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Phan

DPAI SO

Chwong 1.
SO HU'U Ti - SO THUC

§ 1. TAP HQP Q CAC SO HUU TI

A. TOM TAT Li THUYET

1. S6 hiru ti 1a s6 viét duge duoi dang phan sb = voi a,beZ,b#0

2. Ta c6 thé biéu dién moi sb hiru ti trén truc $6. _
Trén truc 56, diém biéu dién s hiru ti x dugc goi la diém x.

3. Véi hai s6 hiru ti bat ki X, y ta ludn c6 hodic x = y hofic x <y hofic x > Y,
Ta cé thé so sanh hai so hiru ti bing cach viét chiing dudi dang phan s6
rdi so sanh hai phan s6 do. ) i
« Néu x <y thi trén tryc s6, diém x ‘G bén trdi diem y ;

. So hiru ti 16n hon 0 duge goi la so hiru ti duong ;
+ S6 hiru ti nho hon 0 dugc goi la s6 hiru ti am ;
» Sb hiru ti 0 khong 1a s6 hiru ti duong ciing khong 1a s6 hiru ti am.

B. CAC DANG TOAN
Dang 1. SUDUNG CACKIHIEU € ,¢ ,c ,N,Z,Q.

Phwong phap giai.

Cén nim vimg y nghia cta timg ki hiéu :

« Ki hi¢u € doc 1a “Ia phan tir cia” hoic “thudc”.

+ Kihiéu ¢ doc 1 “khong phai 1a phan tir ctia” hodc “khong thude”.
« Ki hiéu < doc 1a “la tap hgp con cua”.

* Kihi¢u N chi tap hop cic s6 tu nhién.

» Kihi¢u Z chi tap hop cac sb nguyén.

+ Ki hiéu Q chi tap hop céc s6 hiru ti.




Vidu 1. (Bz:li 1tr.7 SGK)
Dién ki hiéu ( ¢, €, < ) thich hgp vao 6 vudng :

-SDN: -3[]z; -3[]Q.
—%Dz; —%D@: N[z[Je.
Gidi.

-3[gN; -3[dz; -3[de.
-2[dz; -2[de;  N[dzle

Dang 2.  BIEU DIEN SO HOU Ti

Phwrong phép gidi.

.« S6 hiru ti lhub‘ng duge biéu dién dudi dang phan 56 lm gian.

. Khl bleu dién so hﬂ'u ti trén tryc s0, ta thuémg viét so dé dudi dang phén
s6 10 gmn ¢6 méu duong. Khi d6 miu cua phin s& cho biét doan thing
dom vi cén duge chia thanh bao nhiéu phén bang nhau.

Vidu2. (Bai21tr.7SGK)
a) Trong cdc phan sb sau, nhimg phén s& nﬂo biéu dién s6 hiru ti

|3

-12 -15 24 =20 =27

15°' 207 32" 28° 36

b) Biéu dién sb hiru ti —2:4- trén tryc so.
Gidi.

a) Tacd —_31 = —_43 . Rut gon cac phéin s6 da cho ta dugc :

<12 -4 =15 -3 24 -3 -20 -5 -27 =<3
1§ S5 20 4°38 4°'28 .7 % 4
Viy céc phin sob1eudu.nsohtruu-%~la =15 2% .. =2

; v —.
-4 20 -32 36
. a %3 I . 3 - F4 o .k 3 "'3 . . A
b) Biéu dien so hiru ti = trén truc so : Ta viét — = T va biéu

dién trén truc s6 nhu sau :

.....
-----

Dang 3. SO SANH CAC SO HOU TI

Phwong phap gidi.

* Viét cac s6 hivu ti dudi dang phén s6 ¢6 cung mot mau duong ;

+ So sénh cic tir, phan s6 ndo c6 tir nhé hon thi phan 56 d6 nho hon.

* (6 thé sir dung tinh cht sau dé so sanh : Néu a,b,ceZ vaa<b thi
a+c<b+c.

Vidu3. (Bai3tr.8 SGK)

So sanh cac s hiru ti
a)x-—i va ==
R T
=213 I8
b) x= Aay=—:;
VX="350 A= 5

c)x=-075va y=—

Gidi.
2 =2 =2 -3 =21
a)x=—=—=——-;y=_-_
-7 7 77 11 77
=22 =21 2 -3
-22<-21va77>0 —_—<— —<— (x<y).
< v nén - < = hay _7<“ (x<y)
=213 18 —l8 =216
by x="22 s y=—— =T o=
300 25 25 300 °
=213 =216 =213 18
Ta cé _—(x>
20 300 ~ 300 ™ 00 > 25 &7V
=75 3 =3
=-0,75=——="=_Vi = (=),
c) x T Viy -0,75 y (x=y)

Vidud. (Bii4tr.8 SGK)

So sanh s6 hiru ti % (a,b €Z,b = 0) véi sb 0 khi a, b cing du
va khi a, b khéc déu.




Gidi.
Nh tinh chét co ban ctia phan s, ta ludn c6 thé viét mdt phan sb c6

mau 4m thinh mét phén s6 bing n6 va c6 miu duong. Vi vdy, ta chi cin xét
s hiru ti % (a,beZ,b>0).

Néu a, b cling déu thi ta c6 a> 0. Do d6 %>% hay %:»o.

Néu a, b khéc ddu thi ta c6 a < 0. Do 6 %<% hay £<0.

Nhin xét : S6 hiru ti % (a,beZ,b=0) 1a sé duong néu a, b cing diu, 1a

s6 4m néu a, b khac déu, bing 0 néua=0.
Vidy5. (Bai5tr.8 SGK)

Gia sur x=i,y=£(a,b,mez,m>0) va x < y. Hay chimg
m m

t6 ring néu chon z=a2Lb thitacox<z<y.
m
Hudmg dén : Sit dyng tinh chit : Néua, b, ¢ €Z vaa<b thi
a+c<b+c.
Gidi.
Theo dé bai x=i,y=£(a,b,mez,m>0).Vix<ynén a<b.
m m

2a 2b a+b

Tacd X=—, y=—, z=—
2m 2m 2m
a<bnéna+a<a+t+bhay2a<a-+b (D
a<bnéna+b<b+bhaya+b<2b 2)
Ta(l)va(2)tac6:2a<a+b<2b.Suyra:
2a _a+b
—<——<— hay x<y<z

Nhin xét : Bai toan nay cho thiy giita hai s6 hiru ti khic nhau bét ki bao
gid ciing c6 it nhit mdt s6 hiru ti nira. Do d6 ¢6 v6 s6 s6 hiru ti.

1.1,

C.LUYEN TAP

Dang 1. Pién ki hiéu (g, € ) thich hop vao 6 vudng :

-s[IN; -s[z; -s[]Q.

1.2

1.3

1.4

1.5

1.6

1.7

1.8

1.9

1.10

1.11

-20z; -20e; N[e.

Dang 2. Trong céc phin s6 sau, nhimg phan s nao biéu dién sd hiru

o et o S T
-5 ' -15' 12’ 35 ' -10° 40’

Dang 3. So sénh céc sb hiru ti :
| l
A ..
a) x = vay= 3
1

c)x==-0,125va y= h

-

b) x=_T2 vay=0;

Dang 1. Dién céc ki hi¢u N,Z, Q vdo 6 trbng cho hgp nghia (dién
tt ca cac kha niing c6 thé) :
Lo | e

— — - = | -
-3 el__| i 10 e D i |_| TJ L]
Dang 3. Céc 56 hiru ti sau ddy c6 bang nhau khéng :

=5 1
__a =_é s D
a) x 7vy 35 b) x lgvy

Cho hai s6 hivu ti %. % (b>0, d > 0). Chimg minh ring %<§ néu
ad < be va nguge lai.
Cho a, b, ¢ 1 nhimg s nguyén, b > 0. Hay so sanh hai sb hiru ti -E— .

va c.

Chimg minh riing néu E-c— (b>0,d>0)thi:

=]
+
(o]

l

crim
o
+
(=%
ajo

Viét ba s6 hiru ti xen giira céc sb hiru t1 sau :
a) =l vi =l s b) — L
3 4 100 100

Cho a€Z,beZ b>0,neN . Hiy so snh hai s& hiru ti % va

a+n

b+n
So sénh céc sb hiru ti sau :



1.12

1.13

1.14

1.15

1.16

1.17

a)ival—'; b)'—”vaﬁ;
7 15 6 9
c) ﬁ va E}—6-; d) ——_-265 va _—83
16 25 317 111
So sanh cac s hitu ti sau :
2002 . 14 |
AL A== B vii==;
D200 213 ) 263- V2 33
c) :3_3. vé .._3_4
37 35

Sép xép céc s6 hitu ti sau theo thir tyr gidm dan :
-12 -3 -16 -1 -11 -14 -9

.

— s — — — — —

G e,

28

Cho sb hiru ti x = ? . Véi gié trj nao cia a thi :
a) x la s duong ;

b) x 14 s6 am ; i

¢) x khong 1a s6 duong va ciing khéng 1a s6 am.

Cho sb hiruti y= 2a;1 . V6i gi trj ndo cta a thi :

a) y la s6 duong ;
b)ylasoam;

c) y khong 1 s& dwong va ciing khong 1a s6 am.
a-5

Cho sb hiruti x = (a#0). Véi gia tri nguyén ndo ctia a thi x 1a

s6 nguyén ?

Cho s6 hiru ti x ___a_2—_3 (a#0). Véi gid tri nguyén nao cua a thi x 1a
a

A 3n 9
s0 nguyén ?

§ 2. CONG, TRU SO HT?U TI

A.TOM TAT Li THUYET

1. Cjng, trir hai s6 hiru ti.
+ Ta c6 thé cong, trix hai sb hitu ti x, y biing cach viét ching duéi

dang hai phan s6 c6 cing mdt miu duong rdi ap dung quy tic cong, trir
phan sb.

* Phép cong sb hiru ti cé cac tinh chit cua phép cong phan s : giao
ho4n, két hgp, cdng véi sb 0. M3i sb hiru ti déu cé mot sé ddi.

2. Quy tic “chuyén Ve,
Khi chuyén mot sé hang tir vé nay sang vé kia ciia mot ding thirc, ta

os e Nacagi Lif
nhai dbi dian 6 hano d6,
I e~ o

Véimoi X,y,zeQ: x+y=z=>x=z-Yy.
3.Chuy.
Trong Q, ta ciing ¢ nhimg téng dai sd, trong d6 co thé ddi chd cac sb

hang, dat déu ngoéc dé nhém céc sé hang m¢t cach tiy y nhu céc téng
dai s6 trong Z.

B. CAC DANG TOAN
Dang 1. CONG, TRU HAI SO HOU Ti

Phwong phip giii.

* Viét hai sb hiru ti dudi dang hai phén s ¢6 cling mot méu duong (bing
céch quy ddng miu ciia ching) ;
* Cong, trir hai tir s6, mAu chung giir nguyén ;

* Rt gon két qua (néu c6 thé).

Vidul. (Bai6tr.10 SGK)

Tinh :
-1 -1 -8 15
| R et )=
21 28 18 27
c)%ﬂ],?s, d)3,5—(—3).

10




Huréng din.
-1 -4 —3 -4+(-3) = -_l

)2_1 28 84 84 84 84 12

b) Nén rit gon céc phén sb trudce khi trir ;
=8 15 4.3 45 -9
18 27 9 9 9 9

c) Pap s : %

d)Pap s6: —=3—,

po3-Sl 6 13 1L,
16 16 16 8 16’

—5 P=12: 7T 17T 3,
16 16 16 16 16 4°

Dang 3. TINH TONG HOAC HIEU CUA NHIEU SO HUU TI

Phwong phap giai.

« Ap dung quy tic “dédu ngojc” ddi véi cac sb hiru ti :

Véimoi x,yeQ: —-(x+y)=-x-y
* Néu cé cic dau ngodc tron, ngodc vudng, ngodc nhon thi lam theo thir

Dang 2.  VIET MQT SO HUU TI DUOI DANG TONG HOAC HIEU CUA tw truée hét tinh trong ngodc tron rdi den ngodic vudng, cudi cing la
HAISO HOU TI ngodic nhon.

+ C6 thé bo diu ngodic rdi nhém céc sé hang mdt cach thich hop.

Phwong phiap giai. Vidy3. (Bai8tr.10SGK)

Mot {rong cac phuong phép giai cé thé lz’i : Tinh:
'Viet s0 hiru ti dudi dangphan s6 ¢6 mau duong ; a) §+[,§)+(_§]- b) [_i).,.(_g].,.(_'i]-
7% 2 5/° 3 5 2

* Viét tir cia phan sb thénh tong hodic hiéu cua hai sé nguyén ;
c) i_(_EJ._l; d)z._ (_.7.]_(.!.4.2] 8
5 7/ 10 3 4 2 8

* “Téach” ra hai phan s ¢6 tir 1a céc s6 nguyén tim dugc ;
« Ruit gon phan s6 (néu c6 thé).

Vidu2. (Bai7tr.10SGK) Giai,
Tacéthéviélséhfruﬁ-}g-duéicécdangsaudﬁy: a)g (_3]{_3]=g+—_s+_—_3=§__q+-|7s+-42=-187
& i .8 7 2 SH T2 7S "0 Y0 70 70
a)—létongcuahalsohﬂ'utlam Vidy: —=—+—; 47
16 8 16 =-27_00
b)—léh:eucuahanséh&uuducng Vidu: T‘::l—%. d)g [( 7) (1+3]]_2 [—7 [4+3]:|_2 [-7 7:[
Vén mdi ciu, em hay tim thém mot vi dy. 3 4 2 8 3 L4 8 8 314 8
- i elloe s A
-5 D+(-4 -4 = - 7. o OK
O Tachid il 52 COEED._ o) =4 = =18 03 B o,
16 16 16 16 16 i 94. 94 ™ 24 94>
= =D GOHEI) =1, = (.=97 7.
16 32 32 32 32’ b)Bipe { —m=3s
=5 =0 _EMED -3, =7 27
16 32 2 22 »° BP0 3=

11 12




Dang 4.  TiM SO HANG CHUA BIET TRONG MOT TONG HOAC MQT
HIEU
Phwong phiép giai.

Ap dung quy tic “chuyén vé&” :

dbi ddu s6 hang dé.

Khi chuyén mét sé hang tir vé nay sang vé kia clia mot diing thirc, ta phai

Vidy4. (Bai9tr.10SGK)

Tim x, biet :
a) x+l=§-; b)x-3=£;
3 4 5 7
6 4 |
C) —X—E——?,', d);—x—g.
Giai.
2 6 4 |
e AY i
i B & i
6 2 4 1
oL St B
7 3 ] 3
18 14 12: 7
———=X ———=X
28 24 . 21 21
4 5
Viy : =—. Viy: x=—.
T AT

4

: 5 g 39
Bog =i Pipsd: x =—=]—.
a)Papso: x L b) Papso: x 7

Dang 5. TINH GIA TRI CUA BIEU THUC CO NHIEU DAU NGOAC

Phwong phap giai.

cia céc két qua.

tinh chét giao hosn va két hop.

« C6 thé tinh gia tri cia timg biéu thirc trong ngodc rdi tinh téng hoic hiéu

+ C6 thé bo déu ngodic rdi nhém céc sb hang thich hop bing cach 4p dung

13

Vidys.

Céch 1 : A=[6—§+l]—(5 +§—3)~[3—1+§]

(Bai 10 tr.10 SGK)
g g 2.1 5 3
Cho biéu thic : A=[6-——+—]—(5+—--)-[3__+_]
3 2 3 2 32

Hay tinh gia trj cia A theo hai cich :
Cadch 1 : Truéc hét tinh gia tri ctia timg biéu thirc trong ngoic.
Céch 2 : Bo déu ngodc roi nhém céc so hang thich hgp.

Gidi.

2 3 2 32
_36-4+3 30+10-9 18-14+15
s 6 6
o35 31 19 =15 =5 .1

6 6 6 6 2 2

Cach2: A =[6-3+l]-(5+§_1)_[3_2+£]

Vi duy 6.

B=

3 2 3 2 3 2

2 -1 5 3 7z 5

=0-—+—=-5-=+=-3+——=
3 2 3 2 3: 2

s (e300

=-—2—0—-1—=—[2+l) =—2l_
2 2 2

Tinh nhanh gia trj ciia biéu thirc sau :

SEEENENE

(- DD Det
(DD (B D ik

-9-2-7 21+4+10 1
— —_—

18 35 131
1 1

=-l+l4—=—o

14

131 131°



Dang 6.  TiM PHAN NGUYEN, PHAN LE CUA SO HUU Ti

Phwong phap giai.

Cén ndm vimg céc dinh n‘ghi'a sau :
khong vugt qua x.

5 3
Vidu:|=|=2 ; |-=|=-2 ; ]0,2|=20.
o [2] [ 2] 12}
Nhu vy, [x] 12 s6 nguyén sao cho : [x] < x <[x]+1.

2. Phén Ié ciia mjt 6 hiru ti x, ki hidu {x} 12 hi¢u x - [x] :
{x} =x-[x].

x €@ taludncéd 0<{x}<l.

1. Phén nguyén cia mdt s6 hiru ti x, ki hidu [x] 1a sé nguyén 16n nhit

Vitacod: [x]Sx<[x]+] nén suy ra 0<x-[x]<I, tirc 1a v&i moi

Vidu?7. Tim: :%], [3%]; [-5]; [-1.2].

Gidl.
[1]=0. -3l]=3- [-5]=-5; [-1,2]=-2.
2 s i 3 y y )

Vidu8. Tim [x], biét:
a)2<x<%; b)—?<x<-3; ¢)-1<x<0.

Gid.
a) Ta cb 2<x<§<3 nén [x] =2.

b) —l—??-<x<—3 suyra-4<x<-3.Dodé [x]=-4.

¢)—1<x<0Onén[x]=-1.

n

Vidu9. Cho n lasé ty nhién, chimg minh riing : l:;] +[ =

Gidi.

Xét hai truromg hop : n 12 s chiin ; n 1a s 1¢.

R& rang {x} = 0 khi va chi khi x = [x] tirc 1a khi va chi khi x €Z.

n+l]
—_l=n

15

a)n=2k (keN): Taco

R g

byn=2k+1 (keN): Tacéd

e B e e

=k+k+1=2k+1=n.

Vidu10. Tim {x}, biét:

2.1

2.2

23

24

2.5

2.6

16

3 2
a) X=—-—; b) x=-3—.
) 5 ) 7
Gidi.
a) Xf-zz—b[x]f—E.Dodé {x}fx—[x]f—§-+2f-l-.
2 2 2

2 3 2 5
b) x=—3;=:>[x]=—4.Dodo {x} =x—[x]=—3;+4=7.

C.LUYEN TAP
Dang 1. Tinh :
a)%+—?l: b) %-{-_2_161; c) —2+%5.
. Dang 1. Tinh :

Dang 2. Tim ba cach viét sb hiru ti ;—58 dudi dang tong cua hai sb
hiru ti am.

Dang 2. Tim ba céch viét s6 hiru ti ;—g dudi dang hiéu cua hai sb
hiru ti duong.

Dang 2. Tim ba céch viét sé hiru ti ;—g dudi dang tong ctia mot sb
hiru ti 4m va mot s hiru ti duong.

Dang 2. Tim ba cach viét s6 hiru ti = dang hiéu cia mét sd

15
hiru ti 4m va mét sb hiru ti duong.



2.7 Dang3. Tinh:
1 (l 1) 1 (l I] L W) L)
8) =—|=+—=15 b) —=|-—=-=1; C) =——+4—+—.
)2 310 )12 6 4 )2 3 23 6
2.8 Dang3. Tinh: :
a)A=3+[—ﬁ]+[—1J; b) B=-I-— (—2]—(1+§) -
5 3 2 3 4 4 8
2.9 Dang4. Timx, biét :
el L. e T
15 10° 15 10
2.10 Dang 4. Tim x, biét :
1 2 1 1 (3)
—=—==|=-=; by —=x=—=| ==
DR ( 3) 77" 5
2.11 Dang 5. Tinh gia trj ctia biéu thic :
:(3—14._2_)_[5.'..1__2) (6__7.4.3.)
4 3 335 4 2
2.12 Dang 5. Tinh nhanh :
l_é_(_é],,L_E_L ol
3 4 5/ 64 9 36 15
2.13 Dang 5. Tinh nhanh :
L3 A -0 0 LAs W8 &0 28U
3579[]131513]19753
2.14 Dang 5. Tinh nhanh :
o S R R
99 99.98 98.97 97.96 32 21
2.15 Dang 6. Tim phin nguyén cua sé hiru ti x, biét :
a) X = = b)x—:2
7 5"
2.16 Dang 6. Tim phin nguyén cua sb hiru ti x, biét :
a)x-%<—2<x; b) x <-3<x+0,5.
2.17 Dang 6. Tim phén l¢ ctia sd hiru ti x, biét :
2A- COTVPPGT/ 17

5 4
Se— b) x=-2—.
a) x 2 ) X 9
2.18 Dang 6. Tim phan nguyén ciia sd hiru ti x, biét :
21 9
d<x<—; : b) ——<x<-4;
a) X 5 ) )
c) 0<x<l; d)-é-<x<0.

2.19 Dang6.Cho n€Z va x €Q. Chimg minh ring : [n+x]=n+[x].

2.20 Dang 6. Chimg minh ring néu x 2y thi [x]2[y]. Diéu nguoc lai ¢6
ding khong ? Tai sao ?
2.21 Dang 6. Chimg minh riing véi moi x,y € Q ta ludn c6 :

[x]+[y]<[x+y]
§ 3. NHAN, CHIA SO HOU Ti

A.TOM TAT Li THUYET

1. Nhin, chia hai s6 hiru ti.
* Ta cé the nhan, chia hai s6 hiru ti bing céch viét ching dudi dang
phan s6 rdi ap dung quy tiic nhan, chia phan $0.
* Phép nhan so hiru ti c6 cac tinh chat cua phép nhén phan s6 : giao
hoén, két ho‘p, nhén véi s6 1, tinh chét phan phm ctia phép nhan dbi véi
phép cong. Mdi sé hiru ti khéc 0 déu c6 mot sé nghich dao.

2. Ti sé.
Thuong ctia phép chia sé hiru ti x cho sé hiru ti y (y # 0) goi la ti s6 cua

hai sé x va y, ki higu I3 = hay x : y.
Y

B. CAC DANG TOAN
Dang 1. NHAN, CHIA HAI SO HUU Ti.

Phwong phap giai.

* Viét hai s6 hiru ti dudi dang phén s ;

18 2B- CDTVPPGT7/




» Ap dung quy tic nhan, chia phan s ;
* Riit gon két qua (néu c6 thé).

Gidi.

5

1

B

50

Vidul. ([?] tr.11 SGK)
2 -5
Tinh : 3,5.(-1—]; b) —:(-2
inh: a) , = )23 (-2)
Gidi.
2 7-7 -49
3,5.(-[—] =——=—=x==4,9,
2 5)°275 10
-5 -2 51 -5).1 =5
b =22 L2
23°1 232 23(-2) .46 46
Vidu2. (Bailltr.12SGK)
Tinh : a)—Eﬂ, b)024£'
8 4.
7 3
_z.[__]; o (-2):.
) D12 25
Dip sé.
-3 -9 T
= == ==1=;
2) 4 b) 10 ©) 6 6
Vidy3. (Bai l4trlZSGK)
Pién céc sb hitu ti thich hop vao 6 tréng :
= B
P X 4
: X
= e
=8 5
X =

=3 -1
M el
X
-1
-8 =| = | I8
= X 2| = | —
256 . 128
Dang2.  VIET MQT SO HUU TI DUOI DANG TICH HOAC THUONG
CUA HAI SO HOU TI
Phuong phap giai.

* Viét s6 hiru tl du6i dang phan 0 ;
* Viét tir v mau cua phan s0 dudi dang tich cua hai s6 nguyén ;

* “Tach” ra hai phén s6 ¢6 tir va mau 1a cac s6 nguyén tim dugc ;
« Lap tich hodic thuong cia cic phan sé do.

Vidud. (Bail2tr.12 SGK)
Ta c6 thé viét sb hiru ti I-—S dudi cac dang sau day
-5 =51

a)—5 4 tich cua hai s& hiru ti. Vldu —_=——;
6 16 2 8

b) - lé thuong cua hai s6 hiru ti. Vidu: —5=—5:8.
16 16 2
Véi mdi ciu, em hay tim thém mdt vi dy.
Gidi.,
—_5(1)5 =157 b—S -1

)_—_

16 44 44 &6 4

wis

Vidy5. Tim nhiéu cach khic nhau dé viét s§ hiru ti ;—; duéi dang tich

cua hai sb hiru ti.

19 20



Gidi.

Taco: —(—7)—"7—.

30 30

- =7 : 3L
Nhién xét : %:%:%.Dodémcétmwét:

i B e Y IO e O

30 215 215 152 152
Talaicod: ——7=M=Lﬂ.Dod6tacélhéviét:

30 65 6.5

=00 N - g e

B0 6°5 6.5 56 o6
Tacﬁngcé:"—?=L-7)—( ). .Dodétacé:

30 3.10 3.10
30 310 310 1003 103"
Dang 3. THUC HIEN CAC PHEP TINH VOI NHIEU SO HUU Ti

Phwong phap giai.

« Nim vimg quy tic thuc hign cac phép tinh, chi ¥ dén diu cua két qua ;
* Dam bao thir tyr thye hién céc phép tinh ;
« Chii y van dyung tinh chat cac phép tinh trong trudng hop c6 thé.

Vidué. (Bail3tr.12 SGK)

Tinh :

312 2 o AT .
)4'-5[ 6)’ R TRy
11,33) 3 VA (_E)_ﬁ
)[12'16]5’ ) 23'[ 6 18}

21

;. —I5
d) Bap so'si——==-7—;
) Dap >
5. 19 .3
b)PDapso: —=2-.
) Dép so 2 3

Vidu7. (Bail6tr.13 SGK)
Tinh :

3 15 NE S

Giai
4 (a2 Sl fel dYd (= 8 =l €18
\S 705 L8 9S8\ 7T B A4S
‘ =[:§+Z]i=0:i=o|
5 g8 s

b,é.(i_i},é.[i_z ’
g\~ 22)-9'\15 3

9 22 9 :15
ELRELE )

9-3 9 9 9\ 3 3
_3-21_5(21)_

9 3 9.3

Dang 4. LAPBIEU THUC TU CAC SO CHO TRUOC

Phuong phap giai.

{ 3 < 4 1
Khi giai loai todn nay, can quan sat dé phét hién ra dac diém va quan hé |
cua cic so di cho, tir dé ldp dugc biéu thirc thich hop. Sau khi ¢6 biéu
thirc. can kiém tra lai theo yéu cau cua dé bai.

Vidu 8. (Bz‘xi 15 .13 SGK)
Pé : Em hay tim cach “ndi” cac sé ¢ nhimg chiéc 1a béng dau
cic phép tinh cong, trir, nhan, chia va dau ngodc dé duge mot
biéu thirc ¢6 gia tri ding bing s & bong hoa & hinh v& bén.

)]



33

34

35

Giai,

Véi bong hoa ¢ bén trai. ta cé thé lap duge hai biéu thic :
. 4(=25)+10:(=2)=— 100+ (=5)= — 105-

4.10.(=-2)+(=-25)=

- 80 +(—-25)= = 105.

Vi bong hoa & bén phai. ta ¢6 thé Idp duge biéu thire :

:I)'-(-IOO)—S.(J:S=—50~U.7=—50.7.

Dang 1. Tinh :
-9 17

a) =—-—;
34 4

Dang 1. 'l'inh:

a) = I-'

Dang 1. Tinh :
-5 3

)__.

23’

Dang 1. Tinh :

c) ?:(—3):
Dang 1. Tinh :

25,79 1,79
6 5’

C. LUYEN TAP

b)

20 4,
S

4]

5 4

¢) -15-

(SRS

23

3.6

3.7

38

3.9

3.12

3.13

3.14

24

W B e o) SERY SR ; : s TG e i
Dang 2. Viét s hiru ti o thanh tich cua hai so hiru ti theo sau cach

khac nhau.

Dang 2. Viét s6 hiru ti ;—'; thanh thuong cua hai s6 hiru ti theo sau
cach khac nhau.

Dang 3. Tinh :

a) 2—4-(l+i]: b) [-l+§\} 11-7
3 2 4 3 6y

Dang 3. Tinh gia trj cua biéu thirc A = 12(x ~ y) theo cach 16t nhat
trong cac truong hop sau :

)
a)x=699,y=-101: b) x=3 l) =2=.
4 3
3 3.3.8
-+ +
Dang 3. Tinh gia tri cua biéu thirc : M = ,:l :f, 7, 11..
18 13¢ 135 15
-4+
' O A |

Dang 3. Tinh gid tri cua cic biéu thirc sau (chi ¥ ap dung tinh chit
cac phép tinh) :

a=(2) L (L), = (-1)(-13).2.

11) 15 \ -5 6 19) 45

c{-é].i{ﬁ).i; Dz(za.z_s][ 1)_
9/ 11 1811 - 15 17 32 17

| 1 = 7 3 : 2
Cho l’=[——)-—-x-[—7]-(—i] (x € Q). Hay xdc dinh dau cua x
2)9 13 5
khiP>0.P=0.P<0
; g D nE o syt BLIDE S0 e o
Dang 4. Ding dau cic phép tinh va cac s6 hiru ti Pl deé lap
45
. [
mot biéu thirc ¢6 gia trj la —22.
28
Viét cac thuong sau thanh tich :
1 2 1
a)=:|-=1: b) (-3):—; -12:13.
)5[ 3] ) ( )4 ¢) 13



3.15 Viét céc tich sau thanh thuong :
-4 3 4 3
a) —:=; b) -5-—; =-(-2); d) -11.13.
) 57 ) 9 0)7( ) )
3.16 Tim x, biét :
aJ _..2.);_...4_; b) 2)(:—-7_; c) _.-?—xz—_E;..'
3 15 13 26 19 24
3.17 Tim x, biét :
2. 5,38 3., L.3 25L. .1 2
—X+—=—} —X——=— —_—Xt—_=—
a)sx 7 10 b)4" 2 T 9 B" '8 B
3.18 Timx, biét:x.x=x.
3.19 Chosd hiruti x # 0. Khi nao thillé mq‘ltsénguyén?
X
320 Cho x==, y=-§ (y #0) 1a hai sb hiru ti. Khi nio thi thuong = 14
Yy

b
mot sd nguyén ?

§ 4. GIATR| TUYET BOI CUA MQT SO HIU Ti.
CONG, TRU, NHAN, CHIA SO THAP PHAN.

A. TOM TAT Li THUYET

. Gia tri tuyét ddi ctia mjt s6 hiru ti.
Gid tri tuyét dbi cua s hiru ti x, ki hiéu x| 1a khoang cach tir diém x dén
diém 0 trén truc so.
|x| ol X khl x20
-x khi x<0

. Cong, trir, nhén, chia sé thip phan.

Dé cong, trir, nhan, ch:a s6 thap phan, ta co thé viét ching dudi dang
phan s6 thip phan rdi 1am theo quy tic cic phép tinh da biét vé
phan so.

Trong thuc hanh ta thudng cfng, trir, nhdn hai s6 thap phan theo céc
quy tic vé gid tri tuyét dbi va ve déu tuong ty nhur déi véi s6 nguyeén,
Khi chia so thap phan x cho s thap phan y(y # 0), ta ap dung quy tic :
Thuong cua hai s6 thap phan X, y 1a thuong cua [x| va |y| v6i diu “+”
ding truéc néu x va y cing ddu va diu “-” ding truéc néu x va y
khac déu.

25

B. CAC DANG TOAN
Dang 1.  CAC BAI TAP VE GIA TRI TUYET DOI CUA MQT SO HUU TI.

thm;_, ph:'lp giai,

! Cin ndm vimg dinh ngua Lid tri tuycl dm cua mot s6 hiru .
If Ix/= xnéux20:
|
|

Xl =-x néu x <0.
+ Céc tinh cht rit hay su dung ctia gid tri tuy¢t doi
| Voimoi xeQ : [x|20 :|x|=|-x] :|x|= x.

Vidul. ([22] .14 SGK)

Tim |x). | biét -

¢ a)!\'—‘-%l: b)x:l; ¢) x=-3

~J
VR |

[-1] 1
A) ==t b - :
7177 I ‘ “
Vidu2., (Bai17u.158GK) _
1) Trong cac khang dinh sau ddy. khang dinh ndo ding ?
A 251 =255 B.-25|==-25: C.|-2.5|==(-2.5).
2) Tim x. biet :

|
~a) |x|=§: b) |x|=0.37:

2
¢) [x|=0: d) |x|=1=.
. ]
Tra loi.
1) Cac khang dinh ding 14 : a) va c).
2)a}x=i%: b) x=%0.37:
¢)x=0: d}x=il%.
D

Vidu3. (Bai251.16 SGK)
Tim x. biét :



a) |x

Gidi.
a) Bai nay c6 thé giai theo hai cach :
Cdch 1. (Can cir vao dinh nghia cta gia tri tuyét déi)
*Néu x-1,720 tirc la x >1.7 thi ]\—l ?|-'<—l 7
Trong truomg hgp naytaco :x~1.7=2
x=23+17
x = 4 (thoa man diéu kién x>1.7)
*Néu x-1. 7<0 tre la x < 1,7 thi
[x=1.7==(x-1.7)=1.7-x.
Trong trudng hop nay ta ¢o :
1,7-x=23
1.7-23 =%
x =~ 0.6 (thoa man diéu kién x < 1.7).
Vay:x = 4.x = - 0.6.

Cdch 2. (Can ¢t vao tinh chit |x| = |- x|).
x=1.7/=23suyra:x-1.7=23 (1) hodc: -(x - 1.7)= wre la

Xx-1,7=-23(2)
Tr()taco:x=23+1.7=4
Te(2)tacd:x=-23+1.7=-0.6.
Viay:x=4.x=-0.6.

L, e 3] 1 Sl K ses se ai
b) Fheang dan. Viét x+Z —==0 thanh = =§ roi giai bing
2
it — . S =5 -13
mat trong hai cich nhu cau a). Dapso : x = I_" X= E
Vidu4. Tim gid tri nho nhat cua cic biéu thire sau :
A=x—l : B=|x+3|+2.
2 4
Gidi,
; : : e 1 =
* Vi moi xeQ 1a ludn co |x|20. Vi vay : A= x—/20. Bitu
1 1
thirc A ¢ gia tri nho nhat bing 0 khi x-==0 tircla x = i

27

St dum__ tinh chét cor bdn ctia phan s6 -

-

J
X+
4

-

J
P

-.

«Tacod 20 nén —+2 co gid tri

a 2

: H - . 2 . = J
nho nhat bang 2 khi x + - 0 urcla x = %

Vidu5. Tim gia tri In nhat cua céde biéu thire sau :

2 S
C==|x+= D==-[3x-2.
17
Gidi.
* Vaimoi xeQ.1aco |x|20 nén —|x[<0.D0d6:C=~[x+={<0.
5
s . : . 2
Bicu thirc C ¢6 gia tri Ién nhat la 0 khi x+—==0 wrcla x = ==,
.
* - -~ 5 - S - A P . . »
* Vi —=[3x=2/<0 nén ﬁ—|.1x—2|s T Vay biéu thire D ¢6 gid i

Iém nhat la [—7 khi 3x-2=0 tircla x=

'eJlIJ

Vidy 6. Chimg minh rang véi moi x.y € Q ta ludn co :[x +y| < |x]+|y].
Dau =" xay ra khi nao ?

Gidi.

Véimoi x € Q taludn ¢6 x <|x| (ddu bang xay ra khi x >0).

Q) Néu x+y20 thi [x+y|=x+y.

Vi x<|x]. y<|y| voi moi x.y e Q nén: [x+y|=x+y <|x|+]y|

b) Néu x+y <0 thi IX+y|==(x+y)==x-y.

Ma —x <|x|. =y <|y] nén: |x+y|=-x-v <|x|+]y].

Vay voi moi x.y e Q tadéucéd: |x+y|<|s
X. ¥y cling dau hodc khi it nhat mét so bang 0.

=" xay ra khi

Dang 2. BIEU DIEN SO HUU TI BANG CAC PHAN SO KHAC NHAU.

l’hunng phap giai.

. e e .- et s e et e . St - e e e, e e e e

28



a a.m

s —=—— vagimeZ vam#0;
b bm
a
b

S i—“ véi neUC(@b).
bor
e s e R oA L o e R Ub i - RN ek P e i e

Vidu7. (Bai2l u.155GK) ; x
a) Trong cac phén so sau. nhimg phdn s6 nao biéu dién cing majt
-4 27 -26 -36_ 34
sOhiruti: — : Sk ; — .
=Y 84 -85

=
!
|
J

. A - a ) .a . A -~ : _'3
b) Viét ba phéan s6 cing biéu dién sd hiru ti =

Huwdng dan.

a) Rt gon cic phan s6 di cho.

o ; =27 =36 .5 = e I8 .
I'Ta 11 : Cac phan so —(F- vil biéu dién cliing mdt so hiru u :
3

: =14 =26 34

e bi¢u dién ciing mdt s hiru ti.
35 65 -85

b) Cha y ring _71 la phan s6 15i gian nén chi cin nhan ca tr va mau
cua no voi cing maot 5O nguyén Khac 0.
Dang 3.  CONG, TRU, NHAN, CHIA CAC SO THAP PUHAN.

l’hu‘u’llg phép giai.

l Ap dung cic quy tdc edng. trir. nhan. chia cic s6 thap phan. [
L+ Cha y van dung cdc tinh chat : giao hodn. két hop. phan phdi. ... trong

! cac truomg hop ¢6 thé dé viée tinh 1oan duge nhanh chong va chinh
| cdo
L Xdac.

Vidu8. (Bai 18 .15 SGK)

Tinh :
a)-5.17- 0469 : b)-2.05+1.73:
c)(=3.17).(-3.1): d) (—9.18) : 4.25.
Dip sé.
a) - 5.639: b)-0.32: ¢) 16.027 ; d)-2.16.

Vidu9. (Bail91r.15SGK)
Vi bai tap : Tinh tdng S = (- 2,3) + (+ 41.5) + (= 0.7) + (- 1.5).
hai ban Hung va Lién da lam nhu sau :
Bai lam cua [Himg ' Bai lam cua Lién
S=(-23)+(+41.5) S=(-23)+(+41.5)
+(-0.7)+ (- 1,5) +(=0.7) + 1= L,5)

=[(-23)+ (- 0.7) I =[(~23)+(-0.7)
+(=1,5)] +41.5 +[(+41.5) + (-1.5)]

=(~4.5)+415 =(-3)+40

=37 =37

a) Hay giai thich cach lam ciia mdi ban .
b) Theo em nén lam cach nao ?

Nana
Gidai.

a) Ran Ilunu cOno cac <o am vai nhau diroe — 4.5 roi cOnoe 1160 v

&) Ban ng cong ¢ac se am vor nhau quoce +.2 TOL Cong uep vol

41.5 dé duoc két qua 1a 37.

Ban Lién da nhém timg cdp sO hang ¢o 1ong 1a s6 nguyén duge -3
va 40 roi cong hai s6 nay duge 37.

b) Hai céch lam cua hai ban déu @p dung cac tinh chat giao hoan va
két hop ctia phép cong dé tinh dugc hop li nhung cdch cia ban Lién ¢6 thé
tinh nham nhanh hon. Do dé nén lam theo céch cua ban Lién.

Vidu 10. (Bai 20 tr.15 SGK)
Tinh nhanh :
a) 63 +(-3.7)+24+(-0.3);
b) (-4.9)+5.5+4.9+(-5.5):
c) 2.9+3.7+(-4.2)+(-2.9)+4.2:
d) (-6.5).2.8+2.8.(-3.3).

Hudng dén.
a) (6.3+2.4)+[(-3.7)+(-0.3)]:
b) [(-4.9)+4.9]+[5.5+(-5.5)):
¢) [2.9+(=2.9)]+[(-4.2) +4.2]+3,7;
d) 2.8.[(-6.5)+(~3.5)].
Vidu 11, (Bai 24 tr.16 SGK) ;
Ap dung tinh chat céc phép tinh dé tinh nhanh :
a) (=2.5.0.38.0.4) - [0.125.3.15.(-8)):
b) [(~20,83).0.2 +(=9.17).0,2]:[2.47.0.5 - (-3,53).0.5] .



Hueémg din.
a) [(-2,5.0,4).0,38] - [(-8.0,125).3,15] . Pap 50 : 2,77.
b) [(-20,83-9,17).0,2]:[(2.47 +3,53).0,5]. Pap s6: - 2.

Dang 4. SO SANH CAC SO HUUTI.

Phwong phap gia;ai.

Khi so sénh hai s6 hiru ti can chd y :

* S6 hiru ti duong 1on hon s6 0 .

* S6 hiru ti &m nhé hon s6 0 . : _

* Trong hai sb hiru ti 4m, s néo c6 gi tri tuyét d6i nho hon thi s6 d6 lén
hon

* C6 thé sir dung tinh chét “bic cau” dé so sanh,

Vidy12. (Bii22 tr.16 SGK) .
Sép xép céc s6 hiru ti sau theo thir tur 16n dan :
03 =2 135 =& 0; —Qi875
6 3713
Tra loi,
-—l-%<—0,875<—2 <0<0,3 <i.
3 6 13
Vidy 13. (B4i23tr.16 SGK)
Dya vao tinh chét “Néu x < y va y <z thi x < 2", hdy so sanh :

a)%vél,l; b) — 500 va 0,001 ; c)%'véw__—%.
Giai.
a)Tacé%<Iv§l<l,lnén%<l,l.
b) - 500 <0 va 0 < 0,001 nén - 500 < 0,001.
c)_—12—2<ﬁsu ra_.—lz‘r.l (1)
87 a7 36 " =37 3
l—1—3-<-B su ral~<E (2)
3 30 a3 Y '3 3%
-12 13
Te()va(Q)tacdo: —<—.
u(l)va(2)taco —3?<38

31

Dang 5. SU DUNG MAY TINH BO TUI DE LAM CAC PIEP TINII
CONG, TRU, NHAN, CHIA SO TIIAP PITAN.

-

Phuong phap giai.

Nim virng cach sir dung céc nut :

., G5, &, B, A, M+, M=, [MR]

Vidy 14. (Bai26tr.16SGK)
Ding may tinh bo tui dé tinh :
a) (-3,1597)+(-2,39); b) (-0,793)-(-2,1068);
¢) (-0,5).(-3,2)+(-10,1).0,2; d) 1,2.(-2,6)+(-1,4):0,7.

Pip sé.
b) 1,3138; c)-0,42;

.
3 i

a) — 5,5497

=
~—
I
N
—
I~

C.LUYEN TAP

4.1 Dang 1. Tim |x|, biét :
4 -3 1
a)x-_T’ b-)x—_—“, c) x=-0,749; d)x—-—S?.
4.2 Dang l. Tim x, biét :
8) =0;  b) [{=1375; o) ]x|=-;—; d) |x[=3%.

4.3 Dang 1. Tim x, biét :

3| 1
a)|x-1,5|=2; b) x+—-—=0.
)| ! ) Zl >
4.4  Dang 1. Tim gid tri nho nhit cia biéu thirc: A =5+ —%— X
4.5 Dang 1. Tim gia tri Idn nht cia biéu thirc : B=2-|x +§ ;
4.6  Dang 1. Tim x, biét : l4x|-|-13,5| =|-7,5|.
4.7 Dang 1. Tim gia tri nho nhit cta biéu thirc : C=2-|x -%I -1.

4.8 Dang 1. Tim gia tri In nhét cta biéu thirc : D=3- %l% -x

4.9 Dang 1. Tim x, biét :

32



1 3
a) [x|+x==; b) |x|-x==.
Il+x =2 ‘ ) Ix|-x=7

4.10  Dang 1."Tim x, biét :
a)|x-2|=x: b) |x + 2| =x.

4.11 Dang 1. Tim x, y biét : |x - 3.5| + |y — 1.3/ = 0.

4.12 Dang 1. Tim x, biét : |x — 3.4 + 2,6 — x| = 0.

4.13 Dang 1. Tinh gia tri cua cac biéu thirc sau véi : [a| =1.5; b=-0,5.
M=a+b; N=2a-3b; P=a:3-3:b.

4.14 Dang 1. Tim gia tri nho nhit cua biéu thirc sau :

A =|x -500|+|x -300/.

4.15 Dang 2. Trong cdc phan sb sau, cac phan s6 nao biéu dién cing mot
s -8 6 12 =36 -i2 -i6
sohtuti: —, —5 —s —, ’ .

14 27 =21 63 =54 27

4.16 Dang 2. Viét ba phan s6 cung biéu dién sé hiru ti — 0.75.
4.17 Dang 3. Tinh nhanh cac tong sau day :

a) (+5,3)+(=0,7)+(=5.3) :

b) (+5,3)+(=10)+(+3,1)+(+4.7) :

¢) (4.1 +(=13.7)+(+31)+(=5.9) +(-6.3) .
4.18 Dang 3. Tinh :

a) (+9)+(-3.6)—-(+4.1)—-(-1.3) :

b) (+5,2)=(+6,7)—(-2,3)+(-4.1) :

¢) (+2,7)—(—4,3) +(-8,5)-(-0,6).

4.19 Dang 3. Tim x, biét :

a) x+(+24)=(+3,1); b) x+(=3,5)=(+1.7)
¢) (-4, 7)+x=(-1.8) : d) (-4.6)+x =(-3.5).

4.20 Dang 3. Bang vudng véi cac s6 sau ddy ¢o dac diém gi ?

4.21 Dang 3. Dién s6 thich hop vao 6 trong trong bang sau:
x 2 1,5 6
y -3 -6,3 6,3 9
z -2 13 0
x+y+z | 45 -3,7 -12,5 2 -2
4.22 Dang 3. Tinh:
a) (=2,5).(-4); b) (-2,5).(-7).(-4);
¢) (-0,5).0,5.(-2).2; d) 25.(-5).(-0,4).(-0,2);
e) (-0,5).5.(=50).0,02.(-0,2).2.
4.23 Dang 3. Tinh cdc tich sau biét ring a.b=2,3:
a) a.(-b); b) (-a).(-b);
c) a.(-2b); d) (-3a).(2b).
4.24 Dang 3. C6 thé kiém tra ring : 227,2-193,7 =33,5. Sir dung két
qua nay dé tinh :
a) 66,5+(227,2-193,7); b) 66,5-(193,7-227,2);
¢) 66,5+(193,7-227,2); d) (227,2-193,7)-66,5;
e) 66,5-(227,2-193,7); f) (193,7-227,2)-66,5.
4.25 Dang 4. Choa=2,5; b=-6,7; ¢ = 3,1; d=-0,3, hdy tinh va so

sanh céc hiéu sau :
a)a-b vab-a;
¢) b—d va -b—(-d);
e)a-b va -b-(-a);

b) b—d va d-b;
d) b-c vi c-b;
fy c—a va —c—(-a).

§5,§6. LOY THPA CUAMOT SO HOU TI

A. TOM TAT Li THUYET

3A- COTVPPGT N

-2,3| 45,7 | -1.3
+1.7 | +0.7 | -0,3
+2,7 | =4.3 | 43,7

1. Liiy thira v&i s6 mii ty nhién
Lily thira bic n ctia mdt s hivu ti x, ki hiéu x™, 1a tich ciia n thira sb x
(n1d mdt 6 ty nhién lén hon 1) : X" =x.x..x (x€Q, neN, n>1)
n

Quyuéc: x'=x ; x"=1 (x#0)
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n
Khi viét s6 hiru ti x duéi dang %(a,beZ,b:O), taco: [%) =—,

2. Tich va thuong ciia hai luy thira ciing co s6
« x".x" =x™" (Khi nhan hai liiy thira ciing co s6, ta giir nguyén co sb
va cong hai so mii)
o x":x"=x""(x#0,m2n) (Khi chia hai liiy thira ciing co s6 khéc
0, ta giir nguyén co s6 va liy sb mii cua liy thira bi chia trir di sd mi
cua liy thira chia).

3. Lay thira cia liiy thira

e (x™)" =x™" (Khi tinh lily thira ctia mt Iy thira, ta giir nguyén co sb
va nhén hai s6 mil).

4, Liiy thira ctiia m{t tich
¢ (x.y)" =x".y" (Liiy thira ciia mt tich bing tich céc lity thira).
5. Liy thira cia mt thwong

. [EJ = x_n (y#0) (Liy thira cia mdt thuong bing thuong cac liy
y Y
thira).

B. CAC DANG TOAN

Dang I. SU DUNG DINH NGHIA CUA LUY THUA VOI SO MU TU
NHIEN

Phwong phip giai.

Cén ndm vimg dinh nghia: x" =xx.x (xeQ,neN,n>1).
n

Quyudc: x'=x ; x"=1 (x#0).

Vidul. (Bai271tr.19 SGK)

=Y By
Tinh:(?); (-21]; (=0,2)%; (=5.3)".
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Dip sb.

CR N R -
3) 81 4) N4l e e
(-0,2)* =0,04; (-5,3)° =1.

Vidy2. (Bai281tr.19SGK)

2 3 4 5
mn: (~3)5 (3): () (45
2 2 2 g)-°
Hay rit ra nhin xét vé dau cua lity thira v6i s6 mii chin va liiy
thira véi s6 mii 1é ctia mét s6 hiru ti am.

Tra loi.

ray 4. ay_ 1. fay. A, of . i
gk 4 A2 E Vz) 16" L T

Luy thira véi sé mii chin cua mdt s6 4m 12 mdt s6 duong, liiy thira
véi s6 mii 1é ciia mot s6 am 1a mot s6 am.

Vidu3. (Bai29tr.19 SGK)

16 16 (4)?
Viét s6 -8;1- dudi dang mét liiy thira, vi du §=(§) . Hay tim
cac cach viét khéc.
Tra loi.

I 2 4 4
Céc cach viét khic : L (16) =(_i] =(3) =(_3] g
81 81 9 3 3
Vidud. (Bii32r.19 SGK) .
D4 : Hay chon hai chir sb sao cho c6 the viét hai chir s6 do

thainh mét liy thira dé duqc két qua la s6 nguyén duong nho
nhit. (Chon dugc cang nhiéu cang (6t).

Tra loi.

S6 nguyén duong nho nhat 1 1. Ta c6 :
'=P=P=1=...=1° =1
1°=2°=3"=4°=...29° =1.

Vidy5. (Bai33tr.20 SGK)
Diing may tinh bo tii dé tinh :
3G.9% (-0,12)% (154 (=0,1% (1,2)°.
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Pip so.
(3.5 =12,25; (=0,12)* =-0,001728: (1,5)* =5.,0625:
(=0,1)° ==0,00001; (1.2)° =2,985984 .

Dang 2. TINH TICH VA THUONG CUA HAI LUY THUA CUNG CO SO.

Phwong phap giai.

Ap dung cac cdng thire tinh tich va thuong ctia hai liiy thira cling co sb.
2 xm.xn - xmon y

o X™ 1x® =™ (2t 0im2 n).

Vidu6. (Bai30 tr.19 SGK)
Tim x, biét :

A ANl N @y
a) K.(-E] —-5. b) [Z] .X=[E) .

Huwéng dan.

N iY AV 3
vx=(3){-3) ox=(3) (&)
Dép s6 :

1 9
a) x=—; b) x =—.
R T

Dang 3.  TINH LUY THUA CUA MOT LUY THUA

Phwong phap giai.

Ap dung céng thirc tinh lity thira ctia mot liy thira : (x™)" = x™".

Chuy:
~ Trong nhiéu truémg hop ta phai sir dung cong thirc nay theo chiéu tir
phai sang trai :  x™" =(x“‘)“=(x“)m.

~ Céan tranh sai lam do lin 16n hai céng thic : x™x"=x™" va

(x"')" =X
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Vidu7. (Bai3l .19 SGK)
Viét cac sb (0,25)° va (0,125)" dudi dang céc iy thira cia co
$6 0,5.
Gidi.
Tacé: (0,25 =[(0.57] =(0.5);
0125 =[(0.57] =(0.5)".
Vidu8. (Bai 38 tr.22 SGK)
a) Viét cac s6 2%7 va 3'* dudi dang cac luy thira ¢6 sé mii 1a 9.
b) Trong hai s6 2*7 va 3", s6 nao 16n hon ?
Gidi.

a) Nhan
4)

-
a
R

b) Vi 9° > 8" nén 3'8 527,
Vidu9. (Bai341r.22 SGK)
Trong v& bai tap cua ban Diing o bai lam sau :
a) (=5)*.(=5)’ =(-5)°; b) (0,75)° :0,75=(0,75)*;

o[(-)]-3)

3 3 3 10 10-8

e)£=@5-=(ﬁ] =10’=1000;0-8—= A
125 5 \s & (2

Hay kiém tra lai cac dap sb va sira lai chd sai (néu cd).

¢) (0,2)"°:(0,2)° =(0,2):

Huong dan.

Céc caua, c, d, f: sai .

Cac cdub, e : ding .

Sira lai chd sai :

a) (=5)°.(=5)’ =(=5)*" =(-5)%;

©) (0,2):(0,2)° =(0,2)"* =(0,2)’;

o[-
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e ]

14

48 = (22)8 i 2l6 =
Vidu 10.  (Bai39 tr.23 SGK)
Cho x €Q va x #0. Viét x'® dudi dang :
a) Tich ctia hai liiy thira trong d6 c6 mot thira s6 1a x” .
b) Liiy thira cia x°.
¢) Thuong cua hai ldiy thira trong d6 s6 bj chia la x"2.

Pip sé.
a) x" =x".x*; b) x'’ = (xz]s; c) x'? =x":x2.
Dang 4. TINH LUY THUA CUA MOQT TICH, LUY THUA CUA MQ1T
THUONG
Phuong phap giai.

Ap dung céc cong thirc :
¢ (x.y)" =x".y" (Lily thira cia mdt tich béng tich cac liiy thira).

i n

. (i] =x—n (y#0) (Lily thira cia mot thuong béng thuong cac liy
thira).

Cic cong thirc trén con duge sir dung theo chiéu tir phai sang tréi :

+ x".y" = (x.y)" (Quy téc nhan hai liiy thira cling s6 mii)
x> [X

= [;] (y #0) (Quy téc chia hai liiy thira cing s6 mii)
Y

Vidy11. ([25] tr.22 SGK)
Tinh :
a) (0,125)°.8*; b) (-39)*:13*.
Giai.
a) » Nhin xét : 0,125.8 =1, ta c6 cach gidi 1 :
(0,125).8' =(0,125.8)’ =1* =1.

39

* Nhan xét: 0,125 =%,ta c0 cach giai 2 ;

A
-8 =1.

1 3
0,125)*.8* =(_J B s
(0,125) 2 -
b) * Nhan xét: -39 =-3.13,tacé
Cich 1: (-39)*:13* = (-3.13)* :13* = (-3)*.13* 113" = (-3)* =81
. K

Vidu 12, (Bz}i 36 tr.22 SGK)
Viét cdc bicu thirc sau dudi dang liiy thira cia mot s6 hiru ti

a) 10%.2% ; b) 10%:2%; c)i25%2° ;
d) 15°9% ; e) 27%:25°.
Giii.

a) 10%2° = (10.2)* = 20%;
b) 10*:2% = (10:2)* = 5%;
0) 2528 =(52)* 2% = 5% 28 = (5.2)* =108
Hogc : 25*2% =25%(2%)* = 25" 4* = (25.4)* =100°%;
d) 15%.9* =155(3%)* = 153° = (15.3)® = 45°
Hogc : 15%.9* = (15%)*.9* =225 9 = (225.9)* = 2025*
e) 27%:25° =(3%)*:(5%)* = 3% : 5 =[%]6.
Vidu 13, (Bai43 tr.23 SGK)
Do : Biét ring 12 +22+3% +...+10% =385, dé em tinh nhanh
duge tdng : S=2% +4% + 62 +..-+ 202,
' Giii,
S=2"4+4+62 +---+20%
=(2.1)* +(2.2)2 +(2.3)% ++--+(2.10)
=22 1242822 $223% 5420102
=22(12+2% +3% +---+10%)

=4.385
=1540.

40



Dang 5.  TiM SO MU CUA MOT LUY THUA

Phwong phép giii.

Khi giai loai todn nay, ta ¢6 thé sir dung tinh chit dugc thira nhan sau day
Véi a#0,a#+l,néua™=a" thim=n.

Vidu 14. (Bai35 .22 SGK)
Ta thira nhén tinh chat sau day :

Véia#0,a#+l,néua™=a" thim=n.
Dua vio tinh chat nay, hdy tim céc s6 tw nhién m, n biét :

§ e 343 (7Y
0|5 =% Byl =] .
2 32 125 5
Hueéng din.
5 3 3
a) Viét — . -ls—(l] : b) Viét 343—2-;-(ZJ :
32 2 2 125 5 5

Papsé:a)ym=5;b)n=3.

Vidy15. (Bai421r.23 SGK)
Tim s6 tu nhién n, biét :

16 -3)" a .0
—=2; b) ——=-27; 8" :2" =4,
a) 5 =i ) 3l c)
Gidi.
16 2¢ e

a) Céch 1: 2—=2=>2—-2=>2 =2'=24-n=1=>n=3.

Céach2: 2 =2=2"2=16=22""=2"=n+1=4=>n=3.
(-3)" (-3)° 3 i 3

b)Céchl: ——=-27T=——=(-3 -3 =(-3

) Céc 31 3(_3)4 (=3 =(3) (-3)

=>n-4=3=>n=7.

Cich 2: ("831)“ = 272 (3)° =81.(=27) = (-3)*.(-3)’ = (-3)"

=n=T.
C)8":2"=4=(8:2)"=4=>4"=4'=>n=1.
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Dang 6. TIM CO SO CUA MOT LUY THUA

Phwong phap giai.

» Sir dung dinh nghia cua lity thira v6i sé mii nguyén duong :
x"=xX...x (xeQ,neN,n>1)

« Sir dung tinh chét :
Néu a" =b" thia=bnéunlé,;a=+b néunchin (neN,n>1).

Vidy16. Timx, biét:
a) x> =343 ; b) (x-2,5)* =(x-2,5).
Gidi.
a)Tacd:343=7".Dodé x> =7 nénx=7.

b) Néux=2,5tacé 0* =07 (ding).

Néu x # 2,5, chia hai vé cho (:i(—Z,S)2 # 0, ta dugc :(x—2,5)2 =1
Suyra:x-25=1hoficx-25=-1.
Néux-25=1thix=3,5;néux-25=-1thix=15.

Véy: x €{1,5;2,5;3,5}.

8
Vidy17. Timx, biét: — =27,
243

Gidi.
8
Tacé:243=3°,27=3,do dé: 3— =3’ =x?=3%3" =38,
Véy: xe{3; -3}.
Dang 7. TIM GIA TR] CUA BIEU THUC

Phwong phap giai.

« Can thyc hién dung thir tr ctia cdc phép tinh : luy thira, nhan, chia, cdng
trir. Néu c6 déu ngoic can 1am theo thir ty : ngodc tron, ngodc vudng,
ngodc nhon.

+ Ap dung cic quy tic cla cdc phép tinh va céc tinh chét ciia cic phép
tinh do6.
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Vidy 18. (Bai371r.22 SGK)
Tim gia trj cta céc biéu thirc sau :

44 (0,6)° 2’9} 6’ +3.6%+3°
a) ——: b) —=>—=; _ d) ———,
) 21 )(0.2)6 % 6°.8* ) -13
Gidi,
a) ﬂ 4_5—4_5...
2l0 (2 )5 45
24 2 e} 2213¢ 9
Hogc Y T "W=l'

0,60 _(0,23)° _(0,2°3° 243

b)——= =1215
02° (0,2° (0,2°02 02
(0,6  (0,6° (0,6 (0,6°3° 3* 729
Hojfc == a o o = —=]2I5.

(0,2)° 06] (0 6)" 0,6)° 0,6 0,6

5 5 3
Hoiic (0’6)6 = (O'f) =(°‘—6] =38 = 243:0,2 21215
(0,2 (0,2)’.0,2 \0,2/ 0,2 0,2

Hog::%:(g)s:(l)6 3:5°_3’s =243.5=1215.

