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PE CUONG ON TAP HE LGP 10

CHUVYEN DE 1. Phuodng trinh
PHUONG TRINH BAC NHAT VA BAC HAI
Bai 1. Gidi va bién luan phuong trinh sau theo tham s6 m
m’x+2=x+2m (1)
Bai 2. Gidi va bién lugn phuong trinh (m? + 4) x = 3m = x=3. (1)
Bai 3. Giai va bién luan phuong trinh m (x —2m) = x+m+2. (1)
Bai 4. Gidi va bién luan phuong trinh m?x+1=(m - D x+m. (1).
Bai 5. Giai va bién luan cac phuong trinh sau:
1. m*’x-3=x+3m
2. mimx—1)=4x+2
3. a(x — b) + b(x — a) = 0 véi (a, b 1a tham sb)
4. m(mx+3)=m(x—-3)+6
5. m*x+m=9x-3
6. 3(m+ 1)x+4=2x+5m+5
7. m*x=9x+m?> —4m +3
8. m*(x—1)+3mx+ (m*> +3)x—1
9 N 2x +mn N 1
. mx+n= =
2 3
10. m(mx + 2n%) — m?* = n*(x + m) v6i m, n 1a tham s6
_ _ 2 _ 2
p TR XEREM M T i m,n 1a tham sb
m n mn
mx — 1 2 m(x> + 1)
12. =
x—1  x+1 x2 -1
Bai 6. Tim m d€ phuong trinh (m — 2)x — (3x — 2) = 0 vd nghiém
Bai 7. Tim m dé€ mdi phuong trinh sau c6 vo s6 nghiém:
a)ym’x+m(x—4)=2x+8 b) Va2 —m=x+m
Bai 8. Tim m nguyén d€ phuong trinh m(mx + 3) = m(x — 3) + 6 c6 nghiém nguyén.
Bai 9. Tim m d€ cdc phuong trinh sau diy c6 nghiém duy nhét
L x+m x-=2 _5
x+1 b
Cm-1Dx+3m—-2
2. =m
x+1
2 . xX—m x+1 i
Bai 10. Tim m dé phuong trinh = vO nghiém.
x—2m x-
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PE CUONG ON TAP HE LGP 10

Bai 11. Cho phuong trinh mx + m?> —3m + 1 = 0.

1. Tim m dé phuong trinh c6 nghiém duy nhét.

2. Tim m d€ phuong trinh v nghiém.

3. Tim m nguyén dé€ phuong trinh c6 nghiém nguyén.

Bai 12. Tim m dé:

2
1. Phuong trinh I = m+ 5 c6 nghiém am.

2. Phuong trinh m?(x — 1) = 4x — 3m + 2 ¢6 nghiém duong.
| = 2x+m 34 -x)
) 12

4y —
3. Phuong trinh rom

c6 nghiém x € (0;5).

1. PHUONG TRINH BAC NHAT VA BAC HAI

Bai 13. Ki hiéu xi, x, 12 hai nghiém ctia phuong trinh x? — 3x + 1 = 0. Tinh gia tri cdc biéu thiic sau

1. xf + x% 4. xlxg + x?xz 7.
1 1 3 3
)4 5. x]+ x5 8.
X1 X 6 X X
2 2 . —+ —
3. x1x5 + X7 X X

4 4
X[+ x5
X1 X2

+
2 2
X X

Bai 14. Ki hiéu xi, x, 12 hai nghiém cta phuong trinh 2x*> — 8x — 9 = 0. Hay 1ap phuong trinh bac hai

nhén cac cap so sau lam nghiém.

1. X3, x5 3.x1+2,x0+2
X1 X2
4. B2
1 1 X2 X1
2. —,— 5. X%xy, X1 X2
X1 X2 « ApA2, AlAy

Bai 15. Cho phuong trinh x> — 2(m — 1)x + m?> — 3m = 0 véi m 12 tham s.

. Tim m d€ phuong trinh c6 hai nghiém phan biét, hai nghiém trai dau.

1

2. Tim m d€ phuong trinh c6 hai nghiém ducng, Am phan biét.

3. Tim m d€ phuong trinh ¢6 ding mot nghiém duong.

4. Tim m d€ phuong trinh ¢ 2 nghiém x;, x, thda man x? + x3 = 8.
1 1

5. Tim m d€ phuong trinh ¢6 hai nghiém x;, x, thda man — + — = 5.
X1 X

1 1

' X1+1’X1+2

7. 2xy — X1, 2X] — Xo.

6. Tim m d€ phuong trinh c6 hai nghiém 12 d6 dai hai canh tam gidc vudng c6 dién tich bang 12.

7. Tim m d€ phuong trinh ¢6 hai nghiém x; < 0 < x, thda man |x;| > |x|.

8. Tim m dé phuong trinh c6 hai nghiém x;, x, thda man 4x; — x, = 1.
Bai 16. Cho phuong trinh x> — 2m + D)x+m -1 = 0.
Biét ring phuong trinh ¢6 mot nghiém x = 1. Tim nghiém con lai.
Tim m dé phuong trinh c6 hai nghiém x;, x, thda man 1 < x; < x».
Tim m d€ phuong trinh c6 hai nghiém x;, x, thda man x; = 3x,.
Ki hiéu A = x? + x3 — x;x. Tim gid tri nho nhét cta A.

Tim m d€ phuong trinh c6 hai nghiém x;, x, thda man |x; — x| = 6.

A O o

Tim hé thiic lién hé gita x;, x, ma khong phu thudc vao m.

Bai 17. Cho phuong trinh x*> — 2(m — 1)x + 4m — 10 = 0 v6i m 1a tham s thuc.

1. Chiing minh ring véi moi gia tri ctia m phuong trinh ludn c6 hai nghiém phén biét.

2. Tim m d€ phuong trinh c6 hai nghiém x;, x, théa man x7x, + x;x3

2=

4.
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PE CUONG ON TAP HE LOP 10 2. PHUONG TRINH BAC CAO

NGR

3. V6i xy, x, 1a hai nghiém ctia phuong trinh, tim m nguyén dé biéu thic P = 2 + 2 nhan gid tri
nguyeén. neon
Bai 18. Cho phuong trinh x*> — (2m + 3)x + 6m — 1 = 0 v6i m 1a tham s thuc.
1. Chiing minh ring véi moi gia tri ctia m phuong trinh luon c6 hai nghiém phén biét.

2. Tim m d€ phuong trinh c6 hai nghiém x,, x, théa man x;(x; + 27) + x,(x, + 27) = 0.

3. V6i xi, x, 1a hai nghiém ctda phuong trinh, tim m nguyén d€ bi€u thic P = 3 + 3 nhan gi4 tri
nguyén. R
Bai 19. Cho phuong trinh (m — 1)x*> — 2mx +m + 2 = 0.
1. Tim m dé€ phuong trinh c6 hai nghiém phan biét.
2. Tim m d€ phuong trinh ¢6 ding mot nghiém ducng.
3. Tim m dé phuong trinh c6 hai nghiém x;, x, tha man i—j + i—; = 6.
Bai 20. Cho phuong trinh (m + 1)x*> = 2(m — Dx +m +2 = 0.
1. Tim m dé€ phuong trinh c6 hai nghiém phan biét.
2. Tim m d€ phuong trinh ¢6 hai nghiém phan biét thda man 4(x; + x;) = 7x;x,.
3. Tim m d€ phuong trinh c6 hai nghiém phén biét thda man x; < 2 < x,.
4. Tim m d€ phuong trinh ¢6 hai nghiém phan biét thda man A = x7 + x3 — x;x, dat gid tri nho nht.
Bai 21. Cho phuong trinh x* — 2(m + 1)x + 4m = 0 v6i m 14 tham sd.
1. Giai phuong trinh khi m = 2.
2. Tim m d€ phuong trinh c6 hai nghiém x,, x, thda man (x; + m)(x, + m) = 3m? + 12.
Bai 22. Cho phuong trinh bac hai: x> = 2(m — 1)x + 2m — 5 = 0.
1. Chitng minh rang phuong trinh ludén c6 hai nghiém phan biét véi moi m.
2. Tim m d€ phuong trinh c6 hai nghiém x,, x, thda man
(x% - 2mx; +2m — 1)(x§ —2mx, +2m—1) =16
Bai 23. Cho phuong trinh x* + 4x — 4 + m = 0. Tim m d€ phuong trinh c6 nghiém thudc [—4;2].
Bai 24. Cho phuong trinh x* + (1 —m)x*> + m> — 1 = 0.

