]Zé,‘ KIEN THUC TRONG TAM

CAC KHAI NIEM
VE TIEP TUYEN CUA PUONG CONG PHANG

Trén mit phing toa dd Oxy cho dudng cong (C). Gia sti (C) 1a 46 thi clia ham s8 y = f(x)
va M(x,;f(x,))€e (C). Kihiéu M(x;f(x)} 1A mot diém di chuyén trén (C). DPudng thing
MM, la mdt cét tuyén cha (C).

Nban xét ring khi x — x, thi M(x;f(x)} di chuyén trén (C) t6i diém M, (x,;f (%, ))
va ngugc lai. Gia sti cat tuyén MM, c6 vi tri gii han, ki hiéu la M,T thi M, T dugc goi la
ti€p tuyén clia (C) tai M. Diém M, dugc goi la tiép diém.
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100% dang bai ham sé, cdic béi todn lién quan

DANG 1: |
VIET PHUONG TRINH TIEP TUYEN TAI 1 PIEM THUOC PO THI

Bai toan

Cho db thi (C): y = f(x) va diém M(x,;¥,)€ (C). Viét phuong trinh tiép tuyén ctia (C)
tai diém M(x,;¥, ).

Phuong phap giai

Phuong trinh tiép tuyén tai M(x,;y, ) ciia (C) la: y -y, =£'(x, }(x~x, ).

& siitap

)

Bigapl Cho dd thi (C):y =1f(x)=—x*+2x> Phuong trinh tiép tuyén véi d5 thi (C) tai

A(2;0)

(A) y=4/2x +8; (B) y=42x —8;
(C) y=+/2x+2; (D) y=x+~/2.

@ Gidi:
Tacs: y'=f'(x)=—4x’ +4x = £'(—2) =42
= Phuong trinh tiép tuyén tai A(-+2;0) la
= 0(=2)(x +V2) 4 £(E) =4 (x+ 42 )+ 0= 4425 48

=y = 4/2x +8.
= Chon A.

(Béi}_&pz Cho d6 thj ham s6 (C): y = f (x )= x” —3x* + 2x — 5. Phuong trinh tiép tuyén clia
(C) c6 hoanh d6 ctia tiép diém bang 2 la:
(A)y=x-7; (B)y=2x-9;

(Cry=2x+1; (D)y=-2x-1.
:_ ":,3 Go‘lu:
@ iai

Tacéd: y'=3x"—6x+2.

X, =2=>Y,=-5; ¥(2)=2= Phuong trinh tiép tuyén tai M(2; -5) 1;

| &5
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y=y'(2)(x-2)+y(2) @ y=2(x—2)-5 hayy=2x-9.

= Chon B.

Chuy:

+ Khi biét dugc 1 trong 2 yéu t6 hoanh d6 tiép diém hodc tung d6 tiép diém thi ta phai tim

yéu té con lai d€ viét duge phuong trinh tiép tuyén.

+ St dung Casio: D€tinh f'(2) tanhép di()ﬁ —3X*+ 2X—5) ) nhén bang ta dugc
X xX=
két qui f'(2)=2. Céch tinh nay cdc em nén dung cho nhiing bai toan viét tiép tuyén ctia

ham sé dang phdc tap.

| Viét phuong trinh tiép tuyén ctia d6 thi (C): y =f (x)=x> - 3x” +2x - 5. Biét tung
do cuia tiép diém 13 1.
(A) y=107x + 5365 (B) y = 107x + 534;
(C)y=1ix- 32 (D) y=11x - 34.
‘€| Giai:
&
y,=lex) -3x2+2x,-5=1x)-3x,+2x,-6=0
& x5 (x,-3)+2(x,-3) =0 (x,-3)(x; +2)=0 = x, =3.
Taco: y'=3x"-6x+2.=y'(3)=11.

= Phuong trinh tiép tuyén tai diém M(3; 1) la:
y=y'(3)(x-3)+y(3) @ y=11(x—3)+1 hayy = 11x - 32.

: = Chon C.

i(Cly=f(x)= %x“ —x" +1. Phuong trinh tiép tuyén tai cc giao diém

a

(A)y=0; B)y=1,
(C)y=4x+ 5 (D) y=4x - 21.
E):;]J Giai:

Hoanh d¢ giao diém ciia (C) v6i Ox 1a nghiém ctia phuong trinh:

%x4—x2+1=0.<:>(x2-—2)2 =0 x=12.

Tacé: y'=1f'(x)=x>-2x.
Phuang trinh tiép tuyén ctia (C) tai x, =2 la:

y=f'(ﬁ)(x—ﬁ)+f(\/§)=0(x~\/§)+0=0 hay y = 0.




|' D Néng cao ky nding gidi todn tric nghigm
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Phuong trinh tiép tuyén ciia (C) tai x, = —v/2 Ia:
y=£'(—v2)(x ++2)+£(~2)=0(x++2)+0=0 hayy = 0.

