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Phan I: Pai s
Bai 1: CM cdc bat ding thic sau:
@t B o w b

1) —2+—;+~2-+~+£. ( a,b,c>0) Da'+b'2a’b+b’a. ¥V ab,e
b = = B B g
3)a’+b*+’+d’ +efza(b+c+d+e). V abe. 4)L2 -. (a.b>0)
ab (a+b)

1 1 1 3
+ + >
2a+b 2b+c¢ 2c+a a+b+c

2 2
(a,b,C >O) 6) a—7+é2—+423(£+ﬁj
b* a b a

Bai 2: Tim gia tri 16n nhét va nho nhat ctia: f(x)=(2-x)(9+2x) véi %s b,
Bai 3: Tim gia tri nho nhét cia ham so:

a) f(x)=2x +% vl x > -1 . b) f(x)=|x+2|+x+1]+[2x-5|.
X
Bai4: Chox® +2)” +3z7 =6. CMR: |x+2y+3z|<6

2 2

Bai 5: Cho %H’T:l. Tim gid tri nhd nhat cta 5 =2x -3y +12].

Bai 6: Giai cac bat phuong trinh sau:

1§ 2Eda 2) 272 o c) LI 4) [2x 5| <x+1.
K2 x=2 X4l 2+l ’
5) [x-2|> x4l G)|v+3+[2e-4]<5 7) “f <3,
x_

Bai 7:a) Tima dé f(x)=(a-1)x*+2(a+1)x+4a—41udn duong véi moi x.
b) Tima dé f(x)=(a+2)x*-5x+41luén am véi moi x
c) tim a dé f(x) viét dugc thanh binh phuong mot nhj thifc : £ (x) = ax’ —(a—-3)x +1.

2
m—-x+x

d)Tim m d€ v6i moi x ta ludn c6: 2<-———~—<7
' 3x" —2x+1

Bai 8: Tim m dé cdc bat phuong trinh sau diy vo nghiém.

D3x* +mx+m+4<0. 2)(3-m)x*-2(2m—-5)x-2m+50=0.
Bai 9: Tim tap xdc dinh clia ham s6 theo tham s m.

2x=>5 Q)= x2—3x—4.

X = 2mx+2—m 3-2x-x°
Bai 10: Tim a d¢ phuong trinh :(a+1)x* —(3a-2)x+2a-3=0 c6 nghiém? Vo nghiém? C6
hai nghiém am phéan biét? C6 hai nghiém duong phan biét?
Bai 11: Gidi cac phuong trinh va bt phuong trinh sau:

a)y=\/mx2+(m+3)x+3. b) y=

1) 48 =1 mafe=1=x{3x~2. 2) X' +9=6x+4Vx*—6x+6.
3) [¢* =3x+2|=1-|x]. | 4) Jx*-3x+2=5-4x
5)x* —[3x+4|=0 6) 2x—1V3-x =2x-1D(5x+4)

T Jx+d4+x-4+12-2x=2Jx"-16  8) x*+5-32x" —4x+5 =2x.
9) Vx'—4x+4 >3x+2. 10) V9x> —6x+1<5-2x.
11) |x2+5x—4'=‘2x272x+7’ 12)v-x*=2x+3>2x—4.

13) V35 —Ax—7 <x+1. 14) %Wzs.
-
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15) ‘3—\/x+5‘>x. 16) x—10+{12f3\/x—2‘>0
17) Afx+3—dfx—1 +3/x+8—6d%—1 =1. 18) Sy +—— <25+ +4.
_ 2Wx 2o
Bai 12: giai cic bat phuong trinh :
2
1) (x2)Vx +4 <x* 4. 2) 2 <ox43.
5x° -1
3) |\/x—3—1|+)\/x+5—1]>2. 4) 2x"33}<3.
X+
lx+2|—|x-l|
Ll B s BN 6 >x+2].
3 - > )|x+3|_1>|x+ |
7)ms|x—21. 8) V3x? +5x+7 —\3x? +5x+2 51,
i
9 Vx' —4x*+4>x-32. 10)4/3x2 =12 +2x% <20.
11) 2-1-|x| =1.

