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A.PAI SO.

Bai 1: Xét tinh chin 1é cia cic ham so

a)yzm b)y:M_2 o) y=x"-3x>+x
i B
d) y =x|x| e) y= X ;2)(_1_2 f) y=3+x++3-x
VI-2x +4/1+2 N2-x+2+
g) y:x(x2+ 2|x[) h) y= xd; : 1) :——}|(><|T—K—
_x4-2x2+3 N I=XA1 R _ .
ey ™Y Tlemrizem W YT

Bai 2: Xéc dinh a va b biét db thi ctia ham sb y=ax-+b:
1) Pi qua hai diém A(~1; —20), B(3; 8).

2) Pi qua diém M(4; —3) va song song véi duong thang d: y= —§x+1 ;

3) Cét dudng thing (d)): y=2x+5 tai diém co hoanh do bing -2 va cit dudng thang (dy):
y=-3x+4 tai diém c6 tung d6 bing 2.
4) Song song v6i dudng thing y = %x va di qua giao diém cta hai duong thang y= —»;:x +1
va y=3x+5.
5)Qua N( - 3, 2) va tao véi tia Ox mot goc 60°.
Bai 3: Viét phuong trinh cac dudng thing
; 1 £ o V2
1)(d)) diqua A| —=;—/3 | va c6 hé s0 goc k=——

2)(d,) di qua diém B(1; -2) va cit Ox, Oy tai hai diém phan bi¢t M, N sao cho tam gidc OMN

can tai O.

3)(d,) di qua diém C(—z;—-;—] va song song v6i dudng thing 3x-5y+2=0.
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4)(dy) di qua giao diém cia hai duong thang (A):y=2x=5 5 (8,):3y=2x+3=0 y5 yyong

goc voi duomg thing (A):2x-y+7=0

Bai 4: Xac dinh parabol y =ax® +bx+c, biét rang parabol do:

1) C6 truc déi xtng x=2=, cit truc tung tai diém A(0;2) va di qua diém B(2;4)

o | th

2) C6 dinh 1(-1;-4) va di qua A(-3;0)

3)Diqua A(1;-4) va tiép xuc voi truc hoanh tai x=3

4) C6 dinh S(2;-1) va cét truc hoanh tai diém c6 hoanh d¢ 1a 1
5) Di qua ba diém A(1;0), B(~1;6),C(3;2)

6)Di qua diém D(0; 3) va dat cuc tiéu bang 4 khi x=1
7YDi qua diém B(2; 3) va nhan didm F[%;—%J lam dinh.

8)Di qua hai didm M(-2; 3), N(2; 3) va tiép tuyén ciia (P) 1a dudng thang y=1.
Bai 5: Cho ham sé y=ax?+bx+c véi a=0

1)Tim a, b, ¢ biét gia tri nhé nhét ctia ham sb 12 4 dat duge khi x=1 va do thi ham s cit truc

tung tai diém c6 tung do 1a 3.

2)Khao sét ham s6 vira tim duge & cau trén.

3)Tir dd thi (P) hay suy ra do thi ham sd (R):y=-x +2[x|+3 va (R):y= l—xz +2|x|+3|
4)Dua vao (P,), bién Iua_‘m theo m s6 nghiém ctia phuong trinh: |-><2 +2[x| +3| =m-1.
Bai 6: Cho ham sé y=x?-4x+3 c6 dd thi la (P)

1)Lép bang bién thién va v& dé thi (P)

2)Bién luén theo k sb nghiém ctia phuong trinh: x* —4|x|+3=k
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3)Viét PT tiép tuyén vai (P), biét tiép tuyén song song vai (d): 6x —y + 1 =0.

4)Puong thing (d) di qua A(0;1) va c6 hé s goc m. Tim m dé dudng thang (d) cét (P) tai hai
diém phéan biét M, N. Tim qu§ tich trung diém I ctia doan thdng MN khi m thay dbi.