1. Tim m d€ phuong trinh da cho vd nghiém, c6 mdt nghiém, hai nghiém, ba nghiém, bén nghiém
phén biét.
2. Tim m d€ phuong trinh di cho c6 b6n nghiém phan biét cich déu nhau.
Bai 25. Chiing minh riang phuong trinh ax? + bx + ¢ = 0 (a # ¢) c6 nghiém nay gp k 1an nghiém kia thi
ta c6 dang thic kb? = (k + 1)%ac.

PHUONG TRINH BAC CAO

Bai 1. Giai cac phuong trinh sau

A xt-6x2+5=0 b) x* — 13x% + 36 c)xt—6x*-5=0
Bai 2. Tim m d€ phuong trinh x* — 2mx? + 2m — 1 = 0 c6 bon nghiém phan biét.
Bai3. Choham s6y = x* — mx?> + m — 1. Tim m d€ d6 thi ham s cit truc hoanh tai 4 diém phan biét.
Bai4. Cho ham s6 y = x* — (3m + 2)x? + 3m. Tim m d€ d6 thi ham s6 cat truc hoanh tai 4 diém phan biét
déu c6 hoanh d6 nho hon 2.

Bai 5. Giai cac phuong trinh sau:
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PE CUONG ON TAP HE LOP 10 3. PHUONG TRINH CHUA AN 6 MAU

I (x=3)*+(x=-5*=82 3. (x+ D+ (x=3)*=90
2. (x+ 2+ (x+8)* =272 4. X*+(x=2*=170
Bai 6. Tim m d€ phuong trinh (x — 1)* + (x — 3)* = m v6 nghiém.
Bai 7. Giai cac phuong trinh sau:
I x*+3x° -6x>+6x+4=0 3. 6x* +7x} = 36x* = Tx+6=0
2. X =8 +21x2-24x+9=0 4. x* —13x3 +46x* -39x+9=0
Bai 8. Giai cac phuong trinh sau:

I. x(x+ D(x+2)(x+3) =8

2. (x+2)x+3)x-7(x-8)=0
3. (x+5(x+6)(x+8)(x+9)=40
4. (6x+5°Bx+2)(x+1)=35

(x+ D(x+2)(x +3)(x + 6) = 168x?
(x +6)(x + 8)(x +9)(x + 12) = 2x°
(x +4)(x + 6)(x — 2)(x — 12) = 2547

® 2w

18(x+ D(x+2)(x+52x +5) = 14—9x2

PHUONG TRINH CHUA AN & MAU

Bai 1. Giai va bién luan cac phuong trinh sau:

3mx+2 x—-m x-3
= +

1. =1 3. =2
x+1 x—=2 X

3 4+(m+2))c:_m+1 n (x+1)(mx+2):0
2x -3 x—3m

+1
x—m+1 x+m+2
Bai 3. Giai cac phuong trinh sau

Bai 2. Tim m d€ phuong trinh

vO nghiém.

1x2+3x+4_)c+1 1 1 N 2 _ 3
Co2x-1 2 T X2-2x+2 xX2+2x+2 xt+4
_ _ 4 5 3
3 5x 3:2x 5 12, i X . X _ 3
3x+5 x—1 xX2+x+3 x*-5x+3 2
2x+3x—-1 _ 4x-5 3 X345 F-5x+5 1
3 x+3 2 X2 —4x+5 X-6x+5 4
2x° -2 x+2 X+ x
4. + =2 14 ———— =2
2x+1  2x+1 (X2 —x+1)?
1 1 1 81x>
5. = 2 _
x12+9x+20+x2+11x+30+x2+13x+42 15, ¥+ g =40
— 2
18 16. x2+—25x > =
g X1l x—1 2x+1 (x+35)
x+2 x-2 x+1 T B N S W U
X —x 2—-x+2 “\x-1 x+1) 9
7 xz—x+1_xz—x—2:1 xt+4
| 18. 2+2:5x
X
8. x2+(x+1)2:2— 2 2
X2+x+1 19 (x+2) (x—2) _5(x -4
0. x2+i2:4(x_2) art) Tim1) T2
X X x \2 x \2
20.( )+( ):90
32 3 x

T8 Todn-THPT Nguyén Thi Mink Khai TRANG 5/23



PE CUONG ON TAP HE LGP 10

1 1 213
2. -2
(x2+x+l) +(x2+x+2) 36

4. PHUONG TRINH CHUA AN DUGI DAU CAN

(U X~1o V)

BRTY
SRS
(xX2-x+12 9

2 12 12 2 1
. (x+D(x+1)+x _ oL
xX2(x2+1) X

PHUONG TRINH CHUA AN DUGI DAU CAN

Bai 1. St dung phuong phap binh phuong hai vé, giai cic phuong trinh sau:

1. Va2 —2x+5=3x-1

2. Vx+3+ V3x+1=4

3. V2 +dx+4- Va2 +2x-2=2
4, V2x+1=3-x

5. V3x2—5x+4=2x—1

Bai 2. Giai cac phuong trinh sau

22X -5Vx2-3x+5=6x—-7
2 =2+ Vx+ D(x=2) =14

CVx—T14+V3—x+ V-x2+4x-3=3

. Vx+9+ Vx+18=9

1

2

3

4. V1=x+ VI+x+3Vl-x2=5
5

6

6. Vx+1=Vx+3-Vx+2

7.2V3x+1—- Vx—-1=2V2x-1

8. VIOx+1+ V3x-5=Vox+4+ V2x-2
9. Vx+1+ V3x+1=38

10. Va2 +3x+2+ Va2 +6x+5=V2x2+9x +7

VX =2 Vx+2=2Vx2—-4-2x+2

2 1
8. 4vVx+—=2x+—+2
v Vx T ox

9. x+1+ Vx2—4x+1=3+/x
10. X>+ Vx+5=5

~

3 V2 x—6V2—x+44VA—x2=10-3x 1. x+ VI7T=x2+xV17-x2=9

PHUONG TRINH CHUA DAU GIA TRI TUVET DOI

Bai 1. Giai cac phuong trinh sau:
I. [x=2]=|x+3|
2. VA2 —12x+9 =[x + 1
3. XX —4x+2|=2
4. |x—=1|=x*-3x+1
5. x> =5x+4-x=4

Bai 2. Giai va bién luan cac phuong trinh sau

1. jmx+2x—1| = |x|
2. 2x = 1| = |mx + 2|
3. Bx+m| =12x - 2m]|

6. [x—1]+2x+ 1] = |3x]|
7. B3x=5|+2x—=1|=|-5x+ 6]
8. X +5x+4=x>+6x+5
9. x*-2lx-1]=0
x? —4x
10, |——=1
x2+x+1

4. 2(|x|+m—-1)=|x|-m+3

5. jmx+2m| =|mx+x+1

Bai 3. Tim m dé€ phuong trinh |x> + 2mx + 1| = x + 1 c6 nghiém duy nhAt.
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CHUVYEN DE 2. Hé phudng trinh

HE BAC NHAT HAI AN

Bai 1. Giai cac hé phuong trinh sau:

