x =6a
&> 4ax + 4a = 6a < 4ax = 2a. (2)
Triuong hop 1: Néu a # 0
2a 1
(Z3ES % = A 3

Truong hop 2: Néu a =0.
(2) < 0.x = 0, phuong trinh nghiém ding véi mor x.
Két luan:

[ 1
- Véia#0vaa=#t2, phuong trinh c6 mot nghiém x = 5

- Véia =0, phuong trinh nghiém ding voi moi x.
- Véia =12, phuong trinh v6 nghiém.

Vidy 2: Gidi va bién ludn phuwong trinh: a’x = a(x +b) — b. (1)
£S Gidi
Viét lai phuong trinh duéi dang: a(a—1)x =b(a—-1). (2)

Truong hop 1: Néua(a—1)=0& [: _]0.
Véi a =0, ta duoc:
(2)=0x= -b.
e Véib =0, phuong trinh nghiém ding véi moi xeR.
e Vi b #0, phuong trinh vé nghiém.
Véia = 1, ta duoc:
(2) < 0x =0, phuong trinh nghiém ding véi moi xeR.
a#0

Trucong hz Néua(a-1)20«< { ;
B a#l
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b : ;
Khi do: (2) < x = —: phuong trinh c6 nghi¢ém duy nhat.
a

K¢t Tuan:
- Vaéia=b=0hoac a =1, phuong trinh nghi¢m diing véi moi xeR.
- Vaia=0vab =0, phuong trinh v6 nghiém.
; , b
- Vara#0vaa=# 1, phuong trinh c6 nghiém duy nhat x = —.
a
Yidy 3: Giai va bién luan phicong trinh:
(m-2)x>-C2m-1)x+m+1=0. (1)
£5 Gidi
Bi¢n d61 phuong trinh vé dang:
x =1

[(m—=2)x -m— 1](x l)-UQLm—Z)X:va] 2)
Ta di giai va bién luan (2).
Truong hop I: Néeum-2=0<m =2,
(2) < 0x = 3 mau thuan ={{(2) vé,nghiém.
Triuong hop2: Neum =220 m#2

1
(20 = /il ;
m-2
Két luan:
- Véim =2, phuong trinh ¢é nghiém duy nhat x = 1.
. Sk : ; + 1
- Vaéim # 2, phuong trinh ¢6 2 nghiém x =1 vax = = 5
m —_—

@ Nhdn xét: Bing viéc bién d6i phuong trinh ban dau vé dang tich ta da bién
luan dugc mét phu’dng trinh bac 2, tuy nhién sau nay ta c6 dugc
mét phuong phap tong quat hon dé giai va bién ludn mot

phuong trinh bac hai bat ky.
G G Ed ; .
Yidwg 42 Giai va bién luan phuwong trinh: o i | ml = 3 (1)
X +
£S5 Gidi
Diéu kién xdc dinh cia phuong trinh la: x + 1 20 & x #— 1.
Bién déi (1) vé dang: (m — 1)x =m + 4. (2)

Tricong hop I: Neum-1=0m=1.
(2) < 0 =5 méu thuin = phuong trinh vé nghiém.
Tricong hap 22Neum-1#0om=1.
m + 4

=1
A DHDSS-T2- 59
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m +4

Kiém tra diéu kién: x #— | & #—lc:»m;&-—}-—.
m -1 2

Két luan:

- Véim=1hoicm= —-%, phuong trinh v nghiém.

- Véim=#1 hodcm # —-;— , phuong trinh cé nghiém x = :
m -—

Yidw 8 Giai va bién ludn phuong trinh:
a " b a+b
ax—-1 bx-1 (a+bx-1

£ Gidi
ax—1#0 ax # 1
Diéu kién: {bx-1=0 S (bx #1
(a+b)x-120 (a+b)x=1
Viét lai phuong trinh duéi dang:
abx[(a + b)x — 2] =0.
Truong hop [: Néua=b=0.
Diéu kién (I) luon diing, khi dé:
(2) & 0x= 0, phuong trinh nghiém diing véi VxeR.
a=0

Truong hop 2: Néu:
TP {b;eo

Diéu kién (I) tr& thanh x # % khi dé:

(2) < 0x = 0, phuong trinh nghiém ding véi moi x # -ll;

#0
Truong hop 3: Néu: {a

Diéu kién (I) tro thanh x # . , khi dé:
a

(2) < Ox =0, phuong trinh nghiém ding véi Vx # l
a

. |la=#0
Truong hop 4: Néu: <>b=—-a=z0.
a+b=0

Diéu kién (I) tro thanh x # s vax # -l-l)—
a

m + 4

(1)

¢y

Iy ) < x =0, 1a nghiém duy nh4t ctia phuong trinh.
A -CDTDHDSE-T2-
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az0
Triuceny hop 5: Néu:<b#0
a+b=#0
I

‘ ~— - 1
bieukién (I) trothanh x # — vax# — vax #

a b a+b
x =0
(2) 2
x:.
a+b
¢ Nghiémx = 2b chi thoa man diéu kién khia # b.
a+

Két luan:
- Véi a=Db =0, phuong trinh nghiém ding v6i moi x.

- Véia=0vab #0, phuong trinh nghiém ding vé1 moi x # é— ;

: - " ]
- Véia#0vab =0, phuong trinh-nghiém ding vé1 moi x # —.
a

- Véaib=1a=#0, phuong trinh'cé nghiém duy nhét x = 0.

- Véiaz0,b#0,a+b=0,a=b, phuong trinh c6 nghiémx=0vax = 3
a-+

C."BAI'TAP LUYEN TAP

Bai 1: Giai vi bién luan ciac phuong trinh:

a. mi(x+1)=x+m. b. (m+ DX ~-m=2m+5)x +2.
Bai 2: Giai vi bién luan cac phuong trinh:

o 2.2y = <Al

2 a a+2 a-2

Bai 3: Giai vi bién luan ciac phuong trinh:

. S .. p  ax-l x+a _a’ +1

" a-1 a+l a’-1 " a+l 1-a a’-1’
Bai 4: Giai va bién luan cdc phuong trinh:

. x+a=£+_a_. b. x+a=2+x—b

b a b b a

Bai S:  Giai va bién luin cdc phuong trinh:

a. a(ax +2b%) — a’=b¥(x + a). x+a x-a_ 2

b. a(x -b)—1=b(1 - 2x). % bed Brd Pl
Bai 6: Giai va bién luin cac phuong trinh:

i}r 2 a(x2+l). . 1 a-1| a+i_
Afc: e o x? -1 x-a x+1 x-a x+lI
& ’u/

-CDTDHDS8-T2-
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Bai 7: Xiéc dinh m dé cic phuong trinh sau cé nghiém duy nhat

X-m x-2 x+1 X+2
a. = ’ b. = "
x+1 x=I x-1  x-m
Bai 8: Xdc dinh m dé cic phuong trinh sau c6 tap hop nghiém la R
a. m(m’x-1)=1-x ~ b, m¥(mx-1)=2m@2x + ).
Bai 9: Xic dinh m dé céc phuong trinh sau vé nghiém:
a. (m-Dx=4x+m+ 1. X-m x-2
2 € + =2,
b. mi(x —1)=2(mx -2). x-1  x+1

Bai 10: *Tim m dé€ phuong trinh: (x* - 1)(x + 3)(x + 5) =m
1 ]

. ; — ; I 1
c6 4 nghiém phan biét x,, X,, X3, X, thoa man diéu kién: —+ —+—+— = —[.
N X X X

Bai 11: *Giai va bién luan phuong trinh: x’ = 3x*+3(m + )x = (m + 1)’ =0

D. HUGNG DAN - PAP SO
Bai S.
c. Ditukiéna#+b.
Viét lai phuong trinh dudi dang:
a+b)(x+a)+(a-b)(x-a)=2S bx=a"+1
* Vi b=0, phuong trinh v6 nghiém.

=  Véi b # 0, phuong trinh c6 nghiém x = B :
Bai 7.
b. Diéukiénx # 1 vax #m.
Viét lai phuong trinh duéi dang: mx = 2-m. (2)
Do dé6 (1) c6 nghiém duy nhat
[
m # 0 ?*0 m #0
ey sRE] 20 _m;tl &S imzl < me|-2,0,1).
m
X#m . . m’+m-220
Fm
m

Viy véi me {-2,0,1} phuong trinh (1) c6 nghiém duy nhat.
Bai 8.
a. Viét lai phuong trinh duéi dang: (m'+ I)x =m + 1. (2)

m+1=0

BG: — 1 phuong trinh (1) c6 tap hop nghiém la R.
A -CDTDHDSS-T2-
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Bai 9.
c. bieukienx # £ 1.

Viet lai phuong trinh dudi dang: (m + 2)x =4 —m. (2)
Truong hop :Néeum+2=0&&Sm=-2,

(2) <> 0x = 6 (MT) = phuong trinh vo nghiém.
Triomg hop 2:Néum -2 #0 <> m # 2.

4—-m
(D)% 3= :
m+2
4-m )
> =
Do d6 (1) vo nghiém < el < m=1.
4-m -
m+2

Viy voi m = =2 hodc m = 1 phuong trinh (1) vo nghiém.
& Nhan xét: Trong loi giai trén chiing ta trinh bay theo cdc budc cua bai toan giai
bién luan, tuy nhién ciing cé thé trinh bay dudi dang:

bicukien x =+ 1.

Viet lai phuong trinh dudi dang: (m fAxi=4 -m. (2)
(m+2=0
4-m=0
; ; m =-2
Phuong trinh (1) vo nghiémies d ([5G 01X 6 = ]
m =
4-m " 4 —m ]
LI{m+2 m+2

Tuy nhién cdch trinh bay kiéu nay c6 thé khién mot vai em hoc sinh thay phiic
tap. Do vay néu bai todn yéu cdu " Tim diéu kién cia tham sé” dé phicong trinh 6
nghiém (hodc vé nghiém) " 18t nhit cac em hay trinh bay theo cdc budc cta bai toin
giai bién luan.

Bai 10. Tacéd: (x> = D)(x+3)(x+5)=m (N
SX+DE+3)X-1DXE+5=m
S X 4+4x+3)(x*+4x-5)=m (2)
Daty = x> + 4x + 4 = (x + 2)* 2 0, khi dé (2) c6 dang:
(y-Dy-9=mey’ ~10y = (9 +m) =0 €)

Phuong trinh (1) ¢6 4 nghiém phén biét tuong duong phuong trinh (3) c6 hai
nghiém duong phén biét y, >y, > 0.

A'=16+m>0
S=y, +y,=10>0 & -16<m<9 4)
P=y,y,=9-m>0
Goi x,, ai nghiém cla phuong trinh: x> +4x +4 -y, =0 (5)
va X, p;g:ghlcm cua phuong trinh: x*+4x +4 -y, =0 (6)
ﬁe HDSS T2- 63
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Theo dinh li Viét va (3), (5), (6) ta cé:

1 1 1 1 X +X, X, +X, —4 4
i S — e + = =
X W X X X, X, XX, 4-y, 4-y,
_ 4y, +y,)-32 _ 40-32 _ 8 _
16-4(y, +y,)+y,y, 16-40+9-m -15-m

Tir d6, ta c6 m = - 7 thoa min diéu kién (4)
Bai 11. Chiing ta xét hai trudng hop:
Truong hop 1: V6i m = — 1, phuong trinh cé dang:
x=0
x=3
Viy, véi m = -1 phuong trinh cé hai nghiém x = 0 va x = 3.
Truong hop 2: V6 m # —1, nhan hai vé& cia phuong trinh véi m + 1, ta duoc:
m+DX*=-3m+ DxX*+3m+Dx-(m+1)°’=
Sx=3m+ Dx2+3(m+ Dx=-(m+ 1) =-mx’
Sx-m-1Y=-m o x—m=t=—xIm

m+1
X = ZYm? - YmlHE
%/;H

Vay, véi m # —1 phuong trinh c6 nghiém x = Ym®> - Ym +1.
@ Nhdn xét:
1. Bai to4n trén da minh hoa mét phiong ‘phép dé giai phuong trinh bac ba dang:

x’ = 3x’+ 3mx -m* =0,
biang céch xét hai truomg hop:

x3—3x’=0<:>xz(x—3)=0<:>[

Il

b
Truomg hop 1: Véi m = 0, phuwong trinh cé dang: x’ - 3x*=0 & [
%

Vdy, v6i m = 0 phuong trinh c6 hai nghiém x =0 va x = 3.

Trieomg hop 2: V6i m # 0, nhan hai vé€ cia phuong trinh véi m, ta dugc:
mx® =3mx*+3m’x-m*=0
< x'=3mx? + 3m*x - m® = (1 - m)x®
c:>(x—m)’=(l —mx’ex-m=xY-m

OX= —— \‘/(m—l - Ym-1+1.

l+

Viy, véi m # 0 phuong trinh ¢6 nghiém: x = \‘f(m -1 = Ym-1 +1.

2. Phuong phap duge mo rong tu nhién cho phuong trinh bac ba dang:
ﬁ} X? «P’jx +3mx +m?’=0.
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CHUONG IV — BAT PHUONG TRINH BAC NHAT MOT AN

CrUBEL  MGILIEN HE GIJA THU TU VOI PHEP
CONG VA PHEP NHAN

A. TOM TAT Li THUYET

I. NHAC LAI VE THU TU TREN TAP SO
Trén tap so thuc, v6i hai s6 a va b sé xay ra moét trong cac truong hop sau:
» S6abhangsob, kihiéulaa=b.
»  S6 anho honsob, kihiéulaa<b.
» So6alon honsob, kihiéulaa>b.
tir do ta co thém nhan xét:

* Neéu a khong nho hon b thi a =b hoac a > b, khi dé ta néi a lon hon hodc

beang b, ki hiéulaa2b.

= Néu a khéng lon hon b thi a = b-hoac @ < b, khi dé ta néi a nho hon hodc

bang b, ki hiéu laa <b.
2. BAT PANG THUC
Bat dang thic 1a hé thic ¢6,mot trong ¢de dang:
A>B A>B, A<B, A<B.
3. LIEN HE GIUA THU TU VA PHEP CONG
Tinh chat: Vaibasoé a, b vac, ta co:

# Néua>bthia+c>b+c. « Néua>bthia+c>b+c.
» Néua<bthiat+c<b+c. # Néua<bthia+c<b+c.
Khi ¢éng ciing mot s6 vao cd hai vé ciia mot hat dang thitc ta dicge bat dang

thite moi cing chiéu véi bat dang thite da cho.
4. LIEN HE GIUA THU TU VA PHEP NHAN
Tinh char |: Vadibasoa,bvac>0,tacé:

at ~ \a b
® Néua>bthiac>bcvi — < —.
c c
at - \a b
= Neéua>bthiac>2bcva — 2 —.
c c
» " . a b
= Néua<bthiac<bcva—- < —,
c c
ar -~ \a b
G' Néua<bthiac<bcvia- < —.
c c

HDSS-T2-
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Khi nhéin hodc chia cd hai vé ctia mot bdt ddang thitc véi ciing mor so dicomy ta
dicoc bt ddng thite méi cung chiéu véi bdt dang thite dd cho.
Tinh chat2: Vaibaséa, bvac<O0, taco:

; . b

s Néua>bth|a.c<b.cvﬁi<—.
C C
; 5 o d b

= Néua=>bthiac<bcva - < —.
C c
. < . a b

= Néua<bthiac>bcva — < —.
c c
-t - \H b

= Néua<bthiac2bcva - 2> —.
C c

Khi nhdn hodc chia cd hai vé cia mot bdt dang thice vor ciing mot sé am ta
diuoc bdt dang thitc méi nguoc chiéu véi bat dang thire da cho.
5. TINH CHAT BAC CAU CUA THU TU

Tinh chdt: Véibas6éa,bvac,nfua>bvab>cthia>c.

B. PHUONG PHAP GIAI TOAN

Vidg 1z (Bai 1/tr 37 — Sgk): Méi khang dinh sau diing hay sai? Vi sao?

a. (-2)#3=22. b. -6 <2.(-3).

c. 4+ (-8)< 15+ (-8). d x*+121.
LS Gidi
a. Khang dinh (-2) + 322 la'sai.
b. Khang dinh —6 < 2.(-3)la.diing.
c. Khang dinh 4 + (-8) < 15 + (-8) la diing.
d. Khangdinhx*+1>1ladingvi:x*’20& x>+ 12>1.
Yidg 2: Hay xdc dinh ddu ciia s6a, biét:

a. 6a>3a. b. a< =,
2
LS Gidi
a. Taviétlai:6a>3a<>6.a>3.a
tiic 13, bat dang thic trén c6 duge sau khi nhan ca hai vé cha bat dang thitc diing
6 >3 vdi a.

Vay, tir su cing chiéu cua hai bat dang thic suy ra a > 0.
b. Taviétlaiia< = < la< l.a
’ 2 2

tic 13, bat dang thic trén c6 dugc sau khi nhan ca hai vé ctia bat dang thiic diing

I > — vofg\’ay, tu su nguoc chiéu cua hai bat dang thic suy ra a < 0.

_"’6{5 g _CDTPHDSS-T?-
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Yidy 3z (Bai2/tr 37 — Sgk): Cho a < b, hay so sanh:
a. a+lvab+1 b. a—-2vab-2
5 (;J{J:f
a. Tacoa<bhbea+l<b+1.
b. Tach:a<he=a-2<b-2.
Vidw4s (Bai3/tr 37 — Sgk): Hdy so sanh a va b néu:
a. a—52b-35. b. 15+a<15+hb.
&S Gidi
a. Taco:a-S52b-5a-5+52b-5+5<a2b.
b. Taco:15+a<15+b=15+a-15<15+b-15&a<h.
Yidus:s Cho bat dang thice m > 0. Nhdan cd hai vé cia bdt ddng thite véi s6
. ad 1
nao thi dicoc bat dang thitce — > 0.
m
&5 Gidi
V& bat dang thire gia thiét: m > 0/ nhan ¢a hai vé cua bat dang thic véi —,
m?2
1 I ]
ta duge: m—5 >0.4= — >0,
m- m m
Yidu6: Choa<b, chitmg minh rang 2a -3 <2b + 6.
&5 Gidi
Vi bat dang thiic gia thiét: a< b
nhan ca hai vé cuia bat dang thirc véi 2, ta duoc: 2a < 2b.
tiép tuc, cong ca hai vé cua bat dang thiic véi — 3, ta duoc: 2a -3 <2b-3. (1)
Cong ca hai v& cua bat dang thic ding - 3 < 6 v6i 2b, ta dugc:
2b-3<2b+6. (2)
Tir (1), (2) theo tinh chat bic cau suy ra: 2a 3 <2b+ 6, dpcm.
Yidp 7z Choa>b>0, hay chitg to rang:
a. a’>ab. b. a’>b’.
&5 Gidi
Vi bat dang thiic gia thiét: a > b
nhan ca hai vé€ ciia bat dang thiic véi a > 0, ta dugc: a* > ab, dpcm. (1)
Véi bat dfmg thic gia thiét: a> b
Nha u vé cua bat ding thitc v6i a® > 0, ta duoc: a' > a’b. (2)
dl vé cua bat dang thic véi b > 0, ta duoc: ab > b’ (3)
DHDSS8-T2- 67

Download Ebook Tai: https://downloadsachmienphi.com

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Tix (1) va (3) suy ra: a° > b°. (4)
Nhan ca hai v€ clia bat dang thitc (4) véi b > 0, ta duoc: a’b > b’ (5)
Tur (2) va (5) suy ra: a> > b, dpcm.
@ Chay: Batding thic a®> ab van ding véi diéu kién:
a>bvaa>0(hodca<bvaa<0).
Bat daing thitc a* > b’ van diing vdi diéu kién a > b.
1

Yidul: Choa>b>0, hdy ching 1d rdng * < S
a

&5 Gidi

1
Tir gia thiét a, b> 0 suy ra ab > 0 < = 30,
a

. - 3 ’ .9 . ] . PO - 2 » ,e Il
Véi bt dang thic gia thiét:a > b nhan ca hai vé€ cua bat dang thiic véi —, ta duoc:
al
a.—-l—>b.i<::':-l>l c:>-]- <—]-,dpcm.
ab ab b a a b

— <-L néw ab > 1)

@ Nhdn xét: Ta co két qua t6ng quathon "Néua > b thi | 2

—>—néw ab<0
a

Yidy 9 Choa<bvac<d,hdychimgtdringa+c<b+d.

£ Gidi
Véi bt ding thiic gia thiét: a<b

cong cé hai vé€ cia bat dang thic véi s6 ¢, taduge: a+c <b +c. (1)
V6i bat dang thic gia thiét: c < d

cong ca hai v€ clia bt dang thifc v6i sé b, taduoc: b+ c<b +d. 2)

Tu (1) va(2)suyra:a+c<b+d, dpcm.
@ Nhin xét:

1. B4t ding thic trén dugc phét biéu " Khi cong theo vé cua hai bét ding
thitc cung chiéu ta dugc mot bat ding thitc moi cung chiéu voi hai bat
dang thuc da cho".

2. Taconcé kétqua" Néu 0<a<bvaO<c<drhiac<bd"

Yidyp 10z Cho a, b bdt ki, hdy chimg to rang:
a’ +b?
2

A B -CDTOHDSAT2-
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£5 Gidi
a. Bién déi tuong duong bat dang thic:
A’ + b =2ab >0 <> (a-b) >0, luon ding.

2 2
d + bh & 0 . “ K e < -
== > ab nhan ca hai vé cua bat dang thuc

—

b. Vi bat dang thic gia thiét:

vai 2, ta duoc: a® + b* > 2ab
tiép tuc, cong ca hai vé ctia bat diang thic trén vdi —2ab, ta dugc:
a’ + ' — 2ab > 2ab — 2ab < (a - b)* 2 0, ludn dung.

& Nhan xct:
]. Quanidu trén, ching ta nhan thay ngay rang " Dé chung minh mot bat
d'é}y; thuc ngoai viéc s dung cic tinh chat thu tr véi phép céng va
phép nhdin ching ta con co thé su dung cac phép bién d61 tuong duong
dé bicn do1 bit ddng thic ban diu vé mot bat ding thuc luén ding
hodc nguoc lai (xuat phat tr mot bat ding thuc ding bién dor vé bt

Jé}rg thuc can chung minh)".

2 12
2. Xuat phat tir két qua % Sab;néu dit x = a%, y = b* (khi dé x, y > 0)
X hy
,)

2 /Xy, voix,y=20.

Bat déng thuc trén dugc goi'la Bat dé"ng thue Cost.

thi ta nhan dugc mot bat dang thic dang:

C. BAI TAP LUYEN TAP
Bai 1: Haysrdungdau" >, 2 <, < "dé so sdnh cdc s6 a va b, biét:
a. a-b=0. b. a-b=1. c. b-a=2.
Bai 2: Hiy xic dinh diu cua s6 a, biét:

a. 4a<3a b. a=> —.

Bai3: Choa>b >0, hiily chimg to rang:
a. b’<ab b. a’> b
Bai 4: Cho bat ding thitc m < 0. Nhan ca hai v€ clia bat ding thitc véi s6 nao thi duoc

- » l
bat dang thirc — < 0.

m
Bai 5: Cho a>b vaab < 0, hdy chimg to riang L > ~Ig
fv’»‘- .
1 [
- B
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. . 1
Bai 6: Cho vi du chiing to rang tir a > b khong thé suy ra — < o
a

Bai 7: ChoO<a<bva0<c<d,haychimg téring a.c < b.d.
Bai 8: Chimng minh cic bt ding thitc:
a. a’-6a+102>1. b. (a-3)a-5)+2>0.
c. 4a°-4a’+a’>0. d. a’>2b(a-b).
Bai9: Ching minh cic bat ding thic:
a. a’+b’-ab’-a’>0véia,b lacic s6 duong.
b. a’+b’-a'b-ab*>0 véia,b lacic s6 duong.
c. ab+bc+ca<Onéua+b+c=0.
Bai 10: Ching minh cdc bat ding thic:

a. (a+b)®>4ab. b. (“b] >ab.
c. b)(x*+y? = (ax + by)~.

Bai 11: Biét a > b > 0. Chiing minh ring %+-b-zz.
da

D. HUGNG, DAN — PAP SO

Batl: & a=b b. a>b. c. algbh.
Bai2: a. a<O. bd sazi0:

Bai 3: Hoc sinh e lam.

Bai 4: Véi m <0, khi dé, ta nhén ca hai v€ ctia bat dang thic véi s6 — > 0 s€ nhan

-

e
;
dugc bat ding thire — < 0.
m
Bai 5: Ta lan luot c6 nhéan xét:
®= Viab<0nénavab trai diu.
®= Via>bnén két hop v6i nhan xét trénsuyraa>0vab < 0.
. 1 1 1 ]
Khidé: — >0va — <0=> — > —.
a b a
Bai6: Chona=2vab=-3,tathdyngay:a>bvi 2> —3.
1 1 i i i 1 P -
— <— la khong thé bai khi d6 — < —— 1a mau thuén.
a b 2 3
Bai 7: Ta lan luot van dung:
» ViO<a<bvac>0nénac<bc. (1)
= Vi <dvab>0nén bc < bd. (2)
dua trén tinh chat bic cdu suy raa.c < b.d.

Tﬂ
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Bai 8:
a. Tibiéndoiza’-6a+10>1 e a*-6a+9 20
&> (a—3)" 20, luon ding.
b. T bien doi:
(a-3a=-5)+2>0=a*-8a+17>0
> (a—4) + 1 >0, luon ding.
c. Tabiéendeirda’-4da’+a’>20a'(da’-4a+1)20
«»a’(2a - 1)’ 20, luon ding.
d. Tz bién doi:
a® > 23(a - b) & a’ - 2ab + 2b* > 0 & (a - b)* + b? > 0, luén ding.
Bai 9:
a. Tabiéndoiza’'+b'—ab’-a’b2>20 @ @+b)a*-ab+b?)—abla+b)>0
S@a+rb)a’=2ab+bH) >0 (a+b)a-b)> 20
Bat dz‘ing thic trén Juon ding vai a, b la cde s6 duong (vitacé a+b > 0).
b. Tubiéndoi:a’+b* —ab-ab*> 0 a'(a-b)—=b*a-b) >0
< (a -bYa-b) 20 (@’ -biXa’+ ) (a-b) 20
< (a-b)a+b)(a®+bY) (a-b) Z0& (a-b)(a+b)a’+b’) =0
Bat dang thic trén lu6n diing vdi a, b la cicséduong (vitacé a+ b > 0).
c. Strdung gia thiét
a+b+c=0 (a+BVH2OE PHBWE+2(Eb + be + ca) = 0

<> ab+bc+ca=— —;—(az+b3+c’3)50,dpcm

Bai 10:

a. Tabién doi:
(a+b)’ > dab <> a’ + b* + 2ab — 4ab > 0
<> (a=b)* 20, ludén ding.

b. Ta bién doi:

| E%ZJ >ab <> (a+ b)’ > 4ab, tiép theo bién déi nhu cau a).

s

c. Tabién doi:
(@’ + 5°)(x* + y?) = (ax + by)?
<> aht +a’y? + b’x? + bly? > a’x? + 2abxy + by’
&> (av — bx)? 2 0, luén ding.

Bai 11: V6i a> b > 0 ta bién déi:

,E.+_t,;_>2 &> a’+b’>2ab e (a—b)? 20, luon ding.

DHDSE-T2-
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[ ﬁ ~ N o
CRUDE2  BAT PHUONG TRINH MOT AN

A. TOM TAT Li THUYET

1. BAT PHUONG TRINH MOT AN

Mot bat phuong trinh véi 4n x c6 dang:

A(x)> B(x) (hoac A(x) < B(x), A(x) =2 B(x), A(x) < B(x))

trong dé v€ trai A(x) va v& phai B(x) 12 hai biéu thifc cia ciing mot bién x .
2. TAPNGHIEM CUA BAT PHUONG TRINH

Tap hop tit ca cac nghiém cua mét bat phuong trinh duge goi 1a rap mghiém
cta bat phuong trinh dé.

Khi bai toan yéu cau gidi mét bdar phionyg trinh, ta phai tim 1ap nghi¢m cua
bat phuong trinh doé.
3. BAT PHUONG TRINH TUONG DUONG

Hai bat phuong trinh c¢6 ciing mét tap nghiém la hai bat phuong trinh tuong
duong.

B. PHUONG PHAP GIAI TOAN

Viin dé 1: TAP NGHIEM CUA BAT PHUONG TRINH
Yidgp 1z Taco:
a. Tap nghiém cua batphuong trinhx > 2 1aitAphop cédc s6 16n hon 2, tic la
tap {x| x > 2}, né dugc biéu dién trén truc s6 nhu sau:
X

R
0 2
b. Tap nghiém cia bat phuong trinh x > 3 la tap hop cac s6 16n hom hoac
bing 3, tic 1a tap (x| x = 3}, né duoc biéu dién trén truc s6 nhu sau:
X

A A A S
D 3
c. Tap nghiém ctia bat phuong trinh x < - 2 la tap hop cic s6 nho hom - 2,
tic 1a tap {x| x < -2}, n6 dugc biéu dién trén truc s6 nhu sau:
X

A
-2 0

d. Tap nghiém cua bat phuong trinh x < 1 1a tap hop céc s6 nho hom lLoac
bang 1, titc 1a tap (x| x < 1}, né duogc biéu dién trén truc s6 nhu sau::

pg
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Yigly 2: (Bai 17/tr 43 — Sgk): Hinh vé sau day biéu dién tip nghiém ciia bt
phicong trinh nao? (Chi néu mér bat phiong trinh).

a. S W J— b.
A YA A S A A A A >
0 6 0 2
NP7 7977777 S s VI VI I FIIIN
5 " -1
¢ &5 Gidi L
a. Taco: b. Tacé:
x <6. X 2 3.
¢. Taco: d. Taco:
X > 2. x <-—1.
Yidn 32 Cho bat phicong trinh: x* —4x < 2x — 8.

Kiém tra xem cdc gid tri sau cia x ¢6 phdi la nghiém ctia bt
phicong trinh trén hay khong ?
a. x=0 e % =3, c. x=4¢4,
&S Gidi
a. Thay x = 0 vao bat phuong trinh, ta duge: 0 < — 8, méu thuan.
Vay, x = 0 khong phai 1a nghiém cta bat phuong trinh.
b. Thay x = 3 vao bt phuong trinh, ta duoc:
3-43<23-89-12<56-8 < —3<-2,1udn ding.
Viy, x = 3 1a nghiém cpa bat.phwong trinh,
c. Thay x =4 vao bat phuong trinh, ta dugc:
4-44<24-816-16<8—-8¢ 0<0, ludn ding.
Viy, x = 4 la nghiém cua bat phuong trinh.
@ Chii y: Tac6 0<0 cing la mot bat ding thirc ding, bdi:
a > b khi va chi khi a>bhoaca=b.
Vidwy 4z (Bai 15/tr 43 — Sgk): Kiém tra xem gid tri x = 3 la nghiém ciia bdt
phicong trinh ndo trong cdc bdt phuong trinh sau:
a.2x +3<09. b. —4x > 2x + 5. c.5—-x>3x-12.
&5 Gidi
a. Thay x = 3 vao bat phuong trinh tacé: 2.3 + 3 <9 < 9 <9 (mau thuén)
Vay, x = 3 khong phai la nghiém cta bat phuong trinh.
b. Thay x = 3 vao bét phuong trinh ta c6: (—4).3 >2.3+5¢& —12> 11 (méu
thudn. Vay, x = 3 khong phai la nghiém cta bat phuong trinh.
c. Thay x =3 vao bat phuong trinh ta cé:
3.3-12 ¢ 2 >-3 (luén ding)
5 1a nghiém cua bat phuong trinh.
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Yidwy 5: Viét thanh bat phuong trinh va chi ra mét nghiém cua no e cac
ménh dé sau:
a. Tong ctia mét s6 nao dé va 4 lon hon 9.
b. Hiéu ciia 8 va 3 ldn s6 nao dé nho hon 11.
&S Gidi
a. Goi s6 can tim la x.
Tir gia thi€t "Téng ciia x va 4 lén hon 9", ta duge: x + 4 > 9.
Ta c6 thé chon x = 6 1a moOt nghiém cua bat phuong trinh trén.
b. Goi s6 cin tim la x.
Tur gia thiét "Hiéu ciia 8 va 3 lan s6'x nho hon 11", ta duge: 8 = 3x < I 1.
Ta c6 thé chon x = 0 1a mot nghiém ciia bat phuong trinh trén.
Vi dy 6 (Bai 18/tr 43 — Sgk): Hdy ldp bat phuong trinh cho bai todn sau:
Qudnyg duong di tit A dén B dai 50km. Mét 616 di tir A dén B, khoi
hanh liic 7 gid. Hoi 616 phdi di véi vén téc bao nhiéu km/h dé dén B
truoc 9 gio cung ngay?
£ Gidi
Goi x 1a van toc trung binh cua 6to/(x > 0, don vi: km/h).
Oto di tir 7 gio va dén trude 9 giojtic Ta 6to di tir A dén B chua téi 2 gio.
Do dé, néu 6t6 di ding 2 gio thiquang duong 6t6 di dugc sé dai hon quang
duong AB = 50km.
Suy ra, ta cé bat phuong trinh” 2xX'>'50 < x > 25.
Viy, 616 phai di véi van toc 1on hon 25km/h thi méi dén duge B trude 9 gio.
Yidy 7z Hdy chi ra har nghiém trar dau cho cac bdt phicong trinh sau:

a. [x-3\\6. b. |x+1]28.
£ Gidi
a. Tachon dugc hai nghiémlax =—-1vax=6.
That vay:

= Véix=-1,tacéd:|-1-3] <6 |-4/<6 = 4<6, luon ding.
= VGix=6,taco:|6-3] <6 |3|<6 < 3 <6, ludn ding.
b. Tachon dugc hai nghiém la x = — 9 va x =8, that vay:
" Veix=-9,tacé:|-9+1|=28<|-8|>28 < 8 =8, luon diing.
* Végix=8,tacé: |8+ 128|928« 9 28, luon ding.
Vin dé 2: HAI BAT PHUONG TRINH TUONG PUONG
Yidu ls Cdc cap bdt phuong trinh sau ¢é twong duong khéng ?Vi sao ?

. 1 |-
a. X>=-2>xvax’>x+2. b ] g 2],
X X

&5 Gidi

a. Véi baphuong trinh: x* — 2 > x cong 2 vao hai vé ctia bat phuong trinh, ta

ﬁ 2>x+2oxI>x+2
& -CDTPHDSS-T2-
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Wiy, hai bat phuong trinh da cho twong duong.
b.  Nhar xét rang, s6 0 Ia nghiém cua bat phuong trinh thir hai nhung khong 1
nghi¢m cua bat phuong trinh dau.
Way, hai bat phuong trinh da cho khong twong duong.
Yidiw 2 Cdc cap bat phuong trinh sau 6 ngonyg dicong khong Vi sao?
a x+1<2xva3x<dx-1. b.x>3vix’-4x +3>0.

ﬁ Gic
a.  Vai bat phuong trinh: x + 1 < 2x cong 2x — 1 vao hai vé cua bat phuong
trinlh, taduoc: x + 1 +2x - 1 <2x +2x - 1 & 3x <4x - 1.

Way. hai bat phuong trinh da cho tuong duong.
b.  Nhin xét rang, x = 0 la nghiém cua bat phuong trinh thit hai nhung khong
la n ghicn cua bat phuong trinh dau.

Way, hai bat phuong trinh da cho khong tuong duong.

C. BAI TAP LUYEN TAP
Bai 1: /iét tap nghiém cia bat phuong trinh gau bang ki hiéu tap hop va biéu dién tap
nghiém ¢o0 trén truc so:
a. 3I>X b/ x <-2. ¢ Jxz=~1. d x<8.
Bai 2: “ho vi du mét bat phuong trinh co:
a. Tip hop nghiém la bét ki so nao.
b.  Tip hop nghiém bang .
Bai 3: Tim cac s6 x thoa man ca hai bat phuong trinh sau:
a. x>3vax<8. b. x>»Jvax>i. ¢ PpIvarae—L
Bai 4:  ho bat phuong trinh: 10x = 15 > x* + 6.
Kiémtra xem céc gid tri sau cia x ¢6 phai la nghiém ctia bit phuong trinh trén hay khong ?
a. x=3. b. X\a 2. c. x =
Bai 5: ho bat phuong trinh: x +20 > x°.
b. Fiy kiém tra xem cdc s6 - 5, 1, 3 ¢ phai la nghiém clia bat phuong trinh khong?
c. Coi Slatap hop cic s6 x thoa mian — 4 < x < 5. Chon mét phan tir bat ki cua tap
hop S, chimg to no la nghiém cta bat phuong trinh di cho.
Bai 6: Cho bét phuong trinh: x* + 3 > 4x.
a. Fiy kiém tra xem céc s6 0, 2, 4 ¢6 phai la nghiém cha bat phuong trinh khong ?
b. EatS={x|x < 1hodcx >3 }. Chon mét phin tir bit ki cia tip hop S, ching to
no la nghiém cua bat phuong trinh da cho.
Bai 7:  /iét thanh bit phuong trinh va chi ra mét nghiém ctia né tir cac ménh dé sau:
a. Tong cua 3 14n 56 ndo d6 va 8 16n hon — 1.
b. Tong cia mot s6 nao dé va 3 16n hon hoac bing 11.
c. Fiéucua9 va 4 lan s6 nao d6 khong nho hon 8.
Bai 8: iy chi ra hai nghiém trdi dau cho céc bat phuong trinh sau:

a. I>—42Lﬁll. c. 2x+11>3.
b.esl? £x1> 5. d. 11-3xl<09.
.’:'1_1--' é.f’gbp
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Bai 9: Cic cap bat phuong trinh sau cé tuong duong khéng ? Vi sao ?
a. 2-x<0vax-2>0. d x<lvax’<l.

b. Ix—=2l<0val2—-xl<O. e. x>3vax’>09.

2 2 .
c. X+—<l+—vaxcx<l.
X X

D. HUONG DAN - DAP SO

Bai 1: S

a. S={xeRIx<3}. b. S={xeRIx<-2).

c. S={xeRIxz=2-1}. d. S={xeRIx <8}.
Viéc biéu dién tap nghiém trén truc s6 danh cho cdc em hoc sinh.

Bai 2:

a. Bt phuong trinh x* + 1 > 0 c6 tap hop nghiém la bat ki sé nao.

b. B4t phuong trinh x* + 1 <0 c6 tap hop nghiém bang .

Bai 3: Tim cic s6 x thoa man ca hai bat phuong trinh sau:

g. J<x<y

b. 55

c. Khéng ton tai.
Bai 4:

a. x =5 langhiém cua bat phuong trinh.
b. x =-—2khoéng la nghiém cta b4t phuong trinh.
¢. x =7 langhiém cia bat phuong trinh.
Bai S: Hoc sinh tu lam.
Bai 6: Hoc sinh tie lam.
Bai 7: Hoc sinh tie lam.
Bai 8: Hoc sinh tu lam.
Bai 9:
a. Khinhan hai v€ ciia bit phuong trinh 2 -x <0 v6i — 1, tadugc: x -2 >0
do chinh la bat phuong trinh con lai.
Vdy, hai bat phuong trinh la tuong duong.
b. Taluén c6 lal =1 — al nén bét phuong trinh: IXx =21 <0 = 1 - (x - 2)I < 0= 12 = xI <0
do chinh la bat phuong trinh con lai.
Vdy, hai bat phuong trinh la twong duong.
c. Hai bat phuong trinh da cho la khéng tuong duong, boi:
®= x=01anghiém cia bat phuong trinh x < 1.

s x =0 khong thé 1A nghiém ctia bat phuong trinh x + 2 <l+ L1 ;
X X

d. Hai bat phuong trinh da cho 1a khéng tuong duong, bai:
® x=-2langhiém cta bat phuong trinh x < 1.
*  x=-—2khong thé 1a nghiém ctia bat phuong trinh x* < 1.
€. Hai bat phuong trinh da cho la khéng tuong duong, boi:
Ia nghiém ctia bt phuong trinh x* > 9.
khong thé 1a nghiém ctia b4t phuong trinh x > 3.
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CHUBE3  BAT PHUONG TRINH BAC NHAT MOT AN

A. TOM TAT LI THUYET

1. HAIQUY TAC BIEN POI BAT PHUONG TRINH

Quy tac chuyén vé: Khi chuyén mot hang ur cia bat phuong trinh tir vé nay
sang V¢ kia ta phai doi dau hang tr dé.

Quy tac nhan véi mot so: Khi nhan (hoac chia) ca hai vé cua bat phuong
trinh véi cung mot s6 khac 0, ta phai:

1. Gitr nguyén chiéu ctia bat phuong trinh néu s6 dé duong.

2. DOoi chi¢u cua bit phuong trinh néu s6 dé am.
2. DINH NGHIA BAT PHUONG TRINH BAC NHAT MOT AN
Dinh nghia: Bar phiwong trinh dang:

ax+b> 0, ax+b<0, ax+b< 0, ax+b2>0,

var ava b la hai so'dd cho va a # 0, dicoc goi la bat phicong trinh béc nhdt mot dn.

Bit phuong trinh bac nhat mot dn dang: ax +b >0, a# 0
duoc giai nhu sau: ax + b > 0 <> ax > — b,

- b & b
= Vsga>0,tadugcx>— —. * Véia<0, taduoc x<— —.
d a

B. PHUONG PHAP GIAI TOAN

Vindé 1: DIEU KIEN DE MOT BAT PHUONG TRINH LA BAT
PHUONG TRINH BAC:NHAT MOT AN

Yidu bz Tim dién kién cuatham sé m.dé bat phicong trinh sau la bdt phicong
trinh bac nhat mét an:
a. (M =2m)x’+mx+3>0. b. mx+(m-1)y+4<0.