= Chon A.
Baitap5  Tiép tuyén tai diém cyc ti€u clia d6 thi ham s6 y =—x* +3x* +9x +2

(A) Song song v6i dudng thing x = 1.
(B) Song song véi truc hoanh.

(C) C6 hé s6 goc duong.
{D) C6 hé s6 goc bang 1.
Y= G"':
:__@Q_I idi
TXD: D=R.

Tacéd: y'=-3x"+6x+9=0< [X :—1.
Xx=3
Tach:y” =-6x+6; y"(—]) =12 > 0= x =-1 la diém cuc tiéu, y"(3) ——12<0=x%x=3
la diém cuc dai.
Hé 58 gbc clia tiép tuyén tai diém cyc ti€u la: k = y'(—1) = 0 = tiép tuyén song song véi

truc hoanh.

= Chon (B).

Luu y: Cé thé chon nhanh phuong dn (B) bang cach 1i ludn nhu sau: Vi f(x) tén tai véi
moi x€ R nén X, la diém cuctrithi f '(xo ) =0 = Hé 6 gbc cla ti€p tuyén tai diém cyc tri
Xo 1a k=1'(x,)=0= Chon (B).

‘Biitip6  Cho (C): y=f(x)= 2x’ —5x* +3x — 8. Khing dinh nao sau day la SAI?
(A) Moi ti€p tuyén tai mét diém bat ki trén (C) 6 hé s6 géc khong nhé hon —%.

(B) Cac phuong trinh tiép tuyén cta (C) tai giao diém ctia (C) vé6i dudng thing
\ 19 25
(D):y=2x-10ldy=-x-7vay=—x——.
2 4
(C) Céc phuong trinh ti&p tuyén cta (C) tai giao diém clia (C) v6i Parabol

(P):y=x2+3x—81éy=3x—8ve‘1y=27x-—71.

(D) Céc phuong trinh tiép tuyén cfia (C) tai giao diém ctia (C) v6i duong cong
(C)y=x"-4x>+2x-10lay=19x + 1 vay=5x - 20.
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LE(_:T)ﬂ;J Gii:

+Tacd: y'=6x"—10x+3.

2
=y'=6 x—é -12-—1
6 6 6

= Khang dinh A 1 diing.
+ Xét khdng dinh B:
Hoanh d6 giao diém cia (C) v6i (D) 12 nghiém clia phuong trinh:

2% - 5% +3x-8=2x—10 & (x~1)(x-2)(2x+1)=0 = | x =2

-Tiéptuyéntaix=2céphuongtrinhla: y = y'(2)(x —2) + y(2) = 7(x ~2) -6 =7x - 20
hayy = 7x - 20.

- Tiép tuyén tai x = 1 ¢6 phuong trinh la:
y=y'D(-)+y(1)=-1{x-1)-8=—x—-7 hayy=-x-7.

- Tiép tuyén tai x = —% c6 phuong trinh la:

y=y' 1 x+l +y LB x+l _HZBX__Z_S_ yzgx_é,
2 2 2 2 2 2 4 hay 2 4

= Khéng dinh B |4 dung.

+ Xét khdng dinh C:

Hoanh d¢ giao diém cta (C) vé6i (P) 1a nghiém clia phuong trinh:
x=0

2X3—5X2+3X-—8=X2+3X—8<=>2X2(X—3)=0<=>|: 3
X:

- Tiép tuyén tai x = 0 c6 phuong trinh la:
y=y'"(0)(x-0)+y(0)=3x—-8 hayy=3x-8.

- Tiép tuyén tai x = 3 ¢ phuong trinh la:
y=y'(3)(x-3)+y(3)=27(x-3)+10=27x~71 hayy = 27x - 71.
= Khing dinh C 14 ding.

+ Xét khang dinh D: oo e
Hoanh d¢ giao diém ctia (C) vé6i (C’) 1a nghiém clia phuong trinh:
x=-1

2x3—5x2+3x—8=x3-4x2+2x-—10<:>xz--x-2:0<:>[ 5
X =




Néng cao k§ ndng gidi todn trdc nghiém
100% dang bai hium s6, cic bai todn lién quan

- Tiép tuyén tai x = -1 ¢d phuong trinh l1a:

y=y' (-1 (x+1)+y(-1)=19(x +1)~18 =19x +1 hay y = 19x + 1.
-Tiéptuyéntaix=2cophuongtrinhla: y = y'(2)(x -2)+y(2)=7(x-2)~6=7x-20
hay y =7x - 20.

= Khing dinh D la SAL )

" = Chon D.
Chii y: Hoanh db tiép diém chinh Ja hoanh d¢ giao di€m ctia (C) va céc dudng cong.

(A) m=—; (B) m= vém=g;

; (D) m=

|Ij§]’;‘| Gidi:

Do A(1;0) € (C); B(-1; 0) € (C) nén cic ti€p tuyén tai A va B vudng goc v6i nhau

Wit N —

ey(1)y'(-1)=-l<(-4+6m){4-6m)=-1¢ )

= Chon B.