Bai 7: Cho parabol (P): y=x?-3x+2. Hiy l4p phuong trinh tiép tuyén voi (P) bit

1)Tiép tuyén di qua A(-2; 3)

2)Tiép tuyén song song vai dudng thang y=3x+2

3)Tiép tuyén vudng goc voi dudng thang y = wé X+2

4)Tiép tuyén tao véi Ox goc 45°

5)Tiép tuyén ciing tiép xtc v6i parabol y=—x*+7x~11.

Bai 7: Cho ham sé y=x?-3x-4 (1)

1)Khéo sét su bién thién va v& do thi ham sb (1).

2)Viét PT tiép tuyén v6i dd thi (1), biét tiép tuyén vudbng goc véi (d): y =-5x - 7
3)Bién luén theo m s6 nghiém ctia phuong trinh [x* -3x - 4= m.

4) Timk dé (d’): y = 2x +k — 1 cét dd thi (1) tai 2 diém phén biét c6 hoanh d6 1a x, °x, thoa

man : 3x; — 2%, =4,

Bai 8: Cho ham s6 y=-x2+x+6 (1)

1)Khao sat su bién thién va v& dd thi ham sb (1)

2)VE db thi ham sé y = —x2 + |x| + 6.

3)Tim m dé phuong trinh —x? +[x|+7-m =0 ¢ 4 nghiém phén biét.
Bai9: Cho ham sé y=x*-6x+5 (1)

DKhao sat sy bién thién va v& d6 thi ham sb (1)
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2)Tir db thi ham s6 (1) suy ra d6 thi ham sb y :|x2 —6x+5\

3)Tim m dé phuong trinh |x2 —6x + SI =2m-1 c¢6 ding 3 nghiém phén biét.
Bai 10: Cho ham 55 y=-x*+3x+4 (1)

1)Khao sat su bién thién va v& db thi ham s (1)

2)Tur d6 thi ham s6 (1) suy ra do thi ham s6 y =-x*+3[x|+4
3)Tim m dé phuong trinh '—xz +3|x|+ 4‘ =m c¢6 ding 6 nghiém phan biét.

Bai 11: Giai va bién ludn cdc phuong trinh sau theo tham sb m

2 =
1) (m*+2m-3)x =m-I 2) (ln2—1n)x=2x+m2 -1 3) ‘mx+x—]]:’2x+m|
‘ 3m-—-2x
4 (m-Dx"+3x-1=0 x> —2mx+m+1=0 =m+3
) ( ) 5) mx mx +m 6) e

Ll S 8) Jx+2[mx?+@m-Dx+m-1]=0 9) (2mx-5)(3x +2)=0

Bai 12: Cho phuong trinh x?-2x-16=0. Goi X,,X, 12 hai nghiém ctia phuong trinh

1)Khong giai phuong trinh, tinh céc gia tri cla biéu thirc sau:

A=x+x2 pol, 1 C=(3%,-2%,)(3%, ~2%,) D =[x, —x,)|

X %X

2)Lép phuong trinh béc hai nhén hai s6 3x, —2x, va 3x, —2x, lam nghiém.

Bai 13: Cho phuong trinh (m-1)x*+2x-1=0. Tim m d& phuong trinh dé cho

a) C6 nghiém ¢) C6 hai nghiém trai dau
b) Co6 hai nghiém phéan biét d) Co6 hai nghiém duong

Bai 14: Cho phuong trinh X2 +4x+m2-4=0. Tim m dé :
a) Phuong trinh c¢6 nghiém x=-1. Tinh nghiém con lai.
b) Phuong trinh c6 hai nghiém cung 4m
¢) Phuong trinh cé hai nghiém thdéa mén x, <0<x,

d) Phuong trinh c6 hai nghi¢ém théa man x, <x, <1
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¢) Phuong trinh c6 it nhit mot nghiém nho hon -1.
Bai 15: Cho phuong trinh x?-2(m-1)x+2m?-2m-8=0
a) Tim m dé phuong trinh ¢é nghiém

b) Tim m d phuong trinh ¢ hai nghiém x,,x,

¢) Tim hé thuc lién hé gitta hai nghiém cta phuong trinh khong phu thuge m.