1 1 1
+

5 2
2x+3 2y+1 _

1 N 7
2x+3 2y+1
3 1

+
X+y x-y

2 3 ;
=3

=11

=10

xX+y x-—y
10 3
+
x-y+2 x+y-1 )
3 N 2 ’
x—y+2 3x+1

7
2

Bai 2. Giai cac hé phuong trinh sau:

! x-1/=1
T lx+2y=6"

2x+y=3
{Ix—y|=
5 {Ix—1|+3|y—2|: _
=1y -21=1 7

2x+yl+lx—y[=5
Slx+yl=3lx -yl =

Bai 3. Giai cac hé phuong trinh sau

[\S)
+
| —
Il
\9)

|
=N <

Il

[a—

‘ w

21N x| =
+
|
)
"—‘ Il
N

=lH <
~
I
\®)

N

|

* {|x+1|
|
|

15 4
=~ _1-6
S )
4 9
—+2:62
Xy
2 5
- -8
2x+1 2y-1 )
3 1 _1’
2x+1 2y—1
1 2
+ =
x+2y 3x+1 _
2 | ’
x+2y 3x+1
3 N 2
2x—-3y x+y
7 2 '
— = _5
x+y 2x-3y

x+y=1
x—ly-2|=
|x+l|+|y—1|—3
2|3x—l|—|y+2|—3
Bx—-1|+]y+2|=

,

lx+2y— 1]+ 3|x — y+2|—10
8lx+2y—-1|-5x—-y+2|=-

7 4 5
N
| 3B
X y 6
4{\/}+2\/)le5
4Vi-fy-1=2



PE CUONG ON TAP HE LGP 10 1. HE BAC NHAT HAI AN

NGR
4 1 3
+ =5 ——-y=6
5 x=2 x+2 15 2x
1 2 _ S i2y=-4
- x+2y X
{3(x+1)+2(x+2y)— 6 (x—17%-2y=2
dx+1)—(x+2y)=9 B -1D*+3y=1
7 {3\/_ e LT
2\/_+ V=1 P
5 17.
= 5+4—51
8. \/12x 3 Vdy +1 Xy
8 = 4 1
\/12x 3 Vay +1 8 x+y y-1
0 2Vx—-1-+y-1=1 1 2 _ 4
Vi-l++y-1=2 x+y y-1
3xv 2 x+2 2
x—l_y+2 x+1 y-2
10. o 1 19. 5 ) 1
x—1 y+2 x+1 y-2
LA B 3 2 17
11 x+y—-1 2x-y+3 2 0 x-2 y+1 5
> o, 7 "12x-2 y+2 26
x+y—-1 2x-y+3 5 x—2 "y-1_75
12_{|x+2|+4 —1=3 1 ye2
e +2[=24y-1=2 5 ) 2x+1 y+2°
;3 2x+y)+ Vx+1=4 S |3x-3 2y-4
’ (x+y)_31[x+ - _ 2x+1 y+2
2 1
" + =3 " +3V4x-8=14
IERE 2.4 "
- =1 —y_zv -2=-3
X+y x-y X+y
x—my=0

Bai 4. Giai va bién luan hé phuong trinh {
mx—-y=m+1

Ti an dé hé (m+l)x_2y:m_l . hié d hxtl\ % ~
Bai 5. ; .
ai 5. Tim m nguyén d€ hé Py = m +2m c6 nghiém (x; y) duy nhat la s6 nguyén

Bai 6. Tim m d€ cdc hé sau c6 vo s6 nghiém

| mx+2y=1 m-2)x+(m—-4)y=2
lx+m-1y=m lm+ Dx+GBm+2)y=-1
. + 1)x — =4 . . ) . 1
Bai 7. Tim m dé hé (m+ 1)x =my c6 nghiém duy nhat (x;y) thoa man x —y < —
3x -5y = 2
2x+y=35

Bai 8. Tim m dé hé { c6 nghiém (x; y) thda man x> + y* dat gia tri nho nhAt.

-x+2y=10m-5

R x+(m+2)y=2m+2 ) P
Bai 9. Tim m dé hé c6 nghiém duy nhat thoa man x = y.

mx + 2y =m? +2
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PE CUONG ON TAP HE LOP 10 2. MOT SO LOAI HE PHUONG TRINH KHAC

MOT SO LOAI HE PHUONG TRINH KHAC

Bai 1. Giai cac hé phuong trinh sau
2x-y=35 xX+y+xy=-7
1. { > 14. YA

Crxy+y =7 ¥ +y =3x+y) =16

s, X-xy+y =1
oy =2x=-1-y 2x* —3xy+4y* =3
3x* +2xy+y* =11

X +2xy +3y* =17

y+4x=8 16.

3x% + 5xy — 4y* = 38
5x* — 9xy — 3y =15

1
x+y+ +—:5
y

1
x+y+ +5=9
y

!
{
:
{
{
|
|
{

17.

{y PP+ 2x+2y+4=0 18.
X +x3y3+y3:17
X+y+xy=35

- 19.

8. {“y”y ’ (4y+2) =25+ 15

Yy +2y=x 20.

10. x(x+y+l)—3—
21.

(x +y)? ——+1—0
11.

x+y+ 2=y =12
12 x2+y2+xy:7 22. Y Y
- yyxZ—y2 =12

x+y+xy=>5 x+D*+@y+1)?=13
xy(x+2)y+2)=24

13. 23.

x+y-xty—yx=-3
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CHUVYEN DE 3. Bét dng thtic va GTLN-GTNN

CHUNG MINH BAT PANG THUC

Bai 1. Cho a, b 13 hai s6 duong. Ching minh:
1 1
a) (a+b)(—+—) > 4;
a b

1 1
b) a2+b2+—+522(\/5+ Vb).
a

Bai 2. Ching minh cic bt dang thic sau:
a’+b*>ab(a+b),véia,b>0;
a*+b* > a’b +ab?, v6ia,b € R.

Bai 3. Cho a, b, c,d, e 1a cic sb thuc tiy y. Chiing minh

b+ +d+E>ab+c+d+e).

Bai 4. Cho x, y, z 12 cic sb thuc, ching minh ring
3@ +b*+ ) = (a+b+¢)? > 3(ab + be + ca)

Bai 5. Cho x, y, z 12 cdc sb thuc, chiing minh ring
2+ +22> V2x(y +2)

Bai 6. Cho x,y, z 1a cac s6 thuc, chiing minh rang
Y+ 2 x W+ 2 +yVal+ 22

Bai 7. Cho x,y, z 1a cac s6 thuc, chiing minh ring

xz+yz+z2+xy+yz+xz2§(x+y+z)2

Bai 8. Cho x,y, z 1a cdc s6 thuc dlIdng, chu?ng minh réng
1. (Y + Y22+ 220 (xy* + yz* + 2x) > 9x%y

2 2 2x
2. xy+ yz+ Z§x+y+z
xX+y y+z x+z
2 2 2
X
3. —+y—+Z—2x+y+z
y z X

9x? 9y? 97°
+ +
y+2z z+2x x+2

222

4.