Chii y: Hai dudng thing vudng goc v6i nhau (ma cé céc hé s6 goc khac 0) thi c6 tich cdc
hé s6 goc bang -1.

; Cho2 d6 thi (C):y=1(x)=(x+ 1Y (x- 1)2 ;(P) y =g(x) =2x"+m. Cé bao
nhiéu khéng dinh DUNG trong céc khing dinh dudi day?

(A) O; (B)1; (C) 2 (D) 3.

KHANG PINH 1: (C) va (P) tiép xtic v6i nhau khi va chi khim = 1.

KHANG PINH 2: C6 duy nhét mot tiép tuyén chung tai céc ti€p diém chung cia (C) véi (P).
KHANG PINH 3: Cac phuong trinh ti€p tuyén chung tai céc tiép diém chung ctia (C) véi
(P)1a y=42x -7 vay=1.

@’ij Giai:
+ Xét khang dinh 1:
f(x)=g(x)

f'(x)=g'(x)

(C) va (P) tiép x1ic v6i nhau < {
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4x° —4x =4x it 4X(X2—2)=0

x'=2x"+1=2x"+m m=x"—4x*+1 x=0;m=1
x?’=2m=-3

Véy v6i m = 1 hodc m = -3 thi (C) va (P) tiép xic vdi nhau.

= Khing dinh 1 1a SAL

+ Xét khing dinh 2 va 3:

Véim=1; x, =0 thi (P): y=g(x)=2x>+1

Phuong trinh tiép tuyén chung tai x, =0 1&: y=g'(0)(x—0)+g(0) > y =1
Véim=-3; x, =+/2 thi(P): y= g(x)=2x>-3

Phuong trinh tiép tuyén chung tai x, = V2 1 y=g '(\6)(){ - \/5)+ g (\/5)
oy= 42x —7.

Vay khang dinh 2 14 sai va khéng dinh 3 11 dung.

= C6 tit ca 1 khing dinh ding = ChonB.

Chu y: Bai toan sy tiép xtc ctia 2 dudng cong (C): y = f(x) va (C): y = g(x).

. o ) =g
Hai dudng cong (C) va (C’) tiép xtic véi nhau < Hé ¢6 nghiém.
f(x)=g(x)
Baitap9 © Cho d6 thi (C):y =x* +3x" —9x +5. Tiép tuyén véi d6 thi (C) c6 hé s6 géc nhd
nhét c6 phuong trinh 1a:
(A) y=-12x - 28; (B} y=-12x + 4;
(COy=-12x-2; B (D)y=-12x+2.

@‘ij Gidi:

Tiéptuyéntai M(x,;y, ) co6hésdgéc k =y'(x,)=3x2 +6x, -9 =3(x, +1)’ —12>-12

= Hé s6 goc nho nhat bang -12 khi x, =-1.

Phuong trinh tiép tuyén tai x, = -1 la:

y=y'(-)(x+1)+y(=1)=-12(x+1)+16 =—12x + 4 hayy=-12x + 4,

= Chon B.

Chii y: Bai nay tinh dugc hé s§ gbc réi tinh toa do tiép diém va sau d6 viét phuong trinh
tiép tuyén.
Ba|t5p10 / Cho d6 thi ham s6 (Co)y=x"+8-m(x+2). Goi A= (C, )"0y, c6 bao

nhiéu gia tri clia m dé tiép tuyén véi (Cm) tai A chan trén hai truc toa do mot tam gidc
c6 dién tich bing 162

(A) 2; (B) L; (C) 0; (D) 3.




Ndng cao ky) nédng gidi todn trdc nghiém
; 100% dang bai hium 56, cdc bai todn tién quan

[ ciai:
ViA=(C,)NOy=x, =0.
Phuong trinh tiép tuyén clia (C) tai Ala: (A):y = y'(0)(x—0)+y(0)=—mx +8—2m.
Ta co: (A)r\OyzA(O;S—-Zm);(A)r‘\Ox =B[8——-2£;0)
m

1 8—2m

1 1
Spaos = E'OA-OB = 5‘|YA|'1XB| = 5|8 - 2m|’ o ] =16
m= ﬁzﬂ = ¢6 hai gid tri chia m thoa man.
= Chon (A).

Chi y: Tiép tuyén tai A chén 2 truc toa 6 1 tam gidc vudng tai géc toa do O.

Viét cac phuong trinh tiép tuyén véi d6 thi(C): y = %x3 —-x+ % tai cac diém

trén (C) ma tai d6 tiép tuyén vudng géc véi dudng thang y = _% x+2.

3
22
(A)y:3x—% vay=3x+6; (B)y=3x+-3— vay=3x-6;
22 14
(C)y=3x—?vz‘1y=3x+6; (D)y=3x+?véy=3x—6.