Bai 13:Tim céc gié tri chia m dé phuong trinh (m-1)x* —(m—5)x+m—-1=0c0 hai nghiém phan
biét 16n hon -1.

Bai 14: Tim m dé phuong trinh : x* —2mx? +2m> + m—12=0

a) Vo nghiém.b) C6 hai nghiém phan biét. ¢)C6 4 nghiém phan biét.  d)C6 3 nghiém.
Phan II: Luong gidc

Bai 16. Xac dinh dau cac biéu thic sau:

. . 2lr iz . 2 4r T 4 O
sin215".tan — cot—.sin(——) cos—.sin(——).tan —.cot —
17 13 3 . 3 5 3 5
Bai 17. Khong dung may tinh, tinh gia tri cac biéu thirc sau:
A= cosz.coszr-.cosiz B= 96\5 sini.cosﬂ.co S E—.cos ﬁ.cosz
7 7 48 48 24 12 6
e ] V3 D =sin’ 20" +sin* 100" +sin’ 140°

sinl0° - cosl O’
E =sin6”.sin 42°.sin 66°.sin 78°
Bai 18: Riit gon cdc biéu thiic sau:

A :sin(%+x}+cos(27r—x)+cos(37z+x)
B=2cosx—3cos(z—x)+ 55in[7—27£—x]+cot(§§~‘x}tan[l?—+xJ
C=28iﬂ[§—+)€}+Sin(5ﬂ'—x)+Sin[3§+xJ+COS(%+x]

D:cos(S;rrHx)"sin(%r+x)+tan(—gzz—xj+cot(37r—x)

E= cos(zmO —x)~25in(x—4500)+cos(x+9OO°)+231n(7200 —x)+cos(5400 —x)

sin(—234") —cos 216"
e 0 0
sin144"” —cos126
1 .2 sin 2550° cos(—188")
tan368°  2cos638° +cos 98"
_ (cot44” +tan 226") cos 406°
cos316°

an 36°

H

—cot72%cot18°
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[ =tan9’ —tan 27" —tan 63° + tan 81°
Bai 19. Chimg minh céc bi€u thirc sau khong phu thudc x:
A=cos’x+cos*(120° + x) + cos’ (120° - x)

B=sin’x+ cos(? - x)cos(% - x)
C =sin* x + sin(x + %) +sin* (x+§) +sin’ (x +3z7£)

l—cos2x +sin2x
= .cotx

1+ cos2x +sin 2x
E =8sin* x + 4cos2x — cosdx -3
F =sin® x +cos® x — 2sin* x — cos® x +sin® x
G = 3(sin® x — cos® x) + 4(cos® x —2sin’ x) + 6sin‘ x
Bai 20. Tinh gia trj cac biéu thirc:
a. sinxcosx,sin’ x+ cos'x, tan” x+cot? x biét sinx + cosx =m (jm| < v2)

coS’x +cos xsin’ x —sinx , .z
b. B= biéttanx=2.

sin’ x —cos’x
c. C=2sin* x+3cos’x biét 3sin® x+ 2cos'x = %
d. C=2cosx+13 biét sin(x—-’—zf)ﬂ = sin(x+%)
Bai 21 Ching minh ring trong tam gidc ABC, ta c6:

) ) ) B i
a. sinAd+sinB+sinC =4cos§c035cos%

) B g
b. cosA+cosB+cosC=l+4s1n§s1nasmg—
C. sin2A4+sin2B+sin2C =4sin A4.sin B.sin C
d. tanA+tan B+tanC = tan A4.tan B.tan C
e. cotAcotB+cotBcotC+c0thotA—1
f. cos’ A+cos’ B+cos’C=1-2cos AcosBcosC

Bai 22. Ching minh céc dang thic luong gidc sau :

cosa—sina 1
a. 8cos' a =cosda+4cos2a+3. b. — =
cosa+sina cos2a

& sin4a+cos4a=%+%cos4a d. tanZq+ ) =tana

cosa

. 31 a
e. sin’ a+cos"a:Z+Zcos4a f. tan—(1+ )=tana

cosa

g. 1+4cosa+6¢cos2a+4cos3a+cosda :16cos2acos4%

1 1 . . sin’3a  cos’3a
h. cosa—acos3a—-2—0055a=8$1n2a0053a 1. — - s—=238cos2a

) sinfa cos’a
Bai 23 Tim GTLN, GTNN cua cac biéu thirc sau:

B=cos'x+sin" x + cos’xsin’ x

A =sinx.cosx.cos2x.cos4x
Bai 24 Chimg minh céc bat déng thirc sau:
a. sin3xcosx—cos3xsinx —cos2x <2
V3 sin 3x + cos2x cos x — sin 2xsinx < 2

ysin xsin(x + 60°) sin(x —60°)| < %

+tan2a.
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Bai 25. Chting minh tam gidc ABC vuéng néu : 3(cos B+2sinC)+4(sinB+2cosC) =15.
. . . .y w R . B
Bai 26. Chting minh tam giac ABC cén néu Slng.cos3 g = sm?cos3 g

: 5 g . g ~ 4 COS ‘B 1 )
Bai 27 Ching minh tam giac ABC can néu M = —(cotZA +cot‘B) :
sin’4 +sin’B
sin B.sinC' = 3
4

Bai 28: Chimg minh tam giac ABC déu néu

c a

Bai 29: Chting minh tam gidc ABC vudng tai A néu - =
- cosB cosC sinBsinC
Phan II1: Hinh hoc

Puong thang

Bai 1:Viét phuong trinh tham sb,chinh tic (néu c6),téng quét ctia duong thing sau:
a) bi qua diém 4(2;-3)va song song véi dt :3x+4y-2 = 0.

b)Di qua diém B(-1;4)va vuong géc vdi dt : —2x+5y-7=0.

Bai_2:Cho AABC c¢6 phuong trinh canh AB:x+2y-2=0, phuong trinh canh AC:

2x+6y+3=0va M(-1;1) 13 trung diém BC. Viét phuong trinh canh BC va tinh toa dd céc

dinh A,B,C.

Bai 3:Cho dudng thing A:x—2y+3=0 vaP(2-5);0(3:-4).

a)Viét phuong trinh duong thing dbi xtmg véi A qua P.

b)Tim M trén A sao cho MP + MQ nho nhét.

¢)Tim N trén A sao cho |NQ - NP|16n nhat.

Bai 4:Cho AABC c6 4(1;1),B(4;-3),C(0;-2). ,
a)Viét phuong trinh cdc dudng cao va tinh toa d true tam A ABC.Tinh dién tich cia A ABC
b)Tim toa d¢ diém M thudc dudng thing x-2y-1=0sao cho tam gidc ABM c6 dién tich

béing 15.

Bai 5:Cho 3 diém 4(1;-1), B(1;1),C (3;-4).

a) Viét phuong trinh dudng thang di qua A va cach déu Bva C.
b) Viét phuong trinh duong thang A qua B sao cho khoé’mg cach tir C dén A béang 2.

Bai 6:Cho AABCc6 A4(0;5)va phuong trinh hai dudng trung tuyén 1a 3x-5y+21=0va

y—4=0.Hay tinh toa do cdc dinh 4,B,Cva viét phuong trinh 3 dudng thing chia 3 canh

CuaAA4BC.

Bai 7: Cho tam gidc ABC cé 4(1;0); phuong trinh hai dudng cao ké tir hai dinh clia tam gidc

la: x -2y+1=0va3x +y-1=0. Vi€t phuong trinh cdc canh ctia tam gidc va tinh dién tich

cua tam giac dé .

Bai 9 Cho tam gidc ABC c6 4(2 ;-1); phuong trinh mot dudng cao va mot dudng phan gidc

trong k¢ tir hai dinh ciia tam gidc la: 3x-4y+27=0vax+2y-5=0. Viét phuong trinh cdc

canh cua tam gidc . |

Bai 10:Cho hai dudng thing Aix+2y+4=0 va A, :x-3y+6=0 .
a)Tinh goc gilta A, va A,.
b)Viét phuong trinh dudng thing di qua 4(1;2)va tao véi A, mot gée 60°,
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Bai 11:Cho hinh binh hanh A4BCDcS A(-3;-1),B(2;2)va giao diém hai dudng chéo
127(3;0) .Tim phuong trinh céc canh chia hinh binh hanh 4BCD.
Bai 12:Cho cdc dudng thing A, :x+y-3=0 va A,:7x-y-5=0.
a)Viét phuong trinh céc dudng phén gidc cla cdc gdc tao bdi hai dudng thing A, va A,
b)A, cit A, tai A, A, cit truc OX tai B, A, cét truc Oy tai C.Tim phuong trinh dudng phém

glac trong cua. goc A cla tam gidac ABC.
Bai 13 (Dé TSPH khoi A-2002) ChoAABC vuong tai A, phuong trinh canh BC