0,2° \5/ '\s5) 5

o 29> M@y _ 2'3° 213 3 3
6’82 (@3Y.(2%) 2°3°2 2'3%3¢ 2Y 16

6’ +3.6°+3 _(23)°+3.23)°+3  2°3°+223°+3

o 18 ¢ =13 ¥ =13
3l 2
=3.(2 +2 +l)=_3,=_27.
=ja
Vidy19. (Bai 40 tr.23 SGK)
Tinh :
3 1)’ [3 5]‘ 5420° (-10]’ (-5)‘
=+=|; b)|===]; —_— d)|—] =] .
?) (7 2 Wa7s) ' Q254 93 5
Dip sé.
169 1 1 -2560
=i et = —--853—.
2 196’ ®) Taa’ ° 00 9=
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Vidy 20. (Bai4l tr.23 SGK)

Tinh :
3

2) (1 Z_i] (i_l) b) 2: (1_2)

3 4/ \5 4 2 3
Ddp sé.
17
- b) - 432.
1) 4800 )
C.LUYEN TAP

2) 2y 3) .
51 Dang l.Tinh:|=|; |-=|; [=1=]; (=0,1)%.
e (3) ( 3] [ 4] w3

5.2  Dang 1. Bién s6 thich hop vio & vudng :
O
27 3
16=24; -——(--—] : 0,0001 = (0, 1),
a) b) 33 7 c) (0,1)

53  Dang l. Dién sb thich hgp vao & vudng :

Dag=LTl: B-2aT: ¢) 0,25= .

125
54  Dang 1. Viét chc tich sau ddy du6i dang 1y thira :
24 8
a)2.16.8 ; b) 25.5.125 ; ———
) ) V39

55 Dang 1. Viét sb hiru t 6—8235 dudi dang mot Ity thiva, Néu tht ca cc

cach viét.
5.6  Dang 2. Dién s6 thich hgp vio 6 vuéng :

O
-EP
b) (~0,32)* = (~0,32)[ |’;

o () () (3"

5.7 Dang 2. Tim x, biét :
& R )
a)x..( =) b) - X= 7)
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5.8

5.9

5.10

5.11

5.12

5.13
5.14
5.15

5.16
6.17

6.18

6.19

6.20

Dang 2. Tinh :
NEE)
3 B
Dang 2. Tim x, biét :
) =(3): CE
a)(E] 7 e i
Dang 2. Tinh :
-5
7
5 n-1
()

Dang 3. Tinh :

b) (-2)%.(-2)*; c)a‘a’

a)

(nz1); b)

2 [T
8]4
Dang 3. Tinh : Y
Dang 3. So sanh : 2%* va 3'°.
Dang 3. Tinh : (22)@".
Dang 3. Tim s6 nguyén n 1én nhét sao cho n*® < 5%,
Tinh : (=1)* +17.

Dang 4. Tinh :
7

a) G) g b) (0,125)*.512 ; c) (0,25)%.1024.
Dang 4. Tinh :

90° 790* 3¢

e 8 s C 2
% 152° b 79* ) (0,375)?
Dang 4. Tinh nhanh :
2)2°5%; b) 4°.5%; ¢) 6°.5°;
d) 8%5%; e) 125°.8°; f) 5%.62.3%.

Dang 4. Cho sé a =2'2.5%. Tim s6 céc chir s6 ctia s6 a.
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6.21

6.22

6.23

6.24

6.25

6.26

6.27

6.28

6.29

6.30

6.31
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Dang 4. Cho $6 b=3'%17"9%2131% Tim chir s& hang don vi cia

sb b.
Dang 4. S6 cac chir s6 cua sé ¢ = 4'°.5% 1a:
A.31; B.30; €:.29:;
D, 28; B.27;
Hay chon cu tra li ding.
30
Dang 4. Tinh : S"
Dang 4. Tich 4*9°.4°.9° bing :
As 132 5 B. I3% ; C. 36" ; D. 1296%.

Hay chon céu tra 161 ding.
Dang 5. Tim n, biét ;

_32 8 ( l)Zn—i l
a =4 ; b) —=2; = =,
2)" ) 92 8
%
Dang 6. Tim x, biét ; 4 = -9
2 X
2
Dang 6. Tim quan h¢ giira x va y, biét :
a) x*=y*; b) x* =y*.
Dang 6. Tim x, biét :
a) (x+5)' =-64 ; b) 2x-3)*=9.
Dang 7. Tim gi4 trj cta céc biéu thirc sau :
4 10 <10 } 15 o4
A_Sj ' B= (08)6’ C__29'
75 (0,4) 6°.8’
Dang 7. Rt gon rdi so sanh gié trj cta cic biéu thirc sau :
_ 6958 y B= 7056
7952 9072

-3 0,2 -0,007 250 27

= —.-.-_.—.-—-

5135 14 510

8!0 +4|0

Dang 7. Tinh : M =__8‘ AR



§ 7. TIi LE THUC

A. TOM TAT Li THUYET

1. Pinh nghia.

Ti 1¢ thirc la déing thirc cua hai ti s6 %

c-lm

Taconviét:a:b=c:d
avad la cac ngoai ti ; b va ¢ 1a cac trung ti.

2. Tinh chit.
Tinh chét I. Néu % =§ thi ad = be.

Tinh chdt 2. Néu ad = be va a, b, ¢, d khac 0 thi ta ¢6 céc ti 1é thic :
a_c a b d ¢ d b

bd e a b a e a

B. CAC DANG TOAN
Dang I. THAY TI SO GIUA CAC SO HUU Ti BANG TI SO GIUA CAC SO
NGUYEN
Phwong phép giii.

* Viét c4c sb hiru ti dudi dang phén s0.
* Thyec hién phép chia phan so.

Vidul. (Bai441tr.26 SGK) )
Thay ti s giita cac s6 hiru ti bing ti sb giira cac sé nguyén.

a)1,2:3,24; b) 2—1-:E g c) —2-:0,42.
54 7
Huwdng dan.

2)12:324= 12 324212_100_10
107100 10 324 27
1 3

b) 2- —=44:15;
4

c) ;:0,42=100:147.
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Dang 2. LAPTILE THUC TU CAC TI SO CHO TRUOC

Phwong phap giai.

* Xét xem hai ti _sé da cho c6 biing nhau khong ?
« Neéu hai ti s0 bang nhau thi chiing 14p thanh mét ti 1¢ thirc.

Vidu2. ([21] tr24 SGK)
Tir céc ti s6 sau ddy c6 1ap dugc ti 1é thirc khong ?
2 4 1 2 .1
a) —:4 va —:8 ; b) -3—:7 va -2=:7—.
) 5 5 ) =33 5°5
Gidi.

a)%:4=0,4:4=l:10; :8=0,8:8=1:10.

TIFS

:2:4=
5

Cach khdc : Ta c6 nhan xét %.8 = 4.%[= ?6) nén theo tinh chét 2, ta

Hai ti s nay bing nhau nén ta c6 ti 1¢ thie : :8.

w |

¢O ti 1€ thirc : 2:fi&:izﬂ.
5 5
1 22
b) -35:7 ==3.5:T==1:2; —2;:73_~= -2,4:7,2=-1:3.
Hai ti s6 nay khéng bing nhau nén ching khong 1ap thanh ti 1€ thic.

Cach khac : -3%-7%¢ 7-(—2%] nén hai ti s6 nay khéng lap thanh

ti 1¢ thirc.
Vidu3. (Bai45tr.26 SGK)
Tim céc ti s6 bing nhau trong céc ti sé sau day rdi 1ap céc ti 1é

thire :
28:14; 21:2; Bivd i3 -I-:g;
2 23
3023100 2. 75 3:0,3.
Tra loi.

Cohaitil¢thoc:28:14=8:4 va 3:10=2,1:7.

Vidy4. (Bai49tr.26 SGK)
Tir céc ti 50 sau ddy c6 1ap duge ti 1¢ thirc khong ?
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a)3,5:525val4:21; b) 39%:52% va 2,1:3,5;
c)6,51:1519va3:7; d) —7:4% va 0,9:(-0,5).
Tra loi,

C6 hai ti 1€ thirc :
a)3,5:525=14:21; c)6,51:1519=3:7.

Dang 3. LAP TI LE THUC TU PANG THUC CHO TRUOC, TU MOT TI

LE THUC CHO TRUOC, TU CAC SO CHO TRUOC

Phwong phép giai.

* Lip ti I§ thicc tir ddng thikc cho truede : Ap dung tinh chét 2 :
Néu ad =bc va a, b, ¢, d khac 0 thi ta co cac ti 1€ thirc
a_c a.b d ¢ d b

b d ¢ d b a’ ¢ a
« Lip tit ca cdc ti I¢ thire tic mpt ti 1§ thire cho truwde @ Tir ti 1€ thic

ta c6 thé 1ap dugc ba ti 1¢ thirc nira bing céch :

o=
ale

- Giir nguyén ngoai ti, ddi chd cic trung ti :

|Q.o |no
® [n :::.!c'

- Giir nguyén trung ti, dbi chd cac ngoai i :

x: z ST ; -y d b
- D6i chd cac ngoai ti véi nhau, cic trung ti v6i nhau : —=—.
C a
* Lap ti I thirc tir cdc 56 cho triwdce : Tix cac sb da cho, trude hét phai lap

dugc dang thirc dang ad = be. Sau khi ¢6 ding thic nay, ap dung tinh

chat 2 dé lap cac ti 1¢ thirc.

ViduS. (Bai47 tr.26 SGK)
Lap tat ca céc ti 1é thire c6 thé duge tir cic ding thirc sau :
a) 6.63=9.42; b) 0,24.1,61 =0,84.0,46 .
Gidi.
B2 6.8 8 4 &9
9 63" 42 63° 9 6 42 6
0,24 0,46 0,24 0,84 161 046 1,61 0,84
0,84 1,61° 0,46 161 084 0,24’ 0,46 0,24

b)
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Vidu6. (Bai48tr.26 SGK) _
LAp tit ca céc ti 1¢ thic 6 thé dugc tir ti 1¢ thic sau :
15 _ =35
51 11,9°
Gidi.
=15 351 159 =35 119 15l
35 119" 51 =15" =35 =I5
Vidu7. (Bai5]tr.28 SGK)
Lip tét ca céc ti 1é thitc cé thé dugce tir bén sb sau :
15 2736 ; 48
Gidi.
Tacé:1,5.4,8=23,6(=7,2), do d6 cb cic ti 1¢ thirc sau :
L5 36 L5 2 48 36 48

2 _36 48_2
i gt 5

2. 48" 3.6 48" 20 15" 3,
Vidu8. (Bai52tr.28 SGK)
Tir ti 1é thirc %:% véia, b, ¢, d khic 0 ta c6 thé suyra :

¢c b b ¢
d ¢ a b
C.===3 D. ==~
b a d ¢
Hay chon cau tra |oi ding.
' Tri loi.

Cau tra 101 dang 1a cau C.
Dang 4. TIM SO HANG CHUA BIET CUA MOT TI LE THUC

Phwong phap giai.

Trong mét ti 1¢ thirc, ta c6 thé tim mot sé hang chwa biét khi biét ba sb
hang kia.
a_C,.be p_ad o ad o b
b d d c b a
Vidu9. (Bai461r.26 SGK)
Tim x trong céc ti 1€ thirc sau :
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X =2

e e -0,52:x=-9,36:16,38 ;
a)27 3 b) -0,52:x 36:16,38

oy
) = =——o

7 1,61

8

Gidgi
4l 17

¢) Ta bién déi :

2,
§ 8
Tl il St =X 34.161 _, 3.
23 161 23

Papsd:a)x= -15:b)x=091.

Vidu 10. (Bais0tr27SGK) . )
Tén mot tac pham noi tieng cua Hung Dao Vieong Tran Quoc
Tuan. ;

Pién s6 thich hop vao 6 vudng dudi day dé co ti 1¢ thirc. Sau do,
viét cac chir tuong {mg véi cic s6 tim duge vao cac 6 & hang
dudi cing cia bai em s& biét duge tén cia mét tac phdm ndi
tiéng cia Hung Pao Vuong Tran Quéc Tudn (1228 - 1300),
vi anh hing ctia dan toc ta dong thoi la danh nhan quén sy cua

thé gidi.

4.3 -3

:6=7: X = l==2=:

N. []:6=7:3 Sl 5|:]

I nd 1

| |=(=12): : —l==|_l:3=

H 20:[=¢1as ¢ cup=[d3:
1 g |

gy [ : =:L]==:5—

€ 6:27=[_]:72 B 2|:| 753
1

I (-15):35=27:[ ] U. D:li—:l;:Z
o ALl p Ll o7
9.9 1.89 2.7 6.3
¢ ~0,65 _ 6,55 7 24_54
091 [] ] 135
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= 1=
5 14 6 -0,84 9,17 03 .
1 3
-63 -25 25 4- e -0,84 16
5 4
Ddp sob.
N:14; H:-25; C:l6; I:-63; U:-0,84; E:9,17;
1 1 1 3
Y:4—; il=3 . Bid=:i Wi=: LE:08% T:6.
5 ¢ 3 2 4
1 1
B -0,84 -
o 14 6 9,17 0,3 e
Bl T |IN|IH|T| || Y¥IglwlLlw]lole
I 3
-63 -25 -2s 4; = -0,84 16
Dang khdc. (Bai 58 tr.28 SGK)
6l ) 61 6
Dé : Ti sb —%— 6 thé nit gon nhu sau : —f=§ (“Riit gon”
5— 5—
6 6

bing cich xo4 bd phin phan s§ & hai hdn sb, giir lai phin
nguyén l2 dugc két qua). Ta duge két qua ding. (Hay kiém tra !)

D6 em viét duge mot ti s6 khac ciing c6 thé

Gidi.
61 6.5+1
5. 5 L3l 6
5l 56+1 5°6 5
6
‘ - - 8-‘_
MG{t ti s0 khéc c6 thé “rit gon”, ching han : —-:
7_
8
a-l— ab+1
& L O .
Tong quat : bl—ab"'l =5 (a#0,b=0).
a a
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7.1

7.2

7.3

7.4

=~
un

7.6

7.7

7.8

19

7.10

7.11

C. LUYEN TAP

Dang 1. Thay ti s6 giira cic s hiru ti bing ti sb gitra cac s6 nguyén :

a)1,2:336; b) 31:21; c) 2:0.54.
7 14 8

Dang 2. Céc ti s6 sau ddy c6 1ap thanh ti 1¢ thirc khong ?
3 4 1 1
a)—:6 va—:8 ; b) 2—:7 va 3—:13.

Sl s Vg Ty

Dang 3. C6 thé ldp dugc ti 1¢ thirc tir cic s6 sau khong ?
a)3;6;-12;-24. b)6;9;1,2;1,8.

Dang 3. Lap tét ca céc ti 1¢ thirc ¢6 thé duge tir céc déng thirc sau
a)12.20=15.16 ; b) 2,4.3,2=8.0,96.

I

T ‘) A 2 £ a¥ 18 JL
Dang 3 p t ca cac i I¢ thir
!5

Dang 3. Lép tét ca céc ti 1 thirc c() thé dugc tir cdc s sau :
3.9 5 .25 8l

Dang 3. Lap tat ca céce ti 18 thirc c6 thé duge tir 4 trong 5 sb sau
I :.57 253 125 5 625.

Dang 4. Tim x trong ti 1§ thirc :

8) 2,5:7,5=x:>; b) 22:x=11:0,2.
5 3 9
Dang 4. Tim x trong ti 1¢ thirc :

a) 32:40£=0,25:x; b)izx=20:3;
5 15 6

d) Z:0,t1=x:-£}-.

) 3 S5

Céc s0 hiru ti a va b phai théa man diéu kién gi dé c6 ti 1¢ thire :

a a+c

B Ban

Choa, b, ¢, d, e 12 céc s hiru ti khéc 0. Céc sbhirutidvae phai thoa

¢) x:2,5=0,003:0,75 ;

man diéu kién gi dé tir ti 1¢ thic —=— c6 thé suy ra ti 1¢ thic :

E

o
crlm

+
+

(2]

?

(= B
o
o
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742 Timtish S, bkt rding ==Y 2,
y Xx+y 3

a+b c+d

7.13 Chimg minh ring néu ——=—— (c+d=0) thi a

b+c d+a
a+b+c+d=0.

s t
7.14 Biét ring %=—,—=—,——— hay tim ti 6 5

X

7.15 Tim sb hiru ti x, biét ting —==2 va = =16 (y=0).

2:

<
<

=2 7 L=,

7.16 Timti soZ—+b biét ring b

+C

mlc‘

717 Tinhti sé 222 biét ring =
X-y y
.Y
7.18 Cho 3x =2y, hay tinh ti s6 —: .
yz zX

=a,x#yvay=0.

ﬂ?

7.19 Cho ti I§ thirc — =L . Chimg minh ring ta c6 ti 1& thic :

b d
a-b_c-d
b d

§ 8. TINH CHAT CUA DAY Ti SO BANG NHAU

A.TOM TAT LI THUYET

= ¢ hoidc

1. Tinh chit ciia day ti s6 biing nhau
84S tC _B50 maidbw=d
b d b+d b-d

Tir day ti s§ bing nhau B—=§=-— tasuyra:

f
8 _C ¢ adcte a=cwe

b d f b+d+f b-d+f
(Gia thiét céc ti sb déu c6 nghia)

2. Khi néi cic s6 x, y, z ti 1¢ véi cdc sb a, b, c tirc 1a ta c6

Taciing viét x:y:z=a:b:c.

mix

c'l'-<

1]
olnN
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B. CAC DANG TOAN
Dang 1. TIM HAI SO BIET TONG (HOAC HIEU) VA Ti SO CUA CHUNG

Phwong phap giai.

* D¢ tim hai s6 x va y biét tong x + y =s ho#c hiéu x —y =d va ti s6

i=ital£1mnhusau:
y b

- =
y b a b
Ap dung tinh cht cua day ti sébﬁngnhau:
e A A s 5

= =X= -a;y:—-
a b a+b a+b a+b a+b
pE=2X.0
y b a b
Ap dung tinh chit cta ddy ti s bing nhau :
X y x=% d d

=>Xx= -a ; y=——-b.
a b a-b a-b a-b a-b

Vidul. (Bai54tr.30 SGK)

|><
u:

Timhai sd x vay, biét: === vax+y=16.

3 5

Giai.,
Taoh: 2alaXtl 1005 v . yedf=g ;: y=25=0.
Paps6:x=6;y=10.

Vidy2. (BaiS5tr30SGK)
Tim hai s x vay, biét: x:2=y:(=5) va x-y=-7.

Ddp sb.
x=-2,y=5.

Vidu3. (BaiS6tr.30 SGK) ‘
Tim dién tich cia mot hinh chir nhét biét ring ti s6 giira hai canh

cia nd bing % va chu vi bing 28 m.
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Hudng dan.
Goi chiéu rong va chiéu dai ctia hinh chit nhat lan luot 12 x va y thi ta
= % va 2.(x +y)=28. Dép s : Dién tich hinh chix nhit 1a 40 m?.

4. (Bai 58 tr.30 SGK)
Hai Iop 7A va 7B di lao dong trong cay. Biét rang ti s6 gitra s0
cay trong dugc cua 16p 7A va Iép 7B Ia 0,8 va 16p 7B trong
nhiéu hon 16p 7A 1a 20 cay. Tinh s6 ciy mdi 16p da trong.

Hudng din.
qu s6 cay trong dugc cuia 1op 7A va 16p 7B theo thir tw 1a x va y thi

tacs: X=0,8 =§ vi y—x = 20. Dép sé : Lop 7A trdng dugc 80 cay, 16p
y
7B trong duge 100 ciy.

Yidu5. (Bél 64 tr.31 SGK)
So hoc sinh bén khm 6,7,8 9t 1€ vai cac so 9;8:7;6. Biét
rZing sq hoc sinh khéi 9 it hon s6 hoc sinh khéi 7 la 70 hoc sinh.
Tinh s6 hoc sinh mdi khéi.

Hudng din.

Goi s hoc sinh khdi 6, 7, 8, 9 theo thir tw 1a x, y, z, t thi tac6 :
X —-ji—Ezl vay—-t=70.
‘ 9 8 7 6
DPép s6 : S6 hoc sinh cac khéi 6, 7, 8, 9 theo thir tw 1a 315 ; 280; 245
va 210.

Dang 2. c.tm:jr MQT SO THANH CAC PHAN TI LE VOI CAC SO CHO
TRUOC.

Phuong phap giii.

Gia sir phai chia s S thanh ba phan x, y, z i ¢ véi céc sé a, b, c. Ta lam
nhu sau :

X_y_z. Xx+ty+z__ 8
a b c a+b+c a+b+c
Dodd: x = > ‘a; y= = 3 R = = -C
a+b+c a+b+c a+b+c
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Vidy6. (Bai571r.30 SGK)
S6 vién bl cua ba ban Mmh Hung, Diing ti I¢ voi cdc s62;4;
5. Tinh s6 vién bi cia mdi ban, biét ring ba ban ¢ tat ca 44 vién
bi.
Hudng dén.
Ta phai chia s6 44 thanh ba phin ti 1 v6i 2 ; 4 va 5.
Pap s6 : SO vién bi ctia Minh, Hung, Diing theo thirtwr1a 8 ; 16 5 20.
Vidu7. Bangudi thoa thudn gép vén dé 1ap co s& san xuat theo ti 1¢ 3 ;
5 ; 7. Hoi mdi ngudi gbp bao nhiéu, bict rang so von can huy
dong 1a 120 triéu dong.
Hudng din.
Chia so 120 000 000 thanh ba phan tilgvé4il;5;7.
Dap s6 : 24 triéu ddng ; 40 tridu dong va 56 triéu dong.

Vidu8. (Baiol tr.31 SGK)

Y .Y
iy biét ri —-—,—=— ax+ =10.
im ba s6 X, y, Z , biét riing : =51 va y—z
Huéng dan.

BCNN(3 ; 4) = 12 nén ta bién dbi nhu sau :

L W W S (1)
23 24 34§ 12

A IR S W W @)
4 5 43 53 12 15

Tir (1) va (2) vatirgia thiétx +y—-z=10taco :
Y 2 Xiyet Q0.

8 12 15 8+12-15 5§
Bépsé:x=l6,y 24 ;z=30.

Dang 3.  TIM HAI SO BIET TICH VA TI SO CUA CHUNG

Phwong phép giai.

* Tirdo, tim duge k roi suy rax vay.

Vidu9. (Bai621t.31SGK)

Tim hai s6 x va y. biét ring %=§ vaxy = 10.
Giii.
Pt k=== tacox=2k,y=5k
2 35
Vixy=10nén 2k.5k=10=10k* =10=> k> = 1=k = %1.

* Voik=1thix=21=2; \HJI-D
°V0|k——llhl.\—7(—]) ty=5(-1)=-5.
Dapsé: x=2,y=3 : x——” y=-5.

Vidu 10. Mt miéng dit hinh chir nhat dién tich 76,95m” ¢6 chiéu rong
- 5 A T .a - . .a ve e I 4 .
bang o chicu dai. Tinh chiéu rong va chic¢u dai cua miéng dat do.
Huwéng dan.

Goi chidu rong 14 x. chidu dai la y thi ta ¢6 : x.y = 76,95 va > = %
}F
Dép s6 : Chiéu rong : 4.5 m : chiéu dai : 17.1 m.

Dang 4. CHUNG MINH PANG THUC TU MOT TI LE THUC CHO
TRUOC

Phuong phap gidi.

Ap dung cac tinh chét ciia ti 1¢ thire va cia day ti s6 bang nhau.

Gia sir phai tim hai s x, y, biét xy =Pva ~ =2
y

(=

« Pit =k,tacé6:x=ka, y=kb.Dodd:

mlx
G"I~<:

x.y = (ka).(kb)=k*ab=P =k’ = e
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Vidu I1. (Bai63 tr.31 SGK)

Chimg minh ring tir i 1¢ thirc %:% (a-b#0,c—d#0) tacod

thé suy ra ti 1¢ thire m= c+d.
a-b c¢-d
Giai.

bat k= i Vi a=b#0, c—=d#0 nén a#b, c#d do do
k#l. Tacoa=bk, c=dk.

c'[m
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a+b bk+b b(k+l) k+l

o 3 s 1
a-b bk-b b(k—1) k-1 M
c+d dk+d _d(k+1) k+1 @)
c—d dk—d d(k-1) k-1

D Y T . i

a-b c-d

Vidu12. Choa, b, c, d 1a cic s hiru ti duong va %=§. Chimg minh

s

rang :
o 3C _al+c?
bd b?+d*’
b) (a+2c)(b+d)=(a+c)(b+2d).

Giai.

a)Tt‘r%=%suyra —=—=— (1)

S o B ot SR 2
b* d* bied? @
ac a’+¢c’
Sosanh (1)va(2)tad P —=
o sanh (1) va (2) ta dugc T
a ¢ a ¢ a+c
b) T —=— suyra —=—=—— 3
P T = e 3
Talaico: §ac Al 4)
b 2d b+2d
a+c a+2c
Sosanh (3)va(4)tad P —=
OB QYA )N ed baiad

Suyra: (a+2c)(b+d)=(a+c)(b+2d).

Dang 5. THAY TI SO GIUA CAC SO HOU TI BANG Ti SO GIUA CAC SO
NGUYEN

Phuong phap giai.

* Viét cac sb hiru ti du6i dang phén sb.
« Thyc hién phép chia phan so.
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Viduy 13. (Bai59tr.31 SGK) . ) )
Thay ti s6 giira cac s6 hiru ti bing ti s6 giira céc s6 nguyén

a) 2,04:(=3,12) ; b) (—1%]:1,25 :
c)4:5§; d) !01:51.
4 7 14
Dip sb.
a) 17:(-26); b) -6:5; c) [6:23;; d)2:1.

Dang 6.  TIM SO HANG CHUA BIET TRONG MQT Ti LE THUC

Phwong phap giai.

Trong mét ti ié thirc, ta c6 thé tim mot sé hang chwa biét khi biét ba sb
hang kia.

_ad _ad . _be
C

be
=a=—, b , €= s
=3 b a

o
ale

Vidu 14. (Bai 60 tr.31 SGK)
Tim x trong cdc ti 1¢ thirc sau :

2 G.x);2=|3;2; b) 4,5:0,3=2,25:(0,1X);

1 I 13
8:(—- =2:0,02 ; d) 3:2—==:(6.x).
c) X ) i (6.x)
Dip sb.
a)x=8§° b)x=1,5; ¢)x=0,32; d)x-i
4 ) » 3 y ) ""32'
C.LUYEN TAP
8.1 Dangl.Timhaiséxvéy,biét:-’i=%véx+y=60.
y
i ati n W) X |,2 =
8.2 Dang1.T1mhatsoxvay,b|et:-—=Evay-x=26.
y )

83 Dangl.Cho7x=4yva y—x=24.Tinhxvay.
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8.4

8.7

8.8

8.9

8.10

8.11

8.12

8.13

8.14

8.15

8.16

8.17

Dang 1. Tim dién tich ciia mot hinh chir nhat ¢6 ti so gitra hai canh
. B ey
ctia nd bang — va chu vi bang 40m.
1
Dang 1. Ti s6 san pham lam duge cua hai ¢ong nhan 1a 0.8. Hoi moi
ngudi lam duge bao nhiéu san pham, biét ring nguoi nay lam nhiéu
hon ngudi kia 50 san pham.

Dang 2. Chia s6 12 thanh 4 phan ti 1¢ véi cac s6 3. 5, 7. 9.

Dang 2. Céc canh ctia mét tam gidc ¢6 sd do ti I¢ vai cic 6 3. 5, 7.
Tinh mdi canh ctia tam gidc do. hu.l chu vi ciia n6 12 40,5 cm.

- F T oy
Dang 2. Tim x, y. z, biét ring — = = Y_Z vax +y—-2z=069.
S 688 7
Dang 2. Tim cdc s6 X, y. z. 1, biét ring :
X:y:z:1=15:7:3:1 va x=y+z-1=10.

Dang 2. Tim cic sd X. y. 7. t. biét ring :
—I _y43 /—5
2 4 6
Dang 2. Tim céc s0 a, b, ¢ sao cho :
2a=3b,5b=7cva 3a+5c—-7b=30.
Dang 2. Tim X, v. z. biét ring :

va 5z—-3x—-4y=50.

Xx:y:z=3:8:5vad3x+y-2z=14.

Dang 2. Tim mét s6 ¢6 ba chir s0, blel ring s6 do chia hét cho 18 va

cac chir sb cua no ti 1¢é vai ba s61:2:3.
Dang 2. Ba mady bom cung bom nudc vao m(}l bé boi ¢6 dung tich
235m’. Biét rang thoi gian dé bom ducrc I m” nude cua ba may lan

luot 1a 3 phit, 4 phut va 5 phat. Hoi mdi may bom duge bao nhiéu
mét khdi nude thi da\ bé ?

Dang 2. Ba l6p 7 ¢6 tat ca 153 hoc sinh. $6 hoc sinh 16p 7B béng g

: ; 5 . )
s0 hoc sinh lop 7A, s hoc sinh 16p 7C bang :_6 s0 hoc sinh lop 7B.
Tinh s6 hoc sinh ctia mdi 6p.

l)an;, 2. Ti s cua hai s6 bang 4 : 5. Néu thém 1.2 vao s6 thir nhat thi
ti 56 cua ching s bing 11 : 15. Tim hai s6 do.

Dang 3. Tim x va y, biét : Z-Zwa X.y = 40.

v

|t

6l

8.18

8.19

8.20

8.21

8.22

8.23

Dang 3. Dién tich mgt tam giéc bing 27cm?. Biét ring ti s6 gilra
mot canh va dudng cao tuong g cla tam gléc bing 1,5. Tinh dd dai
canh va dudmg cao noi trén.

Dang 4. Cho %=§- (b,c,d#0; c+d#0). Chimg minh ring
ab (a+b)

ed (c+d)?’
Dang 4. Chimg minh ring néu a + ¢ = 2b va 2bd=c(b+d)

a ¢
b#0,d=0) thi —=—.
(b= #0) B

Cho x, ¥, z 12 ba sé duong phén biét. Hay tim ti s % biét ring

y  X+y X

X—Z z y

Cho a, b, ¢ 14 céc s6 hiru ti khac 0 sao cho :

a+b-c _a-b+c _-a+b+c

e B a
(a+b)(b+c)(c+a)
abc '
x+y+y+z+z+t+t+x
z+t t+X X+y zZ+Yy
X y z _

Yy+Z+t ZHt4X t+X+y X+y+zZ

Tim gia tri bing s cia biéu thirc: M =

Cho biéu thirc : P= . Tim gi4 tri cta P

biét ring :

§ 9. SO THAP PHAN H(PU HAN.
SO THAP PHAN VO HAN TUAN HOAN

A.TOM TAT Li THUYET

1. Néu mot phan sb toi gian voi mau duong ma miu khong cé ude
nguyén t6 khac 2 va 5 thi phan s6 d6 viét dugc duéi dang sb thap phan
hiru han.

2. Néu mt phén s t6i gian véi mau duong ma mau co udc nguyen td
khac 2 va 5 thi phan so dé6 viét duge dudi dang sb thap phan vo han
tuéin hoan.
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3. Mo: sb hitu ti duge biéu dlen bdi mot sb thap phan hiru han hoéc vd han
tuan hoan. Nguqc lai, m&i sb thip phan hiru han hodc v6 han tuin hoan
biéu din mot s6 hiru ti.

B. CAC DANG TOAN

Dgng 1. NHAN BIET MQT PHAN SO VIET PUQC DUOI DANG SO
THAP PHAN HUU HAN HOAC VO HAN TUAN HOAN.

Phwong phap giai.

« Viét phan s6 du6i dang phan s6 téi gian véi mau duong.

« Phén tich mAu dwong d6 ra thira s6 nguyén .

* Nhin xét : Néu méu nay khong ¢6 ude nguyén to khac z va 5 thi phan
so do vnet dugce dudi dang so thd phan hiru han ; néu miu néy c6 udce

nguyén tq khic 2 va 5 thi phan s0 d6 viét dugc duéi dang sb thap phin
vo han tuan hoan.

Vidyl. Trong hai phan s6 sau, phén 55“3 nio viét dugce du6i dang 56 thép
phan hiru han, phén s6 nao viet duge dudi dang so thap phan vo
han tuin hoan ?

35, e 63
=300 -360°
Giai.,
55 55 5
« Xét phan s6 ——, taco : ; 60=2%3.5. Mau nay c6
-300’ 300 60
ude nguyén t6 3 khic 2 va 5 nén phan sb % viét duge dudi dang sb thap
han vo han tuan hoan. Ta ¢6 : B -0,18(3)
P -300 60
* Xét phan s ——, tacé: M EL ; 40 =2.5. MAu ndy khéng
—360 -360 40
c6 ude nguyén té khac 2 va 5 nén phén sb 4—; viét duge dudi dang s6 thap
63 -7
han hiru han. T: ——=—==(,175.
R hen. Tict: 10

63

vidu2. ([2] .33 SGK)
Trong céc phan s sau diy phan so nao viét duge dudi dang sb
thdp phan hiru han, phan s0 nao viét duge dudi dang sb thap
phan v han tuin hoan ? Viét dang thip phan cta cac phan s6

do.
1. 5 13 7 U 7
4" 6 50" 125 A5 &4
Tra l5i.

1025, 13 0.8 0136
4 50 125
7 1 =5 11
—===0,5; —=-0,8(3); — =0,2(4).
14 2 6 3) 45 9.2(4)

Vidu3. (Bai65 tr.34 SGK)
Giai thich vi sao céc phéan s6 sau viét duge dudi dang sb thap
phén hiru han réi viét chiing duéi dang d6 :
3.7 13, -13
125 °

L] » L

8 35 20
Gidi.
Céc phan s6 da cho viét duge dudi dang s6 thap phén hiru han vi céc
mau ctia chiing khong c6 uée nguyén 6 khdc 2 va 5 :
§=2% 5 20=2%5; 125=5°,
7 13 -13

Tacé:-§=0,375; —=-1,4; —=0,65; —=-0,104
8 5 20 125

Vidud4. (Bai66 tr.34 SGK)
Giai thich vi sao cic phan so sau viét duge dudi dang s thap
phan vd han tudn hoan rdi viét chiing duéi dang d6 :
.2 B =
6" 11 9 18’
Gidi.
Céc phan s6 da cho viét duqc dudi dang sé thap phin v6 han tuin
hoan vi chiing t6i gian va cdc miu cua chiing c6 uéc nguyén té khic 2 va 5 :

6=23; 11; 9=3% 18=232,
1 wi§ 4 =7
Tacé: —=0,1(6); —=-0,(45); —=0,(4); —=-0,
5 ()” ()9 ()18 0,3(8)



Vidu5. (Bai67 tr.34 SGK)

Cho A=——3ﬁ.

Hay dién vao 6 vuong mot s nguyén td c6 mot chir 56 de A viét
duge dudi dang sé thap phan hiru han. C6 thé dién may sé nhu
viy ?

Tra loi.
3

3 [
— A === :
2.2 2.]3] 2 2.[5]

C6 thé dién dugc basd : A =

Vidu6. (Bai68 tr.34 SGK)
a) Trong cic phan 56 sau day, phén so ndo viét duge duél dang
s0 thap phan hiru han, phan s6 nao viét dugce dudi dang s6 thap
phén vé han tuan hoan ? Giai thich.
2 = 8,08, =, 0
8 a0 1 B A3 3
b) Viét cic phan sb trén dudi dang s6 thap phan hiru han hoic sb
thdp phan vo han tuin hoan (viét gon véi chu ki trong dau
ngodc).
Dip s6.
b)§=0,625; _—3=-0,15; —=0,(36); E-0 ,6(81);
8 20 1 22

1
U
12 35

Dgng 2. VIET MQT TI SO HOAC MQT PHAN SO DUOI DANG SO THAP
PHAN

Phwong phap giai.

Dé viét mot ti s6 hoac mot phan sé % duéi dang sé thap phén ta lam phép

chiaa:b.

Vidu7. (Bai69 tr.34 SGK)
Dung diu ngoz"ic dé chi rd chu ki trong thuong (viét duéi dang
s thap phan vo han tudin hoan) cta céc phép chia sau :
a)8,5:3; b)18.7:6; ©)58:1l; d) 14,2 : 3,33.
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Ddp s6.

a) 8,5:3=2,8333 ... =2,83).
b) 18,7 : 6 =3,11666 ... = 3,11(6).
c)58:11=5272727 ... = 5,27).
d) 14,2 : 3,33 = 4,264264264 ... = 4,(264).

Vidy8. (Bai7l tr.35 SGK)
Viét cac phan sb 9-‘9,97;9 dudi dang sb thap phan.

Dip sb.
1
—--0 01 —=0,(001).
99 D 999 b
Dang 3. VIET SO THAP PHAN HUU HAN DUOI DANG PHAN SO TOI
GIAN
Phuong phap giai.

» Viét s6 thap phan hiru han du6i dang mét phén s6 ¢6 tir 1a sd nguyén tao
béi phin nguyén va phan thap phan cia sé d6, mau 1a mét lity thira ciia
10 véi s6 mii bing s6 chir s6 & phan thap phan ctia s6 da cho;

+ Rt gon phan sb néi trén.

Vidy9. (Bai 70 tr.35 SGK) ,
Viét cac s6 thap phan hiru han sau ddy du6i dang phén s6 t6i

gian :
a)0,32; b)-0,124; ¢)1,28; d)-3,12.
Gidi.
a) 0,32—3—22--3—2- =S ;
10° 100 25
Bl as =, B,
10 1000 250
O1,28=12=22,
100 25
d) _3,12=_§._l_2=_..7§
100 25
66 58- COTVPPGTIN




Dgng4. VIET SO THAP PHAN VO HAN TUAN HOAN DUOI DANG
PHAN SO TOI GIAN

Phwong phép giai.

Dé giai dang toan nay cz’in ¢6 kién thirc bd sung sau day :

. SH th@p phén v6 han tudn hoan goi la don néu chu ki bﬁt diu ngay sau
dau phay, vi du 0,(31) ; goi 14 tgp néu chu ki khong bét diu ngay sau
dau phdy, vi du 0,3(13).

Phan thap phan dimg trudce chu ky goi la phan bat thuong.

+ Ngudi ta da chU'ng minh dugc céc quy thc sau :

a) Mudn viét pharf thép phén cia so thdp phan vo han tuan hoé.n don
dudi dang han so ta lﬁy chu ki iém tir, con miu 1a mot sé gdm cac
chir s 9, so chir s6 9 bing s6 chﬂ' so cuia chu ki.

31
Vidu : 0,(31)—99, ,(3)= l 13

b) Mubn viét phan tha phan clia s6 thap phan vo han tuén hoan tap

dudi dang phan sb, ta 13y so gom phan bat thudmg va chu ki trir di phén

bét thub'ng lam tir, cbn mau Iﬁ mét so gdm céc chil' s6 9 kém theo céc
chit so 0, s6 chir so 9 biing s6 chir s6 cua chu ki, s6 chir s6 0 bing sb
chit sb ciia phén bét thudmg.

Vidu: 01253 = 1253712 _ 1241

9900 9900 °
2,3(41)=2+0,3(41) =2+ HMl=3 5.338. 51690
990 990 495

Vidu 10. (Bai 72 tr.35 SGK) .
Db : Céc sb sau déy c6 bing nhau khong ? 0,(31) ; 0,3(13)

Gidai.,
Ap dung hai quy tic viét s6 thip phan vd han tudn hoan (don va tap)
duéi dang phén s, ta co :

0,(3l)=—3-1.
313 3 310 31
0303 =056 =990 99"
Viy : 0,(31) = 0,3(13).

Cach khac :
1 31

0,3)=0,(01).31=—31=—.
GD=0,0N31=231=
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9.1

9.2

9.3

9.4

9.5

9.6
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13 3l
0,3(13) = 03+00(13) 03+l -0,(0D).13=0,34+—=—

990 99
Viy : 0,31)= 03(13)
Pé viét 0,(31) dudi dang phan so con ¢6 thé lam nhur sau :
Pita=0,31)=0,313131 ... Thé thi 100a = 31,313131 .
Suyra: l003—a=3l,3l3131 .—-0,313131.
99a =31
31
a——-—
99 )
Dé viét 0,3(13) dudi dang phén sb c6 thé 1am nhu sau :
Dat b=0,3(13) thi 1000b =313,131313 ...; 10b=3,131313 ...

310 XN
Suyra:990b=310 = b= 556 E
C.LUYEN TAP
Dang 1. Trong hai phin s8 —— vi —=o—, phan s ndo viét duge
RERpSI—— 750 | —qa5r

dudi dang s6 thap phén hiru han, phén s ndo viét duge dudi dang sé
thap phéan vo han tuan hoan ? Giai thich.
Dang 2. Viét céc phin sb sau ddy dudi dang s thap phan :

g 1 4 5

25" 40’ 11" 12°
Dang 2. Viét cic phan s6 sau ddy dudi dang s6 thap phan vd han tuin
hoan :

7, & B

9’ 9’ 45°

Dang 2. Viét cac sé hiru ti sau duéi dang s thip phén vé han tudn
hoan :

2,
3

1 4 24 19
-3 b) = ; 2—; d) -1—.

™3 & T )52
Dang 3. Viét cac s thap phan sau dudi dang phén s tdi gian :
a)-0,15; b) 0,28 ; c) 1,18; d)-0,425.

Dang 4. Viét céc s6 thép phan v han tudn hoan sau duéi dang phan
sO tOi gian :

a) 0,2(3); b) 1,4(51) ; c)—2,37(1);
€) 0,413(1561); f)—0,41(356).

d)-3,24(41);



9.7

9.8

9.9

9.10

9.11

9.12

9.13

9.14
9.15
9.16

Dang 4. Vlet céc s6 thap phan vé han tudn hoan sau du6i dang phan
SO tOi gidn :

a) 0,31); b)-2,(412);
e)—3,2(345); 1) 0,5(342).

Khi sé thip phan v6 han man hoan 0, 363636 . dugce viét duéi dang
mdt phan s6 t6i gian thi tong clia tir va mau 1a :

c) 0,412(5) ; d) 3,1(45) ;

A.15; B.45; C.114; D: 135;
E. lSO.
Hay chon cau tra 161 ding.

Khi sb thap phan v6 han tudn hoan 0,4818181 ... dugc viét dudi

dang mdt phén s6 t6i gian thi mau 16m hon tir Ia :

A.13; B. 14; C.29; D57
E. 126.
Hay chon cau tra 1&i ding.

Tinh : o,(3)+3%+0,_4(2).

Tinh : g+ 1,2(31)-0,(13).

Tinh :
1 4 1(1 1
2—-3,4(12)-— --[— 0,5- —);
a) > (12) +3 2-}- 32
1 33 20 10 4
o 00@l:(:2) (241):4.
)[()()] 3 25 5 384 3
Tinh :
1 gii
273, 50 |
2 0,5(8) 53

1 4 51.( 42
Ty [W“]( 3.

Tim x, biét : 0,(37).x = 1.
Tim x, biét : 0,(26).x = 1,2(31).

Tim s hiru ti a sao cho x <a <y, biét ring :
a) x=213,6784...;y=214,5769 ...
b) x =-25,4832...; y=-24,9736...
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§ 10. LAM TRON S0

A. TOM TAT LI THUYET

Quy wée 1am tron sb-

thay céc chir s6 bj bo di biing cac chir sb 0.
* Truomg hop 2. Néu chir sb déu tién trong céc chir s6 bj b di Ién hon

céc chir sd 0.

« Truwong hop I. Néu chir sb dau tién trong céc chir s6 b bo di nho hon 5
thi ta gu’l’ nguyen by phén con lai. Trong trudmg hop s& nguyén thi ta

hogic bing 5 thi ta cng thém 1 vao chir sé cudi cling cia by phin con
lai. Trong trudng hop sé nguyén thi ta thay céc chir sd bj bo di bing

B. CAC DAN
Dang 1. LAM TRON CAC SO THEO MQT YEU CAU CHO TRUOC

Phuong phap giai.

* Ap dung quy uéce lam tron s6 trong hai trubng hop.
* Ch y hiéu dung cac cum tir “lam tron s6 dén chir s6 thap phan thi ..
“lam trdn sé dén hang ...

Vidyl. ([?2] .36 SGK)
~a) Lam tron sb 79,3826 den chir 36 thap phén thir ba ;
b) Lam tron 56 79,3826 den chir s6 thip phén thir hai ;
¢) Lam tron s6 79,3826 dén chir s6 thap phan thir nhat

Ddp sé.
a) 79,383 ; b) 79,38 ; c)79,4.

Vidu2. (Bai731tr.36 SGK)
Lam tron cac sb sau dén chir s thap phan thir hai :
7,923; 17,418; 79,1364; 50,401; 0,155; 60,996.

Ddp sb. _
7,923~ 7,92; 17,418 ~17,42; © 79,1364~ 79,14 ;
50,401~ 50,40; 0,155~0,16; 60,996 ~ 61,00.
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Vidu3. (Bai76tr.37 SGK) )
Két qua cugc tdng didu tra dan s6 nudc ta tinh dén 0 gio ngay
1/4/1999 cho biét : Déan sb nude ta 1a 76324753 ngudi trong d6
6 3695 cy tir 100 tudi tror lén.
Em hay lam tron cac sb 76324753 va 3695 dén hang chuc, hang
tram, hang nghin.
Dap 50,
« Lam tron s 76324753 : 76 324 750 (tron chuc)
76 324 800 (tron tram)
76 325 000 (tron nghin)
3700 (tron chyc)
3700 (tron trdm)
4000 (tron nghin).

* Lam tron s6 3695 :

Neaen 2 Nriroirmndiarn i A
LIUNE Lo WUiALI DAL IVAIY RNUT LAY ITRUIY DN

Phuong phap giai.

Cin cir vao d& bai, giai bai toan rdi lam tron két qua theo yéu cau cua dé

bai.

Vidud. (Bai74tr.36 SGK)
Hét hoc ki, diém To4n cta ban Cudng nhu sau :
Héso 1: 7; 8; 6; 10.
H¢ s6 2: 7; 6; 55 9.
Hé s6 3: 8.
Em hay t:nh diém trung binh mén Toén hoc ki I cia ban Cudng
(lam tron dén chir sb thap phan thir nhét).

Giai.

Piém trung binh mén Toan hoc ki I ciia ban Cudng Ia :
7+8+6+10+2.(?+6+5+9)+3.8 109 =7.2(6).

15 15
7,2(6) = 7,3 (1am tron dén chix s6 thap phan thir nhét). Dap s6 : 7,3.

Vidu5. (Bai78tr.38 SGK)
Khi néi dén tivi loai 21 in-so ta hiéu ring duomg chéo man hinh
cua tlw loai nay dai 21 m-so (in-so (inch) ki hiéu “in” la don vj
do chiéu dai theo hé thong Anh, Mi (lin=2, 54 cm). Viy
dudng chéo man hinh cua tivi loai ndy dai khoang bao nhiéu
xentimét ?
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Ddp s0.
2lin=53,34cm.
Vidu6. (Bai79 tr.38 SGK)
Tinh chu vi va dién tich ctia mdt manh vudn hinh chir nhit cé
chidu dai 1a 10,234 m va chiéu rong 1a 4,7 m (lam tron dén hang
don vi).
Dip sé.

Chuvi ~30m, Dién tich ~ 48 m?.

Vidu7. (Bai80tr.38 SGK)
Pao (pound) ki hi¢u “/b” ¢on goi la can A_&nh,llé don vi do khéi
luong cta Anh, 1 /b= 0,45 kg. Hoi 1 kg gan bang bao nhiéu pao
(lam tron dén chir s thap phan thi hai) ?
Dip sé.

1 kg =222 /b.
Vidu8. (Bai8l tr.38 SGK) ) )
Tinh gia trj (lam tron dén hang don vj) cia céc biéu thirc sau
bing hai cich :
Cdch 1: Lam tron céc s trude réi méi thye hién phép tinh;
Cdch 2 : Thyc hién phép tinh roi lam tron két qua.
a) 14,61-7,15+3,2 ; b) 7,56.5,173;
c) 73,95:14,2; d) ———-——-—21’73'0’8”.
7,3
Dip so.
a) Hai cach déu cho két qua: ~ 11.
b) Cach 1: =40 ; cich 2: ~39.
¢) Hai cach déu cho két qua : ~5.
d)Céach I: =3 ;cich2: =2.

Dgng 3. AP DUNG QUY UOC LAM TRON SO PE UOC LUONG KET
QUA CAC PHEP TINH

Phwong phap giai.

I-)e ude lugng két qua céc phép tinh, ta thu&ng ap dung quy uée lam tron
s6 dé 1am tron chir sd & hang cao nhat clia moi so tham gia véo phép tinh.
Vi du : S6 7329 dugce 1am tron s6 dén chix sé & hang cao nhat I ~ 7000.
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Vidu9. (Bai77tr.37 SGK)

10.1
10.2

10.3

10.4

10.5

10.6

10.7

10.8

10.9

Hay wéc lugng két qua céc phép tinh sau :
a) 495.52; b) 82,36.5,1; ¢) 6730 : 48.
Gidi.
a) 495.52 = 500.50 = 25000.
Tich phai tim ¢6 5 chir sé va xdp xi 25000.
b) 82,36.5,1 ~ 80.5 = 400.
Tich phai tim khoang trén 400.
€) 6730 : 48 ~ 7000 : 50 = 140.
Thuong phai tim xap xi 140,

C. LUYEN TAP

Dang 1. Lam tron chyc céac $6 sau day : 138 ;62 ; 67.

Dang 1. Lam trén céc s sau day dén hang trim :
7842 ; 89367 ; 917527.

Dang 1. Biét sb n~3,141592 653 589 793 238 462 643 . Hay lam
tron s& m dén chir s thap phan :

a) thir hai; b) thir tu;

c) thir sdu; d) thir hai muoi hai.

Dang 1. Lam tron s6 79,3826 dén chir sb thap phan :

a) thir ba; b) thir hai; c) thir nhit.

Dang 1. Lam tron cac sb sau ddy dén chir sb thap phan thi hai :
a) 7,923; b) 7,9238; c) 17,418;

d) 79,1364; e) 50,401; f) 60,996;

g) 0,158; h) 0,196.

Dang 1. C6 17 493 ngudi & san véan dong. Hay lam tron sé nay dén
hang nghin.

Dang 1. Mot s6 sau khi lam tron dén hang nghin cho két qua Ia 83
000. S6 d6 ¢6 thé 16n nhét 12 bao nhiéu, nhé nhat 13 bao nhiéu ?

Dang 1. Lam tron s6 7,5638 dén : ) )

a) hang don vi; b) chir s6 thép phan thir nhat;

c¢) hang phan tram; d) he‘mg phan nghin.

Dang 2. 1 in ~2,54 cm. H6i lem gan bing bao nhiéu in-so ? (Lam
tron dén chir sé thap phén thir hai).

10.10 Dang 2. 1 m ~ 3,28 ft (“phut”). Hoi 1ft gin bing bao nhiéu mét ?

(Lam tron dén chir s thap phén thir ba).
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10.11

10.12

Dang 2. Vlet cac hon sé sau ddy dudi dang s6 thdp phan gan ding
(Lam tron dén chir s6 thap pha.n thir hai) :
1 3
B, P _~ =Ai=e,
a) 23, b) 6 : c) T

Dang 2. Thyuc hién phép tmh roi lam trdn két qua dén chir sé thip

phén thir hai :
a) 4,5672+2,34+4,265+0,167;b) (2,634 +8,2)-(7,002+0,17) ;

c) 78,2-4,006; d) 5,607:0,17.

10.13 Dang 3. Udc lugng két qua céc phép tinh sau :

14,92 0,125.3,92

)F 185 ° ®) 00836+0.76"

10.14 Dang 3. Udc lugng két qua cic phép tinh sau :

b) 0,55.210 ;
d) 15,6:2,165 ;
f) 7,8.5,2+21,7.0,8.

a) 12,7.5,8 ;
c) 17,8.5,1.0,336 ;
e) (4,62+21,7).4,21 ;

10.15 Dang 3. Uéc lugng két qua cac phép tinh sau :

43,7+18,2
0,93+1,72)(8,5-1,7) ; b) ————;
a) (0,93+1,72)( ) ) 7.8+2.9
101,6-51,7 0,68.51
B d) ;
21,3-14,8 0,25.78
11,6-3,92
g) =,
12,7 +6,58
10.16 Dang 3. Uéc lugng két qua céc phép tinh sau :
15,7)
3,1°.(1,8)° ; AL :
a) (3,1)°.(1,8) )“,3'3’]
)E 4]6 )0,65_0,75.3,6
215" 47" 0,01 0,478 °

§ 11. SO VO Ti. KHAI NIEM VE CAN BAC HAI

A. TOM TAT L THUYET

1.

Sévdti:
S6 vo ti 1a sb viét duge dudi dang sé thap phan vo han khéng tudn
hoan.
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+ Tap hop céc sb vé ti duge ki hiéu la L.
2. Khéi ni¢m vé ciin bic hai.

Can béc hai ciia mot s6 a khong am 12 s x sao cho x* =a.
« S duong a c6 diing hai cin béc hai 12 Ja va —/a.

S8 0 chi ¢6 mot can bac hailasé 0: V0 =0.

B. CAC DANG TOAN

Dang 1. - LIEN HE GIUA LUY THUA BAC HAI VA CAN BAC HAI

Phwong phip gidi.
o Nin vzzn rv>na>mf../:=v ud noreye lai
éux“=a (x20,a20) thi Va =x vanguge lai.
(Liiy thira bdc hai va cin bac hai ciia mdt so khong 4m la hai phép toan

nguoc nhau).

Vidul. (Bai82tr4l SGK)
Theo mu: Vi 2% =4 nén V4 =2 , hay hoan thanh bai tip sau :
a)Vis’=..nénv..=5; b)Vi7 =49 nén..=7;
2

2
gVil"=lnénVl=..; dVi (EJ =..nén..=...
Giii.
a)Vi 5?=25nén ¥y25=5;  b)Vi 7 =49 nén V49 =7;

2
d) Vi (3) =i nén ‘/Ez_%
3 9 9 3

Dang 2.  TIM CAN BAC HAI CUA MOT SO CHO TRUOC

Vil=1nén+1=1;

Phuwong phap giai.

Ll

Str dung dinh nghia ctia cin bic hai.

Luu ¥ : S6 duong c6 hai cin bac hai la hai s6 ddi nhau ; s6 4m khéng c6
ciin bic hai.

Khi viét Va taphaicé a>0 va Va 20.

C6 thé sir dung may tinh bé tii (nit ddu cén bac hai).
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Vidu2 ([21] &r. 41 SGK)
Tim cac cén béc hai cua 16.

Gidi.
Céc cin bic hai ciia 16 14 va—4, vitac: 42 =16 va (-4)* =16.
Vidy3. ([22] tr. 41 SGK)
Viét cac ciin bic hai ciia 3 ; 10 ; 25.
Gidl.
Cic ciin béc hai cia 3 14 V3 va —/3;
Cic can bac hai ctia 1013 V10 va —v10;
Céc cin béc hai cua 25 1a V25 =5va —\/E ==5.

Vidud. (Bai83tr4l SGK)
Taco: V25=5 -25=-5 /(-5 =+25=5.

Theo mau trén, hay tinh :

a) \36; b) V16 ; c)Jzi:;
a3, e) Y(-3)* .
Gidi,
9 3
a) V36 =6; b) —V16 =—4; c) g=;;
d) V3 =3; 9 JE3F =af0 .

Dang 3.  TIM MQT SO BIET CAN BAC HAI CUA NO

Phwong phap gidi.

« Néu+x=a (a=0) thi x=a’.

Vidu5. (Bai84trdl SGK)
Néu vx =2 thi x? bing:
A. 2 B. 4; C.8; D. 16.
Hay chon ciu tra l¢i dang.

76



Giii.
D. la cau tra 1&i ding.
Gidi thich: vx =2 nén x=2?=4,dod6 x* =4* =16.

Vidu6. (Bai85 tr.42 SGK) ,
Dién s6 thich hop vao & tréng:

o 0,25 (-3 10° :

Jx 4 0,25 (-3)? 10* %
Gidi.

x | 4 | 16 | 025 [0,0625(=3) [(=3)*| 10* | 10° % %

Sl 2] 4 os]oas| 3 [=32 10|10 % %

Dang 4. SU DUNG MAY TINH BO TUI PE TINH CAN BAC HAI CUA
MQT SO CHO TRUOC

Phuong phap giai.

Tinh Nt 4n Két qua

6,4

2,11
(lam tron dén chir
s6 thip phan thi
hai)

1,2

Nim vimg cach sir dung nit ddu can bac hai ciia méy tinh bo tii.

Vidu7. (Bai861tr42SGK)
Diing may tinh bo tii dé tinh :

03+1,2 6,4

V3783025 ; 112545 ; ;

0,7 ok
Gidi.

Tinh Nt dn Két qua
J3783025 BEERNREN 1945
Ji125.45 225

1,46
0,3+1,2 (lam trén dén chir
0,7 sd thap phan thir
hai)
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11.1

11.2

11.3

114

11.5
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C. LUYEN TAP

Dang 1. Theo mdu : Vi 2> =4 nén v/4 =2, hiiy hoan thanh bai tap
sau :

a)Vi3*=..nén+..=3
c)Vil0?=..nén..=..
e)Vil1=..nén..=..

b) Vi 4~ =16 nén ..=4
d)Vi..=0nén JO=...
f) Vi (0,57 =... nén ...=...

I
Il

2
g) Vi [%] =..nén..=.. h) Vi (-2)? =... nén ...

i) Vi (-5)% =... nén ...=...

Dang 1. Dién s6 thich hgp vao bang sau :
Canh
hinh vudng A
hﬁi’:j::: A|225] 3 1225) 16 | 19

Dang 2. Tinh :

3 JEi00 b) J%

Dang 2. Tinh va so sénh : )

a) V9.4 va /9.4 ; b) V16.25 va V16425 ;

¢) /2,25.2,56 va 2,25./2,56 ; d) /2,89.6,25 va /2,89.,/6,25.
Tir d6 c6 thé dy doan mdt cong thirc nhu thé nao ?

2| 25 Ji'f 5,7

¢) 0,16 .

Tinh va so sanh :
a)ﬁvé‘—fg; b)JEVéE;
4 a 25 25




11.6

11.7

11.8

11.9

11.10

11.11

9 ’169 416 ] d) 2,25 i 2,25.

2 56 2,56
Tir dé c6 thé dl,l' doan m{t cong thirc nhu thé nao ?

Dang 2. Phai ching 5 =7 hofic 5 = )
Mot trong ndm déing thirc & mdi dong sau day 1a sai. Hay tim ding
thic do :

5= J_ J16+ J_+J_ 4+3=17;
5=J_=J169-1 =J16 -J =13-12=1.
(U] (2) (3) (4) (5)

Dang 2. Dién s6 thich hop vao bang sau :

X

[
£
(3%

—

x2 25 102 l ﬂ
: 64 4,9 18

Dang 3. Pién s6 thich hgp vao 6 vudng :

2 \[1=7; b) V169 =[]; 0)ﬁ=14;
dLI=-11; 9 (%]:I:h ﬁ[@ =[1;

2 (\/ﬁ)2 =81;  h)y[]=o.

Dang 3. Tim sai 1dm trong 15 giai sau va sira lai chd sai :
a) V81=9; ,0,49=0,7; 0,9=0,3.

b)[JE) =5, -(13)? =-13; 1024 =2".

¢) J0,01=0,1; V121=113; 100 =10.

Tim sai 1am trong 16 giéi sau :

a) V1681 = /1600 ++/81; b) J/(=36).(-81) =

c) (-ﬁ)2=3; d) V169144 =169 - 144 ;
e) (—«5)2 =3; f) (-7 =-7.

Tinh binh phuong ctia mdi s sau day :

V5 b3 o; VR o).
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11.12

11.13

11.14

11.15

11.16

11.17

11.18

11.19

11.20

80

Tim x €Q, biét :

a) x> =4; b) x?=5; ¢) x*=0; d) x* =1,
Tim x eQ, biét :

a) x?-9=0; b)x*+1=0; c¢)x>=2; d) x2-3=0.
Tim x eQ, biét : :
a) x2+1=82; b) x2+%=%; c) 2x% =6; d) 7x? =91.

Tim x €Q, biét :

a) (x-1%=9; b) (2x+3)* =25

Tim :

a) Mot so 16n hon binh phuong ctia né ;

b) Mot s6 nho hon cédn béc hai ciia no;

¢) Tat ca céc s6 bang binh phwong cua chiing.

Dang 4. Uéc lugng két qua cic phép tinh sau rdi tinh lai bing méy
tinh bo tui :

_ 5.87.16,25 413812

TESELTY 2628

Dang 4. Ciing hoi nhu Bai 11.17 :
A=(3,52)2.17,9; 41,7.5,6 ; C=.4,26.105,6 .