d) Tim gia tri 16n nhat va gié tri nho nhat ctia biéu thic A =x] +x5 —xX,

(Trong do x,,x, 1a cac nghiém ctia phuong trinh)

Bai 16: Cho phuong trinh x*-2@m+Dx+3+4m=0 (1).

a) Tim m dé (1) ¢6 hai nghiém phan biét x;, x;.

b) Tim hé thic gitra x|, x, khong phu thudc vao m.

¢) Tinh theo m, biéu thiic A = X + x5 .

d) Tim m d& (1) c6 mdt nghiém gép 3 14n nghiém kia.
¢) Lap phuong trinh bac hai c6 cac nghiém la x12, xg.

+2y=4-a
Bai 17: Cho hé phuong trinh {ax d
2x+ay=a

a) Gii hé khi a=5
b) Giai va bién luédn hé theo tham sé a.

s 3 A1 A s A A ‘a ty=
Bai 18: Tim m dé hé phuong trinh sau v6 sd nghiém sikine
4Ax+my=6

x-my=0

Bai 19: Tim m dé hé phuong trinh sau vé nghiém {
. mx-y=m+1

Bai 20: Cho hé phuong trinh | @+ X-y=2a+1
x+(a-1)y=2

a) Giaiva bién luén hé trén theo a

b) Tim a dé hé c6 nghiém théa mén: x+y=1

(m+1)x+2(2-m)y=m

Bai 21: Cho hé phuong trinh {(m+3)x+2y= —

a) Giai va bién luan hé phuong trinh trén theo tham s6 m
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e e - e

b) Khi hé c6 nghiém (x, y). Tim hé thirc lién hé gifta x va y khdng phu thuéc m
¢) Khi hé c6 nghiém duy nhit. Tim mez dé hé c6 nghiém nguyén.

Bai 22: Giai cac hé phuong trinh sau

_6__+g—3
a) Xy 2x+y+z=7=0
3 4 | d) J12x-2y-2z-2=0
Y —x—y+lz+l:0
13 3 3
b Xy +4x+4y =-23
X" +xy+y* =19 e) x?=2y* =2x+y
yr-2x* =2y+x
A0 1=
9] y x 6
X+y=6

B - HINH HOC

Bai 1: Cho tir gidc ABCD. Goi L, J lan luot 1a trung diém ciia BC va AD. Goi G 14 trung

diém cuaa 1J.

a) Chiing minh ring GA+GB+GC+GD =0

b) Goi E la diém sao cho GC+GD =GE. Chting minh ring G 14 trong tim AABE.
Bai 2: Cho tt gidc ABCD va cdc didm M, N, P, Q 1an luot 1a trung diém ctia AB, BC, CD, DA,
Chirng minh hai tam giac ANP va CMQ c¢6 cung trong tam.
Bai 3: Cho tam gidc ABC, goi G 1a trong tdm va H 1a diém d6i xing ctia B qua G.

a) Chtng minh ﬁ:%ﬁ-%x‘ﬁ va ﬁ:%(ﬁﬁ@)

C~_AB.

o |

b) Goi M la trung diém ctia BC, chiing minh MH —é—

Bai 4: Cho tam gidc ABC, trén BC 14y D sao cho BD =2BC . Goi E 14 diém thoa méan diéu kién

| w

4EA+2EB+3EC=0.
a) Phén tich ED theo EB va EC
b) Chimng minh A, E, D thang hang.
Bai 5: Cho tam gidc ABC. Hai diém M, N thay d6i sao cho MN =2MA +3MB-MC.
a) Dung diém I thda man diéu kién 2IA +31B—-IC =0
b) Chlﬁl’ng-minh dudng thdng MN luén di qua mot diém cb dinh.
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ll