;' "": G.o.:

I_@\J iai
Tiép tuyén vudng goc véi dudng thing y = —%x +§ nén co hé s6 géck = 3.
Tiép tuyén tai diém M(x,;y,) c6 hé s6 goc k = y'(x,)=3ex;-1=3ex, =4
< x, =32,

Phuong trinh tiép tuyén tai x, =2 la:

14
y:y'(2)(X-’2)+Y(2):3(X—2)+%:3){—% hay y:3x__3__
Phudng trinh tiép tuyén fai x = -2 la:
y=y'(-2)(x+2)+y(-2)=3(x+2)+0 bayy=3x+6.

= Chon (A).

Chii y: Hai dudng thing vudng géc vi nhau thi tich hai hé s6 géc bang -1.
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1Cho(C_ ) y=1(x)=x"+mx*+1.Timm dé (C,,) cit dudng thing y =—x +1
™ g g

AR

tai 3 di€m phan biét A(0; 1), B, C sao cho céc tiép tuyén véi (C, ) tai B va C vudng goc

vd3i nhau.
(A) m =5 hoic m = -5; (B)m=5;
(C)m=-5; (D)m =0.

|:;‘“: Giai:
N
Hoanh d¢ giao diém caa (C,, ) vdi dudng thing y = -x + 1 12 nghiém clra phuong trinh
¥ +mx’+l=—x+1 X +m’ +x =0 x(x"+mx+1)=0
x=0
-
g(x)=x"+mx+1=0 (1)

Vi A(0; 1) nén X,X. 132 nghiém phén biét ca phuong trinh (1)

Tm>2

A=m’—-4>0,g(0)=0 m<-2
=X, X, =—m & 9%y + X, =-m
XpXe =1 XX =1

Vi céc ti€p tuyén tai B va C vudng géc véi nhau nén £'(x, )t '(x. }=—1
& (3x +2mx, )(3x% +2mx, )= -1 9(x,x, ) +6mx,x, (x, + %, )+ 4m’x,x, =1

9. +6ml.(-m)+4m’1=-1< m’ =5 m=4+5 (Thda man).

= Chon A.

iy

1 . 2
ﬁChodé‘thihémsé’(C):yzOm-l_ Jx-m’+m

(m = 0). Tim t4t c& cic phuong
X+m

trinh tiép tuyén ctia (C) tai giao diém ciia (C) véi truc Ox, biét tiép tuyén d6 song song
véi (A): y+2016 = x.

(A)y=x+1; (B)yzx—%;
(C)y=x+1v€1y=x—§; D)y=x-1.

ziﬂmﬁ:

_ 2
Gii sd (C)ﬁOX — (x(};o):> (3m+1)xg m" +m —0 (x»)
x0+rn




Niing cao kj niing gidi todn trdc nghiém
100% dang bai him 56, cic bai todn lién quan

V)= sy ()=
(x+m)’ (x,+m)
2
Do tiép tuyén song song v6i(A): y +2016 = x nén y'(x0)=1<=>4L2=1
(%, +1m)
|:x0 =m
& .
X, =—3m
2m(m+1)
+ Véi X, =m thé vao (*) :T=0¢:>m=—l

= X, =—1 = Phuong trinh ti€p tuyén: y =x + 1.

—2m(5m+1) ~o
—2m Bl

+ V6i x, =-3m thévao (*) & Sm=——

=X, = —% = Phuong trinh ti€p tuyén: y =x — %

= Chon C.

X +2x+2

b C6 bao nhiéu diém trén d6 thi (C): y ma tiép tuyén tai d6 vudng

g6C vdi tiém can xién ctia (C)? x+1
(A) 2 diém; , (B} 1 diém;
(C) 0 diém; (D) 3 diém.

‘€)) Giai:

@ iai

Tacc’>:y=:»(+1+L nén TCXla:y=x+1
x+1

Vi tiép tuyén tai X = X, vudng goc véi tiém cdn xién nén tiép tuyén cé hé s6 goc

=l (x, 1) = o

1
1 2
(X0+) 1 Sy ﬂ

1 32 (1 32
:>A[—:/—§—l,— > }B(\/-Z_ 1; 5 )

Viy c6 2 diém trén (C) thoa mén dé bai.

k:y'(xo)z—].@l_

= Chon A.
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%.D‘. Vé dich -

_ X +1 , !
Baitdp 15 ' Cho d6 thi (C): y= ol Moi tiép tuyén clia (C) tao vdi 2 tiém cin chia (C) mot
X —

tam gidc ¢ dién tich khong ddi bang:
(A) 4 dvdt; (B) 8 dvdt;
(C) 2 dvdt; (D) 1 dvadt.
f_é’é] Gidi:
Xy +i }5 (C). Tiép tuyén tai M c6 phuong trinh:

2 x,+1
——(x—-x, )+ —2>—.
(X.0 _1)2 (X XO) XO _1

Xét diém M{xo;

y=y'(%x,)(x—x,)+f(x,) =~

TCD:x=1; TCN:y=1.