Dang 4. Tinh bing mdy tinh bo tai roi lam tron két qua dén chir s6

thdp phén thi hai :
_N215-31,72 _ /15,325,612

k) = ]

0,6137 4,73

_ 0,650,864 p M7 _Ji7.9
0,0046 T 42 0,053

Tim s6 ty nhién N thoa man dong thoi 4 diéu kién :

a) N la binh phucmg clua mot s0 tyr nhién.

b) N la mot s6 ¢6 bon chir sb

¢) Chi¥ s6 hang nghin va chir s6 hang don vi ctia s6 N nhur nhau.
d) Tich bbn chir s6 ctia N biing 10.



§ 12. SO THUC
A. TOM TAT Li THUYET

1. thye ‘ ‘
« S6 hiru ti va s6 v ti dugce goi chung 1a sé thye.
Téap. hop cic s6 thue duge ky h1¢u laR.
«Néualasd thue thi a biéu dién duoc dudi dang sb thdp phan hiru han
hodc vd han. Khi do, ta co thé so sanh hai sd thuc tuong tr nhu so sanh
hai 56 hiru ti viét dudi dang thap phan.
* Véia, bla hai sb thuc duong, néua>bthi va>Jb.

2 Truc so thue
« Mbi sb thye dugc bleu dién bdi mét dlem trén tryc s6.
« Mi diém trén truc s6 biéu didn mot sb thye.

3. Cac phép toan
Trong tap hop s6 thyc R, ta ciing dinh nghia cac phép todn cong trir,
nhin, chia, luy thira va khal can. Céc phép todn trong tap hop sé thye
ciing ¢6 céc tinh chit nhu cc phép toan trong tap hop céc s6 hiru ti.

B. CAC DANG TOAN
Dang 1. CAU HOI VA BAI TAP VE DINH NGHIA CAC TAP HQP SO

Phwong phap giai.

« Nim virng céc ki hiéu tap hop sd :
N : tép hop cac sb twrnhién.
Q: tép hop cac sé hiru ti.
R : tdp hop céc s6 thre.
« Nim vimg quan hé giia cic tap hop sd néi trén :
NcZcQcR;IcR

Z: tép hop céc sé nguyén.
1 :tdp hop cac s6 Vo ti.

Vidul. (Ban 87 tr.44 SGK)
Pién diu €, ¢ c thich hop vao 6 vudng :

3]e; 3dm; 3[]r;-253]Q;
0235 [ ]1; N[]z; I[]R.

Giai,

3[]@; 3[€]R;:3[]1;-2,53[]Q: 0.265)¢]1; N[<]Z; 1[c]rR

BA- COTVPPGTT/ 81

Vidu2. (Bai88tr44 SGK)
Dlen vao cho tréng (...) trong céc phat bleu sau :
a) Néuala so thyc thia la so ". hoidic sd .
b) Néu b 1a s6 v ti thi b viét duqc dudi dang

Gidi.,
a) Neu alasd thyc thi a 1a s6 hitu ti hodc $O Vo 1i.

b)_ Néu b 1a s6 vo ti thi b viét duge dudi dang sé thdp phan vé han
khéng tuan hoan.

Vidu3. (Bai89tr45SGK)
Trong cdc cau sau déy, cau nao dung, ciu nao sai :
a)Neuala so nguyén thi a ciing 1a so thyc ;
- b) Chi c6 s6 0 khong 1a sb hiru ti duong va ciing khong 14 s6 hiru
ti am -
¢) Néu a 1a sb tu nhién thi a khong phai 1a s6 v ti.

Tra loi.
+ Céc cau a), c) ding.

* Caub) sal vi ngodi s6 0 ra, s6 vo ti ciing khong 13 s6 hiru ti duong
va cling khong 12 s hiru ti am.

Vidud. (Bai%4 tr.45 SGK)

Hay tim céc tdp hop :
a) QnI; b) RnI.
Gidi.
a) Onl=9; b) Rnli= [l‘.
Dang 2. S0 SANH CAC 8O THUC
Phwong phép giai.
din ndm vimg :

+ Véi hai s6 thye x, y bat ki, ta !uon cdholicx=y hoac x<yhoic x>y.

* Céc s6 thye 16n hon 0 goi lé s6 thyue duong, céc sb thuc nho hon 0 goi la
s6 thye am. S5 0 khong 1a s6 thue duong ciing khong 1a s6 thl,rc am.

* Viée so sanh céc s6 thye duge lam tuong tu nhur so sanh cac s6 hiru ti.

* Véia, b 12 hai s6 thuc duong, néua> b thi Ja>b.

82 8. COTVPPGT7/1




Vi du 5.

(Bai 91 tr.45 SGK)
Dién chir s thich hop vao 6 vuéng :

a)-3,02<-3,[]1; b)-7,5[_]8>-7,513;
c)-0,4[_]854 <-0,49826; d)-1,[_]0765<- 1,892.

Huréng dén .

a) Ta phai ¢6 3,02 > 3,|:| | suyra3,02> 3,@ L.
Vay:-3,02<-3,[0]1.

" b)-7,5[0]8>-7513;
¢)-0,4[ 9854 <-0,49826 ;
d)-1,[9]0765 < - 1,892.

Vi du 6.

(Bai 92 tr.45 SGK)
Sip xép cacsd thye: -3,2; 1; -%; 74 10;
a) Theo thir tu tir nho dén 16m.

- 1,5.

b) Theo thir ty tir nho dén I6n cua cic gid tri tuyét doi cua

ching.
Gidi.

a)-32<-15< —%<0<1<7,4.

1

b)0<5 <1<1,5<32<74,dod6:

Vidy7.

_; <i|<|-1,5)<|-3,2|<[7,4.

1. Chimg minh ring véi a, b 14 hai s6 thuc duong, ta 6 :

a) Néua>bthi a>>b?. b) Néu a?>b? thia>b.

2. Chimg minh riing véi a, b 14 hai s thyc duong, ta c6 :
a)Néua>bthi Va>vb; b)Néu Va>Vb thia>b.

3. Ap dung : So sénh (khong ding may tinh)
a)5va 29 ; b) 3V2 va 24/3.
Gidi.

1. a) a, b 12 hai sb thyc duong néna+b>0.Néua>bthia—-b>0.
Xéttich: (a+b)a-b)=a(a—b)+b(a—b)= a’-ab+ab-b> =a

I-p.

83

Via+b>0,a—-b>0nén(a+b)a—b)>0hay a>~b? >0.Suyra:

a’>bl.

b) Néu a>>b? thi a>~b? > 0 hay (a + b)(a - b)> 0.
a+b>0(via>0,b>0)suyraa—b>0haya>b.

2) a, b 14 hai s6 thye duong néna= (\/E_I)z, b=(\/g)2 . Theo cdu 1, ta

co:

a)Neua>bhay( ) > (J_) thi va>Vb

b)Néu va>+b thi (va)’ > (vb)’ haya>b.

3) a) Theo két qua & cau 1, ta c6 : 29 > 25 hay (v29)" >5% nén
J29>5.

b) Xéi 2} { J—)z Taco:
(3v2)’ = 3v2.3v2 =9.(v2)'=9.2=
(243)" = 2y3.2V3=4.(3) =43=12.

Vi 18 > 12 hay (3\5)2‘:'(2\/?_,)2 nén suy ra 3~E>2~f§.

—
Ll}

Dang 3. TiM SO CHUA BIET TRONG MOT PANG THUC

Phwong phip giai.

+ Sirdung tinh chit cua cac phqp toan ;

Sir dung quan ht; giira cac s0 hang trong mot tong, mot hu;u, quan hgt
gilra cac thira so trong mét tich, quan h¢ gitra so b] chia, so chia va
thuomg trong mdt phép chia.

« Sirdyung quy tic “d4u ngogc”, “chuyén vé”

Vidu8. (Bai93 tr.45 SGK)

g4

Tim x, biét :
a)3,2.x+(-1,2).x+2,7=-49;
b)(-5,6).x+2,9.x-386=-9_8.

Gid.

a)3,2.x+(-1,2).x+27 = -49
[3.2+(-1L,2)]x+2,7 = -49
2x+27 = -49




2.X = -49-27
2.X = -7,6
-7,6
x — —_—— = -
2
X = -38.
b) Lam tuong t ciu a). Pap s : x =2,2.
Vidu9. Timx, biét: (lé-x].3—1-=—2-3—].
7 3 42
Giai
(li-x)}l = —22
3 42
Dy e BN
7 42 3
3 23
I==x = -=
7 28
13+£ =% 95 0
7 28
X = 2-1—.
4
Dang 4. TINH GIA TR] CUA BIEU THUC
Phuong phap giai.

thuc hién ding theo thir ty da quy dinh.
« Rut gon céc phén sé khl c6 thé.

« Chi y véin dung tinh chét cic phép toan dé tinh toan dugc thudn tién.

« Thyc hién phdi hop céc phép tinh cng, trir, nhén, chia, lily thira, cha y

Vidu 10. (Bai 90 tr. 45 SGK)

Thye hi¢n céc phép tinh :
N R L R R
——2.18):|3=+0,2]; b) —-1,456:—+4,5-—.
al)(25 = Ui
Giii.
)(2%-218) (3 +0, 2) (0,36 -36): (3,8 +0,2)
=-35,64:4
=-891.

85

5 7 4
B) S L 456y 4id e
) 18 257453

Vidy 11 (Bai 95 tr45 SGK)

Ly 5/ ) ML I L, S SR

1inn gia irj cua cac Dleu thire :

8 6
A=—5,13:(5———1—- i —) ;
-1y b5+ ;

B=[3l-l,9+l9,5:4l)-(£2-—i) .
3 34 NS 25

Giai.
8 6

5
A=—5,l3.(5——1— L 25+1-] =5 13[ ELIE
29 63 TR

=_5,13;[(5—2+l) +(i_l_3+§]]

28 36 63

I 57
=-5.13;(4+—] =53 =
14 B

=5,13.14 =56

Viy : A=-1,26.

B=(3%-l,9+l9,5:41)-[2—i] [12 E+§g E) [

32°\75 25 3710 2°3

19 393] 2 38 3. 2 2
(3 2B 3 ol o iy

2
Véy:B=7=,
ay 9

86

62 12

o1

79 15



12.1

12.2

12.3

124

12.5

12.6

12.7

12.8

12.9

C.LUYEN TAP

Dang 1. Dién céc ddu (&, ¢ <) thich hop vao 6 vudng :
2 IN; 2z; -2]o; -2[Ir;
v V20e; 2[0r;  z[o;

Dang 1. Dién vao chd tréng (...) trong céc phit biéu sau :
a)Néuala so hiru ti thi a cung la ..
b) Néu a 1a s6 hivu ti thi a viét duqc dudi dang s6 thap phan ..

ngg IL Trong cic cau sau day, cau nao dung, ciu nao sai :
a)Néuala 50 vo ti thi a cling la s6 thyc ; .

b) Néu a 1a s6 hitu ti thi a khong pha: lasdvoti;

¢) Néu a 1a ciin bic hai clia mgt s tw nhién thi a 1a s0 vo ti.

Dang 1. Tim cac tap hop :

a) ZnI ; b) QnR.
Dang 2. So sénh céc s6 thyc sau :
a) 0,135 va 0,(135); b) % va0,(3) ;

43

©)2,1(467) va - ; d) [0,(3)]2 va (0,3)%;

¢) [0,2D)]" va (0,21)%;
Dang 2. So sanh cac s0 thye :
a) 0,545545545... va % 3

i) — va [0, 3(59)]

c) 7% va 7,567567567... ; d) 1,2121212... va l% .

Dang 2. So sanh cac s6 thyc :

a) 3,737373...va 3,767676...; b)-0,1845va-0,184184...;
c) 6,821821821... va 6,8218 ; d) 7,315315... va'7,325316.
Dang 2. Sip xép cac s6 thyc sau theo thir ty ting dan :

0,466 ; %; 0,4636363... ; 0,463736 ; 0,4656365...
Dang 2. Trong hai s6 sau, s nao 1én hon ?
a) 13 va 170 ; b) V6 va3;
¢) 15 va V226 ; d) V12 va V17 .

-—ZDH :
N[ R;

. hodc

b) -—2% va-2,212212221...;
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12.10

12.11

12.i2

12.13

12.14

12.15

12.16

12.17
12.18

12.19

12.20

12.21

12.22
12.23

88

Dang 2. So sénh 5v6 va 645 .

Dang 2. Khéng ding mdy tinh, hdy so sanh :

a) V7 +15 va7; b) V17 +/5 +1 va V45 .

Dang 3. Tim x, biét : (21-!-31]:()&3 ] 7l=1§
32 2 86

Dang 3. Tim x, biét : [(7+0,004x):0,9]:24,7-12,3=77,7.

Dang 3. Tim x, biét: [(6%—9—105%5—2] 2,8+I,75]:0,05=235.

Dang 4. Thyc hién phép tinh :
23 [[(3,72—0,02}-ﬂ] -5-+2.8] —l.
3 1 37]6 J\ 15

Dang 4. Tinh gia tri cua biéu thire :

A= [13,25—-2i—lﬂé).230,04+46,75.
27 6

Chimg minh J7 1asb vo ti.

Hay viét mot sé hiru ti viA mdt s vo ti 16n hon 2 nhung nhé hon
V3.

Hay cho mét vi du dfi béc bdé ménh dé sau : "Tfmg, tich, thuong cua
hai s0 vo ti cling la 50 vo ti”.

C6 ngudi néi : “Tdng cua hai sé vo ti duong 1a mét s v ti”. Diéu do
co ding khong ?

Chimg minh rﬁng

a) Tong cua mot so hiru ti va mot sb vo ti la mot sb vo ti.

b) Tich ctia mot sé hﬁ’u ti khéc 0 véi mot sdvo i la mot s6 vo ti.
¢) Thuong ctia mot s hiru ti véi mot sé vo ti [a mot sb vé ti.

Chimg t6 ring tap hop 1 céc s vé ti c6 vo s phan tir.
Chosba=0, 12345678910111213... trong d6, sau dau phay la cic s6

ty nhién duge viét lién tiép ké tir 1. Chimg minh rﬁng a 1a mot s6 vo
ti.



ON TAP CHUONG 1 Dip s6.

A. BAI TAP ON TRONG SGK 3= %:-3% : By _% ;
96. Thuc hic;n-phép tinh (bing cach hop liﬁnéu co ll"\lé): & y=— ﬂ; d)y——l
4 5 4 =o' G Rl Sl 49 11
a) l=—=+—=——+0,5+—; b) =i19===-33= -
23 21 23 21 73 773 99.  Tinh gi4 trj clia céc biéu thire sau :
-3 id) (os-95-(-5)
mgil oS . | =2 |-25=| == . = —=|=ayas=] == i)
L)‘J( 3) T d) la4 = 2l"7 P=|-0,5 - ( ).,.3 - | 2),
Gidi
x Q=(i-l,oos)i[(3l-55) 2]
8 8 A e il 4 4 5 16) . . 25 71\ 4 790717
a) l—j+——'—-:+0.3+'_)—- = ];—;’ + 7—|+7_| +0.5
23 21 23 23 23 202 Gidi.
=1+1+05=25. 1 . Eye . '
B8 g 3 F—" R p=L_0 5__J -3 l_(_ lJ: ) =(__l._§.J: =) +l_i
3193773 "?'["’5""3’]‘?"‘”"“" a AR Ak v
-11 1.1 37
I ;. E= VT WL
L)q.[_.l_} +,!. = c).[_L)+: = —=+—=0. 10 {=3) 4 30 460
3 3 27) 3 3°3 5
S 5 T =(—-1 008] [(3——6 ) }
d) 15+ [—3]—251 [-3) E (15—-23—):(——) Q=3 7 17
4\ 7 4'\ 7 4 AN T
. (_@__1_2_@) [(g_g) 36]_-116 1(-119_36)
=(-'0)'[-5)=14- 25 125/°7\4 9/ 17]" 125 4\ 36 17
97.  Tinh nhanh : _ﬂ (=7 )_2
a) (- 6.37.0.4).2.5: b) (- 0.125). (-5.3) . 8; 125 125
) (=25).(~4).(-79); ) (=0375). 41 . (<2)°. 100. Mg ban Minh giri tiét ki¢m 2 trigu dong theo thé thirc “c6 ki han 6
s i ©3 thang”. Hét thoi han 6 thing, me ban Minh dugc linh ca vén 13n [3i 1a
Giai. 2 062 400d. Tinh li sudt hang thang cta thé thirc giri tiét kiém nay.
a) (~6,37.04).2.5=— 6.37.(04. "5)--—6.37.I=—6.37._ Fi
b) (- 0,125).(-5.3).8=(-0.125.8) . (- 5.3) = (- D.(- -5.3)=35.3. o oo
Tién 1ai mot thang 13 : (2062400 — 2000000) : 6 = 10400 (d).
&) (= 2.5).(- 4~ 7.9) = [(<2.5).(-4)]-(=7.9) = 10.(- 7.9) == 9. I mot thing 13 : ( ) @
g . . 10400.100, >
1 184 ips 13 2 i Lai suat hang théng 13 : ——%=0,52%.
d) (- 0.375).4-. (=2)° = [(-0.375)-(-8)]- =~ =3. =~ =13. - . 2000000 #
; 3 3 3 Pép s0 : 0,52%.
98. Iun:‘ blt.‘l?l 4 31 101. Timx, biét :
—_— = b ':—=—1’_: = . —_— .
B) =y | Wigt % a) xI=2,5 ; b) Ix| 11,2,
o - - 1 D ¢) [x|+0,573=2; d —-4=-1
s ) S ——y+0,25== . , s ) |x+ i
c)lS}+_]_ 5 d) 12>+ 5 S :

89 90



102.

103.

104.

105.

Ddp so.

a)x==%25; b)Khﬁngténtaigiétrin&ocilax;
2 |

c)x=+1427; dx=2—; x=-3—-.

) =23 ix=33

Tir ti 1€ thirc %=% (a,b,c,d #0;a # tb; c # £d) hdy suyracac ti

1é thirc sau :

a+b c+d a-b c¢-d a+b c+d
) b) ——=—; J——e——y
b d b d a c
a-b c¢-d a c a c
§)E2=5; 9= p o
a c a+b c+d a-b c-
Hudng din
a)TﬁE—E:;E—E—a+b Ti a+b=2 a+b_c+d

b d ¢ d c+d c+d d b d -’
Céc cau con lai cling l1am tuong tu.

Theo hop dong, hai td san xual chla Iﬁ: véi nhau theo ti !e 3 :5. Hoi
mdi td dugc chia bao nhiéu néu tdng sé 13i 1a 12 800 000 ddng.

Dip so.

4 800 000 d va 8 000 000 d.
Mot cira hang c6 ba tim vai dai tdng cdng 108m. Sau khi ban di 1/2
thm thir nhét, 2/3 tAm thi hai va 3/4 tAm thir ba thi s6 mét vai con
lai & ba tim bing nhau. Tinh chiéu dai mdi tim vai lic dau?
Dip sé.
24m, 36m va 48m.
Tinh gié trj cia céc biéu thirc sau :

a) /0,01-4/0,25 ; b) 0,54/100 -\E !
Giii,

a) -J0,0I -4J0,25 =0,1-0,5=-0,4;

b) 0,5.4/100 - % =10,5.10—-0,5=4.5.

91

10.

92

B. BAI TAP ON BO SUNG

So sanh céc sb thyc :
) e

)._.

273 "2 235 °
So sanh céc sb thye :

a) 0,22(23) va 0,2223 ;

c) —2-32— va—2,67;

So sanh céc s6 thyc :
a) 99 va 9999'%;
s Bl . Rl
Ot
Tim s6 ty nhién n, biét ring :
a)32< 2"<128; b)2.16 22">4;
Tim tit c& cac s tu nhién n sao cho :
a)32.34.3*=3;
Tim x, biét rﬁng:
a) x>0 ;

Tim x, biét riing :
a) Ixl==|x+1 ;

d) M—1

b) Ix|=-x?;
e) |x-2|=[2-x].

Tlm X, biét rﬁng:
a) Ix|>0;

Tim x, biét ring :
a)Jx_2=x; b)\/x_2=-x;
d) (x*-4).Vx=0.

Tinh gia tri ctia cac biéu thirc sau :

f oA Y F%

o] L 4 5 2 15 |.
9 5 6

b)2va 3W3-2V2;

b) x?<0 .

b) Ixl<0.

c) 3* va2¥,

b) -% va 0,1428(57) ;

d) —% va—1,16667.

) 9.27 <3"<243.

b) 27'.2"+4.2°=9.2°.

c) |x-2|=-(2—x)2;

x.\/x-2=0;



11.

12.

13.

14.

15.

16.

B=(0.8.7+0,64).[1,25.7—-%-1.25)+3l,64.

Viét cic sb thap phan vo han tuin hoan sau ddy dudi dang phan s :

a) 0,2(3) ;
e) 0,413(1561) ;

Tinh :
|

1 1
a) 2— 34(12)—§+3( 0.5—3—) 5

b) [0,(5).0,(2)]: [3% %J —-(-%-l—l-) :g.

b) L,4(51);
f) - 0,41(356) .

c)-2,37(1); d) - 3,24(41) ;

Tinh :

1
1 2
2) 0,4(3)+0,6(2)- 2 Tk

4 5 42
b) 35- E—[Z (4)-2— ] (

Chimg minh déng thirc :

a) 12%.9'2=18'¢ ;

b)14,2.11+14,2.41+58 .11 +58.41=1040;
c) 75%=45".5% ;
d)31.82+125.48+31.43 -
Chimg t6 ring :

a) V21-v5>v20-6;

125.67=1500.

b) V2 +/8<3+3 :

c) \/3_7—\/ﬁ>6—\/l_5; d) ﬁ+ﬁ>5,3.
Tinh :

4,5:[47,375—[26:—15-18.0,75].2,4:0,88]
a) 75 ;

17,81:1,37-23-:1—
3 6

b) M [(4-0,8(3)—2. ) (8—-7 91(6))] ( 2 +i) ;

+0.00)+0] 14 42
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17.

18.

19.

20.
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3

9 [(4,6+5:6,25).14_1]_

4.0,125+2,3 6| 8 6 3

12,4+4=
5

Cho A=(9.0,08+0,7.0,08)[9 12,5-0,7. 122] +9,49;

(1,09-0, 29).1l

o I3]8
1
(89 -16-5 5

Hoi s6 nao 16n hon va gp bao nhiéu lan s6 nhé ?

Timx,vy,z biét :

Cho bdn s6 dwong a, b, ¢, d. Biét ring :b= a;
minh ring bdn s6 ndy 1ap thanh mét ti 1¢ thire.

27.9
o(43-B.62)(325-28).
2 4



Chwong 2.
HAM SO VA PO THI

§ 1. DAl LUQONG Ti LE THUAN
A.TOM TAT Li THUYET

l U!llll ngma
Neu dal lugng y lién h¢ véi dai lugng x theo cong thirc y = kx (véi k la
hﬁng s0 khac 0) thi ta néi y ti 1€ thuan véi x theo hé so ti 1€ k.
Chu y : Khi dai Iuo'ng y ti Ié thudn véi dai luc,mg x thi x cling ti 1§
thudn v6i y va ta noi hai dai lugng do ti 1¢ thuin véi nhau. Néu y ti 1&
thudn véi x theo hé so ti 1€ k (khdc 0) thi x ti 1€ thudn véi y theo hé so
tilg 1/k.

2. Tinh chit
Néu ha: dai lu'qng ti 1€ thu@n v&i nhau thi :
*Ti so hai gié trj tuong (g ctia ching ludn ludn khong déi.
« Ti s6 hai gia trj bit ki cua dai lugng nay biing ti s6 hai gia trj tuong
{mg cua dai lugng kia.
Néu hai dai lugng y va x ti 1€ thudn véi nhau thi :

AT TN £ P
X X X5
TP A - O |

] ’
X2 ¥Y2X%3 )

B. CAC DANG TOAN
Dang . CUNG CO CONG THUC CUA PAI LUQNG Ti LE THUAN
Phwong phap giai.

Ap dung cong thirc y = kx dé xac dijnh tuong quan ti I€ thudn gitra hai dai
lugng va xdc dinh hé s6 ti 1.

95

Vidul. ([?1] .51 SGK)
Hay viét cong thirc tinh :
a) Quing dudmg di dugce s (km) theo thdi gian t (h) ctia mgt vat
chuyen dong déu véi van téc 15 (km/h);
b) Khdi lugng m (kg) theo thé tich V (m?®) cua thanh kim loai

dong chal ¢6 khdi lugng riéng D (kg/m ). (Chi y : D la mét
hiing s6 khac 0).
Tra loi.
a)s=15t; b) m=DV.

Vidy2. ([22] .52 SGK)
Cho biét y ti 1¢ thudn véi x theo hé s6 ti 1¢ k = —-% . Hoi x ti 1§
thudn véi y theo hé s6 ti 1¢ nao ?
Tra loi,
y =—%x nén x = —%y nghia 1a x ti I€ thudn véi y theo hé sb ti 1é
5

=5
Vidu3 (Bail tr.53 SGK)

Cho biét hai dai lugng x va y ti 1¢ thudn vdi nhau va khi x=6

thiy=4.

a) Timhé so ti 1¢ k cua y ddi véi x ;

b) Hay biéu dién y theo x ;

¢) Tinh gia trj cia y khix=9 ; x = 15.

Gidi.
a) Hai dai lugng x va y ti I¢ thudn véi nhau va khi x =6 thi y=4

néntacoy=kx =4=k.6 =>k=i=g.
6 3

2
b)y= kxmak—; ny=

c)Khix=9thiy=3-.9=6;khix=151hiy=%-15 = 10.

W

X.

Vidud. (Bai4tr.54 SGK)
Cho biét z ti 1¢ thudn véi y theo h¢ so ti 1€ k va y ti I¢ thudn véi
x theo h¢ sb ti 1 h. Hay chimg to ring z ti I¢ thudn véi x va tim
hé sb ti 18.
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Gidi.
z ti 1¢ thudn vdi y theo hé s ti 1¢ k nén z =ky (1
y ti I¢ thudn vdi x theo h¢ so ti 1¢ h nén y = hx 2)

Tu (1) va(2)suyraz=(kh}x.
Vay z ti 1¢ thudn véi x theo hé so ti 1€ k.h.

Dang 2.  LAP BANG GIA TR] TUONG UNG CUA HAI PAI LUONG TI LE
THUAN

Phwong phép giai.

* Truéc hét, phai xac djnh hé s6 ti 1é k.
* Tiép d6, ding cong thirc y = kx dé tim céc gia tri twong {mg ciia X va y.

Vidus. ([74] .53 sGK)
v A el

~ LIS

Cho biét céc dai lugng y va x ti 1¢ thudn véi nhau :

Hudng dan.

e
Xi 22
Dap s6 :
[ =1 T W
y | 6 2 2 | =4 -10 |

Dang 3. XET TUONG QUAN TI LE THUAN GIUA HAI DAI LUONG KHI
BIET BANG CAC GIA TRI TUONG UNG CUA CHUNG

Phuong phéip giai.

Xem xé1 tat ca cac thuong cdc gia tri tuong mg cua hai dai lugng co bing
nhau khong.

Vidu7. (Bai3 tr.54 SGK)
Céc gid tri tuong ing cua V va m dugc cho trong bang sau

X x=3

X,=4

X3=

y

N

Ya=12

Yi=2

a) Hay xac dinh hé s6 ti 1é cua y d6i véix;
b) Thay mdi déu ? trong béang trén biang mét s6 thich hop ;
¢) C6 nhén xét gi vé ti s6 gitra hai gia trj tuong (mg
N Y2 Y3 Ya
X Xy X3 Xg
cilayvax?
Tra loi.
a) y,=kx, 26=k.3=k=2.
b) y,=2.4=8; y;=2.5=10; y,=2.6=12.
¢) Céc ti s6 d6 déu bing 2 (hé s6 ti 1¢) :

X; X3 X3 X4

Vidué. (Bai2tr.54 SGK) oy -
Cho biét x va y 14 hai dai lugng ti 1¢ thudn. Dién so thich hop

vao 6 trong trong bang sau :
X -3 -1 1 2 5
y -4

7A- COTVPPGT7/ 97

v i 2 3 3| 5
m 78 | 156 | 234 | 312 | -39
m

v l

a) Dién s6 thich hgp vao cac 6 trong trong bang trén;
b) Hai dai lugng m va V ¢6 ui 1€ thudn véi nhau hay khong? Vi
sao ?
Tra loi.
a) Céc 6 réng déu duoe dién sb 7.8.
b) m va V Ia hai dai lugng ti I¢ thuan vim = 78V.
C6 thé ndi : m ti 1é thu@n vdi V theo hé so ti 1é 7.8 hodce V ti I¢ thudn

s e | -
voimtheoh¢ sotil¢ —=—.
78 39

C.LUYEN TAP

1.1 Dang 1. Cho biét y ti I¢ thuan véi x theo hé sO ti 1& 2. Hoi x ti 1¢
thudn véi y theo hé so ti 1é nao ?

1.2 Dang 1. Chu vi va do dai mgt canh cta hinh vudng c6 phai 1a hai dai

lugng ti 1¢ thudn khong ? Néu ¢6, hé s6 ti 1¢ 1a bao nhiéu ?

98 78- COTVPPGT7H



1.3

1.4

1.5

1.6

1.7

1.8

1.9

Dang 1. Neu ¢6 p ti I§ thudn véi q theo hé so ti 1€ k thi ta ¢6 cong
thire nao ? Néu hai dai lugng u va v ti 1¢ thuan voi nhau thi ta ¢
cong thirc nao ?

Dang 1. Bi¢t rdng y, ti ¢ thuan véi x; theo hé sotil¢ a(az 0); ¥a
ti 1¢ thugn vai x, theo hé s6 ti 1¢ a. Hoi y, -y, ¢o ti 1€ thuan véi
X, =X, khong ? Néu 6, hé s6 t 1¢ 1a bao nhiéu ?

Dang 1. Chu vi va canh cia tam giac déu ¢o6 1 1é thudn véi nhau
khong ? Néu co. hé so ti 1¢ 1a bao nhiéu ?

Dang 2. Cho biét x va y 1a hai dai luong ti lr. thudn. Hay dién s6 thich
hop vao 6 trong trong bang sau :

| 25
1 -4,

=
[
|
|
w

% |.=A& | =05] 0 |
|
|

e
o

-235

'.J\

Dgng 2.‘Ch0 biét x va y la hai dai lugng i 1.(_.' lhua;m.

a) Biét rang v6i hai gid tri x,.X, cua x ¢6 tong bang — 2 thi hai gid tri
twong tmg y,.y, cuay co 1ong bf‘mg 6. Hoi hai dai lugng x vay lién
hé voi nhau boi cong thie nio ? .

b) Tir d6. hay dién so6 thich hop vao cic 6 trong trong bang sau :

|
X -2 -1 e 0
2
1
¥ | 1 = -6
| o)

Dang 2 X .vé y 1a hai dai luong ti 1€ thudn. -

a) Biét rang véi hai gid tri Xx,.X, ctia x thoa man diéu Kién
—3x,= — 8.25 thi hai gia tri twong tmg y,.y, cua y théa min

diéu kign 2y, -3y, = 2.75. Hoi hai dai lugng x va y lién hé voi nhau

boi cong thire nao 7 _

b) Tir d6. hdy dién so thich hop vao cdc 6 trong trong bang sau :

' ‘ <8 | W8]

e

X =) !
)

|
|
y { 1.2 |

= e s

| ‘l) |
| |

3—

7

5

0@ |

0.1(3) |

Dang 2. Cho biét y ti I¢ thudn vai x. y,,y, la cde gid tri ca y tuong

{mg vdi cdc gia tri X,,X, cuax.
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a) Tim gia tri cta y twong tmg vol X = X, +X, .

b) Tim gia tri cua y tuong {mg voi X = —-7~x1:
S o : s X,

¢) Tim gia tri cua y twong (mg voi x = —:

2

~

d) Tim gia tri cta y tuong ing voi X = X,X,.

1.10 Dang 3. Bang cdc gia tri x va y sau ddy co6 cho ta hai dai lugng ti 1¢
thuan khong ? Néu ¢, hé s6 ti 18 la bao nhiéu ?
X -45 -3 0 1.5 2,25
{ y 1,35 09 0 -045 | -0.675
L.I1  Dang 3. Bang cdc gid tri x va y sau day c6 cho ta hai dai luong ti I¢
thudn khong ? Néu c6. hé sb ti 1¢ 1a bao nhiéu ?
X -5 -1 -2 -35 6,8
y 125 25 5 8.75 - 16,32 |
1.12  Gia sir x va y la hai dai luong i 1¢ thuan, x,x, 1a hai gid i khéc
nhau cta x : y,.y, la hai gia tri tuong (g cua y.
: 3 1
a) Tinh x, biét X, =2,y === ¥, =—.
) | Yy 37277
b) Tinh x,.y, biét y,—x,==2.x,=-4.y,=3
1.13  Gia su x va y la hai dai lugng ti I¢ thuan, x,.x, la hai gia tri khdc

nhau cua x ; y,.y, la hai gid tri twong img cua y.

: 4 ]
a) Tinh x, biét x,=1=.y,=5=,y,=-2-.
) 2 =5 ¥ 5 Y2 3

b) Tim x,,y, biét 2y, +3x,=20,x,=-6.y,=

L]

.

Ti LE THUAN

§ 2. MOT SO BAI TOAN VE DAI LUONG
A. TOM TAT LI THUYET

Bai toan 1 : Toan vé dai luong ti I¢ thugn.
Bai todn 2 : Chia m¢t s0 thanh nhiing phéan ti 1¢ thudn vai cac so
cho trudc.
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B. CAC DANG TOAN

Dang 1. XET TUONG QUAN TI LE THUAN GIUA HAI PAI LUONG
KHI BIET BANG CAC GIA TR] TUONG UNG CUA CHUNG

Phwong phép gidi.

Xem xét tit ca céc thuong cla céc gid tri tuong (mg cta hai dai lugng c6
bing nhau khong.

Vidy1l. (Bai$ tr.55 SGK) 2
Cac dai lugng X va y ¢o ti ¢ thu@n véi nhau hay khong, néu

8) Ix|1]2|3]4]5], B x]1|2]5]6]9],
y |9 [18]27(36]45] y [12]24 60 [72 |90 |

Giii.

a)Tacé: E—E-*E—M o) =9,

1 2 3 4 5
Véy céc dai lugng x va y ti 1¢ thudn vdi nhau (y = 9x).
b) Tacd: £=E=@=E¢2.

1 2 5§ 6 9

Vay céc dai lugng x va y khong ti 1¢ thudn.
Dang 2.  TOAN VE DAl LUQNG Ti LE THUAN

Phwong phap giai.

* Xéc dinh tvong uan ti l¢ thudn giira hai dai lugng.
. Ap dung tinh chat vé ti s0 cac gid tri cua hai dai lugng ti 1€ thuan.

Vidu2. (Bai6 tr.55 SGK)
Thay cho viéc do chiéu dai cic cuén diy thép ngudi ta thuong
cn chiing. Cho biét 3m day nang 75g.
a) Gia sir x mét day nang y gam. Hay biéu dién y theo x.
b) Cudn day dai bao nhiéu biét ring né ning 4,5 kg?

Gidi.

a) Vi khéi lugng y(g) ciia cudn day thép ti 1¢ thudn véi chidu dai
x(m) ciané nén tacé : y =kx (1
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Thay y =75, x =3 vao (1) ta dugc : 75 =k . 3=>k=%—-25

Viy taco : y = 25x.
b) Tir y = 25x suy ra x=%y. Khi y = 4,5kg = 4500g thi

|
=L 4500=180 (m).
X=2%s (m)

Viy cudn diy thép ning 4,5 kg c6 chiéu dai la 180m.

Vidu3. (Bai71tr.56 SGK)
Hanh va Vin d;nh lam mirt déo tir 2,5 kg dau Theo cong thirc,
cir 2 kg diu thl cén 3 kg duomg. Hanh bao cén 3,75 kg dudng,
con Van bio cdn 3,25 kg. Theo ban, ai ding va vi sao ?

Hudng din .

Khéi luong dudmg y(kg) ti 1¢ thudn vai khéi lugng dau x(kg) :
y=kx =23=k.2 =2k=1,5.
Try=15xcoy=15.25=3,75 (kg)
Tra loi : Hanh ndi ding.
Vidud4. (Baill tr.56 SGK)
Pé : D6 em tinh duge trén mot chiée ddng hé khi kim gidr quay
duge mdt vong thi kim phat, kim gidy quay duge bao nhiéu
vong ?
Hudmg din
Kim gi& quay m§t vong thi kim phut quay 12 vong ; kim phit quay
mdt vong thi kim gidy quay 60 vong.
Tra 1o : Khi kim gi¢ quay m¢t vong thi kim phit quay 12 vong va
kim gidy quay 720 vong.

Dang 3.  CHIA MQT SO THANH NHUNG PHAN Ti LE THUAN VOI CAC
SO CHO TRUOC

Phwong phap giii.

Gia sir phai chia s6 S ra thanh ba phén x, y, z ti 1¢ v6i cdc s a, b, ¢. Ta

lam nhur sau : X N .2 XPyry 8
a b ¢ a+b+c a+b+c
DO Remcy i G i e
a+b+c a+b+c a+b+c
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Vidu5. (Bai8 tr.56 SGK)
Hoc sinh cuia ba 16p 7 cin phai trong va chim séc 24 cdy xanh.
Lop 7A co 32 hoc sinh, loP 7B ¢6 28 hoc sinh, 16p 7C ¢6 36 hoc
smh Hoi m01 16p phai trong va cham s6c bao nhiéu cdy xanh,
biét ring s6 cay xanh ti 1¢ véi s6 hoc sinh ?
Huang ddn : Dua vé bai todn “Chia s 24 thanh ba phan ti 1§ véi
ba s6 32 ; 28 va 36”.

Giii.
Goi sb cay phai trong va chim s6c cua cac 16p 7A, 7B, 7C lan lugt la
X, ¥, z. Theo dé bai ta cé :

x+ty+z=24 (n
va

X Z

e )

DL L0 20

K.Y Z._ XEYFS 241

32 28 36 32+428+36 96 4
Tirdo:x= -—-32=8 : y=—-28=7 s z=—n36=9.
4 4 4

Tra 16i : S6 cay phai trong va cham séc cuia céc 16p 7A, 7B, 7C theo
thotrla8;7vao.

Vidu 6. (Bal 9 tr.56 SGK)
Pdng bach 1a mot logu hgp kim cua mken, kém va dong v6i khdi
lugng cia ching lin lugt ti 1§ véi 3 ; 4 va 13. Hoéi cén bao nhiéu
kilégam niken, kém va dong dé san xuat 150 kg ddng bach ?

Huréng din.

Chia s6 150 thanh ba phén ti 1¢ véi 3 ; 4 va 13.
Tra 1&i : Khéi lugng niken, kém va ddng theo thir tyr 1a 22,5 kg; 30 kg
va 97,5 kg.

B. LUYEN TAP
2.1 Dang l. Hai dai lugong x va y ¢6 ti 1¢ thudn véi nhau hay khong, néu :
a) X 2,3 4,8 -9 -6 -5
y 48 2,3 -5 -6 -9
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b) X -5:1 -6,2 -7:3 -84 -9,5
' y 2,04 2,48 2,92 3,36 3,8

2.2 Dang 2. Cir 100 kg théc thi cho 60 kg gao. Hoi 2 tn théc thi cho bao
nhiéu kilégam gao ?

2.3 Dang 2. Mt tén nudc 'qién chira 25 kg mudi. Hoi 500 g nudce bién
chira bao nhiéu gam muoi ?

2.4  Dang 2. Dung 8 may thi tiéu thy hét 70 lit xang. Hoi dung 13 may
(cung loai) thi tiéu thy hét bao nhiéu lit xang ?

2.5 Dang 2. Biét riing 14dm® sit can nging 109,2 kg. Hoi 7m® sit can
niing bao nhiéu ?

2.6  Dang 2. Badon vj vén tai cung viin chuycn 700 tén hang.
Don vi A ¢6 12 xe, trong tai mél xe la 5 tén.
Pon vi B ¢6 15 xe, trong tai m0| xelal3 tﬁn
Pon V| C ¢6 20 xe, trQng tai m0| xe la 3,5 lan
Héi mdi don vi da vén chuyén bao nhiéu tén hang, biédt r’ing mdi xe
duge huy dong mot s6 chuyen nhu nhau ?

2.7  Dang 3. Chia sé 117 thanh ba phin ti 1¢ thudn véi :

a)3.4;6. b)l:-l-;—l-.
346
2.8  Dang 3. Tim ba s6 x, y v& z, biét riing ching ti 1¢ v&i 3 ;5 ;7 va
z-y=1.
. A8 23 1
2.9 Tlmbaséx,y,z,bletrangx:y:z=-§§5vax z=-0,5.

2.10 S6 M duge chia thanh ba phz"m ti I¢ v&i nhau nhu 0,5:I-§—:2-:I. Tim s6
M, biét riing tdng binh phwong cia ba sé d6 biing 4660.

2.11  MOot don vi cong nhin sira dudmg dy dinh phéan chia sé mét dudng
cho ba té theo ti 1¢ 5 : 6 : 7. Nhung sau d6, vi s6 ngudi thay ddi nén
da chia lai theo ti 1¢ 4 : 5 : 6. Do d6, c6 mét td lam nhiéu hon dy dinh
1a 10 mét dudng. Tinh sb mét duomg chia lai cho mdi td.

2.12 Hai ngum di xe may cung mot lic tr A va tr B dé gap nhau. Ngudi
thir nhat di tir A dén B roi trg vé ngay, ngudi thir hai di tr B den A

roi ciing trg vé ngay. Chd gip nhau thi nhit cich A 1a 15 km, chd
g@p nhau thir hai cach B 1a 9 km. Tinh khoang cach AB.
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§ 3. DAI LWUQNG TI LE NGHICH

A.TOM TAT Li THUYET

1. Dinh nghia
’ S . . a
Néu dai lugng y lién hé véi dai lugng x theo cong thirc y = ~ hay

xy =a (a la mot hing s6 khac 0) thi ta néi Slti 1 nghich véi x theo hé
sO ti 1é a.
Chit y : Khi y ti 1& nghjch véi x thi x ciing ti 1§ nghich voi y va ta néi
hai dai lugng dé ti 1¢ nghich véi nhau.

2. Tinh chit

Néu hai dai lugng ti 1¢ nghich véi nhau thi :
. Tlch hai gié tri tuong (mg cta ching ludn khong doi (bang hé sb ti1¢)
« Ti s6 hai gia tri bat ki ctia dai lugng nay bing nghich déo cua ti s hai
gié tri tuong \mg cua dai luong kia.
Néu hai dai lugng y va x ti 1& nghich v&i nhau thi :

XY =X Yo = XYy Sreesa

5. . A % . ...

X2 1 X3 Y

B. CAC DANG TOAN
Dang 1. CUNG CO CONG THUC CUA PAI LUQONG TI LE NGHICH

Phwong phép giai.

Ap dung cong thirc y =2 4 xac dinh tuong quan ti 1§ nghjch gitra hai dai
X

luong.

vidul. ([?2] tr.57SGK)

Cho biét y ti 1é ngh;ch véi x theo hé s6 ti 1§ - 3 5. Hoi x ti 1§
nghich vdi y theo hé s6 ti 1é nao ?

Trd loi.
«  xciing ti 1€ nghich véi y theo hé sotilg—3,5.
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Téng qudt : y ti 1¢ nghich véi x theo hé sb ti 1é a : y=—a— suy ra
X
=2 tirc 1a x ti 1€ nghich vdi y cling theo hé sb tilé a.

Vidu2. (Bail2tr.58 SGK)
Cho biét hai dai lugng x va y ti 1& nghich véi nhau va khi x =8
thiy=15.
a) Timhé s§ 1 1¢ ;
b) Hay biéu dién y theo x ;
¢) Tinh gia tri cia y khi x =6 ; x = 10.

Giai.,
Hai dai lugng x va y ti 1€ nghich véi nhau nénx . y = a.
ayKhix=8thiy=15néna=8.15=120.
b) y:3 maa= 120 nén y:g.
X X

c)Khix= 6!h1y—%—20;

Khix=10thiy= L 12.

10

Vidu3. (Bail5tr.58 SGK)
a) Cho biét déi A dung x may cdy (céc mdy cdy c6 clng ning
suat) dé cay xong mot canh dong hét y gio. Hai dai lugng x va y
¢0 ti 1¢ nghich v&i nhau khong ?
b) Cho biét x 1a sb trang da doc xong va y la s6 trang con lai
chua doc ciia mét quyén sich. Hoi x va y c¢6 phai la hai dai
lugng ti 1€ nghich khong ? )
¢) Cho biét a (mét) 1a chu vi ciia banh xe, b la sé vong quay
duge cia banh xe trén doan dudong xe lan tir A dén B.Hoiavab
c6 phai la hai dai lugng ti 1€ nghich khong ?

Tra loi,

a) Tich xy 13 hing s6 (bing s gior mot may cdy cay xong canh ddng)
nén x va y ti I¢ nghich v6i nhau. _— . :

b) Ta chi ¢4 tong x + y 1a hiing so (bing sé trang cua quyén sach) chir
khong phai tich xy 1a mdt hing so nén x va y khong phai la hai dai lugng ti
1€ nghich. i ; . )

¢) Tich ab la hiing s6 (chiéu dai doan dudong tir A dén B) néna va b
12 hai dai lugng ti 1¢ nghich.
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Dang 2. LAP BANG GIA TRI TUONG UNG CUA HAI PAI LUQNG Ti LE
NGHICH

Phuong phap giai.

« Trude hét, phai xac dinh hé sb ti 1¢ a.
* Tiép d6, dung cong thirc y=-i hay x = dé tim céc gia tri twong (mg
X Y

ciaxvay.

vidu4. ([23] .57 SGK)
Cho biét cac dai lugng x va y ti I¢ nghich véi nhau :

X X;=2 X,=3 X;=4 X4=3

y ;=30 Y= y3=1? Yi=?

a) Tim hé s6 i 1¢ ; _ '
b) Thay m&i dau “?* trong bang trén bing mét sb thich hop
¢) C6 nhan xét gi vé tich hai gia tri twong img XY X2¥a,
X3¥3, .. CUAX VAY.
Tra loi.
a)a=x,.y,=2.30=60.
b) ¥,=20 ; y;=15;y, =12
c) Cac tich d6 déu bing 60 (hé sb ti 1¢).

Vidu5. (Bai 13 tr.58 SGK)
Cho blel x va y la hai dai lugng ti 1€ nghich. Pién sb thich hop

vao 6 trong trong bang sau :
X 0,5 -1,2 4 6
y 3 -2 1,5
Hudng din .

Ta cé : a=4.1,5 = 6. Tir d6, dién dugc cic sd thich hgp vao cic &
tréng nhu sau :

X 05 | -12 | 2 -8 4 6
y 12 -5 3 -2 1,5 1
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Dagng 3. XET TUONG QUAN Ti LE NGHICH GIUA HAI DAI LUGNG
KHI BIET BANG CAC GIA TRI TUONG UNG CUA CHUNG

Phuong phép giai.

Xét xem tét ca cédc tich cac gia trj tuong (mg cua hai dai luong c6 bing
nhau khong ?

Vidu 6. Theo bang gié tri du6i ddy x va y c6 phai 1a hai dai lugng ti 1¢

nghich hay khong ?
a) | x|2|5]|8(24|40] b) [x|4|5]|8]|16[80
y|60[24[15| 5|3 y |40[32(22]|10] 2

a)Tacd:2.60=5.24=8_15=24.5=40.3=120. Viyx va y
1a hai dai lugng ti 1€ nghich.

b) Ta thdy : 4 . 40 = 160 = 8 .22 = 176. Vdy x va y khong phai la
hai dai lugng ti I¢ nghich.

Dang 4. TOAN VE CAC PAI LUONG TI LE NGHICH

Phwong phap giai.

- Xéc dinh tuong quan ti lq: nghich giira hai dai luong,.
- Ap dung tinh chit vé ti sb cac gia tri cua hai dai luqng ti 1é nghich.

Vidu7. (Bail4tr.58 SGK) )
Cho biet 35 cong nhan xay mét ngoi nha hét 168 ngay. Hoi 28
cdng nhan xay ngdi nha dé hét bao nhiéu ngay (Gia sir ning suét
lam viéc ciia mdi cong nhan la nhu nhau) ?

Giai.
Ta c6 thé tom tit dé bai nhu sau :
§6 cong nhdn S6 ngay xdy xong nha
35 168

28
Vi nang sudt lém viéc clia mdi céng nhan 1a nhu nhau, nén dé xay
clng rnt;)t ngo: nha, s6 cong nhan ti 1¢ nghich véi s6 ngay xdy xong nha. Goi
x la sé ngdy 28 cong nhan xay xong nha. Theo tinh chat cia dai lugng ti 1§

nghich ta c6 : _-L: x=35 168
28 168 28

do6 hét 210 ngay.

=210. Vay 28 céng nhan xay ngéi nha
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3.1

3.2

33

34

3.5

3.6

3

C. LUYEN TAP

Dang 1. Cho ba dal luo‘ng u, v, t. Hay tim hiéu méi tuong quan gilra

cac dai lugngu vat biét rang :

a) u va v ti 1¢ nghijch, v va t cling ti 1¢ nghich.

b) u va v ti 1€ nghich, v va t ti 1¢ thuan.

¢) u va v ti 1¢ thuan, v va t ti I¢ nghich.

Dang 1. Cho 10 dai lugng, danh sé theo thir tu tir 1 dén 10 :
X Xa Xy Xy Xy, Xgy X9y Xg, X, Xpo-

Biét ring hai dai lugng dimg lién nhau theo thir ty trén thi ti 1§

nghich v(n nhau :

a) Xét mbi twong quan giira hai dai lugng bét ki cing mang chi )

chin ;

b) Xét mm tuong quan gtua hai dm luo*ng bat ki cung ang chi sé 1é;

c) Xét ﬁ"tUl u.ft.J‘TlfF quan gura lTlQl. dai lugng bat ki mai ng ¢ chis Va

mot dai lugng bat ki mang chi so 1€.

Dang 1. Trong céc dai lugng sau day, cac dai lugng nao ti 1€ nghich
vGi nhau ?

a) Chiéu dai va chiéu rong cia hinh chir nhat ¢6 dién tich khong ddi.
b) Chu vi va canh cua hinh vudng.

¢) Vén téc ciia mdt vét chuycn dong va thoi gian dé vat chuyén dong
trén mt quang dudmg nhét dinh.

d) Bén kinh va d¢ dai cua dudng tron.

¢) Chieu cao va canh day tuong tmg cua tam giac ¢6 dién tich
khong doi.

Dang 2. Cho x, y la hai dai luong tilg nghich. Lap cong thirc lién h¢
gitra hai dai lugng x, y va dién s thich hop vao cdc 6 trong trong
bang sau :

X -3 2 6

y - 30 10 -6

Dang 2. Mt hinh chir nhat ¢ dién tich 80 m?. Céc kich thude x va y
(m) cua hinh chir nhat c6 lién hé gi vdi nhau ? Lip bang cic gia tri
clia y tuong img véi cac gia trj sau cta x : 85 10 16; 20 ; 25.

Dang 2. Mt 6t di quang duong 135 km véi vén téc v (km/h) va
thoi gian t (h). Ldp bang cac gid tri cua t img voi cdc gi tri sau cua
v:20;30;45;60;75.

Dang 3. Theo bang gia tri dudi ddy, x va y c6 phai la hai dai lugng ti
1€ nghich khdng ?

109

3.8

3.9

3.10

X 10 20 25 30 40
10
y 10 5 4 — 2,5
3
Dang 3. Theo bang gia tri dudi ddy, x va y ¢6 phai la hai dai luong ti
1¢ nghich khong ?
X -3 -2 4 9 15
y -30 - 45 22,4 10 6

Dang 4. Mot doi 24 ngudi trdng xong sb cay du dinh trong, 5 ngay
Néu ddi duqc bd sung thém 6 ngu'én nira thi s& lrong xong 56 cay ay
sém duge mady ngay ? (Gia sir nang suit lam viéc clia moi ngudi
nhu nhau).

Cho hai dai lugng ti 1é nghich x va y, x, va X, Ia hai gia tri cua x,
y, va y, la hai gid tri tuong Ung cuay.

a) Biét X,=5, x,=2va y,+ y,=21. Tinh y,vay,.

b) Biét x,=3, y,=7va 2x, -3y, =30. Tinh x, vd y,.

§ 4. MOT SO BAI TOAN VE DAI LUONG Ti LE NGHICH

A.TOM TAT Li THUYET

« Bai toan 1. Toan vé dai lugng ti 1¢ nghich.
« Bai toan 2. Chia mjt s& thanh nhimg phén ti 1& nghich v6i céc sé cho

trude.
B. CAC DANG TOAN
Dang 1.  CUNG CO VE DINH NGHIA VA TINH CHAT CUA DAI LUONG
TI LE NGHICH
Phwong phéap giai.

« Nim vimg dinh nghia : y ti 1é nghich véi x theo hé s6 ti 1é a nghia la
y =2 hay xy = a (a la hiing s khac 0).
X
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« Nim vimg tinh chit cua dai luong ti 1¢ nghich :
X)) =XY2 = X3Y3=--=a
L .

Dang 2. TOAN VE DAI LUQONG TI LE NGHICH

Phwong phap giai.

t]
X2 M X3 X

Vidul. ([7] tr.60 SGK)

Cho ba dai lugng x, y z. Hay cho biét méi lién h¢ giira hai dai

lugng x va z, biét ring :

a) x va y ti I¢ nghich, y va z ciing ti 1€ nghich ;

b) x va y ti 1¢ nghich, y va z ti 1§ thuan.

Tra loi.
a) x ti lé thudn véi z ; b) x ti 1¢ nghich véi z.

(Xem Bai tdp 3.1 §3 Chuong 1I)

Vidu2. (Bail6tr.60 SGK)
Hai dai lugng x va y c6 ti 1€ nghich véi nhau hay khéng, néu :

» Xéc dinh ro céc dai lugng duge dé cdp trong bai;

» Xidc dinh quan hé ti 1¢ nghich giira hai dai lugng trong cac dai
lugng dé; ) .

. Ap dung tinh chat cua dai lugng ti ¢ nghich va tinh chét cua ti 1¢ thirc
de tim dap so cua bai toan.

x|l I 1214158 il Z13T4 516

y[120] 60 | 30 | 24 | IS y|30]20]15]12,5] 10
Tra loi.

a) Vi tich xy & tét ca cac ¢t cia bang déu bing 120 nén x va y ti 1§
nghich véi nhau.
b) Vi 5.12,5 # 6.10 nén x va y khong ti 1€ nghich véi nhau.
Vidy3. (Bail71tr.61 SGK) ]
Cho biét hai dai lugng x va y ti 1¢ nghich v&i nhau. Dién sé thich
hop vio 6 tréng trong bang sau :

X 1 -8 10
y 8 -4 2% 1,6
Huéng din.
Tinha =10.1,6 = 16 rdi 4p dung céng thirc y=i— hay x=%. Ta cé:
X 1 2 -4 6 -8 10
y 16 8 -4 2% -2 1,6
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Vidud. (Bail8tr.61 SGK) i )
Cho biét 3 ngudi lam c¢6 mét canh dong heét 6 gid. Hoi 12 ngudi
(vai cung nidng suat nhu thé) lam c¢o canh déng d6 hét bao nhiéu

thoi gian ?
Hurdno din.
Hirgng dan.
Ta c6 thé tém tg't dé bai nhu sau : .
S6 nguai Thoi gian (s0 gic)
3 6 :

12 X
Trén cing mdt canh ddng, véi cing mdt ning suat thi s6 ngudi 1am
¢d va thoi gian lam xong cdng viée ti 1§ nghich v6i nhau. Tir d6, ta 6 :
3 x
126
Tra 16i : 12 ngudi 1am ¢6 canh ddng hét 1,5 gio.
Vidu5. (Bail9tr.6l SGK). .
Véi cuing s6 tién dé mua 51 mét vai loai I ¢6 the mua dugce bao
nhiéu mét vai loai II, biét rding gia tién 1 mét vai loai II chi bing
85% gia tien 1 mét vai loai I ?

Hudng dén.
T6m tt dé bai :
Gid tién Im vai S6 mét vai mua dirge
100 (%) 51
85 (%) X
bap b : 60m.

Vidu6. (Bai20tr.61 SGK) A
Qb‘ vui : Trong mdt cuge thi chay tiép sirc 4 x 100m, d6i thi
gom voi, su tir, ché san va ngyua chay véi van téc theo thir tyr ti
l¢ thudnvéil ; 1,5;1,6;2.
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Hoi doi d6 c6 pha duqc “ki luc thé gi6i” 1a 39 giay khong, biét
ring voi chay hét 12 gidy ?

Huwéng dén.

Van toc ctia voi, su tu ché sin vangya ti 1¢ thugnvéi 1;1,5; 1,652
nghia la néu quy uéc van toc cua voi la 1 thi vin toc cua su tir 1a 1,5 ; cua
cho sin la 1,6 va cia ngya la 2.

Trén cling mdt quing dudmg (100m), vén toc v va thoi gian t clia
chuyen dong la hai dai lugng ti 1€ nghich nén ta c6 thé 1ap bang nhu sau :

Voi Su tir Cho sén Ngua
v (don vi quy udc) 1 1,5 1,6 2
t (tinh bing giay) 12

- Tralei: Téng thoi gian chay cua doi 1a 33,5 giay, pha duge “ ki luc

the giéi”.

Vidu7. (Bai2ltr.6l SGK)
Ba doi may san dat lam ba khéi luong cong viéc nhu nhau. Déi
thir nhat hoan thanh cdng viéc trong 4 ngay, dqi thir hai trong 6
ngdy va dgi thi ba trong 8 ngay. Hoi mo: doi ¢6 bao nhiéu may
(co cung niing sut), biét ring ddi thi nhit ¢6 nhiéu hon déi thir
hai 2 may ?

Giai.

Goi s6 may cua ba ddi theo thir trlax, Y.z Vi khm lugmg cong viée
nhu nhau, cac may co cung ning sudt nén s6 may va sd ngay 1a hai dai
lugng ti 1 nghich. Theo dé bai ta c6 :

4x=6y=28z N
va ?
X-y=2 (2
Ti(l)tacod:
Ry . xyz 3)
24 24 24 6 4 3

(24 1a BCNN (4; 6; 8)).

Theo tinh chét cta ddy ti sd bing nhau, tir (3) va (2) ta cé :

o g_x—y_g_l

6 4 3 6-4 2
Vayx—-l66yl4=4z=133
Tra 11 : S6 méy cuia ba ddi theo thirtr 1 6 ; 4 va 3 (may).
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Vidu8. (Bai22tr.62 SGK)
MJt banh ring cua ¢ 20 rang quay mét phut duge 60 vong. N6
khép véi mét banh ring cwa khéc ¢6 x ring (h.13 SGK). Gia sir
banh ring cua thir hai quay mét phit duge y vong. Hay biéu
dién y qua x.
Tra loi,
Vi x.y = 20.60 = 1200 nén y"@

Vidu9. (Bai231tr.62 SGK)
Hai banh xe noi vdi nhau boi mét day téi (h.14 SGK). Béanh xe
16m ¢6 ban kinh 25¢m, banh xe nho ¢é béan kinh 10cm. Mot phut
banh xe 16n quay duge 60 vong. Hoi mgt phit banh xe nho quay
dugc bao nhiéu vong ?

Hudng dan.

S6 vong quay trong mdi phiit ti 1 nghich v6i chu vi ciia banh xe, do
dé ti 1€ nghich véi ban kinh cuia n6 (chu vi ti 1€ thudn véi ban kinh). Néu goi

x 1a s6 vong quay trong mdt phuit ciia banh xe nho thi ta ¢ : % =%.
Pap s6 : 150 vong/phut.

Dgng 3. CHIA MQT SO THANH NHUNG PHAN TI LE NGHICH VOI
CAC SO CHO TRUOC

Phwong phap giai.

Gia sir ta phai chia s M thanh ba phén x, y, z ti 1¢ nghich véi céc sb a,
b, ¢ cho trude. Tacé :
ax = by = cz hay —.- T=7
a b ¢
Nhu vy, dé chia s6 M thanh céc phan ti 1¢ nghich véi céc s6 a, b, ¢
(khac 0), ta chi can chia s& M thanh cac phan ti 1& thuin véi céc s6
141

abc

Vidu 10. Mgt vat chuyen dong trén céc canh cia mdt hinh vuong. Trén
hai canh dau vit chuyen ddng vai van tc Sm/s, trén canh thir ba
véi vin toc 4m/s va trén canh thu tu voi van toc 3m/s. Hoi dq
dai cua canh hinh vuong biét ring tdng s thai gian vit chuyén
dong trén 4 canh 1a 59 giay.
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Giai.