>3(x+y+72)

Bai 9. Cho x,y, z 1a cac s6 thuc duong, chiing minh rang

| +1+1 1 1 1
R NN
2. i )Z+x—>x+y+z
zZ x 'y

10
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2. GTLN, GTNN

Bai 10. Cho a, b, ¢ 1a cic s6 thuc duong, chitng minh céc bat dang thiic sau

a c 3
1. + > =
b+c a+c a+b 2
a b c
2. + + > 1
b+2c c+2a a+2b
3. a +Z—)+£22
b+c ¢ a
Bai 11. Cho x, y 1a cic s6 thuc duong théa man x+y = 2. Ching minh rang: xy(x>+y?) <2,  x*y’(X*+
y)<2
GTLN, GTNN
Bai 1. Tim gid tri 16n nhét, gia tri nho nhét ctia cac biéu thic sau
1 3
1.x+—2, x=>2 14. 2x+—-, x=>=5
X x
1 1 2 2
2. 2x+ =, 0<x<< 15. .+
X 2 .
) x2+1
3. x°(1 —x), O0<x<l1 4 o
4. x(1 = x), O0<x<l1 16. — +
3 x 1-x
5. x(1 = x°), O0<x<l 5
X
_ _ 17. + —
6. Vx—2+ V4 —x -3
7. Vx -2+ V10 —4x \ ) 4
1
5
9. 4(1_x)2_x’0<x<1 19. x2(5 - 6x), OS)CSE
4
10. x+ ——, x>2 2
— 2’ 20. 3x* + —
x-2) ¥
L AL J X316 o
. x
x‘i 4 x+ 1’
. 2)?
12 x+x_2, x>2 ”. (x+ ),x 0
2 x
x—x+1
13. oa— 23. X245y —4xy—2x+2y+9
Bai 2. Tim gid tri 16n nhét cta (3 — x)(2 — y)(5x + 6y), x € [0;3],y € [0;2]
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CHUVEN DE 4 Ham sb bac nhét, ham s6 bac hai

HAM SO BAC NHAT

Bai 1. Xd4c dinh ham sb bac nhit trong cic trudng hop sau:

a) Do thi ham sb di qua hai diém A(1; —3) va B(0; 1).

b) Pi qua diém C(1;2) va cit truc tung tai diém c6 tung dd bang —3.

¢) Do thi cit dudng thang y = 2x + 5 tai diém c6 hoanh d bang —2 va cit dudng thang y = —3x + 4 tai
diém c6 tung do bang —2.

d) Do thi di qua giao diém clia (d)) : y = x + 1 va (d») : y = =2x + 1 va diém B(-1;2).

Bai 2. Xdac dinh dudng thang d trong cic trusng hop sau:

a) C6 hé s6 goc bﬁng 3 va di qua diém A(2; -3).

b) Song song véi dudng thang y = 2x + 2017 va di qua diém B(7; 3).
¢) Vudng goc v6i dudng thang y = %x + 2017 va di qua diém B(—4;0).

Bai 3. Xdc dinh ham s bac nhit biét rang do thi clia n6 di qua giao diém ctia dudng thang y = —2x + 6
véi truc hoanh va tao v6i hai truc toa do mot tam giac c6 dién tich bang 6.

Bai 4. Tim m d€ d6 thi ba ham s6 y = 2x, y = —x — 3, y = mx + 5 dong quy.
Bai 5. Khao sat su bién thién va vé do thi cia hAm s6 y = [2x — 1]

2x+4néu —2<x<-1

Bai 6. Cho ham s y = f(x) = —2xnéu —1<x<1

) x—3r/1éu1<x£3.

a) Khéq sat, 1ap bang Qién thién cta ham so trén [-2; 3].
b) V€ do thi cua ham so da cho.

Bai 7. Lap bang bién thién va vé dd thi ctia cac ham sd sau:

Ly=|x-2[-x 3.y=2x-1]-3x-2|+1
2. y=3x—1]-|x+3| 4. y=12—x|+x+1]

. 2x — 3 néux > 1
Bai 8. Cho ham so f(x) = < .
—|x|néux <1
a) Lap bang bien thién va vé do thi cia ham so trén.
b) Dua vao do thi, tim diéu kién ctia m d€ phuong trinh f(x) = m c6 hai nghiém phan biét.

Bai 9. Chohaim séy = 3|x — 1| — |x + 3|
a) Khao sat su bien thién va vé do thi ham so da cho.
lx+3|+m

b) Tim m dé phuong trinh |x — 1| = 3

¢6 hai nghiém phan biét.
Bai 10. VGi mdi gid tri ctia m, xét dudng thang (d,,) : y = 2m — 1)x + 3.
a) Véi m = 2, hay tinh khoang cach tl gbc toa d6 O dén duvng thang (d,).

b) Tim diém cb dinh ma dd thi ham s6 ludn di qua v6i moi m.

12



PE CUONG ON TAP HE LGP 10

HAM SO BAC HAI

Bai 1. Xdc dinh toa do dinh, truc dbi xiing ctia cac parabol sau

l.y=x>-6x+9 5.y=-x>-4x+7
2. y=x*—4x+3
Y x2 * 6. y=3x*+8x+3
3.y=—x"—x+3

1 1
4.y:§x2+5x+8 7.y:—8x2+4x+3

Bai 2. Khdo sat su bién thién va vé do thi ctia cadc ham sb sau:
a)y=x>-2x-1 b)y = —x* +4x c)y=2x*—4x-1.

Bai 3. Xdc dinh ham s6 bac hai y = ax? + bx + 2 biét rang dd thi 1a mot parabol :

. 2o 3
a) bi qua diém A(3; —4) va co truc doi xing x = ——.

4
b) C6 dinh 1(2; -2).
¢) i qua hai diém M(1;5) va N(-2; 8).

. 1
d) bi qua di€ém B(-1;6) va dinh c6 tung do -7
e) C6 truc dbi xting x = 1 va cat Oy tai diém M(0; 4).

Bai 4. Xac dinh ham s6 bic hai y = ax? + bx + ¢ trong cdc trudng hop sau:
a) P6 thi ham s6 qua A(0; 1), B(1; 1) va C(=1; 1).
b) P6 thi ham sb qua D(3;0) va c6 dinh I(1;4).

2. HAM SO BAC HAI

¢) Do thi ham s6 ¢6 truc ddi xiing 1a dudng thang x = 6 va di qua A(8; 0) va B(0; 32).

d) Ham sd dat gid tri nhd nhit bang 4 tai x = —2 va c6 do thi di qua A(0; 6).

¢) D4 thi ham s6 nhn diém x = } lam truc doi xing, di qua diém M(-2; 11) va cit Oy tai diém c6 tung

do bang 1.

f) Do thi nhan duong thang x = —2 lam truc dbi xing va cat dudng thang y = x —

dox=0,x=-5.

Bai 5. X4c dinh ham s6 bic hai y = ax? + bx + ¢ trong cdc trudng hop sau:

3 tai hai diém c6 hoanh

a) Ham s6 dat gia tri nhé nhét bang 2 khi x = 1 va nhén gid tri bang 6 khi x = —1.

Bai 6. Cho ham sb y = x> — 4x + 3 ¢6 do thi 1a (P).

a) Khao sat su bién thién va vé do thi (P).

b) Tt d6 thi (P) hay suy ra dd thi ctia ham sb y = —x? + 4x — 3.
¢) Tir d6 thi (P) hay suy ra do thi cia ham s6 y = [x* — 4x + 3|.
d) Tir dd thi (P) hdy suy ra do thi ctia ham sb y = x> — 4|x| + 3.
e) Tir dd thi (P) hdy suy ra do thi ctia ham s6 y = |x* — 4|x| + 3|.

f) Tir dd thi (P) hdy suy ra dd thi ca cicham sdy = [x = 1|(x =3) vay = (x = I)|x = 3|.

e) Tim m d€ phuong trinh x> — 4|x| + 3 — m = 0 ¢6 4 nghiém phan biét.
Bai 7. Cho ham s6 y = x> — 6x + 8, ¢6 dd thi 12 (P).

a) Lap bang bién thién va vé do thi (P).

b) Bién luin theo m sb nghiém cua phuong trinh (x — 4)|x — 2| = m.

¢) Tim m d€ phuong trinh |x*> — 6x + 8| = m c6 ding ba nghiém phén biét.