Eg aldl

a. Dé bat phuong trinh: (m* = 2m)x* +mx +3 >0
la bat phurong trinh bac nhat mét an khi va chi khi:

{m‘)--Zm:U {m(m—2)=0 {szhoacm:Z
e %
m=z0

csme2,

m=#0 m#0

Viy, voi m = 2 bat phuong trinh da cho la mét bat phuong trinh bac nhat
mot in x.
b. Pé bit phuong trinh: mx + (m = 1)y +4 <0
la ba: phuong trinh bac nhat mét an ¢6 hai truong hop:
Truorg hop 1: N6 la bat phuong trinh bac nhat mét 4n x khi va chi khi:

[m;t() m=#0
& Sm= .
121 m=1 "
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Triong hop 2: N6 1a bat phuong trinh bac nhiat mét an y khi va chi khi:
m=0 m=0
= &S m=0.
m-1%0 m # 1
Két luan:
= V§im = 1, bat phuong trinh da cho 1a m6t bat phuong trinh bac nhat mot an x.
*  Véim =0, bat phuong trinh da cho 12 mét bat phuong trinh bac nhat mot an y.

Vin dé 2: GIAI BAT PHUGNG TRINH BAC NHAT MOT AN

Vi dwp 1z (Bai 19/tr 47 — Sgk): Giai cdc phicong trinh (theo quy tic chuyén vé):
h X=3>3 b. x-2x<-2x +4.
c. =3x>-4x +2. d 8x+2<7x-1.

&5 Gidi

a. Taco:x-5>3x>3+5x>8.

b. Taco:
¢. Tacé:
d. Taco:

Vi duy 2:

25 Gidi

a. Taco:

b. Taco:

c. Taco:

d. Taco:

Yi dy 3:

&5 Gidi

X—-2x<-2x+4=>x-2x+2x<4 & x <4,

“3x>4x+2& “3x+4x>2& x> 2.

X +2<7x — 1. 8x —Fx<<1 -2 &x<-3.

(Bai 20/tr 47 — Sgk): Gidi-¢dc phuong trinh (theo quy tdc nhan):

a. 03x>0,6. b. -4x<I2. c. x>4. d. 1,5x>-9.

0.3 08 &3 0.8%.—— 06, e &% 5o besessis
0.3 03 3

A 12%% (-4x).(-ﬂ s 12.(-;[) = x 43,

X>4 & (X)(=-1)<4. (-1) = x<4.

1,5x > -9 I,Sx.L > (-9). L & X > 6.
1,5 1,5

Sit dung hai quy tdc bién déi bdt phwong trinh dé gidi cdc bt
phuong trinh sau:

a. 3x>x+8. b. x*+2x>x*—4.

a. Slrdung lan lugt cic quy tac, bién doi bat phuong trinh vé dang:
3Xx-x>8=2x>8=x>4.
Vay, bat phuong trinh ¢é nghiém x > 4.
b. Sirdung lan luot cdc quy tac, bién déi bat phuong trinh vé dang:
X+2xX>x -4 X +2Xx-x'>-42%>-4 5 x>-2.

Viay

AP

bEhUUng trinh c6 nghiém x > - 2.
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& Nhan xet:

I. Trong ldi giai cac bat phuong trinh trén, chung ta da thua nhan rang
ket qua " 7w mot bit phuong trinh, dung quy tic chuyen ve hay quy tic
nhan, ta luon nhin duoc mot bat phuong trinh moi tuong duong voi
bt phuong trinh da cho .

2. Cuang chinh nho nhing quy tic nay ma viée chung minh mot bat dﬁnf,
thue s¢ don gian hon rat nhiéu — Diéu nay chung ta s6 gdp lai trong chu

dé chuven sau vé bat ding thuc o cuol chuonyg.

Yidud: (Bai 22/tr 47 — Sgk): Giai cac bat phicong trinh saw va hday bieu dien

tap nghiém cia no trén truc so-

a. 1.2x < -6. b. 3x +4>2x + 3.
&5 Guui
a. Taco: } |
o 5 0
I,Zx‘:——6<:>x<——q<:>x<—5 =

b. Taco:

3x+4>2x+ 3 &3x - 2x >3-4 Ceecooey b

&5 X =], =l 0
Yidg 5z (Bai 32/tr 48 — Sgk): Giui cacbat phuwong trinh:

a 8Xx+3(x+11)>5x—(2x—=6). . b. 2x(6x —1)> (3x = 2)(4x + 3).
&5 Gidi |
a. Taco: 8Bx + 3(x + 11) AN La2x216)
s
& Ix+ 11 >3x+6<:>8x>-5<::>x>—“§.

b. Taco: 2x(6x — 1) > (3x = 2)(4x + 3)

&S 12x2 =2x > 1 2x* P R(.& -3x>=H x < 2.
Yidw 6 Gidi bdt phicong trinh: (m* + 1)x = m* < =1, véi m la tham s6.
&5 Gidi

Bién doi trong duong bt phuong trinh vé dang: (m* + 1)x <m®*- 1. (*)

Vim® + | luon duong v6i moi m nén khi chia cé hai vé ctia bat phuong trinh

(*) cho m* + 1 thi ddu bat phuong trinh khong thay déi, cu thé ta duoc:

4 2 2
—] ""] +] B b
>(<Ln :(m )m ) =m-1&x<m - 1.

m? +1 m? +1
Vay, bat phuong trinh ¢6 nghiém x <m” — 1.
Yidw 7z Cho bdat phicong trinh: (m” = 2m)x + 1 <m.
Gidi bat phwong trinh trong méi tricomg hop sau:
m = 1. b. m= 2. c. m=3. d. m=0.
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&5 Gidi
a. Véim = 1, bat phuong trinh ¢6 dang:
(IP-2Ix+1<leox<0ex>0.
Vay, véi m = 1 bat phuong trinh ¢6 nghiém x > 0.
b. Véi m =2, bat phuong trinh c6 dang:
(22-2.2)x + 1 <2 ¢ 0x < 1, lubn ding.
Vay, véi m = 2 bat phuong trinh nghiém diing véi moi x.
c. Véim = 3, bat phuong trinh c¢6 dang:

(32—2.3)x+1<3<:>3x<2©x<-§—.

Vay, véi m = 3 bat phuong trinh ¢6 nghiém x < % ,

d. Véim =0, bat phuong trinh c¢6 dang: 0.x + 1 <0 < 1 <0, mau thuén.
Vay, vdi m = 0 bat phuong trinh v6 nghiém.
vidy 8 (Bai 20/tr 47 — Sgk): P6° Kiém tra xem gid tri x = =2 ¢6 la nghiém
cua cdc bat phuong trinh sau khéng ?
a. X+ 2x*=3x+4x*+5 <28 -3x’ +4x* - 6
b. (-0,001)x > 0,003.
&S Gidi |
a. Tacé:
X+2x2 =3 +4x* - 5< %' -3+ -6 x-5<-6 > x <1,
Vay x = -2 la nghiémena bat-phuong trinh.
b. Tacé: (-0,001)x > 0,003 <= x< -3
Vay x = -2 khong phai la nghiém cua bt phuong trinh.
Yidyg 82 (Bai 34/tr 49 — Sgk): Do: Tim sai lam trong cdc loi gidi sau:
a. Gidi bat phuong trinh =2x > 23.
Taco: —2x > 23 Sx>25¥2 & x> 25.

b. Giai bat phuong trinh —% x> 12,
Ta ¢é: —zx > 126 [—-1)(—314] > 12.(—1) &Sx>-28
7 3 7 3
£ Gidi
a. Phép tuong duong: —2x > 23 <> x > 23 + 2 la sai.

Ta sira lai phir san: —2x > 23 @—2;(.[-%] <23. (-%J i 2 --22—3.

b. Phéivg duong —%x >12 (—%)(-%x) > 12.[—%) la sai.
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Tasura lar nhu sau: -éx >12¢ {—Z .(—ix) & IQ.(—ZJ & X < =28.
' 7 3 s 3

Vi gy 10z (Bai 29/tr 48 — Sgk): Tim x sao cho:
a. Gid tri ciia biéu thite 2x = 5 khéng dam.
b. Gid tri ciia biéu thite =3x khéng lén hon gid tri ciia biéu thicc
—7x + 5.
&S Gidi

. 3 5
a. Theodé bai taco:2x-520&=x2>2 —.

e o i 3
b. Theodébzu,taco:—3x5—7x+5<:>4x<_15<:>xSZ

Yidg 11z Tim x dé'A <0, hiét: A=1- 2x2+3 ;

&S Gidi
. . ‘ 2x%8 2-2x-3 -2x-1
Trudce tién ta di nit gon biéu thic A: A =1 - i\ Lok M.k

2 2

Dé A <0, ta phai c6: ;-2;—_1 <O&S=T2x-1<0e=-2x< 1 <:>x>—-;-.

i ’ e ] 9 | LY LR o LY N
Vay, véi x > =5 thoa man dieu kién dau bai.

Yi dwp 123 Mor ngioi 6 s6'tien khong qua”70°000'déng gém 15 to gidy bac vai
hai loai ménh gid2000-déngvatoai-5000 dong. Hoi ngioi doé o6
bao nhiéu to gidy bac loai 5000 déng?

&5 Gidi

Goi x 1a s0 10 gidy bac loai 5000 déng (0 < x < 15, don vi: td).

Do do, s6 gidy bac loai 2000 dong la: 15 — x (10).

Theo dé bai, ta c6 bat phuong trinh:

5000.x + (15 — x).2000 < 70000 < 3000x < 40000 & x < i;, & x <13,3).

Vi x la nguyén duong, nén x nhan duoc cic gia tri tir 1 dén 13.
Vay, s0 to gidy bac ménh gia 5000 dong 1a mot trong cic s6 nguyén tir 1 dén 13.

C. BAI TAP LUYEN TAP
Bai 1: Hay nhan hai v€ cia méi bt phuong trinh sau vdi mét sé thich hop dé dua bat
phuong trinh vé dang x < a hoiac x > a:

1 ;i
a. 2x§”. b. —x<3. c. 8x>32. d 27x>-3.
i
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Bai 2: Dung cac phép bién doi tuong duong dé dua cic bat phuong trinh sau vé dang
X < a hodc x > a:

a. 3x+2<8. b. 5-4x< -7.

c. 2m*+ )x —4m* < -1, véi m la tham sé. :
Bai 3: So sdnh s6 a véi s6 b, biét:

a. x>6o (a—b)x <6(a-Db). b. x>2&(a-b)x>-2(b—-a).
Bai 4: Tim diéu kién cla tham s6 m dé bat phuong trinh sau la bat phuong trinh bac
nhit mot 4n:

a. m(m’ = Dx*+mx +6>0. b. mx+(m+2)y+8<0.
Bai 5: Giai cic bat phuong trinh:
a. 2x-1>3. b. §8—-4x<6.
Bai 6: Tim x biét:
a. 2x-1>0. 6. X*=-Sx<x*+1.
b. 8-4x<0. d 2x+1>5x-2.
Bai 7: Tim x dé biéu thiic sau cé gia tri duong:
2 Eobedl b. 5x*+ 11. e i, R
2 X" +1 X=-2

Bai 8: Cho bt phuong trinh: (m? —=4m +3)x + 1 > m.
Giai bat phuong trinh trong méi truong-hop sau:
a. m=0. b. m= 1. ¢ m=3.
Bai 9: Vi gid tri nao cia m thi phuong trinh 4n x:
a. Xx=3=m+4cénghiém Ién hon 2.
b. 2x -3 =2m + 8 cénghiém duong.
c. 3x-1=06m + 8 c6 nghiém khéng nho hon 6.

D. ' HUGNG DAN - DAP SO

Bai 1: Hoc sinh ne lam.

Bai2: a. x<3. O\ x>3.
c. Tabién ddi: 2m* + )x —4m*< -1 & 2m’ + 1)x <4m*- |
& 2m? + Dx < 2m? + 1)(2m? - 1). (1)

Vi2m?+ 1 >0 véi moimnén (1) & x <2m’ - 1.
Viy, bat phuong trinh dugc chuyén thanh x < 2m? - 1.
Bai3: a. a<b. b. a>b.
Bai 4:
a. Bat phuong trinh la bit phuong trinh bac nhat mot 4n khi va chi khi:
{m(m2 -1)=0 . {m =0hodcm =+

Sm=4l.

m#0 m=#0

Vay, v6i m = m(m* — 1)x* + mx + 6 > 0 bat phuong trinh di cho 12 mét bat phrong
trinh bc nhat mét 4n x.
b. Bat phuong trinh.1a bit phuong trinh bac nhat mét 4n ¢é hai truromg hop:
Triong hop I: N6 la bat phuong trinh bac nhat mét 4n x khi va chi khi:

m#0
o oOm=-=2.
gl
A -CDTDHDS3-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Fracomy Lop 2: No L bit phuemg trinh bac nhiat mot an y khi va chi khi:

m =0 'm0
a9 <>m=0
m4220 \m £ =2
K¢ huin:
=  \Gim =~ 2 hat phuong trinh di cho la mét bat phuong trinh bac nhat moét an x.
= \3im =0, bat phuromg trinh da cho la mot bat phuong trinh bac nhat mot an y.
I

Bai §: . x>2. b. x> =
. ] |
Bah 5 x> —, h. x>2 C. X>——. d x<|
i 5
. , 3
Bai 7: a1 x>6. b. Mo x. . X< o
d. Trnré: tién ta can co x # 2.

: 2x° -4 2x(x -2
Khi dj, dicu kién la: 0 < s e = 2x—e) =2x &>k >0,
X—2 X -2

Vay ciéu kién dé bi¢u thirc duong 1a 0 < x # 2.

Bai 8: Viét lai bat phuong trinh: (m* =4m + 3)x > m = 1.

d.

. ; - J4 ; | 1
Va&i m = 0, bat phuong trinh cé dang 32|+ 1 & x 2 - E\

Vay, /61 m = 0 bat phuong trinh ¢é nghiém x > - % ;

b. Vain= 1, bat phuwong trinh '¢6-dang 0x'='0; ludn' ding.

.,

Vay, 61 m = | bat phuong trinh nghiém ding véi moi x.
Vi n = 3, bat phuong trinh ¢6'dang: 0x =2, mau thuan.
Viy, v61 m = 3 bat phuong trinh-vénghiém:

Bai 9: V/a6i gid tri ndo cia m thi phuong trinh 4n x:

a.

Phueng trinh cé nghiém x=m + 7
Khi @, dé nghiém cta phuong trinh I6n hon 2 diéu kiénla: m+ 7> 2 < m > - 5.
Viy, v6i m > — 5 thoa man diéu kién ddu bai.
X ; ; 11
Phueng trinh ¢6 nghiém x =m + T

; ; Y 11 11
Khi @, dé nghi¢m cua phuong trinh duong diéu kién la: m + 5 >0 m> 5

11 T s
Viy, véi m> - thoa man diéu kién dau bai.

Phueng trinh ¢6 nghiém x = 2m + 3.
Khi 6, dé nghiém cta phuong trinh khéng nhé hon 6 diéu kién la:
m+326&Sm2 5
. 3 A . 2R
Va 02 = thoa man diéu kién dau bai.
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€4 p AT PHUONG TRINH DUA VE DANG BAC
NHAT
A. TOM TAT Li THUYET

Ta thuc hién theo cic budc:
Budc 1: Bing viéc st dung phép todn bo dau ngoac hay quy dong méu ...
dé bién déi bat phuong trinh ban ddu vé dang:
ax + bS O hodac ax S - b.
Budc 2: Giai bat phuong trinh nhan duoc, tir d6 két luan.

B. PHUONG PHAP GIAI TOAN
Yidg 1z Gidi bat phuong trinh: 3(2x - 1) - (5x + 3) < =x.
&S Gidi
Bién déi phuong trinh vé dang:
6x -3-5x -3 <-XOSb6x-5x+x<3+3 02X <6 x <3,
Vay, bat phuong trinh ¢6 nghiémx < 3

Yidg 2: Gidi bat phicong trinh: 3 = =9 X \

<X -
8
£ Gidi
Ta c6 thé lua chon mét trong hai c4ch giai sau:
Cdch 1: Nhan hai vé€ cia bt phuong trinh véi 24, duoc:
72-2(x-3)<24x-3(x-3) ¢ 72 -2x + 6 <24x -3x + 9
S -2X-24x+3x<9-72-6=-23x<-69 <= x> 3.
Vay, bat phuong trinh cé nghiém x > 3.
Cdch 2: Bién déi bat phuong trinh vé dang:

x—3_x+3_x—3

1 1
<0ex=-3)(--1-—)<0
(x )(8 ]2)

&x-3>0x>3.
Vay, bit phuong trinh c¢6 nghiém x > 3.

@ Nhdn xét: Trong 101 giai cia cach 2, ta khéng may méc quy déng mau
thitc hai vé& réi khu miu thitc, bdi xuat phat tir nhan xét vé
nhan t¥ chung x — 3, diéu nay sé giip giam dang ké do phuc
tap trong 10i giai.

. " X+l x-=2

Yidy 32 Cho biéu thire: A = TR

Tim cdc gia tri cua x sao cho gid tri cua A lon hon - 1 nlimg nho
01 1. Biéu dién trén truc s6 cdc gid tri tim dwoc cua X.

A ‘ -CDTDHDS8-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

£ Gid.
Trude tién ta di rit gon biéu thic A:
\__,\‘:_l__x—E_x+l—3(x—2)* K#l-=3x+6 T-2x
6 z 6 B 6 6
* P:A>-1diéukién la:

T -2x 13
»=] &3 T -2 > -0 ES~28 > —6~7<:>x<—j—.

*  PfA <1 diéukién la:

7-2x

& <:>7—2x<6<:>—2x<6—7<:>x>%.

13 ~ » o al ==
<X <— vataco biCu dien:

T a2 - = - ~ I
Vy, Jé coduoc —~ 1 <A < 1 diéu kién la i

X

8 1/2 13/2

Cdch biéu dién trén truc duoc thuc hién nhu sau:

—_ Y / A o3
I Xic dinh vi tri cia cac diém 3 va Sl

G @t nguyén doan thang tir diém % dén diém % .

2

3. Gich chéo phan con lai, gach ca diém -;—vh = .

Yidy 4 Trong cudc thi hansing,.méihathiidioc ban 10 phdr. Méi ldn
triing dich duwoc 5 diém, maoi ldn tricot bi triv I diém. Xa thi nao dat
diwoc 30 diém tro lén thi duoc thuong. Hoi xa thi phdi bdn triing
dich bao nhiéu lan thi dicoc thicong ?

&5 Gidi

Goi so 1an ban tring dich 1a x, diéu kién x € N, 0 <x < 10. (*)

Theo zia thiét:

= Mbi ha thi duoc ban 10 phét nén s6 1an ban truot 1a 10 - x, khi d6 téng
sodiém dat duoe 1a 5x - (10 - x).

*  Muién duge thudng, téng s6 diém phai dat tir 30 diém trd 1én, do dé:

S5x-(10-x)230=5x-10+x230=6x 240 & xz%q.
Két hop vai diéu kién (*), ta duoc:

X € N,-zgo—s)cSlO g el ieyXx=9. %= 0.

an duogc thuong thi s6 14n ban tring dich phai 1a 7 lan, hoac 8 lan,

Vay, g
Vo b vac 10 lan.

hoa
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C. BAI TAP LUYEN TAP
Bai 1: Giai cdc bat phuong trinh sau va hiy biéu dién tap nghiém ctia né trén truc so:

a. 3x-5>2x. c. 242x<2(x+2).
b. 3x<2x+3. d 2x-3>5-(03-2x).
Bai 2: Giai cdc bt phuong trinh sau va hay biéu dién tap nghiém ctlia nd trén truc so:
a. Sx-2<2(x-1)-(2-3x). c. (x=-2)>x(x+3).
b. (x -3)(x +3) <x(x —6). d (x+2)P22x(x+2)+4.

Bai 3: Giai cdc bat phuong trinh:
a. x*+2x-3)-1>x(x+5)+5. b.(x - 1)(x+5)<(x=-3)x+5).
c.(x+2)(x+4)<(x—2)x + 8) + 26.

Bai 4: Giai cdc bat phuong trinh sau va hdy biéu dién tap nghiém cua né trén truc sé:

X+2 x-2 2x+1 x-2
a. - 4 [ - -
3 4 6 2
b. 2x-i+2<5x—1‘ d 2x—7<4—3xl
3 9
Bai 5: Giai cac bat phuong trinh:
a. 2x—x+l+3x+2>i+3. b. x+4_x+3<x+2_x-1.
3 6 2 5 3 2
Bai 6: Giai cdc bat phurong trinh:
l 1. _-x 9IX-
N Sx 1“3x+]>0. b. 2x 1_3x+4<0. c.] X, 2x 3<0.
5 2 4 6 3 12
Bai 7: Tim cac s6 tu nhién n'thod mari bat phuong trinh:
a. 3(4n-5)<2n+27. b. (n+2)*-40<(n-3)(n+3).

Bai8: Tim cdc gid tri cia'x thoa man ca hai bat phuong trinh sau va biéu dién trén
truc s6:

a. 6x-3<4x-1vasSx+1>3x-3. b.3x - 1>x-2vad4x—-1>2x -3
Bai 9: Tim gid tri ca x d€ biéu thifc sau c6 gia tri duong:
. A—S 2x b B= 2x—5+5x—2- C.C:x+27_3.\'—7'
x* 44 6 3 3 4

Bz‘:ilﬂ:Chobiéuthl’rc:A=[ S -“52);2’,‘”.
X+l x-1 l-x b el

a. Riit gon biéu thic A. b. Tim céc gia tri cia x dé A > 0.

D. HUONG DAN -D.>.’ SO
Bai I:
d Xx>35. b. x<3. c. Moi x. d @.
Viéc biéu dién tap nghiém trén truc s6 danh cho cac em hoc sinh.
BAi 2:  Giai cdc bt phuong trinh sau va hay biéu dién tap nghiém clia né trén truc soé:

d x=0.

a. & b. x< = C. X< -=—
2 7
VB' uglién tap nghiém trén truc s6 danh cho cic em hoc sinh.
A -CDTPHDSS-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Bai 3:

a.  Bicn doi bit phirong trinh vé dang: x> +2x -6 — 1 > x* +5x + 5 ¢ 3x < —12 ¢evx <~ 4.

Vay, bat phuong trinh ¢6 nghi¢m x < — 4.

b.  Bicn doi bat phirong trinh vé dang: (x +S)(x = 1 =x+3) <0 <> x+5<0¢vx < - 5.

Viy, bat phuong trinh ¢6 nghiém x < = 5.
¢. Mo x.

Bai 4:  Giai cdc bat phuong trinh sau va hily biéu dién tap nghiém cua nd trén truc sé:

A, B = b. x> 15. ¢, k> =]l d.

Viée bicu dién tap nghiém trén truc s6 danh cho cic em hoc sinh.

Bai 5:
({
4 x> il ; b. x> E
5 19
Bai 6:
7 _ ]
8 X€— =, b. Moi x. C. X>—,
5 ' 2
Bai 7:

a. Bic¢n doi biéu thire vé dang: 10n < 42<>m< 4,2
Suy ray, ta chon duge n 50, n= 1, n ER@AH3, n = 4.
b. Bic¢n doi bi¢u thie vé dang: 4n <2563 ¢6,25

Suy ry, tachondugen=0,n=1,n=Zxmw<*3,n=4,n=5,n=6.

Bai8:  Viéc biéu dién tap nghiém trén truc s6 danh cho cac em hoc sinh.
a. Ta lan luot gidi cdac bat phitong)trinhs
6x -3<dx-Ylex<;Sx+1>3x-3ox> -2
Vay, vo1 — 2 < x < | tho@min“ca Hai'bat phwonig trinh:
b. Ta lan luot gidi cdc bat phueng-trinh:

|
3x—l>x—2<:>x>——2-; dx - 1>2x -3 = x> ~ 1.

o l ¥ -~ 1 . o Y
Vay, véi x > — = thoa man ca hai bt phuong trinh.

-

Bai9: Tim gid tri cua x dé biéu thiic sau cé gia tri duong:

a. X< é bh. x5<, ¢. x=l3.
2 4
Bai 10: Dé A ¢6 nghia diéu kién 1a x = + 1.
5 ek A:x-—]—2(.\q;+l)+x+5lx -1 - 2 _
x" -1 2x + | 2x +1

>O<:>2x+1>0<:>x>w%.

b. De A >0, diéu kién la:
2x +1

: . I
‘«'{ly,dé A > (0 diéu kién la — S <x# 1.

-
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L PHUONG TRINH CHUA DAU GIA TRI

TUYET POI

A. TOM TAT Li THUYET

1. NHAC LAI VE GIA TRI TUYET POI
a nfua20

Véi 6 a, ta c6:a| = { _ .
—anéua<0
f(x) néuf(x)>0
—f(x) nfuf(x)<0
2. GIAI PHUONG TRINH CHUA DAU GIA TRI TUYET POI
Trong pham vi kién thic 16p 8 chiing ta s& chi quan tdm t6i ba dang phuong
trinh chita ddu gia tri tuyét d6i, bao gém:
Dang 1: Phuong trinh: |f(x)| = k, véi k la hang s6 khéng am.
Dang 2: Phuong trinh: [f(x)| = |g(X)[-
Dang 3: Phuong trinh: |f(x)| = g€x)!

B. PHUONG PHAP GIAI TOAN

Vin dé 1: PHA DAU TRITUYET-DOI
Vi dy 13 (Bai 35/tr 51 — Sgk): B3 ddu gid tri tuyét déi va rit gon cdc biéu thitc:
a. A=3x+2+ |5x| trong hai truong hop x 2 0 va x <0.
b. B=|-4x| -2x+ 12 trong hai truong hop x 20 va x <0.
c. C=|x-4] -2x+12khix>5.
d D=3x+2+|x+5].

&5 Gidi
a. Taco: |5xl =[

Tuong tu nhu vy, véi da thiic ta cling ¢6: [f(x)| = {

S5xkhix =20
—5xkhix <0

Do dé: A = 3x+2+5xkhix20= 8x+2khix 20 |
3x+2-5xkhix <0 -2x+2khix <0
—4xkhix 20
b. Tacé: |—4x| = x- X :
4x khix <0

—4x-2x+12khix 20 _ [-6x+12khixzo

Do dé: B = =
4x —=2x+12khix <0 2x +12khix <0

c. Taco#®—4| =x-—4khix>5.
X—4-2x+12=—-x + 8.

A ] -CDTOHDS8-T2-
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d. Tacé |x+5|= .
—-x—-5khix <5

3x +2+x+5khix25 |4x+T7khix25
3x +2-x-5khix <5 {2x—3khix <5
Yidm 2: Bo ddu gid tri tuyét déi va rit gon cdc biéu thitc:
a. A=|x-=-2|+3x-2khix>2.
b. B=|x=3|+|3-2x|+x + 8 khi x > 3.

[x+5khix25

Do do D= [

&S Gidi
a. Voigathiétx>2 tasuyra:x-2>0=[x-2|=x-2.
Do dé A duoc viét lai: A=x—-2+3x-2=4x -4.
b. Vi gathiét x > 3, ta suy ra:
x-3>0=|x-3|=x-3.
3-2x<0 =3 -2x|=-(3=2X)
Do dé. B duoc viét lai:
B=x-3-3-2x)+x+8=xr3-B+2x+x+8=3x+2.
Yidp 32 B0 ddiu gid tri tuyét doi vasit-gan biéu thiic:
C=|x - 1] + 2x=+2|% 3.
£S5 Gidi
Nhan »ét rang:
x-1=0=xRl
Xx-2=0&x=2
do d6, dé »6 dugc dau gia tri tuyét déi cua C ta can xét cdc trudng hop:
Truong hep 1: Néux < -2, tadugc: C=—(x — 1) - 2(x' + 2) + 3 = -3x.
Truong hep 2: Néu-2<x<l,tadugc: C=—(x=1)+2(x+2)+3=x+38.
Truong hep 3: Néux > 1, tadugc:C=(x—-1)+2(x +2)+3 =3x + 6.

Vin dé 2: GIAI PHUONG TRINH DANG
If(x)] =k, v6i k 12 hing s6 khong am.

Phicong prap

x
\
!

Thue hén theo cac budc:
Budc 1 Dat diéu kién dé f(x) xac dinh (néu can).
: . f(x)=k :
Budc 2: Khi do: |[f(x)| =k < = nghiém x.
f(x)=-k

Budc 3 Kiém tra diéu kién, tir d6 dua ra két luan nghiém cho phuong trinh.

DHESS-T2-
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Yidwp bz Giai phwong trinh: [2x = 3| = 1.
&5 Gidi
Bién doi tuong duong phuong trinh:
2x =3=1 2x=1+3
= 7

2x -3=-1 2x =~1+3
Vay, phuong trinh cé hai nghiém x =2 vax = 1.
X+2

|2x—-3|=1<:>[

> =
Il

= 1.

Yidg 2: Giai phicong trinh:

x—2

£S5 Gidi
Diéu kién xac dinh cua phuong trinh la x # 2.
Ta c6 thé lua chon mét trong hai céch trinh bay sau:
Cdch I: Bién déi tuong duong phuong trinh:
[x +2 3
chal =143 X=2 cﬁ[x+2:x_2 e x=
2 x+2=_l XI+2=—(x-2)
[ x —2
Vay, phuong trinh cé nghiém x = 0.
Cdch 2: Bién d6i tuong duong phuong trinh:

x_

Xagh Dndne — 2
—
X+2=—(x-2)

X+2 =

=i¢$|x+2|=|x—2|¢::~[
X -2

Vay, phuong trinh c¢6 nghiém x = 0.

Vian dé 3: GIAI PHUONG TRINH DANG
If()] = |g(x)-
Phwong phap

Thuc hién theo cac budc:

Budc 1: Dit diéu kién dé f(x) va g(x) xédc dinh (néu can).
f(x) = g(x)
f(x) = —g(x)

Budc 3: Kiém tra diéu kién, tir dé dua ra két luan nghiém cho phuong trinh,
Yidy 1z Giai cac phiong trinh sau:

Buoc 2: Khi dé: = nghiém x.

f(x)] = |g(x)] <= {

)
X —=x+2

12x + 3| = x = 3|. b. - x| = 0.
B 0 X+ ]
A -CDTOAHSS-T2-
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&5 G
a. Bien doi tuong duong phuong trinh:
2x +3=—(x-3) X+ x=3-=3
Vay. phuong trinh ¢6 hai nghiém x = -6 va x = 0.
b. Dicu kién xdc dinh cua phuong trinh la x # 0.
Bicn doi twong duong phuong trinh:

2x+3|z}x—3|¢:’{

X"~ 42
) T =h
LR O X -
——{ = x| &
<+ 1 X" —x+2
I | — _x
X + 1
|
X" =x+2=x(x+1) 2x.=-2
= = o x=1
X" —X+2==x(x4D 2x° ==2,vonghiém
Viy, phuong trinh ¢é nghiém x =(T.
Vidwn 2: Giai phiong trinh: |2x — 3m|2/|x + 6|, vdi m |a tham so.

5 Giuai
Bién doi tuong duong phuong trinh:
ZXLEBmERN Y
2% = 3m =156 Xst-6)
{EX—X:6+3m {x=6+3m
& <>

|2Xx = 3m| =[x + 6| < [

2X + X ==6+%+3m X=m-2

Vay, phuong trinh c6 hainghiém x =6 + 3mvax=m - 2.

Van dé 4: GIAI PHUONG TRINH DANG
If(x)] = g(x).
Phuong phap
Ta <6 thé lua chon mét trong hai cich sau:

Cach I: (Pha dau tri tuyét déi) Thuc hién theo cic budc:
Budoc 1: Dat diéu kién dé f(x) va g(x) xdc dinh (néu cén).
Buoc 2: Xét hai truong hop:

Trueong hop 1: Néu f(x) 2 0.
Phuone trinh c6 dang:

f(x) = g(x) = nghiim x vi kiém tra di¢u kién (1).

Tricong hop 2: Néu f(x) <.
'Per(mg trinh ¢6 ang: — f(x) = g(x)
4% = nghiém x va kiém tra diéu kién (2).

Tron Bo SGK: https://bookgiaokhoa.com
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Budc 3: Két luan nghiém cho phuong trinh.
Cdch 2: Thuc hién theo cac buéc:
Buéc 1: Dat diéu kién dé f(x) va g(x) x4c dinh (néu cdn) va g(x) > 0.
— [f(x)=g(x) .
Buoc 2: Khi dé: |f(x)] = g(x) & = nghiém x.
f(x)=—g(x)
Buéc 3: Kiém tra diéu kién, tir d6 dua ra két luan nghiém cho phuong trinh,
Yidy 1z Gidi phuong trinh: |x + 4|+ 3x = 5.
£ Gid
Ta c6 thé lya chon mét trong hai cich sau:
Cach 1: Xét hai truong hop:
Truomghop 1: Néux +420 x> -4, (1)
Khi d6, phuong trinh c6 dang:

x+4+3x=5¢::>4x=lc::'x:-l,thoémﬁndiéukién(l).

Truong hop 2: Néux +4 <0 x <~4. (2)
Khi dé, phuong trinh c6 dang:

—(x+4)+3x=5¢:>2x=9<:>x=%,khOngthoémﬁn(Z).

Vay, phuong trinh c6 nghiém x = %

Cdch 2: Viét lai phuong trinh-duéi-dang:-jx-+-4}=-5 - 3x.

Véidiéukién:S—Sx?Ocszsg. *)
Khi d6, phuong trinh duoc bién déi:
A
[x+4=5—3x ]
x+4|=5-3x & ] :
Sk L x=§kh6ngthoé man (*)

Vay, phuong trinh c6 nghiém x = %

@ Chu ¥: Qua vi du trén, d6i vdi cac em hoc sinh hin thay rdng " Ca hai cdch
giai duoc trinh bay déu c6 d6 phic tap nhu nhau . Chinh vi vay,
tai day dat ra mot cAu hdi " Trong truong hop nao cdch 1 to ra hiéu

ua hon cach 2 va nguoc lai ?" — Céu tra 15i cic em sé nhan dugc
ong vi du 3.

A B -CDTDHDSS-T2-
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Yiglp 2: (Bai 36/tr 51 — Sgk): Giai cac plicong trinh sau:
a. |2x| =x-6. b. |4x| =2x +12.
e 1Bkl = =8 d. |-s5x| -16=3%.

25 Gidi
a. Taco: |2x‘ = ‘:

2x néu x 20
-2x néu x <0
) 2x =x -6 néu x>0 x=-6néux=0 (loai)
[)0dn:|2x|=x—6<:>[ ) & ] _
-2x=x-6néux<0 x=2néux<0 (loai)
V'ay, bat phuong trinh vo nghiém
b. Ta xét hai truong hop:
T ricong hop 1. Néu x > 0, ta c6: 4x = 2x + 12 & x = 6 (thoa man).
T ricong hop 2: Néu x <0, ta c6: —4x = 2x + 12 & x = -2 (thoa man).
Vay, bat phuong trinh c6 hai nghiém.
c. Ta xét hai truong hop:
T ruong hop 1: Néu x 2 0, tac6: —3x = x — 8 & x = 2 (thoa man).
T ruong hop 2: Néu x <0, ta ¢6: 3x =x —|8 < x =4 (thoa man).
V'ay, bat phuong trinh ¢6 hai nghiém.
d. Ta xét hai tntong hop:
Truong hop 1: Néu x 20, ta c6: =5x — 16 = 3x < x = -2 (loai).
Truong hop 2: Néu x <(0)'Wd1 667 5x<116 = 3x11¢<5N'= 8 (loai).
Vy, bit phuong trinh vo nghiém.
Yidwn 35 (Bai37/tr 51 —Sgk): Gidi'dac phitong trinh'sau:
8 |-7T\e2eFs 5—Tx+4)/=2x - 5.
c. lx+3|=3x—l. d. lx—-4|+3x=5.
&S Giai
a. Ta x¢ét hai truong hop:
Triuonghop I:x =720 x27,tacé: x -7 =2x +3 < x =-10 (loai)
Truomg hop 2: x —7<0& x <7, taco:

—x+7=2x+3<:>x=%<7(thoém5n).

Viy, phuong trinh c¢6 1 nghiém.
b. Ta xét hai trrong hop:
Truong hop I: x +4 >0 < x 2 —4, ta cé:
X +4=2x-5¢ x =9 (thoa man).
Truong hop 2: x +4 <0 < x <-4, tacé:

—x—4=2x—5<:>x=%>—4(loai).
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c. Ta xét hai truong hop:
Trieong hop 1: x +3 20 & x 2 -3, taco:
X+3=3x-1¢ x =2 (thoa man).
Truong hop 2: x +3 <0 & x <=3, ta co:

——x-—3=3x—-l<::>x=—-% (loat).

Vay, phuong trinh c6 1 nghiém.
d. Ta xét hai truong hop:
Truong hop 1: x —4 20 & x 24, taco:

x—4+3x=5¢:>x=% (loat).
Truong hop 2: x -4 <0< x <4, tacé:
—x+4+3x=5{.':>x=% (thoa man).

Vay, phuong trinh c6 1 nghiém.
Yidy 4: Giai cdc phicong trinh:

a. [x+1]=x+x. b. |x*-2x|+4=2
LS Gidi
a. Xét hai truong hop:
Truong hop 1: Néux + 120 x2 — 1. (1)

Khi dé6, phuong trinh c6 dang:
X+1=x*+x o x*=1 & x =+ 1, thoa man diéu kién (1).
Truong hop 2: Neux+ 1 <0 x<— 1. (2)
Khi d6, phuong trinh ¢6 dang:
—x+D=xl+xoxX+2x+1=0=(x+ 1)’ =
< x = — 1, khong thoa man diéu kién (2).
Vay, phuong trinh c6 hai nghiém x =+ 1.
b. Viét lai phuong trinh duéi dang: |x* - 2x| = 2x — 4.

Véidiéu kién: 2x - 420 x > 2. (*)
Khi d6, phuong trinh dugc bién doi:
: x? -2x=2x-4 x?—4x+4=0
X -2x|=2x -4 < —

2 _2x=—-(2x-4) [x?=4

o |x=27=0 _ [x=2
- | x =—-2khong thod min (*)

Bpﬂng trinh c6'nghiém x = 2.
A -CDTDHDSS-T2-
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& Nhan xet:

1. Trong, cau a), ching ta da lua chon cach 1 d¢ thue hien la bdi néu su
dung cich 2 ching ta s¢ gdp mot bat 1gi khi phai gidi bat phuong trinh
x'+ x 2 0. Tuy nhién, cang c6 thé khac phuc dude van dé nay bang viée
"Khong di griar dicu kicn ma cu ticp tuc thuc hicn sau Jdo ther lai ", cu

the:

Vi diéu kien: x* + x = 0, ()

Khi do, phuong trinh dugc bién doi: [x + 1| = x* + x
x4 T x" X X =1 x ==l x =1

= ; &S 8 " A .

X+1=—(x"+Xx) [x"+2x+1=0 [(x+D)°=0 [x=-I

Thu lai:

» Véix=Iltadugcx’+x=1"+1=220ludn dung.

» Véix=-ltadudcx*+x=(-1)"-1
Vay, phuong trinh ¢6 hai nghiém x =+ 1.
2. Trong cau b), chung ta da lua chon cach 2 dé thuc hién la bdi néu su

dung cach 1 ching ta sé gap mét bat loi khi phai giai bat phuong trinh

=020 luén dung,.

x' = 2x 20 va x> = 2x < 0. Tuy/nhlidn, cang ¢6 thé khic phuc dugce van
dé nay bang viéc " Khong di glai-diéu kién ma cu tiép tuc thuc hién sau
do thur lai" — Dé nghi ban doc tu lam.

3. Mot cau hoi sé dugodatoactai day lan'h Vidiomdot phuong trinh co dang
ddc biét hon mot chit (thi du 2|x — 1| = x* = 2x — 2) thi ngoai viéc lua
chon mot trong har &5l ‘gids 43 bibE thi' con'e6 mot phuong phap giar
khac khong ?' — Cau w161 Durorg nilitén sé co". Vi du sau sé minh
hoa phuong phap dét an phu dé giai phuong trinh nay.

Yidwg 4:  Gidi phicong trinh: 2|x = 1] = x* = 2x = 2.
&5 Gidi

Viét lai phuong trinh dudi dang:

(C=2x+1)=-2x=1-3=0(x—-1) =2]x-1|-3=0. (1)
batt=|x - 1|, diéu kién t > 0.
Kh do:

(Heott-2t-3=0t+t-3t+3=0t(t+1)-3(t+1)=0

120
S+ 1)a-3)=0 < 1=3.

t+121

. x=1=3 x=4
Vat=3,tadugc: & |x - 1|=3 = :
X—1=-3 X=-2

Vay, phglg trinh ¢6 2 nghiém la X =4 hoic x = - 2.
DHDSS-T2- 95
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@ Chu y: Tiép theo ching ta sé stt dung mot vi du d€ minh hoa phuong
phap giai phuong trinh chita nhiéu hon 1 dau gia tri tuyét doi.

Yidg 52 Giuai phuong trinh:

' X=1]+[x -3|=2.