124/3x—y-3=0, cdc dinh A va B thudc truc hoanh,ban kinh dudng tron nodi tlep bang 2. Tim
toa do trong tam G cla A ABC.

Bai 14: Cho hinh chit nhat ABCD c6 tam I( ;0), phuong trinh canh AB 1a x-2y+2=0 va

AB=24D. Tim toa d6 cdc dinh A,B,C.D biét rang dinh A ¢6 hoanh d6 &4m .
Bai 15: Cho hinh thoi ABCD c¢6 4(-2 ;3);B(1;-1) va dién tich hinh thoi bang 20.
a) Tinh d¢ dai dudng cao cla hinh thoi va viét phuong trinh canh AB .
b) Tim toa do diém D biét né c6 hoanh do duong .
Bai 16: Cho hinh thoi ¢6 phuong trinh ba canh la: 5x-12y-12=0; 5x-12y+21=0va3x+4y=0.
Viét phuong trinh canh con lai ctia hinh thoi d6 .
Bai 17: Vi€t phwong trinh bon canh cua hinh vuong bi€t bon canh lan lugt qua bon diém 1(0;2);
J(5-3);K(-2;-2);L(2;:-4).
Bai 18. Cho tam gidc ABC can tai A,BC:3x-y+5=0;4B:x+2y—1=0. Viét phuong trinh canh
ACbiét ACdI qua E(1;-3).
Bai 19. Cho tam gidc ABC c6 A(1;2) phuong tinh dudng trung tuyén ké tit B va phin gidc ké tor C
lan lugt 14 2x+y-1=0 vax+y-1=0. Viét phuong trinh BC.

Puong tron.
Bai 20:Lap phuong trinh dudng tron biét :

1) Tam 7(2;-3)va di qua diém A4(-5;1).

2) Dudng kinh la AB v6i4(2;5), B(-4;9).

3) Qua ba diém 4(-2;4), B(5;5),C(6;-2).

4) bi qua 2 diém 4(-1;2), B(~2;3) va ¢6 tam thudc dudng thing3x -y +10=0.

5) Di qua di€ém 4(1;4), tAm thuoc dudng thing y=1va ban kinhR=5.

6) bi qua 2 di€m 4(4;0), B(0;-2) va c6 ban kinh R = 5.

7)Tam 1(1;-1) va ti€p xtdc v6i dudng thang :5x—12y+9 =0.Tim toa do diém tiep xdc.

8)Ti€p xtic véi ca ba dudng thing :3x+4y—-6=0, 4x+3y—-1=0,y=0.

9) bi qua 4(-1;0), B(1;2) va ti€p xudc v6i dudng thangx-y—-1=0.

10) Bi qua 4(0;2); B(~1;1) va c6 tam ndm trén dudng thing 2x+3y =0.

11) Di qua di€m 4(5;3)va tiép xtic vdi dudng thdng : x+3y+2=0 tai diém M (1;-1).

12) Tiép xic véi 2 dudng thing song song c6 phuong trinh : 2x—y-3=0va
2x-y+5=0va di qua diém M (0;4).
Bai 21:Cho phuong trinhx® +y* +(m+2)x+(m+4)y+m+1=0. Xdc dinh m dé phuong trinh
da cho la phuong trinh ctia dudng tron va véi gid tri nao ciia m dudng tron dé cé ban kinh bé
nhét.