Bai 8. V& do thi cta cdc ham sb sau:

. y=x>*-6[x|+9
2. y=x*+xlx +2|
3. y=|x* —4x| + 3|
4. y=|x*+3x] - |x -2
5. y=x>-3x-2|

T6 Todn-THPT Nguyén Thi Mink Khai
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CHUVYEN DE 5. Hé thic lugng trong tam giac vudng

HE THUC LUGNG TRONG TAM GIAC VUONG

Bai 1. Cho tam giac ABC ¢c6 AB = 16,AC = 14 va B = 60°.

a) Tinh d6 dai canh BC

b) Tinh dién tich tam giac ABC.

Bai 2. Cho tam gidc ABC vudng tai A, duong cao AH. Biét AB: AC =3 : 4 vaAB+ AC =21 cm.
a) Tinh cac canh cua tam giac ABC.

b) Tinh d6 dai cac doan AH, BH,CH.

Bai 3. Cho tam gidc can ABC c6 ddy BC = 2a, canh bén bang b (b > a).
a) Tinh dién tich tam giac ABC.
b) Dung BK LAC. Tinh ty sb 4%.

Bai4. Cho M 1a mot diém bét ky thudc mién trong ctia hinh chit nhat ABCD. Chiing minh ring MA? +
MC? = MB* + MD?.

Bai 5. Chiing minh rang: Trong mot hinh thang, tdng cac binh phuong ctia hai dudng chéo bing tdng cic
binh phuong cia hai canh bén cong hai lan tich hai canh day.

Bai 6. Cho tam gidc ABC(AC > AB) véi duong trung tuyén AM va dudng cao AH. Ching minh ring

2

2 _ 2 2 BC
1. AB- = AM*+ MB--2BM.MH 3. AB2 + AC? = — + 2AM?

2. AC? = AM? + MC?* + 2MC.MH
4. AC*> - AB’> = 2BC.MH

Bai 7. Cho AABC la tam giac nhon va can tai A. Ké cac duong cao AH va BK. Bat AB = a, BAH = a.
1. Tinh cac canh cia ABAH theo a va a
2. Tinh céac canh cia ABAK va ACKB theo a va a

3. Chiing minh ring sin 2« = 2 sina cos a, cos 2a = 2cos’> « — 1.

PANG THUC LUGNG GIAC

. |- 4
Bail. Chosina = T Tinh cos a, tan a, cot a biét 0° < a < 90°.
Bai2. Cho cosa = -3 Tinh cac gia tri lugng giac con lai cua goc a.

s . | )
Bai 3. Biétsinx + cosx = 3 Tinh D = sin x. cos x.

Bai 4. Chiing minh cic dang thiic sau:

4 2

1. sin* x + cos* x = 1 — 2 sin” xcos? x.

2. cos*x—sin*x=cos?x—sin’x=1-2sin*>x=2cos?x— 1.

2 2

3. tan? x — sin” x = tan® x sin” x.

14



PE CUONG ON TAP HE LGP 10

2. DPANG THUC LUONG GIAC

1 1
—+ =
l+tanx 1+cotx
Bai 5.
3 2sinx + 3cosx
1. Chotanx = 2. Tinh D; = — , D, =
4sinx —5cos x
sin’x — cos’x sin x + 5cos x
D; = — ) 5 D, = 3. A3
sm2x + sin“x cos x sin”x — 2cos3x

. , D, = 5cos? x + 3sin’ x
2
cos?x — sin x cos x

2. Chosinxz%, 0<x<%.TinhE =

cot x+tan x
cot x—tan x

Bai 6. Cho sina + cosa =
1
cos3

4

, sin* @ + cos* @, sin® @ + cos® @, tan @ + cot a.

T Tinh gia tri cua cac biéu thuc: sina.cosa, sin

3sinx—2cosx

. b
5sin’x + 4cos3x \
8cos’x — 2sin’x + cos x

5 = - , Dg =
2¢os x — sin°x
1
‘a + cosPa, — +
sin

Bai 7. Ching minh ring trong cdc diéu kién c6 nghia, cac biéu thiic sau khong phu thudc vao bién x.

1. (sinx + cos x)? + (sin x — cos x)* 6.

2. cos* x —sin* x + 2sin’ x 7.
) 3 )
3. cos® x + sin® x — =(cos* x + sin* x) 8.
2
. ) 9.
4 sin’> x + cos®x  sin®x - cos® x
" sinx 4 cos x sin x — cos x 10
5.co8x + 2sin®x + sin*xcos?x +
4 sin” x cos? x — sin” x
11.
Bai 8. Trong diéu kién c6 nghia, it gon cac biéu thiic sau:
sin x 1+cosx
- 5.
1+cosx sin x
1
2. |1 +tanx + 1+tanx —
COS X COS X 6.
3 1—-cosx sin x
" sinx 1 +cosx 7.
1+2sinxcosx 1-—2sinxcosx
8

sin x + cos x sin x — COS X

\/sin4 x+4cos?x+ \/cos4 X+ 4sin’ x
cos*x (ZCos2x - 3) + sin*x (2sin2x - 3)
cos?xcot’x + 5cos?x — cot?x + 4sin’x

(sin4x + costx — 1) (tanzx + cot?x + 2)

2 N cotx+ 1
tanx—1 cotx—1
1 — tan’x
- (1 + tanzx) (1 + cotzx)
tan x
sin® x sin x + cos x

sin x — COS x tanZ x — 1

sin’ x cos? x

l+cotx 1+tanx

\/sin2 x(1 + cot x) + cos?(1 + tan x)

. cos®x(tanx + 2)(2tan x + 1) — 5sin xcos x

T6 Todn-THPT Nguyén Thi Mink Khai
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CHUVEN DE 6. Vectd

CAC DINH NGHIA

Bai 1. Cho tam giac ABC. Goi M, N, P lan lugt la trung diém cua BC, CA, AB.

T L = s ft AANT oS s R AN 2. 2. 14
1. Liét ké tat ca cac véc-to khac véc-td 0, cung phuong v6i MN va c6 diém dau, diém cuoi lay trong
cac di€ém da cho.

—> —> 2 X - R A+ 1A 2 LS
2. Liét ké cac véc-to khac véc-to 0, cung hudng v6i AB va c6 diém dau, diém cudi lay trong cac diém
da cho.

3. V& cic véc-to biing véc-td NP ma c6 diém dau 1a A hodc B.
Bai 2. Cho hinh vudng ABCD canh a. Goi M 1a trung diém ctia AB, N 1a diém dbi xing v6i C qua D.
Hay tinh d6 dai cua véc-tc MD va MN.
Bai 3. Cic)) tam gidgc ABC déu canh a va G 1a trong tam. Goi I 12 trung diém ctia AG. Tinh d6 dai ctia cac
véc-td AG, BI.
Bai 4. Cho ti giac ABCD. Goi M, N, P, Q lan lugt 1a trung diém AB, BC, CD, DA. Ching minh m =
OP.
Bai 5. Cho tam gidc ABC c6 trong tim G. Goi [ 1a trung diém ctia BC. Dung diém B’ sao cho BB = GaA.

1. Chiing minh BI = IC.
2. Goi J la trung di€ém cta BB’. Ching minh BJ =1I0G.

Bai 6. gh)o luc gidc déu ABCDEF tam O, hay ké tén cic vecto bang Kﬁ, OE , cac vectd cung phuong véi
vecto OA.

Bai 7. Chg) hinh binh hanh ABCD ¢6 tim O. Tim cac vecto tu 5 diém A, B, C, D, O sao cho:

a) Bing AB

b) C6 do dai bang |OB].

Bai 8. Cho tam gidc ABC ndi tiép duong tron tm O. Goi A’ la diém dbi xiing v6i A qua O, goi H 1a truc
tdm tam gidc ABC. Chiing minh ring B'B = A’C va HC = BA'.

Bai9. Cho AABC, hiy xdc dinh céc diém D va E sao cho AD = CB, AE = CA.