£ Gidi
Nhan xét rang: pTell X-150 %=130
=1 b > B o
x-120&x21, il a3 A
x-320&x23, v v . "

do d6, dé thuc hién viéc bo dau gid tri T eyl U
tuyét d6i cho phuong trinh chiing ta
cén phai xét ba truong hop.
Truong hop 1: Néux < 1. (1)
Khi do6, phuong trinh cd dang: —(x - 1) - (x-3)=2¢ —2x +4 =2
<> x =1, thoa man diéu kién (1).

Truong hop 2: Néu |1 <x <3. (2)
Khi do6, phuong trinh cé dang: (x|-1) = (x -3) =2 < 2 = 2, lubn diing.
Truong hgp 3: Néu x 2 3. (3)

Khi dé, phuong trinh co dang: (X - 1)+ (x-3)=2¢<2x -4 =2
< x =3, thoa man diéu kién (3).
Vay, phuong trinh c¢6 nghiém 1 <x <3.
@ Cha y: Qua két qua cua phuong trinh trén, chiing ta nhan thdy mot diéu
rat thi vi 1a nghiém cta phuong trinh c6 th€ la mét doan trén
truc sé.

Yidy 6 Gidi phuong trinh:

&S Gidi
Diéu kién x4c dinh ctia phuong trinh la x # - 1.
Ta c6 thé lua chon mot trong hai c4ch sau:

Cich 1: Datt= 2 digu kien t > 0.

3 Ix +11
+ =2.
™ . 3

(1)

Khidé:(l)c:.%+t=2<:>t2-2t+l=0@t=1

Ix +11 X+1=3 X =2
= =l kk+1|=3& = ;
, Xx=—4

x+1=-3

Vf_aé‘ pﬂhg trinh ¢6 2 nghiém x =2 va x = - 4.

-CDTDHDS-T2-
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Cddr 2: Ap dung bat dang thite Cosi, ta duoc:

. *)x+1|21J ‘WRETI e
Ix +11 3 Ix+11 3
Vay phuong trinh tuong duong voi :
3 I 11 ) X+1=3 K=2
i U5 S9=x+1)e =4 :
Ix +11 3 X+1=-3 X=-4

\ay, phuong trinh ¢6 2 nghiém x =2 va x = - 4.

Bai :

Bai 7:

Bai 8:

H

b.

C. BAI TAP LUYEN TAP
Bo ddu gia tri tuyét d6i va rit gon cac biéu thic:
=Ix — 3l + x — 2 trong hai truong hop x > 3 va x < 3.
B =2x + 3 — | - 2xl| irong hai truong hgp x > 1 va x < 0.
C=Ix -4l - 3x + 11 trong hai truong hop x > 5 va x < 3.
D=Ix - 1l +Ix — 2| +12x — 5l trong hai trutong hopx >4 vax < — 1.
Giai cic phuong trinh:

Ix — 4l =5. cl 13-2xl=
12x - 31 = 4, d |1-5x|-1=3
Giai cic phuong trinh:;
12x - 3| + 2 =(8. g. 4]2x-1]+3=15.
|4x + 3|+ 1 =0. Roc Sapk Qnfje 3 5,
Giai cac phuong trinhe
Ix — 31 =12xl. c. Bx—-1l=dx-2l
|2x-1] = [x - 1R d. 15x —4l=14 - 3xl,
Giai cic phuong trinh:
. B b. 2“‘%-1:0

X x—1
Giai cic phuong trinh:
|x =2| =18 —3x. c. |Sx-3|=x+17.
|x +3]=2x - 1. d. |S-2x|+x=1.
Giai cac phuong trinh sau véi m la tham s6:
Ix = 2ml = 13x + 4l. b. 13x+2l=Ix -2ml.
* Giai cac phuong trinh:
Ix - 11=x*-x. c. 14x*=2xl+1=2x.
Ix=1U=x*+x+1. d IX*-5x+4l=x+4.

I=Ix + 1L b. I(m+ 2)x — 3l =Imx —4l.

Bai 9: acac phuong trinh sau véi m 1a tham s6:

DHDSS-T2-
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Bai 10: Giai va bién luan phuong trinh:
a. Imx+ 1l=12x+m-3lL
b. Ix-1=mx+2m-1.

Bai 11: * Giai cic phuong trinh:

a. Ix-21+Ix-4l=2.
b. Ix-1l+12x-6l=7.

Bai 12: * Giai cac phuong trinh:
a. Ix*-4x + 3l +Ix* —4xl = 3.

c. 2(Ixl+m-=1)=Ixl-

m + 3.

c. Ix=lN+Ix=2+Ix-31=6.
d Ix-1U-=-2x-21+3Ix -3l =4.

b. \/x+2JxT—Jx—2\/H=2.

Bai 13: * Giai cac phuong trinh:

a. (x+3)V10-x? =x*—x - 12.

b. \/x-\/x-\/x—m =5.

Bai 14: Tim t4t ca sé thuc a, b, c dé:

lax+by+cz| + |bx+cy+az|+]cx+ay+bz| = | x|+ |_-y|+|Z|

1a dang thic diing Vx, y, z € R.

D. HUGNG DAN - DAP SO

Bai 1:
- 2x -5 khix23-
] khix<3
. _ -2x+7 khix=>5
"7 |-4x+15 khix <3’
Bai 2:
A x=9as=-=1.
b x:l,x=—l.
2 2
Bai 3:
9 3
a. X=—,x=- —,
2 2
b. V6 nghiém.
Bai 4:

¥ B={4x+3 khix > 1

3 khix <0

4x -8 khix>4
d D= )

—4x -8 khix <-

d :lc--ﬂ,x=—E
3 3
1 3
C. X=——,X=—,
2 4

d x=1lx=D
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Bai S:
2
d == | "(21, b. x=0.x=—
3 3
Bai 6
i X=23 _a 2
- C x—z,x———?’—.
d. x=3.
Bai?: 2 x=m=2 ‘(=-:J-(II]--2), b. x==-m-1,x==(m-1).
Bai 8:
a. Xétiai truomg hop:
Truomgrop I:Néux -120ox 2 1. (1)

Khi ¢6, phuong trinh cé dang: x = 1 =x* = x & x* = 2x+ 1 =0 & (x - =0
= x = |, thoa man diéu kién (1).
Tricong nop 2: Néux -1 <0 x <1, (2)
Khi ¢6, phuong trinh co dang: = x+ 1 =x’—x S x'=1ox =1 1.
= x = — |, thoa min diéu kién (2):
Vay, phuong trinh ¢6 hai nghiém x = +:1.
b. Xéthai tneomg hop:
Triong nop I: Néux - 120 x> 1. (1)
Khi 6, phuong trinh ¢6 dangyxi-oh g’ dlweled xtsm2
=X = ——{5 , khong thoa man diéu kién (1).
Tricong nop 2: Néux -1 <0&x <1, (2)
Khi d6, phuong trinh ¢6 dang:
-x+l=x"+x+1ex'+2x =0 x =0, thoa min diéu kién (2).
Vay, phuong trinh c6 nghiém x = 0.
c. Bién doi phuong trinh vé dang: 14x* - 2x| = 2x — I.

G % |
Vaidieukién: 2x - 120 x 2 ~2— (*)
Khi d6, phuong trinh dugc bién doi:
4x* -2x =2x —1

ax*-2xl=2x -1 |
4x° -2x =—(2x —1)

- o 2 —

T TR |l I
= . =S | ESX = — |
4x° =1 X=%— 2

2

. . o !
Viy, phyggg trinh c6 nghiém x = 3
DHPSS-T2- 99
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Bai 12.
a. Ta bién déi phuong trinh vé dang:
Ix? = 4x + 31+ Ix? = dxl = ( x* = 4x + 3) = ( x* — 4x)

2 X23
Tinhchat X —4x+320 DEx<]
il & slxgl & .

2
x°—=4x <0
0<x<4

Vay, nghiém ciia phuong trinh 12 [0, 1]U[3, 4].

b. Ta bién déi phuong trinh vé dang: \J(Vx -1+1)* — J(¥Vx-1-1)° =2
Slvx=1+1l=1Yx=1 = ll=l(Jx=14+D =(Vx=1-Dl
T, (Yx=1-1).220 Vx-1 21 o x22.

Vay, phuong trinh c6 nghiém la x > 2.

& Nhdn xét:

1. Ldi giai cua bai todn trén dugc xay dung dua trén cac tinh chat cua trni tuyé
déi, cu thé chiing ta ¢é:
Tinh chat 1. Néu la + bl = lal + Ibl < ab 2 0.

a20

b>0

a0

b<0,

Tinh chdt 4.Néu la — bl = lal — Ibl <> b(a - b) 2 0.

2. Bii todn trén c6 thé gidi nhdy thth ¢ Hdt 2 nhu sau:

Ix? = 4x + 3b+Mx—xl=(x=dx+3) + (4X — x?)

Tiohel x2—4x+320c> OSxSI-
3<x<4

4x-x*=0
3. Doi khi cén sir dung mot vai phép bién doi dé lam xuat hién tinh chat. Cac
phuong trinh dugc giai bang phuong phéap s dung cdc tinh chat gid tri tuyé
do6i & dang ban ddu thuong khong thay xuat hién dau tri tuyét doi, né thudmg
xu4t hién sau phép bién déi: VA =IAl
Bai 13.
a. Diéukién: 10-x*20 & IxI< V10 (*)
Nhén xétring: x*=x - 12=x*-9-x-3=(x +3)(x - 4)
do dé, phuong trinh dugc viét lai:

x+3HVI0-x> =(x+3)x-4) > x+I)[VI0-x —(x—4)] =0

Tinh chat 2. Néulal +Ibl=a+b & {

Tinh chat 3.Néulal +Ibl=a-b & {

-CDTDHDSS-T2-
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®  Giai (2), bang phép bién doi tuong duong:

x=420
o J10-x2 =x -4 " y
10-x* = (x - 4)

x>4

x >4 x=>4 ‘
<> X =1, v6 nghiém.

5 <~ <>
X" -4x+3=0 (x—D(x=-3)=0
\Lx = 3
Vay, phuong trinh c6 nghiém x = -3.
b. Picu kién: x > 5.

Pat: \/-x ~alx =5 =] (x = t = 0) thi phuong trinh tro thanh: \[x -Jx-t =35.
Ta xét ba intomg hop sau:

e Neut<S=>x-t>x-520= Jx—-t > Jx-5

> x- k-t <x=x-5

::>\/x—\/)_cTt <\/x-\fx_-_5 S S<t(voli).
* Néut>S=>0<x-t<x-5=Yx=th< Vx-5

Sx-Vxk—t >x- JA+5

:>\/x~\/: >\/x-—m &S5 >t(voli).
. Né’utzﬁ,dodéz\(ﬁ:ﬂsx——ﬁ:m

X225 X225 _
o % = U <> x = 30.
(x=25)=x=5 Xo=31x+£630=0
Viy, phuong trinh da cho c6 mét nghiém la x = 30.
& Nhdn xét:

1. Ta ¢6 thé dua ra bai todn t6ng quat hon:

" Phuong trinh: \/x-—\jx-—\/x—...\}x—m =m. (2)

trong d6 m > | va vé trdi cta (2) c6 n ddu can, n € N°, luén c6 nghiém duy
nhat x=m’+m".

2. Hoc sinh c6 thé mic sai 14m khi khing dinh:
" Phuong trinh (2) ludn cé nghiém duy nhat

Xx=m’+m véi Ym >0".
Diéu nay khong diing vi ching han:

*  Phuong trinh \/x—\/x—\)x—\/x—l = 1 nhan x = 1, x = 2 la cdc nghiém.

*  Phugng trinh ,[x - x—Jx—“x-l =Ic6hainghiémlz‘1x=ivhx=£-
v 4 16 16
Y-
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Va hoan toan sai 14m néu thay lién tiép § = \[ - \/x -
vao V€ trdi clia (1) dé duoc phuong trinh c6 "v6 han” dAu can va tir d6 két luan /x —5 = 5.
Bai 14.
Diéu kién cdn: do dang thiic ding véi moi x, y, z € R nén véi cdc gid tri (1, 1, 1),
(1,0,0), (1,-1,0) cha (x, y, z), tir dé ta c6 hé phuong trinh:
la+b+c|=1 (1)
|a| +[b] +|¢| =1 (2)
|a—b|+|b—c|+|c——a|=2 (3)
Tu (1) va (2), suy ra a, b, ¢ cung dau hoic bang 0, nghia la:
ab>0
bc20. 4)
caz(

Tir (2) va (3), k€t hop véi bat ding thic |x —y| < x|+ |y|, tacé:
= |a—b| + |b—c|+|c—a| 42 |a] +2|b|+2lc|
o |al #lbl+lc] >1=|al #lbl+lc]
Suy ra, cac ddu bang phai xay ra, hay:
ab<0
bc<0. (5)
ca<0
Tir (4) va (5), ta c6: ab = bc = ca = 0 hay hai trong ba s6 a, b, ¢ phai bing 0.
Két hop véi (1), ta c¢6 s6 con lai phai biang + 1.
Piéu kién du: thay cic gid tri (£ 1, 0, 0), (0, £ 1, 0), (0, 0, £ 1) cho bo ba (a, b, c) vio dﬁng
thiic dang xét, ta dugc cic ding thitc diing véi moi x,y, z € R.
Vay, bé (a,b,c)cantimla(x 1,0,0),(0,£1,0), (0,0, £ 1).

@ Nhdn xét:

1. Trong l&i giai trén ta da chon raba bo s6 (1, 1, 1), (1,0, 0), (1, - 1, 0) cho (x, vy, 2)
dé nhan dugc moét hé phuong trinh theo ba 4n a, b, c. Réi thuc hién gidi hé
phuong trinh nay béng phuong phap dénh gié dua trén bat déng thic:

Ix -yl < x|+ [yl

2. Ciing c6 thé dé xuit mot cach giai gin tuong tu bing viéc chon ra ba bo s6
(1, 1, 1), (1,0, 0), (1, 1, 0) cho (x, y, z) 4 nhan duoc mét hé phuong trinh theo ba
4n a, b, c. R6i thuc hién giai hé phuong trinh nay bing phuong phap danh gia dua trén
bat ding thitc | x +y | Sﬁx|+ yl.

3. Thiéu s6t thudng gap & cidc em hoc sinh khi thuc hién bai toan trén la quén néu

iivén du.
A -CDTDHDSS-T2-
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Bai doc thém
BAT PHUONG TRINH CO HE sO CHU

A. TOM TAT Li THUYET

1. DAT VANDE
Chiing ta & bat dau vai viée giai bat phuong trinh:

8
ax ~8<clSax<< 8 x< —,
a

Vay, bit phuong trinh c6 nghiém x < %
& Nhan xét: Tathay ngay:
I. Véi a=1thinghiém la x <8, tic 10i giai trén la dung.
2. Véia=0thi % khong xéc dinh do 46194 gii trén 1 sai.
3. Vdia=—2thi theo cach giai trén ta nghiém la x < — 4.
Tuy nhién, thuc té voia = = 2bat phuong trinh c6 dang:
- 2xX=8 4P — < BFXST — 4.
Te loi giai trén 1 sai.
Nhu vay, khi giai bat phuong trinh co hé s6 chi, ta cAn chua y dén cac
trudng hop nho hon 0, bang. 0 va 1dn hon.0 cua hé s6 cua x, d6 duoc
goi la " Giai va bién ludn bat phuong trinh theo tham so™".
2. GIAI VA BIEN LUAN PHUONG TRINH BAC NHAT MOT AN
Bai toan: Giai va bién luan bat phuong trinh
ax+bgl
PHUONG PHAP CHUNG
Viét lai bat phuong trinh duéi dang:
ax < — b. (1)
Ta xét ba tnrong hop:
Truong hop 1: Néu a=0.
(He=>0<-b<b<.
Vay, ta dugc:
e Néu b <0, bat phuong trinh nghiém ding véi moi x.
e Néu b >0, bat phuong trinh vo6 nghiém.
Truong hop 2: Néu a > 0.

(15 X<-— E
d
M{.{)S&W - 103
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Truong hop 3: Néu a <0.

(1)@x>—3.
a

Két lun:
- Véia=0vab <0, bat phuong trinh nghiém ding véi moi x.
- Véia=0vab =0, bat phuong trinh v6 nghiém.

L] - - b
- Véia> 0, nghiém cua bat phuong trinh la x <— —.
a

; " b
- Véia<0, nghiém cua bat phuong trinh lax > — —.
a

B. PHUGNG PHAP GIAI TOAN
Yidg Mz Gidi va bién ludn bdt phuong trinh:
mx + 1 <-m’.

£ Gidi
Bién déi bat phuong trinh vé dang:
mx <-m’-1. (1)
Xét ba truong hop:

Truong hop 1: Véi m = 0, taduoc:
(1) © 0 < -1, mau thuin.
Truong hop 2: Vi m > 0, ta duoc:
m’ +1
m
Truomg hop 3: V6i m <0, ta duoc:

(e x<-

2
1
Ajesxs -0 =

m
Két luln:
- Véi m =0, bat phuong trinh v6 nghiém.

m? +1

- Véi m > 0, bat phuong trinh c6 nghiém la x < -

m
m? +1
o
Yidw 23 Tim m dé bdt phuong trinh: m’x + 4m - 3 < x + m* vo nghiém .
& Gidi
Viét laj

- Véi m <0, bat phuong trinh cé nghiém 1a x > —

phuong trinh duéi dang:
Dx — (m*—4m + 3) <0. (1)

-CDTDHDS8-T2-
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Khi do, bat phuong trinh vo nghiém:
m® -1=0 {m:il
o , o Sm=1,
-(m* =-4m+3)20 l1€Eme3

Viy, v m = 1 bat phuong trinh vo nghiém:
(g 32 Xic dinh m sao cho hai bat phicong trinh sau ticong dicony
M-D)x-m+3>0va(m+1)x-m+2>0.

& Grai
Viét lai cac bat phuong trinh dudi dang:
m-D)x>m-=3 5 (1)
(m+ 1)x>m-2. (2)

Ta di xét cac truong hop:
ricong hop 1: Néum = 1.

(1) = 0x > =2, luon ding. (2)c>x>-%.

Vay, (1) va (2) khong tuong duong.
rieomg hop 2: Néum = - 1.
(1) &5 x <2, (2) & 0x > - 3, luon ding.
Viy, (1) va (2) khong tuong duong.
riong hop 3: Néum # £ 1.
Khi do, (1) va (2) tuong duong
m=-Dm+1)>0
&S im=3 m=3X\ Om=5.
lm -1 m+l1
Vay, véi m = 5, hai bat phuong trinh tuong duong véi nhau.

C. BAI TAP LUYEN TAP
bai 1: Giai va bién luan cac bat phuong trinh:
(m*+m+ x+3m>(m?’+2)x+5m— 1.
bai 2: Giai va bién luan cac bat phuong trinh:
x~1 X+1

a. X+ > - mX.
m+ | m+ 1
x—1 x+1 s

b. x+ > —(m+ x, vdim#0.
m m

bai 3: Gaaiva bién luan bat phuong trinh:

Wc +l>—+2 voia,b>0.
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D. HUGNG DAN - PAP SO
Bai tap 1: Bién d6i bat phuong trinh vé dang (m — 1)x > 2m - 1.
* Véim=1,taduoc:
0> -1, luén ding.

i Yl s LS 2L
m-1
s Véim <0, lndgox <DL
m -1
Baitap 2:
a. Bién déi bat phuong trinh vé dang:
X 1 X 1
X + - S + -—mx&< (m+ D)x >
m+l m+1 m+l m+l m + |

* Véi m = - 1, bat phuong trinh vé6 nghiém.

* Véim>-1,taduocx >

(meh? |

= Véim< - |, taduge x< =
(m+1)

b. Bién déi bat phuong trifih vé dang:
v
xth = i 2 o +—-l-— TmcAxe (m+2)x > —.
m m m m m
* V4&i m = -2, bat phuong trinh v6 nghiém.

® Véim>-2,tadugc x> ———.
m(m + 2)

= Véim<-2taduogcx< ———.
m(m +2)

Bai tap 3: Bién déi bat phuong trinh vé dang a(a — b)x < b(a — b).
= Véia=b, bat phuong trinh v6 nghiém.

’ . b
= Végia>b,taduocx < —.
a

i b
= Védia<b,tadugcx > —.
a

B¢
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Bai doc thém
BAT PANG THUC

A. TOM TAT Li THUYET

1. DINH NGHIA
Bit dang thic 1 hé thic c6 mot trong cic dang:
A >B, A >B; A <B, A<B.
2. TINH CHAT CO BAN
Vai a, b, ¢, d la cdc s6 thuc, ta luoén cé:
Tinh chirl: Néua>beb<a.
Tinh chat2: Néua>bvab>cthia>c.
Tinh char3: Néua>b<<a+c>b+c.

N néu ¢ >0

; P ac>bcnéuc>0

Tinh chir4: Néu a>b < . va
ac<bc néu c <0

<—néuc<0

S | o |
olag o |lo

Tinh char5: Néua>bvac>dthia+c>b+d.
Chii y quan trong-khérg ap dung duoc "quy tac" trén cho
phép trir hai bat dang thiic cung chiéu.

Tinh char6:  Néu a >'b'30'va'e-3'd'>'0-thi'ac>'bd.

| N (—
S E=nénc ab >0

o
o

Tinh chat7: Néu a > bthis
l > l néu ab<O0
| a
Tinh chdt8: Néua>bthia™*"'>b"*' véineN".
Tinh chat9: Néua>b20thia">b", véineN'.

Tinh chdt 10- Néua>b20thi ¥Ya>%b . véine N°.
B. BAT PANG THUC ?
CAC PHUONG PHAP CHUNG MINH BAT PANG THUC

Dé chimg minh bit dang thitc A > B, ta lua chon moét trong cic phuong
phap sau:
Phuong phip 1:  Phuong phdp chimg minh bdang dinh nghia. Khi dé ta lua
chon theo cac hudng:
Huwong 1: Chimg minh A -B > 0.
Hiémg 2: Thuc hién céc phép bién doi dai s6 dé bien doi bat
déang thiic ban diu vé mot bat dang thitc diing.
6;’ Huong 3: Xudt phét tir bat dang thitc ding.

o

Huong 4: Bién déi vé trai hoac vé phai.

W
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Phitong phdp 2: St dung tinh chdt bdc cdu, tic 1a chimg minh:
A>CvaC>B.

Phiwong phap 3:  Phuong phap ching minh phan chitng, duoc ap dung véi
cdc bai todn yéu cdu ching minh it nhat mot bat dang
thiic trong cac bat dang thiic da cho 1a ding hoac sau.

Phiuong phdp 4:  Phuong phdp hinh hoc, bang viéc st dung tinh chat:

" Néu a, b, c la dé ba canh cua mot tam gidc thi
a+b>cvala-bl<c”.
Yidp 1z Chitng minh rdng véi moi s6 thuc a, b, ¢ luén ¢o:
a’+ b’+ c*> ab + bec + ca.
£5 Gidi
Ta c6 ba céch trinh bay theo phuong phédp 1 (mang tinh minh hoa), nhu sau:
Cdch 1: Ta bién déi bat dang thic nhir sau:
a’+b’+c’—(ab+bc+ca)20

2 2 2 2 2 2
a b b c

Cc a
&> (— —ab+ —)+(—|+bo+ —)+(— —-ca+—)20
(2 2) (2 2) (2 2

a P . b - c a
7 N2 iR i olE con?
Cadch 2: Ta bién déi bt dang thic nhu sau:

2(a’+ b+ ¢?) > 2(ab +'bc + ca)
& (a*+ b?— 2ab) +(b%+ c*—2bc) + (c*+ a’— 2ca) 20
& (a=b)? + (b—c)? + (c—a)?> 0, luén diing.
(a-b)2>0 [a? +b2=2ab>0
Cdch 3: Taluén cé: {(b—c)? 20 < {b% +c? —2bc>0. 1)

(c—a)ZZO c2+al-2ca>0

)?> 0, ludn ding.

< (

Cong theo v€& cic bat phuong trinh trong hé (I), ta duoc:
2(a’ + b*+c?) — 2(ab + bc + ca) 20 <> a’ + b’ + ¢*> ab + be + ca, dpem.

> Nhdn xét: Nhu vay, thong qua vi du trén da minh hoa cho ciac em hoc
sinh thdy dugc ba hudng chimg minh bat ding thitc khi sk
dung phuong phéap 1 va sau day ta sé minh hoa bing mot vi
du cho hudng 4.
Yidy 2: Chimg minh rdng véi moi neN’ luén cé:
1 1 1

s i o o <l.
Aﬂc 12 23 n(n+1)
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&5 Gici

1 1 I
Nhan xét rang:

k(k+1) k k+1’

] 1 1 ] | ]
dodo: VT =(l-—)+(===)+ ...+ (—= )= 1-

2 2 3 n n+l n+1
Yignw 3z Chimg minh rang véi moi a, b € R luon co:

i ..A 6
a+b a’+b* a'+b’ <116+b

<1, dpcm.

2 2 2 2
&S Gici
3,3 1,4
7+ +
Ta di chimg minh véi moi x, y ludn co: ik O . BF. > P, (*)
Thaiviy: (%) & (x +y)(x +y) €2(x* +y) @ xy(x* + y) <x* +y*
2 2
; Y 3y?
=5 (x—y)"ﬂx e J - Y ] =0, ludn dung.
2 3
Khi 16 dap dung (*), ta duoc:
a+b a’+b%/a’+b’ N [a+b a’ +b’ | al\+b?
2 2ff 2 [Tz 2 |\
L addgpd 'a‘2 Qp? L B¢ +H° -
2 2 2
VYidp 4 Choa,b, ce(0, 1), ching minh rang it nhdt mét trong cdc bdt dang

1 | 1
thite sau la sai: a(l —=b) > —, b(l-¢c)>~—, c(l —a)>—.
ite sau la sai: a( ) 3 (1 -=c¢) n c(l —a) 1

£5 Gid
Gia s\ tréi lai ca ba bat dang thiic déu ding, khi d6 nhan theo vé ba bat
dang thic ta duoc:

{1 -b).b(l =c).c(1 —a)> ?SIZ <> a(l = a).b(l =b).c(l =c)> 6]_4 (*)

Ta cinhan xét: a(1 —a)=a—a’= l —ifa+ l)lﬁ l,
4 ) 4

Chitng minh tuong tu, tacé b(1 - b) < & c(l-¢c)<

PN

_ 1 .
do do: acl).b(l -b)c(l -¢) < a, tirc 1a (*) sai.
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Yidu&: Choa,b, cladédai3 canh cua mét tam giac vuong voi ala canl
huyén. Chitng minh rdng: a> > b* + ¢’
&5 Gidi
Vi a, b, ¢ 1a d6 dai 3 canh clia m6t tam gidc vuodng vai a la canh lhuyén nén
a>bvaa>c.
Theo dinh Ii Pitago, ta cé6: a° = b> + c*.
Ta c6 nhan xét:
a@=a’a=(b*+cda=bla+cla n;b b’b+cic=b’+c?, dpem.
a>c
@ Cha v: . R T T Y z ;
y: O day, ta con c6 két qua tong quat hon:
"Cho a, b, ¢ la dé dai ba canh cua mét tam gidac vuémg voi a la
canh huyén ta luén ¢é a"2b"+c",voine Nvan>2"
BAI TAP PE NGHI
Bai 1: Xdc dinh tinh ding, sai clia cdc bat dang thifc sau va néu ldi giai thich:
(ab + bc + ca)® > 3abc(a + b +¢), vdia, b, c € R.
a2 +b’+c’+d’2alb+c+d),vdia,b,c,deR.

a* + b*< ab(a’ + b?), véi a, b e R:
a’ + b’ + ¢ <2(ab+bc+ca)v6’tabcladodalbacanhcuammtamglac

Bal2 V6i 0 <x,y,z< 1, ching minh rang: 2(x* +y* + 2’) — (xy + y’z + zx) < 3.
Bai3: Chobas6a,b,c>0vaa+b+c<1. Ching minh riang:

(et

HUGONG-DAN—PAP-SO

D-S" o p

Bai 1:
a. Bat dang thic 1 diing véi moi s6 thuc a, b, ¢ boi:

bdt & %(ab - bc)? + %(bc —ca)’ + —;-(ca —ab)?> 0, luén ding.
b. B4t ding thitc 12 ding véi moi s6 thuc a, b, ¢, d béi:
bdt < (% —b)*+ (% —c)l+ (% — d)?> 0, luon diing.

c. B4t ding thiic 1a sai bai véi a=b =0, ta duogc 0 < 0.

la-bl<c (a—b)’ <c’
d. B4t ding thiic 1a ding boi: {|b-c|<a < {(b-c)’ <a’
lc—al<b (c-a’<b’

cong theo vé ta dugc dpcm.
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BAT DANG THUC CHUA DAU GIA TRI TUYET BOI
A. TOM TAT LI THUYET

Ta ¢o cac tirh chat sau:
Tinh chdt 1 Véihai so thuc a,btuy y: a>>b” < |a|>|b].
Tinhchar2: Taco:-b<asb & |a|<b. '
a2b
Tinh chat 3= Ta co: { < a2|b]|.
e

Tinh chard: Taco:|axb|<|a|+|b].
B. PHUGNG PHAP GIAI TOAN
Vin dé 1: CHUNG MINH BAT PANG THUC

Yidg lz  Cluing minh rang véi moi sé thie a, b ta luén co:
atb|2|al—b1.

.Ef(;f'u;!‘
Taco: |a|=|(axb)Fb|<|atBlEYl]| = |a]-4b|<|]atb].
Yidw 2: Ching minh rang véi moi séithucla, b, ¢ ta luon ¢o:
la-c|<|a-b|+|b-c]|.

£S5 Gidi
Tacéd:a—c=(a—b)+ (b-c). Ké qua suy ra tir tinh chit 4.
Vidp3: Chimng minhirang néu: |a|+|b| =a+b, (1)
thia, b>0.
£S5 (Gidi

Vé trai khong am, vay vé phai khong am, ticc laa+ b > 0.
Suy ra, trong hai so a, b phai c6 mét s6 khong am, gia sira 2 0 suy ra
|a| =a
Tuwrdo (1) codang: |b| =b&=b20.
Viin dé 2; SUDUNG BAT PANG THUC GIAI PHUONG TRINH
Voi phuong trinh ta st dung cac tinh chat:
Tinh chitl. Néu:|a+b|=|a| + |b| < ab20.
a0
b>0
a0
b<0

ﬁamu, Néu:|a—-b|=]a|-|b| & b(a-b)20.
4 TOHDSS-T2- 111
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Yidg l: Giai phuong trinh: |2x +3 |+ |1 =2x | =4.
£ Gidi
Ta bién d6i phuong trinh vé dang:
[2x + 3| + |1 -2x| =(2x + 3) + (1 — 2x).

X &=
Tinh chit 2){ * 3 2 0 Py 2
l=2% 20 '

Vay, nghiém cua phuong trinh la - 5 XS

& Chuy: Cac phuong trinh dugc gidi bing phuong phap su durg cdc tinh
chat gid tri tuyét d6i & dang ban dau thudng khéng thiy xuat
hién dau tri tuyét d6i, né thudng xuét hién sau phéy bién ddi

JAZ = |A].
Yedw 2: Giai phuong trinh: sz +2x+1 - \/xz -2x+1 =2, (1)
&5 Gidi
Ta bién d6i phuong trinh vé dang:
Jx+DY = Jx-12 =2k + U-Ix=1U=Ix+1)=(x- D

—Lmhehll, v — D[(x+1)-(x-1)]20(x-1)220
&Sx—-120%x20
Vay, phuong trinh c6nghiém-lax2-1-

BAI TAP DE NGHI
Bai 1: Biétring |a|> 2 |b|. Chimg minh ring lal < 2la - bl.
Bai 2: Biét vdi a, b, c 1a ba canh clia m6t tam gidc. Chimg minh rang:

a b c a c b la-b b-c c-a| |
a. |—+—+——-——-——— < 1. b. + - < —.
b ¢c a ¢c b a |a+b b+c c+a 8
Bai 3: Giai cic phuong trinh sau:
a. Ix+3l+I11 -xl=4. c. 2x-31+12x-9lI=6.
b. Bx-11+12-3xl=3. d Mx-1+22x-11=1.
A ‘ -CDTPADSET2-
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BAT PANG THUC COSI
A. TOM TAT Li THUYET

B o b

? 2 : 2 b _EE . +
Bat dang thuc Cosi: Cho hai s6 khéng am a, b, ta lu6n cé: =

dau dang thic xay ra khi va chi khia = b.
Mo rong

a+b+c _ ;

a. Voicac s6 a, b, c khéng am, ta luén c6: ———— > 3/abc,

diu dang thic xay ra khi vachikhia=b=c.
b. Véins6a,i= I,n khong am, ta luon cé:

]

;(a' +ly Fea¥ B, )2 [Aray.ag
i / N e

nsé hang nsé hang

dau dang thic xay ra khi vachikhia, =a,=..=a

n*

B. PHUONG PHAP GIAI TOAN

Yin dé 1: CHUNG MINH BAT PANG THUC
Yidg 1z Choa,b> 0. Ching minh-rdng: (a + b)(l + %) 24,
a

£ Gidi
Sir dung bat dang thic Césis
* Chocapsb a, b, ta duoc: a+b22«/5. (1)
. Cﬂ]ocapsﬁ'—l-+l,taduqc: —l—+-l—2——2-—. (2)

a b a b \/E
Nhan hai vé¢ lurorng ing cua (1), (2), ta duoc:

(a+b)(—+—)>2J_——_4dpcm
Vab
|a=b
Dau ding thiic xay rakhi: {1 1< a=b.
a b

@ Nhan xét: Chiing ta cé dugc két qua téng quat hon nhu sau:
Cho n s6 duong a,, i = 1,n . Chimg minh ring:

1 1
L ta)(—+—+... +—]—) S0

. a, a a,
l‘! DHDSS-T2- 113
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That vay, tacé: a, + a,+ .. +a, 2n%a,a,..a, ,

--1-—+l+...+l > -

al az an nala-,...a

Nhan hai vé&€ tuong tmg, ta dugc bt ding thic can chimg minh va diu
dang thitc xay rakhia, =a,=...=a,.

Yidwp 2: Cho ba s6 duong a, b, c. Chimg minh rang:

a b o 3
+ - =
b+c c+a a+b 2

v

&S Gidi
Ta co:

a b C
+ +

b+c c+a a+b

C

=(—— + M +( + D+ ( + M3
b+c c+a a+b
1 1 ]
=(a+b+c + + -3
( X b +¢ C+a a+b)
1 1 1 ]
= —[(astb)# (bi+e) #d(c+a)]l + + ]=3
2 b+c c+a a+b
N 3 3Ja+b)(b+c)c+a).3 : -3
2 3/(a+b)(b +c)(c +a)
=?_—-3=__3_.
2 2
a+b=b+c=c+a
d4u dang thitc xay ra khi:{ 1 1 1 ©a=b=c

a+b b+c c+a
@ Chit y: Trong nhiéu trudng hop ta cin sit dung mot vai phép bien ddi dai so
d€ nhan dugc cac phan tr khong Am trong bat ding thirc, tir d6 méi
c6 thé st dung bat dang thizc Cosi. D& minh hoa ta xét vi du sau:
Yidp3: Choa,b,clads dai ba canh ciia tam gidac. Chitmg minh rdng:

;0 ab(a + b — 2¢) + be(b + ¢ — 2a) + ca(c +a — 2b) > 0.

-CDTPHBHS8-T2-
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&5 Gidi
Bi¢n doi bat phuong trinh vé dang:
atb-2c & b+c-2a " c+a-2b >0
¢ a b
a b ¢c ¢ a
& —4+—+—+—+—+—26. (*)
c ¢ a a b b
Ap dung bat dang thirc Cosi cho VT, ta duoc:
a b b ¢ ‘ abbc
R R LTI
c ¢ a a b b ccaabb
dau bang xay ra khi:
a b b ¢ ¢ a
—="=_=—=_=—<:>a=b=c.
c ¢ a a b b
@ Chu y. Trong nhiéu trudng hdp ta cAn st dung lién tiép nhiéu lin bat

dé"mg thitc Cosi. P& minh hoa ta xét vi du sau:

Yidp4: Choa b>0 meN". Clnhig Hinh rc?ug:(l + %) + [l +EJ S Pl
a

25 Gidi

Taco; l+-El ‘?.?.\/Ec:»
b b
>2‘/7<:>

o fo
r

]«1—E

i

suyra: | 1 +—
y ( b]

O | &2

i
7

\m

b

F

diu dang thirc xay ra khi:

AJ DHDS8-T2-
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Vin dé 2; TIM GIA TRI LON NHAT VA NHO NHAT

Yidyp 1z Cho hai s6a,b20.
a. Néua+b=k — const, tinh gid tri lon nhdt ciia ab.
b. Néuab=k — const, tinh gid tri nho nhdt ciia a + b.

&S Gidi

2 2
a2 , b k
a. Theo bat dang thitc Césitacé:a+b2>2+/ab < ab< [a-; J =7

k* . k
tir d6 suy ra (ab),,,, = 2 datduoc khia=b= r

@ Nhdn xét: Qua vi du trén chiing ta thay ring:
1. Trong s6 cic hinh chit nhat c6 cung chu vi thi hinh vuéng la hinh c6
dién tich 16n nhat.
2. Trong s6 cac hinh chit nhat ¢6 cting dién tich thi hinh vuéng 1a hinh c¢é
chu vi nho nhat,
3. Theo b4t ding thitc Cosi tac6:a + b 2 2+/ab =2k,

k
tir d6 suy ra (a + b)y,;, = 2k ,/dat duoc khia=b = v

. s . » A v " - X 15 u
Yidp2: Tim gia tri nho nhdr cua'ham' sé:y S + —,vai x >0.

X
£ Gidi
- x ‘15
Véix >0, taduoc —, — > 0.
X
. & . 2
Sit dung bit diing thic CoSta-dusc-ys=24 = 22..J% 12 4,
3 X 3 x
X 12 . x>0
tir d6 suy ra y,,;, = 4, dat duoc khlg =— &>X'=36 & x=6.
X

P Chi y: Vi du trén da minh hoa phuong phéap sit dung bat ddng thuc
Cosi A€ tim gia tri nhé nhat cia mot t6ng c6 tich bing hing sg,
tuy nhién trong hiu hét cic trudng hop cac em hoc sinh can c6
dugc thu thuat dé tao ra mét tich bing hing s6, vi du nhur:

1. Véiy=2x+ —5,vOix >0, ta can viét lai ham s6 duGi dang;:
X

1 ’ 1

Y ERERE — 233xx.— =3.
‘: 2
!B X X

-CDTDHDSS-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

2 Trong truong hop la tdng luj thira, ta minh hoa bang vi du sau:
B k) . . k4 ar o ~ g 3 3 s
Yidg3:s Tim gida tri nho nhdt cua ham sé'y =x"+ —, voi x > 0.
£5 Giii
Bié doi:

] ] 1 1 1 5
y:lx3+—l~x3+ : + 1 + : 255\/—}(3.—)(3- . . =
2 2 x? x? x? 2 2

(r do, tuy rayy,, = % dat dugc khi

[a—

i“-Jl)(‘:—:— — ox’=2cx=32.

2 2 x? x?  x’
Yidop 4z Tim gid tri lén nhdt cia ham s6:y = (x +2)(3 = x), vai =2 <x <3,
&5 Giii

Vé -2<x<3,tadugcx+2=20va3-x20,
do d6 it dung bat dang thitc Cosi ta duoc:

(x+2)+(3- x) 25
) phTFo

y=(x+2)3 -k )<[

25 1
tirddsuyrayMax=—Z- datdugc khi:x+2=3-x&x = /%

@ Chii y: Vi du trén da minh hoa phuong phép sit dung bat ding thitc Cosi
dé im gia tri 16n nhat cia mot tich c6 tong bing hing s6, tuy nhién
trong hau hét cac truong hop cac em hoc sinh can ¢é dugc thu thuat
dé tao ra mot tng bing hing s6, vi du nhur:

. Voiy = (2x + 1)(2 - 3x), voi -—;— X% %,tacénvi& lai ham
s6 dudi dang:
1.1 %2 1 1. 2
X+ 1)2-3x) == (x + =)= (= =x) = = (x + =)(= -
y =(2x+1)(2-3x) (x 2)3(3 x) 6( 2)(3 X)
- 12
1 2
xX+=)+(==x) 2
Sl 2 3 =_1___5_ .
6 2 6 L12
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2. Trong trudng hop la tich luj thita, ta minh hoa bang vi du sau:
Yidg 5z Tim gid tri lon nhdt cia ham 56y =x(1 —x)’, véi 0 < x <1.
£ Gidi
Bién déi:
1 1
y=x(1-x)’= 5.3x(1 -x)’ = -5.3x(] = 21 =301~ %)

r6i 4p dung bat ding thiic Cési cho 4 s6 khéng am gém 3x va 3 s6 1 — x, ta
duoc:

3

" |:3x+(1—x)+(1—x)+(1-x)}4_ 1 (3]“ #
ol § 4 -

4 41
d4u dang thiic xay ra khi:
Ix=l-x=l—-x=1-x& x=£.
Vin dé 3: GIAI PHUONG TRINH

Yidg 1z Giai phuong trinh: P +- Ix+11 =
| x4l 3

p.\ (1)

&S Gidi
Diéu kién x # - 1.
Ap dung bat déng thic Cosi, ta duoc:

— 3 +|x+1|22_\/ 3 .|x+ll=2=vp.
Ix4+1] 3 Ix +11 3

Vay phuong trinh tuong dirong vai :

3 Ix+11 . x+1=3 X =
= S9=x+1)e N
Ix + 11 3 X+1=-3 X

Viy, phuong trinh ¢c6 2 nghiém x =2vax =-4.