d) Néu b(b?-a%)=c(a®-c?) thi goc A bang 60°.
Bai 15: Trong mat phéng toa do Oxy cho ba diém M(3; 2), N(-1; 3), P(-2; 1)
1)Tim toa dd diém I sao cho IM +3IN +2IP =D
2)Tim toa do diém Q sao cho MNPQ 14 hinh binh hanh
3)Tim toa do giao diém cta dudng thang MN va truc Ox
4)Tim toa d9 giao diém cua duong thing NP véi dudng thing y=x.
Bai 16: Trong mit phing toa d6 Oxy cho ba diém A(1; 3), B(4; 4), C(5; 1)
1)Chimg minh ring 3 diém A, B, C khong thing hang
2)Tim toa d@ diém D sao cho AB//CD va 2AB=CD
3)Tim toa d9 giao diém cia OB va AC.
Bai 17: Cho tam giac ABC co A(1; 2), B(-2; 6), C(9; 8).
1) Tinh ABAC. Chiing minh tam gidc ABC vudng tai A.
2) Tim tAm va béan kinh dudng tron ngoai tiép tam gidc ABC.
3)Tim toa d6 truc tAm H va trong tdm G cta tam giac ABC.
4) Tinh chu vi, dién tich tam giac ABC.
5)Tim toa do diém M trén Oy dé B, M, A thing hang.
6)Tim toa d6 diém N trén Ox dé tam gidc ANC can tai N.
7) Tim toa d¢ diém D dé ABDC la hinh chir nhat.
8)Tim toa d6 diém K trén Ox dé AOKB 14 hinh thang day AO.
9) Tim toa d@ diém T sao cho TA + Zﬁff_é =0
10)Tim toa d¢ diém E dbi xing véi A qua B.
11) Tim toa d6 diém I chan duong phén gidc trong tai dinh C cua AABC.
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Bai 6: Cho tam giac ABC. Tim tép hop céc diém M théa man

a) MA+MB]:]’MA_MBI c) ]MA+MB]=1MA+MC]

b) m+m+m‘_%‘@+m| d) |4m+m+m(:|zm_m_m

Bai 7: Cho tam gidc. ABC ¢6 AB=5cm, BC=7cm, CA=8cm. Goi D la diém thudc CA sao cho
CD=3cm.

a) Tinh AB.AC va géc A b) Tinh CA.CB,CB.CD
Bii 8: Cho tam gidc ABC déu canh a. Tim tip hop cac diém M théa min
a) MA(MA +2MB+MC)=0" d) (2MA +MB+MC)MB-MC) =0

3a’

b) (MA +MB)MC =a* e) (CA +2BC)CM =
2

¢) (AB+AC)AM =0
f) 3MA?2+MB?=a’
Bai 9: Cho hinh vudng ABCD canh a. Tim tdp hop cac diém M thoa man
a) MAMC+MBMD =a’ b) MA.MB+MC.MD = 3a’

Bai 10: Cho AABC cén tai A. H 1a trung diém BC. D 1 hinh chiéu cta H trén AC. M 4 trung
diém HD. Chéng minh ring AM L BD. |

Bai 11: Cho hinh chit nhit ABCD. Ké BK L AC. Goi M, N lan luot la trung diém ctia AK va CD.
Ching minh ring BM L MN,

Bai 12: Cho tir giac ABCD c6 hai dudng chéo cit nhau tai O. Goi H, K 1an luot 14 tryc tAm
cua cac tam giac ABO va CDO. Goi I, J lan luot 13 trung diém ctia AD va BC. Chiing minh
HK 1 1J.

Bai 13: Tim dang:  tam gidc ABC néu

a) (CA+AB)CA-CB)=0 b) ABAC =AC’

Bai 14: Cho AABC. Chiing minh rang:
a) Néu (a+b+c)(b+c-a)=3bc thi goc A bing 60°.
b +cd-

3 A}
b_a = a2 thi goc A bing 60°.

+c-a

b) Néu

¢) Néu cos(A+C)+3cosB=1 thi gbc B bing 60",
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Bai 18: Trong mit phing toa do Oxy, cho ba diém A(-1; 1), B(3; 2), C(2; -1)

1)Tinh ABAG,BABM trong d6 M 1a trung diém AC.