Bai 10. Cho hinh binh hanh ABCD. Hai diém M, N 1an lugt la trung dlem cua BC Va AD. G01 I 1a giao
diém ctia AM va BN, K la giao diém ctia MD va CN. Chiing minh ring AM = NC DK = NI.

Bai 11. Cho tam gidc ABC va diém M & trong tam giac. Goi A’, B’,C’ 1an lugt la L trung di dlem cua
BC CA,ABva N, P, Q1an luct 1a diém dbi xting ctia M qua A’, B’, C’. Chting minh rangAQ CN AM =
PC va AN, BP,CQ dong quy.

Bai 12. Cho tam gidc ABC can t{li_A) ¢6 AB = AC = 3a, BC = V5a. Goi G 1a trong tim tam gidc ABC va
M 1a trung diém cta AG. Tinh |BM)|.

Bai 13. Cho hinh binh hanh ABCD tim O. C4c ménh dé sau diing hay sai. Gidi thich.
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PE CUONG ON TAP HE LOP 10 2. TONG, HIEU CUA HAI VECTO

1. AB=DC 3. OA = OC 5. A0 = OC
2. AD=CB 4. DO = -OB 6. |BA| = |DC]

Bai 14. Cho tam gidc déu ABC, ké dudng cao AH. Céc ding thiic sau day diing hay sai? Tai sao?
1. AB = AC 3. BH =CH 5. |BH| = 1|CB|
2. |AB| = |BC] 4. CH = HB
Bai 15. Cho hinh binh hanh ABCD. Goi E, F, M va N lan lugt 1a trung di€ém cta canh AB, BC, CD va DA.
1. Chiing té ring 3 vecto EF ,A—C) ,MN cung phuong;
2. Chiing t6 ring EF = NM. Suy ra td gidc EFMN 1a hinh binh hanh.

Bai 16. Cho hai binh binh hanh ABCD va ABEF. Dung EH va FG bing AD. Ching minh CDGH la
hinh binh hanh.

TONG, HIEU CUA HAI VECTO

Bai 1. Cho bbn diém A, B, C, D. Chiing minh rang:
1. AB+CD =AD +CB 3. AB+DC+BD+CA=0
2. AB-CD =AC - BD 4. NéuAB = CD thi AC = BD
Bai 2. Cho hinh binh hanh ABCD tim O. Ching minh ring:
1. OA+OB+0C +0D =0 2. DA-DB+DC =0 3. DO +AO = AB

Bai 3. Cho hai diém A, B c6 trung diém /. Goi M 1a mdt diém tuy y khong & trén dudng thang AB. Ly
trén M1 kéo dai mot di€m N sao cho IN = MI. Chiing minh:

1. MA + MB = MN 2. AM - AB = NA
Bai 4. Cho 4 di€ém A, B, C, D. X4c dinh c4c vecto sau:
|. @=AB+DC +BD +CA 2. b =AB+CD-CB
Bai 5. Cho AABC. Hiy xdc dinh cdc diém M thoa diéu kién sau: MA — MB + MC = O
Bai 6. Cho hinh vuéong ABCD tam O, canh a. Xac dinh cac vectd sau day va tinh do dai cua ching theo

1. d = O__AZ+O_B)+ 2. b =AB+AD 3. 2=AB-AD 4. d =AB+AC
oC + 0D
Bai 7. Cho hinh chtt nhat ABCD c6 AD =2 va AB = 4.
1. Tinh |AB + AD)| 3. Dung V = AD + AC. Tinh | V|
2. Dung % = AB + AC. Tinh | 7| 4. Dung @ = CA + CD. Tinh ||

Bai 8. Cho tam gidc déu AABC c6 canh a. Ké dudng cao AH.
1. Xéc dinh vectd AB + AC. Tinh |AB + AC] theo a.
2. Goi E va F 1a hai diém trén canh BC sao cho : BE = EF = FC. Tim V = AB + EA + AC + FA
3. Xidc dinh vects AH + BH. Tinh |AH + BH| theo a.

Bai 9. Cho bdn diém A, B, C, D tlly y. Chiing minh ring
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PE CUONG ON TAP HE LGP 10 3. TICH CUA MOT VECTO VOI MOT sé

1. AC + BD = AD + BC
2. AB-CD = AC - BD
Bai 10. Cho hinh binh hanh ABCD va mot diém M tity ¥, ching minh ring MA — MB = MC — MD.
Bai 11. Cho 6 diém A, B, C, D, E, F. Chiing minh ring
1. AD+BE+CF=AE + BE+CD =AF + BD + CE
2. AC + DE - DC -~ CE + CB = AB
Bai 12. Cho tam giac ABC. Goi Ay, By, C, lan luot 12 trung di€ém ctia canh BC, CA, AB. Chiing minh rf?mg
AA; + BB, + CC; =0.

Ba1 13. Cho hmh bmh hanh ABCD c6 tam O. M 1a mot diém bat ky. Chiing minh rang:
a) BA + DA + AC 0.

b) MA MB M C - MD

c)0A+OB+0C+0D 0.

Bai 14. Cho tam glac ABC dlmg vé phia ngoai tam gi4c cac hinh binh hanh ABIJ, BCPQ, CARS . Chiing
minh ring RJ + IQ +PS=0.

Bai 15. Cho tam giac ABC. Goi A’ 1 diém dbi xu’ng cua B qua A, g01 B’ 1a diém d6i xing ctia C qua B,
C’ 1a diém dbi xting ctia A qua C. Chiing minh ring OA + OB+ 0C = OA’ + OB + OC'.

Bai 16. Cho tam giac ABC G01 M, N P lan llIOt la 1 trung diy diém ctia AB, BC, CA. Chiing minh ring vé6i
diém O bat ky ta luon c6 OA + OB + OC = OM + ON + OP.

Bai 17. Cho hai hinh binh hanh ABCD va AB'C’D’. Ching minh riing BB’ + CC’ + DD’ = 0.
Bai 18. Cho tam gidc ABC. Dung diém M thda man diéu kién MA + MB— MC = 0.
Bai 19. Cho hinh binh hanh ABCD, I 1a trung diém BC. Tim diém M thdéa man BC + MD = BI — CA.

Bai 20. Cho hinh binh hanh ABCD. Dung AM = BA, MN = DA, NP = DC, PQ = BC. Chiing minh ring
0=A.

Bai 21. Cho tam gidc ABC. Tim tap hop cic di€ém M thda man

1. |[MA| = |MB - MC|. 3. |MA + MB| = [MA — MC|.
2. |MA| = |MC|.
Bai 22. Cho tam giac déu ABC canh a, dudng cao AH. Tinh |E +AC l, |ﬁ +BH l.
Bai 23. Cho hinh chi¥ nhat ABCD c¢6 AB = 3, BC = 4. Tinh |AB + AD), |AB + AC).

Bai 24. Cho hinh vuéng ABCD ¢6 canh a va M 1a mdt diém bt k¥, ching minh riing @ = MA + MB —
MC — MD khong déi. Tinh |%].

— — — —
Bai 25. Cho 2 vectd @ va b c6 gia vuong goc véi nhau va |d| = 3,|b| = 4. Tinh |d + b|,|d — b]|.