Goi A, B theo thi ty la cac giao diém ctia tiép tuyén trén véi tiém cin dliing va tiém cén
ngang; E 1a giao diém cha 2 tiém cin.

2 X,+1 2 x,+1 x,+3
=1$ = 1_ + 0 — + 0 — 0 .
T & (XO—I)Z( %) X,~L x,-1 x,-1 x,-1
2 ’X0+1 2 2
yp=l=1l=—-"—(x,—%, )+ & (x,—1) =-2x,+2x,+x; -1
(x,-1) X, —1

& 2x, =4x, -2 & x, =2x,-1.

+3 4
. T JEB =[x, —x, [ =[2x, ~1-1|=2{x, - |

Do d6: EA =|YA _YE| =

1,

S, = %.EA.EB = 4 (don vi dién tich)

= Céc tiép tuyén ctia do thi tao voi 2 tiém can mot tam gidc co dién tich khong d6i bing
4dvdt.

= Chon (A).

2
o _3x+4 ,
.Baitdp 16 Cho d6 thi(C):y = L2__3X_2+ va diém M bat ki thudc C. Goi I 1a giao diém
X p—

clia 2 tiém can. Tiép tuyén tai M cit 2 tiém cén tai A va B. C6 bao nhiéu khdng dinh ding
trong cdc khang dinh dudi day?

(A) 1; (B) 2; (C) 3 (D) 4.

(A) M la trung diém clia AB.

(B) Tich cac khoang céch tit M dén 2 dudng tiém cén 1a khong d6i.




/ Néing cao ki ndng gidi todn trdc nghiém
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(C) S, khong déi.
(D) Pé chu vi AIAB nhg nhét thi hoanh d9 ctia diém M béng 1+ i/%
@i] Giai:

2_
Ta co: Y=w=i—l+L:> TCP:x=1vaTCX: yzi—l
2x—2 2 x+1 2

=>I(1;—l]
2

Goi M[m;%—l+

1 -
(x-1y

Phuong trinh tiép tuyén ctia (C) tai M la:

(A):y=y'(m)(x-m)+y(m)= (A):{%—(mil)z} X —m +%_1+L

Taco: y'(x)= %—

(A) giao v4i TCD tai diém A 1;L_l
m-1 2

(A) giao véi TCX tai diém B(Zm—l;m-—%)

YA

~

+ Xét khing dinh (A):

i
Vi A, M, B thing hang va Xt o= X,, = Mla trung diém ctia AB.
2
= (A) ding.

+ Xét khéng dinh (B):
Khoang cach tit M dén TCP: x=11a: d, =|m -1
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Khoing cich tt M dén TCX: x -2y-2=01la: d, =
2

f]m 1 | |

Tacod: dd, :> (B) dung.

=|m-1]. \/_‘m ‘
+ Xét khing dinh (C):

. 1 1
Ké BH LAI=S,,, :EIA.BH=§|yA —y, % — %y

‘ ‘ ’ 1 2 2[m l| 2 (don vi dién tich) = (C) dung.

+ Xét khang dinh (D):

Goi goc gilia 2 tiém cén la ¢, goc gitia tiém cén xién véi chiéu duong truc Ox 1a

—Sat@="
© =7

. .7
Heé 56 gdc ctia TCX bang l nén tan(p:l<:> SIn @ :lzmzl
2

2 cos®@ 2 cos’p 4

= sin’ @ —l:>s1n(p —'coscp~-i
sin’ @+cos’p 5 NE J5
Chu vi AIAB la:

IA +IB+ AB = IA + B ++/IA” +IB* — 2IA.IBcoso.

> 2/TAIB +2IAIB—2IAIB.sin @ = 2IA B[ V2 + /1= sin¢ |
ﬁ4__S_A1ﬁ_&[x/§+\/1—sin(p] = /é[ﬁ-ﬂ/l—simﬂ = \/N—S—[\/E+\/l—_§]

Smo

=2420-2JV5-1.

[A=1B
4
D4u = xay ra IA =320 <:>——-\/ =3 1% #f—.

T AR A =4 [m—1] mE

J5

= (D) dting.
Vay c6 tit ci 4 khang dinh ding = Chen (D).




Néng cao ky ning gidi todn trac nghiém
100% dang bai héum s6, cdc bai todn tién quan

DANG 2:
VIET PHUONG TRINH TIEP TUYEN THEO HE $0 GOC CHO TRUGC

o Bai toan:
Cho d6 thj (C) vA mot s6 ke R.

Phuong phap giai

- Gid sii tiép tuyén c6 hé s8 goc k, tiép xvic véi (C): y = f(x) tai diém ¢6 hoanh do
x; = f'(x, )=k = x =x, la nghiém ctia f'(x)=k.