Thoi gian dé vat di duge mét quing dudng ¢o dinh va vén toc ciua no

1a hai dai lugng u 1¢ nghich.

Goi x. v. 7 t 1a thoi gian tinh bing gidy dé vt chuyén dong theo thir

tr rén cic canh cua hinh vudng. Ta phai chia 59 thanh bon phan ti 1¢ nghich

~ SR enme— A | s
voi5:5:4: 3 latil¢ thudn vl —;—:—:=.Taco:
5°5°4"3
LIRS LN
T T e (’05‘] (giay).
S+ o+ +
S 4 3 55 473 60
Vay d¢ dai canh hinh vuong la : 5.x = 5.12 = 60 (m).

4.1

4.2

4.6

C. LUYEN TAP

Dang 1. Cho x va y la hai dai lugng ti 1€ nghich.
a) Hai dai lugng do lién h¢ vai nhau boi cong thite nao néu cic gia tri
ctia ching duge cho trong bang sau :

— - = —_—r = — ——y—

% =6 48 | -3 | =24 | 1.6

T

!

SN0 R B % P M E O o
=1

|

i Al '_|7.5

b) Dién cic s6 lhu.h hup vao cic 6 trdng rong bang trén.

Dang 1. Cho hai dai luong u ¢ nghich x vay : x; va x, la hai gia tri
cuax @ v, va y, lahai gid tri twong tmg cua y.

a) Biét x;=4. x.=3 va y,+y,= 14, Tinh y,va y,.

b) Biét x,=2. 2x,-3y,=22 va y, = 5. Tinh X, va y,.

Dang 2. Dé lam mot cong vige trong § gidr can 30 cong nhan. Néu co
40 cong nhan thi cong viée do dugce hoan thanh trong may gio ?
Dang 2. Dé dat mot doan dudmg sat phai ding 480 thanh ray dai 8m.
Néu thay bang nhimg thanh ray dai 10m thi can bao nhiéu thanh ray?
Dang 2. Vin toc cua ngudi di xe may, ngudi di xe dap va ngudi di b
ti 1€ vai cde s0 12 4 va 1.5, Thoi gian ngudi di xe may di tir A den
B it hon thoi gian nguoi di xe dap di tir A dén B 1a 2 gi¢. Hoi ngudi
di bd di ur A dén B miit bao liu ?

Dang 2. Mot 616 di tr A lie 8 gio. Dén 9 gicr mdt 616 khae ciing di tir
A. Xc thir nhat dén B e 2 gi¢ chi¢u. Xe tht hai dén B sém hon xe
thir nhat nua gidr. Tinh vin 16¢ mdi xe biét ring vén tde xe thir hai lém
hon vin 16¢ xe thir nhat 1a 20 km/gio.
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4.7

4.8

4.9
4.10

4.11

4.13

4.14

+ Néu dai lugng y phu thOL vao dai lugng thay doi x sao cho voi mdi gia
tri cia x ta ludn xdc dinh duge chi mot gia tri twong mg cua y thi y
[ dugce goi la ham so cua X va x goi 1a bién so.

Dang 2. Hai xe Itra di tir A dén B mat 2 gio 48 phit va 4 gior 40 phut
Tinh khoang cich AB bi¢t rang vin 10c xe thir nhat I6n hon van 6¢
xe thir hai la 26 km/gio.

Dang 2. Mot cand di xudi dong tir A den B mat 2 gio 24 phut. Bict
rang van 10c xuodi dong cua cand la 18 kmv/h, van toc_dong nude la
1.8 km/h, hay tinh thoi gian cand di nguoe dong tr B vé A.

Dang 3. Chia s6 520 thanh ba phan ti ¢ nghich véi2:3 : 4.

Dang 3. Ngudi ta chia mét khu dat thanh ba manh hinh chir nhat ¢6
di¢n tich bang nhau. Biét n’mL_ cac chi¢u rong la_Sm. 7m. 10m : cac
chicu dai ctia ba manh ¢o tong la ()"m Tinh chiéu dai moi manh va
dién tich khu dat.

Dang 3. Mot 616 di tir A dcn B vai van toc 45 km/h va o vé A véi
vin toc 42 km/h. Ca di lan vé (khong ké thoi gian nghi) mat 14.5 gio.
Tinh thoi g gian di. thoi gian vé va khoang ciach AB.

Dang 3. Chia s0 230 thanh ba phan sao cho phan thir nhat va phan

1
thir hai t 1¢ nghich véi — va -2 phin thir nhat va phan thir ba ti 1§

3

IJ"—

z ey Y
nghich véi — va —-.
) 7

Dang 3. C6 85 1o giay bac logi 10 000d, 20 000d va 50 000d. Tri gia
moi loai tién trén déu bang nhau. Hoi moi loai ¢6 bao nhiéu 1o ?
Dang 3. Tai mgt tram xe¢ ¢6 114 chiée 616 loai 40 tan, 25 tin va 5
2 Lo a8 2 =z . H : 23 s y= A T
tan. Biet rang 3 0 xc loai 40 tan bing 3 sO xe loai 25 tan va bang
3 x . H .o 5 - .~ ¥ . g
5 $0 xe loai 5 tan. Hoi tram xe do ¢ bao nhiéu xe moi loai ?
Dang 3. C6 ba cuén diy thép dai tong cong 140m. Néu cit bat cudn
RN T [ . ) T |
thir nhat 7 cudn thir hai T va cudn thir ba — chicu dai cua no thi
a ] J - e - .s
chic¢u dai con lai cua ba cudn day bang nhau. Hoi moi cudn dai bao
nhiéu mét ?

§ 5. HAM SO
A.TOM TAT Li THUYET
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LT et S P P
| Clii y :

— Khi x thay d6i ma y luon nhan mot gid tri thi y duge goi 1a ham héng.
~ Ham sb ¢6 thé duoc cho bing b‘m;, bing cong thirc. .
| —Khiy la ham s6 cua x ta ¢ thé vict y={(x).y= L("()

e — —

B. CAC DANG TOAN
Dang 1. CUNG CO KHAI NIEM HAM SO

Phwong phip giii.

|
:’ Khi xét dai lugng y ¢6 phai la ham sd cua dai lugng x khong. can cha ¥
cac diéu ki¢n sau :

s MNAZ Aat lissves o AR .u.\- ..'.'. Wai Bewsuensy Swensr i And
e IVI\“. .l:.l(l III Luﬂ uus ILIl'II.L. X acu \-l,l gL Zia l.ll_ Lus IIE. UiE Lua adi
lugng v.

I
|
[ * (rta trj twong (mg d\ cua dai luong y phai la duy nhat. (néi cach khéc. i

mai gid tri cua dai lugng x khong thé ¢6 hon mot gid tri trong (ng cua |
dai luong v)

Vidul. (Bai 74 .63 S(Jl\)
Cac gia tri trong tmg cua hai dai luong x va y duge cho trong

bang sau :
EREIEYEISI RS e Tt g
DT o o [a [T e ]

Dai lugng v ¢6 phai la ham s6 cua dai lugng x khong ?

1
=

(9]

.u

Gidi.
Trong bang trén, mdi gia tri ciia x déu chi 6 mdt gia tri twong tmg
cua y nén y la ham so cua x.

Vidu2. Cac gia tri twong (mg cua hai dai lugng x va y dugce cho trong
bang sau :

R o Nl

T.\-!--siL- %'-13!0!2-"1! 3.6 }al
P [P | ol ot b R

1*\,. 2| -2 | _J;r_yzq’z 27_2!

e i e e e e I SECTICN |

Dai lugng y ¢6 phai la ham s6 cta dai luong x khong ?
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Giai.
Trong bang trén, mdi gla trj cia x déu chi c6 mot gm tri tuong tmg

cia y nén dai lugng y 13 ham s6 cua dai lugng x. Vi céc gia tri cua y ludn
luén khong ddi va bing— 2 nén y = - 2 1a ham hing.

Vidu3. (Bai27tr.64 SGK) ) )
Dai lugng y c6 phai la ham so cua dai luong x khong, néu bang
cdc gia tri tuong Umg cua ching la :

a 1
¥l o l.alaf.a] i | 2
2 ?
7 | <5 115 o0 30 | s | ©
b)| x 0 1 2 3 4
v 212 2 2 a1 %
Tré ldi.

a), b) : Pai lugng y la ham s6 cua dai lugng x.

Vidu4. Dailugng y co phai 1a ham s6 cua dai lugng x khéng, néu bang
cdc gia tri tuong ung cla ching la :

a)[ «x -3 -2 -1 | 2 3
v |led | -8 |52 2 8 =5 || £ |IF
co
b)| x 3 | 52 | =l | =2 el
y =2 4 -3 | <4 6 7|
Gidi.

a) Pai luong y khong phai 1a ham s6 cua dai lugng x vi cd mot gid tri
cua x (x = - 1) khéng xéc dinh dugc gia trj tuong img cua y.

b) Pai luong y khong phai 1a ham s6 cua dai lugng x vi c6 mét gia tri
cla x (x'= - 2) xdc dinh dugc hai gia tri tuong img cia y (y =4 va y = 6).

Dang 2. TIM GIA TR] CUA HAM SO TAI MQT SO GIA TR] CHO TRUOC
CUA BIEN SO

Phwong phap giai.

+ Néu ham sb dugc cho béng bang, ta chl vw;c tim trong bang gia tri cua
ham s6 {mg véi gia tri cho trudc cua bién sb.
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F e it 2 o e A ene
|« Néu ham so duge cho bang c¢ong thire. 1a thay gid tri da cho cua bién
| vao cong thire va tinh gid tri trong (mg cda ham so.

“ Vidy3. Cho bang cdc gid tri trong img cua hai dai lugng x va y

Lol -t [ 5 1 -2 | -0 ] & 7
i 8 | 2 | 81 @ [5 6 7

a) Dai lugng v ¢6 phai la ham sé cua dai luong x khong ?
b) Timgiatrictaviix=-2.x=-4.x=17.
Gidi.
a) Vi mdi gid tri cua x xac dinh chi mt gid tri twong img cua y nén
dai lugng y la ham so6 cua dai luong x.
b)Khix=-2thiy=4:khix=-4thiv=2:khix=7thiy=7.
Vidu6. (Bai25 .64 SGK)

Cho ham sb y=Hx)= 3x° +1. Tinh : I[%) (1), f(3).
Gidi.

r[lJ = 3.(1)'+|=3.l+|=1+|=1—3-.
2 2 4 4 4

(=317 +1=3+]1=4.
(3)=3.3 +1=39+1=27+1=28

Vidu7. (Bai2061r.64 SGK)
Cho ham so0 v = 5x — 1. Ldp bang cac gid tri twong tng cua y khi

x=—5:-—4:—3:‘—2:0:l_.

d

Dap sb.
IV X & et | 2 as 0 1
, | :
L y | -26 [ -21 | -16]-11] -1 0

Vidyu8. (Bai 28 r.64 SGK)
: w18
Chohamsd y = l(x) = —.
X
Als)=% [-3)=?

b) Hay dién cac gia tri twong (mg cta ham s6 vao bang sau :

119

I

% s =44 32 Fslag | P

\
fx) = 12 T |
X J

Tra loi.
a)f(5)=24:1(-3)=-4.

b) X -6 1 -4 -3

)
wn
o
o

12 |
f(x)=T 2 l <3l = h & {134:] 2 1

Vidu9. (Bai29 .64 SGK)
Chohamsé y = f(x) = x° - 2. Hay tinh :
f(2), f{1). fO). f—1). (- 2).

Dip s
(2)=2;f(1)==-1:/(0)=-2:f(-1)=-1:-2)=2.

Viduy 10. (Bai 30 tr.64 SGK) )
Cho ham 50 y = f(x) = | — 8x. Khang dinh nao sau day la ding :

)f-1)=92 b r(%)=-3 2 OR3)=25?
Tra loi.
a) buang ; b) Dung ; ¢) Sai.

Vidyu1l. (Bai3l tr. 65SGK)
Cho ham sb y = %x. Dién s6 thich hop vao 6 tréng trong
bang sau :

r

E o i =05 | 4.5 9
[~ -2 0

Hudng din.

b

-

Sir dung cong thirc y = % Xva x =% y. Dap s :
J

4.5 9

‘e
(=2}

X =05 |F =3 0
|
|
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Dang 3. VIET CONG THUC XAC DINH HAM SO

Phwong phap giii.

— e e __]

+ Can c(r vao su tuong quan giira cde dai lugng dé 1ap cong lluu. ,

I

Vidu 12. Mot chiée nidy b’l)’ sau khi cit canh va dat do cao 10 000m da

bay lién trong 4 gio voi van toc khong doi 800 km/h va gitr
nguyén do cao ban dau.

a) Viét cong thirc mé ta su phu thuge gitra quamc duong S may
bay bay dugc (tinh bing kilomét) va thoi gian t (tinh bang gio)
trong 4 i bay ké trén.

b) Viét cong thirc mo ta syr phy thude gitra do cao h ctia may bay
(tinh bing kilomét) va thai gian t (tinh bing gio) trong 4 gidr bay
ké trén.

Giui.

a) Trong 4 gio bay ké trén., chuyén dong ciia may bay la mét chuyén

dong déu. Theo cong thire S = vi.ta ¢o : S = 800t

b) Trong 4 gid bay d6. dd cao h cua may bay khong doi. ludn ludn

bi:‘mg 10 km (10km = 10 000m) va khong phu thuge vao t. Vi vay. ta ¢o ham
hang : h=10.

5.1

52

C. LUYEN TAP

Dang 1. Cac cong thire sau day ¢ chimg o rang dai lugng y 1a ham
50 cua dai luong x hay khong ?

a) y-3=x;

b)-2y=x:

¢) y =x.

Dang 1. Dai lugng v ¢6 phai la ham s6 cua dai lugng x khong, néu
bang cdc gia tri trong tmg cua ching la :

[T [2[3]3 MF?FFT?_f}

Ly [-2[-3]o [ | [y[1]-2[3
ofx [-r2[-3Tw]-12] o[ x[5[6]7] |
Ll zlalv]ia] [xiafa]als
tl') :Ialmu\l | bum ] RN S
y 21 3
L. b B | I IS (S5

u
i

e
oS

h
n

]
Q

5.10

Dang 1. Dai lugng x lay cdce gid wi la cde sO wr nhién. dai lugng y lay

gid tr 14 s0 du cta phép chia x cho 3. Dai lugng v ¢6 phai 1a ham so

cua dai lwong x khong ?

Dang 1. Dai luong x lay cdce gid tri 1a cde sO wr nhién. dai lugng v lay

gid tri 1d woe coa x. Dai hugng v ¢6 phai la ham so6 cua dai lugng

X khong ?

Dang 1. Bang sau ddy ¢6 cho ta mdt ham so khong ? Néu khong thi

thay doi nhu thé nao dé duge mdt hiam so :

e ] e il i
- 2 l S ___| g i

] y | 1 | - g

T T [ W S

Dang 1. Bang sau ddy ¢6 xac dmh mot ham 50 Lhom. ? Néu khong
thi thay d6i nhr thé niao dé duge mot ham s6 :

——

| Il s ' 3 |
X 25 F i3 I & 551 | ©: 3= | 9— |
! X ] I @ 1 -+ | 35 6.7 | =0 25 4 i
il et —F—1 . iF <
: 516 -2 | =5 [ -9 2 | 4 | -4
pLs , _l B j e W |

Dang 2. Bang sau dav ¢o xac dinh mot ham so khong ? Tim gia tri

ciaytaix=-23:x=-45:x=0.

F 2 | <25 3 [ 45 | 0o | 6

’_ e | -
| Y J 6.9 | 7 | 2 8

Dang 2. Mgt ham s6 duge cho bang cong thire : y = f{x) = =X~ +2.

iy r(-}].r(m.r(ﬁ.

Dang 2. Mt ham s6 dugce cho bing cong thie : y = f(x) = X Hay
. -)"
tinh : [(-5). [{3). I'(—SE :
>/
Dang 3. M¢t ham s6 duge cho bang bang sau :
Sehen ! i L
| ; =2 -~ ) = 2 2
{ X 2 | 5 0 3 1 2 3
1 1 1 1
R — 3 - —_ —— . e _I —_
=i I {5 L& | ® 8 1 2

a) Tim f(-1). 110). [(2). ‘
b) Ham s0 nay co thé duoc cho bang cong thire nao ?



5.11  Dang 3. Cho hinh vudng ¢6 canh x. Viét cong thire ctia ham s6 cho
trong tmg canh x cua hinh vudng voi :
a) Chu vi v cua no.

b) Dién tich v cua no.

5.12  Dai lugng y = f(x) la ham so cua dai lugng x. bict rang :
f(-1)=-=4:f(1)=4:1(2)=2:1(3)= Il A =8
(=1)==4; I(]1)=4; [[2)= 2 3)= :-.l :—_:.I o [t

-’ - -’ —
a) Lap bang cdc gia tri trong (mg cua x vay.
b) Viét cong thire xac dinh ham so nay.

5.13  Dai luong x ldy gia i la cac s6 thye. dai lugng y lay gia tri bing x
néu x 2(. biang —- x néu x < (.

a) Dai lugmg v ¢6 phai 1a ham s6 cua dai lugng x kKhong ?
b) Néu ¢d. hay vict cong thire xac dinh ham so nay.

5.14  Cho ham sd v = [(x) - IN=1+2.

s & il it 5 =
a) Tinh 1(-2). | =i b) Tim x. sao cho I(x) = 3.
e e e e - x+1 khi x=0
5.15 Mot ham s6 dugce xace dinh nhu sau : v=1(x)= :
; -x+1 khi x<0
a) Tinh 1(3). {(-3).
b) C6 cach nao vict gon ¢ong thie trén khong ?
§ 6. MAT PHANG TOA BO
A. TOM TAT LI THUYET

(1L Mt phing toa do. Ay

| Mat phang toa d§ Oxy (mdt phang co (I 3 (M

1+ hé wuc 1oa do Oxy) duge xac dinh boi F 2

i hai truc s6 vuong goc voi nhau : truc I

. hoanh Ox va truc tung Oy: diém O la -3 -2 -1 e 2 2o

| goc t0a dg. 0 : :

i 2. Toa dd cua mot diém. A

e X . . i ’
I'rén mat phang toa do : (m -3 (V)
+ Moi diém M xic dinh mot cap so

(x,: ¥,)- Neuoe lai, mdi cdp so (x,: ¥,) xdc dinh mét diem M.

(5]
e

‘ do cua diém M.

I Cap so (x,:y,) goi latoa dd cia diém M, x,, la hoanh dd. y, la ung 1

* Diém M co toa dd (x,:y,) duoe ki hidula: M(x,: y,).

= . S LR ST

B. CAC DANG TOAN

VIET TQA DQ CUA CAC DPIEM CHO TRUOC TREN MAT
PHANG TQA DO

Dang 1.

Phuong phip gidi.

|+ Tirdiém da cho ké duomg thing song song véi truc tung, cat truc hoanh
| tai mdt diém biéu dién hoanh do cua diém do.
* Tir diém da cho ké dudng thing song song vai truc hoanh, cit truc tung
tai mot diém biéu dién tung do cua diém do.
& Hoanh dd va tung do tim dugc 1a 10a dé cua diém da cho.

Vidul. (Bai321w. 67 SGK)
a) Viét 10a do cac diém M. N. P. 4y
Q trong hinh 19 (SGK) Ty
b) Em ¢6 nhin xét gi vé toa do M, 15
cua cic cap diecm M vaN, Pva Q.
Giii. faa® 2 g .
a) Trong hinh 19 (SGK). ta xdc dinh e b O. =i -
toa do cua cac diém M, N, P. Q nhu sau : M(~ 2bp
3:2). N(2: -3). P(0: -2). Q(-2; 0). 8 *
b) Nhén xét : Trong mdi ¢ip diém M e A N

va N, P va Q ta nhin thiy hoanh dé cua diém
nay bang tung dd cua di¢m kia va nguoc lai.
Vidu2. (Bai34 .68 SGK)
a) Mot di¢m bat ki trén truc hoanh ¢6 tung dj bang bao nhiéu ?
b) Mot dieém bat ki trén truc tung ¢6 hoanh dd bing bao nhiéu ?

Hinh 19 (SGK )

Tra loi.
a) Mot diém bét ki trén truc hoanh ¢6 tung dd bing 0.
b) Mot diém bat ki trén truc tung c6 hoanh d¢ bang 0.
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Vidu3. (Bai35ur.68 SGK)

Tim toa dé cac dinh cua hinh chix p
nhat ABCD va cua hinh tam giac
PQR trong hinh 20 (SGK).

Tra loi.

A(0.5: 2), B(2: 2). C(2; 0), D(0.5: 0). 3= 0
P(=3:3), Q(--1; 1), R(-3: 1).

Hinh 20 (SGK)

Dang 2.
PHANG T0OA DO

{ song song voi truc tung.

song song vai truc hoanh.

-

+ Giao diém cua hai duong thing vira dyng la diém phai tim.

. 'I'L'r diém biéu dién hoanh d§ cta diém cho trude, ké mot dudng thing

BIEU DIEN CAC PIEM CO TOA DQ CHO TRUOC TREN MAT

+ Tir diém bicu dién tng do cua diém cho trude. ke mot dudmg thang

Vidud. (Bai33 .67 SGK)

: i |
V& mdt hé tryc toa do Oxy va danh dau cac di¢m A(.&;—;]:

B(—4:§-): C(0: 2,5).

Giai.
A:‘
3
2
" ; C(0:2.35)
B(-4;=
f----T?---_,---ét 2 3
-4 -3 -2 L Qoo . X
1.1 ABu=dy *
-2
-3

2
W

Vidus. (Bai 36 .68 SGK) 1 ¥
V& mot hé¢ truc toa do Oxy va i
danh dau cac diém : 2
A(-4:=-1D):B(=-2:=1): ]
X . s =dasFr 2@ ) o i
C(=2: =3):D(-4: - 3). R =y
Tir gide ABCD I hinh gi ? N . s
; B
Gii. -2
Tir gide ABCD la hinh vudng. D e 3
Vidu 6. (Bai37 .68 SGK)
Ham s6 y duge cho trong bang sau :
e e e . . SN
e @ | o & oA i s
T s iy e e e ]
f 35 | U 2 I 4 | 6 | f
———— SN TC— | AT 1S =
‘1) Vit 1t ca cac c.tp 2id tri wong al . -
. tmg (x:y) cua ham so trén. Y
b) V& mot heé truce wa dd Oxy va xac '
dinh cde diém biéu dién cac cap gia ! s i
tri trong tmg.cua X va y o ¢du a. L
4 o 0
Gidi. .
2)(0:0).(1:2).(2:4).(3:6). (4:8). 21w & £ 4
b) Xem hinh bén. [ & & 7R
; -322-40] 123 ¥x
Dang khac. =N
Chi¢u cao va todi cua bon ban -2
Hong. Hoa. Dao. Lién duge biéu -3

dién trén mat phang a do (h.21

SGK). Hay cho bié

a) Ai la nguoi cao nlml va cao bao nhiéu ?

b) Ai la ngudi it toi nhit va bao nhiéu oi ?

¢) Hong va Lién ai cao hon vi ai nhiéu tudi hon ?

Tra loi.
a) Ddo 14 ngudi cao nhat va cao 1.5m.

b) lluns_ 11 toi. 1a nguoi it wodi nhat.
¢) Hdng cao hon 1.ién nhung Lién nhiéu twoi hon Hong.
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Hinh 21 (SGK)
C.LUYEN TAP

Dang 1. Viét toa dj cic diém M, N,
P trong hinh vé& bén.

Dang'l. ) .

a) Viét toa d¢ cua dieém A nam trén

truc tung va co tung d¢ la 3.

b) Viét toa dj cua diém B nim trén
truc hoanh va c6 hoanh d9 13 - 2.
c) Viét toa do cua diém O la goc
toa dg.

“ v
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6.3

6.4

6.6

6.7

6.8

6.9

6.10

Dang 2. Biéu dién trén hé truc toa do Oxy :
A(-3;2),B@4;-1),C(3;2),D(-2;-1).

Dang 2. Tim trén mat phing toa dy Oxy nhimg diémco :

a) Hoanh d¢ bang 2; b) Tung do bang —1/3.

Dang 2. Trén mat phéng toa d Oxy, toa d cia diém M(x ; y) phai

thoa min dicu kign gi dé :

a) Diém M ludn ludn ndm trén truc hoanh ?

b) Diém M ludn ludn nam trén tryc tung ? .

¢) Diém M ludn ludn nam trén dudng phan gidc cuia goc vudng phan

tuthal?

Xac diqh déu cua toa do diém M(x ; y) khi :

a) M ndm trong géc vudng [ ; b) M ném trong goc vudng II ;

¢) M nam trong géc vuong I11;  d) M ndm trong géc vudng IV.

Cac diém sau ddy c6 tring nhau khong ?

a)A(2;3)vaB(3:2); b) M(a; b) va N(b ; a).

Cho diem A(3;2).

a) Viét toa d§ cua diém A, sao cho truc hoanh la dudng trung truc

ctia doan thing A A, .

b) Viét toa do ciia diém A, sao cho truc tung la dudng trung tryc clia

doan thing A A,.

Viét tét ca cdc cfip s6 (a ; b) biét ring a, b {-3; 3} . Céc diém biéu
dién céc cap sé d6 nim trong cac géc phén tu nao ?

Trong mit phing toa d Oxy, tim vi tri cic diém c6 toa dd x, y thoa
man mot trong cdc diéu ki¢n :
a) x(y-1)=0;

¢) (x-1) +(y+2)* =0.

b) (x+1)y=0;

§ 7. DO THI CUA HAM SO y = ax (a = 0)

A. TOM TAT Li THUYET

1. D thj ciia ham s§ y = f(x)

+ Db thi ctia ham s6 y = f(x) la tép hop tit ca cc diém biéu dién céc cap
gid tri trong ing (X ; y) trén mat phang toa dg.
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+ Mot diém thude do thi (H) ctia ham s6 y = f(x) thi ¢o toa do thoa man
dang thirc y = f(x).
Nguoc lai. mot dlcrn ¢6 toa do thoa man ding thirc y = f(x) thi né thude
do thj (H) cta ham s6 y = f(x).

M(x,:y,) e() ey, =f(x,)

| 2. Db thi ciia ham s6 y = ax (a= 0)

|

|

| Db thi ctia ham so y = ax (a# 0) la mot dudng thing di qua g gde toa do.

i Vi dd thi cua ham s0 y = ax la mdt duomg thang di qua goc toa do nén
khi v&, ta chi can xac d;nh thém mot diém A (khéc diém goc O) thude

d6 thi thi duong thing OA 1a dé thi cin ve.

B. CAC DANG TOAN
Dang I.  VE DO THI CUA HAM SOy = ax (a# 0)

Phwong phép giai.

* V& dudng thing qua diém O(0 ; 0) va diém A(1 ; a).

Vidul. (Bai391r.71 SGK)
V& trén cling mét hé truc toa do Oxy dd thi cua cac ham )
a)y=x; b)y=3x: ¢&)y=-=2%; dy=—-x.

Gidi.

a) DO thi ham s6 y = x la
dudng thang OA véi O(0 ; 0) va
A(l:1).

b) D thi ham s6 y = 3x la
dudng thang OB véi O(0 ; 0) va
B(1 : 3).

¢) D6 thi ham sé y = — 2x
la duong thing OC véi O(0 ; 0) va
C(1 :=2).

d) Do thi ham s6 y=-xla
dudng thing OD vaéi O(0 : 0) va
D(-2; 2).
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Dang 2. CUNG CO CONG THUC HAM SOy =ax (a#0)

Phwong phap giai.

Ciéin cir vao cong thirc y=ax de chirng minh tinh chat céc ti sb gu'ra bién
va gia trj tuong g ciia ham s& hodic xét vj tri cia dd thj ham s6 y = ax

trén mat phang toa d¢.

Vidy2. Cho ham sb y = ax (a#0), X15X25 Xy la nhﬂ'ng s6 thyc khéc 0.
Gid st y,,y,,y; la cdc gid tri cia ham so tuong Umg tai
X;sX;,X;. Chimg minh :

X X Vs %y ¥
gd=Y2_Ys. D 2 e (R T ]
X X 3 X\ i X Y X Y
Gidi.
a)Tacd y, =ax, , y, =ax, , y; =ax,. Dodé _lfﬁ=£’ﬁ'—)
N TR X
b)Tutllethuch=ﬁsuyra—z=ﬁ.
Xp Ko X% Y

Cac ti 1€ thirc con lai duge chirng minh tuong tu.

Vidu3. (Bai40trang71 SGK)
Db thi ctia ham sb y=ax ndm & nhimg géc phén tu ndo clia mit

phéng toa d Oxy, néu :
a)a>0; b)a<0?
Gidi.

a) Trong c6ng thirc y = ax, néu a > 0 thi cic gia tri cia x va y ludn
ludn ciing diu. Vi thé, trong trudmg hop ndy, db thj ctia ham s6 y=ax nim
& goc phan tu 1 va III (céc diém thude cac gée ndy c¢6 hoanh do va tung d
clng déu).

b) Twong ty nhu viy, néu a < 0, cdc gid trj ciia x va y ludn ludn tréi
d4u nén d9 thj clia ham s6 ndm & géc phan tu I1 va IV.

Dang 3. XET XEM MOT DIEM CO THUQC PO TH] CUA MQT HAM SO
CHO TRUOC HAY KHONG ?

Phuong phép gidi.

Dé xét xem mdt diém c6 thuge dd thj cia mot ham sé cho truée hay
khong ta chi cin xét xem toa dj cua diém d6 c6 théa man cong thirc (hay
bang gia tri) xac dinh ham so d6 hay khong.
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Vidud. (Bai4l tr.72 SGK)

Nhimg diém nao sau day thudc dd thj cia ham sé y =- 3x. :

RER RN

Gidai,

Piém M(x,; y,) thudc dd thj ciia ham s6 y = f(x) néu y, = f(x,).

l) ; C(0; 0).

1 ; =
* Thay x=—% vao y = - 3x ta dugc : y=-—3.[-§] =1 béang tung 49

ciia A. Viy A thudc d& thj ham sb y = - 3x.

* Thay x=-% vao y = - 3x ta dugc y = 1 khic tung 49 cua B. Viay B

khong thuge dd thj ham sb y = - 3x.

*Thayx =0vioy=-3xthiy=-30=

y=-3x.

& =
0 nén C thujc d

OV

m sé

Dang 4. XAC DINH HE SO a CUA HAM SO y = ax, BIET PO TH] CUA
NO PI QUA MQT PIEM M(x,; y,) CHO TRUOC.

Phwong phap giai.

dugc a.

Thay toa d¢ ctia diém M : x =x,, y=y, vdo y = ax. Tir d6 ta xac djnh

Vidy5. (Bai471r.74 SGK)
Puodng thing OA trén hinh 29
(SGK) 1a do thj cia ham sb
y=ax. Hé sb a bing bao nhiéu?
Gidi.
Trén hinh 29 (SGK), db thj ciia ham
s y = ax la dudng thing di qua diém
A(-3; 1), do 46 khi x = -3 thi

y=a.(-3)=1 =~a=—%.

Ham s6 d6 1a y=—%x.

Vidu 6. (Bai42u.72 SGK) . .
Duong thang OA trong hinh 26 (SGK) la d6 thi cua ham sb
y = ax. _
a) Hay xac dinh hé soa ;

b | —

b) Déanh dau diém trén d6 thi ¢6 hoanh dé bang

¢) Panh dau diém trén dd thi ¢6 tung dd bing 1.
Gidi.
a) Diém A ¢6 toa d 1a (2;1). Thay x = 2, y = | vio cong thic
] .
y=ax ta dugec :1=a2=a=-—. Ham so A
2 3
I 3
phai timla y =—x 9
2 = i
s bt Lo , : i 2 a
b) Tir diém 2 trén truc hoanh. 1a ke R TI i B A
dudmg thing song song v&i truc tung, cit .3 0] X
dudng thang OA tai B. D6 1a diém trén dé thi = -1
I -2
¢6 hoanh d¢ bc’mi, - .
-
c) Tir du.m =1 trén truc tung, ta ke

dudmg thing song song véi tryc hoanh, cit
ducrng, thing OA tai C. D6 la diém trén dd thi
c6 tung dd bang 1.

Hinh 26 (SGK)

Dang 5.  “DQC” MOT PO THI CHO TRUOC

Phwong phip giii.

* Hiéu rd y nghia cua do thi, ¥ nghia cta cic don vj biéu dién trén truc
tung va truc hoanh.
* Biét xac dinh hoanh d6 (hoac tung do) cia mét diém trén do thi khi biét

“y
3
A 2
g 11
3k 10
3-2-1 P
-2
-3
Hinh 29 (SGK)

ER
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tung dd (hodc hoanh dd) cua diém do.

Vidu7. (Bai431r.72 SGK) 14 0km)
Trong hinh 27 (S(:K) Doan thang
OA la do thi biéu dién c.hmen dong
cua ngudi di b va doan th.’mL OB la
dd thi biéu dién chuyén donb cua
ngudi di xe dap. Qua dd thj em hay
cho biét : s 3
a) Thoi gian thl}&.n dong cua nguoi C e >
di by, cia nguoi di xe dap.

LVE I S

L
L]
"
]
0
[]
"
[
'
]
'

Hinh 27 (SGK)
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b) Quéng dudng di dugc cia ngudi di b, ciia ngudi di xe dap.
¢) Vin toc (km/h) cia nguoi di bg, cia ngudi di xe dap.

Hudng dan.

Khi “doc” d6 thi nay can hiéu ro : )

- Truc hoanh biéu thj thoi gian bing gid ; truc tung biéu thj quang
duong di duge véi don vi img vai 10km.

- Doan thing OA la db thj biéu dién chuyén dong cia ngudi di bj ;
doan thing OB 14 do thi biéu dién chuyén dong cuia ngudi di xe dap.

Tra 16 :

a) Thoi gian chuyén ddng cuia ngudi di bd 13 4 gio, cia ngudi di xe
dap la 2 gio.

b) Quing dudng di dugce cia ngudi di bd la 20km, cia ngudi di xe
dap la 30km.

¢) Vén téc cia ngudi di bd ia : ? =35 (km/h).
Vin téc ctia ngudi di xe dap 1a : % =15 (km/h).
Vidu8. (Bai441tr.73 SGK)

V& d6 thj cia ham s6 y = f{x) = - 0,5x. Bing db thj hay tim :

a) f(2); f(- 2); f(4) ; f(0) ;

b) Gidtriciaxkhiy=-1;y=0;y=25;

¢) Céc gié trj cia x khi y duong, khi y am.

Giii.
Khi x =2 thi y = - 0,5.2 = -1. Viy diém A(2; -1) thudc dd thj cuia

ham s0 y = f{x) = - 0,5x. D6 thj cia ham ) ndy la dudng thang OA trong
hinh v& bén.

Trén db thi ta thiy : Ty
8) f)=clsfcy=ds )
f(4)=-2; f(0)=0. : 21
b)y=-l=>x=2; : w4 |
y=0=x=0; ; .2 5 4. .
y=2,5=>x=-5. -5 -4 -3-2-1 O]\ box
¢) y > 0 (mg v6i phan dd A 1
thi niim phia trén truc hoanh va & s e
bén tréi truc tung (géc phin tur I1) -31

nénx <0. - .
y < 0 {mg véi phan db thi ndm phia dudi truc hoanh va & bén phai
truc tung (g6c phan tr IV) néna > 0.
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Vidy9.

Cong thirc biéu dién dién tich
cua hinh chir nhat da cho 1a y=3x.
Véi mdi gia trj ciia x (x > 0) ta déu xéc
dinh dugc chi mét gia tri cia y (y>0)
nén dai lugng y la ham sé cua dai
lIuong x.

Khi x =1 thi y=3.1 =3 nén
diém A(1; 3) thudc db thj cia ham sé y
= 3x. D3 thj cia him s6 y = 3x 1a _
dudng thang OA trong hinh vé.

Xem do thj ta thiy :

a) Khi x = 3 thi y = 9. Viy khi
X=3m thi dién tich hinh chir nhét
bing 9m?.

(Bai 45 tr.73 SGK)

Hai canh cia hinh chit nhat ¢6 d¢ dai 1a 3 mét va x mét. Hay viét
cong thirc biéu dién dién tich y(m?) theo x. Vi sao dai luong y

1a ham s6 ctia dai lugng x ? Hay vé dd thj cia ham s6 .
Xem db thj hay cho biét :

a) Dién tich cia hinh chir nhit bing bao nhiéu khi x = 3m ?

X=4m ? Ay

b) Canh x bing bao nhiéu b e e

khi dién tich y cia hinh chir
nhat bing 6m? ? 9m* ?
Gidi. ) Gl e

L ccccccc e crrccccrcrr e -

[ R S T

[ i,

-3-2-10
-1

-2
23

Khi x = 4 thi y = 12. Véy khi

x=4m thi dién tich hinh chir nhét
bing 12m?.
b)Khiy=6thix=2.Viykhi 6

dién tich hinh chi¥ nhat bing 6m* thi 5 }----- M(2; 5,08)

canh x =2m.
Khi y = 9 thi x = 3. Vidy khi

dién tich hinh chir nhat bing 9m? thi
canh x=3m.
Vi dy 10.
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(Bai 46 tr.73 SGK)

B b e
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D6 thj trong hinh 28 (SGK) o 1
dugc sir dung dé dbi don vj

[

Hinh 28 (SGK)
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7.4

7.5

7.6

1.7

7.8

7.9

do dai tir in-so sang xentimét . _
Xem d& thj hay cho biét 2 in-so, 3 in-so, 4 in-so bing khoang
bao nhiéu xentimét ?

Tra loi.
2in = 5,08cm ;3in =~ 7,62cm
4in2=10,16cm.
C.LUYEN TAP
Dang 1. V& trén ciing mot hé truc toa d§ Oxy do thi cua cac ham sb
y=3x viy=-3x.
Dang 1. V& dd thj cia ham s y =|x|.

Dang 1. V& d6 thi cua cic ham sd :

X
a) y=Ixl-x ; b)y=|-;l(x¢0).
Dang 1. Xdc dinh ddu cua hé sé a biét ring do thi ciia ham s6 y = ax

1 dudmg théing : _
a) Nam trong cac goc phén tu I va III;
b) Nam trong cac goc phan tu I va IV.

Dang 2. Cé thé néi gi vé ‘déu cua a, X, y. néu dé thj cia ham sb
y=ax (a#0) la mdt tia nAm trong goéc phan tu II 2 Nam trong goc
phéan tu 111 ? -

Dang 2. So sanh a, va a,, biét ring dé thi ciia ham sé y =a;x nim
trong géc phén tu II va IV ; dd thj ciia ham sé y=a,x nim trong
goéc phan tu I va II1.

Dang 2. So sanh a, va a,, biét rﬁng dd thi ctia ham sb y=a,x latip
hop cac diém c6 hoanh do bing tung do ; dd thi ciia ham sb y =a,x
1a tap hop cac diém c6 hoanh d§ va tung d6 1a hai s6 dbi nhau.

Dang 3. Cho ham s y=x?-1. Céc diém A(- 3; 8), B(- 2; - 5),
C(1;0), D[-%—; %) c6 thude db thi ctia ham sb nay khong ?

Dang 3. Cho ham ) y=5x—%. Trong céc diém sau, diém nao
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7.10

7.11

7.12

7.13

136

khong thugc d6 thi ctia ham s : A(O;—%) « Bl » 45) ;

C(-1;-6); D(—-%;—-:’!].

Dang 4. Xéc dinh hé s a ciia ham s y = ax, biét ring dd thj cia n6
di qua diém :

a)M(3:9); b)N(- 4;1).

Dang 4. Cho ham s§ y = (2m + 1)x .

a) Xac dinh m dé d6 thi ciia ham s6 di qua diém A(-1; 1).

b) V& dd thj ctia ham s6 img véi m vira tim duge.

Dang 5. Ham s6 y = f(x) ¢6 do thi gdm hai doan thing AB, BC nhu
hinh v& sau. Tim nhimg gia tri cia x sao cho :

S Y Y Y N
a) 1(x

n . | Y = = N
U ; ) 1{x) < 0.

[\

AY
-2

]
o
R T
w
®“v

Dang 5. Biét rang dd thi ciia ham sé y = f(x) Ia doan thing AB nhu
hinh v& sau.

a) Tim f{(- 3) ; f(0) ; f(3).

b) Tim x, biét f(x) = I ; f{x) =2.

]
W

]
38

]
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48.

£
o
.

50.

51

ON TAP CHUONG 2

N y
A. BAI TAP ON TRONG SGK 41---- +D
Mot tin nude bién chira 25kg mudi. Hoi 250g nuée bién do, chia ¥
bao nhiéu gam mudi ? Agreoes 2
r] ] l L
Gidi. B3 ! I 23
L — . — + + Ll }
ltgn—l000(:(_}Ogam,25kg—25009§. ‘ : » I o | : »
Goi lugng muoi c6 trong 250g nude bién 1a x(g). Vi lugng nudce bién L | '
va lugng muoi chira trong do la hai dai lugng ti 1¢ thudn nén ta ¢ R b ! S -i E
250 1000000 250 G F|-2
—=————=40=2x=——=6,25(g)
X 25000 40 -3
Tra 16 : 250g nudce bien chira 6,25g muoi. Bt 4
Hai thanh st va chi c6 khoi iuqng‘béng nhau. Hoi thanh ndo co thé
tich 1én hon va 16n hon bao nhiéu lan, biét ring khoi lugng riéng cta
Hinh 32 (SGK)

sit 12 7,8 (g/cm®) va ctia chi 1a 11,3 (g/em®) 2

Hudng din. '
Sir dung cong thirc m = V.D dé thay thé tich va khdi lugng riéng la
hai dai lugng ti l§ nghich véi nhau. i
Tré 161 : Thanh sat cé thé tich 1én hon va 1én hon khoang 1,45 lan so
voi thanh chi.

Ong Minh dy dinh xay m¢t bé nuéc c6 thé tich la V. Nhung sau dé
dng mudn thay ddi kich thuée SO vGi dy dinh ban dau nhu sau : Ca
chiéu dai va chiéu rgng ddy bé déu giam di mdt nira. Héi chicu cao
phai thay ddi nhur thé nao dé bé xay dugc van ¢6 thé tich 1a V 2

Hudng din.
V = S.h do d6 khi V khéng dbi thi dién tich ddy S va chiéu cao h ti 1¢
nghich v&i nhau. S giam 4 l4n nén chiéu cao phai ting 4 lan.
Viét toa do cic diém A, B, C, D, E, F, G trong hinh 32 (SGK).

Dip sé.

A(-2;2), B(-4;0), C(1;0), D(2;4),
E@3;-2), F(0;-2), G(-3;-2).

52. Trong mit ph&ng toa do v& tam gidc ABC véi cac dinh A(3 ; 5),

B@3;-1),C(-5; - 1). Tam giac ABC la tam gidc gi ?
Gidi.

ny

=3 e == L %8
-3 .2-10
C -1
=9
-3

Eal S

Tam gidc ABC la tam gidc vudng tai B.

5§3. Mot van dong vién xe dap di dugc quang dudng 140km tir Tp. Hé
Chi Minh dén Vinh Long véi vén toc 35km/h. Hay vé do thi cua
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chuyén dong trén trong h¢ truc toa do Oxy (véi mot don vi trén tryc Gidi.
hoanh biéu thj 1 gir va mét don vj trén tryc tung bieu thj 20km). C6 hai diém A va C khéng thujc db thj ham s6 y = 3x - 1. Thit vay,

khi x= —-;— thi y= 3.(—%) ~-1=-2#0 nén diém A khong thudc

dd thi.
: Khix=0thiy=3.0-1=-1 =1 nén diém C ciing khong thudc
do thi.

56. Do : Xem hinh 33 (SGK), dd em biét dugc :
a) Tré em tron 5 tudi (60 thang) cin ning bao nhiéu 14 binh thudng ?
1a suy dinh dudng vira ? 1a suy dinh dudng ning ? 1a suy dinh dudng
rit nging ?
b) Mot em bé can ning 9,5kg khi tron 24 thang tudi thudc loai binh
thuong ? suy dinh dudng vira ? suy dinh dudng néng ? suy dinh

4  dudng ritnang ?
t(h) Tra loi.
N ; Xem db thj ta thiy :
54. V& trén cung mot hé truc toa do d6 thj cia cac ham so : a) Tré em tron 5 tudi, cdn ning :
B i yad &gzl * Tir 14kg dén 19kg la binh thudmg.
2 5" ? 2" » Tir 12kg dén 14kg la suy dinh dudng vira.
e « Tir 10kg dén 12kg la suy dinh dudng ning.
Giai. * Duéi 10kg 13 suy dinh dudng rat ning. _
b) Em bé can ngng 9,5kg khi tron 24 thang tuoi thudc loai suy dinh
dudng vira.

B P g e g g

B. BAI TAP ON BO SUNG

1.  a) Viét toa d§ cua céc diém A, B, C
trong h¢ truc toa do Oxy & hinh bén. 2
b) Biéu dién cdc ciip sd sau trong hé
truc toa d§ Oxy : et
-152)5(2:3),(-2;-1),(1;-2). -2

2. Trong h¢ tryc toa d§ Oxy, céc diém
sau ddy ndm trén dudng nao?
a) Céc diém c6 hoanh do bang - 3,5 ?

P - b) Cic diém c6 tung do bing 21 ?
55.  Nhimg diém ndo sau ddy khong thugc dd thj ctia ham sé y=3x—1:
1 1 ¢) Céc d:em ¢6 hoanh d¢ bing tung do?
A[—;; ) p B(s; 0) ,  CO;1), D(0; -1) ? d) Cac diém c6 hoanh dd va tung dd 1a hai s ddi nhau ?
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Cho bang :
X 1 2 3 4 5
y -6
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9.

10.

12,

142

a) Hay dién cic sb vao & tréng trong bang dé duge x va y 1a hai dai
lugng ti 1§ thudn ; X vay Ilen hé véi nhau bai cong thire nao?

b) Hay dién cdc sd vao o trong trong bang dé duoc hai dai lugng x va
y ti 1& nghijch ; x va y lién hé véi nhau bai cong thirc nao ?

Cho ham sb y = 2x + 1 va M 1a mot diém thudc db thi cia ham s6.

a) Néu M c6 hoanh d§ 14 - 1 thi tung d ctia n6 12 bao nhiéu ?

b) Néu M ¢6 tung d9 13 1/3 thi hoanh d§ cua n6 1a bao nhiéu ?

¢) Biém N(1; 4) c6 thude dd thj ham s khong ?

V& dd thj cia ham hiing y = ¢. C6 nhan xét gi vé dd thj cua
ham hing?

Cho ham sé y=x?+1 va cdc diém A(l ; 2), B(- 1 ; 2), C(v2; 3),

D(-v/2:1), E(3 ; 10), F(0 ; - 1). Goi (H) la b thj ciia ham sé. Dién
cac (‘Ién thich hn-n {e,2) vao cic & \_nlnng
c]m,

F[L]@.

Alm, B[],
p[]m, E]m),

a) V& hé tryuc toa do Oxy rdi biéu dién cac diém A(1 ; - 3), B(-1;3)
trén mit phing toa dj Oxy.

b) V& duimg thing di qua hai diém A, B. Em c6 nha.n xét gi vé
dudng lhéng AB doi vai goc toa d O.

¢) Cho diém C(x ; 4 ,5) va diém D(1,5 ; y) thuge ducmg thing AB.
Tim hoanh d x cta diém C va tung d9 y cua diém D.

Cho ham s y = ax + b. Hay x4c dinh a va b, biét ring db thj ctia ham

s6 nay di qua cac diém M(-1; 5) va N(%;Z%] :

Xac dinh diém M(x; y) trén d6 thj ham sb y = 3x biét :
a)x+y=0; b)x+2y=-14; c)3x—-2y=09.
Chimg minh ring ham b y = f(x) = ax ¢6 tinh cht :
f(x, +x,) =f(x,)+f(x,).
Cho ham sb y = f(x) ¢6 tinh chit f(x, +x,)=f(x,)+f(x,). Chimg
minh ring :
a)f(0)=0; b) f(- x) = - f(x).

Cho ham sé y == (a#0). Gia sir y,, y, 1a hai gi trj ciia ham sb
X



13.

14,

15.

16.

17.

19.

20.

tuong {mg véi céc gia trj x,,Xx, cua bién x. Chimg minh ring
N2
Y2 X
Céc qiém A(3;4),B(1;11),C(-2; - 6) c6 thude db thj ciia ham s6
y= [ khong ?
x .
Biét diém M(-zi : %) thudc @3 thi cia ham sé y=2. Hay tinh
X
hé sb a.
N £ a
Cho ham s0 y=—.
X
a) Xac dinh a dé dd thj ham sd di qua diém A(- 3; - 2).
b) Tim tét ca cac diém trén d6 thj ham s6 ti > & cdu ¢
d6 deu la so nguyén.
i55) Ithi ciia ham s6 y= S di qua diém A(
X
B[n ,?l;-) . Hay xac dinh m va n.

Chia sb 310 thanh ba phén :
a)Til¢ thuanvgi2;3 ;5.

b) Ti 1€ nghich v&i 253 5 5.
V& d6 thj cta cac ham sd sau : '

2x khix=0
) Y=1-Ly ni x<0’ b) y=~[3xl.
2

Tim toa d9 giao diem ciia Ay
dd thj ham s6 y = 4x va dé 3
thj ham s6 y=l. 2...-B c

X ]

; 1} /i N 4l

D) thi ctia ham sb g(x) gm -1 ; P \%3
ba doan thing AB, BC, CD + t + 4 =
nhu hinh v& sau : s -il--%--g-_‘!-_; i
a) Tim céc gia tri clia x sao ol
cho: A -2
g(x)20,g(x)=2, g(x) <0. -31

143
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b) Can cir vao dd thj ctia ham sd g(x) hay dién sb thich hop vao bang
gia tri sau day :

1
X -1 0 1,75 3 43 5

4
2

g(x)

c) Lap cong thirc cia ham sb c6 do thj la doan thing AB va cong
thirc ctia ham sd ¢6 do thj la doan thing BC.
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Phan

HINH HOC

145

Chwong 1.

PUONG THANG VUONG GOC.
PUONG THANG SONG SONG

§ 1. HAI GOC BOI DINH

A. TOM TAT Li THUYET

1. Dinh nghia : Hai géc ddi dinh 13 hai goc A D
ma mdi canh cua géc nay la tia dbi cua
mét canh cua goc kia.

2. Tinh chét : Hai géc dbi dinh thi bing ¢ o B
nhau.

AOC va BOD ddi dinh = AOC = BOD

B. CAC DANG TOAN

Dgngl. HOAN THANH MQT CAU PHAT BIEU HOAC CHQN CAU
PHAT BIEU PUNG

Phwong phap giai

» Lién h¢ vdi céc kién thirc Ii thuyét twong (mg trong SGK dé dién vio
chd trong cho diing hozc chon ciu phét biéu ding.
+ Duing hinh v& dé bac bo cau sai.

Vidyl. (Bail tr.82 SGK) )
VE hai dudng thing xx' va y y' cét nhau tai O nhu hinh v&. Hay
dién vao chd tréng trong céc phét biéu sau :
a) Goc xOy va géc ... 1a hai géc ddi dinh vi canh Ox 1a tia ddi
cliacanh Ox' vacanh Oy la ... citacanh Oy'.
b) Géc x'Oy va géc xOy' 14 ... vi canh Ox 1a tia ddi cua canh
...vacanh ...

146 7 108- CDTVPPGT?7/1



Gidi. X y
Céc tir dién vao bai theo thir ty 14 :
a) x'Oy’, tia doi.
b) hai géc d6i dinh, Ox', Oy la tia d6i y' X
ciacanhOy'.

Vidu2. (Bai2tr. 82 SGK)
Hay dién vao chd tréng trong cac phét biéu sau :
a) Hai goc c6 mdi canh clia géc nay la tia d6i cia mét canh ciia
goc kia dugce goi la hai goc ...
b) Hai dudng thing cit nhau tao thanh hai cip géc ...

Gidi.
Ciéc tir dién vao bai theo thir tr 14 :
a) dbi dinh.

b) déi dinh.

Dgng 2. VE HINH THEO YEU CAU CUA DE BAI ROI TIM CAP GOC
POI PINH HOAC KHONG POI PINH

Phwong phap giai.

* Sir dung thudc thing, thudc do géc, éke dé vé hinh ding.
+ Xét cac canh ciia goc va cac tia dbi dé tim ciip goe dbi dinh.

A t
Vidy3. (Bai3tr.82SGK) ,
V& hai duong thing zz' va tt' cat A

nhau tai A. Hay viét tén hai ciip goc
dbi dinh. y z
Gidi.
Hinh v& bén : zAt va Z’At’; ZAU' va Z/At.
Vidu4. (Bai8tr. 83 SGK)
V& hai géc ¢6 chung dinh va c6 ciing sé do 12 70° nhung khéong
dbi dinh.
Gidi.
Hai géc xOy va zOt & hinh v& bén c6
chung dinh va ciing c¢6 s6 do 1a 70° nhung
khong la hai géc di dinh.

Dang 3.  VE HINH ROI TINH SO PO CUA GOC

Phuong phap giai.

* V& hinh diing theo yéu ciu ciia dé bai.

+ Sirdung cac tinh chét :
- Hai goc bui nhau thi ¢6 tong bing 180°,
- Hai goc ké bi thi b nhau nén ¢6 téng bing 180°.
- Hai géc dbi dinh thi bing nhau.

Vidy5. (Bai4tr. 82 SGK)
V& géc xBy 6 sb do biing 60°. Ve
géc dbi dinh véi géc xBy. Djt tén B A 60°
cho géc nay. Héi goe nay ¢6 so do / X
y.

y

bing bao nhiéu d§ ?
Gidi.
Xem hinh v& trén. Géc déi dinh véi géc xBy la géc x'By’, ta c6 :
X'By'=60°.
Vidy6. (BaiS5 tr. 82 SGK)
a) V& géc ABC bing 56°.
b) V& géc ABC' k& b véi géc ABC. Hoi sb do cia géc

ABC'?
c) V& géc C'BA’ ké bu véi goc ABC'. Ta c6 C'BA’ =56".
Visao ?
Gidi.
a) Xem hinh v& bén. C
b) V& tia BC' la tia ddi cua tia BC. Ta c6
ABC'=180° - ABC =180° - 56° =124°. 56°

C'BA'=CBA (d6i dinh). Do CBA =56 nén

C'BA'=56°.

Vidy7. (Bii6tr.83SGK)
V& hai dudng thang cét nhau, trong cac goc tao thanh c¢é6 mot
goc 47°. Tinh s6 do céc gbe con lai.

. » . K » .
¢) Vé tia BA’ la tia doi cua tia BA. Ta cé A /B X
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Gidi. B
Hinh bén : AOB=47"; A'OB'= AOB (dbi
dinh) nén A'OB'=47°. AL_DAY -
AOB'=180" - AOB =180° -47° =133°. B/

A'OB = AOB' (ddi dinh) nén A'OB=133".
Vidu8. (Bai9tr. 83 SGK)

Ve géc vudng xAy. V& goc x'Ay’ dbi y
dinh véi géc xAy . Hay viét tén hai goc 0
vudng khéng déi dinh. .20
Gidi. ¥ A R
Chiing han & hinh bén : xAy va xAy', xAy y

va x'Ay.
Dang4. TIM CAC CAP GOC BANG NHAU

Phwong phap giii.

Str dyng tinh chat hai géc dbi dinh thi bing nhau.

Vidy9. (Bai7tr. 83 SGK) ]

Ba dudmg thing xx’, yy’, zz’ cung di qua diem O. Hay viét tén

céc ciip goc bang nhau.

Gidi.
- Xét cac “géc don” (goc khong c6 tia nao trong hinh ndm gitra hai
canh cla géc), c6 ba cap géc bing nhau :
z

01=0s4, 0:=0s, 0;=0 4

- Xét céc “g6e d6i” (goc co6 mot tia 3 02 i -
trong hinh nim gilra hai canh cla gdc), co n 5
ba cip gdc béng nhau :xOz=x'0z', / 5\2,

yOx-yOx zOy -zOy y'
- Xét cic “gbc ba”, & hinh vé 1a goc
bet, c6 ba céip goc biing nhau : xOx' = yOy' = z0z' (=180°).
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Dang 5. GAP GIAY DE CHUNG TO HAI GOC POI DINH THI BANG
NHAU

Phwong phap gidi.

Gép gidy sao cho hai tia tring nhau.

Vi du 10. (Béi 10 tr. 83 SGK)
D6 : Hay vé mjt duomg lhfmg mau do cit mot dudng th:’ing mau
xanh trén mot o glay (glay trong hoac glay mong). Phai gap W
gidy nhur thé nao dé chimg t6 hai géc ddi dinh thi bing nhau ?

Giai.
Dé chimg 6 hai géc dbi dinh xOy va ’\
x'Oy’ bing nhau, ta gip t& gidy theo dudng
thing 1O’ (Hinh bén). Khi d6 cic tia Oy va ¥’
Ox’ trung nhau, cic tia Ox va Oy’ tring nhau
(tire 12 tia mau do tring véi tia mau xanh).
Dang 6.  NHAN BIET HAI TIA DOI NHAU

Phuwong phap gidi.

Sir dung kién thirc : Hai géc k& nhau c¢6 tdng céc s6 do bing 180° thi hai
canh ngoai cia chiing 12 hai tia d6i nhau.

Vi dy 11*, Hai dudng thing AB va CD cit nhau tai O. Goi OM va ON theo

thir tyr 1a tia phan gidc cia cdc goc AOC va BOD. Vi sao céc
tia OM, ON Ia hai tia déi nhau ?

Gidi.
AOC =BOD (vi déi dinh).

O = %AOC (vi OM Ia tia phan gidc \/
cua g()c AOC ) N 3 = M
4 1
——BOD (vi ON Ila tia phan giac / 0\

clia goc BOD)
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1.1

1.2

14

1.5

1.6

1.7

1.8

1.9

1.10

Suyra 61 = 63.
Ta c6 BOM+0, = BOA =180°, ma O; = O3 nén BOM +0; =180°
Vay OM, ON la hai tia d6i nhau.

C.LUYEN TAP

Dang 1. Trong cic ciu sau, cdu nao ding, ciu nao sai ? Hay bac bo
cdu sai bing hinh v&.

a) Hai géc d6i dinh thi bing nhau.

b) Hai goc bing nhau thi di dinh.

Dang 2. V& dudng tron tam O va cac dudng kinh AB, CD. K& tén cic
céip goc dbi dinh trong hinh vé.

Dang 2. Cho goc AOB. V& goc BOC k& bu véi goc AOB. V& goc
AOD ké bii véi géc AOB . Trén hinh v c6 hai géc nao déi dinh ?
Dang 3. Hai dudng thing AB va CD cét nhau tai O, tao thanh géc
AOD bing 110°. Tinh ba géc con lai.

Dang 3. Hai duomg thing AB va CD cit nhau tai O. Biét
AOC - AOD = 20°. Tinh mdi géc AOC, COB, BOD, DOA.

Dang 3. Hai dudng thing CD, EF cit nhau tai O tao thanh bon gbe
khong c6 diém trong chung. Biét tdng cua ba lrong bén géc ay bang
300°. Tinh sb do ciia bon goc néi trén (cho biét COE < COF ).

Dang 3. Hai duong thing AB va CD cét nhau tai O tao thanh goc
AOC biing 50°. Goi OM la tia phin gidc cia géc AOC, ON la tia
déi clia tia OM. Tinh BON, DON.

Dang 4. Cho goc AOB va tia phan giac Ox ctia né. Goi OC la tia doi
cua tia OA, goi OD la tia déi cua tia OB, goi Oy la tia ddi cua tia Ox.
Tia Oy la tia phén gidc cia gbc nao ?

Dang 4. Cho diém O nim trén dudmg thing AB. V& trén cimg mot
nira m3t phing bo AB céc tia OC, OD sao cho AOC = BOD =30°.
Goi OE la tia d6i cua tia OD. Tia OA 1a tia phan giac ctia goc nao ?
Dang 6. Cho goc AOB bing 50°, OC la tia phan giac cua goc. Goi
OD la tia d6i cua tia OC. Trén nira mat phing bd CD chira tia OA, vé
tia OE sao cho DOE = 25°. Tim goc dbi dinh véi goc DOE.
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§ 2. HAl PUONG THANG VUONG GOC

A. TOM TAT Li THUYET

1. Pinh nghia : Hai dudng thing vudng goc la hai
dudng thdng ciit nhau va mdt trong céc goc tao
thanh la géc vudng.

. Tinh duy nhit ciia dwong vuéng géc : Qua mdt
diém cho truéc, c6 mot va chi mot dudng thing
vudng goc vai mot dtrb‘ng thang cho trudc.