TiCH CUA MOT VECTO V3I MOT SO

CHUNG MINH MOT PANG THUC VEC-TO

BAI 1. Cho ttd gidc ABCD. Goi M,N,1,J lan lugt 1a trung diém cua cic canh AD, BC, AC va BD. Ching
minh rang:
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PE CUONG ON TAP HE LGP 10 3. TICH CUA MOT VECTO VOI MOT sé
-

NGR

1. AB+DC=2MN 2. AC+DB=2MN 3. AB+CD=2IJ 4. AB-DC =2IJ

BA12. Cho ti gidc ABCD. Goi E, F 1an lugt 1a trung diém clia cic canh AB,CD;G la trung diém cta
EF. Chiing minh rang:

1. GA+GB+GC+GD=0 2. AB+AC +AD = 4AG 3.(—)6:}L(Z)—A)+5§+Z)_C>+(_)l_5)
v6i O 1a diém tuy y.
BAI3. Cho 4 diém A, B, C, D. Goi 1, J 1an lugt 1a trung diém ctia BC va CD. Ching minh ring:
2(ﬁ+ﬂ+J_A)+E4)):3IT§.
BA14. Cho td gidc ABCD c6 1, J 1an lugt 1a trung diém ctia AD va BC.
1. Ly diém O théa OA + OB+ OC+OD = 0. 2. Ching minh: IJ =  (AB + DC).
Chtng minh O 1a trung diém cua 1J.
BA15. Cho hinh binh hanh ABCD tam O, M 13 mdt diém bét ky. Chiing minh rang:
1. OA+0B+0C+0D =0 3. DO +AO = AB
2. DA-DB+DC=0 4. MA + MC = MB + MD = 2MO
BAI6. Cho tam gidc ABC ¢ M, N, P 1an luot 1 trung diém ctia cac canh BC, CA, AB. Chiing minh rang:
1.ﬁ+B—>M:%A_C> 2. AP+BM+AN+BP=PC 3. AM+BN+CP=0
BA17. Cho luc gidc déu ABCD tim O. Ching minh ring:
1. OA+OB+0C+ 0D+ OE + OF = 0 3. AF+ED+CB=0
2. OA +OC + OE = OB + OD + OF
BA1S. Cho AABC. Goi A’, B', C’ 1a trung diém ctia BC, CA, AB va O la diém bt ky. Ching minh ring:

1. OA+OB+0C = 0A + OB + OC’ 2. AA +BB +CC =0

BA19. Cho AABC déu tim O. Piém M la diém tly y trong tam gidc. Goi D, E, F 13 chan dudng vudng
goc ha tif M xudng 3 canh ctia tam gidc. Ching minh rang: MD + ME + MF = 2 MO.

BA110. Cho AABC va AA’B'C’ ¢c6 trong tim 1a G va G’. Chiing minh rang:

1. AA’ + BB +CC’ = 3GG 2. T d6 suy ra diéu kién dé hai tam gidc c6
cung trong tam.

BAL11. Cho AABC va sb thuc k. Goi A’, B, C’ 1an lugt xac dinh bdi: AA’ = kAB, BB’ = kBC, CC' = kCA.
Ching t6 rang AABC va AA’B'C’ ¢6 cung trong tam.
BA112. Cho ti gidc ABCD. Goi M, N, P, Q lan ludt 1 trung diém cta cic canh AB, BC,CD, DA. Chiing
minh ring hai tam gidc ANP va CMQ c6 cling trong tam.
BA113. Cho AABC va AAB,C; c6 cung trong tdm la G. Goi Gy, G,, G3 la trong tdm cédc tam giac BCA|,
CAB,, ABC,. Ching minh r:\?mg G la trong tam AG,G,G3.

BAI 14. Cho4dlemA B,C, D G01A’ B, C’ D’ lan lugt la trong tam cua cac tam giac BCD, CDA, ABD,ABC.
Chiing minh ring : AA +BB +CC' +DD = 0

BA115. Choluc giscABCDEF.Goi P,Q,R,S,T,U lan luot 1a trung diém clia cic canh AB; BC; CD; DE; EF; FA.
Chiing minh ring: APRT va AQS U c6 cling trong tam.

XAC PINH PIEM THOA PANG THUC VEC-TO CHO TRUGC

BAI116. Cho AABC. Hay dung cic diém I, J, K biét :
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1. 2IA - 31B = 3BC 2. JA+JB+21C=0 3. 2KA+ KB =2CB+CA
BA117. Cho AABC. Hay dung cac diém I, J, K, L biét:

1. IA+IB-1C = BC 3. 3KA+KB+KC=0

2. JA+JB+JC =AB+AC 4. 3LA-2LB+LC=0.
BA118. Cho tam gidc ABC. Hay dung céc diém I, J, K, L biét ring

1. TA+2IB=0 3. 2KA + KB - KC = AB

2. 3JA+2JB=0 4 LA+LB+LC = BC
BAI119. Cho céic diém A, B, C, D, E. Xac dinh cac diém O, I, K, M thda:

1. OA +20B+30C = 0 3. ﬂ+ﬁ+ﬁ+3(@+ﬁ):6

2. IA+IB+IC+ID=0 4. MA + MB +3MC = 0

BA120. Cho hinh binh hanh ABCD tam O. Hay dung c4c diém I, J, K, L biét ring :
1. IA+IB+1C = 4ID 3. 4KA +3KB+2KC+KD = 0.
2. 2JA+2JB=3JC-JD

BIEU DIEN MOT VEC-TO THEO CAC VEC-TO CHO TRUGC

BA121. Cho hinh binh hanh ABCD. Hay tinh cac véc-to AB va AD theo céc véc-to AC va BD.

BAI 22. Cho h1nh binh hanh ABCD. G01 I J 1an lugt 1a trung diém cila céc canh BC va CD. Hay tinh céc
véc-t6 AC, Al, AJ theo cdc véc-to AB va AD.

BAI123. Cho AABC. Goi M la diém thoa: MB - 2MC = 0. TinhAM theo AB va AC

li;iL 24. Cho tam glac ABC. Goi M 1a diém trén doan BC sao cho MB = 2MC. Ching minh ring:
AM = 1AB + 2AC.

BAI25. Cho AABC . Goi M la diém trén canh BC ma MB = 2MC . Tinh AM theo AB va AC.

BAI 26. Cho tam glac ABC Goi K 1a diém trén tia dbi ctia tia AB sao cho KB = 4KA. Hay tinh véc-to
CK theo hai véc-to BA vaBC.

BA127. Cho tam gidc ABC, goi I 1a diém trén canh BC kéo dai sao cho IB = 3IC.

1. Tinh Al theo AB va AC. Tinh JKtheo AB va AC.

2. Goi J va K lan luct 1a cac dlem thuoc canh . .
AC,AB sao cho JA = 2JC va KB = 3KA. 3. Tinh BC theo Al vaJK.

BA128. Cho AABC . Goi M 1a trung diém ctia AB va N 1a diém théa : NC = —2NA. Goi K la trung diém
cia MN.

1. Chiing minh ring : AK = %A_B) + %A—C) . 2. G01 D la trung ( di€ém cta BC. Ching minh
rang: KD = 1AB+ lAC

BA129. Cho AABC c6 trong tam G
1. Phan tich A—G) theo 2 vec to A_é va A_C)

2. G01 E. F la 2 diém xac dinh bdi cac diéu kién: EA = 2EB 3F A + 2F C = 0 Phan tich EF theo
AB va AC

BA130. Cho AABC. Goi I 1a diém trén canh BC sao cho 2CI = 3BI. Goi J la diém trén BC kéo dai sao
cho5J/B =2JC.
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1. Tinh Al va AJ theo AB va AC. 2. G01 Gla la trong tam ciia AABC. Tinh AG theo
Al va AC.

BAI31. Cho tam giac ABC. Goi I 1a diém trén canh BC sao cho 2CI = BI, goi J la diém trén canh BC
kéo dai sao cho 5JB = JC.

1. Tinh A] , AJ theo hai véc-to ABVAAC. 2. Goi G la trong Eflm tam gidc ABC, tinh AG
theo hai véc-to Al vaAJ.

BA132. Cho luc gidc ddu ABCDEF, hiy biéu dién cdc véc-to sau theo cdc véc-to i@ = AB, V= AE.