- Gidi phuong trinh f'(x)=k = nghiém X € {X;;X;3..5 %, }-

- Phuong trinh tiép tuyén tai x; la: y=k(x—x,)+f(x;)

W Bai tap

g TR e e

sl

BlGRIA Tiép tuyén clia d6 thi ham s6 (C): y = x* — 3x vdi hé s§ goc béing 5 c6 phuong trinh 1a:

(A) y=5x - 24; - (B)y=5x-16;

(C)y=5x+24; (D) y=5x+ 16.
EQ'EIJ Giai:

Goi tiép diém c6 hoanh & x, = y'(x,)=2x,-3=5 = x,=4

Phuong trinh tiép tuyén tai diém x, =4 la:y = 5(x - 4) + y(4) = 5x - 16.

= Chon B.

y37 Tim cac tiép tuyén véi d6 thi (C): y = x* —6x* vubng géc véi dudng thing y = éx.
(A) y=9x—34—147 vd y=9x—34+14/7.

(B) y=9x—2+4J7 va y=9x—2—4J7.

(C) y=-9x+ 14 vay=-9x + 54.

D)y=-9x+4vay=-9x.

€Y Giai:
& o
Do tiép tuyén vudng gbc v6i duding thing y = §x nén tiép tuyén cé hé sd goc bang -9.
Goi ti€p diém c6 hoanh do x,
= y'(x,) & 3x; —12x, =9 & 3(x; —4x,+3)= 0= (x,-1)(x,~3)=0 -
! x =1
| & [ oL

X0=




\
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MMegabook Chuyén gia Sdch tuyén thi

[ s

Phuong trinh tiép tuyén tai X, =11&: y =-9(x—1)+y(1)=-9(x—1)-5=-9x +4
=y=-9x+4

Phuong trinh tiép tuyén tai X, =3 la: y=-9(x-3)+y(3)=-9(x-3)-27=-9x

= y=-9x

= Chon D.

Chii y: Hai dudng thing vudng gdéc voi nhau thi tich hai hé s6 goc bing -1 (trong trudng
hgp céc dudng thing khéng song song voi cac tryc toa do).

Bélt&ps Tiép tuyén véi d6 thi (C): y =x° —9x* —1 song song v6i dudng thing y = -27x +

2017 c6 phuong trinh la:
(A) y=-27x + 82 (B) y = -27x + 80;
(C)y=-27x - 80; (D)y =-27x - 82.

]@;J Giai:
Do tiép tuyén song song v6i dudng thang y = —27x + 2017 nén ¢6 hé s8 géc bang —27
Goitiép di€mcohoanhdd x, = y'(x,) =3x2 ~18x, = 27 & 3(x, -3) =0 & x, =3.
= Phuong trinh tiép tuyén tai x, =3 la:
y=—-27(x-3}+y(3)=-27(x-3)-1=-27x+80 = y =—27x +80.
= Chon B.

Cht y: Hai dudng thdng song song v6i nhau thi ¢6 hé 6 goc bing nhau.

SR 2x -3 ) .
CBaitip4 | Cho(C):y= % Tim phuong trinh tiép tuyén tao véi truc hoanh géc 45°.
(A)y=-x+3viy=-x-5 (B) y=-x+3;
(C)y=x-3viy=-x+5 (D)y=-x+5.
. -:" "'_E Go 3 .:

=@‘_| iai

Vi tiép tuyén ctia (C) tao v&i Ox gdc 45° nén hé s6 g6c k clia tiép tuyén thoa méin

kj=1 k=4L.
Viy'=- 1 <0 nénk=-1.
(x+1)
Hoanh d¢6 tiép diém la nghiém cta phuong trinh:
‘ x=0=>y=-3.
y (X):_lg— 2 _ _
(x+1) x=—"2=y=7

Phuong trinh tiép tuyén taix = 01&: y=-1(x—-0)+y(0)=—x-3
Phuong trinh tiép tuyén taix = -2 la: y = -1(x+2)+ y(-2) = -x +5.
= Chon C.




Ning cao ky néing gidi todn tréic nghiém
100% dang bai him s, cdc bai todn tién quan

-

(BAitdp5) Céc phuong trinh tiép tuyén ca (C):y =%’ - 3%’ + 2 vubng géc véi dudng thing

(D):5y-3x+4=0la

(A) y——§x+§ va y——§x+-6£.
3 27 3 27
5 29 5 62
(B) y—mgx—E va y——§x+27.
(C) y——EX+§.
3 27
(D) y=-2x+22,
3 27

‘€| Giai:
e
Hé 56 gbc ctia dudng thing (D) 1a % . Ma ti€p tuyén vudng goc véi (D) nén hé s8 goc cha

ti€p tuyén la —%.

Goi hoanh @6 ciia tiép didm 13 x, = y'(x,) = =2 > 3x’ —6x, = —2 ¢
p 0 y 0 3 [+ i3 3

’ 5
Phuong trinh tiép tuyén tai x, = 3 la:

5 5 5 5,25 46 5 29
y=—| X |tY| T |F—sX+t—— =X+
3 9 27 3 27

Phuong trinh tiép tuyén tai x, = % la:

5 I 1 5 5 46 5 62
Y= X Y| T Fm Xttt =X+ —.
3 3 3 3 9 27 3 27

= Chon A.