. Duong trung truc cua dogn thang : Dudng trung L"
tryc ciia mot doan thiing la dudng théng vudng goc 90°

(0] B
xynAB={0} 4 ‘
Xy 1a dudng trung truc cia AB <> {AO=0B y

véi doan thang ay tai trung diém cua noé.

Ghi chit : Kihiéu xyn AB = {0} doc la xy cit AB tai O.

AB L CD (tai 0) <> AOC = 90°

xy L AB

B. CAC DANG TOAN

Dang 1. HOAN THANH MQT CAU PHAT BIEU HOAC CHQN CAU

PHAT BIEU PUNG

Phwong phip giai.

Lién h¢ véi céc kién thire li thuyét tuong img trong SGK dé dién vao chd
trong cho.ding hofic chon cau phat biéu ding.

Vidul. (Bal 11 tr. 86 SGK)
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Pién vao chd trong trong céc phat biéu sau :

a) Hai dudng thang vudng goc v6i nhau 14 hai dudng thing ..

b) Hai dudmg thing a va a’ vuéng goc véi nhau duge ki hleu
la:...

¢) Cho trude mt diém A va mot dudng thing d. .
d’ di qua A va vudng gdc véi d.

.. dudng thiing

Gidi,
Céc tir dién vao bai la :



a) cit nhau va mot trong céic goc tao thanh 1a goc vudng.
b)ala’'.
¢) C6 mot va chi mot.
Vidu2. (Bail2tr. 86 SGK)
Trong hai céu sau, ciu nao ding, ciu nao sai ? Hay bac bo ciu
sai biing hinh ve.
a) Hai dudng lhéng vudng gée thi cét nhau.
b) Hai dudng thing cit nhau thi C
vudng gaoc.
Gidi. 0
a) Dling. 0/ 40
b) Sai. & hinh v& bén, hai duémg thing B / A
AB va CD cit nhau tai O nhung khong la hai
dudng thing vudng goc.

n
=7

Dang 2. VE PUONG THANG VUONG GOC, VE DPUONG TRUNG TRYC
CUA MOT POAN THANG

Phwong phap giai.

Ding éke, dbng'thudc chia khoang dé v&.

Vidy3. (Bail4tr. 86 SGK) o
Cho doan thang CD dai 3cm. Hay vé
dudmg trung tryc cta doan thing 4y. h
Gidi. C I D
V& trung diém I cia CD : ldy I trén CD sao
cho CI = 1,5¢cm. Dung éke v& duong thing xy y

vudng goc vai CD tai I

Vidu4. (Bail81tr. 87 SGK) .

V& hinh theo cich dién dat bing 10 a %
u : Vé goc ;6}0635 do bing B

45°. Ldy diém A bét ki ndm trong
géc xOy. V& qua A dudng thing s
d, vudng goc véi tia Ox tai B. V& g
qua A dudng thing d, vuéng géc dz
véi tia Oy tai C.
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Giai,
Xem hinh vé.
Dang 3. GAP GIAY PE TAO THANH DPUONG VUONG GOC HAY
DPUONG TRUNG TRUC
Phuong phéap giai.

Gép gidy dé hai phan cta duong thing triing nhau.

VidyS. (Bai 13 tr. 86 SGK)
Ve mot doan th{mg AB trén gidy trong hodc gidy mong. Hay gip
to glay dé nép gap trung va&i dudng trung d
tryc cta doan thing dy.

]
]
]
L}
Gidi. X
I
I
]

Gép to gidy sao cho diém A tring véi diém B. i
Khi d6 nép gap d la dudng trung truc cia AB.
Vidu6. (Bail5tr. 86 SGK)
V& dudng thing xy va diém O thuge dudng thing d6 trén glay
lrong (Hmh 8a SGK) Gap gidy nhu hinh 8b (SGK). Trai phing
to gidy rdi t6 xanh nép gdp zt (Hinh 8c SGK). Hay néu nhimg
két lug@n rat ra tir cac hoat dong trén.

<)
Hinh 8 (SGK)
Gidi.
Cac két luanratrala:
Nép gap zt vudng goc véi dudmg thing xy tai O.
C6 bdn gée vudng la : )765, 563}, ya {Ox.
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Dang4.  NHAN BIET HAI PUONG THANG VUONG GOC, NHAN BIET
DPUONG TRUNG TRYC CUA MOT POAN THANG

Phwong phap giai.

Duiing dinh nghia hai dudng thiing vuéng géc, dinh nghia dudng trung tryc
ciia mgt doan thing.

Vidu7. Cho géc bet AOB. Trén cliing mt nira mit phing by AB vé cic
tia OC, OD sao cho AOC =40, BOD =50°. Vi sao OC vuéng
goc v6i 0D ?

Hudng dén.
a0
SV FNS ) TV
0

S
AND —12n0 _end _.|1n°
AUD =10V —oU =15V

Tia OC nim giira hai tia OA, OD nén:
COD = AOD-AOC =130°-40° =90°. Vay OC LOD.

Vidy8. Cho xy la dudng trung tryc ciia doan thing AB. Trén tia ddi cua
tia AB ldy diém C, trén tia ddi cta tia BA ldy diém D sao cho

BD = AC. 1X
Vi sao xy la dudng trung tryrc cia CD ? '
Hudng din. i1
Goi 1 1a trung diém ciia AB. C A}B D
Ta ¢6 xy L CD va IC = ID nén xy l1a dudng :
trung tryc cua CD. R4

Dgng 5. TINH SO PO CUA GOC

Phwong phap giai.

Chi y dén goc tao boi hai dudng thing vudng goc bing 90°.

Vidu9. Trén cling mdt nira mit phing c6 bd chira tia OA, v& céc tia OB
va OC sao cho AOB = 70", OC vuéng géc véi OA. Tinh sb do

goc 13.65 . C B
Huéng din.
OC L OA = AOC=90°. 70°
BOC = AOC-AOB = 90" -70° = 20°. 0 A
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2.1

2.2

23

24

2.5

2.6

2.7

28
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C.LUYEN TAP

Dang 1. Dién vio chd trong dé dugc cau ding :
Néu hai dudng thing AB va CD cit nhau tai O tao thanh goéc vudng

AOQC thi cac goc ... 1a géc vudng.

Dang 2. Cho dudng tron (O), ba diém A, B, C ndm trén dudng tron.
a) VE dudng trung tryc clia doan th.’ing AB.

b) V& dudng trung tryc cua doan thing BC.

¢) C6 nhén xét gi vé giao diém ctia hai dudng lrung tryc | noéi trén ?

Dang 2. Cho tam giac ABC c6 A= 70°, céc goc B va C déu nhon.
a) Duing thudc thﬁng va éke v doan thing di qua B va vudng géc véi
AC tai E, vé& doan lhéng di qua C va vudng goc voi AB tai F.

D} Do cac gGC H.DD .F\L.l"

¢) Goi H la giao diém cuia BE va CF. Po géc EHF.

Dang 2. Cho tam giéc ABC ¢6 B >90°.
a) Dung thudc thing va éke vé doan lhiing di qua A va vudng géc véi
BC tai D, v& doan thing di qua B va vuong géc vai AC tai E, vé
doan thing di qua C va vudng géc véi AB y
tai F.

b) V& H Ia giao diém cua cac dudng thing c

AD va CF. Duing thudc dé kiém tra xem ba
diém E, B, H c6 thing hang hay khéng ?

Dang 2. V& lai hinh bén va néu rd trinh ty v&
hinh (diém A cho truéc).

Dang 4. Cho géc AOB bing 120°. Tia OC ndm giira hai tia OA, OB

sao cho AOC =30°. Hay ching to ring OB vudng géc vai OC.

Dang 4. V€ hai dubng lhéng a va b vuong goc v&i nhau tai M. Trén
dudng thang a lay cac dlem A, B phan biét sao cho MA = MB. Trén
dudmg thing b ldy céc diém C, D phan biét sao cho MC = MD. Tim
cdc dudmg trung tryire trong hinh vé.

Dang 5. Cho géc AOB biing 40°. V& tia OC I tia déi cua tia OA.
Tinh COD biét ring :

a) OD vuong goéc .vdi OB, cdc tia OD va OA thudc hai nira mit
phiing d6i nhau b& OB.

b) OD vudng gbc véi OB, céc tia OD va OA thudc cling mot nira mat
phiing b OB.

A

50°
E H x




2.9 Dang5. Cho gbc AOB bing 50°. Goi OC la tia phén gidc cuia géc
AOB. V& tia OE la tia déi cua tia OA, vé tia OD vudng géc vai OC
(tia OD ndim trong géc BOE ). Hay chirng t ring tia OD la tia phin
gidc cuia goc BOE.

2.10 Dang 5. Cho géc AOB bing 130°. Trong géc AOB vé céc tia OC,
OD sao cho OC L OA , OD L OB. Tinh COD.

2.11 Dang 5. Cho géc AOB bing 140°. O ngodi géc AOB, vé& céc tia
OC, OD sao cho OC LOA, OD L OB. Vé tia OE la tia phdn giac
cia goc RE)E, v tia OF 1a tia ddi cia tia OE. Vi sao tia OF la tia
phén gic cta géc COD ?

§ 3. CAC GOC TAO BOI MOT BUONG THANG
CAT HAI DPUONG THANG

A. TOM TAT Li THUYET

1. Hai cgfp goc so le :rong
A va B2 ¢ A va B

2. Bon cgp goc dong vi
Az \.'aBZ.A3 w’iB3 ;
A, va Bl : A,, va B4

3. Hai cdip gdc trong ciing phia :
;\‘ va ﬁ; ; A, va E

4. Quan h¢ gidta cic cdp goc : Néu hai a4 B
dl.rdmg thing cit mot dudng thing thir a AA

ba va trong cic goc tao thanh c6 mot 172
cip goc so le trong bang nhau thi :

- Hai goc so le trong con lai bang b 2A41
nhau. VB4

- Hai goc dong vi bdng nhau.

- Hai géc trong cung phia bi nhau. Az =83
Ai=Bi={A; =B
Az +B; =180

B. CAC DANG TOAN

Dang 1. VE HINH VA TIM CAP GOC SO LE TRONG, CAP GOC PONG
Vi, CAP GOC TRONG CUNG PHIA.

Phwong phap giai.

Nhén biét hai géc trong mot ciip dya vao tén clia ciip goe céin cir vao vi tri
clia goc so v6i hai dudmg thiing va dudng thing thir ba.

Vidyl. (Bai2l tr. 89 SGK)
Xem hinh 14 (SGK) rdi dién vio chd R

tréng (...) trong cdc cdu sau :
%\ 0

a) IPO va POR la mot cdp goc ...
P\ \ /
T

Ly f\'[)l 2 'r'\rn 1A
vy I vVa 1INU 1a

dp gb

c) PIO va NTO 1a mét cdp goc ...

d) OPR va POI Ia mot ... I
Gidi.

_!
=y

.
[«
r':

Hnyt

Céc tir dién vao bai :
a) so le trong ; b) dong vi ;
¢) dong vi ; d) so le trong.

Dang 2.  TINH SO PO GOC KHI BIET MOT TRONG BON GOC TAO BOI
HAI PUONG THANG

Phuong phap giai.

Chii y dén ciip goc dbi dinh, cip géc ké ba.
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Vidu2. (Bai22tr. 89 SGK) 3
a) V& lai hinh 15 (SGK). AA

b) Ghi tiép sb do img véi cac géc 40041
con lai. .
¢) Cip gbc A,, B, va clip goc A,, - 22 %

-~ B

B; dugc goi la cip gdc trong cling / 1

phia. Tinh : .7\‘; +§; Shvay K':, +§; =..
Gidi.

a) Hoc sinh tu vé,
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b) Az =40°, Bs =40°, A; = A3 =140°, By = B; =140°.
¢) A1 +Ba =140° +40° =180°, A4 +B; =40° +140° =180°.

Dang 3.  TIM CAC CAP GOC BANG NHAU, CAC CAP GOC BU NHAU

Phwong phap giai.
Str dung quan hé giira céc ciip goc so le trong, dong vi, trong ciing phia.
Vidy3. Cho hinh bén, trong d6 A;=B;. Tim 2 / e
quan h¢ gitra : a 3A o l
a) As va Bs ; ’ 5 5 /
b) A.i va Bz,

7
/

c) ;:\3 va éz.
Gidi.
a) Az =A, (d6i dinh) ; B: =By (déi dinh) ; A) =B (dé bai cho).
Dodé A; =B
b) A4+A|—180“ B:+B;=180°. Ma A, =B, (dé bai cho) nén
Aq = Bz
) Az +Aq=180"; As =B: (cAub). Suyra As +B; =180°.

C.LUYEN TAP

3.1 Dang 1. Tim cic ciip géc so le trong, dong v!,
trong cung phia trén hinh bén. 2/1 \1

3.2 Dang 2. Tinh cédc gia tri x, y, z, t trén mdi 3/C DY
hinh sau :
a)

3.3  Dang 3. Cho dudng thing ¢ cit hai dudng thing a, b tai A va B tao
thanh cdp géc trong ciing phia bt nhau.
a) Vi sao hai goc so le trong trong mdi cip biing nhau ?
b) Vi sao hai géc ddng vi trong mdi cip bing nhau ?
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§ 4. HAl BPUONG THANG SONG SONG

A. TOM TAT Li THUYET

1. Djnh nghia :
Hai duong lh{mg song song (trong mit phiing) 1a hai dudng thing
khong c6 diém chung

2, Dau higu nhn biét hai duong thing song song :

- Néu hai duong lhéng céit mot duomg thang thir ba tao thanh mét cdp

géc so le trong béing nhau thi hai dudng thing song song.
Ai=Bi=allb

- Néu hai duong thiing ciit mot dudng thing thir ba

tao thinh mgt cip géc ddng vi bing nhau thi hai

dirdna lh&nn cnna cnno
\.ll-l\.llls SRECANE b \Jvlls I’Ulls

K; B| = allb .
- Néu hai duong thing cit mjt dudng thing thir ba tao thanh mét cip
goc trong cung phia bu nhau thi hai dudmg thang song song.
Az+B;=180°=a//b.

B. CAC DANG TOAN
Dang I. HOAN THANH MQT CAU PHAT BIEU HOAC CHQN CAU
PHAT BIEU PUNG
Phuwong phap giai.

Lién hé v6i cac kién thirc li thuyét twong img trong SGK dé tré 1.

Vidy 1. (Béi 24 tr. 91 SGK)
Dién vao chd trong (...) trong cac phat biéu sau :
a) Hai dudng thing a, b song song vdi nhau dugc ki hiéu la ..
b) Budng thing ¢ cit hai dudng théng a,bva trong cac goc tao
thanh c6 m{t cdp goc so le trong béng nhau thi .

Gidi.
Cic tir dugc dién viao bai la ;
a)al//b;
b) a song song vdi b.

Chu y Cau b ciing co thé d:en hai gdc so le trong con lai bing nhau, hai
goc ddng vi (trong mdi cip) bing nhau.
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Dang 2. VE MQT DPUONG THANG SONG SONG VOI MQT PUONG
THANG CHO TRUOC

Phuong phip giai.

Dung mt trong ba géc cuia éke dé v& hai géc so le trong bing nhau hoic
hai goc dong vi bing nhau.

Vidu2. (Bai25tr.91SGK)
Cho hai diém A va B. Hiay v& mot a
dudng thing a di qua A va dudng
lhéng b di qua B sao cho b song song b

véi a.

 Gidl. <</
Ké dudmg thing AB rdi dung éke v& cdc kX

g6c ddng vi A1, By bing nhau.

Vidu3. (Bai27tr.91SGK)

Cho tam giac ABC. Hay v& mot doan thiing AD sao cho
AD = BC va dudng thang AD song song v&i dudng thing BC.

Gidi. A D
- V& tia Ax sao cho CAx=C va CAx so le -
trong véi C. )
- Trén tia Ax ldy diém D sao cho AD =BC. B C

Vidud. (Bai29tr. 92 SGK)
Cho géc nhon xOy va mdt diém O’. Hiy v& mdt géc nhon
:F(')-’y—_' ¢6 O’x” // Ox va Oy’ // Oy. Hay do xem hai goc :-;6;
va ;67? ¢6 bing nhau hay khong ?
Gidi,
Dung thudce do goc, ta kiém tra thay ;EE)_; = F(S'_f' :
Chi § : Gidi thich xOy=x'0'y" nhu sau : Goi S la
giao diém cua hai tia Ox va O’y’. Ta ¢6 Oy // O’y’ tirc
la Oy // Sy’, suy ra xOy = xSy’ (hai géc déng vi).
Tuong tyr : ;’0'_-';’ = :TS?’ (hai gbc dong vi).
Do dé : XOy =x'0'y’ (=xSy’).
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Dang 3. NHAN BIET HAI PUONG THANG SONG SONG

Phuong phéap gidi.

Xét ciip goc so le trong, hodc cp géc dong vi, hoic cip gbc trong
cung phia.

Vidu5. (Bai26tr. 91 SGK)
V& cdp goc so le trong ;ﬁ, ;I;K déu biing 120°. Hoi hai
dudmg thing Ax, By c6 song song vdi A X
nhau khong ? Vi sao ? o

120
Giai.
Hai duomg thing Ax, By tao v6i AB cip géc 120°
so le trong XAB, yBA bing nhau (bing 120°) nén y B
Ax // By.

Vidu6. (Bai30tr. 92 SGK)
Nhin xem hai dudng théng m, n & hinh 20a (SGK) hai dudng
thang P, q & hinh 20b (SGK) c6 song song véi nhau khong ?
Kiém tra lai bing dung cu.

m Jinac p
FAAAAAAAAA A
q
111 T
n AR
a) b)
Hinh 20
Gidi,

Ké mot duong thing thir ba cét m va n. Do hai géc ddng vi, ta thdy
chiing bing nhau, chimg td m /.

Ciing kiém tra biing cich lam nhur trén, ta két luéin P / q.
Chit y : Do c6 nhiéu duong keé cit p va q khong theo ciing mot chidu nén
bﬂng mét nhin, ta ¢6 cam gidc ring p khong song song véi q. D6 la mot sai
1am cua thi gidc.

C.LUYEN TAP

4.1 Dang 1. Chon céu tra 1&i dang trong céc cdu sau :
a) Hai dudmg thing khong c6 diém chung thi song song véi nhau.
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4.2

4.3

44

4.5

4.6

4.7

b) Hai doan théng khong c6 diém chung thi song song véi nhau.

¢) Hai dudng th.’mg phan bi¢t khong cal nhau thi song song vdi nhau.
d) Hai doan thing phan biét khéng cit nhau thi song song véi nhau.
Dang 1. Dién véo chd tréng dé dugc cau diing :

a) Néu hai dudng thiing a, b cit dudng thiing ¢ tao thanh mét ciip goc
sole lrong .thia//b.

b) Neu hai dudng thing a, b cit dudng thing m tao thanh mjt cip
g6c dong vi ...thia//b.

¢) Néu hai dm‘mg thing d, d’ cit dudomg thing xy tao thanh mét cip
goc trong cung phia ... thid // d’.

Dang 2. Cho tam giac ABC. Hay néu cach vé giao diém K cua cac
dudmg thiing m va n sao cho duong thing m di qua A va song song
véi BC, dudmg thing n di qua C va song song véi AB.

Dang 3. Quan st hinh v& duéi diy va doan nhidn cic cip dudmg
lhﬁng song song. Sau d6 ding dung cu dé kiém tra lai.

Dang 3. Hay chirng to trén hinh v& dudi day ta c6 AB // CD.
A D

80°

gl 20 S
Dang 3. Hay chirng to trén hinh v& dudi day ta cé6 AB // CD.
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48 Dang 3. Cho géc vudng xOy, diém A thudc tia Ox. Ké tia Az vudng

gbe véi Ox (tia Az ndim trong goc ;:6} ).

a) Visao Oy // Az ?

b) Goi Om la tia phén giac ciia goc xOy, An la tia
phan gidc ciia géc xAz. Visao Om // An?

49 Dang 3. Tim trén hinh v& bén céc c@p dudng
thang song song.

§ 5. TIEN PE O - CLIT VE DUUONG THANG SONG SONG

A. TOM TAT Li THUYET

1. Tién dé O-clit vé ’ dudng thdng song song
Qua mdt diém ndm ngoai mot dudng thing, chi c6 mét dudng thing
song song véi dudmg thing do.
2. Tmh chét cia hai dwimg thing song song
Néu hai duong thing song song bj cat béi mét dudng thing thr ba thi :
- Hai goc so le trong bing nhau.

- Hai gbc ddng vi bang nhau. 7
- Hai géc trong cling phia bl nhau. a A/3
S 1/2
A =B a3 /
A. — 7R 1
allb= é; = ?. : /B
Az +B; =180
B. CAC DANG TOAN

Dang 1. HOAN THANH MQT CAU PHAT BIEU HOAC CHON CAU TRA
LOI PUNG

Phwong phap giai.

Lién hé véi céc kién thirc twong img trong SGK dé tra 13i.

Vidu L. (Bat 33 tr. 94 SGK)
Dién vao chd trong (-..) trong phat biéu sau :
Néu mét dudmg thang cit hai dudng thing song song thi :
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a) Hai géc so le trong
b) Hai goc dong vi ..
¢) Hai géc trong cung phia ...
Gidi.
Céc tir dién vao bai la :
a) biing nhau ; b) bing nhau ; ¢) bl nhau .

Dgng 2. VE PUONG THANG SONG SONG VOI MOT DUONG THANG
CHO TRUOC

Phwong phép giai.

V& hinh sao cho hai géc so le trong bing nhau, hogc hai §6c dong vj bing
nhau, hogc hai géc trong cling phia bu nhau. Theo tién dé O-clit, qua mt
diém ndm ngoai dudmg thing a, chi c6 mdt dudmg thiing song song véi a.

Vidu2. (Bai35tr. 94 SGK) )
Cho tam giac ABC. Qua dinh A v& duong thang a song song vdi
canh BC, qua dinh B v€& dudng thang b song song vdi canh AC.
Hoi vé dugc méy dudng thing a, may dudmg thing b, vi sao ?

Gidi. N T
Theo tién dé O-clit, chi vé& duge mot
dudng thang qua A va song song véi BC,

chi v& duge mot dudng thing qua B va song b
song v&i AC.

Dang 3. TINH SO PO GOC TAO BOI MOT PUONG THANG CAT HAI
DUONG THANG SONG SONG

Phuong phap gidi.

Sir dyng tinh chét : Néu hai dudng thiing song song thi hai goc so le trong
biing nhau, hai géc ddng vi bing nhau, hai géc trong ciing phia bl nhau.

Vidu3. (Bai34tr. 94 SGK)

Hinh 22 (SGK) cho biét a // b va h 34 ,é
Ag= 371. 379471
@) Tinh Bl - /
b) So sanh Ay v Bs. 3578
¢) Tinh B;. 4
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Gidi.
a)a//b = B) = A4 =37° (hai gc so le trong).
b)a//b = A = Bs (hai géc ddng vi)
c)a//b =As+B2=180° (hai goc trong cung phia)
=B, =180" - A4 =180° -37° =143°,
Cdc cdch khdec.
Tinh ﬁ. rdi tinh Ez (ké bl véi By).
Tinh A, rdi tinh B, (so le trong v&i A|)
Tinh A; rdi tinh Bz (dong vi vGi A;)

Vidyd4. (Bai39tr. 95SGK)

Hinh 26 (SGK) cho biét d,//d, vi mjt Ahs
goc th tai dinh A bing 150°. Tinh géc "H\,[_'J
nhon tgo bdiava d,. ’
Gidi.
Goi 1 1a goc nhon tao béi a va d,. AN 1500
d,//d, >1+A=180° (hai géc trong cing a /
phia). Do d6 1=180%-A =180° -150° = 30°. di %

Dgng4. VAN DUNG TINH CHAT HAI DUONG THANG SONG SONG DE
NHAN BIET HAI GOC BANG NHAU HOAC BU NHAU

Phwong phép giai.

Str dung tinh chét : Néu hai dudng thing song song thi hai géc so le trong
béing nhau, hai géc ddng vi bing nhau, hai géc trong cing phia bl nhau,

VidyS. (Bai36tr.94 SGK)
: Hinh 23 (SGK) cho biét a // b va c cét a tai A, cét b tai B. Hay
dién vao chd tréng (...) trong cac cau

sau 3
a) A = ... (vi 1a cip géc so le trong). 2 < AIA
b) Az = ... (vi la cip gbc dong vi). ) /
= ¥ 3
c) Ex +Ji4 = ol yﬂ
d) Bi=Az (vi...). I
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Gidi.
Céc tir dién vio bai 1a : a) Bs ; b) Ba; ¢) 180° (vi 1 clip géc trong
ciing phia) ; d) vi ciing bing B:.

Vidu 6. (Bai37tr. 95 SGK) ;
Cho hinh 24 (SGK) (a // b). Hay néu tén cac cfip goc bang nhau
cua hai tam gidc CAB va CDE.

Huéng dén. B\ A
CAB =CDE (hai goc so le trong, a // b) ; C b
CBA =CED (hai géc so le trong,a//b) ; D E

7/ N 8

o 5. VJN DUNG DAU HIEI NHAN BIET HAI PUONG THANG

LIens J- o LAAU IV SE3 22228 LU

ACB =DCE (hai goc déi dinh).

SONG SONG VA TINH CHAT HAI PUONG THANG SONG

SONG

Phwong phap gidi.

Truéce het chimg t6 hai dudmg thing song song véi nhau. Sau d6, sir dung
tinh chét hai duong thing song song dé tim hai géc bing nhau hoic

Vidy7. Tim sb do x & hinh bén.
Hudng din.

bl nhau.
a M7 \dN

s
a// b vi hai géc so le trong bing 60°. b /60° 80°

a/lb =x+80°=180" (hai géc trong cing / P \Q
phia). Suyra x =100°.

C.LUYEN TAP

5.1 Dang 1. Chon cau ding trong cic cau sau : :

a) Qua diém A nim ngoai dudng thing m, c6 mjt dudng thing song
-song véi m.
b) Qua diém A ndm ngoai dudng thing m, chi c6 mot dudng thing
song song v&im.

- ¢) Qua diém A nim ngoai dudng thing m, c6 duy nhét mot dudng
thiing song song vdl m.
d) Qua diém A ndm ngoai duong thing d, c6 hai duong thing phan
biét cling song song v&i d.

167

5.2

53

54

5.5

5.6
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e) Néu hai duong thang AB va AC cling song song véi dudng thing
d thi hai dudng théng AB va AC tring nhau.

f) Néu hai dudng thang b va ¢ cling song song véi dudmng thing a thi
hai dudng thing b va ¢ tring nhau.

Dang 1. Cho hai dudng thing a va b song song véi nhau, duong
thing ¢ cit dudmg théing a tai I. Chon céu dang trong cdc cdu sau :

a) Pudng théng ¢ song song véi dudng thing b.

b) Pudmg thing ¢ cit duong thing b.

Dang 3. Cho hinh vé& duéi ddy véia//b. Timsd do x va y.

c \d
a A/ \B
/ 100° 120“\
b [x X
c/ D\y
Dang 3. Cho hinh v& duéi day véi a // b va C; —Cz = 40°. Tinh D,
va 62 2

Dang 3. Cho hinh v& duéi diy véia // b va C,—D; =30°. Tinh C»

va f)z "
a C/C

71
b 2/1

/D

Dang 3. Cho hinh v& dudi day trong d6 xOy =70°, AB // Ox, AC //
Oy. Tinh bdn géc dinh A.



5.7 Dang4. Cho hinh v& dudi diy trong d¢6 O'x’' // Ox, O'y' // Oy, O'y’
cit Ox & K. Tinh x'O'y’ va x'O'K theo O.

5.8 Dang 4. Hai dudng thing m va n cit nhau & ngoai pham vi t&r gidy
(hinh v& bén dudi). Hay néu cich do goc nhon tao badi hai dudng
thang d6.

59 Dang 5. Tim s6 do x trén hinh duéi day.

5.10 Dang 5. Cho AB // CD (hinh v& bén dudi), Ex va Fy 1 céc tia phan
gidc cia hai géc dong vi. Hay chimg t6 Ex // Fy.
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§ 6. TU VUONG GOC DEN SONG SONG

A. TOM TAT Li THUYET

1. Quan h¢ giira tinh vudng géc va tinh song song cua ba dwdng thing
- I_\Jéu hai dudng thing (phan biét) cing vudng géc véi mot dudmg
thing thir ba thi song song véi nhau.

alc
c
blc}:allb

- Néu mdt dudng thing vudng géc véi mdt trong

hai dudmg thing song song thi n6 ciing vudng géc

véi dudng thing kia. Soeche o

allb

cla

2. Ba dudng thﬁng song song

Hai dudng thing (phan biét) cling song song véi 2 —p
mdt dudng thing thir ba thi ching song song

v@i nhau. b

allc
b/!c] =allb

l=>c_Lb

B. CAC DANG TOAN
Dang I. HOAN THANH MQT CAU PHAT BIEU (BANG CACH DIEN
VAO CHO TRONG, BANG CACH NHIN VAO HINH VE) HOAC
CHQN CAU TRA LOI PUNG

Phwong phap giai.

Lién h¢ véi céc kién thirc trong (g trong SGK dé tra 1&i.
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Vidul., (Bai4ltr.97SGK)
Cin cir vao hinh 30 (SGK), hay dién
vio chd tréng (...) :
Néua//bvab//cthi...

Gidi.

Néua//bvab//cthia/c.

Dang 2.  NHAN BIET HAI DUONG THANG SONG SONG Vi CHUNG
CUNG VUONG GOC HOAC CUNG SONG SONG VOI MQT
DUONG THANG THU BA

Phwong phdp giai.

Xét tinh vudng gbc va tinh song song clia hai dudng thing véi mt duomg
thing thir ba.

Vidy2. (Bai45tr.98 SGK)
a) V& d//d va d"//d(d” va d’ phan biét).
b) Suyra d"/d" bing cach tra 1&i cac cau hoi sau :
* Néu d' cit d" tai diém M thi M c6 thé nim trén d khong? Vi
sao ?
* Qua diém M nidm ngoai d, vira ¢é d'//d, vira c6 d"//d thi cé
tréi voi tién dé O - clit khéng ? Vi sao ?
*« Néu d' va d" khong thé ct nhau (vi trai véi tién dé O - clit)
thi ching phai thé nao ?

Gii
a) Xem hinh v& bén. :
b) + Néu d' cit d" tai diém M thi M :
khongthé nimtréndvi Med',ma d'/d. g _>>M

* Qua diém M nim ngoai d, vira ¢
d'// d, viracé d"// d thi trai véi tién dé O-clit, d
vi theo tién dé O-clit : Qua mét diém nim
ngoai dudng thing d, chi c6 mot dudmg thing song song vdi d.
« d' va d" khong thé cat nhau. Viy

ching phai song song v&i nhau. Anh \ D a
Vidu3. (Bai46 .98 SGK) 120°
Xem hinh 31 (SGK) :
a)Visaoa//b? H 9 b
b) Tinh s6 do géc C. B c \
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. Gidi.
5 3-LAB
bl AB

b) a//b=>C+D=180" (hai gbc trong cling phia)
= C=180°-D=180°-120° = 60°.

=> a//b(vi cing vudng goc véi AB).

Dang 3. NHAN BIET HAI PUONG THANG VUONG GOC

Phwong phép giai.

Str dyng tinh chit : Pudng thing nao vudng géc v6i mot trong hai dudng
thiang song song thi vudng géc véi dudng thang kia.

Vidud. (Bai43tr.98 SGK)
a)Vécla.
b) V& b // a. Hoi ¢ ¢6 vudng gbc véi b khéng ? Vi sao ?
¢) Phat biéu tinh chit dé bang 19i.

Gidi.
a) Xem hinh bén.
b) Trén hinhbén: cLb vib/avacLla. 32 ol
¢) Mot dudong thing vudng goc v6i mot
trong hai dudmg thing song song thi n6 ciing vuéng b
goc voi dudmg thing kia.

Dang 4. TINH SO PO MQT GOC BANG CACH VE THEM MQT PUONG
THANG MOI SONG SONG VOI MOT PUONG THANG PA CHO

Phwong phip giai.

Biing céch v& thém mdt dudmg thdng mdi song song v&i mdt dudmg thing
di cho ta tinh dugc s do cua nhiéu goc trong hinh vé.

Vidu5. Tinhs6 do géc ABC trén hinh bén, trong d6 Ax / Cy.
Gidi.
KéBm // Ax.

Bm// Ax

CyllAx |~ Bm//Cy (cung song song vé6i Ax).
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6.1

6.2

6.3

6.4

6.5

Bm//Ax = By = A =60° (hai goc so le trong).
Bm//Cy = B2=C=50° (hai gbe so le trong).
B, +B2 =60 +50° =110° = ABC =110°.

C.LUYEN TAP

Dang 1. Dién véo chd trng (...) trong céc ciu sau :
a)Néuclava..thic/b;
b)Néua//bva...thicla;
c)Néua//cva...thia//b.

Dang 2. Cho hinh v& sau. Hay chimg t6 Bx / Cy.

Dang 2. Cho hinh v& sau. Hay xét xem AB c6 song song v6i EF hay

khéng ?

Dang 2. Cho tam gidc ABC c6 A=90". K¢ AH LBC (H eBC).

Ké HE L AC (E €AC).
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6.6

6.7

6.8

6.9

6.10

6.11

174

a) Visao AB//HE ?
b) Cho biét B =60°. Tinh AHE , BAH.

Dang 3. Cho diém A nim trong géc vudng xOy. Ké ABLOx,

AC 1L Oy.Visao ABLAC ?

Dang 3. Khi v& duong thing m di qua A
va vudng goc vdi dudng thing a thi chan
dudng vudng géc ndm ngoai pham vi t&
gidy (hinh v& bén). Lam thé nao dé vé
dugc phan dudng thing m ndm trong to
gidy ?

L

AJ Cal
-

V"\I
H

Dang 4. Cho hinh vé sau, trong d6 AB // DE. Tinh BCE.

A
40°
C
30°
D E
Dang 4. Cho hinh vé sau, trong d6 AB // DE. Tinh ACD.
B A
140°
C
120°
E D
Dang 4. Cho hinh v& sau. Vi sao AB // DE ?
A B
120°
C(140°
100°
D E

Dang 4. Cho hinh v& sau. Vi sao AB // DE ?




A B
507
110°)C
0
60
B E

6.12 Dang 4. Cho tam g_iéc ABC ¢6 A =80° . B=70°. Tinh C bﬁng cach
ké qua A dudng thiang song song véi BC.

§ 7. DINH Li
A AN AT Y §Frorrrudm
A. LIUNVIL TAL L1 1NUVI L1

1. Dinh li. Gia thiét va két lujn ciia dinh Ii.
« Mot tinh chét dugc khing dinh 1a ding bing suy luan goi 13 mjt
dinh Ii.
« Gia thiét cta dinh Ii 1a diéu cho biét. Két luan cua dinh 1i 1a diéu duge
suy ra.

2. Chirng minh dinh li.
Chirng minh dinh li 1a dung ludn dé tir gia thiét suy ra két luan.

B. CAC DANG TOAN

Dang 1. PHAT BIEU MQT DINH LI HOAC CHQN CAU PHAT BIEU
DUNG

Phwong phap giai.

Lién hé v&i céc kién thirc tuong (mg trong SGK dé tra 15i.

Vidul., (BaiS0atr. 101 SGK)
Hay viét két luan cua dinh i sau bing cach dién vio chd trong
(...) : Néu hai dudng thing phdn biét cing vudng géc véi mot
dudng thing thir ba thi ...

Giai.
Céc tir dién vao bai 12 : song song véi nhau.
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Dang 2.  VIET GIA THIET VA KET LUAN CUA DJNH LI

Phwong phap gidi.

* V& hinh twong img rdi viét diéu cho biét (gia thiét), diéu dugc suy ra
(két ludn). )
« Nén sir dung céc ki hi¢u todn hoc dé viét gia thiét, két luan.

Vidu2. (Bai49tr. 101 SGK)
Hay chi ra gia thiét va két ludn cua céc dinh i sau :
a) Néu mdt dudmg thing céit hai dudng thing sao cho c6 mot cip
géc so le trong béing nhau thi hai dudng thing d6 song song.
b) Néu mét dudng thing cit hai duong thing song song thi hai

goc so le trong bing nhau.
Gidi.
Theo hinh v& bén :
%) Gr Ai=B
a A /

KL a/lb 1

b) GT allb b /
s B
KL A1 =B /

Vidy3. (BaiS5ltr. 101 SGK)
a) Hay viét dinh Ii néi vé mét dudng thﬁng vuong goc vai mot
trong hai dudng thing song song.
b) V& hinh minh hoa dinh Ii d6 va viét gia thiét, két luan cua
dinh i d6 bing ki hiéu.

Gidi,
a) Néu mét du&mg thing vudng géc vdi mét trong hai dudng thiing
song song thi né ciing vudng géc véi dudng thing kia.

b) Xem hinh bén, 5
allb a
GT cla .
KL | c:1ib b
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Dang 3. NEU CAN CU CUA CAC KHANG DJNH TRONG CHUNG MINH - A
08 PINHLL sdp xtr cdc civ CH’ONG MINH DPINH LI CHO ¢) Dién vao chd trong (...) trong céc cdu sau :
DUNG THU' TY. 1) xOy +x'Oy =180° (vi...)
2) 90° +x 'Oy =180° (theo gia thiét va ciin cir vio ...)
3) x'Oy =90° (cin cir vao ...)
Dura vao cac kién thirc da hoc nhur dinh nghia, tinh chit, ... dé néu can cir ey Pl 1
cuia céc khing dinh. 4 x'0y'=x0y (wt...)

Phwong phap giai.

5) x'Oy' =90° (cén cir vao ...)

Vidyd. (Bai 52 tr.101 SGK). Xem hinh 36 (SGK), hdy dién vio chd i
trdng (...) dé chimg minh dinh Ii : 6)'y Ox=x ?y (v ) ‘
“Hai goc d6i dinh thi biing nhau”. 04 7) y'Ox =90" (can cir vao ...)
Gia thiét : ... 1 <03 d) Hay trinh bay lai chimg minh mdt cich gon hon.
Két ludn: ... Gidi
Chimg minh : ... 4
3 z = e : a) Xem hinh bén
CAC KHANG PINH | CAN CU CUA KHANG DINH b) soct ot yy' t8i O y
11 0,+0,=180" Vi... oF xOy = 90°
2 63 +62 = e Vi.. y0x|= 900 X' g X
3 0,+0:=0:+0; Can cir véo ... KL ;‘.6}—'= 900 :
51 0= Cén cir vao ... 770% =90°
Tuong ty, hay chimg minh 0, =0, . Chimg minh :
Giii 1) xOy+x'Oy =180° (vi hai géc xOy, x'Oy ké b))
e or . A iy ot ~ A 2) 90° +x'Oy =180° (theo gia thiét va cin cir vao 1)
Gia thiet : Oy doi dinh véi O3 ; Keét ludn : O =0s. v o kol
Chimg minh : 3) x'Oy=90" (cén cir vao 2)
1) Oy +02 =180° (vi Oy va Oz ké bi). 4) X'Oy’ = xOy (vi ciing bling 90°)
2) O3 +02 =180° (vi O3 va 02 k& bu). 5) x'Oy'=90° (ciin cir vao 4 va gia thiét)
3) 01 +0, =02 +0s (céin cir vo 1 va 2). 6) y'Ox = x'Oy (vi déi dinh)
4) 0, =03 (cain cir vio 3). 7) y'Ox =90° (can cir vio 3 va 6).
Vidu5. (Bai53tr.102 SGK) d) Trinh_lfzr lai chirg minh mét céch gon hon :
Cho dinh 17 : “Néu hai dudng thdng xx', yy' ciit nhau tai O va Tacé: xOy+x'Oy =180° (hai géc ké bi) suyra :
goc xOy vudng thi cic géc yOx', x'Oy', y'Ox déu la géc 900_,_;('%;: 180°=>;c1_6§r=90° (1)
Vuéng". T : _-—;-—--..'=..----.. = Le = — = 0 Vo
a) Hay v& hinh. a coé : X'Oy'=x0y (hai géc doi dinh), ma xOy=90" (gt) nén
b) Viét gia thiét va két luan caa djnh Ii. x'Oy'=90".

; 177 .
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Ta ¢6 : y'Ox=x'Oy (hai géc dbi dinh), ma x'Oy=90° (do (1))

nén ;'.O‘Tc =90°.

Dang 4. CHO GIA THIET, KET LUAN CUA MQT DINH LI, DIEN PAT

DINH LI DO BANG LOT

Phwong phap giai.

Dung 10 dlen dat dinh 1i duéi dang : “Néu c6 A thi c6 B” véi A 1a gia
thiét, B 12 két lugn.

Vidy 6. Dién dat dinh li sau bing 1i :

| at/m

b/ m

KL | a//b
Gidi.

Néu hai dudng thing cling song song véi mot dudng thing thir ba thi
hai duomg thing d6 song song.

C.LUYEN TAP

7.1 Dang I. Trong céc céu sau, cdu nao cho mot dinh Ii ?
a) Pudng thing nio vudng géc vGi mot trong hai dudng thing song
song thi vudng géc véi dudng lhang kia.
b) Pudng thing nio vudng géc véi mjt trong hai dudng thing cit
nhau thi cit dudng th.’mg kia.
¢) Néu hai duomg thing AB va AC ciing song song véi mét dudng
thiing thir ba thi hai dudng thiing d6 song song.
d) Néu hai dudng thiing ciing vudng goéc véi mot dudmg thing thir ba
thi hai dudng thing d6 song song.

7.2 Dang 2. V& hinh va viét gia thiét, két lugn cua céc dinh i :
a) Néu hai dudng thing cit mjt dudmg théng thir ba tao thanh hai géc
dong vi bing nhau thi hai dudng théng d6 song song.
b) Néu hai duimg thiing song song cit mjt dudmg thing thir ba thi hai
géc dong vi bang nhau.

: B
M
7.3 Dang 3 Cho dinh i : “Hai tia phén gidc cua hai :N ; i
goc ké bl tao thanh mét goéc vudng” (xem
hinh bén) c 0 A
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a) Ghi gia thiét, két luan cua dinh li.
b) Dién vao chd trong (...) trong chimg minh dinh |i trén :
Goi AOB=m"
BOC=180"-m° (vi...)
0
BOM =£‘2— vi...)

(] 0 0
BoReCoe 180 . g M
2 2 2

ey Ay
BOM +BON =mT+L90° —TJ =
Do d6 MON =90°.
74  Dang 4. Dién dat bing 1&i cac dinh li sau (hinh duéi day) :
a) GT allb
KL | A +B =180°

b) GT | A;+B; =180°
KL | a//b

ON TAP CHU'ONG 1
A. BAI TAP ON TRONG SGK

Dang 1.  KIEM TRA HAI DUONG THANG SONG SONG, HAI DUONG
THANG VUONG GOC. VE PUONG THANG SONG SONG,
DUONG THANG VUONG GOC, PUONG TRUNG TRYC.

Phwong phap giii.

Str dung ddu hi¢u nhén biét hai duong thing song song, dinh nghia va diu

hiéu nhén biét hai dudng thing vudng géc, dinh nghia dudng trung tryc.

Vidul. (Bai55tr. 103 SGK)
V& lai céc hinh 38 (SGK) rdi vé thém :
a) Céc duong thing vudng géc vai d di qua M, N.
b) Céc dudmg thing song song véi e di qua M, N.

Gidi.
a) Pudng thing a di qua M va vudng goc véi d. Duong thing b di qua
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N va vudng goc vai d.

b) Pudng thing x di qua M
va song song voi e. Duong thing y
di qua N va song song vdi e.

Dang2. TINH SO PO GOC

Phwong phap giai.

Str dung céc tinh chat cta hai géc
ddi dinh, hai goc ké by, hai goc
tao bdi hai dudmg thing song song
vé&i mdt dudmg thing thir ba.

Vidy2. (Bais57tr. 104 SGK)
Cho hinh 39 (SGK) (a // b) hay tinh s6 do x cua géc O.

Huéng din.
KéOC //a.
OC//a=> 0, =A =38 (hai goc so le trong)
OC/al _, ocurb A a
b//a 380

OC//b=> 0y +B; =180° (hai géc
trong cung phia) nén :
P~ 0. 0 _ 4q0
(3| —180 1327 =48". |32n] b
0, +0; =48" +38° =86°. B
Viy x =86°.

Vidu3. (Bai59tr.104 SGK)

G =180"-G, =180°-110° = 70°
D: =110° (hai géc déi dinh)
d//d"= As =E; = 60°
d//d"= Bs = G3 = 70°.
Dang 3. PHAT BIEU MQT DJNH LI (BANG CACH DIEN VA0 CHO

TRONG, BANG CACH NHIN VAO HINH VE) HOAC CHQN CAU
PHAT BIEU DUNG.

Phuong phap giai.

Lién h¢ véi céc kién thirc tuong img trong SGK dé tra loi.

Vidud. (Bai60 tr.104 SGK) )
Hay phat biéu cc dinh I dugc dién ta bing hinh v& sau, rdi viét
gia thiét, két luan cua timg dinh Ii.

a b
d ]
d,
S n| u|
d 3
a) b)
Gidi.

a) Néu hai dudng thing cing vudng géc véi mét dudmg thing thir ba
thi song song v&i nhau.

Hinh 41 (SGK) cho
biét d//d"//d" va hai i /s

goc 60°,110°. Tinh
cac goc El, 62,
Gi, Ds, As, Be.
Hudng din.
d¥/d"= E, =C =60
d7/d"=G,=D=110°

%
/E
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alc
GT blc
KL allb

Néu mt dudmg thing vudng géc véi mét trong hai dudng thing song
song thi vudng géc vdi dudng thing kia.

allb
GT cla
KL clb

b) Néu hai dudng thing ciing song song v&i mjt dudng thing thir ba

thi song song v&i nhau.
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d,//d
GT | 3
d,//d,
KL | d,/d,

Dang4. CHUNG MINH MQT PJNH LI

Phwong phap gidi.

V& hinh, viét gia thiét, két luan, néu cic khing dinh va céc li do tuong
img.

Vidy5. Chimgminh ring néu hai dudmg thing song song cit mot dudmg
thing thir ba thi cic tia phan gidc cua hai goc so le trong song

song vdi nhau.
Gidi.
GT | Ex 14 tia phan gidc ciia AEF

AB//CD
A E/ B
1

Fy l4 tia phan gi4c ciia EFD

= y
KL IEx /I Fy :

Chimg minh : € /F D
AB//CD => AEF = EFD (hai géc so le trong)

E = %A'-ii_l:" (Ex la tia phan gi4c clia A—ﬁ)

F =-;—EFB (Fy la tia phén gidc cua Eﬁﬁ)

Do A’E_F=ﬁsl—j nén E| =i5|
Hai géc so le trong bing nhau Ei=Fi nén Ex/ Fy.

B. BAI TAP ON BO SUNG

1. Dang I. Tim cc c3p dudng thing
song song, duong thing vudng
goc trong hinh v& bén. C

2. Dang 1. Cho tam giac ABC co A
A=70°, B va C la céc géc
nhon. o
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a) V& BD vudng géc véi AC (D e AC), v& CE vudng goc voi AB
(E € AB).

b) V& Bx song song véi CE, v& Cy song song vdi BD.

c) Visao ABLBx, ACLCy ?

d) Diing thudce do goc dé xic dinh sé do cia goc BKC (K la giao
diém cua Bx va Cy).

Dang 1. Cho tam gidc ABC ¢6 A =110°.

a) V& cic dudng trung truc clia AB va ciia AC, chiing cit nhau tai O.
b) N&i O véi trung diém M cua BC. Diing éke kiém tra xem OM ¢6
vuong goc véi BC hay khong.

Dang 2. Tim s6 do X, y trén hinh v& sau.

A B H |
50° 110°
X C Y K
30° 60°
D E M N P
a) b)

Dang 3. Chon céu phét biéu ding trong céc cdu sau :

a) Hai goc dbi dinh thi bing nhau.

b) Hai goc bing nhau ma chung dinh thi déi dinh.

¢) Néu hai géc ké bt nhau thi hai tia phin gidc cta ching vudng goc
véi nhau.

d) Néu hai dudng thiing ciit mot dudng thing thir ba thi hai géc so le
trong bing nhau.

Dang 4. Cho hai dudng th."mg AB, CD cit nhau tai O tao thanh goc
nhon AOC. V& tia OE sao cho OA la tia phan giic cua géc COE.
Chimg minh ring AOE = BOD.

Dang 4. Cho biét AOB =120°. Trong géc AOB vé& cic tia OM va
ON sao cho OM L OA, ON L OB.
a) Tinh s6 do céc gbc AOM, BON.

b) Chimg minh : NOA = MOB.

Dang 4. Cho hai géc tu xOy va x'O'y" nhu
& hinh v& bén, trong dé6 Ox//0O'x',
Oy // O'y’. Chimg minh ring xOy =x'0'y".




Chwong 2.

TAM GIAC

§ 8. TONG BA GOC CUA MQT TAM GIAC

A.TOM TAT Li THUYET

1. Téng ba géc ciia mdt tam gic.
Tdng ba goc ciia mdt tam giac biing 180°.
) AABC = A+B+C =180
2. Ap dung vao tam giac vuong
a) Dinh nghia : Tam giac vudng la tam gidc cé mot B
g6c vudng.

b) Tinh chdt : Trong tam giac vuong, hai goc nhon
phu nhau

AABC _ ~ ~
{3_900=B+C=90°

3. Goc ngoai cua tam giac
a) Djnh nghia : Géc ngoai cua tam gidc la A
goc ké bu vai mot géc clia tam gidc.
b) Tinh chat :
+ M3i géc ngoai cia mdt tam gidc bing

tong cuia hai géc trong khong ké véin6. g D
C

ACD=A+B.

« Goc ngoai clia tam gidc 16n hon mdi goc trong khéng ké véi né.

ACD>A,
ACD>}§.
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B. CAC DANG TOAN
Dang 1.  TINH SO PO GOC CUA MQT TAM GIAC

Phwong phap giai.

« Lap céc diing thirc thé hién :
- Tong ba géc cuia tam giac bing 180°.
- Trong tam giac vuong, hai géc nhon phu nhau.

- Géc ngoai cua tam gtac bing tong hai géc trong khéng ké véi n6.
« Sau d6 tinh s6 do ciia géc phai tim.

Vidyl. (Bail tr.108 SGK)
Cho tam gidc ABC c6 B=80°, C=230". Tia phan gidc ciia géc
A cét BC & D. Tinh ADC, ADB.

Hueéng dan.
AABC:A+B+C=180" = A +80° +30° =180° = A = 70°Do  d6
0
Ry Az=i=1_35°. A
2 2 S
Géc ngodi ADC =B+A, l
=80"+35°=115°
(g6c ngoai cia AABD). B g0° 300 C
Suyra ADB=180°-115" =65°. D
Vidu2. (Bai6 tr.109 SGK)
Tim s6 do x & cac hinh 55, 56, 57, 58 (SGK).
H A
Z D
40 1 K
A 5
1\2 =
X B C
Hinh 55 (SGK) B Hinh 56 (SGK)
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M H

X B
1 X
0 0
N 60 p A 55 v
1 K
Hinh 57 (SGK) Hinh 58 (SGK)
Gidi,

a) A+ =B+12(=90°)=>A=B=40°=x.

b) ABD+A = ACE +A (=90°) = ABD = ACE = x = 25°.

c) @iﬁl =9001

"N+M;=90° |

d) A+E=90"=E=90"-A =90° —55° = 35°.
x =BKE+E =90 +35° =125°.

= IMP = N = x = 60°.

Dgng 2. NHAN BIET MQT TAM GIAC VUONG. TIM CAC GOC BANG
NHAU TRONG HINH VE CO TAM GIAC VUONG.

Phuong phap giai.

Dé nhan biét tam gidc vudng, ta chimg minh tam gidc d6 c6 mot goc bing
90°. Trong hinh v& ¢6 tam gidc vudng, can chi y ring hai géc nhon clia
tam gidc vudng phu nhau.

Vidu3. (Bai7tr. 109 SGK)
Cho tam gidac ABC vudng tai A. Ké AH vuding goc véi BC
(HeBC)
a) Tim céc cfip goc phu nhau trong hinh vé.
b) Tim céc cip goc nhon bang nhau trong hinh vé.
Hudng din.
a) Cac cap géc phu nhau : A; va A
A2, BvaC, BvﬂAICvaAz 2
b) Céc ciip géc nhon biing nhau : 1
C=A (cung phu vai Kz)
B=A; (cung phu véi A ). H
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Dang3. CHUNG MINH HAI PUONG THANG SONG SONG BANG
CACH CHUNG MINH HAI GOC BANG NHAU

Phwong phap giai.

Chimg minh hai géc bi’mg nhau bing cich chimg to ching cung bing,
ciing phy, ciing bt véi mét gdc thir ba (hodc véi hai gbc bing nhau). Tir
chirmg minh hai géc bing nhau, ta chimg minh dugc hai dudng thing song
song.

Vidud4. (Bai8tr.109 SGK)

Cho tam gléc ABC c6 B=C=40°. Goi Ax la tia phén gidc clia
goc ngoai & dinh A. Hay chimg to ring Ax / BC.

Hudng dén.
CAD= §+E 40° +40° =80°, 5
A= =—-CAD 80°:2=40°.
A Al
Cach 1 : Hai goc so le trong AxvaC 2 5
bing nhau nén Ax // BC.
Céch 2 : Hai géc dong vi A va B p &) c

bing nhau nén Ax // BC.

Dang4. SO SANH CAC GOC DYA VAO TINH CHAT GOC NGOAI CUA
TAM GIAC

Phwong phap gidi.

Diing tinh chat : Géc ngoai ciia tam gidc 16n hon mdi géc trong khong ké

véi nd.

Vidy5. (Bai2tr.108 SGK) A
Cho hinh 52. Hay so sanh :
s) BIK vi BAK A
b) BIC va BAC. B ~ ¢
Huéng dén.
a) BIK > BAI (goc ngoai cia A BAI) (1)

b) CIK > CAI (goc ngodi cia A CAI) (2)
Tir (1) va (2) suy ra: BIK +CIK > BAI + CAI = BIC > BAC.
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8.1

8.2
8.3

8.4

8.5

8.6

8.7

C.LUYEN TAP

Dang 1. Tinh B va C ciatam giac ABC biét :
a) A=70°, B-C=10°; b) A=60°, B=2C.
Dang 1. Tinh céc géc cia tam gidc ABC biét ring A:B:C=2:3:4.

Dang 1. Cho tam gidc ABC, tia phan giac cua géc B cét tia phan giac
cua goc C ¢ | va cat duong phan gidc cuia goc ngoai tai C ¢ K. Tinh

ﬁ.‘. va ngE‘, biét rﬁng:

a) A=70"; b) A=a.

Dang 1. Cho hinh v& sau, trong d6 AB // DE. Tinh BCE biing cich
v& giao diém K ciia BC va DE rdi tinh CKE.

A -
b

D K

Dang 1. Cho hinh vé& dudi day. Chimg minh AB // DE bing cich vé
giao diém K cua AC va DE rdi tinh K.

A B
120°
L1400
100°
K D E

Dang 1. Cho tam giac ABC. Tia phan gidc cua géc A cit BC tai D.
Tinh ADC biét ring :

a) B=70", C=30; b*) B-C =40°.
Dang 2. Trén hinh vé bén, cac goc A vi

HBC c6 canh tuong (ng vudng géc
(AH L BH, AK LBC), cic goc A va

HBK c¢6 canh tuong ing vudng goéc
(AH LBH, AK L BK). Hiy tim mbi lign A K
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hé gira :

a) A va HBC ; b) A va HBK.

8.8 Dang 2.' Cho tam gidc ABC cé B va C la cic gboc nhon. Qua B ké
doan thing BD vudng géc véi AC (D € AC). Qua C ké doan thang
CE vuéng géc véi AB (E e AB). Goi H la giao diém ctia BD va CE.
Hay tim moi lién hé giira :

a) ABD va ACE ; b) A v DHE.

8.9 Dang 2. Cho goc xOy, diém A thugc tia Ox. K& AB vudng géc véi
Ox (B €0y ), ké BC vudng géc véi Oy (C €Ox ), ké CD vudng gdc
v6i Ox (D €Oy).

a) Tim céc tam gijac vudng trong hinh vé.
b) Tim cac géc bang géc ABO.

8.10* Dang 2. Cho tam giac ABC c6 A=90°.Goidla dudng thing di qua
C va vudng géc v6i BC. Tia phén gidc cua goc B cat AC ¢ D va catd
& E. Ké CH vudng géc véi DE (H € DE). Chirng minh riang CH la
tia phén giac ctiia goc DCE.

8.11 Dang 4. Cho tam gidc ABC ¢6 B=90", goi D la mjt diém nim giira
A va C. Lay diém E thugc tia doi cia tia BD. Chirng minh ring géc
AEC la géc nhon.

§ 9. HAITAM GIAC BANG NHAU
A. TOM TAT Li THUYET
Dinh nghia : Hai tam A Al

gidc bing nhau 1 hai
tam gidc c¢6 cdc canh
twong (mg béng nhau,
cic gbc tuong (mg
bing nhau. B * c B * c

A ABC=A A'B'C'e
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B. CAC DANG TOAN

Dang 1. TU HAI TAM GIAC BANG NHAU, XAC DINH CAC CANH
BANG NHAU, CAC GOC BANG NHAU. TINH PQ DAI POAN
THANG, SO PO GOC.

Phuong phap giii.

Cén cir vao quy ude v1et cac dinh tuong g cua hai tam gidc bi’mg nhau
theo diing thir ty, ta viét duge cic goc bing nhau, cic doan thing bing
nhau.

Vidul. (Bailltr.112 SGK)
Cho AABC = AHIK

al Tim nanh # ey vt nanmh DT Ties o0dAns fivceno drno wis
GJ’ L \uﬂllll I.I-IUIIS 5 yui Uqlllll L. 1 un \viv luUlIE ulls yui
goc H.
b) Tim cac canh bing nhau, tim céc géc bang nhau.
Gidi.

a) Canh tuong mg véi canh BC la canh IK. Goc tuong (mg véi goc
H la goc A.
b) Tir AABC=AHIK tacéd: AB=HI, AC=HK, BC=IK, A=H,
B=I, C=K.
Vidu2. (Bail3tr.112SGK)
Cho AABC = ADEF. Tinh chu vi mdi tam gidc néi trén biét
ring AB = 4cm, BC = 6em, DF = Scm.
Gidi.
AABC=ADEF suy ra : DE = AB = 4cm, EF = BC = 6cm,
AC=DF = 5cm. R
Chu vi AABC bang : AB+BC+AC=4+6+5=15(cm).
Chu vi ADEF bing: DE+EF+DF=4+6+5=15 (cm).

Dang 2.  VIET KI HIEU VE SU BANG NHAU CUA HAI TAM GIAC

Phwong phap gidi.

Viét ba dinh cua tam gidc thir nhét, rdi 1dn lrot chon cic dinh tuwong (mg
ctia tam giéc thir hai.
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Vidu3. (Bail4tr.112 SGK)
Cho hai tam gidc bing nhau : tam gidc ABC (khong c6 hai goc
nao biang nhau, khong c6 hai canh niao bﬁng nhau) va mgt tam
gidc c6 ba dinh 12 H, I, K. Viét ki hleu vé su biing nhau cua hai

tam gidc do, biét ring : AB = KI, B=K.
Huong dén.

Do B=K nén B va K 12 hai dinh twong (mg. Do AB = KI ma B va
K la hai dinh twong (ng nén A va | 12 hai dinh tuong (ng. Do d6
A ABC=AIKH.

C.LUYEN TAP

o
o
v}]
W)

1 Cha AARC ANUK
i ~ ~

Al [ e e = L3 ASL AN = 350 nno T"“h t‘!’\(‘
. R

ado
goc

ang
con lai ciia mdi tam giac.

9.2 Dang . Cho AABC =ADEI. Tinh chu vi cia mi tam gidc trén,
biét rﬁng AB = 5cm, AC = 6¢cm, EI = 8cm.

9.3 Dang 2. AAMN = ADEK. Hay viét ding thirc trén dudi mot vai
dang khac.

9.4 Dang2.Cho AABC (khong c¢6 hai goc nao bing nhau, khéng ¢6 hai
canh nao b‘ﬁng.nhau) bé"mg mot tam gidc c6 ba‘dinh la O, H, K. Viét
ki hiéu vé sy biing nhau ctia hai tam gidc, biét ring :

a) A= 6, B=K i
b) AB = OH, BC =KO.