BAI TAP PE NGHI

Bai 1: *Chimg to rang trong moi tam giac, ta déu cé:
2

p
g P
33

trongdﬁaén tich tam gidc, 2p la chu vi tam giac.

Tron Bo SGK: https://bookgiaokhoa.com
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Bai 2:  *Chimg minh rang:

4\‘/(_;_1_4-_mb+4){c—2)(d—3)S;l+b+c+d, viiaz-1,b2-4,c=>22vad>3
Bai 3:  #Chimg minh rang:
; s 4 | »
X4y b o 2-_2(\[; 4 J;),vm X, yeh
X
Bai 4: *Ching minh rang: avb-1 +bJVa—1)<ab,vdia, b= 1.
Bai 5: *Chimg minh rang:
a b e

———+ - +(1—=a)(l1 =b)(1l-c)<1,vd10<a,b,c<l.
b+c+l a+c+]l a+b+l

Bai 6: #*Chung minh rang:

X y Z
—_— 4 e =
l+x™ l+y" 1+2Z°

: | - : VoI x,y,zz0vax,y, z<3.

3
< =< -
2 l+x l+y l+z

Bai 7: *Ching minh ring:

as b & diA 1 1 o
— + — + — F A & — = PN NS b, e 50,
b C d a’ a b ¢ d
Bai 8: *Ching minh ring:
| | I a+b+c ..
. + — +— < , vara, b, c>0.
a-+bc b +ac ¢ +ab 2abc
Bai 9: *Ching minh ring: _ ;
I i I l

‘ ; R— : %iH 5 < Vi 4, b.e>D
a +b +abci\b’ +¢c +abc” a ¥¢c +abc  abc

Bai 10: *Chimg minh rang:
| 1 1 18

— + — + =
X v zZ %YZ + 2

,VOIX,Y,2>0coX+y+z=1.

Bai 1X:
a.  Trong cic hinh chir nhat ¢6 chu vi bang 4, hay chi ra hinh ¢6 dién tich I6n nhat.
b. Trong cic hinh chir nhat cé dién tich bang 3, hay chi ra hinh c6 chu vi nho nhét.
Bai 12: *Tim gia tri 16n nhat cha ham s6: y = (x + 3)(7 —x), v6i —3 < x < 7.

oy i e w o o R NS
Bai 13: *Tim gid tri nho nhat cia ham s6: y = 5 + —,voix>0.
X

o3 o Cckow i e . - S
Bai 14: *Tim gid tri nho nhat ctia ham s6: y = x* + —, véi x > 0.
B

Bai 15: *Tim gid tri 16n nhat ctia him s6: y = x’(2 = x)°, véi 0 < x < 2.
Bai 16: Gia st phuong trinh: x° —x' 4 x = 2 = 0 ¢6 nghiém thuc x,.
minh ring 3 <x,< ¥4 .
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HUGNG DAN - PAP SO
Bai 1: Goi a, b, c 1a d6 dai ba canh ciia tam gidc, thé thi a + b + ¢ = 2p va nhd rang
p—a,p-b, p-claba sé duong.
Theo cong thitc Hérong

3 27 33
d4u ding thiic xdy rakhip—a=p—b=p—c < a=b =c < tam gisc déu.

Bai1: vy, =25, dat duoc khix = 2.

Bai2: vy, =6, dat duoc khi x = 6.

e . _ ) 4 2
5’=P(p-a)(p-b)(p-0)5po[(p ) +(p-b}H(p C)) =E-<::>s~_: P

Bai3: yui,= —§——,da_xtduqc khix = '5\/37

Y27

3353 3

Bai 4: .= ——, dat duoc khi x = — .
YMa 4% a

Bai 16. Vi x, 1a nghiém ciia phuong tfinh da/cho nén:
Xo20,x#1va x; - x, +%,=2. (*)
ia o g = 1
Nhan ca hai vé cta (*) véi x, + —, ta dugc: x: +1= 2[:{0 +—]-]
¥ X,

V1 v€ trdi luon duong, cho nén tir v& phai cé x, > 0.

Ap dung bt ding thirc Cosicor x5+ 1= 2[:{U +LJ >4.
xU
Luu ¥ ring X, # 1 nén cé bat ding thiic that su.
Do d6,x; >3 va vix,> 0, tacé xo > x§
. ¥ — 3 . 2 2 ] & 6
Chia hai v€ cia (*) cho x, ddn dén: — + 1= x; + — >2vadodé x, < \/Z
x(} 0
Tém lai, ta duogc 3 < X < Jre
@ Nhdn xét: Day la mot bai toan bac cao, khong c6 cong thitc nghiém t6ng

quat. Tuy nhién phuong trinh cu thé trong bai c6 thé phan
tich thanh thita s6: (x* - x + 1)(x> + x*~x-2) =0

va ha bac ctua phuong trinh dugc.

A ‘ -CDTDHDS8-T2-
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BAT PANG THUC BUNHIACOPXKI

A. TOM TAT Li THUYET

Bat ding thic Bunhiacopxki: Cho a,, a,, b,, b, 1 nhiing s6 thuc, ta cé:
(a,b, + a,b,)’< (a} + a3 )(bi + b3),
dau ding thic xay ra khi va chi khi —L = 22
b, b,
Mo rong: Véi cic sé thuc a,, a,, a,, b,, b, b;, ta luén co:
(ab, + ab, + a;b;)*<(al + a2 + al)(b? + bZ + bl),

a, a3

dau dang thitc x4y ra khi va chi khi: B
b, b, by

B. PHUONG PHAP GIAI TOAN

Vin dé 1: CHUNG MINH BAT DANG THUC
Yidyg Lz Chitng minh rdng véi moi sé'thuc X, y luén c6:
(X +y)’ <K} ey Pt +y).
£5 Gidi
Ta co:
VT = (x* + ¥')* sixextl e 3y P s(0¢ v D+ v*), dpem.
Vidp 23 Ching minh rang véi a, b, ¢ tuy y, ta luén ¢é:
ab &/ bo ca'dlal #bd¥icd
&S Gidi
Ta co:
VT?=(ab + bc + ca)’< (a* + b* + c)(b% + c242%) = (@’ + b* + ¢%) .
Lay can bic hai cua hai vé, ta di dén:
a’ + b’ + c*2lab + be + cal 2 ab + bc + ca, dpcm.
Yidp3: Cho a, b, cla dé dai ba canh cua mot tam giac, p la mét nuwa chu
vi. Chitng minh rang:

Jp <yp-a +p-b + Jp—c <3p.

&S Gidi
= Taco:

(Jp=a + {p=b +Jp-c)’ _
=(1_Jp——a + 1. p"b + 1 p_c)z

<(*+1*+1)(p-a+p-b+p-c)=3p

Wm + Jp—b + \Jp-c S@ (1)
A DHDSS-T2- 121
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Dau dang thiic xay ra khi

Jp—a =dp—b _ Jp—¢ —
I 1

* Ta di ching minh

JE < 1/p»al + Jp-b + p-c
bing phép bién déi tuong duong, cu thé:

JE < \/p—a + Jp—b + 4p—c

Sp<p—a+p-b+p-c + o

+2/(p-a)(p=b) +2,/(p—c)p-a) +2(p-b)(p-v)

&0 <2,/(p—a)(p—b) +2,/(p—c)(p-a) +2/(p—b)(p—c).

VYidp4: Choa,b,c la ba s6 khdc 0. Chitng minh rang:
a’ % b’ 4 c? a b ¢

. - — =+ =,
b c az b C a

v

&5 Gidi
Ap dung bat dang thitc Bunhiacopxki. ta cé:
2 2 2
(a— + b— + C—)(1 + 1741 )>(I—I+I*I+I-I)
b2 c? a’ b c a
Suy ra:
L2 2 2 i »
Bl dB sonBi By o8 Ll 1Bl %5, (%)
b2 2 \\? b o BocS3ch Ol c a
Nhén xét rang:
LI PRLITR . P Ll Y
3 b o a abc
Rt Ba 2o D5
C a b c a
suy ra
b
a2 14181180 L Z 1 214 |—|)> LW I
b c a 3 b c b C a
tir d6 (*) duoc bién doi:
a’ b? c? b C
+ - 2 — 4+ — + -,

a
b’ c? a’ b C a
Dé nhan thiy dau dang thic xay rakhia=b =c.
@ Chii y: Vi cac bai toan c6 didu kién ta can khéo léo bién ddi dé nhan
udc biéu thic diéu kién hodc sit dung ngay biéu thic diéu kién

= . at ada A’ - - - -
! 5 Ge bién d6i. Cu thé ta di xem xét cac vi du sau:

-CDTDODHDSS-T2-
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Yidyd: Hai so'x,y thod man x> +y* = 1. Climg minh rang —5 <3x + 4y < 5.
£S5 (i
Taco: (3x +4y) < (3’ + 4%)(x* +y*) = 25.
I.a7 can hai vé, taduoc: I3x + 4yl <54 -5 <3x +4y <5, dpem.
Yiduts Cho cdc so'khong am x,y thod man x' +y =2.Ching minh rdang:
X*+y <2
&5 G i
A1 dung bat dang thitic Bunhiacopxki ta cé:

{x3+y3)3:(\/;.\/x—3 + \f;.\fy_j)@(x +y)(X +y)=2(x +y)

(X +Y) <Ax+yY =4(1.x+ Ly) <41 + H(C+y) =80 +y?)
& (X +y)'< 8o x?+y <2, dpem.
D¢ nhan thiy ddu dang thic xay rakhix =y =1.
Van ¢¢ 2: TIM GIA TRI LON NHAT VA NHO NHAT
VYidul: Tronyg tdt cd cde ng]?ém (x y) cria phitong trinh: 2x + 3y =1 (¥)
hay ¢l ra nghiém 6 téng 3x* + ’7y nho nhat.

&5 Gdi

Taco:

”
I =(2x + 3y)° =(ﬁ.x\/§ + %.yﬁ)z

4 Q =] ] 35 2 oy
oy (A T 2 MG o S LD T
_(3+2)(3x +2y°) 6(3}( + 2y-)

= 3x* -+-2y>i
35
D:u dang thirc xay ra khi ta cé:
4 - 2X +.3y=1 9
xﬁ:’-f = =>x=—&y=—.
B VR 37"=33.y_ 3507735

6 4 9
Viy, ta c6 (3x* + 2y’ )yin = — datduoc khix= — viy= —.
Y ( Y m 35 ¢ : 35 y 35

BAI TAP PE NGHI
Bai 1: Chimg minh ring néu x> + y* =1, thi — v/2 <x + y < V2.
Bai 2: Chitng minh ring néu x + 3y = 2, thi x* + y*> %

i g minh rang néu 2x + 3y = 7, thi 2x* + 3y’ > ? ;
AA‘TJ)HDSW T2- 123
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Bai4: Choa,b,c,p,qla5 s6duong tuy y. Chimg minh:
a b c 3
* + > .
pb+qc pc+qa pa+gb p+q
Bai 5: Cho a, b, c 1a ba s6 duong cho truéc, con x, y, z 1a ba s duong thay’ d3i, luén
luén thoa min diéu kién LA™ L +S=1.
X Yy z
Hay tim gi4 tri Ién nhat cha tdng S=x +y + z.
Bai 6: Cho basd thuc a, b, ¢ théa man a’ + b? + ¢ = 2. Ching minh ring:
a. la+b+c—abc|<2. b. |a’+b’+c’—3abc|<2V2
Bai 7: *Cho céc s6 thuc x, y, z, t thoa mén xyzt = 1. Chimg minh rang:
1 1
3 + 3 ¥
X (yz+zt+ty) vy (Xz+zt+1x)
1 1
+ 3 + 3
z’(xt+ty +yz) —t(xy +yz+zx)
Diéng thifc xay ra khi nao ?
Bai 8: *Ching minh ring véi moi a,, a3, ..., a] > 0 va véi moi X,, X,,..., X, € Rtacé

bt ding thirc sau:
n+l m+l 2 = 2
a a X, X X
(x,+x2+...+xn)2£[ ‘ +...+—“-—J[-—'~+—2-+~..+ “J

S—a, S—a_

4
2 —. ]
F (1)

n-1

voimoim,ne Nym>2vaS=a, +a,+..+a,.
Bai 9: *Chimg minh b4t ding thitc:
2 2 2 2 2
a a a a a
| G 2 o 3 + 4 h 5
a,+a,+a, a,+a,+a; a,ta;+a, a +a,+a, a ta,+a

5
3

trong dé: a,, a,, ..., a5 la cdc s6 duwong thoa man diéu kién:
a; +a) +a; +al+a; >1.

HUGNG DAN - PAP SO
Bai 4: K)’! hiéu bat dfmg thic cin chimg minh 1a (1)
bé y ring:

{<+]

a=

.a(pb +qc) ,
pb+qc
b= i .Jb(pc+qa),

pc+qa

< : .Jc(pa +gb)

C
5 a+q
A -CDTDH'DY8-T2-
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Goi S1a vé trai ciia bat ding thic (1).
Taco:

(u+b+c)3=(\[ 2 Ja(pb+gqc) +

pb+qc

+ b .Jb(pc+qa) + \/

pc+qa

.Jc(pa +c® 1

pa+qb

< S.[a(pb + gc) + b(pc + qa) + c(pa + gb)]
= S(p + g)(ab + bc + ca). (2)

|
Mit khiac: ab+ bc +ca < 5 (a+b+c)? boi:

3(ab + bc + ca) = ( ab + bc + ca) + 2(ab + bc + ca)
<a’+b+c’+2(ab+bc+ca)= (a+b+c)”.
Vi két qua do tir (2) ta suy ra:

(a+b+c)

(a+b+c)<S(p+q). =5 f-

,Via+b+c>0,p+q>0.
P+q

Bai S : Taco JQ:JE.J;.
X

Vay ta dugc:

(J5+JB'+J_)—(\[ ‘/;"\f‘(;”ff)

g(— +—-+—=)x+y+2)=S
X z

< o

Dau ding thirc xay ra khi:

LY/

B el

=1 szE
Ja _ Vb _

_ ) Je
“Jatvbide Ja+ JE+JE Ja+Jb+e

Vay, ta duoc Min(x +y + z) —(\/;+\/_

o

Bai 6:
a. Taco:
2=a’+b’+c?>a’+2bc22bc =>bc < 1.
Do dé:

(a+b+c—abc)’ =[a(l =bc)+ (b +c)]

<[a*+ (b +c)J[(1 + (1 =bc)’] =2(1 + bc)[1 +(1 - be)J?
= 2(1 + bc) +2(1 =bc)(1 = b))
= 4 -2b%*(1 - bc) < 4.
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Diu "=" xay ra khi va chi khi trong 3 s6 a, b, ¢ €6 mdt s6 bang 0, hai s6 con lai

bang nhau va bang 1 hay - 1.

b. Tacé:
2 3 2 7 | 2

(a+b+c)y<3(a+b’+c)=6 :>—2—(a+b+c)'£3.

Do do:
(@’ +b'+c'-3abc)’ =[(a+b +c¢) (a’ + b’ + ¢’ —ab —ac - be))’
) (a+b+c)’ —(a*+b’ +c*) |
=(ﬂ+b+C)2 - 2
- 12
=(a+b+c) 3—-%(&1+l:v+c:)2
=(a+b+c) 3——;'(a+b+0)3 X[3-%(a+b+c):} £(g—} = §

& |a> + b + ¢ - 3abe| <242
Dau “=" xay ra khi va chi khi:

{|a+b+c|=\ﬁ

a’+b’+c’=2
I

‘Cc= l;d=_
Z

;b l.
y t

Bai7: Data= —
X

Suy ra:

2 2 L »)

T b el i |

b+c+d —c¥dva—d+a+rb—arb+c 3
voiabcd =1 vaa, b, c, d la cic s6 duong.

Ap dung bt ding thitc Bunhiacopxki, ta c6:
S[(b+c+d)+(c+d+a)+(d+a+b)+(a+b+c)]=2(a+b+c+d)

> (a+b+e+d) = s S ben ) )

“ 3(a+b+c+d) 3
Ap dung bat ding thirc Cosi, ta cé:
%(a+b+c+d)2 {/abed =l:>%(a+b+c+d)z§.

=S
(3)

Tu (2) va(3) suyra: S > —; (dpcm)

Ding thic xay rakhi vachikhia=b=c=d=1ox=y=z=t=1.
@ Nhdn xét: Ta c6 thé sir dung bat ding thic cosi cho hai s6 duong, ching hax:

a’ b+c+d_ 2a
+ >
b+c+d 9 3

5 ! Cung véi ba bét ding thiic tuong tu nita sé suy ra (2).
A -CDTPHESS-T2-
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- -

Bai 8: Khong mat tong qudt, gia sir a, > a,
Khi do,doa, >0V i= = I.n vim € N, ta ¢6:

e B G o
A 2y 2 ...2R (1)
L T . (2)
S=H; S8, S—a.
m+| m+1
n m W a a a a
Al +al +ta)| —+ . +—"—|<n| —+..+" (3)
S—a, 3= S—4 5~a.

Mt khaic, ta co:

a, a, (S S
iy et =1 |4+ =1
S—a, 5—a. LS—aI S-a,

=5 ] +..+ l -n
.S_al S—_an

:ﬁ[(S—alk)+...+FS—an)]x (S—la J+”-+(S—Ia ]—n

n- n
> —n=
n—I n-—
Khi do, tir (3) ta co:
] am+1 ar.':11-1 an-n-l
—(al'+ajj+..Fa, )=ty mE TR e (4)
n-| S--a, S-a, D—a.

Ap dung bat ding thi Bunhiacopxki cho hai b6 s6:

| (B )

5
|

R X
ta duoic: [«——+{—+...+T}(a,’" +ayttan) 2 (X, + X+ .+ X,)
x a,

a; aj

(5)

2 2 2 3
(X, +x,+...+x_) Tl X
| 2 n 1 P n
_m+ m+ m < m+ oot m
Ay ¥y oA, 5 B a,
Do cic vé cuia (4) va (5) déu la cic s6 duong nén nhan vé theo vé hai bat ding

thie cung chiéu (4) va (5) ta duoc:
= am+1 am-l-l x> x> xl
(x,+x2+...+xn)*£[ L 4+ J{—;+ 2+ +-TJ
(n=1) S-—a, S—=a,  J\a 8 a,

Diu “=" & bat ding thifc trén xay ra
<> diu “=" xay ra dong thdi o (4) va (5)

=8, =...=8,

SRy T R

‘A TDOHDSS-T2- {57
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Bai 9: bar:
2 2 2 2
a a a a a
| + % 3 & 4 + 5
a,+a,+a, a,+a,+a, a,+a;+a, a,+a,+a, a,+a,ta,

[ L]

A=

B=al(a,+ay+a,) + ai(a;+a,+as)+ a; (a,+as+a,)
+al(as+a, +ay)+ al(a +a,+ay);

C=al(a,+a;+a)’ + aj(a;+a,+a5)" + a; (a, +as+a,)’
+al(ag+a, +a) + al(a, +a,+a,)

D=3[a(a,+a;+a)+ al(a+a,+a)+ a; (a,+as+a)
+al(as+a, +ay)+ a;(a +a,+a));

E=a’+al+al+a]+a;

Do:
3(x*+y* +2%) 2 (x +y +z)* ding v6i Vx,y,z € R

nén
D>C (1)
Béng bién déi don gian, ta c6:
gEz—D= %[(af +al-al-aj)’+(h2+al-a)~al) +(al+a] —aj-a’)
+(al+al-al-aly+(al+a’—a)-al)+(a] —a])
+(a’—al)’ +(al-a])’ +(a;-a;)  +(a; -a;)] 20
Nen %BIzo. (2)
Sir dung b4t ding thitc Bunhiacapxki, ta thu dugc: A.B > E’ (3)
Van dung bat ding thic BunhiacépxKi, fa thu difoc: B’ < EC.
Tu (1) va (2), tacé: BB<EC<ED<E. §E2= %Es, (4)

Tix (3) va (4), ta thu duoc: Az-‘[—\/_z—‘g- doE>1.

Déng thirc chi xay ra khi: a, =a,=a,=a,=a,; = L

v5

4BC
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PHAN HINIH HOC
CHUONG 111 - TAM GIAC PONG DANG

MUY DINH Li TA-LET TRONG TAM GIAC

A. TOM TAT LI THUYET

1. TISO CUA HAIDOAN THANG
Dinh nghia: Ti s6 cua hai doan thang l1a ti s6 do dai cia chiing theo cling mot
don vi do.
@ Cha y: Tis6 cta hai doan thang khong phu thuoce vao cach chon don vi do.
yo 1 g khong pht
2. DOANTHANGTILE
Dinh nghia: Hai doan thang AB va CD goi la ti 1¢ véi hai doan thang A,B, va
e v s1.a. AB AB, AR CD
C,D, néu ¢6 h¢ thiuc: — = ——= liodac < .
CD CD AB CD,
3. DINH LI TA - LET TRONG TAM GIA€
Dinh li Ta - lét. Néu mot duong thang song song voi mot canh clia tam gidc va cat
hai canh con lai thi né dinh ra trén hai ¢éanh-do nhimg doan thang tuong tng ti 1¢.
Nhu vay. trong AABC néu MN song song vai BC, ta nhan duoc:

AM | AN

MB  NC’ o
AM _ AN

'AB  \ac’ M N
BM _ CN /i S
TR B '

Dinh li Ta - lét dao: Néu mot dudng thing cat hai canh cia mot tam giac va
dinh ra trén hai canh nay nhimg doan thang tuong tng ti 1¢ thi dudong thing do
song song vai canh con lai cla tam gidc,

Nhur vy, trong AABC néu ta c6: A
AM AN
— = — & MN//BC,
MB NC
i (. . PR // BC, M N
AB  AC / \
BM _ CN B C
—— = — & MN//BC.
AB AC

& Nhdn xét: Theo két qua cta dinh li Ta - let ddo, ta c6 dugc thém mot
cach dé chung minh hai duong thé}rg song song va duong
trung binh cua tam giac.
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4. HE QUA CUA PINH LI TA-LET

Néu mot duong thang cat hai canh ctia mot tam gidc va song song vai canh
con lai thi nd tao thanh moét tam gidac maéi ¢6 ba canh twong ing ti I¢ voi ba
canh cua tam gidc da cho.

Nhu vay, trong AABC néu MN song song vdi A
BC, ta nhan duogc: /\
AM _ AN _ MN M N
AB AC BC gl e S

P Cha y: He qua trén van ding trong trudng hgp dudng thing a song
song vdi mot canh cua tam giac va cit phan kéo dai cua hai canh
con lai.

B. PHUONG PHAP GIAI TOAN

Vidp 1z (Bai 1/tr 58 — Sgk): Viét t/ 56 ciia cdc cdp doun thang 6 dé dai

nhu sau:

a. AB=5cmva CD=15cm.  b. EF =48cm vad GH = 16dm.
c. PQ=1,2m va MN =24cm.

&5 Gidi

a. Taco: b. Taco: cA\\Ta cé:
AB_5 1 EF—48 3\ PQ 10 _,
CD 15 3 GH , 160 10’ MN 20

Yidp2: (Bai 3/tr 59 — Sgk): Cho biet do dai cua AB gdp S lan do dai ciia
CD va dé dai cua A'B' gdp 12 lan do. dai ctia CD. Tinh ti $6 cia
hai doan thang AB va A'B'.

£S5 Gidi

Ta c6: AB=5CD; A'B' = 12CD.

_ 5CD N\

"A'B 12CD 12

Yidp3: Cho doan thang AB = Scm. Trén duwong thang AB ldy cdac diém C,

CA DA 1

D sao cho — =——=—(C nam trong doun thang AB, D nim
CB DB 2

ngoai doan thing AB). Tinh dé ddi cdc doan thing CA, DA.
£ Gidi

Ta c6 thé lua chon mot trong hai céch trinh B

Suy ra

" C A D
bay sau: —
Cdch I: Ta cé:

CA .
_213 CA = : :>CA:l:>£—é:l:>CA=5C11].
CBg2 CA+CB 142 AB 3 15 3

A‘ -CDTDHDSE-T2-
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/ ] D | DA DA
D\ — =5 —— A——: = =1z ——=] =X =15%m
DB 2 DB-DA 2-1 AB 15
Ceiclr 25 °Ta ¢o:
‘O ,! . 5 |
EB o o DB B e B K =i

|2 | 42 303
; D -
95\ = —lj = e = G = |S= DA =15em.
I 2 2-1 ]
Yidypd: Cho AABC, goi M, N theo thit te la trung diém ciia AB, AC. Hdy
) . . .AM _ AN
tinh cac n so6 va .
AC
&5 (idai A

Vai gia thict:

= M latrung diém cua AB, ta duoc aid = AM = i ;
AB  2AM 2
AN AN 1 B C

= N latrung diém cua AC, ta duoc = =—.
T ACH 2ANNN 2

Vidwy 5: (B 5/tr 59 = Sgk): Tinh x|trang cac tricomg hop hinh cuia sgk.
&5 (ridi
a. Apdungdinh li Talét vio AABC c6 MN // BC:
AM AN X 5 '
—_——=— &= ——— =>Xx =28
MB NC 4 &S5-5
b. Ap dung dinh li Talét vio.ADEE.c6.PQ./LEE:
DP DQ X 9
— =
PE QF 10,5.24-9
Yidw®8: 7Tinh cde do dai X,y va z trong hinh ve,

=y x =063

hiét BC = 12cm. A
s dem 6cm
&S (i /\/
Vai MN song song véi BC, ta co: | M N
2cm X
AM _AN 4 6 . ; /\C
MB NC 2 «x y 1/ z

Vai NI song song vai AB, ta cé:

CN CI 3 Z
—=— & —=— & z=4cm.
CA CB 9 12

Taco:
BC=BI+(Cl< 12=y+4 & y=8cm.
Viy, tagapin duoc x = 3cm, y = 8cm va z = 4cm.
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& Nhan xét.

1. Trudc hét ta c6 nhin xét: Ehﬁ +ﬂ =z+~8— =1
BA BC 6 12

tir 46, ta c6 thé néu moét bai toan:
" Cho AABC. Tir diém N trén AC ké cic duong thing song song
vOi cdc canh BC va AB, chung cdt cdac canh AB va BC theo thu

tai M va I. Chung minh rdng: L + = =1"
BA BC

2. Kétluan cia dinh li Ta - let vAn diing trong hinh thang, cu thé:
"Cho hinh thang ABCD c¢6 AB // CD va AB < CD. Putng thang song
song voi AB cdt cac canh bén AD, BC theo thw tutaiM, N.
Chung minh rdng:
MA NB E

a. -E =E.
. MA _ NB MA B
MD NC / \N

MD NC D C
c. — ——
AD  BC

That vay:
a. Kéo dai AD va BC, chiing cit'nhau tai E, Khi d6 ta lan lugt xét:
MA _MA AE _NB BE _ NB
AD AE AD__BE BC BC.
b. Ta co thé trinh bay theo hai cach:
Cich I: St dung tinh chat cta day t s6 bing nhau, ta co:
MA _ NB - MA NB MA _NB
AD BC AD-MA BC NB MD NC'
Cich 2 St dung phép bién d6i nhu trong cau a), ta c6:
MA _MA ME _NB NE _NB

MD ME MD NE NC NC’
c. Taco thé trinh bay theo hai cach:
Céch I St dung tinh chét cta day t s6 bing nhau, ta co:
MA _NB MA+MD _ NB+NC AD BC

= = ,
MD NC MD NC MD NC
Cich 2 Stt dung phep b:é’n d8i nhu trong cau a), ta c6:
MD MD _NC CE NC

WDE AD CE BC BC
ﬁ -CDTDHDS8-T?2-
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Yidu7: Clio AABC ¢6 BC = a. Ldy cac diem M, N tréen AB sao cho
AM = MN = NB. Tir M, N ké cdc dicong thang song song véi BC
cat canh AC theo thit ne tai D, E. Tinh theo a doé dai cdc doan
thang DM va EN,

5 (;ftd;f' A

Ta lan luot co:
DM AM _ | a D M
BC T ac 3 o M=y E N
EN AN 2 2 Cé \B
=—=— =EN= .
BC AC 3
Yidu 8 (Boi 7/tr 62 — Sgk): Tinh do dai X,y trong cdc hinh sgk.
&5 Giui
Trong hinh a), xét ADEF ta c6: MN // EF (gt).
Theo hé qua cta dinh 1i Talét, ta co:
1 C
MN_DM B3 270  —xm3i158
EF DE X~ 95+28
Trong hinh b), ta c6: A'B' // AB (Vi cting vuong goc voi AA')
Theo hé qua cua dinh If Talét, ta ¢é: i SR — AL 4 = x=84.
QA . AB 611 x
Ap dung dinh 17 Pitago vao AOAB vuéng tai A, ta c6:

OB’ = AB” + QA &A= H4 633y 2C0(REY +6° =~ 10,32.
Yide9: (Bai 9/tr 63 — Sgk): Cho AABC va diém D trén canh AB sao cho
AD = 13,5cm, DB = 4,5cm. Tinh t 6 cdc khodng cdach tir cdc diém
D va Bdén canh AC.
&5 Gidi
K¢ BH va DK vuong géc véi AC (H, K € AC) thi BH va DK Ia khoang
cich tir B va D dén canh AC.
Xét AABH c6 DK // BH (vi ciing vudéng goc vai AC).
Theo hé qua cua dinh 1i Talét, ta cé: S = o = 58 = 2
BH AB 135+45 4

Vay, ti 50 cac khoang cach tir D va B dén canh AC la g—: — % .

Vi du 10z (Bai 4/tr 59 — Sgk): Cho biét L = A—C— Chitng minh rdang:
AB AC
_AC , BB _CC
s " AB AC’

133
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£S5 Gidi
AB' AC AB' AC AB" AC
a. Tacé: = — = o
AB AC AB-AB' AC-AC BB C'C
, AB' AC AB-AB' AC-AC BB CC'
b. Taco: = = .

= s
AC AB AC AB AC
Yidg 11z Cho AABC ¢6 trong tam G. Ldy cdc diém M, N theo thiiti thuoe

2
AB va AC sao cho AM =2MB va AN = ;AC. Chitng ninl rang
ba diém M, N, G thang hang.

& Gidi Q

Goi I 1a trung diém ciia BC. M /v

Tir gia thiét vé céc diém M, N ta duoc:  aien e 9
AM __ AN 2 . 1 o
— =2VvA — = —.
BM AC 3

Vi G la trong tam AABC, suy ra:
AG g O AM L odlimr ()
IG IG M
A 88 AN e (2)
Al 5 Al AC

Tir (1) va (2) suy ra ba diém M, N, G thang hang.
Yi dy 123 Cho AABC ¢4 trong tam G, Chitng minh rang cdc tam gid- AGBC,
AGAC, AGAB ¢4 dién tich bdang nhau,
&S Gidi
Goi M la trung diém BC, duong cao AH, ha GG, vuéng géc véi Br.
Vi GG, // AH nén:
GG, MG | 1

= - & GG, = —AH.
AH MA 3 3 A
Khi d6, AGBC c6 dién tich duogc cho bai:
Sacec = ~GG,BC= 2 . L AHBC N
AGBC 2 = 2 e 3 = B H G,M C

1 1 1
= —(—AH.BC)= -S "
32 )= 3
Chiing minh tuong tu, ta ciing nhan duogc:
| ]
SAGAC = 5 SAABC’ SAGAB o "S&Asc-

3
Vay, ?am gidc AGBC, AGAC, AGAB c6 dién tich bang nhaw.

A‘ -CDTID S&-T2-
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Yidy 13: (Ba 59/tr 92 — Sgk): Hinh thang ABCD (AB // CD) ¢o6 AC va BD
cat nhau tai O, AD va BC car nhau tai K. Ching minh rang OK di
gua trung diém ciia cde canh AB va CD.

&5 Gl

K¢ tia OK cat AB tai M va cat CD tai N, qua O ké dudng thiang song song

voi AB v CD cat AD tai E va cat BC tai F.

%er ADAB e BO [ AB=s —E = B9 (1)
DA AB
X¢ét ACAB co: OF // AB = L = —O—F— (2)
CB AB
X¢ét hinh thang ABCD ¢o: EF // ABva EF // CD = L (3)
DA CB
Tir (1), (2) va (3) suy ra: E:E =5 0DE = OF (4)
AB AB
Xst AKEO e6: AM S0 = AM _ K& 5)
EO KE
Xét AKEFco: B/ EF = B3 UNP (6)
KE—KF
X5i AKFO 66! [MB{/OF = Pe.= 28 7
OFENMKF
AM MB
Tt (5), (6) va (7)\Suy Fa s =ty
(5), (6) va (7) suy OE " OF
Vi OE = OF nén AM = MB (8)
Chimg minh twong tu, ta c6: CN = DN (9)

Tir (8) vi (9) suy ra tia OK di qua trung diém ctia hai canh diay AB va CD.
Yidw 14z Hinh thang ABCD (AB // CD) ¢6 cde ditomg chéo cdat nhau tai O.
Qua O ke diomg thang song song voi AB, cat AD va BC theo thit tie
tai M va N.
a. Chimmg minh rang OM = ON.
b. Mot duong thang di qua O cdt hai ddy AB va CD theo thir e

tai E va F. Biét ti s - = E, hdy tinh ti s6 — .
n FC
&S Gidi
a. Ap dung dinh Ii Talet, ta Ian luot xét vai: D_FH ¢
* Trong AADC, vi MO // CD nén: % = A—O (D) ) N
CD AC A B
. T AO BN /E

0 ABC,viNO // ABnén: —=——. (2)
AC BC

T
A’gHI)SS-TE- 135

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

BN ON
* Trong ABCD, vi NO //CD nén — = — (3)
BC CD
OM ON
Tu (1), (2), (3) suy ra; ——=——=>0M =ON, dpcm.
(1), (2), (3) suy D D P
EA OE
h. Trong AOFC vi AB//CD nén —=—. (4)
FC OF
0
Trong AOFD vi AB // CD nén —@ =— E. (5)
FD OF

EB
T T T— .
FC FD FC EA m

" Nhdn xét:
I. Ta cé thé ching minh OM = ON béng phuong phap dién tich.
2. Trong vi du trén dé ching minh OM = ON ta di ching minh

., . OM |
% O—N bing cach ap dung dinh li Ta-let ba lan, tt s6 —— lan
CD CD CD
luot b:ﬁng e ; <l . oL :
Afy BC CD

3. Khai thac két qua cua cau b), trong truong hop m = n thi M Ia trung

diém ctia AB, N la trung diém cia CD, ta c6 dinh li:
"Trong hinh thang, duong bhé}lg di qua giao diém hai duong chéo va
trung diém cua mot ddy. thi di qua trung diém cua ddy kia".
N6i cach khac:
"Cac trung dlém cua hai ddy va giao diém hai duong chéo hinh thang
la ba diém th:-)'ng hang".

Vi dy 15: (Bai 6/tr 62 — Sgk): Tim cdc cdp duong thing song song trong hinh

sgk va gidi thich vi sao chiing song song.

&S Gidi
a. Trong hinh a) xét AABC (M € AC, N € BC, P € AB), ta co:
[CN 21
JNB 7 T ON_cm
M _ 15 _3 NB MA
(MA 5§
= MN // AB (theo dinh li dao cua dinh Ii Talét).
AP _3
AL e # i = PM khong song song véi BC.
AM 5 PB MC
1 kB =
A 9S
136* -CDTPDHDSK-T2-
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o _2_

- OA' OB

b. Trong hinh b) xét AOAB, ta co: < R 2 = — = —

OB 3 OA OB

=04
0B 75
= AB// A'B’ (thco dinh Ii ddo cta dinh Ii Talét). (hH
Lai co:

OA'B =0OA"B"(gt) = A"B"=A'B’ (2)

Tu (1) va (2) suy ra:
AB// A'B' // A"B".
Yidy 16: Trén cdc canh AB, AC ciiu AABC, lan liugt lay hai diéem M, N suo
AM AN
AB  AC
ctia dwong thang Al véi diong thang MN. Chimg minh rang K la
trung diém ctia canh MN.

&5 Gidi /\
Trong AABC ta cé: | M h N

AM _ AN A \I o, S

. Goi lla trung diém cia canh BC, K la giao diém

cho

= MN // BC
AB AC‘
Trong AABI vi MN // BC nén:
MK AK _
_— (1)
BI Al
Trong AAIC vi MN //'BC nén:
AK KN
(2)
AI IC

Tur (1) va (2) suy ra:
MK KN MK  BI

B IC KN IC
Vay K I trung diém cia MN.

@ Nhdn xét: Tt két qua cda vi du trén ta suy ra:
"Trong hinh thang, duong thing di qua giao diém cua cdc duong tf?é}?g
chita hai canh bén va trung diém cua mot ddy thi di qua trung diém cua
day kia".
Noi cach khic "Giao diém cia cic duong thang chia hai canh bén va
trung diém cua hai ddy la ba diém thing hang'.
Mo réng "Trong hinh thang (co hai diy khéng béing nhau) trung dlem
cua hai ddy, giao diém hai dtrdng chéo va giao diém cua cdc duong tha"nq
u’um igmﬁ bén Ia bon diém thang hang".

nay dugc goi la b6 dé hinh thang.
r
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Vi dg 17: (Bai 10/tr 63 — Sgk): AABC o dicong cao AH. Diuonyg rhffng d sony
song voi BC, cdt cac canh AB, AC va ditong cao AH theo thii g tai
cac diém B', C' va H' (hinh sgk).

: s AH BC
a. Chimg minh rang — = Lt
AH BC

. : 1 . o
b. Ap dung: Cho biét AH' = % AH va dién tich AABC la 67 5cm".
Tinh dién tich AAB'C'.

£S5 Gidi
a. Xét AAHB c6 BH'// BC (gt).
Theo hé qua cta dinh 1i Talét, ta c6 AH _AE , (1)
AH AB
Xét AABC cé: BC // BC' (gt)
Theo hé qua cua dinh Ii Talét, ta c6 Dot : (2)
BC AB
AH' BC!
Tu (1) va (2) suy ra: — = —— <.dpcm.
(1) va (2) suy ra - Bd pem
b. Tacé: AH' = lz"-’\H:> ﬁ—li=£=l = B'C' = lBC.
3 AH 2 d BEhmid 3

1
= Sppc = % AH .BC = —;— .%AH. —;—BC = 5 (l AH.BC]
2

Ma, ta c6: S,uc = -%- AH.BC = S, = % 67,5 =175 (cm?).

Vidyp 18 (Bai 11/tr 63 — Sgk): AABC 6 BC = 15cm. Trén diwong cao AH ldy
cac diém 1 va K sao cho AK = KI = IH. Qua I va K vé cdc dicong
EF // BC, MN // BC (hinh sgk).
a. Tinh dé dai cdc doan thang MN va EF.
b. Tinh dién tich tr giac MNFE, biét rang dién tich cia AABC lq

270cm?.
&S Gidi
a. Xét AABC co:
MNABE =y 2 B8 L o MN 1 oo NN Sem,
BC AH 3 15 3
Xét AAEF c6:
MUBEF (= e DR Lo 3 | s pFe 100,
EF Al 2 EF 2

A ‘ -CDTDHDSS8-T2-
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b Taco:

| " - : 2270 540
Siue= =AHBC=270 (e’ )= AH = e
sl BC

= 36 (cm)

s K] = %AH: 12 (cm)

Do MN // EF nén MNEF la hinh thang.
Suy ra:

KI(MN + EF) = — .12(5 + 10) =90 (cm’).

1| —

Syiner: =

| —

C. BAI TAP LUYEN TAP
Bai 1: Tinh ti s cia cdc cap doan thing sau:
a. AB=15cm, CD =9cm.
b. EF=125¢cm, GH = 10dm.

:
Bai 2: Cho bieét L va CD = 12em—TFinh do dii cua AB.
CD 4 ' '
Bai 3: Cho AABC, cic trung tuyén AD{-BE, CF cat nhau tai G.
a. Tinhtis6 —.

b.  Ké ten mot vai cap'doan thang i 18 vei AG va 'GD.
Bai 4: Cho doan thang AB c6 d6 dai 10cm. Cic diém C, D thuoc dudng thing AB

CA DA 3 : : ; .
sino cho — = = — (C nam_trong, con D nam ngoai doan thang AB). Tinh khoang

CB DB 2
ciach tr C vatr D dén B.
Bai 5: Cho AB =4CD va CD = 3A,B,.
a.  Tinh ti 6 cha hai doan thang AB va A|B,.
b. Biét MN = 9cm va M|N, = 10,8dm, hoi hai doan thing AB, A B, ¢6 ti & voi
hai doan thang MN va M,N, hay khong?
Bai 6: Tinh do dai x, y, z cla cdc doan thing trong hinh sau, biét BC = 9cm:

3em 6cm Sem

M
I,Scf N 2cm /\
B y 1/ 2 €
Bai 7: Cho AABC c6 BC = a. Lay cic diém M, N trén AB sao cho AM = 2MN = 3NB,

Tir M, N ké cdc dudng thang song song véi BC cat canh AC theo thit tu tai D, E. Tinh
theo a do dai®éc doan thang DM va EN.

. l.'DI-{DSx-TZ'— 139
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Bai 8: Cho AABC, AC = 10cm, BC = 9cm. Lay diém D trén canh BC sao cho BD = 3cm.
Ldy cac diém G, H trén canh AC sao cho AG = CH = 4cm. Goi E la giao diém cua

BG v AD, Tiohi 88 2.
AD
Bai 9: Cho AABC, diém D thuéc canh BC. Cho biét S pp = 15cm?, Sppe = 9em’,
Tinh ti s6 L ;
BC

Bai 10: Cho AABC. Tir diém N trén AC ké cac duong thing song song vdi ca: canh
BC va AB, chiing cit céc canh AB va BC theo thif tu tai M va I. Ching mim rang
BM  BI

— + —=1.