1. AD 2. AC 3. AF 4. EF

CHUNG MINH BIEU THUC VEC-TO KHONG POI

BAI33. Cho AABC va mot diém M tuy y .Ching mmh rang véc-to ¥ = MA + MB - 2MC khong phu
thudc vao vi tri cta diém M. Dung diém D sao cho CD=7v

BAI34. Cho AABC va diém M tity y. Ching minh rang:

1. ¥ = MA+2MB-3MC khong phu thudc vao 3. CD cat AB ta1 K. ChIIng minh ring: KA +
vi tri clia diém M. 2KB = O vaCD = 3CK.

2. Dung diém D sao cho: CD = 7.

BAI35. Cho hinh vuong ABCD canh a. M 1a mdt di€ém bt ky. Chiing minh ring cc véc-to sau day khong
d6i. Tinh modun cta chiing.

1. @ =3MA - MB-MC - MD 2. b=4MA - 3MB + MC - 2MD

BA136. Cho tam gidc ABC va mot diém M. Chiting minh rang cc véc-td sau nay khong phu thudc vao vi
tri ctia diém M.

1. @= MA + MB - 2MC 2. b= MA +4MB - 5MC 3. @= MA +2MB -3MC

CHUNG MINH 3 PIEM THANG HANG, PUGNG THANG PI QUA MOT

PIEM

BA137. Cho 4 diém A, B,C, M thda man MA + 2MB — 3MC = 0. Ching minh 3 diém A, B, C thing
hang.

BAI38. Cho AABC. Goi 1, J 1 hai diém théa: TA + 3IC = 0; JA + 2JB + 3JC = 0. Chtng minh ring:
1,J,B thgmg hang.

BA139. Cho 4 diém A, B, C, D. Ly cdc diém M, N, P théa AM = 2AB, AN = 2AC, AP = 2AD.
1. Tinh MN theo BC , tinh NP theo C—D)
2. Ching minh ring: M, N, P thang hang néu va chi néu B, C, D thang hang.
BA140. Cho tam giac ABC, lﬁy cac diém M, N, P sao cho : MB = 3]\76‘), NA +3NC = 6, PA + PB = 6

1. Tinh W, P_)N theo theo AB VﬁA_C) 2. Ching minh ré“mg ba diém M, N, P thezmg
hang.

BAl 41. Cho tam giac ABC, trong tim G. LAy céc diém 1, J sao cho 2JA+5JB+3JC = 0 va2lA+3IC =
0.
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1. CMR: M, N, J théing hang v6i M, N theo thit 3. Goi E la diém thuoc AB théa man AE = kAB.
ty 1a trung diém ctia AB va BC. Xdc dinh k d€ C, E, J thang hang.

2. CMR: J la trung di€m cia BI.

BAI42. Cho hinh binh hanh ABCD tam O. Liy cdc diém 1, J sao cho 3IA + 2IC — 2ID = 0 va JA —
2JB +2JC = 0. Chiing minh rang: I, J, O thing hang.
BAI43. Cho hinh binh hanh ABCD tam O, M la mot diém bét ky. Goi MS = MA + MB + MC + MD.
Chiing minh ring dudng thang MS di qua mot diém cd dinh khi M di dong.
BAl144. Cho hai diém A, B c6 dinh :

1. Chung minh rang c6 duy nhit mot diém 1 2. C_h()) hai ﬂém M,N di dong thoa: MN =

théa: IA +21B = 0 MA + 2MB. Chiing minh ring dudng thing
MN qua mdt diém cb dinh.

BA145. Cho tam gidc ABC, diém M trong mit phang thda man MN = MA + MB + MC.

1. Chitng minh rang: MN ludn di qua trong tim 2. Goi P la trung diém ctia CN. Ching minh
G cuia AABC khi M thay déi. rang : MP lu6n di qua mot diém cb dinh khi
M thay déi.

BAL46. Cho td gide 16i ABCD, diém M thda man MN = MA + 2MB — MC + 4MD.

1. Chitng minh rang: MN luén di qua mot diém 2. Goi P la trong tam cia AABN. Chiing minh
c6 dinh khi M thay d6i. rﬁng: MP ludn di qua mot diém cb dinh khi
M thay doi.

Bu 47. Cho AABC M 1a mot diém luu dong. Goi I 1a diém thoa: 2IA +3IB-IC = O. Dung MN =
2MA +3MB - MC.

1. Ching minh I c¢6 dinh. minh J ¢b dinh.
2. Chiing minh MN = 4M]. Suy ra MN di qua o e o
mot didm cb dinh khi M thay ddi. 4. (3()1 P la t‘rung dl?m cua C;N_' Chu?pg minh
. rang M P di qua mot diém co dinh khi M thay
3. GoiJ la di€ém thoa : 2JA + 3JB = O. Chiing doi.

BAI 48. Cho AABC M 1a mot diém luu dong. Goi I 1a diém thoa: 21A +3IB - 2IC = O. Dung MN =
2MA + 3MB - 2MC.

1. Chiing minh MN di qua mot diém cb dinh 2. Goi P la trung diém cta CN. Chiing minh

khi M thay d6i. rang M P di qua mot diém cb dinh khi M thay
doi.

BAI149. Cho tam gidc ABC. Pudng tron ndi tiép AABC tiép xic véi AB, AC theo thi tu tai M va N. Goi
E, F theo thy tu 1a trung diém ctia AC va BC. Tim diém P thudc EF sao cho M, N, P thang hang.

TIM TAP HOP PIEM THOA HE THUC

BA150. Cho AABC. Tim quy tich nhitng diém M thda man:
1. |MA + MB| = |MB - MC| 5. 2|MA + MB + MC| = 3JMB + MC]
2. |2MA + MB| = |MA + MB + MC| I
O 6. |MA + BC| = |MA — MB
3. 4MA + MB - MC| = |2MA — MB - MC]
4

. 2MA + MB| = |4MB — MC)| 7. |[AMA + MB + MC| = 2MA — MB — MC|
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BA151. Cho A, B ¢b dinh . Tim quy tich nhiing diém M théa :
1. [MA + MB| = |MA — MB| 4. |MA +2MB| = |MA - 2MB|
2. 2MA + MB| = |MA + 2MB|
3. |MA + MB| = |MA| + |MB| 5. 2MA + MB| = 2|MA| + |MB|
BA152. Cho AABC. Tim tap hop céc di€ém M sao cho :
. MA +kMB +kMC =0 (k€ R) 4. Vecto MA+MB+2MC cing phuong véi BC.
2. kMA + (1 -k)MB = 0 (ke R)
3. 2MA + (3 -kMB+kMC = 0 (k€ R) 5. 2MA-(1+kMB-3MC =0 (keR)

BA153. Cho hinh binh hanh ABCD , M 1a diém bat ky. Trong mdi trudng hop hdy tim sd k va diém cb
dinh I sao cho cdc dang thic sau thda véi moi diém M.

1. MA + MB + MC +3MD = k.MI 3. 4MA + MB + MD = k.MI

2. 2MA + MB - MC = k.MI
BAI54. Cho hinh binh hanh ABCD , goi M, N la hai di€m luu dong dinh bdi: MN = 3MA — 2MB -
2MC + MD.

1. Ching minh ring MN la véc-to khong d6i. 2. Tim tap hop céc diém M biét ring diém diém
Tim tap hop cic diém M biét ring gia cla N chuyén dong trén AC.
MN qua O (O la tam cua hinh binh hanh).

BAI55. Cho AABC vudng tai A . Goi M 1a diém thay d6i trong tam gidc. Goi D, E, F 1a hinh chiéu ctia
M 1én BC, CA, AB.

1. T“lm quy tich nhiing di€ém M thoa MD + 2. Tim quy tich nhiing diém M thoa
ME + MF luon cung phuong véi BC IMD + ME + MF| = |MA| .

BAIS6. Cho AABC, goi I 1a diém dinh béi 5IA — 7IB - IC = O.

1. Chiing minh ring GI = 2AB (G la trong tdm 2. Al cit BG tai O. Tinh %.
cua AABC).
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