§10. TRU’ONG HQP BANG NHAU THUY NHAT CUA TAM
GIAC CANH - CANH - CANH (C.C.C)

A.TOM TAT Li THUYET

Néu ba canh ciia tam gidc nay bing ba canh ctia tam
gidc kia thi hai tam giac d6 bang nhau.
AB s A lBt B
AC=A'C''=>AABC=AA'B'C'(c.c.c)
BC = BICI ~
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B. CAC DANG TOAN
Dang 1. VE TAM GIAC BIET DQ DAI BA CANH

Phwong phap giai.

V& mot canh, rdi xac dinh vi tri cia dinh con lai clia tam gidc.

Vidul. (Bail6tr. 114 SGK) .
V& tam gidc ABC biét d§ dai m3i canh bidng 3cm. Sau dé do
mdi gbc clia tam gidc.
Hudng dén. S, o, S

- V& doan thing BC = 3cm v

- V& cung tim B bén kinh 3cm va cung tim ’ 3

C béan kinh 3cm, ching cat nhau tai A. Py, 30
- V& céc doan thing AB, AC. H \

Diing thuéce do géc, ta do duge : B
A=B=C=60". 3cm g

Dang 2.  TIM HOAC CHUNG MINH HAI TAM GIAC BANG NHAU THEO
TRUONG HQP CANH - CANH - CANH. SAP XEP LAI TRINH
TY LOI GIAI BAI TOAN CHUNG MINH HAI TAM GIAC BANG
NHAU

Phwong phép giai.

- Xét hai tam gidc. :
- Kiém tra ba diéu kién bang nhau : canh — canh — canh.
- Két lugn hai tam gidc bing nhau.

Vidu2. (Bail7tr.114 SGK) i
Trén hinh v& duéi ddy, c6 céc tam gidc ndo bing nhau ? Vi sao ?

¢ H
<””
P Q
b K
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Hudng din.
AABC=AABD (c.c.c); AMPQ =AQNM (c.c.c);
AHEI = AKIE (c.c.c); AHEK = AKIH (c.c.c).

Dgng 3.  SUDYNG TRUONG HQP BANG NHAU CANH — CANH - CANH
DE CHUNG MINH HAI GOC BANG NHAU

Phwong phip gidi.

- Chon hai tam gidc c6 géc 1a hai goc can chimg minh biing nhau.

- Chirng minh hai tam gidc bdng nhau theo trudéng hgp canh - canh -
canh.

- Suy ra hai géc tuong img biing nhau.

Vidu3. (Bai20tr. 115SGK)

Cho géc xOy (hinh 73 SGK).
V& cung tron tdm O, cung nay
cat Ox, Oy theo thir tr & A, B
(0). V& céc cung tron tdm A va
tam B c6 cung ban kinh sao cho
ching cit nhau & diém C nim
trong goc xOy (@, ©). Nbi O
vgi C (@). Chimg minh OC la
tia phan giac cia goc xOy.

Giai.
AOBC va AOAC c6 : OB = OA (gia thiét) ; BC = AC (gia thiét) ;
OC : canh chung. Do d6 : AOBC=AOAC (c.c.c). Suy ra BOC = AOC
(hai goc tuong tmg). Vay OC la tia phan giac cua géc xOy.

Vidyd. (Bai231r.116 SGK)
Cho doan thang AB dai 4cm. Vé

c
dudng tron tam A bén kinh 2cm 1‘\

va dudng tron tdm B ban kinh
3cm, ching c%:u nhau & C va D. "
Chimg minh ring AB la tia phan D
gidc ctia goc CAD.

Hudng din.

A BAC =A BAD (c.c.c) suy ra BAC=BAD (hai géc tuong (ng),
suy ra AB la tia phan gidc ctua goc CAD.
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10.1

10.2

10.3

10.4

10.5

10.6

§11.

C.LUYEN TAP

Dang | & 3. a) Vé tam gidc ABC ¢6 BC =2cm, AB=AC = 3cm.
b) Goi E la trung diém cua canh BC & AABC trong ciu a). Chimg
minh ring AE la tia phan gidc cuia goc BAC.

Dang 1 & 3. Cho doan thing AB. V& cic diém C, D sao cho AABC -

¢6 ba canh bing nhau, AABD ciing ¢6 ba canh A
bing nhau. Chimg minh ring CD la tia phin A
gidc ctia goc ACB.

) ol i B D E
Dang 2. Tim cdc tam gidc bang nhau trén hinh
bén day. A
Dang 2 & 3. Cho bén diém A, B, C, D thuge /"
dudng tron (O) sao cho AB = CD. Chimg minh g D
rang :
a) AAOB=ACOD ; b) AOB=COD.
Dang 3. Chimg minh ring trén hinh bén ta c6 C

D C

Dang 3. Cho hinh bén. Chimg minh ring
AB//CD.

TRUONG HQP BANG NHAU THU? HAI CUA TAM GIAC
CANH - GOC - CANH (C.G.C)

A.TOM TAT Li THUYET

B. CAC DANG TOAN
Dang 1.  VE TAM GIAC BIET HAI CANH VA GOC XEN GIUA

Phwong phap giai.

1. Trudmg hgp bing nhau : canh - goc - canh
h[éu hai canh va gdc xen giira clia tam gidc nay
bang hai canh va géc xen giira ciia tam giac kia

thi hai tam gidc d6 bing nhau. B

AB=A'B'

B=B' = A ABC=A A'B'C' (cgc)

BC=B'C' B ¢

2. H¢ qua : Néu hai canh géc vudng cia tam gidc vudng nay bing hai
canh géc vudng cua tam gidc vudng kia thi hai tam giac vudng do
bang nhau.

D::D;»
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V& goc, rdi xac dinh vj tri hai dinh con lai clia tam gidc.

Vidul. (Bai24tr.118 SGK)

V& tam gidc ABC biét A =90°, AB = AC = 3cm. Sau d6 do cic

gécﬁvée. y

Gisi, - . =
- V& géc xAy =90°

3cm

- Trén tia Ax v& doan thiing AB = 3cm.
- Trén tia Ay v& doan thing AC = 3cm. B
- V& doan thang BC. A 3em C %

Diing thude do goc, ta do duge B=C=45

Dgng 2. BO SUNG THEM DIEU KIEN DE HAI TAM GIAC BANG NHAU

THEO TRUONG HQP CANH - GOC - CANH

Phwong phap giai.

diéu kién dé hai tam gidc bing nhau.

Xét xem hai tam gidc da 6 cic yéu t6 ndo bing nhau, tir d6 b sung thém

Vidy2, (Bai27tr.119 SGK)

Néu thém mdt diéu ki¢n dé hai tam gidc trong mdi hinh v& duéi
day la hai tam gidc bang nhau theo truéng hgp canh — géc -

canh :

a) A ABC=A ADC (Hinh 86 SGK) ;

b) A AMB = A EMC (Hinh 87 SGK) ;
¢) A CAB=A DBA (Hinh 88 SGK) .

W,
L

B M\/
L A B

Hinh 86 (SGK) Hinh 87 (SGK)  Hinh 88 (SGK)
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Gidi.
a) Thém BAC = DAC thi A ABC = A ADC (c.gc);

b) Thém MA = ME thi A AMB =A EMC (c.g.c);
c) Thém AC =BD thi A CAB =A DBA (c.g.c).
Dang 3.  TIM HOAC CHUNG MINH HAI TAM GIAC BANG NHAU THEO
TRUONG HQP CANH - GOC - CANH. SAP XEP LAI TRINH TY'
GIAI BAI TOAN CHUNG MINH HAI TAM GIAC BANG NHAU

Phwong phap giai.

- Xét hai tam giac.
- Kiém tra ba diéu kién bing nhau canh - géc - canh.
- Két ludn hai tam gic bing nhau.

Vidu3. (Bai281tr.120 SGK) .
Trén hinh 89 (SGK) c6 céc tam gidc nao bang nhau ?

K
A N
D 80
B P M .
Hinh 89 (SGK)

Gidi.
Ta tinh duge D =180° —80° —40° = 60°.
A ABC va A KDE ¢6:
AB =KD (gia thiét) ;
B=D (=60°);
BC=DE (gié thiét).
Do d6 A ABC =A KDE (c.g.c).
Chity :
« A ABC va A MNP ¢6 AB = MN, BC = NP nhung dé bai khong
cho B =N nén ta khong két ludn dugc A ABC = A MNP.
+ A ABC va A NMP ¢6 AB=NM, B =M nhung & bai khong cho
BC = MP nén ta khong két lugn dugec A ABC = A NMP.
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Dang4. SU DYNG TRUONG HQP BANG NHAU CANH - GOC - CANH
DE CHUNG MINH HAI DOAN THANG BANG NHAU, HAI GOC
BANG NHAU

Phwong phap giai.

- Chon hai tam gidc c6 canh (géc) la hai doan thing (g6c) can chimg
minh béng nhau. )
- Chirng minh hai tam gidc 4y bing nhau theo trudng hgp canh — géc -
canh. ;
- Suy ra hai canh (géc) tuong img bang nhau.
Vidyd4. (Bai3l tr.120 SGK) .
Cho doan thing AB, diém M ném trén dudng trung truc cia AB.
So sanh d¢ dai cac doan thing MA va MB.
Hudng dan. M
AMHA va AMHB c¢6 : MH : canh chung ;
MHA = MHB=90° (dinh nghia dudng trung tryc);
HA = HB (dinh nghia dudng trung truc).
Do d6 AMHA = AMHB (c.g.c). i
Suy ra MA = MB (hai canh twong (mg). H
Vidu5. (Bai321tr.120 SGK)

Tim céc tia phan giac trén hinh 91 (SGK). Hay chirng minh
diéu d6.

Hudng din.
AAHB = AKHB (c.g.c) = ABH = KBH

= CH la tia phan giéc cua géc C. :
Ngoai ra con c6 : HA va HK la céc tia phan
gidc cia goéc bet BHC ; HB va HC la céc tia phin
gidc ciia géc bet AHK. Hinh 91 (SGK)

A
= BH la tia phan giic cia géc B. /R
AAHC = AKHC (cgc)= ACH = KCH B \V c
K

C.LUYEN TAP

11.1 Dang 1. a) V& tam gisc ABC ¢6 B=60°, AB =BC = 3cm.
b) Po d¢ dai canh AC.
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11.2

11.3

11.4

11.5

11.6

11.7

11.8

11.9

11.10

Dang 2. Cho hinh v& bén. BS sung thém A

mdt  didu  kién bing nhau  dé ¢
AABC =ADCB theo truong hgp canh -

géc — canh. 5

Dang 3. Cho tam gidc ABC, ké AH vudng D

gbe véi BC (H eBC). Trén tia dbi cua tia HA, 1dy giém K sao cho
HK = HA. Néi KB, KC. Tim cic cap tam giac bing nhau trong
hinh vé.

Dang 4. Cho tam giédc ABC. Goi I 1a trung diém cia AC. Trén tia doi
cuia tia IB Iy diém E sao cho IE = IB. Chimg minh ring

a) AE=BC; b) AE // BC.

Dang 4. Cho goc xOy. Trén canh Ox ldy céc diém A va B, trén canh
Oy lay céc diem C va D sao cho OA = OC, OB = OD. Chimg minh
ring AD = BC.

Dang 4. Cho géc xOy. Ly diém A trén Ox, diém B trén Oy sao cho
OA = OB. Goi K la giao diem ciia AB vdi tia phén giac ciia géc xQOy.
Chimg minh ring :

a) AK=KB; b) OK 1L AB.

Dang 4. Cho hai doan thing AB, CD vuéng géc véi nhau va cit nhau
tai trung diém ctia mdi doan.

a) Chimg minh réing cic doan thing AC, CB, BD, DA biing nhau.

b) Tim tia phén gidc ctia cdc gbc (khac goc bet) trong hinh ve.

Dang 4. Cho fam gléc ABC, tia phan gidc ctia goc A cit BC tai D.
Trén tia AC ldy diem E sao cho AE = AB.

a) Ching minh ring DE = DB.

b) Tam giac ABC c6 diéu kién gi thi AADB=AADC ?

¢) Tam gidc ABC c6 diéu kién gi thi DE L AC ?

Dang 4. Hai doan thing AD va BC trén A D
hinh v& bén song song va bing nhau.

Chimg minh ring AB // CD.

Dang 4. Cho tam gidc ABC, I la trung B C
diém cua BC. Dudng thang vudng géc

v6i AB tai B cfit dudng thing Al tai D. Trén tia ddi cua tia ID, ldy
diém E sao cho IE =ID. Goi H la giao diém ciia CE va AB. Chimg
minh riing tam gidc AHC | tam gidc vudng.

11.11*Dang 4. Cho tam gidc ABC. GQI D la trung diém cua AC, goi E la

trung diém cta AB. Trén tia di cua tia DB ldy diém M sao cho
DM =DB. Trén tia ddi cua tia EC lay diém N sao cho EN =EC.
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Chimg minh ring A la trung diém ciia MN.

11.12*Dang 4. Cho tam giac ABC c6 A= 50° V& doan thing Al vudng

géc va bing AB (I va C khic phia dbi véi AB) V& doan thing AK
vudng goc va bing AC (K va B khéc phia ddi véi AC). Chimg minh
réng

a) IC=BK; b) IC LBK.

11.13*Dang 4. Tam giac ABC co A=100°, M la trung diém cia BC. Trén

tia doi clia tia MA lay diém K sao cho MK = MA.

a) Tinh s6 do géc ABK.

b) Vé phia ngodi cua tam gléc ABC, v& céc doan thing AD vudng
goéc va bing AB, AE vudng géc va bing AC. Chimg minh ring
AABK = ADAE.

Y Chivng minh « AMAA

™ | NE
Cj Caldiig I . IS L SIS

§ 12. TRWUONG HgP BANG NHAU TH(? BA CUA TAM GIAC
G

C - CANH - GOC (G.C.G)

B=B'
BC=B'C'}=AABC=AA'B'C'(gcg)
C=C'

. Trudmg hop bing nhau canh huyén — géc nhon

cua tam gidc vuﬁng

Néu canh huyen va mdt g6éc nhon cia tam gidc

vuéng nay bing canh huyén va mét géc nhon cua

tam gidc vudng kia thi hai tam gidc vudng dé

b.’mg nhau.
A=A'=90°
BC=B'C'
B=B'

A.TOM TAT Li THUYET
Z A
1. Tru'b'ng hop bﬁng nhau géc - cgnh —gbce:
Neu mot canh va hai goc ké cua tam gidc ndy 4/_.,\(_§
bang mot canh va hai géc ké cuia tam gidc kiathi g C
hai tam g1éc d6 bing nhau, A'

F
AN

= AABC =AA'B'C' (canh huyén — géc nhon)
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B. CAC DANG TOAN
Dang 1.  VE TAM GIAC BIET MOT CANH VA HAI GOC KE

Phwong phéap giai.

V& mft canh cua tam gidc, rdi v& hai tia dé x4c dinh vj tri cia dinh
con lai.

Vidyl. (Bai33 1123 SGK) Y\ *
V& tam giac ABC biét AC = 2cm, B

A=90°C=60°.
Giai.
- V& doan thing AC = 2cm.
- Trén cing m§t nira mit phiang b AC vé céc tia
Ax va Cy sao cho CAx =90°, ACy=60°, ching cét 60°
nhau tai B. A C

Dang 2.  TIM HOAC CHUNG MINH HAI TAM GIAC BANG NHAU THEO
TRUONG HOP GOC - CANH - GOC.

Phwong phap giai.

- Xét hai tam gidc. .
- Kiém tra ba diéu kién bing nhau géc — canh — géc.
- Két luan hai tam gidc biing nhau.

Vidu2. (Bai341tr.123 SGK) i
Trén mdi hinh 98, 99 (SGK) c6 cic tam gidc bang nhau ?

Vi sao?
A
/1N
S\
3 B
C D
Hinh 98 (SGK) Hinh 99 (SGK)
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Huwdng dan.
a) AABC=AABD (g.c.g)
b) §|=E|=>I§z=éz :
AABD =AACE (g.c.g), AADC=AAEB (g.c.g).

Vidu3. (Bai371r.123 SGK) )
Trén mdi hinh 101, 102, 103 (SGK) c6 cdc tam gidc nao bang
nhau ? Vi sao ?

A
H
40 G <30’ 0
800 C - 80
| 3 J I
B D K
3 80"
a 8 L \ Q
30
(1]
E 60 I 3 5
Hinh 101 (SGK) Hinh 102 (SGK) Hinh 103 (SGK)
Huéng dén.

a) Ta tinh dugc E =40, AABC = AFDE (g.c.g)

b) AGHI khéng bing AMLK mic dii ¢6 mot c@p canh bing nhau
va hai c@p goc bang nhau (¢ hinh 102 (SGK), hai ¢fip géc béing nhau khong
k& v6i cdp canh bing nhau).

¢) Ta tinh duge N, =R, =80°, ANQR = ARPN (g.c.g).

Dgng 3. SU DYNG TRUONG HQP BANG NHAU GOC — CANH - GOC
DE CHUNG MINH HAI DOAN THANG BANG NHAU.

Phwong phap giai.

- Chon hai tam gidc c6 canh Ia hai doan thing can chimg minh béing nhau.
- Chimg minh hai tam gidc béng nhau theo trudng hop géc — canh — géc.
- Suy ra hai canh tuong (rng bang nhau.
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Vidu4. (Bai381r.124 SGK) A B

Trén  hinh 104 (SGK) 1t c¢é
AB//CD. AC // BD. Hay chimg
minh rang AB = CD. AC = BD.

Huéng dan. C D
Néi AC. AADB vi ADAC cb: HIh IO {90%)

= 6. (so le trong, AB// CD): AD : canh chung ; 13: - Rz (so le
trong, AC // BD). Do d6 AADB=ADAC (g.c.g)suyra:

AB=CD.BD=AC.
Chu y : Tir bai todn trén, ta suy ra : Néu hai doan thiang song song bi chin
gilra hai dudng thing song song thi ching biing nhau.

Vidus5. (Baid44r.125 SGK)

0
s Tal e - . . . . P Yl

Cho tam gidc ABC ¢6 B=C. Tia phan gidc cia goc A cat BC
tai D. Chang minh ring : .
a) AADB=AADC :
b) AB=AC.
Hudng dan. A
a) AABD va AACD ¢6 B=C, Aj=A: nén
=D2. AABD =AACD (2.c.).
b) AABD = AACD (caua)suyra AB=AC.
Cha y : Tir bai todn trén. ta suy ra : Néu mot tam gidc ¢6
hai goc bang nhau thi tam gidc do6 ¢6 hai canh bang nhau. D

Dangd4. SU DUNG NHIEU TRUONG HQP BANG NHAU CUA TAM
GIAC

Phwong phap giii.

' Sir dung nhiéu truong hop bing nhau cua hai tam gidc da hoc : canh —
| canh — canh, canh - géc ~ canh, géc - canh — goc.

Vidu 6. (Baid3r.125 SGK)
Cho goc xOy khéc goc bet. Lay céc diém A, B thudc tia Ox sao
cho OA < OB. Lay cac diém C, D thugc tia Oy sao cho OC =
0A, OD = OB. Goi E la cic giao diém cua AD va BC. Hay
dung lap ludn dé giai thich
a) AD=BC: b) AEAB=AECD :
c¢) OE la tia phan giac cua goc xOy .

Huéng dén.
a)AOAD =AOCB (c.gc) = AD=BC
b) AOAD=AOCB (ciu a) = D=B.
=Ci.Dodé A; =C,. D& thiy AB = CD.
AEAB=AECD (g.c.g).
¢)AEAB=AECD (cau b)=EA = EC.
AOAE = AOCE (c.c.c)=> AOE = COE = OE
1a tia phan giac cua goc xOy.
Vidu7. (Bai451r.125 SGK)

Cho bén dogn thing AB, BC, CD,
DA trén ﬂlay ké o vuong nhur &  L_ ﬂ

nmn 110 (SGK). Hay dung lap lugn
dé giai thich
a)AB=CD,BC=AD:
b) AB // CD.

Hudng din.

ACEB=AAFD (c.gc) = BC=AD
b) AABD =ACDB (c.c.c) = ABD =CDB = AB//CD (c6 hai géc
5o le trong bang nhau).

Dang 5. TIM HOAC CHUNG MINH HAI TAM GIAC VUONG BANG
NHAU.

Phwong phap gidi.

| - Xét hai tam gidc vuong.
| Kiém tra diéu kién bang nhau canh — géc — canh, hoac géc — canh —
g6c, hodc canh huyén — goc nhon.
- Két luan hai tam giac bang nhau.

L

Vidu8. (Bai39 tr 124 SGK)
Trén mdi hinh 105, 106, 107, 108 c6 cic tam gidc vudng nao
bing nhau ? Vi sao ?

Huéng dan.
a) Hinh 105 (SGK) : AAMB = AAHC (c.g.c).
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A
ZB |
B C E ﬁ F
H K

Hinh 105 (SGK) Hinh 106 (SGK)

B E
/\ -
A )
\L\{// D A é D
< G
( \Q “
Hinh 107 (SGK ) Hinh 108 (SGK)
b) Hinh 106 (SGK) : ADKE = ADKF (g.c.g).
¢) Hinh 107 (SGK) : AABD =AACD (canh hu_vén - goc nhon).
d) Hinh 108 (SGK) : AABD =AACD (canh huyén - goc nhon) =

AB = AC, DB = DC. ADBE=ADCH (g.c.g) . AABH =AACE (ching
han g.c.g).

Dang 6. SU DUNG TRUONG HQP BANG NHAU CANH HUYEN - GOC
NHQN DE CHUNG MINH HAI POAN THANG BANG NHAU.

Phwong phap giai.

‘{ - Chon hai tam giac vudng ¢6 canh la hai doan thing can chimg minh
. bang nhau. . = :
. - Chimg minh hai tam gidc ay bang nhau theo trudng hop canh huyén -

g0c nhon.

[ Suy ra hai canh twong img bing nhau.

Vidu9. (Bai4l tr.124 SGK)
Cho tam gidc ABC (AB # AC). Céc tia phdn giac cua cic goc B
va C ciit nhau & I. V& ID L AB (D€ AB). IE LBC (E€BC),
IF L AC (F € AC). Chimg minh rang ID = IE = IF.
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Hudng dan.
ABID=ABIE (canh huyén - goc
nhon) = ID = IE.
ACIE=ACIF (canh huyén - gbc

nhon) =IE =1F.
Viy ID=IE=1IF.

C.LUYEN TAP

12.1 Dang 1. a) V& tam gide ABC ¢6 B =60°, BC =4cm, C=30°.
b) Do d§ dai canh AB.
12.2  Dang 2. Tim céc tam giac bing nhau & hinh v& sau.

A
H
G
E 1
K
C
M
B D
a) b)

12.3  Dang 3. Cho hinh v& sau, trong d6 AB // CD, AB = CD. Chimg minh
ring OA =0D, OB =0C.
A B

C D

12.4 Dang 3. Cho tam giac ABC ¢6 B= E Tia phén giac ctia goc B ciit
AC ¢ D. Tia phan giac cua géc C cdt AB ¢ E. So sanh dg dai cac
doan thang BD va CE.

125 Dang 3. Cho tam gidc ABC ¢c6 A =90°, AB = AC, diém D thugc
canh AB. Dudng thang qua B va vudng géc véi CD cit dudng thang
CA ¢ K. Chimg minh ring AK = AD.

12.6* Dang 3. Cho tam gidc ABC cé6 A =90", AB = AC. Liy diém D
thugc canh AB, diém E thugc canh AC sao cho AD = AE. DBudng
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12.7*

12.8*

12.9*

12.10

12.11

12.12

12.13

thing qua D va vudng géc véi BE cit duomg thing CA & K. Chimg
minh ring AK = AC.

Dang 3. Cho tam glac ABC, I 1a trung diém ciia AB. Pudng thing
qua I va song song v6i BC cit AC 6 K. . Duong thiing qua K va song
song véi AB cit BC & H. Chimg minh riing :

a)KH = b) AK =KC.

Dang 3. Tren hinh v& sau, ta ¢c6 AD = BE, DH // EK // BC. Chimg
minh ring DH + EK = BC.

Dang 3. Tam giac ABC co A = 60°. Tia phan giic cua géc B cit AC
& D. Tia phan gidc ctia goc C cat AB ¢ E. Goi O la giao diém ctua BD
va CE.
a) Tinh BOC. b) Chirng minh ring OD = OE.
Dang 4. Cho tam gidc ABC. Trén tia doi cia tia AB ldy diém D sao
cho AD = AB. Trén tia ddi cia tia AC Idy diém E sao cho AE = AC.
Mot dudng thing di_ qua A cit céc canh DE va BC theo thir ty ¢ M
va N. Chirng minh ring AM = AN,
Dang 4. Cho tam gidc ABC, M I trung diém cia AC. Trén tia ddi
clia tia MB ldy diém D sao cho MD = MB. Trén tia d6i cta tia BC
liy diém E sao cho BE = BC. Goi | |2 giao diém cia AB va DE.
Chirng minh ring [A = IB.
Dang 4. Cho tam gidc ABC, diém D thujc canh BC. Ké DE // AC
(E €AB), k¢ DF // AB (F € AC). Goi I la trung diém cua EF. Chimng
minh ring 1 la trung diém cta AD.
Dang 5. Tim céc tam giac bing nhau trén hinh vé sau.

A A

D B D
M
B C
i
)

a

b)
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12.14 Dang 6. Cho tam giac nhon ABC va AABC=ADEF. Ké
AH L BC (HeBC) va DK .LEF (K e€EF). Ching minh ring
AH = DK.

12.15 Dang 6. Cho tam gide ABC. Céc dudng phén giac cua cdc goc ngoai
tai B va i C cit nhau & K. Qua K ké dudng théng vudng goc vai
AB, czt dudng lhang AB ¢ E. Qua K ké duong thing vudng goc véi
AC, cét dudng thing AC & F. Chimg minh ring KE = KF.

12.16 Dang 6. Cho tam gidc ABC c6 A=90°, AB = AC. Qua A ké duimg
thing d sao cho B va C nim cing phia dm voi d. Ké BD va CE
vuéng goéc véi d (D, E ed). Chimg minh ring BD = AE, AD = CE.

12.17*Dang 6. Cho tam giac ABC. O phia ngoai tam gidc ABC, v& cic tam
gidc vudng tai A la ABD va ACE c¢6 AB = AD va AC = AE. K¢ AH
vudng goéc vdi BC. Goi | 1a giao diem cia HA va DE. Chimg minh
ring DI = IE.

12.18*Dang 6. Cho tam gidc ABC. O phia ngoai tam giac ABC, v& cic tam
gidc ABD va ACE ¢6 ABD = ACE =90°, AB = BD, AC = CE. Ké
DI va EK vuong goc vai BC (LK €BC). Chimg minh ring
Bl = CK.

§ 13. TAM GIAC CAN
A.TOM TAT Li THUYET

1. Tam gidc cén
a) Dijnh nghia : Tam giac can 1a tam giéc ¢o hai
canh biing nhau
AABC
AB=AC
b) Tinh chdt : : Trong tam giac can, hai géc &
dédy bing nhau.
AABC céntai A =B=C B ¢
c) Ddu higu nhin biét :
- Theo dinh nghia.
- Néu mét tam gidc ¢6 hai géc bing nhau thi tam gidc d6 14 tam gidc
cén.
2. Tam gidc vudng céin
a) Djnh nghia : Tam giac vudng can la tam gidc vudng cé hai canh géc

AABC cintai A &

vudng biang nhau.
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AABC
AABC vuéngcintai A < {A =90°
AB=AC
b) Tinh chdt : M&i géc nhon ctia tam gidc vudng
cin bang 45°
B=C=45". A ¢
3. Tam gidc déu A
a) Djnh nghia : Tam giéc déu la tam gidc c6 ba
canh bing nhau.

AABC

A
AABC déu & AB=BC=CA 5 5

) Tinh chét : Trong tam
o

¢) Ddu higu nhin biét :

- Theo dinh nghia. !

- Néu mét tam gidc ¢ ba géc bing nhau thi tam gidc d6 1a tam
gidc déu.

- Néu mét tam gidc cin c6 mot géc bang 60° thi tam gidc d6 1a tam

gidc déu.

B. CAC DANG TOAN
Dang 1.  VE TAM GIAC CAN, TAM GIAC VUONG CAN, TAM GIAC DEU.

Phwong phép giai.

Dya vao céc cach v& tam gidc da hoc va dinh nghia cdc tam gidc cén,
vudng can, déu.

Vidul. (Baid61tr.127 SGK)
Diing thudc ¢6 chia xentimét va compa v& tam gidc déu ABC ¢6
canh bang 3cm. e

Huedng dén.

- V& doan thing BC = 3cm.

- V& cung tron tam B béan kinh 3cm va cung
tron tam C ban kinh 3cm, ching cit nhau tai A.

- V& cac doan thing AB, AC.

Dang 2. BO SUNG DIEU KIEN PE HAI TAM GIAC CAN, HAI TAM
GIAC VUONG CAN, HAI TAM GIAC PEU BANG NHAU

Phwong phap giai.

Dura vao céc trudng hop bing nhau cia hai tam gidc da hoc va dinh nghia,
tinh chat cic tam gidc cin, vudng cin, deu.

Vidy2. Hay bd sung thém mot diéu kién dé hai tam gidc déu ABC va

A'B'C' bang nhau.
Gidi,
Bd sung thém diéu kign AB=A'B'. Khi d6 AABC=AA'B'C'

(theo trudng hop c.c.c, hodc c.g.c, hodc g.c.g).

Vidy3. Cho tam gidc ABC cin tai A va tam gidc A'B'C’ can tai A"
Cho biét cfip canh bén biing nhau AB=A'B'. Hiy bo sung
thém m¢t diéu kién nira dé AABC=AA'B'C'.

Hudng din.
Cén bb sung thém mét diéu kién :
- Cép canh ddy bang nhau : BC=B'C', khi d6 AABC=AA'B'C'

(c.c.c).

- Hodc cdp goc ¢ dinh

bing nhau : A=A", khi d6
AABC=AA'B'C' (c.g.c).

- Hodc c@p géc ¢ day
b?mg nhau : §=§', khi doé
AABC=AA'B'C' (c.g.c hodc
g.c.g)

A Al

B G B! c

Dgng 3.  NHAN BIET MQT TAM GIAC LA TAM GIAC CAN, TAM GIAC
VUONG CAN, TAM GIAC PEU.

Phwong phép giai.

Dua vao dau hiéu nhén biét cac tam gidc cén, vudng can, déu.

Vidud4. (Bai47tr.127 SGK)
Trong céc tam gidc trén hinh 116, 117, 118 (SGK) tam gidc nao
1a tam gidc cin, tam gidc ndo 1a tam gidc déu ? Vi sao ?
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(0]
R 70° 4 %\
A D E H I xR M N P
Hinh 116 (SGK) Hinh 117 (SGK) Hinh 118 (SGK)

Hudng din.
a) Hinh 116 (SGK) : AABD can tai A, AACE can tai A.
b) Hink 117 (SGK) : AGHI can tai I.
c) Hinh 118 (SGK) : AOMN la tam giac déu.
AOMK cién tai M, AONP cin tai N.
AOKP can tai O (vi K =P =30°).
ViduS. (Bai52tr.128 SGK)
Cho géc xOy c6 s6 do 120°, diém A thudc tia phan gidc ciia goc
d6. Ké ABLOx (BeOx), ké ACLOy (CeOy). Tam giic
ABC la tam giac gi ? Vi sao ?
Hudéng din.
AAOB=AAOC (canh huyén — géc nhon) ¥
suy ra AB=AC. Ta co : 01=0,=60° nén C
A1 =A2=30", suyra BAC =60°.

Tam giac ABC can co BAC=60° nén I 0
tam gidc déu.

Dang 4.  SU DUNG DINH NGHIA TAM GIAC CAN, VUONG CAN, PEU
DE SUY RA CAC POAN THANG BANG NHAU.

Phwong phép gidi.

Dyra vao dinh nghia céc tam gidc can, vudng can, déu.

Vidu6. Cho tam giac ABC cin tai A. Liy céc diém D va E theo thir ty
thugc cac canh AB, AC sao cho AD = AE. Chimg minh rﬁng
BE=CD.
Hudng din.

AABC cintai A = AB=AC
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AABE = AACD (c.g.c) > BE=CD. A

Dang 5. SU DUNG TINH CHAT CUA CAC TAM
GIAC CAN, VUONG CAN, PEU DE TINH
SO PO GOC HOAC CHUNG MINH HAI D E
GOC BANG NHAU.

Phuong phap giai. B C

Dura vio tinh chit vé géc ciia cac tam gidc cén, vudng can, déu.

Vidy7. (Bai5l tr.128 SGK) )
Cho tam gidc ABC cin tai A. Liy diém D thudc canh AC, diém
E thudc canh AB sao cho AD = AE.

aY QA cdnbk AT ua ACE
a) ouU ddlill NADL/ va Nnvi .

b) Goi I 12 giao diém ciia BD va CE. Tam gi4c IBC 1 tam giéc
gi ? Visao?

Hudng dén. A
a) AABD = AACE (c.g.c)suyra
ABD = ACE tirc la B, =C,.
b) AABC cantai A =>B=C.

E
Suy ra §—§1=6—éi,dodé |§2=62. m

AIBC ¢6 B2 =C nén la tam gidc can. B C

Dang 6. CHUNG MINH MQT TAM GIAC LA TAM GIAC CAN, VUONG
CAN, PEU DE SUY RA HAI POAN THANG BANG NHAU, HAI
GOC BANG NHAU.

Phwong phap giai.

- Chimg minh mt tam gidc la tam gidc cén, hodic vudng can, hoiic déu
(dang 3).

- Sir dung dinh nghfa, tinh chét ctia cc tam gidc trén dé suy ra hai doan
thdng bing nhau (dang 4), suy ra hai géc bang nhau (dang 5).

Vidy8. Cho tam gidc ABC vudng tai A (AB < AC). Tia phén gidc cia
goc A cat BC tai D. Qua D ké duong thing vudng géc BC, cét
AC tai E. Trén AB liy diém F sao cho AF = AE. Chimg minh
ring :
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a)§=13.€(_3; A

b) ADBF latam giac can ; E
¢) DB = DE. F )
Hueong dan. !
a)ﬁphue,ﬁl-i_éphueg = C
nén B =DEC, tirc la B=E, )}
b) AEAD = AFAD (c.gc) = E2=F2 = E =F, )
Tir (1) va (2) suyra B =F), do dé ADBF cn tai D.

¢) ADBF cantai D = DB =DF. 3)
AEAD = AFAD (ching minh trén) = DE =DF . “4)

Tir (3) va (4) suy ra DB = DE.
Chi § : Thay diéu kién BAC =CDE =90° béi BAC = CDE = a, bai toén
vin ding.

C.LUYEN TAP

13.1 Dang 1.a) V& tam gidc déu ABC. O phia ngoai tam giac ABC, v& tam
gidc ACD vudng cén tai C.
b) Tinh géc BAD & céu a).

13.2  Dang 2. Hai tam giéc vudng can ¢ thém mdt diéu kién bing nhau
nao thi hai tam giac bing nhau ?

13.3 Dang 3. Tim cac tam gi4c cin trén hinh v& sau.

D A A
50° : . Aﬁn
1 C B=% D E B C

a) b) c)
13.4 Dang 4. Cho tam gidc ABC cin tai A. Ké BH vudng goc v6i AC
(HeAC),ké CK L AB (K € AB). Chimg minh ring AH = AK.

13.5 Dang 4 va 5. Cho tam gidc ABC cén tai A. Goi D I trung diém cua
BC. Chimg minh ridng AD la tia phan giac clia géc A.

213

13.6 Dang 5. Mét géc ciia tam gidc can bing 40°. Tinh céc géc con lai.

13.7 Dang 5. Tim s6 do x trén mdi hinh sau

D
B
C
B
=X \/d
= A
A C
a) b)
X &
700 By o 5 / SM c
B D D
©) d)

13.8  Dang 5. Cho tam giac ABC can tai A va tam gidc déu BCD (D va A
ndm khac phia d6i véi BC). Tinh s6 do géc BDA.

13.9 Dang 5. Tam gidc ABC cén tai A ¢6 A =100°. LAy céc diém D va E
trén canh BC sao cho BD = BA, CE = CA. Tinh s6 do géc DAE.

13.10 Dang 5. Chirg minh ring géc & day ciia mot tam gidc can bao gid
ciing la géc nhon.

13.11 Dang 5. Cho tam giac ABC can tai B. Goi BE la dudng phén giac
clia goc ngoai tai dinh B. Chirng minh rang BE // AC.

13.12 Dang 5. Cho tam giac can AOB (OA = OB). Trén tia d6i cua tia OB
lay diém C sao cho OB = OC. Tinh s6 do goc BAC.

13.13*Dang 5. Tam gidc ABC cén tai A, diém M thudc canh BC. Ké
MDL1LAB (DeAB), k¢ MELAC (EeAC), k¢ BHL1AC
(H € AC). Chimg minh ring MD + ME = BH.

13.14*Dang 5. Cho tam gidc ABC c6 céc géc nhé hon 120°. O phia ngoai
tam gidc ABC, v& cic tam giéc déu ABD va ACE.
a) Chirmg minh ring DC = BE.
b) Goi I Ia giao diém ciia DC va BE. Tinh sé do géc BIC.
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13.15* Dang 3 va 5. Cho diém M ndm trén doan thing AB. V& vé mot phia
ctia AB cdc tam gidc déu AMC va BMD.
a) Chimg minh raing AD = CB.
b) Goi I, K theo thir ty 1a trung diém cia AD, CB. Tam gidc MIK 13
tam giac gi?

13.16 Dang 6. Cho tam gidc déu ABC. Trén céc canh AB, BC, CA ldy theo
thir ty cac diém D, E, F sao cho AD = BE =
CF. Chimg minh ring tam giac DEF la tam C
gidc déu.

13.17 Dang 6. Cho hinh vé& bén, trong d6 O la tdm
ctia dudmg tron. Chimg minh ring céc day BC
va AD bing nhau. A

13.18 Dang 6. Cho tam gidc ABC vudng tai A. ké
AH vudng géc v6i BC (H €BC). Tia phan gidc cia géc HAC cit
BC & D. Chimg minh ring tam giac ABD la tam giéc can.

13.19*Dang 6. Cho tam gléc ABC c6 AB < AC. Goi Ax latia phan gidc cla
goc A. Qua trung diém M cuia BC, ké duong thing vudng géc véi
Ax, cat cic dudmg thing AB va AC theo thir tr & D va E. Chimg
minh ring BD = CE.

13.20*Dang 6. Tam gidac ABC vudng tai A ¢c6 AC =%BC. Chirng minh

ring B =30".
13.21*Dang 6. Tam giac ABC vudng tai A co B=30°. Chimg minh ring

AC=1BC.
2

13.22*Dang 6. Cho tam giac nhon ABC. Ké AD vudng géc véi BC
(D eBC), ké BE vuc}ng géc véi AC (E e AC). Goi H la giao diém
ctia AD va BE. Biét ring AH = BC. Tinh s6 do géc BAC.
§ 14. DINH Li PY-TA-GO

A. TOM TAT Li THUYET

2. Djnh li Py-ta-go dio : B
Néu mot tam gidc ¢6 binh phuong cia mgt canh bing
tong cac binh phuong cua hai canh kia thi tam giac d6 la
tam gidc vudng.
AABC:BC? = AB? + AC* = BAC =90’ & c

1. Pjnh li Py-ta-go :
Trong mdt tam gidc vudng, binh phuong cuia canh huyén bing tdng cic
binh phuong ciia hai canh géc vudng.

AABC vudng tai A = BC? = AB? + AC?

215

B. CAC DANG TOAN
Dang 1.  TINH DQ DAI MOT CANH CUA TAM GIAC VUONG.

Phuong phap giai.

Sir dung dinh 1i Py-ta-go. C6 trudng hop phdi ké thém dudng vudng géc
dé tao thanh tam giac vudng.

Vidul. (Bai53tr.131 SGK)
Tim d¢ dai x trén hinh 127 (SGK)

29 3
7
X
12 X
Hinh 127 (SGK)
Huéng dén.
a) x* =57 +12* =25+144 =169 =13%. Vay x = 13.
b) x2=12+22=144=5. Viy x=+/5.
¢) x? =297 -212 =841-441=400=20%. Viy x = 20.
2

d) x*=(V7) +3*=7+9=16=4%. Viyx = 4.

Vidu 2. (Bal 58 tr.132 SGK)
i : Trong lic anh Nam dung ti cho dimg thing, ti c6 bj vudng
vao tran nha hay khéng ? (Hinh 130 SGK)

21dm

/ / /////ﬁ/
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Huréng din.
Goi d 1a dudng chéo ciia ta, h 1a chiéu cao cia nha. Ta thay :
d? =20 +4% =416 => d = /416
h? =21 =441=> h=/44l.

Suy ra d < h. Nhu viy, khi anh Nam ddy ti cho thing dimg, ti khong
bj vuéng vio tran nha.

Vidu3. (Bai60tr.133 SGK)
Cho tam giac nhon ABC. Ké AH vuong goc vai BC (H € BC).
Cho biét AB = 13cm, AH = 12cm, HC = 16cm. Tinh cac d§ dai

AC, BC.
Hudng din.
A AHC vudng tai H nén theo Dinh li Py-ta-go A
AC? = AH? +HC? =122 +16° i
=144 +256 = 400 = 20° 2
Do d6 AC =20cm.
B H 16 e

A AHB vudng tai H nén :
BH? =AB’ -AH? =13 -12* =169- 144 =25=5"
Vay BH = 5cm.
SuyraBC=BH+HC=5+16=21 (cm).
Vidyd4. (Bai6ltr.133 SGK) .
Trén gidy ké 6 vudng (d0 dai canh ciia 6 vudng bing 1), cho
AABC nhu hinh 135 (SGK). Tinh d§ ¢

dai m8i canh cia AABC. 1\
# ‘\
Hueéng dén. S
ﬂ‘g . ! \\ ~J
ABz=22+12=5:AB=J§; | B
BC? =32 +5 =34= BC=134; i
CA?=3'+4*=25=CA =5. Hinh 135 (SGK)

Vidu5. (Bai62tr.133 SGK)
P : Ngudi ta bue con Cin bﬁng sgi day c6 mqt déu budc tai
diém O 1am cho con Ciin cach diém O nhiéu nhat la 9m (Hinh
136 SGK). Con Ciin c6 thé i cic vi tri A, B, C, D dé canh giir
manh vudn hinh chir nhdt ABCD hay khong ? (cac kich thudc
nhu trén hinh vé).
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Hudng din.

OA?=3*+4=25=0A=5<9.
0C*=6"+82=100=>0C=10>9.
OD?=3*+82 =73 0D =73 <9.
OB’ =47 +6* =52=/52<9.
Nhur vdy, con Cin ¢é the téi cac vi tri A, B, D, nhung khong téi duge
vi tri C.
Dang 2.  SUDYNG PINH LI PY-TA-GO DAO DE NHAN BIET TAM GIAC
VUONG

Phwong phap gidi.

- Tinh binh phuong cac d¢ dai ba canh cua tam gidc.

- So sanh binh phuong ctia canh lén nhat véi tong cac binh phuong cia
hai canh kia.

- Neu hai két qua béng nhau thi tam giac d6 la tam giac vuong, canh lon
nhét 1a canh huyén.

Vidu6. (Bai56tr.131 SGK)
Tam giac nao la tam gidc vudng trong cac tam giac ¢6 d¢ dai ba
canh nhur sau :
a) 9cm, 15cm, 12cm.
b) 5dm, 13dm, 12dm.
¢) 7m, 7m, 10m ?

Hudng din.

a) 92 =81 ; 157 =225 ; 122 =144. Ta thiy 225 = 81 + 144 nén tam
gidc vudng.
b) 52 =25 ; 137 =169 ; 12* =144, Ta thiy 169 = 25 + 144 nén tam
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gidc vudng.

c) 72=49 ; 10°=100. Ta thdy 100%49+49 nén tam gi4c

khong vuéng.
Vidu7. (Bai57tr.131 SGK)

14.1

14.2

14.3

14.4

14.5

14.6

14.7

Cho bai todn : “Tam giac ABC c¢6 AB =8, AC=17, BC=15
¢6 phai 1a tam giac vudng khong ?” Ban Tam da gidi bai toan d6
nhusau : AB® +AC? =87 +17% = 64 +289 = 353
BG* =15*=225.
Do 353 # 225 nén AB®+AC? #BC®.
Védy A ABC khong phai la tam gidc vudng.
Loi gidi trén dang hay sai ? Néu sai, hay sira lai cho ding.
Hudng dén.
L&i gidi trén 1a sai. Sira lai nhur sau
AB?+BC? =87 +15" =64 +225=289 ; AC?=17"=289.
Ta thdy AB® +BC? = AC? nén tam giac ABC vudng tai B.

C.LUYEN TAP
Dang 1. Tinh d dai canh huyén clia mdt tam giéc vudng can biét
canh géc vudng bang 2dm.
Dang 1. Tinh d¢ dai canh goc vuong ciia mét tam gide vudng can biét
canh huyén bing :
a)2m; b) Ji8m.
Dang 1. Mot tam gidc vudng c6 canh huyén bing 52cm, d§ dai cac
canh goc vuong ti 1€ vai 5 va 12. Tinh d§ dai cac canh goc vudng.
Dang 1. Cho tam gidc ABC cin tai B, AB = 17¢cm, AC = 16cm. Goi
M la trung diém cia AC. Tinh BM.
Dang 1. Tinh cac canh cua mdt tam gidc vudng biét ti sb cac canh

go6c vudng la 3 : 4, chu vi clia tam A

giac béng 36cm. 15 41

Dang . Tinh d$ dai x trén hinh g C
bén. 12 H X

Dang |. Tam gidac ABC cén t{u A ¢6 AB = 9cm, BC = 15cm. Tia
phin gidc cia gbéc A cit BC & D. Chimg minh réng
4,9cm < AD < 5cm.
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148 Dang 1. Tim sb ty nhién a ciing v6i cacs624 B__ 10 C

va 25 lam thanh do dai ba canh cia mdgt tam
giac vuong. X 13
14.9* Dang 1. Tam gidc ABC ¢6 A =90°, B=30°, "
AB = 3cm. Tinh cac 9 dai AC, BC. A 15
14.10 Dang 1. Tinh dd dai x trén hinh bén. N
14.11 Dang 1. Tinh dé dai x trén hinh bén. Vg &
14.12*Dang 1. Tinh d¢ dai x trén céc hinh sau : B 5 C
A
A
5 X X
3
B C C
8 . B 5
a) b)

14.13*Dang 1. Cho tam gidac ABC vuong tai A. Ké AH vudng géc véi BC
(H €BC). Biét HB = 9cm, HC = 16cm. Tinh o dai AH.

14.14 Dang l. Trén mdt phéng lQa do Oxy, vé& diém A ¢6 toa do (3 5) Tinh
khoang cach tir di¢cm A dén goc toa do.

14.15 Dang . Trén mit phiing toa do Oxy, v& diém A
cd toa df (1; 1). Pudmg tron tam O véi ban kinh
OA ciit cic tia Ox, Oy theo thir ty & B va C. Tim
toa do cua cac diém B va C. .

14.16 Dang 1. Tinh d§ dai cua cac dogn thﬁng AB, BC,
CD, DA trén mit phang toa d (Hinh v& bén, voi _
don vi la don vj dai cua hé truc toa dg).

14.17 Dang 2. Ban Mai vé& tam gidc ABC ¢6 AB=4cm, AC = 8cm,
BC =9cm rdi do thdy A =90° va két ludn ring tam gisc ABC
vudng. Diéu dé c6 ding khong ? A 5 B

14.18 Dang 2. Chon trong céc s6 5, 8, 9, 12,
13,15 céc b ba s6 c6 thé 1a do dai cic
canh ciia mgt tam gidc vudng.

14.19*Dang 2. Cho hinh vé& bén, trong d6 -

BC=6cm, AD = 8 cm. Chimg minh ¢ & D
ring AD vuodng gbce vai BC. 7
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§15. CAC TRUONG HOP BANG NHAU
CUA TAM GIAC VUONG

A. TOM TAT Li THUYET

* Ngoai cdc trudng hgp béng nhau d biét cia hai tam giac vudng, con c6
!rLr(’rng hgp bang nhau theo canh huyén — canh géc vudng.

* Néu canh huyén va mét canh géc vudng clia tam gléc vudng nay bing
canh huyen va mot canh géc vudng ctia tam gidc vuong kia thi hai tam

gléc d6 bing nhau. B B -
A=A"=90"
BC=B'C' ;> AABC=AA'B'C'
AC=A'C' (canh huyén - canh géc vudng)

T

Dang 2. BO SUNG THEM DIEU KIEN DE HAI TAM GIAC VUONG
" BANG NHAU

Phwong phap giai.

- Xét xem hal tam gidc vudng da ¢ cc yéu td nio bing nhau.
- Xét xem cin bd sung thém diéu kién nao dé hai tam gidc béng nhau
(dwa vao céc truong hop bing nhau cia tam gidc).

B. CAC DANG TOAN
Dgng 1. TIM HOAC CHUNG MINH HAI TAM GIAC VUONG BANG
NHAU.
Phwong phap giai.

- Xét hai tam giéc vudng.

- Kiém tra diéu klr;n bing nhau canh — goc — canh hodic goc — canh -
géc hogc canh huyén — _g6c nhon, hodc canh huyén — canh géc vudng.

- Két lu@n hai tam giac bing nhau.

Vidu2. (Bai641tr.136 SGK)
Céc tam gidc vuéng ABC va DEF co A=D= 90° AC= DF
Hay bd sung thém mot diéu kién bing nhau (vé canh hay vé
goc) dé AABC = ADEF.

Huéng din.
B6 sung AB = DE thi B E
AABC = ADEF (c.g.c).
Bé sung C=F thi
AABC = ADEF (g.c.g).

Bd sung BC = EF thi _ A CD F
A ABC = ADEF (canh huyen — canh géc vudng).

Dang 3. SU DYNG CAC TRUONG HQP BANG NHAU CUA TAM GIAC
VUONG PE CHUNG MINH HAI POAN THANG BANG NHAU,
HAI GOC BANG NHAU.

Phuong phap gidi.

Vidy1l. (Bai66 tr.137 SGK)
Tim céc tam giac bang nhau trén hinh vé bén.

Huéng dén.
AADM = AAEM (canh huyén — géc nhon) A
suy-ra MD=ME, AMDB =AMEC (canh huyén —

canh géé vuong).
Ta con suy ra : AD = AE, BD = CE nén D E
AB=AC. Do dé AAMB =AAMC (c.c.c).
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- Chon hai tam gidc vudng c6 canh (goéc) la hai doan thing (g6c) cén
chirng minh bang nhau.

- Tim lhem hai diéu kién bang nhau, trong dé c6 mot diéu kién vé canh,
dé két luan hai tam gidc bing nhau.

- Suy ra hai canh (géc) tuong {mg biing nhau.

Vidu3. (Bai63tr.136 SGK)
Cho tam gidc ABC can tai A. Ké AH vudng géc véi BC
(H € BC). Chimg minh ring :
a) HB = HC;

b) BAH = CAH .
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Hudng din. A
a) AAHB = AAHC (canh huyén — canh géc vudng)
= HB=HC.
b) AAHB = AAHC = BAH =CAH.

"~ Vidud4. (Bai651r.137 SGK)

Cho tam gidic ABC cén tai A (A <90°). V& BH L AC (HeAC)
CK L AB (K €AB).
a) Chimg minh rang AH = AK.
b) Goi I la giao diém cia BH va CK. Chimg minh ring Al la tia
phén gidc ciia goc A.
Huéng din. A
a) AABH=AACK (canh huydn — géc: nhon) N

= AH=AK K H
b) AAIH =AAIK (canh huyén - canh géc vudng)

= IAH =]AK = Al la tia phan giac cuia goc A.

B H C

C.LUYEN TAP

15.1 Dang 1. Tim cic tam giac vudng biing nhau trén hinh sau :

15.2 Dang 1. Ching mlnh ring : Néu mdt canh goc vudng va géc nhon
dbi dién véi canh ay cliia tam gidc vuong nay bang mol canh goc
vudng va goc nhon déi dién vdi canh dy cua tam gidc vuéng kia thi
hai tam gidc d6 bing nhau.

153 Dang 2. Cic tam gidc ABC va DMN c6 B=M =90", A=D. Hay
bd sung thém mot diéu kién bang nhau dé AABC= ADMN.

15.4 Dang 3. Cho hinh v& du6i day. Chimg minh ring :
a) OK Ia tia phan giac cua goc O.
b) MN la tia phéan gidc cua goc M.
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15.5 Dang 3. Cho tam gidc ABC cén tai C. Céc dudng trung tryc cia CA
va cia CB cit nhau tai 1. Chimg minh ring CI la tia phan gic cia
goc C.

15.6 Dang 3. Cho tam giac ABC cén tai B. Qua A ké dudng vudng goc
véi AB, qua C ké dudng vudng géc véi CB, ching cat nhau & K.
Chimg minh rang BK la tia phén giac cta géc B.

15.7 Dang 3. Cho tam gidc ABC. Céc tia phan gidc ciia géc B va C cit
nhau & 1. K& ID L AB (D €AB), ké IE L AC (E €AC). Chimg
minh ring AD = AE.

15.8* Dang 3. Cho tam giac ABC c¢6 AB < AC. Tia phan giac cia géc A
cdit dudng trung tryc ciia BC tai I. Qua I ké cac duomg thing vudng
goc véi hai canh cia goc A, cit cic tia AB va AC theo thir ty tai H
va K. Chimg minh ring :
a) AH=AK;
b) BH=CK;
AC+AB _ AC-AB

A BEHAD
©) 2 2

ON TAP CHU'ONG 2

A. BAI TAP ON TRONG SGK

‘ Dang I. CHQN CAU PHAT BIEU PUNG. CHO MQT HE QUA, TiM

DINH LI TRUC TIEP SUY RA HE QUA PO.

Phwong phap giai.

Lién h¢ dén céc kién thirc If thuyét tuong img dé tra 15i.

Vidul. (Bai67tr.140 SGK)
Dién ddu “x ” vao chd trc‘mg (...) mt cach thich hgp :
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Cau Ding | Sai

1. Trong mét tam gidc, géc nho nhét 1a géc nhon

2. Trong mt tam gidc, ¢6 it nht |2 hai goc nhon

3. Trong m¢t tam gidc, géc I6n nhat la goc to

4. Trong mét tam gidc-vudng, hai géc nhon bu nhau

5.Néu A 1 gbéc & ddy clia mot tam gidc cin thi A <90°

6. Néu A 1a géc & dinh ciia mot tam gide can thi A <90°
Huéng dan.

Cau | ding, ciu 2 dang. Cau 3 sai. Ching han trong tam giac vudng,
gbe 16m nhat 12 goc vudng. Cau 4 sai. Sira lai cho ding : Trong mét tam gidc
vudng, hai géc nhon phy nhau. Cau 5 ding. Cau 6 sai. Chang han cd tam
gidc cin ma géc & dinh bing 100°.

Vidu2. (Bai68tr.141 SGK)

Céc tinh chit sau diy dugc suy ra tryc tiép tir dinh li ndo ?

a) G6c ngoai clia mdt tam gidc bing tong hai géc trong khong ké
V@i né.

b) Trong mjt tam gidc vudng, hai géc nhon phu nhau.

¢) Trong mét tam giéc déu, céc géc bang nhau.

d) Néu mgt tam giac c6 ba géc biing nhau thi tam giac d6 |a tam
giac déu.

Huréng dén.
Céc cdu a, b dugc suy ra tir dinh |i “Tdng ba goc ciia mot tam gidc
bang 180°”. .
Céu c dugc suy ra tir dinh li “Trong tam giac cén, hai goc & ddy bing
nhau”.
Céu d dugc suy ra tir djnh li : “Néu mdt tam gidc ¢6 hai géc bing
nhau thi tam giac d6 1a tam gidc can”.

Dgng 2. SU DYUNG TRUONG HQP BANG NHAU CUA TAM GIAC DE
CHUNG MINH HAI POAN THANG BANG NHAU, HAI GOC
BANG NHAU ; TU' DO NHAN BIET TIA PHAN GIAC CUA GOC,
DUONG TRUNG TRUC CUA DPOAN THANG, HAI DUONG
THANG VUONG GOC.

Vidy3. (Bai69tr.141 SGK) ) )
Cho diém A ndm ngoai dudng thing a. V& cung tron tam A cat
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dudng thing a & B va C. V& cic cung trdn tam B va tam C ¢6
ciing ban kinh sao cho chiing cit nhau tai mgt diém khéc A, goi
diém d6 1a D. Hay giai thich vi sao AD vuéng géc véi dudng
thing a.

Huéng din.

AABD = AACD(ccc)= Aj = Az.

Goi H 12 giao diém cta AD va a. Ta cé
AAHB=AAHC (c.gc), tir d6 chimg minh
dugc AH La,ticla AD La.

Dang 3.  NHAN BIET TAM GIAC VUONG,
TAM GIAC CAN, TAM GIAC
VUONG CAN, TAM GIAC PEU.

Phwong phap giai.

- Dé nhan biét tam gidc vudng, can chimg t6 mdt gbc cua tam gidc bing
90°. C6 truomg hop phai sir dung dinh li ddo ctia dinh 1i Py-ta-go.

- Dé nhan biét tam gidc cén, can chimg to hai canh béing nhau, hogic hai
go6c bang nhau.

- Dé nhén biét tam gidc vudng cén, can chimg t6 tam gidc dé vudng cb
hai canh bﬁng nhau, hodic ¢6 hai géc béng nhau, hodc cé mgt géc 45°.

- Dé nhén biét tam gidc déu, cin chimg t6 tam gidc d6 c6 ba canh bing
nhau, hoic ba géc bing nhau, hoic hai géc bing 60°, hodc chimg t6 dé
la tam giac can c6 mét géc bing 60°.

Vidud4. (Bai70tr.141 SGK)
Cho tam giac ABC can tai A. Trén tia dbi cia tia BC ldy diém
M, trén tia ddi cuia tia CB Idy diém N sao cho BM = CN.
a) Chimg minh ring AAMN la tam giac can.
b) Ké BHLAM (HeAM), ké CK L AN (K €AN). Chimg
minh ring BH = CK.
¢) Chimg minh ring AH = AK.
d) Goi O la giao diém cua HB va KC. Tam gidc OBC la tam
giac gi ? Visao ?
e) Khi BAC=60° va BM = CN = BC, hay tinh sé do cdc géc
clia tam gidc AMN va xdc dinh dang ctia tam gidc OBC.
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Hurong dén.

a) AABC cin = By = C; = ABM = ACN.

AABM =AACN (c.gc) suy ra
M = N = AAMN la tam gidc can.

b)ABHM = ACKN (canh huyén
— gécnhon) = BH=CK. )

c¢) AABH =AACK (canh huyén
—canh goc vuong) suyra AH = AK .

d) ABHM = ACKN (ciu b) suy M
ra B =C; =By =C; = AOBC la tam
gidc can.

e) AABC cin ¢6 BAC =60°

(

nén 1a tam gidc du suy ra By = C) = 60°:
AABM c¢6 AB = BM (cung bang BC) nén la tam giadc can, do
ABM =120° nén
S 180°-120° _
2
Tuong ty N=30°. AAMN cb
M =N=30°, MAN =120°.
AMHB vuéng c¢6 M=30" nén
B2 =60°, suy ra B3 =60°. AOBC cin
(chu d) c6 B =60° nén Ia tam gidc déu.

ViduS. (Bai7l1tr.141 SGK)
Tam giac ABC trén gidy ké & vudng (Hinh 151 SGK) la tam
giac gi ? Visao ?

30°.

Huéng din.
AAHB=ACKA(c.gc) = AB=CA, H A K
BAH = ACK . y
_ Ta ki 6 : ACK +CAK =90° nén @ \\
BAH +CAK =90°. Do d6 BAC =90°. BT
Viy AABC la tam giac vudng cén. = c
Hinh 151 (SGK)
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Vidu6. (Bai72tr.141 SGK) : oy
D& vui : Diing d6 Cudng dung 12 que diém béng nhau dé xep
thanh :

a) Mot tam giac déu ;

b) Mot tam gidc can ma khong déu ;

c) Mgt tam gidc vudng.