BA  BC

Bai 11: Cho AABC vuoéng tai A, dudng cao AH, diém D nam giita H va C. Xé DE
vuong goéc vdi BC (E € AC), ké DK vuéng géc véi AC (K € AC). Chimg mim rang
BE song song vdoi HK.

Bai 12: Hinh thang ABCD (AB // CD) ¢6 cic duong chéo cat nhau tai C. Biét

OA = %OC,AB =4cm . Tinh d6 dai CD.

Bai 13: Hinh thang ABCD (AB // CD) c6 AB/= 15cm, CD = 20cm. Goi M i trung
diém cta CD, E la giao diém ctia MA va‘BD,'F 1i giao diém ctia MB vi AC.

a. Ching minh rang EF song song vai AB.

b. Tinh d6 dai EF.
Bai 14: Hinh thang ABCD (AB //\CD) c6 AB=a,CD =b (a>Db). Goi M, M P, Q
theo thit tu 1a trung diém cia AD, BD, AC, BC.

a. Ching minh rang MN = PQ.

b. Tinh d¢ dai cic doan thing MN, NP, PQ theo a va b.
Bai 15: Cho ba doan thang ¢6-d6-dai1amm; 1, p(cting don vi do). Dung doan
thang cé do dai x sao cho:

a. 1=2; b. i=E; 4
m n s X p
D. HUGNG DAN - PAP SO
. AB 5 . EF 5
Bail: — =—-va—==.
CD 3 GH 4
Bai 2: —AE:E :>AB=-§-CD=3.I2=9(cm).
CD 4 4 4 A
Bai 3:
AF
— =1.
e F E
b. Theo tinh chat trong tdm cua tam gidc, ta co: G
B D C
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Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

suy i ciae cap doan thang ti 1é vai AG va GD, bao gém:

BG (G
GE  GF
AB AC _AB AC BC BC

= = 2, tinh chit cua trong tim tam gidc.

= = 2, tinh chit trung diém.

AF AE BF CE CD BD

¢ ' B ,
L - = _’E_ = A— = 2, tinh chat cua duong trung binh.
EF - FD ED
Bai 4:  Sir dung tinh chit day ti so bing nhau. A C B
* Taco:
CA 3 CA+CB 2 A
—=_ & :3+ = B:—S- < CB =4cm
CB 2 CB 2 CB 2
* Taco
DA - -
~——:i o DB:3 ? @AB:l <> DB = 20cm
DB 2 DB 2 DB 2
Viy, ta tim duge CB = 4cm va DB = 20cm.
Bai 3: /oc sinh uelam. A
Bai 6:
a. Xx=3cm,y=06cm,z=23pmM.
b. Hce sinh uelam.
| 3x N;/ \E\
Bai 7: Dat BN = x, suy ra: AM = 3x-MN = —2— : B | 2
»  Taco: MI?:AMzm 33\ =£ 4::1)»1'#/”):E
BC ||AB PRSNCL I Il 11
3
3IX + o
*  Tuco: Nh-——AN= 32 :-?FQNE=9—3
BC AB T 11 11
2
Viy, ta tim dugc MD = L) va NE= 22 : A
11 11
Bai 8: Nhin xét rang: oL Z, L 1 : G
BD 3 HG 2
2
=% DH /I BG = Lali) = A =—.
AD AH 3 B D C
Bai Y: Keé duong cao AH, ta cé:
I A
’ -AH.BD
53_:}_22 :>BD=SABI):IS:_
Sacn -I-AH.CD CD S,p 9 3
2
& BD _ 5 ” BD _ E B H D c
P+BD 3+5 BC 8
HPDS8-T2- 141
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Bai 10: Trudc tién, ta thdy MNIB [a hinh binh hanh. Suy ra: A
BM NI (I
BA  BA BC
Khi dé: §M+—Eﬂ=g—+ i =('I+Bl =1,dpecm. B I ¢
BA BC BC BC BC

Bai 11: Hoc sinh tw lam - Dua trén cic dudng thing song song dugc suy ra tir tinh chat
"Hai ditomg thang ciing vuong goéc vor dicomg thang thit ba thi song song véi nhau ™.
Bai 12: CD = 12cm.

Bai 13:
a. Ta lan lugt c6 nhan xét:
2
* ViMD// AB nén: ﬁ—w=—0=l. A B
AE AB 15 3
MF CM 10 2
POVICDA ARy G = BT Ty @
BF AB 15 3 D . C
ME MF
Suy ra: — = < EF// AB, d
Y™ AE T BF e
.
b. Ta cé ngay: AL = — & EF = 6cm.
AB MB BF+MF3%2 5
Bai 15.
a. Cdch dimg:
=  Dung tia Ax.

= Trén tia Ax dung hai doan thang lién tiép AB = BC = m. Doan thing AC la
doan thing cin dung!

Chitng minh:

B nim gita A va C, ta cé:

A
AC=AB+BC=m+n=2m> —C = = 2 (thoa man bai toan).
m m

b. Cadch dung:
®* Dung géc nhon xOy .
Trén tia Ox, ldy hai diém A va B sao cho: OA =2 (dvdd), OB = 3 (dvdd).
= Trén tia Oy 1y diém N sao cho ON = n. Qua A ké duong thang song song

v6i BN cét Oy tai M thi OM la doan thing cin dung.
Chitng minh:

Xét AOBN c6: AM //BN = OM OA o S E (thoa min bai todn).
ON OB n 3

c. Cach dung:
* Dung géc nhon xOy.
* TréntiaOxlay ON=nvaOP=p (p>n).
* Trén tia Oy lay OM = m. N6i M véi N va qua P ké dudng thing song song
vGi MN cit Oy tai Q thi OQ la doan thang cin dung.

Chimg
)Bﬁco MN // PQ = org ON s T B itk v il
g X p
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UBE2  T{NH CHAT DPUONG PHAN GIAC CUA
TAM GIAC

A. TOM TAT LI THUYET

1. DPINHLI
Binh li- Trong tam giic, duong phan gidc cua mot géc chia canh doi dién
thanh hai doan thang ti 1¢ v&i hai canh ké hai doan ay.

A

Nhu viy, trong AABC néu AD la duong phan
gidc cua goc A, ta nhan duoc: /R
BD _AB . BD _CD |
CD AC ~ AB AC’ B D C

2] . - . - i i . AT s . . - . ? - % ?
@& Chi y: Dinh li trén van dung do6i vai tia phan giac cua goc ngoai cua tam
giac, tuc la theo hinh bén ta cang co:
BD, AB BD

cp. & D

BD CD

hui_‘:c \ A

AB~  AC D, B D C

2. PINHLIDPAO

Pinh li: Chimg minh rang néu mot duong thing di qua mot dinh ciia mot tam
gidc ma chia canh doi diénahinh hai doam tél&véichai canh ké hai doan ay thi
no la duong phéan gidc trong (hoac ngoai) cua goc tai dinh ay.

B. PHUGNG. PHAP GIAI TOAN

Yidup 1;  (Bai 15/tr 67 = Sgk): Tinh x trong hinh sgk va lam tron két qua dén
chir s6 thap phan thie nhat.
&5 Giai
Theo tinh chat duong phan gidc trong tam giac:
Trong hinh a): Xét AABC co:

DB AB x 45
= =

AD lit phan gidc clia BAC = — = =2 = x~2,19 (dvdd).
DC AC 35 7.2

Trong hinh b): Xét AMPN cé:
PQ li phan gidc cua MPN
sy M O o O O w1
QN PN X 8,7

Yidp 2: (/o AABC 6 BC=a, AC=b, AB=cva AD la dicong phan giac.
'G Tinh do dai cac doan BD va CD theo a, b, c.

Tinh ti 56 dién tich ciia hai tam giac AABD va AACD.
HDSS-T2- 143
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&5 Gidi
a. Pat BD = x.
Trong AABC c6 AD la phan giic, suy ra:
BD AB X g ac
—_— = — X=
CD AC a-x b b+c A
—CD=BC-BD=a- =< = 2 /IN
b+c b+c
b H C
Vay, ta duoc BD = X wvacp= -, e =
b+c b+c
1
S AABD 5 AH.BD BD AB ¢

b. Ké duong cao AH, ta cé: = = = =—.
Spaco 1 AH.CD CD AC b
2

. ap3s Cho AABC ¢6 AB = 4cm, AC = 6cm, BC = 5cm. Diconyg phdan gidac
trong va ngoai cua géc¢ A cdt BC theo thit e 0 D va D,. Tinh dé dai
BD, BD,.
£ Gidi
bat BD = x va BD, = y. Trong AABC;ta lan
luot thay: :
» AD la phan giac trong, suy ra: D B D C
DB AB X
—_— e e
DC  AC S3=X
* AD, la phén gidc ngo6ai, suy ra:
S e o B o & <y = 10em.
CD, AC y+5 6
Vay ta duoc BD = 2cm va BD, = 10cm.

Vidp 4: (Bai 19/tr 68 — Sgk): Cho hinh thang ABCD (AB // CD). Buonyg
thang a song song véi DC, cdt cdc canh AD va BC theo thit ne tai E
va E. Chitng minh rang:

AE BF b AE _ BF DE CF

— T —
=

_— = : = . C. .
ED FC AD BC DA CB

£5 Gidi — Hoc sinh tie vé hinh
a. Duong chéo AC cat EF tai M.
Do EF // CD (gt), ap dung dinh li Talét d6i véi AACD va ACAB, ta ¢6:

ll‘ -CDTBHDSE-T2-
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AM BF

(2)
MC FC
AE BF
Tir (1) va (2), suy ra: — = — — dpcm. (3)
l ' Y ED FC P
b. Tir(3), taco:
AE BF " AE BF AE BF . e, @)

ED FC AE+ED BF+FC AD BC
c. T (4),taco:
AE _BF AD-AE BC-BF DE CF
= £ = =
AD BC AD BC DA CB
Vidg 5: Cho AABC. Mot dicong thang song song véi BC cdt cdc canh AB,
AC o D, E. Bié¢t BD = 9cm, CE = 12cm, DE = 14cm. Diém M nam
trén doun thing DE suo cho DM = 6cm. Chiing minh rdng AM la
tia phan gide ciia goc A.

— dpcm.

&5 Gidi
Theo gia thiét ta co:
MD MD 6 3
= === (1) A

ME DE-MD 8 4
Mat khic, do DE // BC nén ta c6: ?AFK
AD DB _9 3 @)
AE  EC | 12 dog/ B N -
Tu (1), (2), suy ra:
MD AD
ME
Vidyg 6: (Bai 20/tr 68 — Sgk): Cho hinh thang ABCD (AB // CD). Hai ditong
chéo AC va BD cdt nhau tai O va song song véi ddy ciia hinh
thang cat cdac canh bén tui AD, BC theo thir ti tui E va F. Chimyg
minh rang OE = OF (Hinh sgk).

&S Gidi
Ta c6: EF // CD (gt).
Xét AACD va BCD c6:

<> AM.la tia phan giac ciia géc A.

OE _ AO .
CD AC
OF BO
e S (2)
CD BD

Xét AOAB va AOCD cé:
AB},‘,.(:D:>AO=BO:> AO _ BO :>AO=BO. (3)

oC OD AO+0OC BO+OD AC BD
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OF

OE
Tu(l);(2)va(3)s a: —=—— =>0E=0F-d :
(1);(2) va(3) suy ra e pcm

Yidp?: Cho AABC 6 cac dicong phan giac AD, BE, CF. Clumng minli ran e:

DB EC FA _
DC EA FB
£ Gidi
Trong AABC, ta lan luot thay:
DB _ AB
= AD la phan giic, suy ra: — = :
phan g : 4 DC . AC A i
F -
* BE la phan gidc, suy ra: L = E %
EA AB
B D C
* CF la phan giéc, suy ra: i = iC_
’ FB BC

s . DB EC FA -AB BC-AC
Khi do, ta cé: : " = ; , =
DC EA FB AC_AB BC
Yidg 8 (Bai 17/tr 68 — Sgk): Cho AABC véi trung tuyén AM. Duong phdn
gidce cua géc AMB cat canh AB o D, diwong phdn gidc cia géc
AMC cdt canh AC ¢ E. Chitng minh rang DE // BC.

LS Gidi i
Véi AAMB c6 MD la phan gi4c, suy ra: D E
DA _MA W0
DB MB’ B M C
Va1 AAMC c6 ME la phan giéc, suy ra:
EA MA
e —— (2)
EC MC
Theo gia thiét MB = MC. (3)
DA EA
T (1), (2), (3) suy ra: — =—— <> DE //BC.
(1), (2), (3) suy DB~ EC //

@ Chu y: Khai thac két qua ctia DE // BC ta c6 thé néu thém cac cau
a. Goilla giao diém cda AM va DE. Chiing minh ring D)= IE.
b. Tinh d6 dai DE biét BC = 30cm, AM = 10cm.

£ Gidi
a. Trong cac tam giéc AAMB va AAMC c6 DE // BC suy ra:

E < DI =IE.

B @ CM BM
A -CDTDHES8-T2-

Tron Bo SGK: https://bookgiaokhoa.com




Download Ebook Tai: https://downloadsachmienphi.com

b. Dat DE = x. Trong ADEM, ta co:
DME = 90", vi MD, ME la tia phan giac cua 2 goc ké bu,

: 1 !
DI = IE = M la trung tuyén = M1 = = DE = Al= AM = MI =10 - x

—

10—~ &%

DE

Trong AABM, ta co: _E = —él < LN S x = 12cm.
BC AM 30 10

Vay, ta dugc DE = 12cm.

Vidg 9 (Bai 60/tr 92 — Sgk): Cho tam gidgc vuéng ABC, A = 90°, C = 30"
va dicomg phan giac BD (D thuoc canh AC).

a. Tinh ti s6 -@
CD

b. Cho biét dé dai AB = 12.5cm, hdy tinh chu vi va dién tich cua
AABC.
&S Gidai — Hoc sinh tievé hinh
a. Xét AABC co:
A =90°va C =30°= AB= %BC@BC=2AB=2_12,5 =25 (cm).

Theo tinh chat duong phan gidc trong tam giac, ta ¢é6 BD la duong phan
i e AD "AB 12,5 1
giac cua goc B = = = —
CR\ BC 25 2
b. Ap dung dinh Ii Pitago trong AABC vuéng tai A, ta duoc:
AC = +BC? —AB? =252 —(12,5)% = 21,65 (cm)
Do dé:
CVise=12,5+25 + 21,65 = 59,15 (cm)

B 7])- 12,5.21,65 = 135,31 (cm?).

Vi dwp 10z (Bai 21/tr 68 — Sgk):
a. Cho AABC vai duong trung tuyén AM va duong phdn gidc AD.
Tinh dién tich AADM, biét AB = m, AC = n (n > m) va dién
tich cua AABC la S.

b. Cho n=7cm, m = 3cm, hoi dién tich AADM chiém bao nhiéu
- phan tram dién tich AABC.

W s
» o
.
P
k-
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£S Gidi — Hoc sinh tw vé hinh
a. Ké duong cao AH cua AABC (H € BC), ta co:

1 _
—AH.BC BC

ADB _ 2 _ (1)

Spoc 1 AH.DC DX
2

S

Do AD la phan giac cua BAC suy ra:

. e (2
DC AC n ;
Do n > m (gt) nén DC > DB. Suy ra, D nim gita B va M.
S S S
Tir (1) va (2) suy ra: e - T A e B
e N Sipp ¥9,.5e mM+m m+n
Do D nam giita B va M nén S, + Sups = Sams (3)

Lai c6: S,\p = %SABC = % S (vi c6 chung dudng cao AH va BM = % BC).

Tu (3) suy ra:
SADleS_ mS = S(m +/n)~2mS =S(n—m). )
2 m+n 2(m+n) 2(m+n)
b. Thay n =7cm, m = 3¢myvdo (4),talduce: S -iS— —2-0—3
' d o201 100

Vay, ta duoc S, = 20%S.
Yidy 112 Cho AABC cdn tai A, c6 AB = a, BC = b. Duong phdn gidc géc B
cat AC tai M, duong phdn gidac géc C cat AB tai N
a. Chitng minh rdng MN // BC.
b. Tinh dé dai doan MN theo a, b.

&S Gidi
a. Ta cé thé lua chon mét trong hai c4ch sau: A
Trong AABC, ta 14an luot thay:
AM AB N M
= BM la phan gidc, suyra: — = —. ]
phan g yra oM - BC (1
AN AC B e
= (N la phan giic, suy ra: — = —. 2
phan g ¥ BN _ BC (2)
Theo gia thiét: AB = AC. 3)
AM AN
Tu (1), (2), (3) suy ra: = < MN // BC.
(2), (3) suy M - BN
b. Tu ket.qua cau a), ta duoc: M = R < MN = AN'BC. (4)
" f ; o BC AB AB
148 -CDTDHDSS-T2-
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Tr(2)suy ra: 2l =AC<:> Ll =2 eAN=2
AB-AN  BC a—AN b a+b

4

2
b
Thay (5) va (4), taduge: MN = 3+b _
a a+b

C. BAI TAP LUYEN TAP

A 0 S i " AD
Bai 1: Cho AABC c6 A =90°, C =30", phan giac BD. Tinh ti s6 Do

Bai 2: AABC ¢6 AB = 5cm, AC = 6cm va BC = 7cm. Tia phén gidc cua godc BAC
cat canh BC o E. Tinh cdc doan EB va EC.
Bai 3: AABC c¢6 d6 dai ciac canh AB = m, AC = n va AD la duong phéan gidc. Chimg
minh rang ti s6 dién tich cia AABD va dién tich cua AACD béng ?— .
Bai 4 Cho AABC ¢6 BC = S5cm, AC =4cm, AB = 6cm va AD la duong phin giac.

a.  Tinh do6 dai ciac doan BD va CD.

b. Tinh ti s6 dién tich cta hai tam gidc AABD va AACD.
Bai 5: Cho AABC véi trung tuyén AM. Pudng phan giac cua goc AMB cat canh AB
¢ D, duimg phan gidc clia gée AMC cit-canh AC 0 E.

a.  Ching minh rang DE // BC.

b. Goi I la giao diém cua AM va DE. Chimg minh rang DI = IE.

b. Tinh d6 dai DE biét(BO= 6¢emi, SAMI=18c .
Bai 6: Cho AABC c6 AB = 4cm, AC = 6cm, BC = 8cm. Duong phén giac trong va
ngoai clia géc A ciat BC theo'thit tur'o D i E.'Tinh dé dai BD, BE.
Bai 7: Cho AABC c6 AB = AC-=-6em-Tia-phan-gide-goc B cit duomg cao AH ¢ L.
Biet b - E.Tinh chu vi AABC.

IH 2

Bai 8: Cho AABC vuéng tai A, c6 AB = a, AC = b, trung tuyén AM, duong phéan
giac AD va duong cao AH.

A.  Tinh do dai cdc doan thing BC, BD, CD, AM, DM, AH, HD, AD.

b. Buong thing qua D song song véi AB cat CD tai E, tinh d6 dai DE.

¢. Tinh dién tich cac tam giac AABD, AACD, AADE, ACDE.

d. Hoi dién tich AADM chi€m bao nhiéu phan tram dién tich AABC.
Bai 9: Cho AABC can tai A, ¢c6 AB = a, BC = b, duong phan giic BD. Puong vudng
goc vii BD tai B cat dudng thing AC kéo dai tai E. Tinh d¢ dai cdc doan thang AD,
CD, CE. .
Bai 10: Cho AABC, c6 AB = a, AC = b, trung tuyén AM, dudng phan giac AD va dién
tich AABC bang S. Hoi dién tich AADM chiém bao nhiéu phéin tram dién tich AABC.
Bai 11: Cho AABC, c6 AB = ¢, AC = b, BC = a, duong phan giic AD va dién tich
AABC bang S. Pudng thang qua D song song v&i AB cit CD tai E.

4. Tinh do dai cac doan thing BD, CD, DE.

b. Tinh dién tich ciac tam giac AABD, AADE, ACDE.
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D. HUGNG DAN - PAP SO

Bai 1: a0 l
pCc 2
Bai 2: Do AE la phan gidc cua BAC nén ta cé:
EB AB EB  AB EB 5

= = = e = = EB = 3,18 (cm).
EC AC EB+EC AB+AC T 5+6
=>EC=BC-EB=7-3,18 =382 (cm).
Bai 3: AD la duong phan giic cua BAC suy ra L
CD AC n

Ké duong cao AH cua AABC (H € BC) ta cé:

SA,,D_'Q'AHBD BD AB m

B Lgmens €D AC 3
2

.S m
Véy, ta luén c¢6 282 = —
ACD n

Bai 4:
a. BD=3cm, CD =2cm!

B o
2
Bai 5: Hoc sinh tu lam.
Bai 6: Hoc sinh tu lam. A

Bai 7: Trong AABH, ta cé: e e = BH = 4cm. M
AB Al

Khi d6, chu vi cuia AABC dugc cho bai:
CV =AB + AC + BC =2AB + 2HB = 20cm. B H C
Bai 8: Hoc sinh tw lam.
Bai9: Huong ddn: BE chinh 12 phan gidc ngoai cia géc B.
Bai 10: Dé nghi hoc sinh tu vé hinh véi b > a.
Goi S, la dién tich cia AADM, ta cé6:
i DM CD-CM _CD 1 1)
S BC BC BC 2
Vi AD la duong phan gidc clia géc A nén:
CD b CD b CD b
—_—— D — Lo ] = ; (2)
BD a BD+CD a+b BC a+b
Thay (2) vao (1), ta duoc:
b 1 b=a S = (b-a)S

oS, =
c+b 2 2(a+b) 2(a+Db)

-CDTDHDSS8-T?2-
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w o
CHUPES " HAITAM GIAC DONG DANG

A. TOM TAT Li THUYET
. TAM GIAC DONG DANG
Pinh nghia. Noi AA | B,C, goi la dong dang vdi AABC néu:
|A, =A, B =B,Ci =C
I AB B _CA,

AB BC CA"
Khi do:
* Kihi¢u AA,B,C, — AABC.
~AB, BC, CA,

*» Tiso —4—L= =k goi la t/ s6 dong dany.
BC CA £C gdany

& Chu ¥:  Khi viét AA,B,C, = AABC, ching ta can hiéu & d6 ¢6 su tuong
\ng gitta cac dinh cua hai tdm gidc véi nhau, tirc 1a khong thé
vict lai ki hiéu trén dudi dang;:

AB,A,C, - AABC,
va néu muén,dde-dinh |thii can}dae ca hai vé cua dau déng
dang AB,A,C, — ABAC.

2. TINH CHAT

Tir dinh nghia vé hai tam giac dong dang, ta c6 duoge céc tinh chit sau:
I. Mbi tam gidc dong dang véi chinh né.

2

Néu AA,B,C, — AABC Véi ti 56 k thi AABC — AA,B,C, véi ti s6 %

'd

Néu AA ,B,C, — AA,B,C, vdi ti s6 k, va AA,B,C, - AABC vai t1 50 k,
thi AA,B,C, — AABC vai ti s6 k, .k,.

3. DINHLI

Dinh li: Néu mét diomg thang cdt hai canh ctia tam gidc va song song véi canh
con lai thi no tuo thanh mot tam gidc méi dong dang vor tam gidc dda cho.

Nhu vay, theo hinh vé ta cé: A
AAMN -~ AABC, M
Ti s6 dong dang:
K = AM AN _MN B <

AB AC BC
-CDTDHDSS-T2- 151
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@ Chay: Dinh li trén vin ding trong truong A

hop dudng thing d cit phin kéo dai " /\C

hai canh cua tam giac va song son
véi canh con lai, bie 13 theo hiﬁh ber ME —=N
ta cing co: M
AAMN - AABC,
Ti s6 déng dang : B C
k = Al = -A—N
AB AC

B. PHUONG PHAP GIAI TOAN
Vin dé 1;: CHUNG MINH HAI TAM GIAC PONG DANG THEO PINH
NGHIA
Vidp Lz (Bai 23/tr 71 — Sgk): Trong hai ménh dé sau dday, ménh dé nao
diing? Ménh dé nao sai?
a. Hai tam gidc bang nhauthi déng dang véi nhau.
b. Hai tam gidc déng dang véi nhau thi bang nhau.
& Gidi
a. Ménh dé "Hai tam gi4d¢ bang nhau thi déng dang véi nhau" 1a ding vi néu
hai tam giic bang nhau thi c6 ba cdp géc tuong ing bang nhau va ba cap nay
ti 1é véi nhau.
b. Ménh dé "Hai tam giic déng dang v&i nhau thi bang nhau" la sai vi néu
hai tam gidc déng dang thi c6 ba cap géc tuong ing bang nhau va ba cap canh
tuong ing ti 1¢ nhung khéng bang nhau. Do d6, hai tam gidc khong bang nhau.
Vidg 2: (Bai 27/tr 71 — Sgk): Tir diém M thuéc canh AB cia AABC véi
AM = % MB, ké cdc tia song song véi AC va BC, chiing cdat BC va
AC ldn luot tai L va N.
a. Néu tdt cd cdc cdp tam gidc déng dang.
b. Déi véi méi cdp tam gidce dong dang, hdy viét cdc cdp goc bdng
nhau va ti sé6 déng dang tuong ung.

&S Gidi —Hoc sinh tu vé hinh
a. Taco ba ciap tam gidc dong dang:
= MN //BC= AAMN -~ AABC (1)
= IM W/%;H_AC = ABML - ABAC (2)
T (1) va (2) = ABML -~ AAMN
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b. Taco:

AB 3
ﬁchung, AQ :A,I:; =i
ABML —~ ABAC = 9 BM 2
"BA 3
A-M, % -BN, -L
ABML - AAMN = AM 1
e i
MB 2

Yidud: (Bai 24/tr 71 — Sgk): AABC — AA"B'C" theo ti 6 déng dang k..
AABC —~ AA"B"C" theo ti s6'k,. Hoi AA'BC dong dang voi AABC

theo tf s6 nao?
&S Giai
Ta co:
AA'B'C' -~ AA"B"C" theo ti 56 dong dang k, = A'B'=k,A"B".
AABC —~ AA'B'C' theo ti s6 k, = A"B" =k,AB=> AB = il\g_

4

-

[] 1

BBoeskikg
B

Viy, AABC -~ AA'B'Citheo ti 86
Yidp4: Cho AABC 6 AB = 6cm, AC = 9cm. Cdc diém D, E theo thir te
thuéc cac canh AB, AC suo cho BD = 4cm, CE = 6¢cm.
a. Chitng minh rang AADE « AABC va xdc dinh ti 6 déng dang.
b. K¢ EK // AB (K € BC). Chimg minh ring AADE — AEKC.
c. Tinh ti s6 chu vi AADE va AEKC.
&5 Giai
a. Trong AABC ta co:
AD_Z_IAE_3_1 AD AE

el ™ o P S B = DE // BC
AB 6 3'AC 9 3 ~ AB AC
= AADE - AABC. A
Ti s6 déong dang cua AADE va AABC la: D
. AD_1
~ AB 3’ B K C
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b. Theo két qua cau a) ta c6 AADE —~ AABC.
Mat khac vi EK // AB nén AEKC -~ AABC.
suy ra AADE -~ AEKC.

c. Theo két qua cau b) ta c6 AADE - AEKC suy ra:
AD DE _AE 1 _ AD+DE+AE _CV
EK KC EC 2 EK+KC+EC CVge

Vay, ta dugc CVia,pe = %CVAEKC.

Vin dé 2: SU DUNG TiNH CHAT HAI TAM GIAC PONG DANG GIAI
BAI TOAN DINH TINH VA PINH LUONG
Yidp 1z Cho hai tam gidc AA B,C, va AABC déng dang vdi nhau theo ti 56
k. Chitng minh rang ti s6 chu vi ctia hai tam gidc ciing bang k.
£ Gidi
Tur gia thiét, ta c6:
AB, B\C, CA, "AB]+B,C, +CA, _ CViaapc,

k= = =
AB BC CA AB + BC + CA Vo

Yidp2: Cho AABC ¢4 AB = 3cm, BC = 4cm, CA = 5cm. Biét AA B,C,

dong dang voi AABC.

a. Tinh cdc canhnA;B;; ACylbiét B;Cjl=8cm.

b. Tinh cdc carliAB;, B/C,,"AC,, biet AAB,C, - AABC rtheo 1

56 bdng 3.

£ Gidi

a. Tacé ngay:
= = & —=—==—

AB BC CA 3 4 5 A,C, =10cm’
Vay, véi B,C, = 8cm ta duoc A,B, = 6cm, A,C, = 10cm.
b. Tacé ngay:

AB, B, _CA, AB, _B,C, CA,

AB _ BC CA XT3 a5 0
A,B, =9cm
— {B,C, =12cm .
A,C, =15cm
}/%y?-___,t'ziduqc AB, =9cm, B,C, = 12cm, A,C, = 15cm.
o
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Yidud:s Dua diéem O o bén trong AABC ke cdc dicong thang song song voi
cdc canh ctia tam giac. Cdac duomg thang nay chia tam gidac thanh 6
ohan, trong dé ¢6 3 tam giac lan heot ¢6 dién tich la dem®, 9 cm”,

16 cm™. Tinh dién tich cua AABC.
&S (Giai
Gia sir ua O ké cdc duong thang: RS // BC, MN // AB, PQ // AC.
D¢ dang thay rang cdc tam giac AABC, AOMS, AOPR, AOMQ dong dang vai
nhau, do do neéu goi S, S,, S,, S; theo thit tu la dién tich cua céc tam gidc, ta co:

S, (PR )3 2 PR

e ] | G e (1
S | AB JS AB

S, OMT 3 OM AP

e S Mol (=Wl st~ S
S | AB JS AB AB

2 i ON): 4 ON RB

S | AB JS.~AB AB

Cong theo vé (1), (2), (3), ta duoc:
2+3+4 AP+PR+RB AB , ,
- LA S P VS =9 & S=81cm?
Js AB
Vay, dién tich cua AABC 14 S = 81 cm’,
Vido 4z Nyuwoi ta lap hai ban do cua mot thiea ruong hinh tam gidac, ban thir
nhat theo ti xich 1:1000, ban thit hai theo ti xich 1:10000. Tinh tf

s6 dong dang ciia ban dé thit nhat voi ban dé thit hai.

&5 Gidi

Goi AA BC la hinh biéu dién manh dat, AA,B,C, va A,B,C, 14 hinh cua cic
ban do vai ti xich 1: 1000 va 1: 10000.

A, B
Tacé: A AB,C, - AABC, ——L = =
AB 1000
A,B, 1
AB 10000
Suy ra: il :AZBZ . : : = Bt =10,
A AB 1000 10000 A,B,

A A,B,C, — AABC,

. . AiB
Vay, ta duoc A A,B,C, = AA,B,C,, ti 6 ‘—B' =10.
203
Vidu 3: (Bai 25/tr 71 — Sgk): Cho AABC. Hay vé mét tam gidac dong dang

; . g 1
voi AABC theo ti s6 dong dung %
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& Gidi
Cdch dung: Ta lan luot:
* Dung AABC bat ki.
* M la trung diém canh BC va N 1a trung diém canh AC.
= N6i M véi N thi AAMN la tam gidc can dung.
Chiing minh: Do M va N 1a trung diém cua hai canh AB va AC, suy ra MN Ia
duodng trung binh cia AABC, suy ra:

MN // BC va MN = %BC = AAMN - tgABC.

Ti s6 dong dang cuia hai tam gidc nay la: k = O O N —]-
AB AC BC 2

Viy, ta da duoc dung dugc tam gidc AMN thoa man bai toan.

Vin dé 3: CHONG MINH HAI TAM GIAC PONG DANG THEO BA
CANHTILE
Phuong phdp

Dua trén két qua:
Dinh li: Néu ba canh cua tam-gide-hay ti lé vor ba canh ctia tam gidac kia thi
hai tam gidc dé déng dang.

Nhu vay, néu hai tam giac AABC va AA,B,C, thoa man:

i . 1

AB BC CA
< AAB,C, - AABC /\ .l
va khi do6 ta c6 ngay: B, c, B C
A =A B =BC=C.
Vidop 1z (Bai 29/tr 74 — Sgk): Cho hai tam gidac ABC va A'B'C' ¢ kich
thuoc nhu trong hinh ve sgk.
a. AABC va AA'B'C' ¢6 déng dang véi nhau khéng? Vi sao?
b. Tinh ti s6 chu vi cua hai tam giac dé?

£ Gidi
AB 4 2 AC 6 2 BC 8 2
a. Tacf —=—=—) —=—==; —=—==,
AB 6 3 AC 9 3 BC 12 3
A'BI AICF BI !—

W |t

AB AC BC
0 d6, ta duoc AABC — AA'BC (c.c.c).

¥ 1 i’
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AR AT FC 3
b. Ta:6: AABC — AA'BC =k = = = e
AC BC 3
. AB+A'C+BC 2 oy CViawe) _ 2
AB+AC+BC 3 CV 3

(ABC)
Vi, ti s6 chu vi cua hai tam gidc dong dang bang ti s6 dong dang.
Yidy2: Cho AABC vuong tai A ¢6 AB = 3cm, BC = 5cm va AA B\C,
vuong tai B, ¢6 A\B, = 6cm, B,C, = 8cm. Hoi rang hai tam gidc
viuong AABC va AA B,C, ¢é dong dang vor nhau khong? Vi sao?
& Giii
Trong AABC vuéng tai A, ta c6:
AC'=BC' - AB’=25-9=16 < AC=4cm.
Troag AA,B,C, vuong tai B, ta co:
A,C; = A,B} +C,B! =36 +64 =100 < A,C, = 10cm.
Nhin xét rang:

AB 31 X A

BA, 6 2

BC _ 5 ] /\ /\
A 102 e A :
CA 4 1

cB, 82

AB BC CA™ ' o

=5 = = — <> AABC -~ AB/AC, voitisok =

B,A, A, (B, 2

™ Nkdn xét:

. Vi AABC vuéng tai A va AA;B,C, vuéng tai B, nén néu hai tam giac
1ay déng dang thi khong thé ¢6 tuong ing A - A, B 5 B, C - C,
>3itaco A = By =90° do d6 twong ung sé phai xuat phat tir A — B,.

2. Trong loi giai trén, trudc tién ching ta di xac dinh d6 dai cac canh con
ai cua hai tam giac dua trén dinh li Pitago, sau d6 bang viéc danh gia

o | —

lugc ti s6 gilta cac canh tuong ung bang %, ta khéng dinh duogc

MABC - ABJAC, véi i s6k = .
Vidwp 3z (Bai 31/tr 75 — Sgk): Cho hai tam gidac déng dang 6 ti s6 chu vi la
15 4 . ' ;
= va hiéu dé dai hai canh ticong ng cua chung la 12,5cm. Tinh

hai canh dé.
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£S5 Gidi
Gia s, AABC ~ AA'B'C' c¢6 hai canh tuong ting 1a A'B' la AB.
Theo dé bai, ta cd:
AB-AB'=112,5
A'B 15 AB 15 @A'B'=E
AB 17 AB-A'B' 17-15 125 2
= AB=12,5 + A'B' = 106,25 (cm).
Vidp 4: (Bai 30/tr 75 — Sgk): AABC ¢6 do dai cac canh la AB = 3cm, AC = Scm,
BC = 7cm. AA'B'C' déng dang voi AABC va ¢6 chu vi bang 55cm.
Hdy tinh dé dai cdc canh cia AA'B'C' (lam tron dén chit so thdp
phan thit hat).

< AB ~ 93,75 (cm)

&5 Gidi
Ta c6 AABC — AA'B'C'
syvra: AB_AC _BC AB+A'C+BC _ 55 11
YT 7B ~ AC . BC AB+AC+BCNN\. 3+5+7 3
Do do, ta co:
AD U Mawe Y alaY 5= 11 tond)
AB 3 3 3
i\_C_ = _1 = A'QV& _l_lA.C= -1—1‘5 ~18,381(cm);
AC 3 3 3
BC _ 11\ gRowniobllfaeb Hallbor sagiOpling .
BC 3 3 3

Yidp 83 Cho AABC, diém O & bén trong tam gigc. Goi M, N, P theo thir ne
la trung diém cua OA, OB, OC.
a. Chimg minh rang AABC déng dang véi AMNP.
b. Tinh chu vi cua AMNP biét chu vi cua AABC bdng 88cm.

& Gidi A
a. Trong AOAB, ta cé: b
OM = AM
ON =BN 2 AB 2 L)
) . ) NP PM 1 B g P C
Ching minh tuong tu, tacé: — = —, — = —.
BC 2 CA 2
VaytadLrQC:MN L . < AMNP - AABC theo ti s6 k = —l—
AB BC CA 2 2
CCVave _ |

1
Vo E 2
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Yidy 6: (/o AABC, biet AB = 6ecm, BC = 10cm, CA = 8cm. Trén AB lay
diém M sao cho AM = 4em, trén AC Ldy diém N sao cho AN = 3cem.
Chung minh rang AABC dong dang voi AANM.
&S Gial
Trong AABC, ta c6 nhan xét:
AB’ + AC’ = 36 + 64 = 100 = BC’ <> AABC vuong tai A.
Trong AAMN vuong tai A, ta ¢é: A
MN’'= AM*+ AN’ =16 + 9 = 25 < MN = 5cm.
Nhan xét rang:

AN 3 I NM_5 1 MA _4 1 M

AB & 2  BC 16 2°CA B8 2 B C
o

oy Y PN A Y e AR o AABC v H sB k= —.

AB BRC CA 9 2

& Chit y:  Xuat phat tir tam giac vuéng c6 do dai cac canh bang 3cm, 4cm,
5cm va dua trén su dong dang theo t s6 ba canh chung ta sé tao
ra dugc vo s6 tam giacyudng co cac canh nguyén la:

6cm, 8cm, 10cm
9cm, 12cm, 15¢m

Vin dé 4: CHUNG MINH/HAL (TAM1GIAC iIDONG DANG THEO HAI
CANH VA GOC XEN GIUA
Phuong phap
Dua trén két qua:
Dinh li: Néu hai canh cua tam giac nay ti lé voi hai canh cua tam giac kia va
hat géc tao boi cdc cdp canh dé bang nhau, thi hai tam gidc dé déng dang.
Nhu viy, néu hai tam giac AABC va AA B,C, thoa man:
AB, CA, A
AB CA ©AABC -AABC A

A=A /\

élZﬁ,elzc Bl CI B C

va khi do ta c6 ngay: B,C, AB, CA, -
BC AB CA

VYidp 1z C(ho AABC ¢6 AB = 12cm, AC = 15cm, BC = 18cm. Trén canh AB
ldy diém M sao cho AM = 10cm. Trén canh AC ldy diém N sao cho
AN =8cm.
a. Tam gidc AAMN déng dang vor tam gidc nao?
b. Tinh do dai doun MN.

o £ ¢

% R
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£5 Gidi
AM 10 2
AC 15 3
a. Véi hai tam gidc AAMN va AABC, ta c6: { A chung
AN 8§ 2
|AB 12 3
. 2 A
<> AAMN -~ AACB vdi ti s6 déng dang k = " "
b. Theo céu a), ta c6 ngay:
AL A < MN = SNILE = 12cm. B C

CB  AC
Vay, ta dugc MN = 12cm.
Yidg 2: Cho AABC ¢6 AB = 4cm, AC = 5cm, BC = 6cm. Trén tia doi cua
tia AB ldy diém D sao cho AD = 5cm.
a. Tam giac ABC déng dang ydi tam gidc nao?
b. Tinh dé dai CD.
c. Chitng minh rding BAC = 2ACB.
&S Gidi
a. Vi hai tam gidc AABCva‘ACBD, tacé nhan xét:

B chung
AB 4 2 _BC 6 2<:>AABC“ACBD.

CB 6 3 BD 4+5 3
b. Tix két qua cau a), ta cé:
AC AB i
AC _AB L p-= AC.CB
CDh CB AB
Vay, ta dugc CD = 7,5cm.
c. Tirkét qua cu a), ta c6 ngay BAC = BCD.

= 7.5ca

B A D
Nhén xét rang: e i L S
DA 5 DC 75 5§
BA BC i i
= —— = — <> CA la duong phan giac cua géc BCD
DA DC

T BTff) =2K€B & ﬁi‘: = ZEB.
Yidp3: (Bai 34/tr 77 — Sgk): Dung tam gidc ABC, biét A = 60° ti s6

N e va duong cao AH = 6cm.
 #AC
60" -CDTPHDS8-T2-
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£S5 Giai

Ta thue hieén theo cac bude sau:

Bugc 1: Dung goc xAy = 60",

Trén canh Ax lay diém B' sao cho AB' = 4cm, trén canh Ay lay
diém C' sao cho AC' = 5cm. Ta xac dinh duoc AAB'C'.

Budc 2: Dung tia AH' L B'C' (H' € BC). Trén tia AH' 1dy diém H sao
cho AH = 6cm. Qua H ké dudng thiang song song véi B'C' cat Ax
tai B va Ay tai C. AABC la tam giac can dung.

Chutng minh:
Ta co:
AH L BC (vi BC // BC)
AH = 6cm (theo cach dung)
Do d6, AH la dudong cao cua AABC.
Theo dinh Ii Talét, ta cé: L L hay AR a8
AB - AC AC AC
Viy, ta dung dugc AABC thoa man dé bai.

Yiduds Diung AABC hiét A = 60, % ¥ % va trung tuyén AM = 3cm.