2)Tinh goc gitia hai vecto AC va BO

3)Tinh goc CBA.

NTim toa do diém D thudc Ox sao cho tam gidc DBC cén tai D

5YTim toa do diém E thudc dudmg théng x+y-2=0 biét E cach déu cac diém A va B
6)Tim toa do giao diém (néu c6) cia hai duong tron duong kinh AB va CO.

Bai 19: Trong mét phéng toa d6 Oxy cho ba diém A(1; 2), B(-2; 6), C(4; 2)
l)Cilﬁ'ng minh ring A, B, C khong thang hang

2)Tim chan dudng cao A’ ké tir A cua AABC

3)Tim toa do trong tdm G, tryc tdm H, tdm duong tron ngoai tiép I cia AABC . Chting minh ring

I, G, H thang hang
4)Tinh chu vi, dién tich S, ban kinh R, r ctia dudng tron ngoal tiép, noi tiép AABC.

Bai 20: Cho A(1; 2) va B(3; 4). Tim trén truc hoanh diém M sao cho
a) (MA+MB) nho nhét
b) [MA -MB]| 16n nhét.

Bai 21: Biét sin:-<=i va 90° < x <180°. Tinh cac gia tri lugng gidc con lai ctia goe X.

J5
Bai 22: Biét tan x=2. Tinh

a) A=2sin x-3co0s X _sin’ x—cosx

c) C=—
4sinx¥3cosx Sin x+CosX
b) B=——— ——
3sinx—4cosx

Bai 23: Tinh gié trj cac biéu thirc sau

A =sin?1° +sin? 2° +...+sin? 89° +sin’ 90°

B=cosl°+co0s32° +...4+¢c0s°179° + cos’180°

C=tanl’.tan2"...tan 88".tan 89°
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Bai 24: Ching minh céc biéu thire sau khong phu thudc vao x

A =sin® x +cos® x +2sin’ X.C08°X
B =2cos" x —sin* x +sin® .cos’x +3sin’ x
C = (cotx +tan x)? — (cot x —tan x)*

D =+/sin* X +4cos? x ++/cos’ X +4sin® x

Bii 25: Cho AABC. Chiing minh ring

a) cosA+cosB+cosC< -2—
b) 0032A+COSZB+0052C2—% ( AABC nhon)
c) cos2A —cos2B+cos2C é% ( AABC nhon)

d) si A .B . C_3
) sin—-+sin—+sin—< =
2 2 2 2

Bai 26: Cho tam giac ABC, trong tim G. Biét AB=2, BC=4, CA=3. Tinh
a) ABAC, suy racos A
b) AGBC
¢) GAGB+GBGC+GC.GA
d) Goi D la chan duong phéan giac trong ciia goc A. Tinh AD theo AB, AC; tur do suy ra
do dai AD.
Bii 27: Cho tam gidc ABC co AB=4, AC=6 va A=120"
1) Tinh BC 2) Tinh o dai trung tuyén AM

3) Goil, J 12 céc diém xdc dinh boi cac he thitc: 2Ai+1B=0,JB-2]C=0. Tinh IJ

Bai 28: Cho tam gidc ABC. Chung minh rang

AB? +AC’ -BC’
2AB.AC

a) Xé.mzé(ABz—l—ACz—BCz) ~b) cosA=

Bai 29: Trong tam gidc ABC, A’, B’, C> 12 chan cac duong cao hatir A, B, C xuéng BC, CA, AB;
H 13 tryc tam. Chiing minh HAHA'=HBHB'= HCHC'
Bai 30: Cho tam giac ABC c6 O 1a tim dudng tron ngoa tiép . Ching minh ring néu

Ol = OA +OB+0C thi H 1a tryc tAm cla tam giac ABC.
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