Em hay gitup Cudng trong tirng trudng hop trén.

Huréng dén.

AN
L

Dang 4. TINH DQ DAI CANH CUA TAM GIAC VUONG.

Xem hinh vé .

VAN

a) )

Phwong phap giai.

Str dung Dinh li Py-ta-go.

Vidu7. (Bai73tr.141 SGK)
D4 : Trén hinh 152 (SGK), mdt cau trugt ¢6 dudng lén BA dai
5m, 45 cao AH Ia 3m, ¢ dai BC la 10m va CD la 2m. Ban Mai
néi ring dudmg trugt tc‘m% cong ACD gép hon hai lan duong lén
BA. Ban Van néi ring di¢u d6 khong ding. Ai ding, ai sai ?

Huéng dan.
A AHB vuodng tai H nén : A
HB? = AB’ -AH? =5 -3 =16 5
" HB=4m. 2 3
HC=10-4=6 (m).
AAHC vudng tai H nén : D C H B
< 10 >
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AC? = AH? +HC? =3% +6% =45. 6
Suy ra AC =45 ~ 6,7 (m).
Do dai duong trugt ACD bing : 6.7 + 2 = 8,7 (m), chua bing hai lan
dudmg lén BA. Vdy Vin ding, Mai sai.

B. BAI TAP ON BO SUNG

1. Dang |. Chon céu phét biéu diing trong cédc céu sau :
a) Trong mgt tam gidc, khong thé c6 hai géc tu.
b) Goc ngoai clia tam gidc phai la goc t.
¢) Néu canh déay va goc doi dién vdi canh dy cia tam giac cdn nay
bing canh déy va géc ddi dién véi canh dy cua tam gidc cén kia thi
hai tam gidc d6 biing nhau.
d) Néu hai canh va mjt géc ctia tam gidc ndy bing hai canh va mét

goc cuia tam gidc kia thi hai tam gidc d6 blfing nhau.

2. Dang 2 va 3. Cho tam giéc ABC can tai A. Diém D thudc canh AB,
diém E thudc canh AC sao cho AD = AE. Goi K 14 giao diém cua BE
va CD. Chimg minh ring :
a)BE=CD; ' b) AKBD = AKCE ;

c) AK la tia phédn gidc ciagéc A ; d) AKBC la tam gidc can.

3.  Dang 2 va 3. Cho tam gidc ABC cén tai A. Liy diém D trén canh
AB, diém E trén tia ddi cia tia CA sao cho BD = CE. Goi M Ia giao
diém cua DE va BC. Chimg minh ring DM = ME.

4. Dang 2. Cho hinh v& sau day. Chimg minh ring OA = OB.

5*,  Dang 2 va 3. Cho hinh v& bén trén gidy

d) Dy +E; =45°.

ké 6 vudng. Chimg minh ring : I|{
a) B =H; ]
b) A AHE vudngcén ; BI iC o2 E .
¢) Dy = fi; | NV
H
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Dang 3 va 4, Cho tam gisc ABC c6 B=60°, AB = 7cm,
BC = 15cm. Trén canh BC ldy diém D sao cho BAD =60°. Goi H
14 trung diém cta BD.

a) Tinh d¢ dai HD ;

b) Tinh d¢ dai AC ;

¢) Tam giac ABC c6 la tam giac vudng hay khong ?



Phu luc

HUONG D{'\N VE PHUONG PHAP
CHUNG MINH HiNH HOQC

I. BAI TOAN CHIPNG MINH HINH HOC

O 16p 7, chiing ta bit dau lam quen véi mét dan
gy ’ o b ¥ k3

minh hinh hoc. S

Chimg minh mdt bai toan hinh hoc 1a dya vao nhimg diéu da biét
(gdbm gia thiét cua bai toan, céc dinh nghia, tién d¢, dinh li da hoc) va bing
cach suy ludn ding dén dé chimg 6 ring két ludn cta bai to4n la ding.

Dang chung ctia bai toan chimg minh la A= B, trong d6 A la gia
thiét cua bai toan, B 1a két luan cuia bai toan.
II. TiM TOI CACH CHIPNG MINH MQT BAI TOAN HINH HQC

Pé tim céch chimg minh mjt bai toan hinh hgc, ta thudng lam cac
budc sau :

1. Nghién ciru dé toan

Doc ki dé toén dé hiéu rd : D& bai cho nhimg gi ? D& bai yéu cau
chimg minh diéu gi ? Tir d6 viét t6m tit dé bai dudi dang gia thiét va
két luan.

2. Tim hiéu ndi dung ciia gia thiét

Dua vao cic kién thirc da hoc, tim xem : Tir ndi
dung ciia gia thiét, ta ¢6 thé suy ra cdc tinh chit gi, cac A E/1 B

quan hé gi ? 2/3
Chéing han d& bai cho AB // CD (Hinh bén), ta ¢ 1 D
suyra: Ey=F, E2=F, Es+F =180° ... F
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3. Tim hiéu ndi dung ciia két luin

Tim xem : D& di dén két lufin, ta can phai chimg A
minh diéu gi ? Trong cic diéu 4y, diéu ndo da biét,
diéu nao con phai chirng minh. a3

Ching han : Dé bai yéu cdu chimg minh M
A AMB = ADMC (Hinh bén), da cho MB = MC, MD
= MA, thé thi ta con phai chimg minh AMB =DMC.

4.N&i tir gia thiét dén két lugn

Trong qua trinh tim toi 10i gidi, ta thuéng ding phuong phép phéan
tich di l1én :
B (12 két lugn), ta tim cach chimg minh C.
Dé chimg minh C, ta 8§ / inh

cach chimg minh H.

Le o v
N AlAT Ating ta Him
L¥fy ses 3 Wuwua UWIE LG L

Néu tir gia thiét ma ta chimg minh dugc H thi ta da tim dugc céch
gidi bai toan bang cach “n6i” tir gia thiét dén két luan.
A=>H=..=D=C=B A

Vi du : Cho hinh v& bén. Hay chimg minh
ABIC la tam gidc can

. | aaBc,AD=AE D E
GT' BD = CE "
KL | ABIC can B2 1\,

Phan tich di lén :

- Bé chimg to6 ABIC cén, ta chimg minh B,=C,.

- Ta da biét B=C nén dé chimg minh B =Ca, ta cin chimg minh
Bi =Cy, muén viy can chimg minh AABE =AACD.

- AABE va AACD bing nhau theo truéng hgp canh — géc — canh.

lll. CACH TRINH BAY BAI TOAN CHUPNG MINH HINH HQC

Sau khi v& hinh, ghi ki hi¢u, ghi gia thiét va két lun, ta trinh bay
chimg minh theo trinh ty ngugc lai cua budc phén tich di Ién, tirc 14 ta trinh

(*) D€ cho gon, cdc yéu t& thdng hang, ndm giia, cdc giao diém d5 duge thé hién trén
hinh, ta cé thé khéng ghi vdo ph3n gid thiét.
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bay 1&i giai theo phuong phap tong hop.

Chéng han trinh bay theo 16i giai ctia vi du trén nhu sau :
AABE va AACD c¢6:
AE = AD (gia thiét) ;

A la gdc chung ; . :
AB = AC (tong cua hai doan thiang bang n_hau) ;

Do d6 AABE =AACD (c.g.c), suyra B, =C;.

AABC c6 AB = AC nén la tam gidc can. Suy ra B=C. Do dé
B-B,=C-Cy, ticla B, =Cs.

ABIC c¢6 hai géc biing nhau nén la tam giac can.

IV. CACH TRINH BAY BAI TOAN CHUNG MINH HINH HOC THEO
PHUONG PHAP PHAN CHUNG

Mot sb bai toan hinh hoc duge chimg minh bing phuong phap
phén chirng.

Chimg minh phan chimg gdm ba buéc

- Bude 1 (phu dinh két ludn) : Gia sir ¢6 didu trai v6i két ludn cia
bai toén.

- Buée 2 (dua dén méu thufin) : Tir didu gia sir trén, tir gia thiét cua
bai toan va céc kién thirc di hoc, ta suy ra didu mau thudn véi gia thiét hay
vGi mot kién thire da hoc.

- Buéc 3 (khing dinh két luan) : Vay két ludn cia bai toan la ding.

_ Vidy : Chimg minh ring tir tién d'c’: O-clit, ta suy ra : Néu hai dudng
thiing cing song song v&i mot dudmg thing thir ba thi hai duong thing dy
song song.

- Buée 1 : Gia sir a khong song song véi b.

- Budc 2 : Thé thi a va b cit nhau tai mét diém, goi giao diém do la
M. Qua M ta c6 hai dudng thing phén biét a va b cling song song véi dudng
thiing c, diéu nay mau thudn véi tién dé O-clit.

- Bude 3 : Viy a phadi song song véi b.
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HUONG DAN GIAI BAI TAP

PHAN SO HOC

Chuwong 1. SO HIPU Ti - SO THYC

§ 1. TAP HQP Q CAC SO HUU Ti
11 -5[e|N; -s[e]z; -s[<]Q
Srelz 2rele N[c]eQ
L= Sy ) S e L=l
1.2 i;—l4;_4_
=15 35 -10
| S -2 1
13 @) —<—3 b) — <0 ; -0,125=—
)_2 3 )3< c)
1.4 —3e, —-3E; IOE, lOe;
2 -3
10e[Q]; selel; — €[Q]
-1 -5 = |
1.5 —=—; b_;g_
)7 35 )19 4
1.6 3=51-'2=E d0d63<iaad<bc
“ b bd’d bd b d :
137 c=%.Thcobﬁil.6,tac6%<-;:-<$a.l<b.chaya<bc.
1.8 Theobéil.6,tac6%<%:>ad<bc.$uyra
ad + ab <bc + ba
a(b+d)<b(a+c)
a a+c
_<__..
b b+d
Mit khéc : ad <bc = ad+cd <bc+cd
dla+c)<(b+d)
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1.9

1.10

1.11

1.12

atc ¢
b+d d
a+c ¢
Tir (1) va (2 D—<——<—,
’u( )v (')suyra b<b+d. ]
Ap dung két qua Bai tdp 1.8. Ching han :
=1 _=1- =1 (=D%ED _-1_ -1 . =2 -1
A —<—D—<—— L — D — < — < —,
3 4 3 3+4 -+ 3 7 4
.2 =) DEED) 2, <18, -2
—ee D e e S e < —
3 "7 3 3+7 ; 3 10 7
-2 -1

2 (D+(Dh _-1_ -2 -3 _-I

—_—l— — — o —
7 & i 7+4 F=F 114
; , -1 =3 =2 -3 -l
ViytacH: —<—<—<—<—.
3 10 7 11 4
b) Chiin han._:l_<__l<0<_l_ e
&1 100 ~300 300 100"

Tacé: 3<a+n
b b+n

<»a(b+n)<b(a+n) <> ab+an <ab+bn

<a<b (vin>0)

Nhu vy : El-‘r.—a—'—}'-fl-cibac.:b.TuO'ngu,r:3}“-"':.::pa)b.
b b+n b b+n
3..3+8 Il
) =<——=—;
7 7+8 15
b)—_ll<—ll+3=-_8;
6 6+3 9

297 297+9 _ 306
16 ~ 1649 25 °
d) -265<-265+16_-249_-_83
317 317+16 333 1117
(Ap dung két qué Bai 1.10)
Apdungtinhchét:Néux,y.zEQméx<y,y<zthix<z.
2002 14 2002 14
) ——<l<—p——<—
2003 13 2003 13
b)—_n<0<;1=l:£<l;
463 -3 3 463 3
=33 =34

33 _ -33 -34
= ——le
37 3§ 35 37 35

c)

C) —>—>——

2
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113 8) —=>—3—3—0—>—>—— |
177017 197 1 13 17 17
T ER N
1 9 8 7 4 3 2
-2 -3 -7 -18 =27
C) —>—>—>—>——0.
3 4 ;8 19 28
1.14 a)a>3; b)a<3; c)a=3
1 1
1.15 <= b)a>—; c)a=—
a) a > ) > )
a-5 5
1.16 x=——=1-—;xeZo-cZosacU(S)=ae{tl;+5}.
a a
7 %=i2
2a
xeZe(a-3):2ae>2(a-3):2ac>2a-6:2a=6:2as3
aeUQRB)ae{+l; 3}
§ 2. CONG, TRU SO HUU Ti
4 -15 =21 5
251 —; b) — ; —_—=-2—.
AT )26 o e
7 11 3
2.2 —; b) — ; c) -5=.
Y30 ) 54 ) =%
23 -8 L (-)+(=7) 3 (=2) +(-6) - (=3)+(=5)
15 15 15 15
Do d :_8=_l ;7_;__8=__2 __6=..-_.2. -_2;
15 1571515 15 15 15" 5
= R
15 15 185 5 3
2.4 ~_8=1—9=2-10=3-ll'
15 15 15 15
B s s e D o B M A2
15 13 15 15 S5 1S5 1S 1515 3
8.3 1_1 1
15 15 15 5 15°
25 =8 _9+(-17) _10+(=18) _11+(-15)
; 15 15 15 5
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2.6

2.7

2.8

29

2.10

2.11

2.12

2.13

2.14

2.15
2.16

Do d6 : :§—=i+:-l~7-=é+——lz=§+(_li) :
I5 15 15 5 1§ 5 15

-8 10 -182-62[1)
—=—t—=—t—=—+|=1-] ;
5 15 15 375 3 5
-8 11 -19 11 ( 4)
—=—t—=—4| =-1—].
5 1515 15 15
-8 _-7-1_ -6-2 -5-3
15 15 15 15

DOdé:-—:—————, ————— ——-—
15 15 18IS . 1S5 15 5 15
8. -5.3 _-11
15 18 15 3 5
1 1 24 |
ek O 'F B
-43 13 53 5
a) A=—=-1—; b)) B=—=2—,
) 30 30 ) 24 24
1 |
a) x=—; b) x=—.
) P ) X 2
. e,
5 140
i L S Y
15 15
(l 3 1] (3 2 1) 1 i
—t=t—|=| =t—+—|+t—=1-14—=—,
3 5 15 4 9 36/ 64 64 64
1 U 3 3 2 13
Nhom timg ¢ :(———)+(-—— —]+---. Kétquala: —.
e Y b Pt

1 (1 1 1 1)

s—|—t et ———

99 \1.2 23 97.98 98.99
( L i L i l)
=——|l-—t =t ——p———
99 2 2 97 98 98 99

= w

99 99  99°
a)[x]=-1; b) [x] =-2.

a)Tacd: x—l<—2=>x<—2+l=>x<—z.Suyra:'
4 4 4
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2.17

2.18
2.19

2.20

2.21

—2<x<—%<-l=>[x]=—2.

b)Tacd: x+0,5>-3=>x>-3-0,5=>x>-3,5.Suyra:
—4<-35<x<-3=>[x]=-4.

5 5. 5.3
a)x-—E:[x]-—Z, {x}= 4+2 %

4 4 5
b)x=—2§=:>[x]=—-3, {X}——26+3—§.
a) [x]=4; b)[x]=-5; ¢)[x]=0; d) [x]=-1.

Theo dinh nghia : [x]<x <[x]+],suyra:

n+[x]<n+x <n+[x]+1.
Vay n + [x] 1a s6 nguyén 16n nhat khong vuot qua n + x, tirc la
n+[x]=[n+x].
Theo dinh nghia, tacé : [x]< x <[x]+1; [ylSy<[y]l+l.Vix2y,
suy ra [y]€ y<x <[x]+1. Do dé [x]+1>[y]. Viy [x]2[y]. Diéu
ngugc lai khong ding. Ching hanx =5, y = 5% thi [x]=[y] nhung
x<y.
Theo dinh nghia : [x]< x <[x]+1; [y]lsy<[y]+!l.
Suy ra [x]+[y]<x+y. Vay [x]+[y] 1a sb nguyén khéng vuot qua
x+y. Ta lai ¢6 [x +y] 1a s6 nguyén 16m nhét khéng vuot qua x +y.
Véyrorangtaco : [x]+[y]<[x+y].

§ 3. NHAN, CHIA SO HUU Ti

3.1

3.2

33

34

3.5

238

— === b . - 10.
S T )4l i O
-2 -2] 1 TS =
a) —; —_—=—1— —=1—.
) 3 ) 20 20 )68 68
10 1 3 1 12 2
a) ——=-3—; b) ——==1=; —=—D—
) 3 3 ) 2 2 ) 5 25
17 86 -3 407 1
8) =% e = d) —=2
) 20 ) 119 ) 7 ) 14 914
a) Ap dung tinh chit : i—i=x'—y,tac6:
zZ z z
25,79 1,79 _25,79-1,79 —4
6 6 6 '



3.6

37

3.8
3.9

3.10

3.11

3.12
3.13

3.14

b)63:(-3)=(6+3);(—3)=6:(-3)+3:(-3)=—2+'—3=-2i
11 11 1
S L) _1-5_1-5 -5 15 _1=5_1-5
42 221 221 212° 4 314 314 143°
= L) 1= 15
42 61 67 T8
13 18 i18 113 133 i B
66 233 233 332 213 33 13°
13 _L13 113 113 122 1 3
66 322 322 2273 313 22 13°
B_L1I3 113 113 111_1 6
66 611 611 11'6 613 1113
2 S medds i e msii.
3 3 2 2
a) A =12.[6,99-(-1,01)]=12.(6,99 +1,01) = 12.8 = 96.
b) A =12.(3l-23) =12.(E-§] =39-32=7.
4 3 4 3
g 2.3 .3 3(1_1+1+LJ
N o 1T 45711=3
13_13.13.13 ,3( 1 1+L) 13
4 5 T 1 4 57 1
A =[(‘5] (—)][— (—30)]_1 130 g
5 15
_=1-1538 LI5193 1
6 19 45 23.19315 9
C=i_[[_£]+( 13]]21_;”::2_
Tl o 18/ 11718 ~ 66
D_ﬁé[%;[_i]]_ﬂi(__ )__2_
17/ 15732 5
P>0thix<0; P=0thix=0; P<0thix>0.
35064 35 65 S5 15 =I5=60 -15_ .19,
4T 75 47 T2 928 7 28 28 28
) 1
a) g.—z— ’ b)-34 C) —12.5.

239

-4 7 9 3 -1
.1 e b) =5:=; —-— d) -11:—
el A s LI A )
2 1 247 79
o = —— L =—— _——l—-
3.16 a)x 5 b) x 6 c) X 68 \1e8
-87 5 13
1 =— =l— C) =
Sl i 21 21 IX =7
318 xx=x=>xx-x=0=>x.(x-1)=0. Vay:x=0,x-1.
3.19 Dit L=k (keZ), tacé: x.£=x.k.Nmmg x.%=l nén
X
x.k=l=>x=%(keZ,k¢0).
)
3.20 i=L=—— Vﬁy—lamotsonguyénkhl ad la bdi cna be.
y £ be y
d
§ 4. GIA TRI TUYET POI CUA MQT SO HU'U TI.
CONG, TRU, NHAN, CHIA SO THAP PHAN
3 1
4.1 - b) —; 0,749 ; d) 5—.
8)7 )ll c) 0,74 ) -
42 a)x=0 b)x=:|:l,375;c)x=i%; d)x=:t3%.

[:i)x=—l;:n:=-ll :
4 4

43 a)x=3,5;x=-0,5.

4.4  Giatri nho nhit cia A 13 5khi x =1/3.

4.5  Giatri nho nhét ciia B 1a 2 khi x =-2/3.

46 x=1%525.

4.7  Gia trj nho nhét ciia C 1a — 1 khi x =2/3.

4.8  Gia tri nho nhét ciia D 1a 3 khi x =2/5.

49 a)x>0vinéu x<0 thi |x|+x=-x+x=0.
Vix>0nén |x|+x=x+x=2x=1/3. Vay x=1/6.
b)x<Ovinéu x20 thi [xl-x=x-x=0.

Vix <0nén |x|-x =-x-x=-2x=3/4. Viy x =-3/8.

4.10 a)Neu x 22 ta duge x — 2 = x. Khoéng ¢4 x ndo nhu vay.
Neux<2taduqc2 X =X = 2x =2 = x =1théa min.

b) Néu x> -2 ta dugce x + 2 = x : Khong ¢6 x nao nhu viy.

240



4.11
4.12

4.13

4.14

4.15

4.16

4.17

Néu x < - 2 ta dugec -x-2=x=>2x=-2=>x=-1>-2, khong
thoéa man.
x=35;y=13.
Vi|x-3,4/20 ; [2,6-x|>0 nén ta phai cé :
Xx-34=26-x=0,suyrax=34vax=206.
Diéu nay khong thé ddng thoi xay ra. Vay khong ton tai x théa man
yéu cdu cia dé bai.
lal]=1,5 néna=1,5 hoica=-1,5.
a)Néua=1,5;b=-0,5tacé:
M=a+b=15+(-0,5)=1.
N=2a-3b=2.1,5-3(-0,5)=3+15=4,5
P=a:3-3:b=1,5:3-3:(-0,5=0,5+6=6,5.
b)Néua=— 1,5;b=-0,5tacéd:
M=a+b=-15+(-0,5)=-2
N=2a-3b=2.(-1,5-3(-0,5)=-3+1,5=-1,5.
P=2a:3-3:b=-1,5:3-3:(0,5)=-0,5+6=5,5.
Ta da biét véi moi x,y €Q thi : [x+y|<[x|+|y|. Ding thic xay ra
khi xy=>0. (Vidu6 §.4).
Tacéd: A =|x—500]+|x —300| =|x - 500] +[300 - x|
>[x —300+300- x| =1-200| = 200.
Viy A 2200, A dat gia tri nho nhat 1a 200 khi 300 < x < 500.
Cdch khdc : Ta da biét voi moi x eR thi [x| =|-x| va [x|> x. Do d6,
A =|x —500] +|x —300| =[500 — x| +|x —300| = 500—x +x —300.
Suyra A2200.
A dat gia tri nho nhét 1a 200 khi 500-x >0 va x-30020, tirc la
khi 300<x <500,

” -8 12 -36
Riit gon céc phan s da cho ta thiy : Céc phan s —, ——, —>
it gon céc phan s0 da cho ta thiy : Céc phan so 147 <21° 63

. X £ . "4 ~ A 6 -12 . .2 X
ing biéu d hiru ti —; céc ph — , —— cung biéu dién
cung bieu dién so i = céc phan so 57 e g
séhﬂ’utiz.

9

Tac6é —0,75= '73. Ba phin s6 cing biéu dién sb hiru ti ndy c6 thé 1a
-6 -9 -I2

T B 16
a) [(+5,3)+(-5,3)]+(-0,7) = -0,7.

18A- CDTVPPGT7/1 241

4.18

4.19
4.20

4.21

4.22
4.23
4.24

4.25

b) [(+5,3) +(+4,7) +(-10)] + (+3,1) =3,1.
¢) [(=4,1)+(=5,9)] +[(=13,7) +(=6,3)] + (+31) =
= (~10)+(-20)+(+31) = 1.

a) 9-3,6-4,1+1,3=2,6.

b) 5,2-6,7+2,3-4,1=-3,3.

c) 2,7+4,3-8,5+0,6=-0,9.

a)x=0,7;
Bang vudng nay c6 déc diém la tong cac s6 & mdi hang, méi cot, mdi
dudng chéo déu bing 2, 1.

b)x=352;

c)x=29;

dyx=1,1.

X 2 1:5 -19,2 -43 6
y -3 -3.2 -6,3 6,3 9
z 55 -2 13 0 -17
Xt+y+z 4,5 -3,7 -12,5 2 -2
a)l0; b)-70; c)l; d)-10; e)- 1.
a)-2,3; b)23; c)-4,6 d)-13,8.

a) 66,3 +33,5=100;
¢) 66,5 + (- 33,5)=33; d) 33,5-66,5=-33;

e) 66,5-33,5=33; f) - 33,5 - 66,5 = -100.
a)a-b=25-(-6,7)=25+6,7=92;b-a=-67-2,5=-92.
Hai hi¢u nay la hai sb d6i nhau. Rd rang 9,2>-9,2.
b)b-d=-6,7-(-0,3)=-6,7+03=-6,4;d—b=06,4.
¢c)b-d=-6,4; -b-(-d)=d-b=64.
d)b-c=-6,7-3,1=-98; c-b=98.
c)a-b=92;-b-(-a)=a-b=9,2.
flc-a=3,1-25=0,6;-c—(-a)=a-c=-0,6.

b) 66,5 - (-33,5) =100 ;

§5.,§ 6. LUY THUA CUA MOT SO HU'U Ti

5.1

5.2

5.3

54

242

8 8 49 1
'— ; =— ; —=3—0,0001.
27" 27716 16
£
27 3
16=21 ; =__=(__). =04l
a) B = =) 3 ©0,0001=0,)

3
a) 243 =3[ ; b) --(142={-§] ;9 0,25=[0,3) .

b) 5° hoic 25 hoic 1257 ;

a) 2% hodc 4* hoic 16° ;

c) [%Jﬁ hoic (g-)s hoic (2—87-)2

168- COTVPPGTTH



= (_9_)2 =[_ 9 )2 Ta thay 8170 va 91'" déu c6 chir s6 hang dom vj la 1. Suy ra b cé

s (g9 =) -(5)

25 25 chir s hang don vi 12 9.
3 N (3 Bl - 6.22 Cau tra loi dung 1a D. Giai thich :
56 a) ('I) = (_E) '(_Z] ; b) (-0,32)* =(-0,32)](-0,32)| ; 4155 = (22057 297255 = 9% (9250 &128.10%,
. S6 nay gdm 128 theo sau la 25 chir s6 0 nén s nay c6 tit ca 28
o] () (3 (o)
2 2 0 2 . 2 . 1530 330.530
623 —x=rw =
3\ 4\? 458 53
57 a)x= [‘3) - b) x= (15) : 6.24 Chon céu tra 10i ding 1a C. Giai thich :
1 : 4*9°4°9° = (4.9)*.(4.9)° =36*° =36".
58 @) -——: b)-32; c) a’. 3 -2
27 : 6.25 a)Cach1: =4 =4 = (-2)"" =(-2)?
&5 _(1 , _] (-2)° (-2)"
2 AEsgl L R~ =5-n=2=n=3.
. =32 . s
510 a) _% : b) [_%) : Cich2: 2y ——=4=(-2)".(-2’=(-2)=>n+2=5=>n=3.
b)n=2; =8
511 a) (=0,1)° = 0,000001; b) 1. :" Qse
8|4 (23)l4 242 it Z 4 X 8
512 — =28, 626 *=—-—=—=x’=8"=x=18.
4!2 (22)I2 224 2 E 8 X =X =X
513 2% =(2")*=8%;3"°=(3")*=9%. Vi 8 <9® nén 2% <3'°. 2 . ,
2(2%) _ 44 6.27 a) x=1%y; b)x=y.
514 (2°)°7'=4"=256. 628 a)x=-9; b) x €{0;3}.
200 _ /. 23100 . <300 _ ;434100 _ 100
SIS a7 =) 5 57 =@37)" =125 629 a)3"°; b) 80; c) 9.
n’® <5’ hay (n?)'* <125'" = n? <125 (*) 6958 2.7.497 7 7 7056 _2°327° 7 7
S8 nguyén 16n nhét thoa man didu kién (*) lan = 11. 630 Ao 2w 2778 PTom 237 ¥ 9
516 (1% +12 = (1% +12 =—1+1=0. | =32 =1 20 20 _ 1
617 @)il; b)1; c)4. 5 1351400 3 10 10°
6.18 2)216; b) 10000 ; ¢) 64. i
Do — =
619 a) 10°=1000000 ; b) 20° =800 ; ¢) 30° =27000 ; T e
d) 40 =1600 ; €) 1000° =1000000000;  f) 90% =8100. satr m= i _@)+(@)° 2242¥ 220"+
620 a=225% =2%(2*5%)=16.10° =1600000000. - gl+dl @)+ 27427 221429)
Viy s6 a c¢6 10 chir s6. =2% =256.
6.21 b= 31001‘71002‘ l3|m3 — (3.31000).(7|002'13|002).13 § 7. Ti LE THG’C
=3.13.(3)™(7.13)'" =3.13.31.91'"*. 71 a)5:14; b)4:3; ¢) 25 : 36.
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7.2
7.3

7.4

7.5

1.6

7.7

7.8
7.9

7.10
7.11

7.12

7.13

a)Co; : b) Khong.
a)Co,vidu:3:(-12)=6:(-24);
b)Co,vidu:6:9=1,2:18.

91216 12 15 20 16 20 _1s

15 20°16 20 15 216 12’
24 09 24 8 32 09% 32 8
8 3,2 :
-5 =5 _15 36_-1L2 3
-,2 36 15 -5 ' -1,2 -5
Ta c6 3.81 = 9.27. Cac ti 1§ thirc lap dugc la :

3 .27 3 9 81 27 81 9

b)

9 81°27 81°9 3 °27 3
Tacébadﬁngthuc 1.625=5.125 5625 25.125 ;
1 t+

5.125;
Tlr rnn| (‘Eqn ﬂ'\lw‘\ !rnn ta lan direee A

Awil &

¢

lap dugce 12 ti 1€ thirc.
a) x=1/5;

2
a) x=2—;
) X 3

b) x =3/10.

b) x=0,125; ¢) x=0,01; d) x=l%.

a=b#0,b+c#0.
Ter2-Stacé:ad=bc (1
b d

Tir E—Z—csuyraa(b+e) b(a + ¢) hay ae = bc (2)
Tu (1) va(2)taco: ad = ae. 3)
Via#0néntr(3)tacéd=e.

Nguqclai,rﬁréngnéud=e(b+e¢0)thit€r%:%tasuyradu’qc

=§ suyra:3(2x-y)=2(x+y)

6x —3y=2x+2y
4x =5y
X..9

y 4

.a+b c+d . a+b b+c
Vi = nén = .Suyra:
b+c d+a c+d d+a

245

7.14

7.15

7.16

717

7.18

7.19

a+b b+c a+b+c+d a+b+c+d
+1= +1= = ()
c+d d+a c+d a+d
Neu a+b+c+d=#0thitht(*)suyra:c+d=a+d =a=c.
Neua+b+c+d 0 thi ta ¢6 ti 1é thirc ludn ding (a c6 thé bing hay
khongbangc)
t £t x% 462 16

Yy xzy "33 3

Tacé x =2y vax = 16y. Suyra 2y’ =16y hay y=8 (y#0). Véay
x=16.8=128.

Tacéb=2avac=3b=3.2a=6a. Do do

a+b a+2a 3a _3

b+c 2a+6a 8 8

X+y ay+y y(a+l) a+l

X-y ay-y yJ(a-1]) a-1"

Thé x=aytacé:

2
i:-l=i.z=i-z-.Tf.r3x=2ysuyr::1£=3.
Y2 2Zx yz y y y 3

2
o x4
Vay—=l=—z=—
yz zx y 9
Tu—=£suyra3—l=—~l=>ﬂ=3—_—d-.
b d b b d

§ 8. TINH CHAT CUA DAY Ti SO BANG NHAU

8.1
8.2

8.3
84

85

8.6
8.7

246

x=27;y=33.
x=24;y=50.

7x=4y=>%=%.Dépsé:x=32;y=56.
Goi céc canh cta hinh chirnhat lax va y, ta c6 :

§=£ va 2.(x +y) = 40.

Tudénmduqcx—s y = 12. Pap s6 : 96m?.

Goi s6 san pham cua hai ngu(‘n laxvay. Tacéd:
—=0,8=— ay—-x=50.
v 5 Ay-x

Diép s6 : 200 va 250 (san phdm).
1,5:72.5%.3.5:45.
8,lcm ; 13,5cm ; 18,9cm.



8.8

8.9

8.10

8.11

8.14

8.15

Huéng din : Bién déi —=-L , L =2
20 24 24 21

Pépsd:x=60;y=72;2z=63.
x=15,y=7,z=3,t=1.

x=2k+1
o 0 o P
2., %. 6 z=6k+5

5z2-3x -4y =50= 5(6k +5)—3(2k +1) - 4(4k - 3) = 50.
Tir d6 tim dugc k=2. Papsd:x=5,y=5,z=17.
Tir cac diéu kién 2a = 3b va 5b = 7c ta suy ra 10a = 15b = 2l¢
10a _ @_Zlcﬁ a_b_c _3a+5c-7b_30
200 210 210 21 14 10 63+50-98 15
Viy:a=221=42; b=2.14=28;¢c=2.10=20.
x=6;y=16;z=10,
Hudéng dan : S phai tim chia hét cho 18 nén né phai chia hét cho 2
va 9. Vi cdc chir s6 cuia n6 ti 18 v6i 1 ;2 ; 3 nén tong céc chix sb cua
né phai chia hét cho 6. Goi s6 phai tim la abc thi ta s& b :
at+b+c=18vaa:b:c=1:3:2hodca:b:c=3:1:2
Dap sb : 396 ; 936.
Goi s6 mét khdi nuéc bom duge cia ba may lan lugt 13 x(m®),

y(m?®) ,z(m?).Tacd: x+y+2z=235 ‘ )
Ix=4y=5z.
3x 4y 5: hay—=y=—
60 60 ~ 60 20 15 12
Ap dung tinh chit cua day ti s6 bing nhau, tir (2) va (1) tacé :
X_y_z_ xty+tz 235 .
20 15 12 20+15+12 47
Dodd:x=520=100,y=5.15=75,z=5.12=60.
Viy sé mét khéi bom duge ciia ba may theo thi tr 1a 100m’, 75 m®

va 60 m
Goi sb hoc sinh cuia ba 16p 7A, 7B, 7C theo thir tr 1a x y, z. Theo dé

Tir3x =4y =5z suyra — (2)

bai, ta co : x+y+z= 153, y=§x " z=%y. Do y=§x nén
X=§hayi=1,z=£ “ni:Eh L=Z Tacs
x 9 9 8 16 y 16 16 17

X Y. .2 x+y+z - 153

18 16 17 18+16+17 S1

247

8.16

8.17

8.18
8.19

8.20

8.21

8.22

248

x=3.18=54 ;y=3.16=48;2=3.17=5L.
Pap s6 : S6 th sinh cua ba 16p 7A, 7B, 7C theo th{ tu 12 54 ; 48
va 5l.
Goi hai s6 phai tim 12 x va y. Theo dé bai, ta c6 :

x_4 x+12 11

Ta bién déi : i=i=,i=i=.l=_y. (D
y 5 4 5 12 15
x+1,2=l_l_:>x+l,2=l @

Y -5 THRRE
W) va Q) 2o BELE_XSCLD) L% 5
BB T 12-1 1
Viy:x=-1212=-144; y= -1,2.15=- 18,

bat =k =>x=2k, y=5k.

Nl):

24
&
Papso:x=4,y=10;x=-4,y=-10.

Pép s6 : Canh 9cm,duongcao 6cm
a_c_a_b_atb_ab_a+ba+b_ab_(a+b)

b d ¢ d c+d cd c+d c+d cd (c+d)?’
Tira+c=2bsuyra:d(a+c)=2bd (1)
Talaicod:2bd=c(b+d) (2)
Tr()va2):dl@a+c)=cb+d)=>ad+cd=bc+cd

=ad= l:-c:::»i—E
b d

Theo tinh cht ciia day ti s6 bing nhau, ta c6 :
Y _X+y_X_y+(X+y)+x _ 2(:¢:+y)_2
X—-z z y (X=2)+z+y X+Yy '

Vay : 2o,
Y

Tacé - a+b-c+2=a—b+c+2=—a+b+c
c b
a+b+c _a+b+c _a+b+c
) c b a
Neua+b+c=0thia+b=-c,b+c=-a,c+a=-bnén
M= EOCED)
abc

+2.Suyra

(1)



8.23

§9.

9.1

9.2

9.3
9.4
9.5

9.6

9.7
9.8

9.9

Néu a+b+c#0 thi (1) tré thanh l——;—-—:a b=c nén

2a.2a.2a _

M=""=8
a
Viay:M=-1, M=8.

Tacod: I . (SR (. - +1.
y+z+t Z+t+X t+x+y X+y+z
suym:x+y+z+t=x+y+z+t X+y+z+t x+y+z+t

y+z+t Z+t+x t+x+y X+y+2z

Néux+y+z+t=0thiP=-4.
Néu x+y+z+t#0 thix=y=z= tnénP=4.

SO THAP PHAN HUU HAN. SO THAP PHAN VO HAN TUAN
HOAN
21 =7
R s Miu khéng c6 ude nguyén té khac 2 va 5 nén
-750 250 25
phan sb viét dugce dudi dang ) thap phén hiru han.

2B A _ % Minchchenb nguyén to 3 va 7 khdc 2 va 5

35 105 3.9
nén phan s nay viét dugc dufri dang sb thﬁp phén vd han tuén hoan.
8 17

= =030 ; —= 0425 ; -0(36),——0,41(6).
25 40 1
%=2.(3);%=0.(7);—-0(4) B _0.2).
a)-0,3); b) 0,(571428) : c)2,(72), d) - 1,14(39) .
iz Bz O 1 » i)~k
20 . 25" 50° 40
479 ) Z1067 . -32117 1032787 . 8263
a)_ ®330° @ 250 Y 9900 ° 2 2499750 D 9080 -
~2410, 3713 173 -10771 . 593
a)_ ® 590 D000 V350 P 3330 ¢ D nn0°
Cau tra 1oi dung la A, 15.
Giai thich : 0,363636....= 0, (36)-%-% R3ring4 +11=15.

Cau tra 1oi ding la D. 57.

Giki thlh ; 0;4B1818L..=0AEN=21=4 477 . 53

990 990 110°

249

9.10

9.11

9.12

9.13

9.14

9.15
9.16

Rd rﬁng 110-53 = 57.

1 42-4 38 19
——_—- 42)=——=—=—
0.%) 0.7 3 0:45) 90 90 45°

0(3)+3 +04(2)--1— £+E 184=4i.

3 3 45 45 45
Dépsﬁ:lﬁ.
90

l65 225

T260 260"
a) Chéng han a = 213,68 hodc a =214, 56 ;
b) Ching han a = - 25,47 hoic a = - 24;98.

§ 10. LAM TRON SO

10.1
10.2
10.3

10.4
10.5

10.6
10.7
10.8
10.9
10.10

10.11
10.12
10.13

250

138 = 140;62 = 60 ;67 = 70.

7842 ~ 7800 ; 89367 ~ 89400; 917 527 ~ 917 500.
a)n=~3,14;

b) n=3,1416;

c) m=~3,141593;

d) m=~ 3,141 592 653 589 793 238 462 6.

a) 79, 383 ; b) 79,38 ; ¢) 79,4
a)7,92; b) 7,92 ; c) 17,42 d)79, 14;
e) 50,40 ; ) 61,00; 2)0,16; h) 0,20.

17493~ 17 000 (tron nghm)
S6 16n nhit 14 82999, s6 nho nhét 12 82500.

a)8; b)7,6; ¢) 7,56 ; d) 7,564.
lem = 0,39 in.
Ift = 0,305m.

1 i) 3
a) —252-2,33 : b) 6;=6,29 : c) —4ﬁz—4,27.
a) 11,34; b) 3,66 ; ¢)313,27; d) 32,98.
a)ﬁ-a-@ 6 E--3+'75m105

L7 18 2 2



by 2125392 014 04 4 ..
0,0836+0,76 0,08+0,8 09 9

10.14 a)74;  b)120; ¢)31; d)72; e 110; f)60.
10.15 a)18;  b)58; ¢)7,7; d)1,8; ¢€)04.
10.16 a)310; b)7,0; ¢)17;  d)59.

§ 11. SO VO Ti. KHAI NIEM VE CAN BAC HAI

11.1

11.2

11.3

114

a) Vi 3* =9 nén V9 =3;

b) Vi 42 =16 nén V16 =4 ;

¢) Vi 10* =100 nén Y100 =10;
d)Vi 02=0nén V0 =0 ;

e) Vi L,I* =1,21 nén 1,21 =1,1;

f) Vi (0,5)* = 0,25 nén /0,25 =0,5;

: A 4 2.
V‘(_) =g £ ( 3
DVI3) =y ™nyg=3"

h) Vi (=2)> =4 nén —J4=-2 ;
i) Vi (=5)* =25 nén —J/25 =-5.

Canh hinh
vubngA [ 1,5 | V3 | 2 [25]35]| 4 |VI9|v21] 57
Dién tich

hinh |225| 3 4 16,25(12,25| 16 | 19 | 21 |32,49

vudng A

6 1
80; b) ——=-1-; 0,4.
a) ) ==l c)

a) Jo.4=36=6 : Jof4=32=6. Suyra: V9.4=9./4.

b) V16.25 =+/400 =20 ; Y1625 =4.5=20.

Suyra: V16.25 =16.4/25.

¢) /2,25.2,56 =+/5,76 =2,4 ; 4/2,25./2,56 =1,5.1,6 = 2,4.
Suyra: /2,25.2,56 = /2,25.2,56 .

d) /2,89.6,25 = /18,0625 = 4,25;/2,19./6,25 =1,7.2,5=4,25.
Suyra: /2,89.6,25 = [2,89./6,25 .

C6 thé néu du dodn : Vab =va/b (220, b>0).

251

11.6

11.7

11.8

11.9

C6 thé néu dy doén : — (a20,b>0).

Ding thirc @ & mdi dong 14 sai.
[TE E Jo

VIUTIZ +NYIUTVI,

vi V16+9 =25 =5 nhung V16 +V/9 =4+3=7.
J169-144¢J16 -J144,
vi V169-144 =25 =5 nhung V169 144 =13-12 =1.

1 9 11
+ +— += +—
X 50 3 7 3 +1
; 3 A 81 242 1
X 25.10 64 4,9 18

a) J[49] =7 b) V169 =[13] ; o @) =14 ;

o~ o o(f)f
o (yBD) =81 m =0

a) 10,9 =0,3 sai vi (0,3)* =0,09 sira lai : J0,9 20,95 (lam tron
den chir so thap phan thir hai).

b) \}(—13)2 = 13 sai, sira lai \/(~=13)2 =169 =13.
¢) V121 =112 sai, sira lai V121 =11.

11.10 Ciccausailaa);d);e).
11.11 a)5; b)3; c) 11:: d)9; ¢) 49.
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11.12
11.13

11.14
11.15

11.16

1L17 A=

11.18
11.19

11.20

b) x=45 ;
Ry x=43 4 b) Khéng cé ;
a) x=%9 ; b) x=32: ;
a)x=-2;x=4;b)x=-4;x=1.

W) xX=22 c)x=0;

c)x:i\ﬁ;
c)x=t\/§;

d) x==%I1.
d) x =13,
d)x=:l:\/ﬁ.

a1 T
a)Vidpy —=.Tacd =>|=| vi=>-—,
2 2 A2

b) Vi du l.Tacé l<\ﬁ vll-(l.
: 4 4 V4
¢) x = x* khi va chi khi x* =x =0 hay x(x- 1)=0.
Viy tét ca cic s6 ¢6 tinh chit d6 12 0 va 1.
V9.87.16,25 _10.16 _ V160 13
4,52.1,77 5.2 10 10
A=x52 ;B=x15; C=2].
A~-2779 ; B~0,33; C~-1,82 ; D~-76,71.
Theo 2) va 3) ta c6 N =abca. Theo 1) ae{l; 4;5; 6;9}. Theo 4)

abca=10=>a’bc=10. Tirdéa=1; bc = 10 = 2.5. Trong hai s6
1251 va 1521 chi c6 1521 théa mén diéu kién 1).

~1,3; B=ll.

1521=39%.
§ 12. SO THYC
121 -2[gN;2[dz; 2[dQ; 2[dRrR; 2[¢I;
V2[dr1; J'E]Q V2[dRr; z[dQ; N[T]R.
12.2 a)Néuala sb hiru ti thlac(ing 14 56 thie.
b) Néu a 14 sd hiru ti thiawct dugce dudi dang s6 thip phén hitu han
hoiic s6 thdp phan vé han tudn hoan.
12.3 Cic cédu a, b ding.
Céu ¢ sai. Vi dy a=+/4 thia =2, khong phai sb vo ti.
124 a)ZnNnI=0; b)@QNnR=Q.
125 2)0,135<0,135); b) o,(3)=%>%.

a.

c) 2,1(467)<2,15= d) [0,(3))* > (0,3).

2
9OEIF>0.20%5 0 =(2) (0.6 > (0369

121

253

12.6 a) 0,545545545...>0,54545454...=£ ;

11
b) —2% =-2,22222...<=2,212212221... ;
c) 7% =7,615384615384...> 7,567567567... ;

d) 1,2121212.. —1l
33

12.7 a) 3,737373 ... <3,767676 ... ;
¢) 6,821821821 ... > 6,8218 ;

b)-0,1845 < -
d) 7,315315...

0,184184 ... ;
<7,325316.

12.8 0,4636363...<0,463736 < 0,4656565... < 0,466 <%.

129 a) 169<170=>+169 =13 <170 =170 >13 ;

b) 6<9=V6</9=3=3>6 ;

€) 225<226=>+/225 =15</226 = V226 >15 ; -

d) V17 >/12.
1210 (645)" =36.5=180

(6v5)" >(5v6)" suyra 65 >5V6.
12.11 a) Vi V7 <9 =3 va V15 <16 =4 nén

74415 <3+44=T=JT+15 <7.

b) Tacd 17>16 =4 ,J§>ﬁ=2 nén

\/ﬁ+\l§+l>4+2+l=7=m>m

suyra: N7 +5+1>/45.
12.12 (2l+31) ( +3 ) 71=IQ
3 2 2 86

—( +3—) 1@--;1

86 2

E_(H_:g)_—z:;s

6 7 43

22 35 245

7 6 43
22 -43

7 42

254

k]

(546)" =25.6=150. Vi 180>150



12.13
12.14
12.15
12.16

12.17

12,18

12.19
12.20

12.21

12.22

o8 2
42 7
1
X=-4—.
6.
X =498425.
x=4,
0,2.
A =100,

Gia sir V7 1a sb hitu ti, nhu vy 7 ¢6 thé viét duge dudi dang
2
phan sb t6i gian = tirc 1a V7 =. Suy ra ‘7=m—2 hay 7n® =m?
n n n

(1). Ding thirc (1) chimg t6 m?:7 ma 7 14 s6 nguyén té nén m:7.
Dit m = 7k (k€Z) ta ¢6 : m?> =49k? (2). Tir (1) va (2) suy ra
7n® =49k* nén n? =7k* (3). Tir (3) ta lai ¢6 n?:7 va vi 7 1a sb
nguyén td nén n:7. Nhu vdy m va n cing chia hét cho 7 nén phén
s0 % khong tdi gian, tréi gia thiét. Vay 7 khong phai 12 sé hiru ti,
do d6 /7 1a s vo ti. .
Nhn xét : Bang phuong phap néu trén, ta c6 thé chimg minh dugc
ring : Néu s6 nguyén dicong a khéng phi la s6 chinh phwong thi Ja
la 56 vé ti. Chiing han : V2, /3, /5, V6, /8;... 1a nhimg s6 vo ti.
V2443

2

Céc s6 d6 c6 thé 13 1,42 va

Lﬁychﬁnghan x=\/§, y=—\/§ roi tinhx +y, x.y,x:y.

Khoéng ding. Vi du V3 var-3 1a nhimg s6 vo ti duong nhung
3+ (7-4/3) = 7 khéng phii 1a sb Vo ti,

Dua vao dinh nghia cac phép toén vé sb hiru u Chu y rﬁng Vvéi cic sb

hiru ti thi két qua cua cac phép toan nay la s6 hiru ti. . Chiang han cau
b). Gia sir tich ctia s hiru ti x # 0 v6i s6 vé ti y 12 s6 hiru ti z. Ta ¢6

x.y = z. Nhu vdy thi y=—. Nhung z va x (x#0) 14 hai s6 hiru ti
X

nén thuong ciia chiing ciing 14 s6 hitu ti. Suy ra y 1a s6 hiru ti, trai véi
dé bai. Viy tich ctia mjt so hiru ti khac 0 véi mot sb vo ti 1a mot s6
vo ti.

Xét tp hop I'={nv2|n eN'}. G day n Ia s ty nhién khic 0, V2
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12.23

la sé vé ti. Theo Bai 12.21 thi nv2 1a mot.sd vo ti. Nhu vay I'c 1

nhung tép hop I' ¢6 vd s6 phan tir (vi n eN’ ma N’_ 1a mot tap hop
¢6 v s0 phan tir). Suy ra tap hop I ciing ¢6 vo s0 phan tir.

Gia sir a khong phai 12 s§ vo ti. Khi d6 a s& 12 mdt sé thap phan vo
han tuan hoan ma chu ki ¢6 n chir sd, s6 céc chir s6 dimg trudce chu ki
b?mg k. Xet ) N-IOm vai m la mot st nhién va m2n+k.

Trong so a, sau ddu phay, ta viét ké tlep nhau céc s6 ty nhlen kétir 1,

do d6 sd N ciing duge viét & mot vi tri ndo d6. Via la sb thap phan
vo han tuﬁn hoan va vi ¢6 m chir s6 0 dimg canh nhau & vi tri nao do
trong sba(m=n+ k) nén chu ki cua s6 thap phan nay chi gom toan
chir s6 0, nghla Ia alaso th@p phan hiru han. Piéu nay mau lhuan vai
dé bai. Vi vay s6 a khong thé 1a mot sé thap phan v6 han tudn hoan.
N6 12 mét s6 thap phan vo han khong tuan hoan nghia 1a a 1a mét s6
Vo ti.

ON TAP CHUONG 1
1. a) Xét ;; %-%-%d (vi mdi phan s cua tich déu nho
hon 1). Suyra: ﬂ<ﬂ
273 235
b) Tacé (343)° =323=27>25=5% nén 3V3>5 ;
(242)" =222=8<9=3" nén 242 <3.
Suyra 3V3-2V2>5-3=2. Viy 3V3-2V252.
c) 3 =3%3=(32)""3=9"3 (1)
o 22 =2%2=(22)2=8"2 )
Tir (1) va (2) tacé 3%' > 2%,
2. a)0,22(23)>0,2223 ; b) % <0,1428(57) ;
c) —2—3—)—2,67 : d) —%>—l,16667.
3. ) 99%°=99"99" <99'° 101" = (99.101)"° = 9999'
Viy 997 <9999'°.
b) 9% =(32)" =3% (1); 27" =(3?)" =3¥ (2). Tir (1) va (2) suy ra
20 > 27|3 4
256



Now s

© o

10.

11.

12.

13.

14.

13.15

c) Xéttich: (22 41)(27 +1) =2* +2% +27 +1
=2’°+2”.G+4)+1 )

(22 +1) (2% +1) =2 +2% +2% +1

=2%42%(14+1)+1 @
Tir (1) va (2) :
(22 4122 +1) > (23 1) (2% 1) Bt > 4
* ® ® 7 25F1 271
d)Tac: 4% =202 =214 > (2)" 3% = (8.3)°.3° > 24"°3.
Do d6 : 2% +3% +4% > 324",

an=6; b) ne{3;4;5} ; c)n=>5.
aln=35; b)n=6.
a)x<0hoicx>0; b)x=0.
a)Khéngtdntaix; b)x=0; c)x=2;
d)x>0; e) x bat ki.
a)x<Ohoicx>0; b) Khéng ton tai x.
a)x20; b) x<0;
c)x=2; d) x =0 ho#ic x = 2.
9 1
=-==-]-; B=80
8
74 479 -1067
— b) —3 e S
Y30 ) 330 ©) 250
-32117 1032787 -8263
d) ; €) ; f)i—ss
9900 2499750 19980
13 : -79
33— ; b) —.
)31 ) 225
22
—r b) 1.
2) 45 )

2) 12597 =(1229)" =(2°3%)° =(18*)" =18%.

b) 14,2.(11+41)+5,8.(11+41) = 52.(14,2+5,8) = 1040.

c) 75%° =(25.3)° = 25%0.3% = 5% 910 — (5.9)'0 530 — 451° 53,
d) 31.(82+43)+125.(48-67) =125.(31-19) =125.12 = 1500.
a) V21 >20 va =5 >-J6 nén V21-5>v20-6.

b) V2+V8<V3+V9=13+3;

17A- COTVPPGT7H 257

13.16

13.17
13.18

13.19

13.20

c) J37>J53=6;—J1—4>—JE.Suyra V39 -1456-15;
d)V5>2,3 ;V10>3.Suyra V5+10>5,3 ;

a)4; b) 30; c) 4%.

A 16n hon B va gép 180 1dn B (A =90, B =0,5).
a)x=-30 ; y=-45; z=-36.

x._ ¥ & 2 2 S0
b)_Dat—=—=-—=k.Chuyx,y,z,kcungdau.
x=-4,y=-6,z=-10.

Tir . =-;-G+l] ta co %=ﬂ hay 2ab=c (a +b), suy ra

c b 2ab
ab+ab=ac+bc=ab-bc=ac—-ab = b(a—-c)=a(c-b)
Giads e d
ASNT WA c_ bn
Tirb=%suyra:2b=a+c )
Tirc=§3c:_l suyra:2bd=c(b+d) (2)

Tr(l)va(2)tacé:(a+c)d=c(b+d)
ad+cd=bc+cd

ad=bc

a c¢

b d

Chwong 2. HAM SO VA DO THI

§ 1. DAI LUQNG Ti LE THUAN

1.1
1.2

1.3

14

258

1

_ 2

Chu vi C va d dai a cia mdt canh hinh vudng 14 hai dai lugng ti 1§
thugn viC=4a. Hé so ti 1€ 1a 4.

p ti 1¢ thuéin v6i q theo hé s6 ti 1& k thi ta c6 p = k.q.

u va v ti 1 thuén véi nhau thi ta cé :

- u ti 1¢ thuén v6i vtheohé s tiléa(a=0):u=av.

1 : 5 T
y=2x=‘:—x=5y : X ti I¢ thuan véi y theo hé 6 ti 16

-vtiléthuanvé‘iutheohésétilé-l— : v=lu.
a a

y, ti 1¢ thudn véi x, theo h¢ sé ti 1@ anén y, =ax, ;

178- COTVPPGT >



1.5

1.6

1.7

1.8

1.9

1.10
1.11

y, 1i 1 thudn v6i x, theo h¢ s6 ti 1¢ anén y, =ax,.

Suyra y, -y, =ax, —ax, =a.(x, - X,).

Vay y, -y, ti ¢ thudn véi x, —x, theo hé sb ti 1 a.

Chu vi C cuia tam gidc déu ti 1& thuin véi canh a cia né : C = 3a. Hé
s6 ti 1€ 1a 3.

Canh a ctia tam gidc déu ti 1& thuan véi chu vi Ccliané : a= %C. Hé

el
sotiléla —.
2

k=%'=—l,5.Tac6 y=-1,5x =>x=—%y.
X -4 -0,5 0 1,5 25 3 3
y 6 0,75 0 |-225(-375| -45 | -7,5
a) &1 -h—u—i=—3.Tac6y=-3x
Xy X, X +x, =2
b) I 1 1
X -2 -1 2 3 9 0 2
3 1
y 6 3 > 1 3 0 | -6
a) h=13-=3!-'-=&=2y'_y’ = Bl =—-1-.T o0 y=--x
X X 2%, 3x, 2%-x, -825 3
b) 9 6 | 18
2 = = . 2 g ==
X 3 3,6 T 2 0,4 > 5
Lz | -2 o |oae | 12 | -12
y ¥ ll 3y ] 7 »

a)Tac6y=kxnén y, =kx,, y, =kx, (k#0).Dapsé: y, +y,.

Y Y )’z Yle
b) —=vy, ; k=—; d) k.—
) -2y o) k! il 2= AL
Ta cé y=-0,3X. y ti 1 thudn véi x theo hé s6 ti 1¢ - 0,3.

5 -16,32

y khong ti 1€ thuén véi x vi -—2-;&

(-2,5#-2,4).
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1.13

§2.
2.1

2.2
2.3

24

2.5
2.6

260

-2 _.1 2 6
Viy x, =4 ==l ;y,=3.2=-2
ay X 5 Yi - 7
2l i 1=
BB % 3 B3 = 8. 2
e A TRk T
= 5- & = &
7 8 § 3 2

Suyra: y, —-—3— 3=-5, x, =—3-.(-6)=10.

MOT SO BAI TOAN VE PAI LUQNG Ti LE THUAN

a) x va y khong ti 1¢ thudn.

b) y ti 1€ thuan véi x theo hé s6 tilé —0,4. Tacé y = - 04x.
1200kg gao.

12,5g muoi.

S6 xang tiéu thula: % =113,75 ().

109 2

7m® =7000dm’ ; 7m’ sit cin niing : ——.7000 = 54600 (kg).

M3i lugt huy déng xe, cac don vi van qhuyén mot khoi lugng hang
tuongimg la: DonvjA: 12.5 =60 (tan).

Pon vj B : 15.3 = 45 (t4n).

Pon vi C:20.3,5=70(
Vi s luot huy dong xe la nhu nhau nén khm lugng hang véin chuyen
dugc cua ba don vij ti 1é thuan véi khéi lugng hang cua cac don vj
van chuyén dugc trong moi luot huy dong.
Goi x, y, z l4n lugt 1 sé tén hang cac don vi A, B, C vin chuyén
dugre, taco :



2.7
2.8
29

2.10

2.11

X=X oZ vax+y+z=700.
60 45 70
Tir d6 tim duge : x = 2403 y = 180 ; z = 280,
2)27;36; 54 b) 52 ;39 ; 26.

x=15; Y= 2,5;z=3,5.
Tru'érc het ta wét ti s6 gitra céc phan s6 thanh ti s6 gilra céc s nguyén

3 5 2 30 30 30
Theo dé bai, ta c6 : =—= =
20 18 15 20-15 5
x=-1,320=-26 ; y=-13.18=-23,4 ; z=-1,3.15=-19,5 .

Tach: 05112100 mt:3:2 28,2037 50107,
1 4 23 4 [212 12
Gia sir s6 M duge chia thanh ba phin x, y, z. Theo dé bai, ta ¢6
L .
6 20 27

x* v z xX2+y +2' 4660 3
ARt el 2 2 T =4m2
6° 20° 27° 6°+20°+27 1165
Suyra: x2=226" =12 =>x=%I12;
y? =2220% =40 = y = 440 ;
22 =2227" =54 = y =454 .
Viy M= 12+ 40 + 54 =106
hogic M = (-12) + (- 40) + (- 54) = - 106.
Goi s6 mét dudng c ba td phai lam 1a M, sé mét duomg cua ba té
theo dyr dinh ln lugt 1a x,, y,, z, va khi chia lai 1a x,, y,, z,. Ta c6
X\ Y% Xty +Z

[ et g R R SRSL S S X Msufa
5§78 7 Sween —iY

M 6M M ™M

= e | ) ]
NN g T g S
e ¥a B _Ktnarn Mo
4 S 6 44+5+6 I's
LM M M MM =
TR T e Y e T R

So sanh (1) va (2), ta thiy chi c6 z, >z,. Véy:
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2.12

Vi z, -z, =10 nén %=10=>M=900.

__2”0 ¥s =@-3oo L2y = 2—9509=360.

S6 mét duo'ng ba t6 dugc phan chla 1a : 240m, 300m va 360m.