4
=

&5 Gidi
Phan tich: Gia su da dung dugec AABC thea.man diéu kién diu bai.
Véi diém M, bat ki trén AM, dung duong thang song song véi BC cat AB,
AC theo thir tu tai B,C,, ta¢é;
AM, la trung tuyén cna AAB,C,.
AB, AB I

AC: AC 2°

Cdch dung: Ta lan luot thuc hién:

» Dung géc xAy =60,
Trén Ax ldy diém B, bt ki, trén Ay 14y diém C, sao cho AC, = 2AB,.
Goi M, la trung diém B,C,, trén tia AM, l1ay di€ém M sao cho AM = 3cm.
Qua M dung dudng thing song song véi B,C,, cat AB, va AC, theo thit
tur tai B va C.

Khi do, AABC la tam gidc phai dung.
Chimg minh: Vi BC // B,C, nén:

BM AM MC

i B,M, AM, M,C, =BM=MC.
AC AC' 2
BM, =C,M,
Bién ludn: Bai toan c6 mot nghiém hinh.
i
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Vin dé 5; CHUNG MINH HAI TAM GIAC PONG DANG THEO HAI
GOC BANG NHAU

Phuwong phap

Dua trén két qua:
DPinh li: Néu hai géc cua tam gidc nay bang hai gée cua tam gidc kia thi hai
tam gidc dé dong dang.

Nhu vay, néu hai tam gidc AABC va AA,B,C, thoa man:
A, =A,B, =B < AAB,C, — AABC

-~

C =C
va khi d6 ta c6 ngay: AB, BC, CA,-
AB  BC CA

Yidp 1z Cho AABC, O la diém o bén trong tam giac. Ke qua O dirong thang
song song vor AB cat AC, BC theo thit tu tai M, N. K¢ qua O duonyg
thang song song véi AC cdt AB, BC theo thit tie tai P, Q. Hay v€ hinh
va chi ra trén hinh dé nhitng tam gidc dong dang va gidi thich vi sao

chiing dong dang?
£ Gidi
ﬁ1=1& '
ViMN//ABnén: < = _ < AMCN - AACB.
N =B
Vi PQ // AC nén: Pi=A _, APBQ - AABC '
i nén: al:ac::» Q ; B /N O~ ¢

- -

N 2R
Ta c6 dugc: {A‘ _ <> AONQ — AABC = AONQ - APBQ.
Q,=C
Vay, ta c6 dugc bon cap tam giac dong dang.
Yidyp 2: (Bai 44/tr 80 — Sgk): Cho AABC ¢6 cdc canh AB = 24cm, AC = 28cm.
Tia phdn gidc cua géc A cdt canh BC tai D. Goi M, N theo thie e
la hinh chiéu cvua B va C trén duong thang AD.

a. Tinh ti s6 %
CN

b. Chung minh rdang oM ’
AN DN

&S Gidi —Hoc sinh tuvé hinh

a. Tacé: A, =A, (gt) va AMB=ANC =90°= AAMB — AANC
BM AM AB 24 6

= == = D i Nl l
o3 #CN AN AC 28 7 (n
162" -CDTPHPS8-T2-
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b. Ta o D, =D, (dd) va DMB = DNC =90’ (gt)

B 6
-+ ADMB - ADNC = D—M- = —~M- =—, (2)
DN CN 7
AM DM
T 1) ¥ (2)s0y ra, — =—— ~—dpcm.
SN DN P

Vide3: (Bai 45/tr 80 — Sgk): Hai tam gidc ABC va DEF 6 A =DB=E,
AB + 8cm, BC = 10cm, DE = 6¢cm. Tinh do dai cac canh AC, DF
va EF, biét rang canh AC dai hon canh DF la 3cm.

&S Giii —Hoc sinh te ve hinh
Tir z1a thict, ta co:

A=D
J,\ " e BABC e A e T P 8 T
|B=E DE DF EF 6 3
Tiur ‘1) suy ra, ta co:
AC-DF 4- 3
—— 3¢:> _:l:>DF=9(cm).
DF 3 DF 3
C 4 4 |
B2 o 24 —Eer={ .
EF 3 EF// 3
Yidad4: Cho AABC vuong tai A, driongcao AD, dicong phdn gidc BE. Gia sie
AD cat BE tai F.oGlntng nanhhdng Eﬁ = E]—)—
EC FA
&5 Giai A
Trong AABD c6 BF la phangidcsuyra:
FD  BD (1)
FA BA~ B D C
Vai hait tam giac AABD va ACBA, ta c6 nhéan xét:
ADB = CAB
. @AABDwACBAﬁE =£. (2)
B chung BA CB
Trong AABC c6 BE la phan gidc suy ra:
AB EA
— = (3)
CB EC

T (1), (2), (3) suy ra diéu phai chitng minh.
Yida S: Cho hinh thang ABCD (AB // CD), biét AB = 5cm, BD = 10cm,
AD = 7cm va DAB = DBC.
a. Chimg minh rang AABD - ABDC.
b Tinh d$ dai cac doan thang BC, CD.
o tc. Hay dung hinh thang ABCD thod mdan diéu kién ddu bai.
4 o Ao

i &1
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£ Gidi A B
a. Vai hai tam giac AABD vaABDC, ta c6 nhan xét:
DAB=CBD _, AABD - ABDC. 1
ni D C

b. Tir két qua clu a), ta co:
BC CD DB 10 {BC = 14cm
= = = 2=

AD DB BA 5 CD =20cm’
Vay ta duoc BC = 14cm va CD = 20cm.
c. Tacdn thuc hién theo bén budc sau:
Phan tich: Gia sit da dung duoc hinh thang ABCD thoa man diéu kién dau bai.
Nhan xét rang:
* AABD dung dugc ngay.
*  Piém C thuéc tia Dx song song vdi AB sao cho CD = 20cm.
Cdch dung: Ta lan luot thuc hién:
* Dung AABD biét d6 dai bacanh,
* Dung Dx // AB, trén Dx 1ay diém C sao cho CD = 20cm.
Khi d6, ABCD la hinh thang phai dung.
Chitng minh: Ban doc tu chitng minh.
Bién ludn: Bai todn c6 mot nghiém hinh.

Vidg 6 (Bai 37/tr 79’2 Sgk): Hinh'sgk cho bié? EBA = BDC .

a. Trong hinh vé ¢6 bao nhiéu tam giac vuéng? Hday ké tén cdc
tam gidc do.

b. Cho biét AE = 10cm, AB = 15cm, BC = 12cm. Hay tinh dé dai
cdc doan thang CD, BE, BD va ED (lam tron dén chit s6 thdp
phdn thit nhat).

c. So sdnh dién tich tam giac BDE vdi téng dién tich cua hai tam
gidc AEB va BCD.

£ Gidi
a. Tacé: AABE vuéng tai A (gt); ABCD vuéng tai C (gt)
B, =D, (g)
Ma D, +B, =%

= B, +B, =90°= B, =180°—(B, +B, )= 180"-90°=90".
6§dEBD vuong tai B.
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, ‘A AB 10 3
b. Ta :6: I—"_-: &> —=L =CD = I8 (em).
BC CD 12 CD
Ap dun g dinh 11 Pitago vao ba tam giac vuong trong cau a), ta co:
BE = VAE® + AB® = V100 +225 = I8 (cm).
DB = VBC? +CD? = 122 +187 = 21,6 (cm).

ED = VBE® + BD® = 4325+ 468 = 28.2 (cm).

e Tage: Sga= %BE.BD = —l» 18.21,6 ~ 1944 (cm?).

]

Suen + S = = (1015 + 12.18) = 183 (cm’).

Dodd: Sgpe > Sapa + Spep-

Yidu7: Cho AABC ¢6 ba géc nhon, cdc diém M va N theo thir nie la trung
diém ciia BC va AC. Goi H, O, G theo thit tie la tricc tam, tim
ditong tron ngoai tiép, trong tam ciia AABC.

a. Tim cdc tam gide dong-dangli-oi AAHB.
b. Chimg minh rang AHAG = AOMG.
c. Chimg minh rdng ba diém H, G. O thang hang.

5 Giai

a. Tac6: MN// AB vi MN la duong trung binh cia AABC,

AAH // MO vi cuing vuong goc voi BC,
IBH // NO vi ciing vuéng goc voi AC,
tir do suy ra cdce goc cé canh tuong ting song song bang nhau la:

e e A
HAB = OMN
___ ___ <> AAHB -~ AMON.
B HA = NOM L
G
\ay, ta duoc AAHB — AMON. B C
AH AB L
b. Theo céiu a) ta cé: AAHB - AMON = ——=—=2
MO MN
Mat khic, vi G la trong tam ciia AABC nén: an =2 = =t .
MG MO

Xét hai tam gidc AHAG va AOMG, ta cé:

AH AG
MO MG < AHAG -~ AOMG.
= OMG o le trong

“&. HDS58-T2- 165
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c. Theo cau b) ta co: AGH = MGO.

Mat khic, ta c6: 180° = MGO + AGO = AGH + AGO
= H, G, O thang hang.

@ Nhdn xét: Két qua cau c) khdng dinh "Truc tim, trong tam vi tam
duong tron ngoai tiép cua mot tam gidc nam trén mot duong
thdng (duong thing Ole) ", trong d6 khoang cach tir trong
tam dén truc tam gip doi khoang cach tir trong tam dén giao
diém ba dudng trung truc.

C. BAI TAP LUYEN TAP
Bai 1: Cho AABC c6 AB = 2cm, BC = 4cm, CA = 3cm. Biét AA B,C, dong dang
véi AABC.
a. Tinh cac canh A,B,, A,C,, biét B,C, = 10cm.
g ]
b. Tinh cic canh A,B,, B,C,; A,C,, biét AA,B,C; — AABC theo ti s6 biing —
0 ]

Bai 2: Ngudi ta 1ap hai ban dé cua mbt thira rudng hinh tam gidc, ban thit nhit theo
ti xich 1: 100, ban thit hai theo ti xich |1:/.50000. Tinh ti s6 déng dang cua bian dé thi
nhit véi ban dé thit hai.

Bai 3: Cho AABC. Hay vé AA'B'C' dong dang véi AABC theo ti s6 dong dang k =

w[u

Bai 4: Cho AABC déng dang véi ADEF, ti s6 dong dang bang =

a. Tinh ti s6 chu vi cua.hai-tam-giic.di-cho.

b. Tinh chu vi ADEF biét chu vi AABC béng 30cm.

c. Tinh chu vi cia méi tam gidc di cho, biét hiéu chu vi cua hai tam giic trén
bing 2dm.

Bai 5: AABC - AA'B'C' theo ti s6 déng dang k = % o

a. Tinh ti s6 chu vi cua hai tam gidc da cho.
b. Cho biét hiéu chu vi cia hai tam giac trén 12 40dm, tinh chu vi cia méi tam
giac.
Bai 6: Cho hinh thang ABCD (AB // CD) ¢6 CD = 2AB. Goi E la trung diém cua CD.
Chimg minh ring ba tam gidc AADE, AABE, ABEC déng dang véi nhau timg déi mot
(Luu y viét cic dinh ctiia hai tam gidc dong dang theo thit tu twong img véi nhau).

Bai 7: Cho AABC. Diém D thuéc canh BC sao cho [D)—g =%. Ké DE song song voi

AC (E € AB). Goi M la trung diém cua AD. Goi F la giao diém cia EM va AC.
a. ABED déng dang véi tam gidc ndo trong hinh? Tim ti s6 déng dang.
ong dang vdi tam giac nao trong hinh? Tim ti s6 déng dang.

A‘ -CDTDHDS8-T?-
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Bai 8: (l'mh char dwony trung binh cua tam giac): Cho AABC. Mot dudng thing
song tong vol BC, cat cic canh AB va AC theo thu tr o D va E. Biet ring

DE - - BC.Chung minh ring D 1a trung diém cua AB.
Bai 9: (Dwh [t Meénélaiy: Cho AABC. Mot dudmg thing d khong di qua cic din cta
tam giic. cit cic duong thing BC, AC, AB theo thuur 6 A, B,, C,. Chimg minh ring

AB, CA, B(
B P A B'CA A
Bai 10: (Dinli li Xéva): Cho AABC. Cic diem A', B', C’ theo thit tu thudce cic canh BC,
AC, ABsao cho AA’, BB, CC" dong quy. Ching minh ring s . i : o 1 I
BL A'B C'A

Bai 11: Hai tam gidc sau co dong dang khong néu do dai cic canh cua chiing bing:
a. 8em, 12em, 18em va 27em, 18cm, 12cm.
b. 3cm, 4cm, 6cm va 9cm, 15cm, 18cm.

Bai 12: Cho AABC vuéng tai A ¢6 AB=3cm, AC =4cm va AA,B,C, vuong tai A, ¢6

A B, = 9cm, B,C, = 15cm. Hoi rang hai tam giac vuong AABC va AA B,C, co dong
dang vai nhau kh()ng’ Vi sao?

Bai 13: Tu giac ABCD co AB = 4cm, BC'= 20cm, CD = 25cm, DA = 8cm, duong
chéo BD = 10cm. .

a. Cac AABD va ABDC c6 dong dang khong?

b. Chung minh ring ABlsong song v¥éi CDI
Bai 14: Cho AABC ¢6 trong tam G. Goi M, N, P theo thi tu la trung diém cua cic
doan thang GA, GB, GC,

a.  Chimg minh raing AMNP dong dang véi AABC véi ti s6 dong dang k =

ml—-

b. Tinh chu vi cia AABC biét chu vi cia AMNP bang 18cm.

Bai 15: Cho AABC c¢6 truc tim H. Goi M, N, P theo thit tu 1a trung diém clia HA,
HB, HC.

a.  Ching minh ring AABC dong dang vdi AMNP vai ti s6 dong dang k = 2.
b. Tinh chu vi cia AMNP biét chu vi cia AABC bing 78cm.

Bai 16: Cho AABC c6 AB = 8cm, AC = 10cm, BC = 12cm. Trén canh AB lay diém
M siao cho AM = 5¢cm. Trén canh AC lay diém N sao cho AN = 4cm.

a.  Tam gidc AAMN doéng dang véi tam giac ndo?
b. Tinh do6 dai doan MN.

Bai 17: Cho AABC c6 AB = 10cm, AC = 20cm. Trén canh AB ldy diém D sao cho
AD = 2 5cm. Trén canh AC lay diém E sao cho AE = 5cm.

a. Tam gidc ABC déng dang véi tam gidc nao?
b. Ching minh rang ABE = ACB.
& rg dai DE, biét BE = 8cm.
A) HDSS-T2- 167
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Bai 18: Cho géc @ ({6} # 180%. Trén Ox ldy hai diém A, B sao cho OA = 3cm,
OB = 6¢cm. Trén Oy 14y hai diém C, D sao cho OC = 4cm, OD = 8cm.

a. Chimg minh ring hai tam gidc AOAD va AOCB déng dang.

b. Goi I 1a giao diém cua AD va BC. Chimg minh riang hai tam giic AIAB va

AICD c6 céc géc bang nhau timg d6i mot.

Bai 19: Cho hai tam gidc AA,B,C, va AABC d6ng dang vdi nhau theo ti s6 k. Chiing
minh ring:

a. Ti s6 cia hai dudng trung tuyén tuong img cua hai tam giac d6 ciing bing k.

b. Ti s6 cia hai dudng cao twong g cua hai tam gidc dé ciing bang k.

c. Tis6 cia hai duong phan gidc tuong tng cua hai tam gidc d6 ciing bang k.
Bai 20: Dung AABC biét:

N AB 1 ;
a. A=90° i 3 va trung tuyén AM = 4cm.
b. A=60° % = dudng cao AH = 3cm.

c. A=30, % =—§vﬁ phan gidc AD= Scm.

Bai 21: Cho AABC, céc dudng cao BD, CE. Chitng minh rang:
a. AABD - AACE.

b. AADE - AABC.

Bai 22: Cho AABC vuéng tai A, dudng cao AH. Tir H ha HK vuéng goéc véi AC. Hay
vé hinh va chi ra trén hinh d6 nhimg tam gidc déng dang va giai thich vi sao ching
dong dang?

Bai 23: Cho hinh binh hanh ABCD. Goi E, F theo thit tu 1a trung diém cua AB, CD.
Chimg minh ring AADE — ACBF.

Bai 24: Cho hinh thang ABCD (AB // CD). Goi O la giao diém cua hai dudng chéo
AC va BD.

a. Chimg minh ring OA.OD = OB.OC.

b. Dudng thing qua O vuéng géc véi AB va cit AB, CD theo thi tr tai H, K.
Chimg minh ring OH.CD = OK.AB.

Bai 25: Cho AABC c6 A =2B . Tinh d6 dai AB biét AC = 9cm, BC = 12cm.
Bai 26: Hinh thang vuéng ABCD c6 A =D=90°, diém E thuéc canh AD. Biét
AB = 10cm, AE = 15cm, DE = 12cm va AEB = BCD.

a. Trong hinh vé dé hay chi ra cic cap tam gidc déng dang.
b. Ch?ﬂinh ring BEC = 90°.
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D. HUGNG DAN - DAP SO
Bai 1:

2 4
a. AB,=5cm, A,C,=75cm. b. AB = Ecm, BC, = gcm. A,C, = lem.

Bai 2: Hoc sinh tie lam.,
Bai 3:
Cach dimng: Ta lan luot:
* Dung AABC bat ki.
* Dung tia AXx nam ngoai AABC.
* Trén tia Ax dat ba doan thang lién tié€p nhau: AM = MN = NP.
= Noi P vai B réi tir N dung NB' // PP (B' € AB).
*  TuB dung B'C'//BC(C € AQ).
* AABC latam giac cin dung.
Chitng minh: Xét AAPB c6: NB'//PB = & = ﬂa— .
AP -AB
AN

Lai c6: AM=MN=NP= — =

2 AB' 2

- =
AP 3 AB 3

ICI‘ i

Do B'C' // BC (cich dung) = AAB AABC > k = 1:—8 = % :
Viy, ta da dung dugc AAB'C' thoa man dé bai.

Bai4: Goi CV,, CV2 theo tht tu 1a chu vi cia AABC va ADEF

S——Y'—:E b. CV2=—3~’-CV] = 45om:
CV, 3 2
c. Tirkét qua cau a), ta cé:
Y, 2 - CV, 2 cv, 2

- = e —L=2 &5 CV, =40cm.
CV, 3 CV,-OWMN3-2 20 _J

Khi do, ta c6 CV, = 60cm.
Bai S:
ABY NC BT _3
" AC  BC 5
A'B+A'C+B'C' _3 CViasey

AB+ AC + BC 3 CV

{ABC)

V iy, ti s6 chu vi cua hai tam gidc déng dang bang ti s6 déng dang.

a. Tacé: AABC - AABC' =k =

w | W

b. Tacé: E—X‘i—a& - 3 - CVianey - 3 - CViasey _3
CV(#\B(‘! 5 CV{AB(‘) _CV{F\'B'C'} 5 40 5
3 ™

 CViuge, = ¢ 40=60 (dm)

?&m = 40 + 60 = 100 (dm).
‘ﬁ-} HDSS-T2- 169
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Bai 6: Vai gia thiét E 1a trung diém CD ta lan luot ¢6: A B

*  Vi:AB =DE <> ABED I hinh binh hanh = AD = BE
Khi dé, ta nhan duoc AADE —~ AEBA. (nH

* Vi: AB = EC < ABCE la hinh binh hanh = AE = BC

Khi do, ta nhan dugc AEBA — ABEC. (2)

Ngoai ra tir (1) va (2), ta nhan thém duoc AADE — ABEC.

Bai 7: Hoc sinh tie lam.
Bai 8: Hoc sinh tie vé hinh: Ta cé ngay:

AD _DE

AADE -~ AABC = = < D la trung diém cua AB.

1
B BC 2

Bai9: KéBB'//AB, véiB € AC.
Khi do:
AB, CA, BC,
BC AB CA

AB, BB' CA, BC,

B,B' B.C AB C,A

AC, A\B CA, BCj |

= ; : > = |, dpcm.
CHB/AC AB CA

Bai 10: Hoc sinh tie lam.

Bai 11:

L N

a. Hai tam gidc déng dang ydi ti s6 k =

b. Hai tam gidc khong déng dang.
Bai 12: Hai tam gidc vuong nay cé dong dang.
That vay:
* Trong AABC, ta cé:
BC?*= AB*+ AC*=3*+4=25 = BC = 5cm.
* Trong AA,B,C,, ta cé:
AC =B,C}-A B’ =15-92= 144 = A,C, = | 2cm.
Khi d6, nhan thay ramg:
08wl BB L AR ARG e
BA, AC (B, 3
Bai 13:
a. Nhan xét ring: A D

AB_BD_AD_E
BD DC BC 5 7\

. 2
D - ABDCvGitiso k= —.
vai ti s6 - B C

e éﬂ
A 5 -CDTDbHDSS-T2-
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b. D tren ket qui cua cau a), ta co ngay:

ABD - BDC <> AB // CD vi c6 hai goce so le trong bang nhau.

Bai 14:
a. Trong AGAB, ta co:
GM = AM
y JMN—lABf“b—M\ :l,
|GN = BN 2 AB 2
NP PM

Chimg minh trong ur, ta cé: BC =
Vay ta duoc:
MN NP _PM 1
AB BC CA 2

; y " T— I
b. Tacongay: —3EE = - e ESEN g WOV g = J6ETHI
C V‘-.‘\“l -
Bai 15: CV e = 39%cm.

Bai 16:
a. Vo hai tam giaic AAMN va AABC; 1a co:
J(_/\M I . AN 1

o PR T &
AC 2 AB 2
lﬁchung
s e ' I
<> AAMN — AACB vai t1 s6 dong dang k = =,
b. Theo cau a), ta c6 ngay:
MN _ AM s TN AM.CB = Boms
(B AC
Vay, ta dugc MN = 6¢cm.
Bai 17:

a. Ta lan luot c6 nhan xét:
} AD 1 X AE 1

vd — =—
AB 4 AC 4
lAchung

g g g e I
<> AADE — AABC vai ti s6 dong dang k = g

AC 2  AB 2
Rchung

AB 1 _ AE 1
& -

ﬁE AACB vai ti s6 dong dang k = ;

E*’

r’ 51”)86’ T2-
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b. Theo két qui: AABE — AACB = ABE = ACB.
c. Theo cic két qua cau a), ta lan luot cé:

AABE - AACB = BE = = ] <> BC = 16cm.
cCB 2

AADE -~ AABC = E:- = —l— < DE = 4em.
BC 4

Vay ta dugc DE = 4cm.

Bai 18:

a. Vai hai tam giac AOAD va AOCB, ta cé: B
OA 3 Vi OB _3 A
oC 4 oD 4
Ochung 2 I

< AOAD — AOCB véi ti s6 déng dang k = %

b. Vai hai tam giac AIAB va AICD, ta eé:
B= D dua theo két qua céu a),
1= i3 vi d6i dinh.

A= C dua trén tinh chat téng ba géc trong tam gidc bang 180°.
Vay, hai tam gidc AIAB va AICD c6 cac géc bang nhau timg doi mot.
Bai 19: Hoc sinh tw vé hinh.
a. Taco:
AABC - AA'BC'
Suy ra:
A=A;B=B;C=C;,
A'B' A'C'_ B'C
AB AC BC )
Goi A'M' va AM Ia hai trung tuyén tuong ting ctia hai tam gidc.
Xét AA'B'M' va ABM, ta c6:

=k

l ' 1
B!Mr_EBC _BrC!.
BM lp. BC
2
ABzBC femif
AB
Suyra a BM (viB=B'—cmt)

% ‘ -CDTDHDSS-T2-
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Do do, \A'BM" - ABM (c.g.c)

A'B" A'M!
> —— =—— =k —dpcm.
AB AM
c. Taco: \ABC - AA'B'C
>A'=A;B=Bvik= AS,
AB
Goir A'D" va AD lihai phan gide tuong ing, ta ¢6:

A" A
A= S vaA =T A=A,

X¢ét AA'BD vis AABD taco A’y = A, va B =B(cmt)

Suv ra: AA'B'D' - AABD (g.g)
A'D' A'B’

> ——=—— =k —dpcm.
AD AB
Bai 20: /Hoc sinh telam.
Bai 21: A
a. Vai hai tam giac AABD va AACE, ta ¢6 nhan xét: E D
ADB = = 90"
Rchung B C
<> AABD - AACE, dpcm.
; Psachi - :
b. Tir két qua chu a), ta duaoc: f = i A = ot .
AE_AC AB__AC
Khi do, voi hai tam giic AADE va AABC
AD AE
AB  AC < AADE —AABC, dpcm.
;\chung
Bai 22: Hoc sinh nelam.
Bai 23: Dua trén tinh chat song song cua hinh binh A E B
hanh, ta co: 1
E = [.)I , Vi so le trong.
- & w al : 1 |
D, = F , vi dong vi. D r C

-
3
a

— F1 = ll .
Khi do, var hai tam giac AADE vaACBF, ta c6 nhéan xét:

-

A=C
Gﬂ <> AADE — ACBF, dpcm.
2
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Bai 24:
a. Do AB//CD (gt) nén:
OA OB AB

AABB - AOCD = = & ; (1)
OoC OD CD

Tir gg o = 0OA.OD = OB.OC - dpcm.

H A
b. Tuong tu, AOHA -~ AOKC nén = 0 2 (2)
OK OC

Tir (1) va (2) suy ra:

Bai 25: Ta c6 thé lua chon mot trong hai céch sau:
Cdch 1: Goi AD la tia phan gidc géc A, suy ra: *

=  Véi hai tam gidic AACD va ABCA, ta ¢6 nhan xét: QD\
A

:é:

ta |.>>)

6chung

< AACD - ABCA = %=§—C— =ChH= Elcm.

BQ 4
* Theo tinh chdt duong phan giac:

CD _AC AT AC.BD _AC(BC-CD) _ e
BD AB CD CD
Viy, ta dugc AB = 7cm. E
Cdch 2: Trén tia d6i cia tia AC 1y E sao cho AE = AB. A
Pat B=a thi A = 20, E=ABE =o.
bit AB = AE =x. o
Vi hai tam gidc AABC va ABEC, ta cé6: B C
A =CBE
ABC = E
<> AABC ~ ABEC = i B(,:’_Q_: L =% =76,

BC EC 12 x+9
Vay, ta dugc AB = 7cm.

AJ -CDTPHDS8-T2-
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o b 4 CAC TRUGNG HOP PONG DANG CUA

TAM GIAC VUONG

A. TOM TAT LI THUYET
1. AP DUNG CAC TRUONG HOP PONG DANG CUA TAM GIAC VAO TAM
GIAC VUONG
Hai tam gidc vuong dong dang véi nhau néu:
I Tam gidc vuong nay c6 mot géc nhon bang géc nhon ctia tam gidc vuong kia.
That vay, khi do vi ching luon ¢é thém hai gée vuong bang nhau, nén
ching 6 hai géc bang nhau.
2. Tam giic vuong nay ¢ hai canh géc vuong ti I¢ vai hai canh goc vuong
cua tam giac vuong kia.
That vay, khi do ching ¢6 thém hai canh huyén t1 1¢é (dua trén dinh i
Pi - ta—go).
2. DAUHIEU DAC BIET NHAN BIET HATTAM GIAC VUONG DONG DANG
Dinh li: Néu canh huyén va mot canh -gocivuong clia tam gidc vuong nay ti 1é vai
canh huyen va canh géc vuong cua tam gidc vuong kia thi hai tam giic vuong do
dong dang.
Nhu vay, néu hai tam gidvvuong :AABC wa AABiC, thoa man:

A :
fth Bty < AABC s AABC
AB BC

A
va khi do ta co ngay: A,
[ C, =CvaB =B /\
A|B| _ BICI :CIAI s Bs C1 B C

| AB  BC CA

& Chi y: Keét qua cuaa dinh li trén dugc ching minh moét cach khac don gian
dua vao dinh li Pi — ta — go, that vay:

Néu co: L

AB BC

AC, _ \[Blcf _AIBlz _ JkEBCE ~* AB’

AC  JBC'-AB®  +BC! - AB’

Ti s6 hai dudong cao, ti s6 dién tich cua hai tam gidc dong dang

=k

=k

Pinh I Ti s6 hai dudng cao tuong ting ctia hai taim gidc dong dang bang ti s6
dong d

A} HDSS-T2- 175
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Nhu vay, néu AA,B,C, —~ AABC véi ti s6 k thi

AIHI e A181 = BICI :CIA} =k A
AH AB BC CA A,
va khi dé ta c6 thém:
AH, BH, CH, A\ \
AH BH CH B H ¢ B H C

B,A,H =BAHvaC A H, =CAH
Dinh li: T{ s6 dién tich ctia hai tam gidc doéng dang bang binh phicong ti s¢6
dong dang.
. . .7 - ~ S C )
Nhu vay, néu AA,B,C, — AABC véi ti s6 k thi —2L = k*

AARC
B. PHUONG PHAP GIAI TOAN
Videp 1z (Bai 46/tr 84 — Sgk): Trén hinh sgk, hdy chi ra cdc tam gidc dong
dang. Viét cac tam gidc nay theo thit tw cdc dinh tiong img va gidi
thich vi sao chiing dong dang?

£ Gidi
Nhin trén hinh vé, ta cé:
* AABE - AADC (vi hai tam giac vuéng c6 géc nhon A chung).
= AEDF - AEBA (vi hai tam-giac' vudng c6 goc nhon E chung).
" ACBF — ACDA (vi haitam gidc vuong cd géc nhon C chung).
* AEDF - ACBF (vi-hai-tam-gide-vuéng-¢6-E = C — géc ¢6 canh tuong
ing vudng goc).
* AEDF - ACDA (vicung dong dang véi ACBF).
* ACBF - AEBA (vi cing déng dang véi AEDF).
Vidg 2: Hinh thang vuéng ABCD c¢6 A= D=90°, AB = 4cm, CD = 9cm.
Tinh dé dai BD biét rang BD vuéng géc véi BC.
£5 Gidi
Xét hai tam gidc vuong AABD va ABDC cé:
D, =B, & AABD - ABDC

- BD _AB L BD'=ABDC=49=36 A 2
DC BD 1
<> BD = 6cm. -
Vay, ta dugc BD = 6cm. B C

A -CDTDHDSS-T2-
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& Nhan xét: Nhu vay, bang viéc danh gia dugc Di = B, (z6c nhon trong tam
giac vuong) chung ta c6 ngay dudc két luan AABD — ABDC, tu
do dua trén ti s6 dong dang gitta cac canh chung ta tinh dugc
do dai canh BD.

Yidy3: (Bai49/tr 84 — Sgk): Cho AABC vuéng o A va ¢6 duong cao AH.

a. Trong hinh vé sgk ¢6 bao nhiéu cdap tam gidc dong dung voi
nhau? (hay chi'ré timg cdp tam gidc dong dung va viét theo cdc
dinh twong 1ing).

b. Cho biét AB = 12,45cm, AC = 20,50cm. Tinh dé dai cac doun
!h(fng BC, AH, BH va CH.

£S5 Gui

a. Teco, cac cap tam giac dong dang ¢6 trong hinh la:

* AAHB -~ ACAB (vi hai tam gidc vuong c6 géc nhon B chung).
* ACHA -~ ACAB (vi hai tam gidc vuong c6 géc nhon C chung).

* AAHB - ACHA (vi cung dong dang véi ACAB).
a. A»dung dinh Ii Pitago vao AABC vuong tai A, ta co:
BC = AB’ + AC’ = (12,45)} 4 (20,5)’ = 575,25 = BC = 23,98 (cm).

Xet AAHB —~ ACAB, ta cé:

&
AH _AB deneald%3:128% ienpbsa gom).
AC BC 23,98
%:% :HB:%zﬁAﬁ(Cm). \
D> do: 5 H ¢

CH = BC - BH=23,98 - 6,46 = 17,53 (cm).

Yidue4: (Bai 47/tr 84 — Sgk): AABC ¢6 do dai cac canh la 3cm, 4cm, va
Scm. AA'B'C' déng dang véi AABC va ¢é dién tich la 54cm®. Tinh
do dai cac canh ciia AA'BC.

£5 Cidi

Ga st AABC ¢6 AB = 3cm, AC = 4cm, BC = 5cm, ta cé:
AB* + AC*=3*+4*=25 va BC*=5"=25 = AB>+ AC>=BC>.
D> d6, AABC vubng tai A, suy ra:
ABAC _34 o
2
Xt AABC -~ AA'B'C' c6 ti s6 dong dang 1k, ta cé:

. J—
; =E=k2=>k2=9=>k=3

12
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Ma:
AR AC BC A'B A'C" BC
k= = = hay i -
AB AC BC 3 - 3
= A'B'=9cm, A'C' = 12cm, BC' = 15cm.
Yidp 52 Cho AABC vuéng tai A, diomg cao AH. Chiing minh rang:
a. AH’=BH.CH.
b. AB’=BH. BC.
c. AC=CH. BC.
Ap dung: Duong cao ciia mot tam gidc vudng phdt xudt rir dinh géc
vuéng chia canh huyén thanh hai doan thang ¢é dé dai 9cm va
16cm. Tinh dé dai cac canh cua tum gidc vuong do.

£S Gidi
a. Xét hai tam gidc vuéng AAHB va ACHA, ta cé:

A = C (g6c c6 canh tuong iing vuéng goc)

A
<> AAHB -~ ACHA N
= — Al _ B & AH? = BH.CH:
CH HA
b. Xét hai tam gidc vuong AAHB va ACAB, ta cé: B H C

B géc nhon chung
<> AAHB -~ ACAB = Ficki L1k &'AB*£BH. BC.
CB....AB

c. Xét hai tam gidc vuéng AAHC va ABAC, ta c6:
C goc nhon chung

AC._HC

< AAHC - ABAC = — < AC?*=CH. BC.

Ap dung: Ta c6 BH = 9cm, CH = 16cm suy ra:
AB’=BH.BC=9.(16 + 9) =225 = AB = 15cm,

AC?*=CH. BC =16.(16 + 9) =400 = AC = 20cm.
Viy, ta dugc AB = 15cm, AC = 20cm.

@ Chity: Céc em hoc sinh cAn nhé nhung céng thuc dudc xac lap trong vi
du nay, bdi ching ta dugc quyén sit dung né trong cac bai toan
tinh toan cda tam giac vuong.

A ‘ -CDTDHPSS-T2-
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Vidm 6: (Bai 52/tr 85 — Sgk): Cho mot tam giac vuong, trong do canh huyen
dai 20cm va canh goc vuong dai 12em. Tinh do dai hinh chiéu
canh goc vuong kia tén canh huyén.

E (riai

Gia sir AABC vuong tai A ¢6 BC = 20cm, AB = 12cm.

Ke duong cao AH thi CH la hinh chiéu cua canh goc vuong tha hai AC
trén canh huyen BC.

Taco: ABHA — ABAC (hai tam giac vuong c6 chung goc B). A
BH AB AB® 12°
<o i Y _

o s s H= —=—— =772 (cm)
AB BC BC 20
Do do:
CH=BC-BH=20-72=128(cm) B H C

Vay, do dai hinh chiéu canh géc vuong thir hai AC trén canh huyén BC la

CH=128¢cm.

Yidw7: Hinh thang vuéng ABCD ¢6 A=D=90", AB = 6cm, CD = 12cm,
AD = 17cm. Lay diémE-trén canh AD sao cho AE = 8cm.
a. Hoi AABE dong dungoi tum gidc nao? Vi sao?
b. Ching minh rang BEC =90".

25 Gidi

a.  X¢t hai tam gidc vubng AABEVa'ADEC, ta'dé: A

AB 6112

_——— =

DE 9 \§ AP _AF L aBi-- AlDC. E
AE_8 2 DE DC ;

DC 12 3 D
b. Theo két qua cau a), ta suy ra: E, = C "

Mt khic, trong ACDE vuéng tai D, tacé: C,+ E, =90 < E, + E, = 90".
Khi do:

BEC = 180° - E, + E, = 180° — 90° = 90°.

; - . . - AB AE : ;
&= Nhan xét: Nhu vay, bang viéc danh gia dugc — = — (hai canh goc
DE DC
vuong ti 1¢) ching ta c6 ngay dugc két luan AABD — ABDC,
tir d6 dua vao su bing nhau gitta cac goc chung ta tinh dugc
s6 do cua goc BEC — Cidc em hoc sinh cdn nhd rdng trong bai
kiém tra théng thudng ciu a) khéng duoc dé cap, dibu nay
dan tdi viéc cac em can c6 dugc dinh hudng chinh xéc cong viéc

can thuc hién, cu thé:
. ?@1& minh BEC =90° ta cAn chimg minh E, + E, = 90".
)
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= Nhan xét ring E, va E, la hai goc nhon trong hai tam giac vuong, do vay néu
o £, + £, =90° thi B, = C ,, tic 1a khi d6 hai tam giac vu6ng nay déng dany,

» Tir d6, ching ta sé bit ddu bing viéc chiing minh AABD — ABDC.
Tuy nhién, vdi chi mot yéu cau chimg minh BEC = 90°, ta c6 thé stt dung
cach khac nhu sau:

Ha BH L CD, suy ra ABHD la hinh chit nhat, do d6:
BH = AD =17cm,
CH=CD - DH=CD - AB=12-6 = 6cm.
Trong ABHC vuoéng tai H, ta co:

BC? = BH? + CH* = 289 + 36 = 325. (1)
Trong AABE vuéng tai A, ta co:

BE?= AB?>+ AE? =36 + 64 = 100. (2)
Trong ACDE vuéng tai D, ta co:

CE?=CD’ + DE? = 144 + 81 = 225. 3)
T (1), (2), (3) suy ra:

BC? = BE? + CE? <> ABCE vuiéng tai E <> BEC = 90°.
Yiduf&s Cho AABC vuong tai A, AC==8cm, BC = 12cm. K¢ tiu Cx vuiong ¢oc
véi BC. Trén Cx ldy diém D-sao’ cho BD = 18cm. Chitng minh rdang

AABC — ACDB,
&5 Gidi
X¢ét hai tam gidc vuong AABC va ACDB, ta co:
(BC 12 2 A C

JDB 18 3 _NRC _AC | AABC-aAcfiR
AC_ 8 2 DB CB |

lCB 12 3 B D
@ Nhdn xét: Tit két qua:
AABD ~ ABDC = B, =C, < AC // BD = ABDC la hinh thang vuéng.

Yidg 8 (Bai 51/tr 84 — Sgk): Chdn duong cao AH cua tam giac vuong
ABC chia canh huyén BC thanh hai doan thdng ¢é dé dai 25c¢cm va
36cm. Tinh chu vi va dién tich cua tam gidc vuéng dé.

£S5 Gidi
Ta c6: AAHB — ACHA (vi hai tam giac vuéng c6 A =C)
L HB = AH = CH.HB = AH = 12536 =30 (cm)

pB8C "
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Ap dung dinh i Pitago vao hai tam gidc vuong AHB vt AHC, ta ¢6:

AB = VAH? + HB? =+/30% +25° = 39.05 (cm)

AC = JAH? + HC? =307 +36° =~ 46,86 (cm) A
Suy ra:
CVahe =39,05 +46,86 + 61 = 146,91 (cm)
Sanc = % AH.BC = % 30.61 =915 (cm?). B H C

Yidw 10z Cho hinh binh hanh ABCD. Goi hinh chiéu cua A trén CD la H,
hinh chiéu cua A trén BC la K.

a. Chimg minh rang AAHD — AAKB.
b. Hinh binh hanh ABCD ¢é thém diéu kién gi thi cdc tam gidc
AHC va AKC dong dang voi nhau?
£S5 (Gidi
a. Tacé thé lua chon mét trong hai cich sau:
(‘dch 1: Xét hai tam gidc vuong AAHD va AAKB, ta c6:
D =B (géc d6i hinh binh hinh) <> AAHD — AAKB.

Cach 2: Ta cé:

Sasc, = AH.CDI2/AHAB A= AKEBO = AKIAD &
&> AHAB Y AKohBoststentiay Baes:
AB AK D B
Xét hai tam gidc vuong AAHD va AAKB, ta cé: H = K
Al e < AAHD - AAKB.
AB AK

b. Cac tam gidac vuong AHC, AKC dong dang vai nhau khi va chi khi ¢c6 mot
cap géc nhon bang nhau, xét hai kha nang:
Kha nang 1: Vi diéu kién:
ACH = ACK < AC la phan gidc ctia géc C <> ABCD Ia hinh thoi.
Kha nang 2: Véi diéu kién:
ACH = CAK < AK //CD < CK L CD <> ABCD Ia hinh chit nhat.
Vi dy 11z (Bai 58/tr 92 — Sgk): Cho tam gidac can ABC (AB = AC), vé cdac
diong cao BH, CK.
a. Clutng nunh BK = CH.
b. Chitng minh KH // BC.
Cho biét BC = a, AB= AC =b. Tinh dé dai doan thang HK.

Aélmss-’r;’ i 181

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

£S5 Gidi
1. Xét ABHC va CKB co:
BC chung; &
C =B (vi AABC can tai A)
= ABHC = ACKB = BK = CH - dpcm. K H
p. Tacé:
AB = AC (gt) B 1 O
BK = CH (cmt)
= AB-BK = AC - CH < AK = AH = AAHK can tai A.
Do d6, K, =B
Vay, KH // BC — dpcm.
. V& duong cao Al (I € BC) cua AABC can tai A nén Al cung la duong
[rung tuyén.