Chi y: Bai nay cin xdc dinh hé s6 g6c clia dudng thdng (D) trudc va st dung tinh chat
hai dudng thdng vudng géc véi nhau thi cé tich hé s6 goc bing -1.

tap6’ Cho (C,):y=x"+mx’-m-1. Goi A 1a diém c6 dinh c6 hoanh d6 duong ctia
(C ) Gid tri ciia m d€ tiép tuyén vdi d6 thi tai A song song v6i dudng thing y = 6x + 1 a:
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@ Giai:

Xét phuong trinh y, = x; +mx] —m—1Vm < m(x; -1)+(x; -1-y,)=0 Vm

x:—1=0 X, = =1
& j ¢:>{ ¢ = Piém ¢6 dinh A(1; 0).
X, —1-y,=0 Yo =

Tiép tuyén vai do thi tai A(1; 0) va song song véiy = 6x + 1

ey(l)=6=4+2m=6=m=1.

= Chon C.

tap7| Cho d6 thi (C) 2X + 2. Céc phuong trinh tiép tuyén tao véi 2 truc toa do mot
tam gidc can la: 1

(A)y=-x-1 B)y=-x+7;

(COy=-=x-1vay=-x+7 (D} Khong c6 tiép tuyén nao.

|2 ciai:
4 ~
Tacéd: y'(x)=
Goi M(x,;¥,) 17.'51 toz)do tiép diém.

Vi tiép tuyén tao vé6i 2 truc toa d6 1 tam gidc cAn nén hé s8 goc ctia tiép tuyén bing *+1.

- x =—]
Ma y'(x,) <0 Vx, #1 nén Y'(Xo):—1©—4~m5=—1<::> 0 .
(Xo_l) Xy =3
+ Vé6i X, =~1=y, =0= Phuong trinh tiép tuyén la: y = -x - 1.

+ Véi X, =3 =y, =4= Phuong trinh tiép tuyén la: y = -x +7.
g p tuy Y

= Chon C.

e 2
Cho d6 thi(C, )y = =22 XM

Slstiaicite il

.Tim m d& (C,_) <6 tiép tuyén vudng goc véi

dudng phén gidc ctia gbc phén tu thi nhit ciia hé toa do.
(A)m=-3; (B)m > -3;

(Cm<-3 (D) Khong c6 gid tri clia m.

€| Giai:
[
D6 thi ¢ tiép tuyén vudng gdc v6i goc phan tu thi nhity=x

2 —_— f—
o y'(x)=X 2x -2 m__,

mkwwm,,(’i"})m _____________________________




Néng cao ki ndng gidi todn trdc nghiém
100% dang bai ham s6, cdc bai todn lién quan

(x—1)2—3—m

cé nghiém < = -1 c6nghiém < 2(x - 1)2 =m+3 c6 nghiém

(x-1)

xZlem+3>0 m> -3,
= Chon (B).

) Goi k,k, 1a caché s8 goc ciia céc tiép tuyén cia d6 thi ham s8(C): y =x* +2x tai
céc giao diém ctia (C) v6i dudng thing y = mx + 1. Biét k, +k, =3, gid tri clia tham s6

m la: _
W) m=>; (B)m=-1;
(C)m= —-12—; (D) Khéng c6 gié tri clia m.

[ oisi
y:f(x)=x2+2x=>f'(x)=2x+2.

Goi X, X, l4n lugt Ia hoanh d¢ cta céc tiép diém cha cac ti€p tuyén cb cac hé s6 goc
k., k,.

Phuong trinh hoanh d¢ giao diém: x* +2x=mx+1 & x* +(2-m)x-1=0
A=(2-m) +4>0Vm = x,,X, phan biét.

X tX,=m-—2.

k +k, =3 f'(x))+{'(x,)=32(x,+%x,)+4=32(m-2)=-1 <:>m:%

= Chon (A).

B} Cho d6 thi ham s6 (C):y =f(x)= %x“ —x*—3x*+7.Tim m d€ d6 thi (C) lu6n
¢6 it nhat 2 tiép tuyén song song vi dudng thing y = 2016mx + 2017.

(A)ﬂg,:lsmgwg—_’?_ (B)m>5\/§—_7.
4032 4032 4032
=5v5 -7
(C) m< —4\{);—2' (D) Khéng tim dugc gia tri ciia m.

Iz ciai:
N
Gid sili cc tiép tuyén clia (C) song song vdiy = 2016mx + 2017 tiép xirc véi (C) tai
x, = ' x, =2016m & 2x; ~3x; - 6x, = 2026m = x, la nghiém ctia phuong trinh
2x’ —3x* —6x =2016m
Xétham s8: g(x)=2x’—3x* - 6x.
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Ta cé: g'(x):6(x2 —x—l):O < hix)=x"-x-1=0
1-v5 1445
= X, =
2 2
Thuic hién phép chia g(x) cho h(x) ta dugc:

va g(x) dat cuic tri tai X,,X,.