Goi khoang cach AB 1a x (km) (x > 0), van toc cia nguoi di xe may
tir A 13 v,, vén téc clia ngudi di xe méy tir B 1a v,. Tir khi bt dau di
dén khi gip nhau lan thir nhét, hai ngudi di trong cing mdt thoi gian
nén quing dudmg ho di dugce ti 1é thudn voi van tc cuia ho. Do do,
15 v,

Viy : xz—

tach: =— 1
x=15 v, M
Tir lrl-n n p nhan I&n thir n él‘ Aén Lhi odn nhan Ic’in thir hai ha ofino
A W Ina AANE AVARE MEAMA ARRESAN NAWAR R avy AREAGANSE AGAdL BAENE disdly llv \l‘\lllb
di trong ng mét thoi gian nén ta co :
x=15+9 N ay x—6=i @)
15+x-9 v, X+6 v,
15 X-6
Tir(l)va(2)tacod: = —
e x=15 X+6
(x-15)(x-6) = 15(x+6)
X(x-6)-15x-6) = 15(x+6)
(x*=6x)-(15x-90) = 15(x+6)
x?=6x-15x+90 = 15x+90
x*=2Ix-15x = 0
X(x-36) =0
Vix >0 suy rax —36 =0 hay x = 36.
Quing dudmg AB bing 36km.
§ 3. PAI LUQNG Ti LE NGHICH
31 a)uvavtilénghichnén u=2 )
v
v va t ciing ti 1& nghich nén v=% (2)
Tu()va@)tacé: u=—=at=2t
b o b
t
262



3.2

33
34

35

3.6

Vayu vat ti I¢ thun.

b) u va v ti 1& nghich nén u == (1)
v
v vatti 1¢ thudn nén v =kt (2)
A
3 a_k
Tr(l)va(2)tacé: u=—==
(Hva(2) T
Véy u va tti 1 nghjch.
c) u va v ti 1¢ thudn nén u =kv . (1)
v va tti ¢ nghich nén v == )

t

4]
Fsl
]

Tr(l)va(2)tacé: u=k.—=—.

t t
Véy u va t ti 1& nghich.
Sir dung két qua Bai 3.1.
a) Hai dai lugng cing chi s6 chiin ti 1é thuan.
b) Hai dai lugng cling chi s6 1é ti 1¢ thugn.
c) Pai lugng mang chi s6 chin ti 1¢ nghich véi dai lugng mang chi sb
lé.
Cac dai lugng néu & cac ciu a, ¢, e 1a cac dai lugng ti 1¢ nghich.

a=x.y=6.10 = 60. Viy cong thirc phai timla y = %Q Ta co bang :

X -3 -2 2 6 -10

y -20 -30 30 10 -6
xy=80=>y= 80 :

X

X 8 10 16 20 25

y 10 8 5 4 3,2
Tacéd v.t=l,35=t=l—is-.

v 20 30 45 60 75

t 6,75 4,5 3 22 1,8
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3.7
3.8

3.9

3.10

264

y ti 1¢ nghich vdi x, tacéd y = -@-
X

Nhin xét : 4.22,4+9.10. Viy x va y khong phai la hai dai lugng ti
1€ nghich. )

Khi bo sung 6 ngudi nita thi dgi s& c6 24 + 6 = 30 (ngudi). Vi so cay
khong doi nén s6 ngudi va sb ngay trong céy ti 1¢ nghich véi nhau.
Gia sir 30 nguoi trong sb cay da du dinh trong x ngay. Ta c6 :

2B e
. 30 5 30
Viy s6 ciy duge trdng xong sém hon 5 -4 = 1 (ngay).
) Tach: Dadio N 0o NitY i

X2 Vi X X XtX
Vix, =5x,=2,y,+y,=21 néntir(1)tacé:

Y 3'2_3"1"'3'2 21 3 (2)

Tu(2)suyra: y,=3.2=6;y,=3.5=15.
Tach: Do 2 3% 24-3% -
X2 N 2x, 3y, 2x,-3y,

Vix,=3,y,=7 va 2x,-3y, =30 néntir (1) tacd:

2)

Tx(2)tacd: x,=-23=-6 ; y,=-2.7=-14.
Tir khi gap nhau lan thir nhét dén khi gdp nhau Ian thir hai, ho ciing
di trong ciing mdt thoi gian nén ta cé :

x—15+9_i x—6__i
Bard w2 56 @ @)
¢ 15 x-6
Tr(l)va(2)tacd: b = %
(x-15)(x-6) = 15(x+6)
X(x-6)=15(x-6) = 15(x+6)
(x*=6x)-(15x-90) = 15(x+6)
X —6x-15x+90 = 15x+90
x?=21x-15x = 0
x(x-36) =0
Vix >0 suyrax-36=0hay x = 36.
Quing dudng AB bang 36km.



§4.

4.1

4.2

43
44
4.5

4.6

4.7

MOQT SO BAI TOAN VE DAI LUQNG Ti LE NGHICH

a)a=1,6.7,5=12.Tacd y=£.
X

b)| «x -6 | -48 | -3 | -24 | 1,6 12 | 05
y | -2 |-25] -4 |-5 |75 | 10 | 24

a)y,=6,y,=8; b) x,=—4,y,=-10.

6 gio.

384 thanh ray.

Goi t,(h), ty(h), t;(h) lan lugt la thei gian di tir A dén B cla ngudi
di xe may, ngudi di xe dap va ngudi di bj. Ta ¢o 2

t,—t, =2 (n
Cung quang dudng, van toc va thoi gian ti 1& nghich véi nhau, do d6
t,, ty, ty tilé¢ nghich véi 12 ; 4 va 1,5. Taco

12¢, = 4t, = 1,5t, hay —L = @)

Tir (1) va (2) tacé : -—=—=—'-=-=1=>t,=1.3=8.

Vay nguén di b di tir A dén B mit 8 gio.

Thoi g:an xe I di het doan dudmg AB la: 14 -8 =6 (gid)

Thai gian xe 11 di hét doan dudmg AB la: (14 -0,5) -9 =4,5 (gio)
Trén cling mt quing dudng, van tc va thoi gian ti 1¢ nghich véi
nhau. Goi v,, t, 1a van tdc va thoi gian cta xe I va v,,t, la vin toc

va thoi gian cua xe II, ta ¢6 : il

Suyra: v, =20.3=60 (km/h); v, =60+20=_80 (km/h).
4

2 gitr 48 phit = % gio, 4 git 40 phat = %— gio.

Trén ciing mdt quang dudng, vén tde ti 1& nghich vai thai gian. Goi
v;, t, 12 vén toc va thoi gian ciia xe Ira thir nhét ; v,,t, 1 van téc va
thoi gian cua xe lira thir hai, theo dé bai ta c6 :

ll-=t—2==—3—-E va v, —-v, =26.
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4.8

4.9

4.10
4.11

4.12

4.13

4.14

266

v, V, V,—v, 26
S . A=2=l _2_-"_-13=3v,=13.5=65.
W e 5a3 2 '
Quiing dudng AB I vit, =65. l—‘f =182 (km).

bap so AB = 182km.

Vin toe ngugce dong cua cand la : 18 — 2. l ,8 = 14,4 (km/h).

Goi thoi gian cand di nguge dong tir B vé Alax (glb) Taco:

18 82,4

m-ﬁ& gio 24 phut =24 gid)=> x = l4,4 =3.

Pap s6 : 3 gio.

240 ; 160 ; 120.

Chiéu dai mdi manh : 28m, 20m, 14m. Dién tich khu dét : 420m?.

Goi t, va t, 1a thoi gian di va thoi gian vé. Bai toan quy vé viéc chia

14,5 thanh hai phén ti 1 nghich véi 45 va 42.

Dipsb: t,=7h;t,=7,5h; AB=315km.

Goi ba phin phai chia 13 x, y, z.

x v y tl 1& nghich véi % v % tire 1a t 16 thudn véi 3 va 2 ; x va z i

1é nghich véi % va % tuc la ti 1¢ thudn véi 5 va 7.

Tacé:i=1,£:£véx+y+z=230.3uyra
3 258V
X ¥ 2 x+y+z 230
—=tz—=— = _=5=x=515=75
15 10 21 15+10+21 46 i
y=5.10=50
z=5.21=105.

Goi s6 t&r gidy bac loai 10 000d, loai 20 0004, loai 50 000d theo thir
tu la x, y, z. Theo dé bai, tacé :

X +y +z =85 va 10000x = 20000y = 50000z (1)
T (1) ta ¢6 : x = 2y = 5z hay edof - 2 FnE §=

10 5 2 10+5+2 17

Suyra: x=5.10=50; y=55=25;z=5.2=10.
Tra 1o : S6 t& 10 0004 12 50, sé t& 20 0004 1a 25, sé t& 50 000d
1a 10.
Huéng din : Chia 114 thanh ba phén ti 1¢ nghich véi %% Vi %

£

Diép s6 : 27 xe loai 40 tin, 45 xe loai 25 tAn va 42 xe loai 5 tén.



4.15

2
1

Huéng dan : Chia 140 thanh ba phan ti 1 ngh|ch véi ~_67 va

bap s6 : 42m, 44m va 54m.

W

§ 5. HAM SO

5.1

5.2

53
54

55

5.6

5.7

5.8

5.9

5.10

a) y =x+3: Dai lugng y 1a ham sb cua dai lugng x.
b) y= -—;-x : Pai lugng y 1a ham s cua dai lugng x.

¢) y* = x : Pai lugng y khong phai 1a ham s6 cua dai lugng x. Ching
han, img v&ix =1 c6 hai gidtricuayla 1.

a) Khong phai ham sb vi gia tri x = 4 khong c6 gia trj twong img
cuay.

b) La ham sb.

¢) Khong phai ham s vi gia trj x = -12 ¢6 hai gia tri twong {mg khac
nhau cia y (’2 va 3).

d) La ham sb.

e) Khong phai ham so vi cdc gia tri cia x khong phén la cac sb.

Pai lugng y 12 ham s cua dai lugng x vi véi mdi gié trj cia x ta ludn
xdc dinh dugc chi mjt gia tri tuong img cua y.

Pai lugng y khong phai 1a ham so cua dai lugng x vi img vdi gid trj
x =5 ching han ta c6 hai gia tri cia y (wéc ty nhién ciia 513 1 va 5).
Bang miy khéng xdc dinh ham sb vi gi trj x = 6 khéng c6 gia trj
tuong img cua y.

C6 thé thay ddi bing mot trong hai céch :

- Véi x = 6 cho thém mdt gia trj tuong g cua y.

- Bo gia trj 6 cia x.

Bang nay khong xdc dinh ham s6 vi gia trj x = 4 ¢6 hai gia trj tuong
imgcuay (-2 va-4).

C6 thé thay ddi bing cdch bé mot trong hai ciip (x =4, y = - 3) hoic
(x=4,y=-4).

Bang nay ¢6 xéc dinh dai lugng y 12 ham sé cia dai lugng x.
Khix=-23thiy=5khix=-45thiy=7,khix=0thi y=2.

f(—%)—l— f0)=2 ; f(5)=-23.

e (F 2)_289_ 14
f(- 5)=f(5)=25 ; f( e
1

a) f(—1)=% FRO=0GE)==1. 1) F=s=0
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511 a)y=4x; b) y=x
5.12 a) 3 1
X -1 1 2 3 > >
1 2
=4 4 2 1- 2— 8
d 3 3
4
b) y=—.
X
5.13 a)ylahamsbcuax; b) y=Ixl.
514 a)f(-2)=5; f( ) 2—
b) |x—1|+2-3=>|x—ll=l:>x-l=l hojc x—1=-1.Dodé x =2
hozc x =0.
515 a)f(3)=4;f(-3)=4. b) y = f(x) = [x|+1.
§ 6. MAT PHANG TQA PQ
6.1  M(2;2),N(-3;0), P(- 2; - 3).
6.2 a)A(0;3); b) B(-2; 0) ; c) O(0; 0).
6.3 4
y
13
M prEEmRes reeeee <
N
¢ o2 sl I 2 34
3 1 0 T
B e o o i e -
D = B
24
6.4  a) Nhimg diém ¢6 hoanh d9 bing 2 nim trén dudng thﬁng song song
véi truc tung va cét truc hoanh tai diém ¢6 hoanh d¢ bing 2.
b) Nhimg diém c6 tung dj bing —1/3 nim trén dudmg thing song
song v6i truc hoanh va cét tryc tung tai diém c6 tung dd bing —1/3.
65 a)y=0; b)x=0; c)x=y.
66 a)x>0,y>0;b)x<0,y>0; ¢)x<0,y<0; d)x>0,y<0.
6.7 a) A va B khéng tring nhau ;

6.8

268

b) M va N tring nhau néua=b; M va N khéng tring nhau néu a # b
a) A(3;-2) ; b) A,(-3;2).



69 Cobéncipsd:(-3;-3),(3;3),3;-3),3;3). 713 a)f(-3)=1;f(0)=2;f(3)=3.

Piém A(-3; -3) thudc gée 1II ; dlém B(-3; 3) thudc goc II ; diém b)x=-3vif(-3)=1;x=0vif(0)=2.
C(3;-3) thuq:c goéc IV ; diém D(3'3) thuge goc I. P ON TAP CHUONG 2
6.10 a) x =0, y bat ki hodc y = I, x bat ki. Dé‘lé céc diém nadm trén truc e
tung (c6 hoanh d¢ x = 0) hofic cic diém ndm trén dudng thing song 81 a)A@; 1), B(;2; -3), C(1; -2). W B23)
song véi truc hoanh va cit truc tung tai diém 1 (co tung do y = 1). b) Céc cap o (- 1; 2) , (_2‘ ; 3)1 ; gifiee 5 :
b) x =- 1, y bt ki : d6 14 cic diém ndm trén dudmg théng song song (-2;-1), (15 - 2) duge bicu dien AC) |,
v6i truc tung va cit truc hoanh tai diém -1. trén mit phéng toa do twong img ; E
y =0, x bét ki : d6 1a cc diém ndm trén tryc hoanh. bdi céc diém A, B, C, D (Hinh vé a2t Th s
¢) D6 1a diém c6 hoanh d¢ 1 va tung d¢ - 2 thugc géc phan tr IV, bén). ) ‘ it :
. ; A 8.2 a) Cac diém c6 hoanh d¢ bing Rl et BRI
= Y 3 . '
§7.PO TH] CUAHAM SO y=ax (a=0) » -3,5 nim trén duong thing song ce2, | i il
7.1  Hoc sinh tir v&. 1‘ song vai trye tung va cit truc 4 -
72 Taw:y=hh4_fjﬁff£ . : : ‘ hoanh tai diém (- 3,5 ; 0). y .
FE= St -2 -10] .1 2 » 2— nam trén dudng thing song son
Db thi cia ham sb 1a hai tia phan gisc cia > | f-1' 2 ¥ b) Céc diém c6 tung 89 bing 27 ném trén duimg thing song song
hai géc phan tu I va I " ; . 1
o 0 Kl 550 Ay véi truc hoanh va cit truc tung tai diém | 0 ; 2; A
73 a)y=[xl-x= : ; g
)y l—2x khi x <0 -42 ¢) Céc diém c6 hoanh dd va tung d 1a hai sé biing nhau ndm trén
Db thj : xem hinh v& (*) ] dudng phén gidc cua cdc goc phén tur I va 111
|x| 1 khi x>0 : 5 d) Cic diém c6 hoanh do va tung d la hai sb ddi nhau ndm trén
o), y= -1 khi x<0 Ll -10] ! X dudmg phin gidc ctia cde géc phin tu 11 va 1V,
151 th; : xem hinh v& (**) S5 83 ay=-3x
7.4 a)a>0 ’ b)a<0. (A X 1 2 3 4 5
75 a)x20,y<0,a<0; b)x<0,y<0,a>0. 3
7.6 a, <0, a,>0 nén a, <a,. |1 P y 3 =0 = - 12 =13
7.7 a,=l,a,=-1néna, >a,. > -12
3 A 5L a4l -10 1 X b) y=—-:.
7.8  Chicocac dlem A(-3; 8) va'C(l; 0) thuge do =1 X
th[cuahén1son&y l > 7
7.9  Diém C khong thudc db thj ciia ham sb vi (**) . X 3 5
khix =-1thi y - 12 -6 -4 -3 -24
1
Y=5-(“|)‘§=‘5=5*-6- 84 a)TungddciaMla-l;
1
1 b cll i
710 a)a=3; : b)a=—z. b) Hoanh d§ cua M 1a 3. e q
L i ; 0)] Diém N khong thudc db thj ciia ham s. £ bzt
L8, aym=el; : . b) Hoe sisli e, 8.5 DO thj ham hing y = ¢ 13 dudng thing song
712 a) f(x)20 véi -1,55x<0 ;
: song véi truc hoanh, cit truc tung tai diém &
b)f(X)“:OVéﬂ —25x<—l,5 ho{lc 0<x<2. C(O C) 0 X’
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Khic=0,di“)thihémy=0chinhlérruchoénh. 84 g |
86 Aldm, Bl[dm), cldm), ; il 4

4
pld®), E[dm), Flgm.

8.15 a)a=6; ) _
8.7  a) Xem hinh v&. b) Cé tam diém c6 toa d§ nguyén trén do thjla:
b) Pudmg thﬁng AB di qua gic toa d§ O.

M(-L-6),  My(L6),  My(-2-3),  M,(%3),

c)* Tur diém trén truc tung c6 tung dd Ms(-3;-2), M¢(3:2), M, (-6;-1), M;(6;1).
bé’mg 4,5, ta ké duong th{mg song song 816 m=-6,n=-9,

v6i truc hoanh, dudng thing nay cit & 8.17 a)62;93;155; b) 150 ; 100 ; 60.

duong thang AB tai diém C. Tir C, ta ké 8.18 a)

dudmg th;’mg song song véi truc tung, Ay Y

dudng thing nay cit truc hoanh tai diém ] 1 sl

-1,5. Vay hoanh d¢ cua C la x=-1,5.
Tacé C(- 1,5; 4,5). ;
* Tir diém c6 hoanh d¢ 1,5 trén truc ' '
hoanh, ta ké dudmg thing song song vdi truc tung, dudng thing nay ) / \

“ v

..... | ¥t .

cét duong thing AB tai dlem D. Tir D, ta ké duong théng song song
véi truc hoanh, dudng thing ndy cit truc tung tai diém - 4,5. Vay

tungdy ciaD lay=-4,5. Tacéd D(1,5; - 4,5). b) y=—[3x| = -3x khi x>0
8.8  Cic diém M va N thudc d6 thi ciia ham séy=ax+bnén taco: y X 3x khix<0
5 T -ll.a +b=>-a+b=5 (1). 8.19 Hoanh d§ x cua giao diém phai thoa man diéu kién :
25:534:1):33*‘31):? (2) 4){:&(){;&0) hayz],xz:l:_xz:.j;:x:i_zl._
Cong timg vé (1) va (2) taduge :4b=12=>b=3. " | I 1
Thayb=3vio(l): -a+3=5=>a=-2. Tir d6 tim dugc hai giao diém : (5;2),(-5:~2)-
V@yhamsola y=-2x+3. I
89 Thayy=3x vio timg ding thirc. 8.20 a)g(x)20 véi 0<x<4—;
a)M(0;0); b) M(- 2; - 6) ; ¢) M(- 3; - 9). il 4
8.10 Taco f(x, +X,)=a(xX, +X,) =ax, +ax, = f(x,) +f(x,). g(x)=2v6i I<sx<3; 1
8.11 a) £(0) = f(0+0)=f(0)+£(0)= £(0) =2f(0) = f(0)=0. 8(x) <0 vi ~1<x <0 hofic 47 <x 5.
b) Tacé: f[(=x)+x]=£(0). b) ] 1
Theo cau a), £(0) =0 nén f(-x)+f(x)=0,suyra f(-x)=-f(x). X -1 0 3 1,75 3 45
A gx) | -2 0 1 2 2 0
. N X A% %
8.12 Tacéy,=x—l,y1=x—2.Dod6.;l-—E'—xl-a2—xl (a#0). ¢) y=2x (-1sx<l); y=2 (Isx<3).

X2
8.13 Cic diém A(3 ; 4) va C(- 2 ; - 6) thujc db thj ham sb.
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Chwong |. PUONG THANG VUONG GOC. PUONG THANG

§ 1. HAI GOC pOI PiNH

1.1

1.2

-
W

1.4

1.5

1.6

1.7
1.8

18A- COTVPPGTIN

. AOC = BOD = 70° (déi dinh).

PHAN HiINH HOC

SONG SONG

a) Bang ; - :
b) Sai. Trén hinh v& bén, hai géc O; va O; bing 0<J>
nhau nhung khong déi dinh.

C6 hai ciip goc dbi dinh AOC va BOD, AOD D

C-ﬁ
va COD BOC va DOA
AOD va DOB k& bu nén :

BOD =180° - AOD =180° -110° = 70°
BOC = AOD =110° (déi dinh)

Taco : AT(')T:-KE)“IS::O";
AOC +AOD =180°
nén  AOD=(180° -20°):2 =80°
AOC =80° +20° =100°
BOD = AOC =100° (i dinh) ;
BOC = AOD =80° (i dinh) .
S6 do goc thir tu : 360° —300° = 60°
Tir d6 tinh duge : COE = DOF =60 ;
COF = DOE =120°.

0, =0, =25% 03 =0, =25°; 04 =0, =25°.

03 =_0|,04 =01 ma 0| =02 nén 03 =04
Tia ON la tia phan gidc ciia goc COD. o A

O |z
"~

273

1.9  AOE = BOD = 30° (déi dinh)
AOE = AOC = tia OA la tia phan giac ciia goc

COE.

1.10 Ec_}E_lao" DOE =180° - 25° = 155°.
—— 0
Boc=A—OB=£=25°.

2 2

EOC +BOC =155 +25° =180° nén hai tia OE,
OB déi nhau. Géc déi dinh véi géc DOE la goc
COB.

§ 2. HAI PUONG THANG VUONG GOC

2.1 Céc tir dién vao bai la: AOD, DOB, BOC.
2.2 a)vab)xem hinh v&.
¢) Giao diém cua hai dudng trung tryc néi trén 1a
tam O cua dudng tron.
2.3  a) Xem hinh v&.
b) Po duge ABE =20°, ACF =20°.
¢) Po duge EHF=110°.
24  a)Xem hinh v&. A
b) Ba diem E, B, H thing hang.
2.5 -QuaAkedoan lhé_ng AH vuong goc véi Ox.
- Qua H, ké doan thing HC vudng géc véi Oy.
- Qua C, ké doan thing CE vuong géc vdi Ox.
2.6 BOC=AOB-AOC =120°-30° =90°
2.7 aladudng trung tryc ciia doan thing CD
b la dudng trung tryc cla doan thing AB.
2.8 a) DOA = DOB +AOB
=90" +40" =130°.
COD =180° -DOA
=180"-130° = 50°.
b) DOA =DOB - AOB
=90° -40° = 50°.

274
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29

2.10

L]
.

[
o

COD =180° -DOA =180° -50° =130°.
0,1=0;=50°:2=25"

AOD =0, +COD =25° +90° =115° D\ %
DOE =180° — AOD = 180° - 115° = 65° a
E (0] A

BOD = COD - 0z =90° - 25° = 65°
DOE = BOD = Tia OD li tia phan gidc cia goc BOE.
AOD = AOB - BOD
=130°-90° = 40°.
COD = AOC-AOD
=90° -40° = 50°.

— ——

EQA =EOB=140":2=7¢°
EOA +AOC =70° +90° = 160°
COF =180° -160° = 20°
Tuong tr:

EOB +BOD = 70° +90° =160°
DOF =180° - 160° = 20°
Tacé COF = DOF, suy ra tia OF la tia phéan gidc ciia goc COD.

§ 3. CAC GOC TAO BOI MQT PUONG THANG CAT HAI PUONG
THANG '

3.1

3.2

33

- Hai ciip goc so le trong : Ci va D3, Cs va Da.
-Bén cap goe dong vi : E. va 131, Ez va f)z, E:; va f);, Cs va Da.
- Hai cfip goc trong cung phia : Ci va D2, Cs va Ds.
a) x=y=t=60°, z=120°.
b) x=70°% y=110° z=100°, t=80°.
a) Ay +B1 =180° (d2 bai cho) ;
By +B, =180° (hai goc ké bil)
Suyra A =Bs.
b) A;+B) =180° (dé bai cho) ;
Bi+B; =180° (hai goc ké bit)
Suy ra A1 =B;.

275

§ 4. HAI PUONG THANG SONG SONG

4.1

4.2

43

44

4.5

4.6
4.7

4.8

4.9

Céc cdu a) va ¢) ding. Cac cédu b) va d) sai.
Trén hinh v& bén, cic doan thing AB va CD
khong song song.

Céc tir dién vao bai la:

a) bing nhau ; b) bing nhau ; ¢) bii nhau.

- Qua A v& dudng thing m song song véi BC.

- Qua C vé& dudmg thing n song song vdi AB.

- K 1a giao diém ciam van.

AB//CD,AC//BD.
MN // PQ, PQ /RS, MN // RS.
Cach 1: Az =180° -120° = 60°
A2=60°=B) va Az sole trong vdi B néna/lb.
Cich 2 : B2 =180° -60° =120°
A1 =120° =B, va A, déng vi véi B2 néna//b.

Hai goc trong cling phia B va BCD bii nhau nén AB // CD.

BAC =360° ~100° -120° = 140° .

Hai géc so le trong BAC va C bing nhau nén AB // CD.

a) Hai géc ddng vi XAz va xOy béng nhau nén  |¥ = B 5
Oy // Az. . }

b) Hai goc dong vi A, va O bing nhau (ciing o 1 l
bing 45°) rién Om // An. *

a) a// b : xét cdip goc trong cling phia.

b) b // ¢ : xét cip goc dong vi.
c)a// c: xét ciip goc trong cing phia.

§ 5. TIEN DE O-CLIT VE PUONG THANG SONG SONG

5.1

5.2

276

Céc cau a), b), c), e) dung. b

Céc cau d), f) sai. Cau d) trdi vdi tién dé O-clit. 2

Hinh v& bén chimg t6 cau f) sai. c

Cau a) sai, ciu b) ding. ~
Cau a) sai vi : Néu ¢ // b thi qua I ta ¢6 hai a I, 2=
dudng thang phan biét ¢ va a cling song song v6i ——

b : tréi véi tién dé O-clit. b



53
54

5.5

5.6

5.7

5.8

5.9

5.10

Pap sd : x =80°%, y=60°.

Gy +C2 =180° va Cy —Ca =40° nén tinh duge C, =110°, C; =70".
a//b=>D; =C, =70" (hai gbc so le trong) ;

al//lb=>D;=C =110 (hai goc so le trong).

al/b=>Cy+Dy =180 (hai géc trong cing phia). Ta lai c6
G, -Di =30°. Tinh duge Gy =105°, D, =75°.  Dodé:

C2 =180 - C) =180° —105° = 75°

D, =180° - D, =180° - 75° =105°.

AC//Oy=>C; =0=70° (hai gbc ddng vi) ;

ATV OV = A — Y. —T00 fhat Ghn on la tvan
MNDITJVA —" N\ — o] — IV Llal Buv oV av

Tir d6 tinh duge Az =70°, Az = A« =110,
0'K//Oy=>K; =0 (hai géc ddng vi) ;
0'x//0x=>x'0'y'=K; =0 (hai gbc ddng vi)

X'0'K =180°-x'0'y"'=180° -O. ’,,2
<o 1

Ldy diém K thudc n. Ké tia Kt / m. Géc nhon K n
tao bdi m va n bing K.

Truée hét chimg t6 ¢ // d. Sau d6 tim duge x = 75°.

— — = -~ l —
AB//CD=>GEB=EFD (hai géc déng vi) ; Ez=EGEB,

Fa =%EEI-) nén E; =F,. Hai géc ddng vi ﬁz, F2 bing nhau nén
Ex // Fy.

§ 6. TU VUONG GOC DEN SONG SONG

6.1

6.2

Céc tir dién vao bai la :

ajbla; b) ¢ LY c)b/lec.
Hai goc so le trong ABx, BAD bing nhau nén Bx / AD.
Hai goc so le trong ACy, CAD biing nhau nén Cy // AD.

Bx// AD

Cy// AD :B?c//Cy.
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6.3
6.4

6.5

6.6

6.7

6.8

6.9

6.10

278

Chimg td AD // BE va CG // BE dé suy ra AD // CG.

Hai géc so le trong ABC, BCD bing nhau nén AB / CD )
Hai géc trong clung phia E, ECD bii nhau nén EF // CD (2)
Tir (1) va (2) suy ra AB // EF (clung song song v&i CD).
AB 1 AC
iy AC} = AB//HE
b) AB//HE => EHC = B = 60° (hai géc ddng vi)
AHE = 90° - EHC = 90° - 60° = 30° E
AB//HE = BAH = AHE =30° (hai géc so le A'
tmng). B 1‘
H C
ACLOY| _, scirox b =
Ox L Oy 0| A
H

AC//Ox
AB L Ox} = AB L AC

r O 0 I
Qua A, vé dudng thiing b song song véi a. B X

Qua A, v& dudng thidng m vudng goc véi b.
Gii thich : ;”fb} —=mla.

Ké CK // AB A = >
AB//CK = C, =B =40° (hai gbc so le trong) g%
w1 A| = CK//DE e
CK//DE = C; = E =30° (hai gbc so le trong)

Do d6 Cy +Cz = 40° +30° = 70°. B &
Suyra BCE =70°. i N
Ké CK // AB. " :
Tinh C) dugc 40°. Hay chimg té CK / DE, rdi E WD
tinh C: duge 60°. x

Pap sé : ACD =100°. /1208

Ké CK // AB. e

AB//CK = A+Cy=180° (hai géc trong cing 11 =



phia). Suyra: Cy =180° - A =180° -120° = 60°;
C =140° - C; =140° - 60° = 80°.
Hai géc trong ciing phia C: va D b nhau nén CK // DE.

CK//AB
CK //DE( = AB//DE .
x A B
6.11 Ké CK // AB. Tinh C dugc 50°, do do 50
C =60°. Hay chimg o CK // DE i chimg to AN
AB // DE. K 2/qe
6.12 KéAD//BC. D E
AD//BC=BAD+B=180°(hai gbc trong , D
ciing phia) = BAD=180"-B =
=180°-70° =110° \
-~ ——— (]
AD//BC=C=CAD=30" (hai goc so le 0
trong). B
§ 7. PINH LI
7.1  Cac cdu a) va d) ding va cho ta dinh li. Cac cdu l?) va c) sai.
Chi y : Cau b) sai vi trén hinh bén ta ¢6 a cat b, c La nhung ¢
khéng ciit b. a
Cau c) sai vi theo tién dé O-clit thi AB tring ¢ e
AC.
7.2 a) GT :&1 = §| b 0
KL a I b c
, A/l
b) GT | a/lb a
~ A B/1
KL A =B b
73 2 AOB ké b BOC
GT | OM la tia phan giac cia AOB
ON la tia phan gidc cia BOC
KL | MON=90°

b) Cic chd tréng phai dién theo thir ty 1a :
» BOC ké bu véi AOB
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-
£a

+ OM lIa tia phén gidc cia AOB.

« ON Ia tia phan gidc cia BOC.

«90°.

Chit y : C6 thé trinh bay chimg minh dinh li trén nhur sau :

BOM = AOB

(vi OM la tia phén giac cia AOB)

50N = 29C (vi ON 14 tia phan gidc cia BOC)

——— —— ——— —— o
e A(2)B " B(;C y AOB;BOC B 1820 —g0®

4]
-’
>
'
ik
~
)
e
E
!
"I'

i n

g6c trong cling ph:a bi nhau.
b) Néu hai dudng thing cit mot duomg lhﬁng lhu ba tao thanh hai
goc trong ciing phia bii nhau thi hai dudng thing dy song song.

ON TAP CHUONG 1

1.

280

AB 1 Oy, CD L Oy, EGLOy, BCLOx, DE.LOx.
AB // CD // EG (cing vudng géc véi Oy)
BC // DE (cung vudng géc véi Ox).

a), b) : Xem hinh v& bén

CE//Bx
c) BDLCE,:ABJ.B:(

BD//Cy
AC 1 BD

d) Do dugc BKC=110°.

a) Xem hinh vé bén.

b) OM L BC

a) Qua C, ké CF // AB, hay chimg t6 CF// DE.
DPéapsé: x =90°.

b) Qua K, ké KG // HI, hdy chimg t6 KG // MP.
Pap sé: y=130".

Cac cdu a) va c) dung.

Céc cau b) va d) sai. Hoc sinh tu dua ra hinh vé
chirng 16 céc cau do sai.

Chimg minh ring AOE va BOD ciing biing AOC.

}=>AC.LCy




7. a) AOM=90°; BON =90°. S [
b) NOA =30; MOB =30°.
8.  GoiK la giao diém cua Ox va O'y'. Hiy chimg 8 8.5

o @=Ea 5 x'O'y'=E|.

Chwong 2. TAM GIAC
8.6

§ 8. TONG BA GOC CUA MOQT TAM GIAC

81 a)Tir B+C=110° va B-C=10°, tinh duoe :
B=60°, C=50°.
b) Tir B+C=120° va B=2C, tinh dugc : B=80°, C=40°.
A B C A+B+C 180°

2 Se=te—=lT a2,
& 2 3 4 24344 9

83 a)B+C=180°-A=180°-70°=110°
~ on BEC. 110Y i
Bi+C=——=——=55
1+0 ) >

Xét A IBC :
BIC =180° - (By +C1) =180° - 55% =125°
Xét A ICK, goc ngodi BIC : | -
BIC = BKC +ICK = BKC+90°.

Do d6 : BKC = BIC-90° =125° —90° = 35°.
b) Giai tvong ty nhu cdu a), ta lan lugt duge :

B+C=180"-a.

iy o

+C1 =90 ——.
B +Ci >

8.7

1§'1“é=180°ﬂ[90°-3] =90+ <,
2 2 8.9

fs"“x«::[s:o" +3] ~90°=Z,
2 2

84 AB//DE = CKE =B =40° (hai géc so le trong)

281 282

BCE la goc ngoai ciia ACKE nén :
BCE = CKE +E =40° +30° = 70°.

ACD 1a géc ngoai cia A CKD nén ACD=K+CDK, suy ra

140° =K +80° = K = 60°.

Hai g6c trong cing phia A va K bii nhau (120° +60° = 180°) nén
AB // KE, tire la AB // DE.

a) Ta tinh dugc A =80" nén A,=40°. ADC la géc ngodi ciia
AABD nén ADC= A, +B=40°+70° =110°.

b) Theo tinh chat goc ngoai cua tam gidc :

A
ADC=B+A, m
ADB=C+A>
(A -

Dodé ADC-ADB = (B+A;)~(C+A:) B D C

Do A; = Az nén ADC-ADB = B-C = 40° (1)

Ta lai c6 ADC +ADB = 180° (03]
0 0

Tir (1) va (2) tinh duge : Aoc'='3°_2+io_=“0y

a) AAKC c6 A+C=90"; AHBC c¢6 HBC+C=90". Suy ra
A=HBC.

b) A = HBC ma HBC +HBK =180° nén A +HBK =180°.

a) A ABD cé A +ABD =90°.

A ACE ¢6 A +ACE = 90° A
Suyra ABD = ACE. E
b) A ACE ¢6 A +ACE =90".

A HCD ¢6 H +ACE =90° B c
Suy ra A=H,.
Ta lai ¢6 H, +H> =180° nén A +Ha =180°. D
a) C6 ndm tam gidc vudng : AAOB, AABC,
ABCD, ABOC, ACOD.
b) ABO = G (cung phu vdéi ﬁ:)

ABO =D (déng vi, AB // CD).

o
>
(9]

F



8.10* B, phy Di, Ci phy D2, ma Dy=D; nén

Bi=C . (D
B, phu Ei, C phu Einén B,=C> . (2)
Tir (1), (2) va B =Bz suyra C = Ca. B a ¢
Vay CH la tia phan gidc cua goc DCE. ’ D

8.11 Hay chimg minh By <Bi , B2 <B2 dé suy ra AA
AEC < ABC =90°. e C

§ 9. HAI TAM GIAC BANG NHAU
9.1 AABC=ADHK=H=B=35,C=K=100°. Suyra:
A =180° - B-C =180° - 35° ~100° = 45°
Do d6 D=A =45°.
9.2 AABC=ADEI=DE=AB=5cm, DI=AC = 6cm,
_ BC=EI=8cm.
Chuvi AABC bang: 5+ 6 +8=19 (cm)
Chu vi ADEI ciing biing 19¢m.

9.3 AANM=ADKE,AMAN =AEDK,AMNA =AEKD,
AKDE = ANAM,AKED = ANMA.

9.4 a) A va O la hai dinh tuong tmg, B va K la hai dinh tuong (ng. Ta
viét: AABC = AOKH.
b) Xét dinh B c6 mit & ca hai ding thirc AB = OH (1) va BC=KO
(2)
Tir (1) ta thay dinh tuong (g ctia B |4 O hodic H.
Tir (2) ta thiy dinh twong (mg ctia B 1a K hogc O.
Suy ra dinh twong (mg cta B 1a O. Do d6 dinh tuong g ctia A 1a H,
dinh tuong img ctia C la K.
Taviét: AABC=AHOK .

§10. TRUONG HQP BANG NHAU THU NHAT CUA TAM GIAC
CANH - CANH - CANH A
10.1 a) Xem hinh bén.
b) ABAE=ACAE (c.cc) =BAE=CAE (hai 3 3
g6c tuong ing) = AE la tia phan giac cia géc
BAC. B C

10.2

10.3

104

10.5

10.6

§ 11.

11.2

11.3

114

11.5.
11.6

284

AACD = ABCD (c.c.c).

C
Suy ra ACD =BCD (hai géc tuong (rng), suy ra
la tia phan gidc cua géc C. A &
AABC =AAED (c.c.c),
AABD = AAEC (c.c.c).

a) AAOB=ACOD (c.c.c).

b) T cdu a) suy ra AOB=COD (hai goc
turong trng).

A D

N
AABC=AADC (c.cc) = = i
goc tuong (mg). e et Q'
KéAC. A
AACD=ACAB (c.c.c) =>ACD=CAB (hai
g(?c tuong mg). Hai gdc so le trong ACD, CAB
bang nhau nén AB//CD. . 60
TRUONG HQP BANG NHAU THU HAI B A 3 €

CUA TAM GIAC CANH - GOC - CANH
a) Xem hinh vé& bén.
b) Po AC duge 3cm. B c
Bé sung diu kién ABC = DCB thi :
K
A

AABC=ADCB (c.g.c).

AAHB = AKHB (c.g.c);

AAHC = AKHC (c.8¢); Z
AABC=AKBC (c.g.c). B C
a) AAIE=ACIB (c.g.c)=> AE =BC %

b) AAIE=ACIB (chimg minh trén) suy ra
E =B, = AE//BC.

AOAD =AOCB (c.g.c)=> AD=BC. C
a) AAOK = ABOK (c.g.c)=> AK = KB.

—_— - A
b) AAOK = ABOK (cdua)=> K, =K.
Ta lai c6 Ki +K2 =180° 0 X
Suyra K; =Kz =90°.
B

Vidy OK L AB. y



11.7

11.8

11.9

11.10

11.11

11.12

C

s
P

D

a) Goi O la giao diém ctia AB va CD.

AAOC=ABOC=ABOD=AAOD (c.g.c) suy

ra AC=BC=BD=AD.

b) Tir cac tam gidc bing nhau néi trén, ta suy ra :

AB Ia tia phan giac cia géc A ; BA Ia tia phan

gidc cua géc B ; CD Ia tia phan giac cua géc C ; DC Ia tia phan giac

cua géc D. 5

a) AADE = AADB (c.g.c)= DE =DB.

b) AABC c6 AB = AC thi E
AADB=AADC.

c) AABC vudng tai B thi DE L AC.

Néi AC
AD //BC = A, = C; (so le trong)
AACB =ACAD (c.g.c)=> Az = Ca
= AB//CD.
ACIE = ABID (c.g.c) = E =D
= CE//BD
= CH//BD

= AB L CH = AAHC wvudng.

>

o3}
w]
0

AB 1 BD
BD//CH

D
B C
A
H
B ¢
D

AADM = ACDB (c.g.c) suy ra N A - M
M =B, = AM//BC. B e
Tuong ty, AAEN = ABEC va AN = BC, AN/ BC.
Qua A, ta c6 AM // BC va AN // BC nén M, A, N théng hang (theo
tién dé O-clit). Ta lai c6 AM = AN (cing bing BC) nén A Ia trung
diém cia MN.
a) Truéce hét ta thy TAC = BAK (=140°)
AIAC=ABAK (c. gc) = IC=BK.

b) Goi D la giao diém cua AB va IC, goi E 1A 1
giao diém cua IC va BK.

Xét AAID va AEBD,tacd

AID = EBD (do ATAC=ABAK),

ADI = EDB (d6i dinh) nén [AD =BED. Do

11.13

§12.

12.1

12.2

12.3
12.4

12.5

12.6

12,7

286

[AD =90° nén BED =90". V4y IC L BK.

a) AAMC = AKMB (c.g.c)= C = MBK = AC//BK
= BAC+ABK =180°
=100° + ABK =180°
= ABK =80°.

b) DAE =360° —90° - BAC -90° E
=360° —90° —100° - 90° D
=80°

AABK = ADAE (f:.g.c)

¢) Goi H 12 giao diém ciia MA va DE.

AABK =ADAE = A, =D.

/ \
R =

o

@]

Viy AHD =90°, tirc 1a MA L DE.
TRUONG HQOP BANG NHAU THU BA CUA TAM GIAC GOC
b) Po AB dugc 2cm.
a) ACB=ACD, AACB=AACD (g.c.g)
Dé thdy §|=}§2=61=Ez. &A&.
Cach 1.AABD =AACE (g.c.g) suyra BD=CE B
AABK = AACD (g.c.g) = AK = AD.
Dy =E (cung phu véi K-E-BE)

- CANH - GOC

A
b) AEGM = AEKH (g.c.g) = EGM = EKH
AHGI = AMKI (g.c.g)
Cach 2. AEBC = ADCB (g.c.g) suyra CE=BD. f

K

Ag C

AAKD = AABE (g.c.g)= AK = AB Db

Talai c6 A1 +A2=90° nén D+A2=90".
a) Xem hinh vé& bén.
= HGI = MKI. ‘
AAOB=ADOC (g.c.g.)=>OA =0D, OB =0C. s
ABK = ACD (cing phu véi E)
Ta lai c6 AB = AC nén AK = AC.

a) Nbi IH.
ABIH = AKHI (g.c.g)= IB=KH



12.8

12.9

12.10

12.11

12.12

12.13

b) IB = KH va Al = IB nén Al = KH.
Tacé A =K (ddng vi, AB // KH)

A; =B (ddng vi, IK // BC)

Hs =B (ddng vi, AB // KH). _
Hay chimg minh AAIK = AKHC (g.c.g) dé suy
ra AK = CK. "

Ké KN // AB.
Ta chimg minh dugc EK = BN (1) , KN=EB
(hay noi EN), do d6 KN = AD.Ta chimg minh

duge A=Ky, Di=N,. Tird6 AADH=AKNC B N
(g.c.g) nén DH = NC (2).

Tir (1) va (2) suy ra EK + DH = BC.

a) B+C=180"-A =180 -60° =120°.

Do d6 By +C =60, suy ra BOC =120°.

b) Tia phén gidc cia goc BOC cit BC & K. Mdi
goc 61,6;,6;,64 déu béng 60°.

ABOE = ABOK (g.c.g) = OE = 0K )
ACOD=ACOK (g.c.g) = OD=0K 2)
Tir (1) va (2) suy ra OD = OE.

AABC=AADE (cgc) =B=D. Do dé
AABN = AADM (g.c.g)= AN = AM.

AAMD=ACMB (c.gc) = AD = BC va

A1 =C, do do AD // BC.
AD = BC va EB = BC nén AD = EB.
AAID = ABIE (g.c.g) = IA =IB.

AAEF = ADFE (g.c.g) = AE =DF £
AAIE = ADIF (c.gc) = Al=DIva I, =Ta.

AD.

(@]

B
A
Ta lai ¢6 fz_+T3 =180° nén I+ =180°, do E h\
do6 A, I, D thing hang. Tir 46 [ la trung diém cua \w
D

a) ABDM = ACEM (canh huyén — géc nhon). g
b) AD // BC (cing vudng goc véi CD) suy ra ADB = CBD.
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12.14

12.15

12.16

12.17

12.18

§ 13. TAM GIAC CAN

13.1

13.2

13.3

288

AADB = ACBD (canh huyén — géc nhon).

AABC = ADEF (gt) = AB=DE, B=E

AABH = ADEK (canh huyén — géc nhon) suy /k /lx
ra AH=DK.

Ké KD L BC .

AKBE = AKBD (canh huyén — goc nhon) suy ra
KE =KD (1
AKCD = AKCF (canh huyén — géc nhon) suy ra
KD =KF 2)
Tir (1) va (2) suy ra KE = KF.

A =C (cing phu véi Az )

AABD = ACAE (canh huyén - géc nhon) suy
ra BD=AE, AD=CE .

Ké DML1IH, ENLIH

Giai tuong ty nhu bai 12.16, ta dugc DM = AH
(xét ADAM va AABH). Chimg minh tuong tu
EN= AH. Do d6 DM =EN.

ADIM = AEIN (g.c.g) = DI=1IE

Ké AH 1 BC.

Giai tuong ty nhu bai 12.16, ta dugc BI= AH .
Chimg minh tuong ty CK = AH.

Do d6 Bl = CK.

a) Xem hinh bén.

b) BAD = BAC + CAD = 60° +45° =105°.

Xét AABC vudng can tai A va AA'B'C’ vudng
can tgi A’. Néu bd sung thém diéu kién cip canh
géc wvudng bing nhau AB=A'B' thi

C
AABC=AA'B'C' (theo trudmg hgp c.g.c hoic g
g.c.g).
a) AABD cin tai B.

B
B
A

b) AABE can tai A. caAa ¢
AABC =AAED (c.g.c) = AC=AD, suyra AACD cin tai A.



134

13.5

13.6

13.7

13.8

13.9

13.10

13.11

¢)AABC can tai A, AABD can tai D, ABCD A
can tai B.

AABH = AACK (canh huyén — géc nhon) suy
ra AH = CK. K H
AADB=AADC (c.c.c) = A1 =Az, suyra AD' B (¢
la tia phén gidc cia goc A. A
- Néu géc 40° 1 géc & dinh thi cac gée con lai la
70° va 70°. 1
- Néu goc 40° 1a gée & day thi cac goc con lai la
40° va 100°.

0 0 ' B C
a) x =22,5° (hay 22°30"). D
b) x =22,5°. /N
¢)ADB =70°, ADC =110° nén x =35°. . &
d) ADB =50°, ADC =130" nén x =25°.
ABDA = ACDA (c.c.c) =Dy =D,. Ta lai ¢6 12

D =60° nén Dy =30°.

AABD can tai B c6 B=50° nén D, =70°.
AACE can tai C ¢6 C=50" nén E; =70°.
Tir d6 tinh duge DAE =40°.

-~

B:=C.

13.12 AAOB cin30 = A, =B

AAOC can 30 = A, =C.
Suyra K|+Rz =B+C nén:

BAC=B+C (1)
Xét AABC : BAC+B+C=180° 2 A

Xét AABC cantai A, taco B=C.

Néu B>90° thi C>90° nén B+C>180°, vd Ii.
Vay B<90°, do d6 C <90°.

Hay chimg minh By =A hodic chimg minh

“48A- COTVPPGT7/1 289

13.13

13.14

13.15

13.16

13.17 Céc tam giac OAD, OBC la tam gidc cén. Do

290

Tir (1) va (2) suy ra BAC =90°. A
Ké MK L BH. Ta chitng minh dugc

ME = KH (1)
AABC cantai A =>B=C (2)
MK // AC = BMK =C 3) H
Tir (2) va (3) suyra B=BMK . D E
AMBD =ABMK (canh huyén — géc nhon) B M C
= MD =BK (4)
Tir (1) va (4) suy ra MD + ME = BK + KH tirc la MD + ME = BH.
a) Ta ¢6 DAC = BAE (= 60° + BAC). E
ADAC = ABAE (c.g.c) > DC=BE. 5 &
b) ADAC =ABAE con suy ra D. Bi. Goi K
14 oian rhpm ciia DC va AR, AKAD va AKIR K 1
14 giao diém cita DC K KIB Nl :E'C

B

co Dl Bl, K1 =K, nén KAD =KIB. Do
KAD = 60° nén KIB = 60°. Viy B BIC =120°.

a) Ta tinh duge AMD = 120°, CMB =120°.
AAMD =ACMB (c.g.c) = AD = CB

b) AAMD = ACMB coOn suy ra D =
Do AD =CB nén ID = KB.

AMID = AMKB (c.g.c) = MI = MK, M, =

Ta lai 6 Mi+M;=60° nén Ma+Ms=60° tic la IMK = 60°
(& hinh V& khéc, ta ¢6 thé c6 BMK - DMK = 60°, nhung van chimg
minh duoc IMK = 60°).

AMIK can tai M ¢6 IMK =60° nén Ia tam gidc A
déu. g
AABC déu > A=B=C ¢
AADF = ABED = ACFE (c.g.c)suyra:
DF=ED=FE. B

ADEFcé ba canh bing nhau nén la tam
gidc déu.

0O

‘E!i

A=B nén AOD=BOC. AAOD=ABOC
(c.g.c hodic g.c.g) suyra AD =BC.
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1318 A, =C (cungphu B) A2 =A; nén:
A| +Az -C+A3

A

Ta lai ¢6 Ai+A2=BAD, C+As=Di nén M

BAD = D,. Do d6 AABD cin tai B. B

H D C

13.19 Ké BK // AC =K, =E; (déng vj). Goi H la giao diém cua DE va

Ax. Ta c6 AAHD=AAHE (gc.g) suy ra

A
D=E. Suyra D=K,.Do dé ABDK can, nén
BD =BK (D
Dé chimg minh AMBK = AMCE (g.c.g) nén k
BK =CE () £% xH C

Tir (1) va (2) suy ra BD = CE.

13.20 it AC = a thi BC = 2a. Trén tia ddi ciia tia AC
lay diém D sao cho AD = AC. Tacé AD=a.
AABD=AABC (c.g.c)suyra BD=BC=2a.
ABDC c6 ba canh bing nhau nén Ia tam giic
déu. Suy ra C=60°, do d6 ABC =30°.

13.21 Trén tia dbi cua tia AC liy diém D sao cho
AD=AC.

AABD =AABC (c.g.c) => BD=BC.

ABDC cin ¢6 C=60° nén la tam gidc déu.
Do d¢6 BC =DC =2AC. Viy AC =%BC !

13.22 Cac tam gidc vuéng AHE va BCE ¢6 AH=BC
(gia thiét), H =C (cung phu véi Xl) nén
AAHE = ABCE (canh huyén — géc nhon). Suy
ra AE = BE.

Tam gi4c vuéng AEB c6 AE = BE nén la tam B

gidc vudng cén. Do dé6 BAE=45°, tic la
BAC =45°.

§ 14. PINH Li PY-TA-GO

14.1 Xét AABC vuong can tai A.
BC? =22 +22 =8=> BC = /8 ~ 2,8(dm) A

s,

14.2

14.3

14.4

14.5

14.6
14.7

14.8
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a) Xét AABC vudng can tai A
AB?+AC? =BC? =22 =4=2AB*=4
= AB? =2
= AB=+v2~1,4(m).
b) Pap s6 : 3m.
Goi avab la dg dai céc canh géc vudng (don vi xentimet).
b _a* b a?sp? 522

Tacé: 2=>=2 —=—=—=16.
5 12 25 144 25+144 169

2 2
b a b
D aa:[-a-) =[—] Sl B sl
S R T R T

Viy :a=20 (cm), b =48 (cm).

B
AABM = ACBM (c.c.c) = M; =Ma. AN
Ta lai ¢6 M, + M2 =180° nén M, =90°. 17
BM? = AB’ - AM? =172 -§2
= -— = — 2 1|2
289-64=225=15 =

Viy : BM = 15cm.

Goi a va b 1a d6 dai cic canh géc vudng, ¢ 1a ¢ dai canh huyén, don
vi xentimet.

Tacod: E—B:(E)z =(E)2 =££—Ez_=(2]2
3 4 3 4 9+16. 25 \S§

Theo tinh chét day ti s bing nhau :
a_b_c_a+b+c 36

3 4 5 3+4+5 12
Dodé:a=9cm;b=12cm:c=15cm.

Tinh BH, dugc BH = 9. Sau d6 tinh duge x = 40.

Ta chimg minh dugc : ADB =90°, A
BD =7,5¢cm. 9
AD? =92 -7,52 =24,75
Ta théy : 24,01 <24,75 <25, suy ra
4,9 <AD? <5 = 4,9 <AD <5.

- Trudmg hop a la 4§ dai cia canh gée vudng. Ta cé
a’+24? =25 =a’+576=625 >a2=49=7>. Viya=7

B 75D C



14.9

14.10

14.11

14.12

14.13

- Trudng hop a 1a d§ dai cia canh huyén. Ta c6 :

a? =24> +25% =576 +625=1201.
Ta thiy 34% = 1156 <1201 <1225 =35% nén V1201 khong phai Ia sb
tw nhién. Loai trudng hop a la do dai canh huyén.

Kétlugn:a=7.
Ta ching minh duge AC=2BC (xem bii
13.21).
Pat AC=xthi BC=2x.Tacd: \
AC? + AB? = BC? = x? +3? = (2x)? 3|30
= x? +9 =4x?
$3X2= A . C
:xz-'l:x:\ﬁ(cm) i
B 10 C
BC =23 (cm). T
Ké CH L AD % 13
Ta chimg minh dugc CH = AB.
Lén lugt tinh dugc HD = 5, CH = 12. H
Viy x=12. A H D
Ké AH L BC. Ta tinh dugc : —=i{f—»>
2 A
2 2. = and IR =
BH? + AH? = AB? = 2AH? = (V18] =18 e .
= AH? =9=> AH =3. 450 L
HC =7-3=4. Tatinh dugc : x =5. B H7 C

a) K¢ AH L BC. Tatinh dugc BH=2,5;

AH? = AB’-BH?=25-6,25=18,75 . X .
AC? = AH? +HC? =18,75* +5,5% = 49. k

Vay AC=1. B HS8 c

b)Ké AH L BC. Tatinhdugc BH=1,5; A ,

AH? = AB?-BH? =9-2,25=6,75 m

AC? = AH? +HC? =6,75+6,5* = 49. HB 35 C

Viy AC=17. A

Pt AH=x.Tacé : AS

AB? =9 +x? =81+x? C

AC? =162 +x% =256+ x> BO9H 16
293

Suyra: AB? + AC? =337 +2x? ()] 1y A
Ta lai ¢6 : Y el
AB? +AC? =BC? =25* =625 2)

Tir (1) va (2) suy ra : 2x*+337=625. Tu 46
x? =144 =12%. Vay AH = 12cm.

14.14 OA?=3%*+52=34.
OA =34 =538,

14.15 OB=0C=0A =+/2.
Vay B(+2;0), C(0;4/2).

14.16 AB* =2 +3=13= AB=4/13 ; BC=5;
CD=+/17;DA= 5.

14.17 Géc A chi xdp xi 90° chir khéng ding bing 90°. That vy
AB? +AC? =4 +82 =80 ; BC* =9* =8l.
AB? + AC? # BC?. Vay A #90°.

L

0 I1/B§c

14.18 n 5 8 9 12 13 15
42 25 64 81 144 169 225

Tathiy : 225=144+81=152 =122 +9%.
169=144+25=>13* =12* +5°.

Bo basd 9, 12, 15 va b ba sb 5, 12, 13 ¢6 thé 1a 4o dai cic canh cia

tam giac vudng.

14.19 Qua B ké dudng thing song song véi AD, cit CD & E. Ta chimg
minh dugc DE=AB =3, BE=AD =8. A 3B

Tam giac BCE c¢6 BC = 6, BE = 8, CE = 10 nén
ta chimg minh dugc CBE =90°. &
AD//BE
BE.L BE( 0 Doy C 7 D3E
§ 15. CAC TRUONG HQP BANG NHAU CUA TAM GIAC VUONG
151 AADE cintai A = D) = E; = ADB = AEC.

AADB =AAEC (c.g.c) = Al = Az.
AAHD = A AKE (canh huyén — géc nhon) = DH = EK .
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15.2

15.3

154

15.5

15.6

15.7

ADHB = AEKC (canh huyén — canh géc vudng).
Nhu vdy c6 hai ciip tam gic vudng bing nhau.

Xét AABC va AA'B'C' ¢6 A=A'=90°, AC=A'C} B=B'.

Ta cin chimg minh AABC=AA'B'C". B B'
Ta c6 C=90°—B, C'=90°-B' ma B=B'
nén 6=E‘.

AABC=AA'B'C' (g.c.g).

Chi § : Néu khong c6 tir “ddi dién” trong dé bai A CA C
thi khong két luan dugc hai tam giac bang nhau. That vy, trén hinh
bén : hai tam gidc vudng AHB va CHA c6 mt A

cip canh bang nhau (AH la canh chung) va mot

c3p goéc nhon bang nhau (B va HAC), nhung /t>
hai tam giac ay khong bang nhau. /S, B
Bb sung AB = DM thi AABC=ADMN (g.c.g).

B sung BC = MN cing dan dén A D
AABC=ADMN (g.c.g)vitacoé C=M.

Bb sung AC = DN thi AABC=ADMN (canh

huyén — géc nhon).

a) AAOK=ABOK (cgnh huyén — canh goc B C M N

vudng) suy ra 0, =0, = OK la tia phan gidc

cua goc O. ) C

b) ACMN=ADMN (canh huyén — canh goc

vudng) suy ra M; = M2 = MN 1a tia phén giéc E F
cua goc M.

AICE = AICF (canh huyén - canh géc vudng) i B
suy ra C, =C, = Cl 14 tia phan gidc cua goc C.

AABK = ACBK (canh huyén - canh géc B
vuong) — B, =B:= BK Ila tia phan gidc cla

géc B.

Ké IH L BC.

ABID = ABIH (canh huyén - géc nhon) suy ra G
ID=IH a A

ACIE = ACIH (canh huyén — géc nhon) suy ra K

295

IE=1IH
: 2 A
Tir (1) va (2) suyra ID = IE, et

AIAD = AJAE (canh huyén — canh géc vuéng) D =
suyra AD=AE.

15.8 a) AAHI=AAKI (canh huyén - géc nhon) suy B H C

ra AH = AK

b) Goi M la trung diém ciia BC.
ABMI=ACMI (cgc)= IB=IC.
AAHI =AAKI (ciua) = [H=IK.

A

AIHB = AIKC (canh huyén — canh goc vudng)
suyra BH=CK.
¢) AC=AK +KC | K

AB=AH-BH g2; B
Tir (1) va (2) suyra: e ¢

AC+AB=(AK + AH) + (KC-BH). I
Do AH = AK, BH = CK nén AC + AB = 2AK, suy ra
AK = AC ;— AB .

Tir (1) va (2) suyra: AC- AB = (AK - AH) +
: - (KC + BH).
Do AH = AK, BH = CK nén AC - AB =2CK, suy ra :
CK = AC-AB

ON TAP CHUONG 2

1.
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Céu a ding.

Cau b sai. Chang han AABC c6 A >90° thi géc ngodi tai A nho
hon 90°, 1a géc nhon.

Céu c dung. Hai tam gidc bang nhau theo truéng hop géc — canh —

. géc.

Cau d sai. Xem chang han bai tap 29 SGK.
a) AABE = AACD (c.g.c) = BE=CD. A
b) AKBD = AKCE (g.c.g).
¢) AAKD = A AKE (c.c.c) suyra
DAK = EAK..
d) AKBD = AKCE (ciu b) suy ra B
KB=KC = AKBC cin tai K.



Cdch 1: K& DN // AC thi G, = Ny (ddng vi) A
AABC cintai A = B=C,.
Suyra B=Nj, dod6 ADBN cén tai D,nénDB [
=DN. Suy ra DN = CE (ciing bing DB). \h

— _ ~ -~ -~ B ALYA C
DN//CE=Di=E, N2=C; (so le trong). Do N M
d6 ADNM = AECM (g.c.g), suyra DM =ME.

Cdch 2 : Ké DH L BC, EK L BC. A .
ABDH = ACEK (canh huyén — goc nhon) suy

ra DH=EK.

Ta lai ¢6 DH // EK nén Dy = MEK (so le trong).

AMDH = AMEK (g.c.g) = DM = ME. B CK
AAIC=ABID (c.gc)=C=D,A, =B, e \“E

A2 =B,.

AOAD = AOBC (g.c.g) = OA =OB.
a) AAHK = AHEC (c.g.c) = H; = Ea.
b) Tac6 Ez +H2 =90°, ma Hi = E2 (cu a) nén H +Ha =90°.
AAHE vubng c¢6 AH = HE (do AAHK = AHEC) nén la tam gic
vuodng can.
c) D& thdy ACD = ACH (=135°)
AACD =AACH (c.gc) =Dy =Hi.
d) Theo cau ata c6 E= ﬁn.
Theo cdu ¢ tacé H =D.
Suyra E:=D..
Do d6 Dy +E) = E; +E) = AEH = 45° (do AAHE vudng cén).
a) AABD c6 B=BAD=60° nén la tam gidc déu, suy ra
AD = AB=BD. Do 46 HD=B—2[)-=3,5(cm),
b) AAHB = AAHD (c.c.c), tir 46 chimg minh dugc AH L BD
Theo dinh li Py-ta-go :

AH? = AB? -BH? =72 - (3,5)* =49-12,25 = 36,75

AC? = AH? + HC? =36,75+(11,5) =36,75+132,25 =169 .
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Vay AC =13, ,
c) AABC c¢6 BC la canh lon nhat va
AB? +AC* =7* +13? =218, BC? =15% =225.
AB? + AC? # BC?* = AABC khong la tam giac
vuéng.

A

A

B

H

D

C
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