Suy ra, IB=1C = %BC: =
Xét hai tam giac vuéng AIB va CKB co:

ﬁchung
s

— AATB -~ ACKB= DL _ABL—72 _ b _ g2

BK BC BK a 2
_, AK = AB - BK JIgWniads@biniaf

2b 2b
Trong AABC cé KH // BC'(cmt)
2B% - a®

AK KH - 2b _ KH — KH = a(2b” :a‘)_
AB  BC b a 2b°

C. BAI TAP LUYEN TAP
Bai 1: Cho AABC vuong tai A, AC = 4cm, BC = 6cm. Ké tia Cx vubéng goc vai BC

Trén Cx 1dy diém D sao cho BD = 9cm. Ching minh ring AABC — ACDB.
Bai 2: Cho AABC ¢6 AB = AC = 32cm, BC = 24cm, dudng cao BK. Tinh d6 dai CK.

Bai 3: Hinh thang vuéng ABCD ¢6 A =D =90, diém ™ " uoc canh AD. Biét AB =
5cm, BE = 10cm, CE = 15¢m. Chitng minh rang BEC = »u".

Bai 4: Hinh thang vuong ABCD c6 A =D=90°, AB = 3cm, CD = 6cm, AD = 1 Icm
L4y diém E trén canh AD sao cho DE = 9cm.
a. Hoi AABE dong dang véi tam giac nao? Vi sao?

b. Chc‘nmh rang BEC = 90",

Tron Bo SGK: https://bookgiaokhoa.com
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Bai S: Cho AABC vuong tar A, duong cao AH, biet AB = 12em, BC = 20cm. Tinh
do din cac doan BH, CH.
Bai 6: Cho YABC vuong tar A, duong cao AH, bict BH = 25cm, CH = 36cm.

a. Tinh do dar cace canh cua AABC.

b. Tinh chu vi va dién tich cua AABC.
Bai 7:  Cho AABC vuong tai A, duong cao AH, biét BH = 4em, CH = 6ecm. Goi M
la trung diem cua BC.

a.  Tinh do dar cac canh cua AABC.

b. Tinh di¢en tich AAHM.
Bai ¥ Cho \ABC vuong tai A, AB = 9cm, AC = 12ecm. Diém D thuéc canh BC sao
cho €D = dem. buong vuong goc vai BC tai D cit AC o E. Khong tinh do dai DE,
hay tinn dién tich ADEC.
Bai9: Cho AABC can tan A, duong cao BH va tam giic A'B'C’ cin tai A’, duong
cao B'H. Biet AB = 12c¢m, BH =9c¢m, A'B’ = 8cm, B'H' = 6¢cm. Tinh ti so dién tich
cuit cac tam gric AB'H'C" va ABHC.
Bai 10: Cho AABC ¢6 ba géc nhon, BC = 15¢m, duong cao AH = 10cm. Tinh canh
hinh vuong MNPQ biét M thuoe canh AB, N thuoéc canh AC, P va Q thudc canh BC.
Bai 11: Cho AABC, diém D thuoc canh-BE-Vé DM song song véi AC (M € AB), DN
song song vai AB (N € AC). Biét Sy, 24 Spiic- = b”. Chimg minh ring S, = (a + b)™.

D. HUONG DAN - DAP SO

Bai 1: Hoc sinh ne lam. > :
Bai 2: Hua duong cao AH.

Xét hai tam gidgc vuong AAHC va ' ABKC; ta ¢o: A

C chung

suy ri; AAHC - ABKC & & = A—C = KC =9c¢m. K
= KC BC
Viy ta tim duge KC = 9cm.
Bai 3: Hoc sinh ne lam. ¥ B
Bai 4:
a.  Xét hai tam gidc vuong AABE va ADEC, ta ¢o:
‘“ AB | A B
: 3 AB )
DB 3 o A AR s NABD - ABDC
AE 1 DE DC E
DC 3 3
b. Theo két qua cdu a), ta suy ra: E, = C i D : C

Mat khac, trong ACDE vuéng tai D, ta ¢6:
C,+E,=90"< E, + E, = 90°.
Khi do:

“8& 180° - E, + E, = 180° = 90° = 90°.
5‘Q>é HDSS-T2- 183
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Bai 5: St dung céng thirc trong vi du 5.
Bai 6: Sir dung cong thitc trong vidu 5.
Bai 7:  Sir dung céng thirc trong vi du 5.
Bai 8: Xét hai tam giac vuéng ADCE va AACB, ta c6:

C chung

92}2_1 .

AC) 9

suy ra: ADCE - AACB = Sapce =[ 5
D

SAAC B

= Sapce = % % AB.AC = 6cm?.

A E C
Viy, ta nhan dugc Sypee = 6cm?.

Bai9: Hoc sinh tw lam.

Bai 10: Gia st AH cdt MN tai I va hinh vuéng MNPQ c6 canh béng x, tuc la:

MN=IH =x.
S
BC AB e /
X¢ét hai tam giac vuéng AAMI va AABH, ta cé:

AAMN = AABC = 2

Vi MN // BC nén
B C

B chung
suy ra:
AAMI - AABH = ] = —Al (2)
AB AH
Tu (1), (2) suy ra:
MN Al AH-IH x—10=x
BC AH AH 15 10
Vay, hinh vuéng MNPQ c¢6 d6 dai canh bang 6¢cm.
Bai 11: Gia sir AABC c6 dién tich 1a S.
Ta thiy ngay: .

& X = 6cm.

ABDM —~ ADCN A
QSQBDM{BDT:i@@:g M N
By LGOI b’ CD b
BD a BD a

&5 = &
CD+BD b+a BC a+b
Vi DM // AC nén

2
ABDM ~ ABCA = s _ ( BD)
ABCA BC

a+b

BC 3
SABDR“ —B—6 = al( & ] = (il + b)2

=8 —:
A B -CDTPHDSS-T2-
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CHUBES (NG DUNG THUC T CUA TAM GIAC BPONG
DANG

A. TOM TAT LI THUYET

1. PO GIAN TIEP CHIEU CAO CUA VAT
Bai toar: Xic dinh chiéu cao ctia mot vat (toa nha).

Pluccny phap thue hién

C A

Churg ta sé tién hanh theo hai buéc:
Buo: 1: Tién hanh do dac
* Pat coc AB thang dimg trén d6 cé gan mét thude ngam quay
duge quanh mat car cthoét cua' coc.
* Diéu chinh thudc ngam sao cho hudng cua thudc di qua dinh
B, cua toa nha, sau d6 xac dinh giao diém C cta duong thang
AA, vai BB,.
* Do khoang cach AC, AA,.
Buwo: 2: Tinh chiéu cao: Ta cé:
AAB,C -~ AABCS—Z MC o, A g, = ACAB
AB AC AC
2. PO KHOANG CACH GIUA HAI PIA DIEM TRONG PO CO MOT DIA PIEM
KHONG THE TO1 PUGC
Bai toan: Xic dinh khoang cdch AB, trong dé dia diém
A khong thé tGi duoc.

Phienyg phap thuee hién
Chuing ta sé tién hanh theo hai budc:
Bioc 1: Tién hanh do dac
* Chon mot khoang béng phang réi vach mot doan BC va do
do dai cua né (gia st BC = a).

é 0 * Dung thuéc do géc, do cac géc ABC =0, ACB = B.
A
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Budc 2: Tinh khoang cich AB
Thuc hién vé trén gidy AA,B,C, thoa man:
B,C,=a,, ABC, =a, A,CB, =§.
Nhan xét rang:

B.LC A B .BC
AA,B,C, — AABC = AAE' 2 B s ap e BeBE

BC BL

B. LUYEN TAP
Yidwp Mz (Bai 53/tr 87 — Sgk): Mot ngicoi do chiéu cao ciia mot cay nho mot
coc chén xudng ddt, coc cao 2m va ddat xa cay 15m. Sau khi ngueoi
lii xa cdach coc 0,8m thi nhin thdy dau coc va dinh cay ciing nam
trén mot diong thang. Hoi cdy cao bao nhiéu, biét rang khodny
cdach tie chan dén mdt ngwoi dy la 1,6m.
£ Gidi
a. Minh hoa dé bai bang hinh vé, ta-¢cé:
= Chiéu cao ciia cay la AA'
= P06 dai cta coc la BB' =2m
= Khoang cach tir chan'deén marnguoi'do’la MN = 1,6m
* Khoang céch tir coc dén cay la A'B' =.15m,
= Khoang cach tir ngudi do dén coc 1a NB' = 0,8m
T M ké MK vuong géc vai AA' thi cling vuong goc véi BB tai H (vi
BB'// AA).
Suyra: MK=MK+HK=NB'+ AB' =08+ 15=15,8 (m)
BH=BB'-HB'=BB'-MN=2-1,6=04 (m)

b. Xét AMHB -~ AMKA (hai tam gidc vuéng c6 chung géc M)
BH MH BHMK 04.158
= —=—+- =>AK= =
AK MK MH 0,8
Do d6, AA'=AK+KA'=79+1,6=9,5(m)
Vay, chiéu cao cua cay do duoc 1a 9,5 mét.
YVidp 2: (Bai 54/tr 87 — Sgk): Dé do khodny cdch giita hai dia diém A va B,
trong do B khong toi dicoc, nguoi ta tién hanh do va tinh Fhoanyg
cach AB nhie hinh sgk voi AB /' DF; AD = m; DC =n; DF = 1.

=79 (m)

aa Fm hay noi ré cach do nhie thé nao?
B G Tinh do dai x ciia khoang cach AB.
A -CDTDHDSS-T2-
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&S (i
. K¢ ta Ax vuong goc vor AB.

Pat tién tia Ax hai doan thing lién tiép AD = m va DC = n.

T D dhm g DF = a vuong géc véi AC sao cho B, F, C thing hang.
y  Ta do do dat m, n va a roi tinh do dai x nhu sau:

Do DF // AB (cung vuong goéc voi AC)
=» ACDF - ACAB

., CD_DF
CA AB
s Ay CA.DF _ (m+n)a
CD n

. (m+n)a
Vay, ta ducce x = R
n

Vidg 3z (B 55/tr 87 — Sgk): Hinh sgk moita dung cu do bé day cua mot so
lowa. san pham. Dung cu nay:gém thiee AC dicge chia dén Tmm va
gciivor mot ban kim loai hinhtangidc ABD, khodng cdach BC = 10mm.
Musn do bé day ciia vdt, ta kep vt vao giita ban kim loai va thiréce
(clav cua vat ap vao be mat cua thioc AC). Khi do, trén thuoc AC
1t coc dwoc "bé day, d.aua vat (tsénhinh vé ta co: d =55m).

H'av chi 16 dinh li nao-cliahinh-hocla-co.so dé ghi cdc vach trén
thueoe AC (d < 10mm).

&S Gidi
Ta co: MIN // BC = AAMN - AACB
__AM _MN
A.C BC
— MN= AM.BC _ AM.10 _ L
AC 100 10

‘ . I
Do do, klhi doc AM =5,5¢cm thidoc MN =d = = 5,5¢cm = 5,5mm.
Trong bai oidn nay, ta di dp dung dinh 1i: "Néu mot duong thing cit hai

anh cua moOt tam gide va song song voi canh con lai thi tao thanh mot tam
ride moi dorg dang vai tam gide da cho” dé ghi lai cic vach trén thude AC.
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CHUONG IV — HINH LANG TRU DUNG

HINH CHOP PEU

covu BE 1

HINH HOP CHU NHAT
A. TOM TAT Li THUYET
1. PINH NGHIA

Dinh nghia: Hinh hop chit nhdt la hinh ¢6 6 mdt déu la nhitng hinh chit nhdt
Hinh bén cho ta hinh anh cta hinh hép chit nhat D

ABCDA B,C,D,, va & dé: 1€
1. Hinh hop chix nhat cé: A B

* 8dinh, cy thé; e

A, B,C/D, A,, B,{T.. Dh '

= |2 canh, cu thé: A B,
AB, BC, CD, DA, A;B;; B,C,, C,D,, D|A, — Cdc canh day
AA,, BB,, CC,, DD, — Cdc canh.bén

= 6 mit (déu 1a hinh chif nhat), cu thé:
ABCD,'AB/C,Di;'ABB{A;,; BCC,B;, CDD,C,, ADD,A,.

2. Hai mat cua hinh hopchirnhatkhongcécanh chung goi 1a hai mdt doi
dién va c6 thé xem ching 1a hai mdt ddy cia hinh hop chit nhat, khi d6
cac mat con lai dugc xem 12 cic mdt bén, cu thé:

* Hai mat ABCD, A,B,C,D, duoc goi 1a hai mat ddy.
= Bo6nmat ABB,A,, BCC,B,, CDD,C,, ADD,A, dugc goi la cac mat bén.

@ Nhdn xét: Nhu vay, khi cho hinh hop chir nhat véi ba kich thudc a, b, ¢
chiing ta cAn hi€u ring khi d6 ta co:
AB=a, BC=b, AA,=c.
2. CONG THUC TINH DIEN TiCH, THE TiCH
V&1 hinh hép chie nhdt c6 ba kich thudc a. b, c, ta cé:
= Dién tich xung quanh:
S,,=2(a +b)c.
* Dién tich toan phén:
S, =S, +2S,=2(a+b)c +2ab=2(ac + bc + ab).

Aﬂ h: V = abe.
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B. PHUONG PHAP GIAI TOAN
Van d¢ 1. CHUNG MINH CAC TINH CHAT CUA HINH HOP CHU NHAT

Yidup L:  (Bai 1/ir 96 — Sgk): Hay ké tén nhimg canh bang nhau ctia hinh hop
chit nhat ABCD.MNPQ.

25 (idi D i
Ta cd A | B
AB = CD = PQ = MN: Q -
AM = BN = CP = DQ:
AD = BRC = NP = MQ. M™ N

Vidg2: (B 2/tr 96 — Sgk): ABCD.A B,C,D, la hinl hép chit nhat (Hinh sgk).
a. Néu O la trung diém ciia doan CB, thi O ¢6 la diém thuéc doan
BC, khong?
b. K la diém thuéc canh CD, liéu K ¢6 thé la diém thuéc canh BB,
hay khong?
£ Gidi
a D> BCB,C, la hinh chir nhat nén'hai duong chéo CB, va BC, cat nhau
ta trung diém cia moi duong.
Ma C la trung diém cua CB, nén O ciing la trung diém cta BC,.
b. T:cd: CD < mp(CRDC,)
BB, ¢ mp(ABB,A))
Ma mp(CDD,C,) // mp(ABB|A;) (do/mat doi elia’hiinh hop chit nhat)
Do dc K € CD = K ¢ BBr:
Yida 3: Cho hinh hép chie nhat ABCDA ,B,C,D,.
a. Hay chi ra cdac duong thang trong hinh hép song song véi
diong thang B,C,.
b. Hdy chi ra cdc mdt phédng trong hinh hép song song vdi ditonyg
thang AB.
c. Hay chi ra cdc diomg thang trong hinh

hop sonyg song véi mat phang (A,B,C,D,). D L
&S Gidt A(— B
a. Taco
' // D' ................... C]
= ViBCC,B, la hinh chir nhat nén: B,C, =BC. A
I ‘ B,
= ViAB,C,D, la hinh chit nhat nén: B,C, =AD,.
i

I
Y 6D,A, 2 hinh chit nhat nén: AD = A,D, = AD = B,C,.

]
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Vay, t6n tai 3 dudng thang 1a BC, A\D, va AD song song vdi B,C,.
b. Taco:
AB//AB, € (AB,C,D,) = AB// (A,B,C,D,).
AB//A,B, € (AB,CD) = AB// (A,B,CD).
AB// CD € (CDD,C,) = AB// (CDD,C)).
Vay, t6n tai 3 mat phang (A,B,C,D)), (A,B,CD) va (CDD,C)) song song
voil AB.
c. Tacé:
AB//AB, € (A,B,C,D,) = AB// (A,B,C,D,).
BC//B,C, € (AB,C,D,) = BC// (A,B,C,D,).
CD//C,D, € (AB,C,D,) = CD//(AB,CD,).
AD//AD, € (AB,C,D,) = AD//(A,B,C,D,).
Ngoai ra, ta co:
AA, = BB, = CC, <> AA,C,Ca hinh binh hanh
& AC//AC. € (AB,C,D,) = AC// (A,B,C,D).

DD, = AA, = BB, <> BB,D;D 4 Hinh binh hinh
< BD//B,D, € (AB,C/D,) = BD//(A,B,C,D)).
Vay, t6n tai 6 duong thang AB, BC, CD, AD, AC, BD song song v6i mat
phang (A,B,C\D,).
Yidy 4: (Bai 9/tr 100 — Sgk): Cho hinh hop chit nhat ABCD.EFGH 6 canl
AB song song véi mdt phang (EFGH),
a. Hay liét ké cdc canh khdc song song véi mdt phdang (EFGH).
b. Canh CD song song véi nhitng mdt phang ndao ciia hinh hép
chix nhar?

&5 Gidi

GH c (EFGH) -
a. Tacé:{CD & (EFGH) = CD // (EFGH). Af— B
CD//GH H

Tuong tu, ta cé: BC // (EFGH) ; AD // (EFGH).
b. Tacé: CD // (EFGH) (cmt) E* F

AB c (ABEF)
Lai cé: {CD & (ABEF) = CD // (ABEF).
CD// AB

c. Tacé: AB//GH va AB = GH = ABCD la hinh binh hanh = AH // BG.

Ma (BCGF) va AH « (BCGF).
A\g oc AH // (BCGF).

-CDTDHDSK-T2-
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Yidws: Cholunh hop clhirnhat ABCDA,B,C,D,.

.

Hay chi ra cac dwong thang trong hinht hop vuonyg ¢oc var mt

pheang (A, B,C,D,).

b, Hay chi ra cde mdr phang trong hinh hop vuong goc voi mdt
pheang (BB,C,C).
c. Tirgiac B,C,DA la hinh ¢i ? Vi sao?
&5 Guii
Ta ec |AA, | AB,, vi AA,B,B la hinh chi nhat
a. Taco: _
| “"|AA, LA,D,, vi AA,D,D la hinh chir nhat D c
= AA, L (A,BCD,). A i
| TSR : e —— B
Chimg minh trong tu, ta ciing ¢o: :
BB, i (A,B,CD)), D, C
CC, L (ABCD,) . 55 S I ;
DD, L{ABED) A/ B
!

Viy, ton tai 4 duong thing AA,, BB,, CC,, DD,
vuong goc vai mat phang (A,B,C,\D,).

b. 1(1 LO

— (ABCD,\L (BBC,).

A,B, e(A,B/C,D,)

{A,B, L(BB,C,C)

A,B, L(BB,C,G)
A,B, € (A,B,BA)
A,B, L(BBQ§,0C)
A,B, € (A,B,E€D)

= (AL BBA) L (BISCCT:

= (ABCD) L (BB,C,C).

— (ABCD) L (BB,C,C).

AB e (ABCD)
AB .1 (BB,C,C)
AB e (ABC,D,)

{CDL(BB,CIC)

B
B
{ABL(BB C C)
|

= (ABC,D,) L (BB,C,0).

= (CDD,C,) L (BB,C,C).

CDe(CDD,C,)
Vay, 1on tai 6 mat phang (AB,C,D)), (A,B,BA), (A,B,CD), (ABCD), (ABC|D,),
(CDD,C,) vuong géc véi mat phang (BB,C,C).
c. Vi ADD,A, Ia hinh chir nhat nén:

i " "
AD =A,D,=B,C, = AD =B,C, < B,C,DA la hinh binh hanh.

ta c6: B,C, L (CDD,C,) = B,C, L C,D < B,C,D =90".
binh hanh B,C,DA c6 mot géc vuong nén né la hinh chir nhat

Mat khg
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Yidy 6 (Bai 10/tr 103 — Sgk): Hinh trong sgk.
1. Gdp hinh a) theo cac nét da chi ra thi ¢6 dwoc mot hinh hop chii
nhat hay khéng?
2. Ki hiéu cac dinh hinh hép gap dicoc nhie hinh b)
a. Puomg thang BF vuéng géc véi nhitng mdt phang nao?
b. Hai mdt phang (AEHD) va (CGHD) vuéng géc véi nhau,

vi sao?
£ Gidi
a. Tac6: ABEF va BCGF la cac hinh chir nhat.
Suy ra, BF L AB va BF L BC.

Lai c6: AB va BC déu thuéc (ABCD) va cét nhau tai B.
Do d6: BF L (ABCD).
Tuong tu, BF L (EFGH).
Vay, BF vuéng géc véi hai mat phang (ABCD) va (EFGH).
b. Tacé: (AEHD) L (CGHD).
Lai c6, AD cling vuéng goéc véi hai duong thing DC va DH < (CGHD) va
AD & (CGHD). Do d6: AD L (CGHD),Ma ADc (AEHD).
Vay, ta duoc (AEHD) L (CGHD): i
Viin dé 2: TINH TOAN CAC YEU-TO CUA HINH HOP CHU NHAT
Vidg 1z (Bai 3/tr 97 — Sgk): Cdc kich thudc cua hinh hép chit nhdr
ABCD.A,B|@D/da €Dk S, (0B dcm, BB, = 3cm. Héi dé dai
DC, va CB, la bao nhiéu xentimét?

£ Gidi D C
Do ABCD.A B,C,D, la hinh chir nhat nén: A A
CC, = BB, =3cm.
Ap dung dinh Ii Pitago vao ACDC, vuéng tai C, ta cé: DI e
= yDC? +CC? =+52%3>=5,83 cm.

Ap dung dinh If Pitago vao ABCB, vuong tai B, ta cé: B,

CB, = {BC’ +BB} =+4’+3*> =5cm.

Yidp 2: (Bai 11.a/tr 104 — Sgk): Tinh cdc kich thuoc cua mét hinh hdép chii
nhdt, biét rang chung ti 1é véi 3, 4, 5 va thé tich cua hinh hép nay
la 480m’.

£ Gidi

Got a, b, ¢ 1a céc kich thudc cua hinh hép chit nhat (don vi: cm)

Theo dé bai, ta cé: —=b=° ke Pt I S k=d

5 345 60

26:b= 8 2 o= lO
a\g ich thuéc cua hinh hop chit nhét la: a = 6cm, b = 8cm, ¢ = 10cm.
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» . a ~ -~ ” - A . s - - - ~ ]
Yidw3: Cho hinh hop chit nhat ¢6 chiéu dar bang 6cm, chiéu réong bang =

chiéu dai va chiéu cao gdap 3 lan chiéu réng. Tinh dién tich xung
quanh, dién tich toan phan va thé tich cua hinh hop chie nhat do.

S (Gidi
D¢ tinh duoc dién tich xung quanh, dién tich toan phan va thé tich cua hinh
hop chtr nhat, ta can biét day du ba kich thudce cua né la chiéu dai, chiéu réng,

chiéu cao, tu gia thiét taco: a=6cm, b = = 3cm. ¢=3b=9%m.

Khi do:

* Dién tich xung quanh hinh hop chir nhat la:
S,=2(a+b)c= 162cm®.

* Dién tich toan phan hinh hép chir nhat la:
S, =S, +2S,=162 +2.6.3 = 198cm”.

= Thé tich hinh hop chit nhat la:
V = a.b.c£4062cm’,

Yidgp4: Cho hinh hép clit nhat ABEDA,B,C,D,, biét AB=a, BC=b, AA, =c.
Tinm moi lién hé gita \cac=dai livong a, b, ¢ dé i giac AA,C,C la
hinh vuony.

£5 Gidi D C
Ta cé: /i
I Vi It A B
AA, =BB,\\ CC, = AA, =CC,
& AA,C,C 13 hinh binh hanh. m e
Ta lai co:
AA, L (ABCD) = AA, L AC, A B,
= AA,C, = 90",

Khi d6, hinh binh hanh AA,C,C ¢6 mét géc vudng nén né la hinh chir nhat.
bé AA,C,C la hinh vuéng diéu kién la: .

AA =AC AA] =AC=AB'+BC & c’=a’+ b
Vay, dé AA,C,C la hinh vuéng diéu kién 1a ¢ = a> + b’

Yidg 5: (Bai 7/tr 100 — Sgk): Mét can phong dai 4,5m, réng 3,7m va cao
3,0m. Nguoi ta muén quét véi tran nha va boén bitc twomg. Biét ring
tong dién tich cdc cia la 5,8m?. Tinh dién tich quét véi.

£ Gidi

Dién tich trin nha 1a: S, = 4,5 x 3,7 = 16,65 (m?).
Dién ticgmot mat cia bén bic tuong 1a: S, = (4,5.3 + 3,7.3).2 = 49,2 (m°?).
' @z’iin quét voi la: S= (S, + S,) — 5,80 = 60,05 (m?).

HDS8-T2- 193
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Vidg 6 (Bai 14/tr 104 — Sgk): Mot bé muece hinh chit nhat ¢o chiéu dai 2m.
Liic ddu bé khéng 6 nuéce. Sau khi do vao bé 120 thiing meoc. moi
thiing chira 20 it thi muec nueoe ciia bé cao 0,8m.

a. Tinh chiéu réng ciia bé nuoc.
b. Nguwoi ta dé thém vao bé 60 thing nudc nita thi ddy bé. Hoi bé
cao bao nhiéu mér?

&S Gidi
a. Luong nuéc d6 vao bé lic dau l1a: V, = 120.20 = 2400 (lit) = 2,4 (m’)
; \Y
Dién tich ddy cua bé la: S= — = e = 3 (m").
h 0,8

Déy bé 1a hinh chir nhat nén: S,,, = dai x rong
. . . S
Suy ra, chiéu rong cua ddy bé la: ——-—7‘91—— = 3 = 1.5 (m).
chieu dai 2
b. Luong nudc dé vao bé ca hai 14n 1a:
V = (120 + 60).20 = 3600 (lit) = 3,6 (m").
Vay, chiéu cao ciia bé 1a: h = % = 3—:’;5— = 1,2 (m).

Yidp 7z Cho hinh hop chit nhat ABEDAB,C,D,. Biét AB = 4cm, AC = 5¢cm va
A\C = 13cm. Tinh dién tich xung quanh, dién tich toan phan va thé
tich cua hinh hép chig nhdt dé.

£ Gidi

Pé tinh duoc dién tich xung quanh, dién tich toan phén va thé tich ctia hinh
hop chit nhat, ta cin biét ddy du ba Kich thudc cha né 1a chiéu dai, chiéu rong,

chiéu cao. Do vay, & day cdn tinh thém BC va AA .

Ap dung dinh Ii Pitago viao AABC, ta duoc:
BC=v5° -4% =3cm. D, &
Tir dinh nghia cta hinh hdép chit nhat, ta cé: |

AA, L (ABCD) = AA, L AC A= [B

< AA,AC vuong tai A. D .. .
/\p dung dinh Ii Pitago vao AA,AC, ta dugc: ---------

AA, =132 =52 =12cm. A7 B
Khi do:

= Dién tich xung quanh hinh hop chir nhat la:

S., = 2(AB + BC).AA, = 168cm’.
* Dién tich toan phan hinh hop chir nhat la:

Sy, = S, + 25, = 168 + 2.4.3 = 192cm’.
* Thé tich hinh hop chir nhat 1a:

5 V = AB.BC.AA, = 144cm’.
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C. BAI TAP LUYEN TAP

Bai 1: Cho hinh hop chit nhat ABCDA,B,C,D,. Hay néu tén ciac hinh chir nhat co 4
dinh la 4 dinh cua hinh hop.
Bai 2: Cho hinh hop chir nhat ABCDA B,C,D,.
a. Haiy chi ra cac duong thang trong hinh hop song song véi duomg thing BC.
b, Hay chi ra cac mat phang trong hinh hop song song véi duomg thang CD.
¢. Hiy chi ra cic duong thing trong hinh hop song song v&i mat phing
(AAB,B).
Bai 3: Cho hinh hop chit nhat ABCDA B,C,D,.
a.  Hay chi ra cac duong thang trong hinh hop vuéng géc véi (BCB,C,).
b. Haiy chi ra cac mat phang trong hinh hép vuéng géc véi mat phing (ABCD).
c¢. T giaic AA,C,Cla hinh gi ? Vi sao ?
Bai 4: Cho hinh hép chit nhat ABCDA B,C,D,, biét AB = 6cm, BC = 8cm, AA, = x.
a. Ching minh rang AA,C,C 1a hinh chir nhat.
b. Tinh dién tich cua ta giac AA,C,C
c. Tim x dé ut gidgc AA,C,C la hinh-vudng.

. ; ; 8. o :
Bai 5: Cho hinh hop chit nhdt'¢élchieu/dai bang 6¢m)'chiéu rong bang 3 chiéu dai

va chiéu cao bing % lan chieu rong. Tinh dién tich xung quanh, dién tich toan phan

va thé tich cia hinh hop chi nhat do.

Bai 6: Cho hinh hop chit nhat ¢6 chiéu dai, chiéu rong va chiéu cao ti 1¢ thoa man
a:b:c=4:2:1. Tinh dién tich xung quanh, dién tich toan phan cta hinh hép chir
nhét do, biét thé tich ctia né bang 216cm”.

Bai 7: Cho hinh hop chir nhit ABCDA,B,C,D,. Biét AB = 6cm, AC = 10cm va
A.C = 5+/5 cm. Tinh dién tich xung quanh, dién tich toan phan va thé tich cta hinh
hop chir nhat dé.

Bai 8: Cho hinh hop chir nhat ABCDA B,C,D,. Biét AB = 3cm, AA, = 6cm va
Suce = 30cm’. Tinh dién tich xung quanh, dién tich toan phan va thé tich cia hinh
hop chir nhat dé.

Bai 9: Cho hinh hop chir nhat ABCDA,B,C,D,. Biét AB = 8cm, BC = 2cm va

S\ p.cy = 16cm’. Tinh dién tich xung quanh, dién tich toan phin va thé tich cta hinh
i ’

hop chu nlvl
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D. HUOGNG DAN - PAP SO

Bai 1: Hoc sinh tie lam. D1 C,
Bai 2:
——" A B

a. BC song song vai cic duong thang AD, A,D,, B,C,. ‘

b. CD song song v6i cdc mat phéng: D ceabsd O
AA BB, AB,CD, ABC,D,.

c. Mait phdng (AA,B,B) song song véi cic duong thing: = B
CD, C,D,.

Bai 3: Hoc sinh tu lam.

Bai 4:

a. Tacé:

1 I

AA, =BB, 2 CC, = AA, =CC, & AA,C,C 1 hinh binh hanh.
Ta lai cé:

AA, L (ABCD) = AA; L AC, & AAC, = 90°
Khi dé, hinh binh hanh AA,C,C c6 matgdc vuéng nén né la hinh chir nhat.

b. Goi S la dién tich cua hinh chit nhat AA,C,C, ta cé:

S=AA,AC. D C

Trong AABC, ta cé6:

AC= AB® + BC? = 100 <> AC = 10cm. A B

Khi 6 § = 10x. D C

c. Dé AA,C,C Ia hinh vuong diéu Kién 1a: 1/ '
AA, = AC & x = 10cm. Ay B,

Vay, dé AA,C,C 1a hinh vuéng diéu kién la x = 10cm.
Bai §: Tir gia thiét tacé a = 6¢cm, b = 4cm, ¢ = 3cm.
Khi dé:
=  Dién tich xung quanh hinh hép chir nhat la:
S,q = 2(a + b).c = 60cm’.
® Dién tich toan phan hinh hop chit nhat la:
Sip = Siq + 25, =60 + 2.6.4 = 108cm’.
»  Thé tich hinh hop chir nhat la:
V =ab.c=72cm’.
Bai 6: Tiu gia thiét ta cé:
i:—?-:% = a=4c,b=2c.

h hép chir nhat la:

A -CDTDHPS8-T2-
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V=abees216=de o' =2Toe=3em=a=12,b=6.
Khi do:
= Di¢n tich xung quanh hinh hop chir nhat la:
S, =2a+b)c= 08cm?.
* Dién tich toan phan hinh hop chir nhat la:
8,=8,#28,=00%2126=283cm’.
Bai 7: De¢ tinh duoc dién tich xung quanh, dién tich toan phan va thé tich cta hinh
hop chir nhat, ta can biét day dua ba kich thude cua n6 1a chiéu dai, chiéu rong, chiéu
cao. Do vay, o day can tinh thém BC va AA,.
Ap dung dinh Ii Pitago vao AABC, ta dugc BC =+/10° —=6° = 8cm.
Tir dinh nghta cua hinh hop chir nhit, ta co:
AA, L (ABCD) = AA, L AC < AA,AC vuong tai A.

Ap dung dinh li Pitago vio AA AC, ta duoc: AA, = \/(5\/5)3 -10° =5cm.
Khi do: .D1

= Dién tich xung quanh hinh hop chir rihat la:
S., = 2(AB + BC).AA| £140cm*. A= B,
= Dién tich toan phan hinh hopchirnhat la: P
S, = Sy + 25, = 140 + 2.6.8 = 236cm’. b)) €
= Thé tich hinh hépchir nhat 1at A e
V = AB.BC.AA, =240cm’.

Bai 8: Taco: AA, \\BB, =—€E€r—ricAr=€€re>AA J/C 12 hinh binh hanh.
Talicé: AA, L (ABCD) = AA, LA,C, < AAC, =90".
Khi dé, hinh binh hanh AA,C,C c6 mét géc vudéng nén né la hinh chir nhat.
Goi S 1a dién tich cta hinh chit nhat AA,C,C, ta co:
S=AA,.AC < 30 =6.AC < AC = Scm. D C
Ap dung dinh 1i Pitago vao AABC, ta duoc: 5 e

BC = /5% 3% =4cm.

Khi do: )~ T - @,

= Dién tich xung quanh hinh hop chit nhat Ia: A,
S, = 2(AB + BC).AA, = 84cm’.

=  Dién tich toan phan hinh hop chir nhat la:
S, = Si + 25, = 84 + 2.3.4 = 108cm’.

®  Thé tich hinh hép chir nhat 1a V= AB.BC.AA, = 72cm’.

Bai 9: Thiee hhién tieong ne-bai tdap 8.
S N

1)
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cnv Bt 2 < .
HINH LAP PHUGCNG
A. TOM TAT Li THUYET

1. DINH NGHIA
Dinh nghia: Hinh lép phuong la hinh ¢6 6 mat déu la nhimg hinh vuonyg.

@ Nhdn xét: Nhu vay, khi cho hinh lap phuong ngudi ta thuong phat biéu

"Cho hinh lip phuong canh binga". D, &
2. CONG THUC TiNH DIEN TIiCH, THE TICH !
Vi hinh lap phuong c6 canh bang a, ta c6: Af—T B,
 Dién tich xung quanh: S, = 4a’.
* Dién tich toan phan: S, = 6a”. D "t C
» Thétich: V=a’.

B. PHUOGNG PHAP GIAI TOAN

Viin dé 1: CHUNG MINH CAC TINH.CHAT CUA HINH LAP PHUONG

Yidy 1: Cho hinh lap phuong ABCDA B,C,D,.

a. Khinoi A, véi C va Avéi C, thi hai duong thang A,C va AC,
¢6 cdt nhau_hay khéng ? Va néu chiing cdat nhau thi ¢é thé
vuéng goc voi nhau diwoc khong 7 Vi sao ?

Cdu hoi tuong tu nhu cdu a) vai. A,C va B,D.
c. Duong thang AC song song véi nhitng mdt phédng ndao ?
d. Puomg thang AC vuéng goc véi nhitng mdt phdng nao ?

.2{ Giuai Dl "
a. Tacé: !
" i , A= B
AA, =BB, = CC, = AA, =CC, !
< AA,C,C 12 hinh binh hanh D TFJc
= A,C va AC, cit nhau tai trung diém cua 2 et ki) b
méi dudng. A° B

- Gia st A,C, AC, vuoéng g6c véi nhau, khi do:
AA,C,C Ia hinh thoi < AA, = A,C, < a = a+/2 , mau thuin.
Viy, A,C va AC, khong thé vuéng géc véi nhau.
b. Ban doc tu lam.
c. Tacé:
AC// AC, € (AB,C,D,) = AC//(A,B,C,D)).
AC//AC, e (ACB)= AC// (A C,B).
AC4BAC, € (A,C,D)= AC// (A,C,D).
A\B’Iﬁ: 3 mat phang (A,B,C,D)), (A,C,B), (A,C,D) song song véi AC.

-CDTDHDSS-T2-
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> 1 BB, vi BB, L (ABCD)
3 e L VBB L = AC L (BDD,B,).
AC 1 BD vi ABCD la hinh vuong

Vay., co diing mat phang (BDD,B,) vuong goc vai AC.
Yidp 2: Cho lunh lap phiong ABCDA B,C,\D,.
a. Chutng minh rang (AB,C) // (A,C,D).
b. Goi O la giao diém ciia AC va BD. Goi O, la giao diém ciia
A,C, va B\D,. Cdc ditong thang AO, va OC, it A\C theo thir
ne tai M, N. Chitng minh rang A;M = MN = NC.
S (idi
ff I !
a. Taco: AA, =BB, = CC, = AA, =CC, D C
< AA,C,C la hinh binh hanh 5
=5-AC ff A/C,. (1)
Mat khac, ta ciing co:
7 I Il
AB =CD = C,D, = A=t i
< ABC,D, 12 hinh binh hanh A B,

= BC, // AD/ (2)
Tu (1), (2) suy ra (AB,C) // (A )C{D).

"
b. Taco: OA=0,C, < AOC,0, Ia hinh binh hanh = AO, // OC,.

Trong ANA C,, ta ¢0:
{AJOI =it,0, P O B

J €.

— A,M = MN, 3) |
O,M//C,N : \ v 4

Trong AMAC, ta cé:
AO=CO
ON // AM
Tur (3), (4) suy ra A\M = MN =NC.

Yin dé 2: TINH TOAN CAC YEU TO CUA HINH LAP PHUONG
Yidgp sz (Bai 11.b /tr 104 — Sgk): Dién tich toan phan cia mot hinh ldp
phitong la 486m?*. Thé tich ciia né la bao nhiéu?
£S5 Gidi
Hinh 14ap phuong cé 6 mat 1a hinh vu6ng bing nhau.
Goi a la canh cua hinh vuéng (don vi: mét).
Ta ¢6, dién tich cia hinh vuéng 1a: a* =486 : 6 =81 (m°) = a =9 (m).
Vay, thé tich ctia khéi lap phuong 1a: V = a’ =9’ = 729m’.
Yidp2: Cho hinh ldp phiiong ABCDA B,C,D,, biét AC = 2+/2 cm. Tinh
¢n tich xung quanh, dién tich toan phdn va thé tich cia hinh hop
»#5 8 pit nhar do.
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& Gidi
Dé tinh duoc dién tich xung quanh, dién tich toan phan va thé tich ctia hinh
1ap phuong, ta cén bié€t s6 do canh cua né. D,
Gia str hinh 1ap phuong c6 canh bang a.
Trong AABC vuoéng can tai B, ta cé: A (f— B
AC>=AB*+BC? <> 8 =a’ +a’ <> a=2cm. '
Khi dé, hinh 1ap phuong ABCDA,B,C,D, cé: D 1 ]e
* Dién tich xung quanh: S, = 4a —4 22 16cm’.
= Dién tich toan phan S, = " 6a® = 6.2° = 24cm’. A” B
* Thétich: V =a’ = 2° = 8cm”.

Yidy3: Cho hinh ldp phuong ABCDA B,C\D, <6 dién tich mdat chéo
ACC,A, bdng 942 cm?. Tinh dién tich xung quanh, dién tich toan
phdn va thé tich cia hinh ldp phuwong dé.

£5 Gidi

Dé tinh dugc dién tich xung quanh, dién tich toan phan va thé tich cia hinh

1ap phuong, ta can biét s6 do canh ctia né.

Gia st hinh 1ap phuong ¢6 canh bang a:

Trong AABC vuéng can tai B, ta c6: D
AC'=AB' +BC=a’+2’ =28 S AC=2+2. —

Dién tich mat chéo ACC, A, duoc,cho, boi: A B

i ]

S=AA,ACE 9v2 =aa+2 & a=3cm.

Khi dé, hinh 1ap phitong ABCDA,B,C, D, c6: D C

* Dién tich xung quanh:S,, = 4a’ = 4, 32 = 36cm’, P

= Dién tich toan phan Sp = Z 6a’ = 6.3% = Sdcm?, A ==

* Thétich: V =2’ = 3°=27cm".

Vidyp 4: (Bai 15/tr 105 — Sgk): Mot cdi thung hinh lap phuong, canh 7dm, ¢6
chita nuoc voi dé sdau cua nuéc la 4dm. Nguoi ta tha 25 vién gach
¢6 chiéu dai 2dm, chiéu réng 1dm va chiéu cao 0,5dm vdo thing.
Hoi nwoc trong thung ddng lén cdch miéng thung bao nhiéu
déximet? (gia su toan b gach ngdp trong nuoc va chiing hiit nuoc
khéng ddng ké).