& X,

g(x) =h(x)(2x-1) - 5x~ 1. Do h(x,)=h(x,)=0 nén

1-V5 5J5-7
g("‘):'s"l“lz‘{‘z—]‘l: 2

—5X2_1:_5(1+\[§J_1:"5ﬁ+7

g(X2)= 5 >

Lap bang bién thién ctia ham s6 y = g(x):

X =00 X1 Xz +o0
g(x) + 0 - 0 ¥
5£ -7 +oo
g(x) 5 /
-5./5-7
') D)

Dé ¢4 it nhat 2 tiép tuyén thi g(x) = 2016m phai ¢ it nhit 2 nghiém phén biét

5\/5—7‘1)—5\/5—7 5J5 -7
2

Sm< .
4032 4032

<2016m <

—5J5-7
A

Chii y: Néu g(x) = 2016m cé dng 2 nghiém thiné ¢é 1 nghiém don va 1 nghiém kép nén
khéng xdy ra kha nang chi cd 1 tiép tuyén tiép xic v6i (C) tai 2 diém phan biét ma khi d6 (C)
sé ¢6 2 tiép tuyén (ing v6i 2 tiép diém.

DANG 3:
VIET PHUONG TRINH TIEP TUYEN BI QUA 1 BPIEM CHO TRUGC

Bai todn:

Cho dé thi (C): y = f(x) va diém M(a; b). Viét phuong trinh tiép tuyén di qua M(a; B) dén
d6 thi (C): y = f(x).

Phuong phép

PHUGNG PHAP TIM TIEP PIEM

CACH 1: Gia sti tiép tuyén di qua M(a; b) tiép xtic v6i d6 thi (C): y = f(x) tai tiép diém c6
hoanh d¢ X; = Phucng trinh tiép tuyén c6 (A):y = £'(x, x —x, ) +£(x,)




! Ning cao ky ndng gidi todn trdc nghiém
; 100% dang bai ham s, cdc bai todn lién quan

Do M(a;b) € A nén b=1"'(x,)(a—%,)+f(x,)

= X; 1a nghiém ctia phuong trinh: b=1'(x,)(a —x,)+f(x,) = Gidi phuong trinh
— nghiém x € {X;;X;...;X, }

= Phuong trinh tiép tuyén tai x, la: y=1'(x,)(x —x,)+f(x;)

CACH 2: Pudng thing di qua M(a; b) v6i hé s6 goc k c6 phuong trinh: y =k(x -a) + b
| s {f(x)=k(x—a)+b .

tiép xdc v6i d6 thi (C): y = f(x) < Hé phuong trinh ¢ nghiém.

f'(x)=k
= f(x)=1'(x)(x—a)+b = Giai phuong trinh = Nghiém x € {x;X;;..; X, }
= Phuong trinh tiép tuyén tai X; l&: y=1'(x,)(x—x, )+ f(x,)

Bai tap
€5 sigeng,,

"Baitgp1] Céc tiép tuyén véi d6 thi ham s6 (C):y = £(x)=x> —x -6 di qua A(2; 0) ¢6 céc

phuong trinh la:

(A)y=11x - 22; (B)y=2x-4vay=11x-22
Y Y Y

(Cy=2x-4 (D)y=3x-6vay=2x-4

‘EX| Giai:

& i

Tacéd: £'(x)=3x>—1.

Dudng thing di qua A(2; 0) v6i hé s6 géc k cé phuong trinh: y = k(x - 2) tiép xtic véi (C)

f()-k(x-2)
& {k:f‘(x) ¢ nghiém
:;f(x):f'(x)(x—2)<:>x3-—x—6=(3x2—1)(x—2)
<=>X3-3X2+4=0<:>(X+1)(X—2)2 =0<:>|i:z—;

+Vix=-1 = k=2 = Tiép tuyén co phuong trinh: y = 2(x - 2) hay y = 2x - 4.
+Véix=2 = k=11 = Tiép tuyén c6 phuong trinh: y = 11(x - 2) hay y = 11x - 22.
Chii y: Khong nhim lin giiia viét phuong trinh tiép tuyén véi d6 thi (C) tai 1 di€m voi
viét phuong trinh tiép tuyén v6i d6 thi (C) qua 1 diém.
3x+3

“Bitip2  Cdc tiép tuyén vSi db thi ham s6 (C):y = 5 di qua g6c toa do O(0; 0) b cac
i i) —
phuong trinh la:
- -3J3-6
(A)y= 33 6x. (B) y=—\/———x.
2 2
©y= 336 X vdy= i—ﬁ-_—(sx. (D)Khong c6 tiép tuyén.