£ Gidi

Thé tich clia 25 vién gach 1a: V = (2.1.0,5).25 = 25 (dm’?).
Dién tich ddy thung la: 7.7 = 49 (dm?).
Chiéu cao cua nudc dang 1én thém khi bo gach vao thung la

h—x=§-~051(dm)

Viay, ﬁnmﬁc trong thung cach miéng thung la:

Aﬂ +0,51) = 2,49 (dm).
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Yidg 5: (Bai 58/tr 130 — Sgk): Cé mot khoi go hinh lap phicong canh 9cm.
Ngwor ta duc ba "16 vuong" xuyén thung khoi o (Hinh sgk).
a. Tim thé'tich ciia khoét g6 con lai.
b. Tim téng dién tich cua tit cd cde mdt (ngoai lan trong) ciia
khoi go.
&S (Gidi
a. Neéu chia khoi lap phuong canh 9cm thanh nhimg khoi 1ap phuong nho
canh 3cm bang canh cta "16 vuong" thi dugc 9 khoi.
Véi cich duc o hinh da cho thi ba 16 nay c6 ba phan chung la ba khéi lap
phuong nho canh 3cm.
Do dé, ta chi lay 7 khéi lap phuong nho canh 3cm dé tinh thé tich cua ba
16 vuong.
Viy, thé tich khoi gb con lai 1a: V = (9.9.9) — (7.3.3.3) = 540 (cm’).
b. Dién tich phia ngoai la dién tich cua 6 hinh vuong 16n canh 9cm trir di dién
tich cua 6 hinh vuéong nho canh 3cm.
Dién tich phia trong la dién tich xung quanh cua 6 hinh lap phuong nho,
nhung trong do6 ¢6 nhitng mat hinh 1ap phuong trung nhau.
Nhu viay, moéi hinh con lai 4 mat.
Tong dién tich tat ca cac mat (trong lan ngoai) khoi gé la:
$=6(9.9 — 3.3) + 6(3.3.4) = 648 (cm?).

C. BAI TAP LUYEN TAP
Bai 1: Cho hinh lap phuvong ABCDA,B,C,D,.

a. Khi n6i D, véi B va B, v&i D'thi hai dugng thang BD, va B,D c6 cit nhau hay
khéng ? Va néu chiing cit nhau thi c¢6 thé vuéng géc véi nhau duoc khong ?
Visao ?

Cau hoi tuong tu nhu cau a) véi B,D va AC,.

BD, va AA, c6 cat nhau hay khong ? Vi sao ?

Duong thang BD song song véi nhimg mat phing nao ?

Duong thang BD vuong géc véi nhitng mat phing nao ?

Bai 2 Cho hinh lap phu’cmg ABCDA,B,C,D,. Tinh dién tich xung quanh, dién tich
toan phdn va thé tich cua hinh 1ap phuong dé, biét:

090.@

a. AB=6cm.

b. AC=4+2cm.

c. OC= 2 cm, véi O 1a giao diém ciia AC va BD.
d. AC,=3V3cm.

e. OA,=2V3cm, v6iOla giao diém ctia AC va BD.

Bai 3: Cho hinh 1ap phuong ABCDA,B,C,D, c6 dién tich mat chéo ACC A, bang

252 cm?. Tinh thé tich, dién tich xung quanh va dién tich toan phan cua hinh lap
phuong do
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D. HUONG DAN - DAP SO
Bai 1:
a. Khi n6i D, véi B va B, véi D thi hai dudng thing BD, v B,D cit nhay tai
trung diém cliia méi dudng.
Tuy nhién, BD, vd B,D khong thé vuéng géc vdi
nhau dugc vi néu vy thi:
BD,B,D Ia hinh vuéng < BD = DD, <> a = a~+/2 , mau thuin

b. Hoc sinh te lam. ; ¢

c. BD, va AA, khong cét nhau. Vi néu céit nhau chiing A, B,

s€ dong phang, diéu nay 12 mau thuan. D

d. Dudng thing BD song song véi cadc mat phang: S i
(A,B,C,D)), (AB,D,), (CB,D,). ik 4

e. Duong thing BD vuéng géc véi cac mit phang:
(ABB,A,)), (BCC,B,), (CDD,C,), (ADD,A,) — Bon mat bén.
(ACC,A)), (BDD,B,) — Hai mat chéo.
Bai 2:
a. Tacongay:
= Dién tich xung quanh: S, =4a*=4.6" = 144cm’.
* Dién tich toan phan S, = - 6af 5.6 = 216cm?.
«  Thétich: V/= a’ = 6 = 2166m"
b. Dé tinh duoc dién tich xung quanh, dién tich toan phan va thé tich cla hinh
lap phuong, ta cdn biét(sd/do!canhi cual rid.
Trong AABC vuéng can tai B, ta cé:
AC? = AB’ + BC*&32= 2" ¥ a’ a =4¢m.
Khi dé, hinh 1ap phuong-ABEDAB;€E;D;¢é:
= Dién tich xung quanh: S, = 4a = 4 42 64cm’,
= Dién tich toan phan S, = = 6a? = 6.4% = 96cm?,
= Thé tich: V = a’ = 4> = 64cm’.

c. Hoc sinh tic lam — Bi€t OC = -;-AC.

d. Dé tinh dugc dién tich xung quanh, dién tich toan phin va thé tich cia hint
lap phuong, ta cdn biét s6 do canh clia né.
Trong AACC, vuéng tai C, ta cé:
C,A’=AC*+C,C*= AB*+BC*+ C,C* =32’
& 27 =3a’< a=3cm.
Khi dé, hinh 1ap phuong ABCDA,B,C,D, cé:
= Dién tich xung quanh:
S, ,=4a’=43"= 36cm?’.
» Dién tich toan phan:
S, = 6a° = 6.3% = 54cm”.

= Thé tich:
-2 _ V=a’=3*=27cm’
o ak 7
il'“L ! i i
R
"-202 : -CDTDHDS8-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

cuvu BE 3

HINH LANG TRU PUNG

A. TOM TAT LI THUYET

1. DINHNGHIA
Dinh nghia: Hinh lang tru dimg 1a hinh ¢6 cic mat bén déu la nhimg hinh chir nhat.
Hinh bén cho ta hinh anh cua hinh lang tru dimg

ABCDA B,C,D,, va & do: A B,

I. Cic diém A, B, C, D, A,, B,, C,, D, duoc goi
la cic dimh. D, C,

2. Cic doan AA,, BB,, CC,, DD, song song voi
;1}1‘;m va bang nhau, ching dugc goi la céic canh N
Jen.

3. Cdc mat ABB,A,, BCC,B,, CDD,C;; ADD A, la D C
nhimg hinh chir nhat, ching duoc goi la cac mit
hen.

4. Hai mat ABCD, A B,C,D, la hat|dé&y.
5. Hinh lang tru nay c6 day la t& gidae-nén goi la lang tru tie giac.

& Nhdn xét: Nhu vay:
= Hinh hop chu nhat, hinh lap phuong ciing la nhung hinh lang tru.
* Hinh lang tru dung d&dayda hinh birih hanh@uoe goi la hinh hop dung.
2. CONG THUC TINH DIEN Ti€H; THETICH
Dién tich xung quanh cua hinh lang tru dimg bdang chu vi day nhan chiéu cao.
Nhu vy, ta co:
S =2ph
trong do:
= p la nua chu vi day.
= h lachiéu cao.
Dién tich toan phan cia hinh ldng tru dimg bang téng dién tich xung quanh va
dién tich hai day.
Nhur vy, ta cé6: S, =S, + 2§
Thé tich cia hinh lang tu dimg bang dién tich day nhan vor chiéu cao.
Nhu vy, ta ¢6: V = S.h.
trong do:
=  Sladién tich day.
* hl cly'éu cao.
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B. PHUONG PHAP GIAI TOAN
Vin dé 1: CHUNG MINH CAC TINH CHAT CUA HINH LANG TRU
Yidg 1z Cho hinh lang tru dimg tam giac ABCA B,C,.
a. Trong hinh ldng tru dé hdy chi ra nhitng cdp mdt phang song
song vol nhau.
b. Trong hinh ldng tru dé hdy chi ra nhitng cdp mdt phdng vuong
goc voi nhau.
c. Swdungkihiéu"/[/"," L"va"e" dién vao cdc 6 trong bang sau:

AA, [BB, [CC,TAB[BC [ AC[ AB, [ BC, |AC,

(ABO) ]
(A,B,C) o
(ABB,A,)

&S Gidi

a. Ta chicé (ABC) // (A,BC)). B, A,

b. Tacé: ¢

* (AA,B,B), (BB,C,C), (AA,CC) cing vuéng
goc vai (ABC).

* (AA,BB), (BB,C,C), (AA,C,C) cung vudng
goc vdi (A B,C)).
c. Taco:

AA;|BB;|€Cii1 ABBCHAC | AB, | BC, | AC,
(ABO) | | |-bddtfetfetfe | /] // //
ABC) | L. (L | L |/ | WN]|N | € € €
(ABBA)| € | € | /I | € €
Yidy2: Cho hinh ldng tru dimg ABCDA B,C,\D, ¢c6 day ABCD la hinh
thang c¢dn (AB // CD) ¢o AC vuong géc voi BD.
a. Puong thang BD va A,C ¢é cdt nhau khéng ? Vi sao ?
b. Duomg thang AD song song véi nhitng mdt phdng ndao ?
c. Duomg thang AC vudng géc véi nhitng mdt phdng ndao ?
d. Trong hinh ldng tru dé hdy chi ra nhitng cdp mdt phdng song
song voi nhau.
e. Trong hinh ldng tru dé hdy chi ra nhitng cdp mdt phdng vuéng
goc voi nhau.

£ Gidi
a. Dudng thing BD va A,C khong cit nhau, bdi néu ching cat nhau thi 4

diém B, C, D, A, ciing thuéc mot mat phang
€ (BCD) © A, € (ABCD), méu thuan.
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b. Taco: AD// AD, € (AB,C,D,) = AD // (A,B,C,D,).
AD // A D, € (A,D,B) = AD // (A,D,B).
AD//AD, € (ADC)= AD//(A,D,C).
Vay, ¢6 3 mat phang (A,B,C,D,), (A,D,B), (A,D,C) song song vdi AD.
|AC LBD

c. Tacd {
|AC L BB,

= AC 1 (BB,D\D).
Vay, ¢6 duy nhat mat phing (BB,D,D) vuéng géc véi AC.
d. Ta o cic cap mat phang song song véi nhau la:
(ABCD) // (A,B,C,D,) va (ABB,A))//(CDD,C,).
e.  Dua trén tinh chat cta hinh lang tru ding ta ¢6 ngay cdc mat phang vuong
gbc vor har day (ABCD) va (A B,C,D)) la:
(AA,B,B), (BB,C,C), (CC,D,D),
(AA,D,D), (AA,C,C), (BDD,B,)).
Mat khac:
= Vi AC L (BB,D,D) nén ciac mat phang chira AC déu vuong géc véi mat
phiang (BB,D,D), do dé ta cé:
(ACC,A)) L (BB,D,D), (ACB,) L (BB,DD), (ACD,).L (BBDD).
= ViBD 1 (ACC A)) nén cic mat phing chia BD déu vuéng géc véi mat
phang (ACC,A,), do dg ta co:
(BDD,B,) L (ACC,A,),
(BDA)) L (ACCA)).
(BDC,) INACCA)).

= Vi AC, L (BB,D,D)nén cic mit phang chita A,C, déu vuéng géc véi
mat phing (BB,D,D), do dé ta c6 thém:

(A,C,B) L (BB,D,D), (A,C,D)L (BB,D,D).

= ViB,D, L (ACC,A)) nén cic mat phang chita BD déu vuong goc v6i
mat phang (ACC,A,), do dé ta c6 thém:

(B,D,A) L (ACC,A)), (B,D,C) L (ACC,A)).
Vian dé 2;: TINH TOAN CAC YEU TO CUA HINH LANG TRU
Vidg bz  (Bai 23/tr 11 — Sgk): Tinh dién tich xung quanh, dién tich toan phan
cuta cdc hinh lang tru dimg trong sgk.

£S5 Gidi
a. Hinh hop chir nhat (hinh lang tru ditng c6 day la hinh chit nhat)

= Dicggich xung quanh: S, =2(3 +4)5 =70 (cm’).

5 ach toan phan: S =70 +2(3.4) =94 (cm?).
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b. Hinh lang tru ding tam giac c6 AABC vuong tai A.

Suy ra BC = v2? +3% =413
* Dién tich xung quanh:

Si =22+ 3+ /13)5=25+513 (cm?).
* Dién tich toan phén:

S,=25+513 +2G.2.3) =31+54/13 (cm?).

Yidgp2: (Bai 53/tr 128 — Sgk): Thung chita cua xe o hinh sgk co dang hinh
ldng tru tam gidc, cdc kich thude cho trén hinh. Hoi dung tich cua
thung la bao nhiéu? )

£S5 Gidi

Thung chira ciia xe 1a mét hinh lang tru ding cé:
*  Chiéu cao 60cm.
* Pdy la tam gidc c6 mot canh la 80cm va duong cao tuong tng la 50cm.

Suy ra: Sy, = % 80.50 = 2000-(cm?):

Vay, dung tich cua thiing chda la: V'=2000.60 = 120000 (¢cm?®)120 lit.
Vidgp 3z (Bai 30/tr 114 — Sgk): Cdc hinh a), b), c) trong sgk gém mét hodac
nhiéu dangldng (truy dvmg, Hdy. tinh thé tich va dién tich toan phdan
cua chiing theo cdc kich thudc dd cho trén hinh.
£ Gidi
Hinh a) la lang tru c6 day la tam giac vudng cé:
= Céic canh 6¢cm, 8cm va canh thitba 1a V6° +8° = 10cm.
* Chiéu cao h = 3cm.

Dods: V =Sh= % 683=T2m)

Sp=Sq+25=(6+8+10).3 +2. -;-.6.8 = 120 (cm?).

Hinh b) 1a lang tru diing bang lang tru dimg & hinh a). Do dé:
V=72(cm’); S, =120 (cm?
Hinh c) gom 2 lang tru dimg c6 day la hinh chit nhat
Ta cé:
V=4.1+11)3=15(cm)
See=@4+2+1+1)2=10(cm’.
=(4.2+1.1).2=10 (cm?).

Shui di
chs + 10 = 46 (cm’).
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hﬁi_dn,ul; (Bai 56/tr 128 — Sgk): Mot cai léw o trai hé 6 danyg hinh lang tru
diny tam giac (voi cac kich thioc cho trén hinh sgk).
a. Tinh thé tich khodng khong o bén trong léu.
b S vdi bat can phdi ¢6 dé ding léu dé la bao nhiéu?
(Khong tinh cac mép va nép gap cua léu).
&5 Gidi
a. Thé tich khoang khong bén trong 1éu la thé tich hinh lang tru dimg tam gidc:

2

l _
Y s (— .3.1],2} 5=9,6(mb.
b So vii bat can thi¢t dé dung 1éu la tong dién tich hai mai va dién tich hai

e 1 i
dau leu: S = 2(2.5) + 2. -~ 1,2.3.2=238 (m). A, B

Vidp3: Cho hinh ldng tru dimg ABCDAB,C,\D, D,
e dm ABCD la hinh _thang vuong

(A = = D0/Y AB = 6cm CD = 2cm,

AD = 3Lm va AA, = 5cm. [Finh dién tich A s
mot day, dien tich xung quanh, dién tich

toan phdn va thé tich cua hinh ldng tru. D

£5 Gidi
Xct hinh thang ABCD, ha CH vuong goc voi AB, ta co:
CH=AD=3cm,BH=AB-AH = AB -CD =4cm.

Trong AHBC vuong tai H, ta c6: D C

BC® = BH’ + CH’ = 4" »¥=s25 < BC =8em.
Khi do, ta lan luot cé:
= Dién tich mot day: A H B

Sy = (AB+CD).AD =(6 +2)3 = 24cm’.
= Dién tich xung quanh:
S5,=(AB+BC+CD+DA).AA, =(6+5+2+3)5= 80cm”.
= Dién tich toan phan:
S, =S +28;,=80+224= 128cm”.
*  Thétich: V=S, h=24.5=120cm".
Yidy & (B 52/tr 128 — Sgk): Tinh dién tich toan phdn ciia thanh go nhic o
hinh sgk (mdt tricce, met sau cria thanh goé la nhimg hinh thang can,

01 mat con lai déu la nhitmg hinh chie nhat, cho biét 10 = 3,16)
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&S Gidi
Ké AH va BK vuéng goc vaéi CD.
Ta c6: AD =BC; D =C = AAHD = ABKC
CD-AB 6-3

= DH=CK = =1,5 (cm)

Ap dung dinh li Pitago vao tam gisc vuéng AHD, ta cé:
AH = VAD? -DH? =+(3,5)> -(1,5)* = 3,16 (cm).

Suy ra Sypep = (#) 3,16 = 14,22.

Do dé, dién tich mat trudéc va mat sau cta thanh gb la:
2S = 14,22.2 = 28,44 (cm?)

ihanh gé 1a hinh ling tru dimg c6 ddy la hinh thang can, chiéu cac

11,5¢cm, ta cé:
qu =(3+6+3,5+3,5.11,5=184 (cm?

Vay, dién tich toan phan cta thanh gé 1a: S = 28,44 + 184 = 212,44 (cm’)
Yidp 7z (Bai 29/tr 114 — Sgk): Cdc kich thuéc ciia mét bé boi dicge cho trér
hinh sgk (mdt nudc 6 dang hinh chit nhat). Hay tinh xem bé chitc

duwoc bao nhiéu mét khéi nuoc khi né chita day nuoc.

LS Gidi

Bé boi c6 dang lang tru dimg ma cic mat day 1a cac hinh ABCDE, ABCDE'.

Dé tinh dung tich bé boi, ta chia thanh hai lang tru dimg:

* Lang tru c6 day Ia hinh chit nhat ABCD.
® Lang tru c6 day la hinh tam gidc DEF.

Thé tich nuéc chifa trong lang tru ding ABCD.A'B'C'D' la:

V,=25.2.10 = 500 (m’)
Thé tich nuéc chita trong lang tru ding DEF.D'E'F la:

W % 2.7.10 =70 (m’)
Do dé, ta duge V, + V, = 500 + 70 = 570 (m?).

Yidp 8 Cho hinh ldng tru tam gidc déu ABCA,B,C, ¢6 cdc canh bang a.
a. Tinh dién tich xung quanh, dién tich toan phan va thé tich cuc

hinh ldng tru.
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£S5 Giii

AI B|
a. Ta an luot co: &
* Dién tich xung quanh:
S, =(AB + BC + CA).AA, A B
=(a+a+a)a=3a’. {1

* Dién tich toan phén: C

azﬁ azﬁ
dy 4 2
a3 a’\3

Sp=3S,+2S =3a>+2. =3a’ +

* Thétich: V=S8, .h= a=
4 4
b. Go M la trung diém cua BC. Trong AA,BC, ta cé:
AM?= A C*—BM?=A A2 + AC - BM? A,
2
cateat oL g B 8T
4 2

1 d'\[_ azﬁ

Tacé: S, o = LAMBC= L3 Ha = \
460 Saapc = 5 1S 4 8 B
aZ+f3

Khids: —aa5¢ (L _ dhwnls \F- .
Saasc i W/i 7
4
Vidp 8 (Bai 54/tr 128 — 'SgK): N girdi ta miudh dd mot tam bé téng day 3cm,
hé mdt ciia tdm bé téng c6 cdc kich thuéce nhu ¢ hinh sgk.
a. So'bé téng can phai ¢é la bao nhiéu?
b. Cdn phdi ¢6 bao nhiéu xe chuyén chd dé cho sé bé téng cdn
thiét dén ché do bé tong, néu méi xe chita duwoc 0,06m*? (khéng
tinh 56 bé téong du thita hodc roi vai).

£ Gici
a. Hint dang cua tdm bé tong 1a mot hinh lang tru dimg cé chiéu cao la
3Jem = 0,03m va day la mét da giac.
bé :inh dién tich ddy, ta chia da gidc da cho thanh mot hinh chi nhat va
mot hinh thang.

Ta 6: Sy, =(3,6.4,20) + % 1,5(2,15 + 4,20) ~ 19,88 (m?)

Vay. the tich tdm beé tong la: V = S, .h = 19,88.0,03 = 0,6 m’.
b. S6 cluyén xe can thiét dé van chuyén lugng bé tong la:

Eﬁ'ﬁ ,06 = 10 (chuyén).
4 ; 3 3
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C. BAI TAP LUYEN TAP
Bai 1: Cho hinh lang tru ding ABCDA B,C,D, ¢6 diy ABCD Ia hinh thang vuong
(A =D =90°%
Hai mit phing (AA,D,D) va (BB,C,C) ¢é cit nhau khéng ? Vi sao ?
Dudng thang AD song song véi nhitng mat phing nao ?
Dudng thing AD vuéng géc véi nhitng mat phang nao ?
Trong hinh lang tru dé hady chi ra nhitng cip mit phéing song song véi nhau.
. Trong hinh lang tru dé hay chi ra nhimg cip mat phing vuong goc vdi nhau.
Bai 2: Cho hinh lang tru dimg tam giic ABCA,B,C,, c6 ABC la tam giic vuong tai B.
Trong hinh lang tru dé hdy chi ra nhimg cap mat phing song song vai nhau.
Trong hinh lang tru dé hay chi ra nhimg cip mit phiang vuéng goc vdi nhau,
c. Sudungkihiéu"//"va" L " dién vao cic 6 trong bang sau: L
AA BB |CC, | AB | BC | AC | AB |BC |AC, |

o a0 os

L

(ABC)
(A,B,C)
(ABB/A )
Bai 3: Cho hinh ling tru ding ABCDA B,C,D, ¢6 diy ABCD la hinh thang vuong
(zau = D =90°, AB = 12cm, BC = 10cm, CP = 4cm va AA, = 6cm. Tinh dién tich
mot ddy, dién tich xung quanh, dién tich toan phan va thé tich cua hinh lang tru.

Bai 4: Cho hinh lang tru ding ABCDA,B,C,D, cé6 diy ABCD la hinh thang can
(AB // CD), BC = 4cm, CD = 6cm, BAD = 60" va AA, = 4cm. Tinh dién tich mot
day, dién tich xung quanh, dién tich toan phan va thé tich cia hinh lang tru.
Bai 5: Cho hinh lang tru tam giic déu ABCA B,C, ¢6 cac canh bing 3cm.

a. Tinh dién tich xung quanh, dién tich toan phdn va thé tich ca hinh lang rru.

b. Tinh ti s dién tich cua hai tam giac AABC va AA,BC.

D. HUGNG DAN - DAP SO
Bai 1: Tham khao vidu 1.

Bai 2: B, 17— C
a. (ABC)//(AB,C)). '
b. Tacé:
* (ABC) vuéng géc véi cac mat phang:
(AA,B;B), (BB,C,C), (AA,C/C). Bl oido, C
* (A,B,C)) vudng géc véi cic mat phang:
(AA B,B), (BB,C,C), (AA,C,C). X
= (AABB) 1 (BB,C,C).
c. Tacé:
AA, | BB, |CC, | AB|BC| AC| AB, | BC, | AC,
(ABC) e ] e ]l I U /l
ABCY | L | L | L [ A H]|T ~1
(ABB/A)) // p s i
Bai 3: Thapgkhdo thi du 2.
Bai 4 * ginh tic lam.
A% -CDTDHDSS-T2-
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HINH CHOP PEU
A. TOM TAT LI THUYET
1. HINH CHOP DEU
Dinh nghia: Hinh chop la hinh ¢6 mat day la mét da gidc va cde mdt bén la cdac

tam gidc ¢o chung dinh.
Hinh bén cho ta hinh anh cua hinh chép S.ABCD,

P e S
va o do:
|. Diém S dugc goi 1a dinh cia hinh chép.
2. Céc doan SA, SB, SC, SD duoc goi la ciac canh
bén cua hinh chép. A B

3. Céc tam gidc SAB, SBC, SCD, SAD duoc goi la
cdac mqdt bén ctia hinh chép.
4. Mat ABCD la day cta hinh chép.
6. Hinh choép nay cé ddy la ur gidc nén goi 1a hinh chép nr gidc.
Dinh nghia: Hinh chop déu la hinh-chop ¢6 day la mét da gidc déu, cdac mdt bén
la cdc tam gide can bang nhau ¢6 chung-dinh.
Hinh bén cho ta hinh anh cua hinh-c¢hép tam gidac
déu S.ABC, va ¢ dé:
1. Diém S duoc goi 'la drih ¢tiahinh'chop.
2. Cic doan SA, SB, SC bang nhau duoc goi la cac canh
hén ciia hinh chép.
3. Cic tam giac SAB, SBC, SAC la cac tam giac can dinh
S, chung duoc goi la cac mdat hén ctia hinh chép.
ABC la mot tam gide déu va né duogc goi la ddy cua hinh chép.
Poan SM (véi M la trung diém cia AB) duoc goi 1a trung doan.
Poan SO (véi O la tam cia ddiy ABC) dugc goi la duomg cao.
Hinh chép nay cé ddy la tam gidc nén goi la hinh chdp tam gidc déu.
2. CONG THUC TiNH DIEN TiCH, THE TiCH
Dién tich xung quanh cia hinh chép déu bang tich cia nia chu vi voi trung doun.
Nhu vay, tacé: S = p.d
trong do:
* planira chu vi ddy.
* d Ia trung doan.
Dién tich toan phadn ciia hinh chép déu bdng téng dién tich xung quanh va dién
tich day.
Nhu vay-rla co: S, =S, + Sy

[ L7 |
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Thé tich ciia hinh chép déu bang mét phdan ba tich ciia dién tich day nhdin voi
chiéu cao.

Nhu vay, ta cé: V = %S.h.

trong do:
s Sladién tich day.
* hlachiéu cao.

B. PHUONG PHAP GIAI TOAN ‘
Vin dé 1: CHUNG MINH CAC TINH CHAT CUA HINH CHOP BEU
Vidg 1z  (Bai 37/tr 118 — Sgk): Hdy xét su diing, sai ciia cdc phdt biéu sau:
a. Hinh chép déu cé6 day la hinh thoi va chdn duong cao triing véi
giao diém hai ditomg chéo cia day.
b. Hinh chép déu c¢é ddy la hinh chi¢ nhdt va chdan duong cao
trang voi giao diém hai duong chéo cua ddy.
£S Gidi
a. Phat biéu: Hinh chép déu c6 ddy la hinh thoi va chan dudng cao tring véi
giao diém hai duong chéo cia ddy la sai-
Vi hinh thoi khong phai la mot da gidc déu nén hinh chép cé ddy la hinh
thoi khong phai la hinh chép déu.
b. Phat biéu: Hinh chép déu c6 ddy 1a hinh chit nhat va chan duong cao tring
v6i giao diém hai duong chéolcaa daydalsai:
Vi hinh chit nhat khong phai la da gidc déu nén hinh chép c6 mat day la
hinh chit nhat khong phai la'hinh chépdeu:
Yidp2: Cho hinh chép tigide-dén-SABED;goi-O-la giuo diém ciia AC va BD.
a. Chitg minh rang SO L (ABCD).
b. Chitng minh rang (SAC) L (SBD).
&S Gidi
a. Talan luot cé:
* Trong ASAC, ta cé:
SA = SC < ASAC céan tai S

= S0 1 AC. (1)
* Trong ASBD, ta cé:
SB = SD <> ASBD can tai S = SO L BD. (2)

Tur (1), (2) suy ra SO L (ABCD).
b. Tir két qua cau a), ta co:
S0 L AC. (3)
Mat khic, vi ABCD la hinh vuéng nén:
BDgipAC. (4)
ATB 3(4) suy ra: (SBD) L AC e (SAC) = (SAC) L (SBD).

-CDTDHDSS-T2-

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Yidu3: o hinh chop e giac déu SABCD o chiéu cao h va canl day
Dang a. Goi M, N theo thit tie la trung diém ciia AB va CD. Tim mnoi
lién hé giita a va h dé ASMN la tam gidc déu.

&5 Gidi

Trong ASMN, ta c6:

MN =BC=a
do do, de ASMN la tam gidce déu diéu kien la:
3 av3
SO = M]\if < h= %——

_ av/3 ; ;
Viy, vai h = i\j—f— thi ASMN la tam giic deu.

Van dé 2: TINH TOAN CAC YEU TO CUA HINH CHOP BEU

VYiduy 1:  (Bai 40/tr 121 — Sgk): Mot hinh chép i gidc déu ¢6 do dai canh bén
bang 25cm, ddy la hindi vuéng ABCD canh 30cm. Tinh dién tich
roan phan cua hinl chép.

&S Gidi

Keé SM L BC thi SM Ia trung doan ctiathinh chép déu S.ABCD (S 1a dinh).

Do tam giic ABC can tai S nén AM ciing la trung tuyén

= MB:MC=%BC=;];.30=15{.(:m)

-

Xét AABM co:

M = 90" = SM = SBi—MBi—=—y25:ei5® =20 (cm)
Ta co:

' —— % 4.30 =60 (cm) : S apefir= 30° = 900 (cm?).
S, =p.SM =60.20 = 1200 (cm?); S, =900 + 1200 = 2100 (cm®).
Yidup2: (Bai 43/tr 121 — Sgk): Tinh dién tich xung quanh, dién tich toan
phan cta cac hinh chép nr giac déu trong sgk.
&5 Gidi
Hinh a) la hinh chép tir giac déu véi canh ddy la 20m, trung doan 20m.
Ta co:
* Dién tich xung quanh: S = (2.20).20 = 800 (m").
* Dién tich toan phan: S = 800 + 20° = 1200 (m?).
Hinh b) la hinh chép tir gidc déu véi canh ddy la 7cm, trung doan 12cm.
Taol:
* Dién tich xung quanh: S=(2.7).12 = 168 (cm”).
. Dicj:ﬁich toan phan: S = 168 + 7° = 217 (cm®).
|

F a-hinh chdp ut gidc déu véi canh ddy 1a 16cm, trung doan 17cm.

HDSS-T2- 213
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Ta cé:

* Trungdoand = 17> -=8% =15 (cm)
= Dién tich xung quanh: S = (2.16).15 = 480 (m?).
* Dién tich toan phdn: S = 480 + 16 = 736 (m?).
Vidp 32 (Bai45/tr 124 — Sgk): Tinh thé'tich cia méi hinh chép déu trong sgk.
£ Gidi
a. Hinh a) 12 hinh chép tam gidc déu A.BDC. Ta cé:
BC=10cm => MB=MC= -IZ-BC=Scm.

Trong ABMD, ap dung dinh li Pitago ta cé:
BD’ = MB’ + DM* = DM* = 10’ - 5 =75 = DM ~ 8,66 (cm)

Do d6: Sgp = %DM.BC ~ 43,3 (cm®)
Vay, thé tich hinh chép déu A.BDC la:
V= % Sy OA = %.43,3.12 = 173.2 (Gin?).
b. Hinh b) 12 hinh chép tam gidc déu ALBDC. Ta cé:
BC = 8cm => MB = MC = —;—BC=4cm.

Tuong tu, ta cé:
DM = 6,93 (cm)
Seoc = 27,72 (em?):
V = 149,69 (cm’).
Vidp4:s (Bai 49.b/tr 125 — Sgk): Tinh dién tich toan phan cua hinh chép luc
gidc déu, biét canh ddy a = 6cm, canh bén b = 10cm, V3 ~ 1,73;
Vo1 ~9,54.
&S Gidi
Ta cé:
* Trung doan cua hinh chép luc gidc déu la: d = 4cm.
= Dién tich xung quanh S_ = (3.6).4 =72 (cm?)

2
= ;/% ~ 15,57 (cm?)

* Dién tich toan phén: S, =72+ 15,57 =87,57 (cm?).
Yidp & Cho hinh chép tam gidc déu S.ABC c6 cdc mdt bén la nhitng tum
gidc déu, AB = 4cm va O la trong tam. Goi M la trung diém BC.
a. Tinh doé dai cdc doan thang SO, SM.
Tinh dién tich xung quanh, dién tich toan phan va thé tich cia

B 6 hinh chop.
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&S Gidi
a.  Nhan xét rang:
SA = SB < ASAB can tai S = SM L AB.
Trong ASMA vuéng tai M, ta c6:
SM? = SA*~ AM?=4* - 2= 12 & SM = 2+/3 cm.
Trong ASOA vuong tai O, ta cé:

2 i«_/_S'JZ 32 46

SOE=SA2—A02=42—[—~ =— & S0= 3 cm.

3 2 3
b. Talan luot cé:
* Dién tich xung quanh:

Sy = % (AB + BC + CA).SM = %(4+ 4+4)243 = 1243 cm’.

* Dién tich toan phan:

Sy = S+ Sesy = 1243 + 43 = 16+/3cm?,
. Thetu,h

I J—4J‘ 1682

V"gsdayh-BSM\BCSO_ad' 3 cm.

Yidp 6 Cho hinh chép nt giac déu SABCD 6 (.h:eu cao 15cm va thé tich
la 1280cm’.
a. Tinh dé dai canh day.
b. Tinh dién tichixung quanh|

,6 Giai
a. Goi a 1a do dai canh ddy cua hinh chép t giac déu SABCD S
Tir gia lhié’t ta co:
V= —:;S h= %a 15 =5a*=1280 < a = 16cm.

day*

Vay, do dai canh ddy a = 16cm.
b. Goi M la trung diém BC, ta c6:

S,=pd= —;—(AB + BC + CD + DA).SM = 32SM.

A B

Goi O 1a giao diém cua AC va BD, ta c6: OM =%AB =8cm.

Trong tam gidc vudng SOM ta cé:

SM- = SO’ + OM?* = 15% + 8 =289 <> SM = 17cm.
Khi do, ta duoc: S, = 32.17 = 544cm”.
Vay, dién tich xung quanh hinh chép bing 544cm’.

HDSS8-T2- 215

Tron Bo SGK: https://bookgiaokhoa.com



Download Ebook Tai: https://downloadsachmienphi.com

Yidp7: (Bai 44/tr 123 — Sgk): Hinh vé (SGK) la moét cai léu o trai hé cua
hoc sinh kem theo cac kich thuoc.
a. Tinh thé tich khong khi bén trong léu la bao nhiéu?
b. Xdc dinh sé vai bat cdn thiét dé dumg léu (khong tinh dén dicong

vién, nép gap, biét N5 = 2,24).
£5 Gidi
a. Léu trai c6 dang hinh chép tit gidc déu véi canh ddy 2m, chiéu cao 2m.
Do 6, thé tich ciia hink chp d8a niy 18: V = % 222~ 2,67 (m")

Biét rang, thé tich khai khong khi trong 1éu chinh 1a thé tich clia hinh chép.
Vay, thé tich cia khéi khong khi trong 1éu xap xi 2,67m’.
b. Biét rang s6 vai bat can thiét dé dung 1éu bang dién tich xung quanh ctia
hinh chop nr giac déu.
Ta cé:

* Nitachu vi ddy la: p= % 32=4(m)

* Canh bén cua tam gidc can ¢6 d.]a duong cao la:
a= 22 ++2) =6 (m)
* DPuong cao cna hinh chop la:
d = {(J6)A13 a2:4/5h (m)
= S, =p.d = 4.4/5 ~ 8,96 (m?)
Viy, s6 vai bat can thiét dé€ dung 1éu la 8,96 m".
Yidp 8 (Bai44/tr 123 — Sgk): Hinh SMNOPQR trong sgk la mét hinh chép
luc gidc déu. Bdn kinh duomg tron ngoui tiép day (duong tron tim
H, di qua 6 dinh cua ddy) HM = 35cm. Hay tinh:
a. Dién tich day va thé tich ciia hinh chop (biét 7108 = 10,39).
b. D¢ dai canh bén SM va dién tich toan phan cia hinh chép (biét

J1333 ~36,51).
&5 Gidi
a. Theo tinh chét cha luc gidc déu, AMHN la mot trong sdu tam gidc déu tao
boi cac dudng chéo cua luc gidc déu do.
Tacé: HK = VHM? - MK® =12% -6 =~ 10,39 (cm).

S %HK.MN = 21039.12 = 62,34 (cm).

= Symoror = 6. Sy = 6.62, 34 374,04 (sz)
Vay, tvch hinh chép la: V = s(,_,, SH ~ 3‘ 374,04.35 ~ 43638 (cm’)

A ‘ -CDTPHDSS-T2-
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b, Ap dung dinh Ii Pitago vao ASHM, ta co:

SM = /352 4122 =37 (cm)
Ta ¢o, K la trung dieém caa MN nén SK la trung doan ctia hinh chop.
X¢ét ASKM, ta ¢o:

SK = VSM* —KM*® x 36,51 (cm)

Dién tich xung quanh cta hinh chop deu SSMNOPQR la:
S, =pd=3MNSK =3.12.36,51 = 1314,36.

Di¢n tich toan phan cta hinh chép déu SMNOPQR la:
S, =Sy, +S,, 374,04 + 1314,36 ~ 1688,40 (cm?)

day

C. BAI TAP LUYEN TAP
Bai 1:  Cho hinh chép tam gidc déu SABC c6 canh ddy va canh bén déu bang a. Tinh
dién tich xung quanh, dién tich toan phan va thé tich cia hinh chop.
Bai 2: Cho hinh chép tam gidc déu SABC c6 ciac mat bén la cac tam giac déu. Goi
O la trong tam AABC, bi¢t OA = J3 . Tinh dién tich xung quanh, dién tich toan phan
vi thé tich caa hinh chop.
Bai 3: Cho hinh chép tam gidc déu SABE-eéschiéu cao bang a va thé tich bing 3a’.
a.  Tinh do6 dai canh day.
b. Tinh dién tich xung quanh, dien‘tichitoin phan. cidhinh chép.
Bai 4: Cho hinh chép ¢ gidc déu SABCD ¢6 canh ddy va canh bén déu bing a. Tinh
dién tich xung quanh, dién tich/toaii phdn vi thétich'ctia Kinh chép.
Bai 5: Cho hinh chép ti gidc-déu-SABED-eé-chiéu-eao-bing a va thé tich bing 3a’.
a. Tinh do6 dai canh day.
b. Tinh dién tich xung quanh, dién tich toan phéan cta hinh chép.
Bai 6: Cho hinh chép luc giac déu SABCDEF cé canh ddy va canh bén déu bang a.
Tinh dién tich xung quanh, dién tich toan phan v thé tich cta hinh chép.
Bai 7: Cho hinh chép luc gidgc déu SABCDEF c6 chiéu cao bing a va thé tich bing
I8a’.
a. Tinh do dai canh day.
b. Tinh dién tich xung quanh, dién tich toan phan cua hinh chép.
Bai 8: Cho hinh hop chit nhat ABCDA ,B,C,D, ¢6 AB = BC = 5cm, AA, = 6ecm. Goi
O 1A giao diém cua A,C, va B,D,.
a.  Tinh dién tich xung quanh, dién tich toan phén va thé tich cia hinh hop chir nhat.
b. Tinh dién tich xung quanh, dién tich toan phdn va thé tich cua hinh chép
OABCD.
Bai 9: Cho hinh chop tam gidc déu S.ABC, goi O la trong tam cia AABC.

a. Chy inh rang SO L (ABC).
bggzinh ring (SAO) L (SBC).
ﬁ) )
y H
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CRUPES  HiNH cHOP cUT PEU

A. TOM TAT Li THUYET

1. DPINH NGHIA

Dinh nghia: Cit mo6t hinh chép déu bing mot mat
phing song song véi ddy, phdn hinh chép nim giita
mat phang dé va mat phing ddy 12 mét hinh chép cut
déu.

Hinh bén cho ta hinh anh cta hinh chép cut déu
ABCDA B,C,D,, va ¢ d6 mbi mat bén cia né déu la
nhing hinh thang can bang nhau.

2. CONG THUC TiNH DIEN TiCH, THE TiCH

Véi hinh chép cut déu, ta cé:

a. Dién tich xung quanh:

I ,
qu o 'i(p +p )d
trong dé:
* pvap’ lan lugt la chu viharday
* d1a dudng cao cua mat bén.
b. Thé tich:
Vo = % h.(B + B'+VBB')
trong do:

= B, B’ 1a dién tich cac day
* hla dé dai duong cao.

B. PHUGNG PHAP GIAI TOAN
Vidyp Iz (Bai 57/tr 129 — Sgk): Thé tich caa hinh chép déu, hinh chép cut
(Hinh & sgk va 3 ~1,73)

& Gidi
Hinh a) 12 hinh chép déu c6 ddy la tam gidc déu canh 10cm, suy ra:
Sasy = 10° J_ =253 3 (cm?).

Thé tich hlnh chép nay la:
Vs _‘. Sh = 1 25. /3 20 ~ 288,33 (cm).

Hinh lbmﬁt hmh chép cut c6:
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5 20°.30 - -y 10°.15 = 3500 (cm’).

Yidu2: (Bai 59/t 129 — Sgk): Tinh thé tich ciia hinh sgk voi cac kich thde
kem theo.

25 G

Ta thay, thé tich cua hinh bang tong cta thé tich hinh lang tru ding va
hinh chop cut.

] |
V= Vi ABCD T Vl,iif-(‘-ll =

Ta co:

* The tich hinh lang tru dimg:
V.=3.3.6=54{cn").

* Thé tich hinh chép cut:

= %[(7,5)-‘ — (3] = 131,63 (m)

Viy, thé tich cua hinh cén tinh la:
V=V, + V= 185,636

C. BAI TAP LUYEN TAP
Bai I:  Cho hinh chép tam gide' ded SABC ¢61¢ad-canh bang a. Goi A, B,, C,
lan luot la trung diém cua SA, SB, SC.
a  Chiing t6 rang hinh ABCA B,C, Ta hinh'chop cut déu.
b Tinh dién tich xung quanh, dién tich toan phan va thé tich cta hinh
chop cut déu ABCA B, C,.
¢ Tinh ti s6 thé tich gitia hinh chép cut déu ABCA,B,C, va hinh chép
SABC.
Bai 2: Cho hinh chép tam gidc déu SABCD c6 cic canh bang a. Goi A, B,
C,, D, lan luot 1A trung diém cua SA, SB, SC, SD.
a.  Chimng to rang hinh ABCDA B,C,D, la hinh chép cut déu.
b. Tinh dién tich xung quanh, dién tich toan phan va thé tich cua hinh
chép cut déu ABCDA ,B,C,D,.
c. Tinh ti s6 thé tich gitta hinh chép cut déu ABCDA ,B,C,D, va hinh chép
SABCD.
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