o
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x=1+2¢

Bai_22: Tim toa do cdc giao diém cua dudng thang (d):{ ; v6i dudng tron
(©):(x-1)" +(y-2) =16.
Bai 23: Cho dudng tron (C):x? +y* —6x+8y-25=0va hai diém 4(-2;1), B(8;2)
a) Xac dinh tam va ban kinh cua (C).
b) Viet phuong trinh ti€ép tuyén  v6i (C)bi€t ti€p tuyén song song Véi
dt:5x-12y+7 =0.Tim toa do ti€p diém.
c) Vi€t phuong trinh ti€p tuyén  véi (C)biét ti€p tuyén vuong goéc vdi
dt:4x+3y—-6=0.Tim toa do ti€p diém.
d) Viét puong trinh ti€p tuyén cua (C) biét ti€p tuyén tao véi 2x+y—-4= 0moOt gdc45°.
e) Ching to rang A thuoc (C),viét phuong trinh ti€p tuyén véi (C) tai A .
f) Ching t6 rang B ndm ngoai (C),viét phuong trinh tiép tuyén véi (C) di qua B .
g) Goi T,,T, la cc ti€p diém & cau e) ,tinh dién tich tam gidc BT, T, va viét phuong trinh
dudng tron ngoai ti€p tam gidc BT, T,.
h) Viét phuong trinh dudng thing qua T, T,.
Bai 24: Cho M(2; 1) va dudng tron ( C) ¢6 phuong trinh : (x~—1)2 +(y—2)2 =5
a) Chung t6 ring diém M nam trong ( C)
b) Viét phuong trinh dudng thang di qua M va cat (C ) tai hai diém A va B sao cho M 1a
trung diém ctia AB .
¢) Viét phuong trinh dudng thang di qua M va cit (C ) tai hai diém C va D sao cho
CD=25
d) Viét phuong trinh dudng thing di qua M va cit (C ) tai hai diém E vi F sao
cho ME = -3MF
Bai 25: a) Cho dudng tron (C):x” +y* —2x+4y-4=0 va dudng thang (d) :3x—4y=0.Chiing
minh réng (d) cit (C) tai hai diém phan biét A; B.Tinh do dai day cung AB.
b) Bi¢n luan theo m vi tri tuong doi ctia (C): x*+y* -2x—4y+4=0va (d): x—-my+m-4=0
Bai 26:Tim toa do giao diém cla hai dudng tron sau day: (C) :x* +y* +2x+y-1=0
(C'):x2+y2—2x+y—5=0.
Bai 27:Trong mit phiang Oxy cho phuong trinh : x* + y? +2mx—6y+4—m=0(1).
a)Chiing minh rang (1) 1a phuong trinh dudng trdn véi moi m.Tim qui tich tam dudng
tron khi m thay déi.
b)V6i m =4 viét phuong trinh dt vuong goc véi dt: 3x—4y+10=0va cat dudng tron tai hai
diém A , B sao cho 4B =6don vi do dai.
Bai 28: Trong Oxy, cho dudng thang (d) ¢6 phuong trinh: x-y+3=0va dudng tron (C) ¢
phuong trinh: x> + y* —2x -2y +1=0.Tim toa do di€ém M thuoc (d) sao cho dudng tron tam M,
c6 ban kinh gép doi ban kinh duong tron (C ), ti€p xtc ngoai véi dudng tron (C ).(Pé TSPH
khoi D-2006).
Bai 29: Trong Oxy cho dudng thang (d) c6 phuong trinh : x-y+1=0va dudng tron (C ) cé
phuong trinh: x*+3* +2x-4y=0. Tim toa do diém M thuoc (d) ma qua d6 ké duoc hai
dudng thang tiép xdc véi dudng tron (C ) tai A va B sao cho géc AMB bing 60°.
Ba duong conic.
Bai 30:Viét phuong trinh chinh tic caa Elip trong méi trudng hop sau:
1)Do6 dai truc 16n bang 12 va tiéu cu bing 4.

o
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2)D6 dai truc bé bing 6 va ti s6 % = 21

3)Tiéu cu bing 16 va di qua diém(-10;0).

4)Mot tieu diém (24/3;0) va di qua diém (2;—/3).
5)P0 dai truc 16n bing 26 va ti 56 < - %

NS

6)tam sai e = ?Vé chu vi hinh chit nhat co s& bing 20.

7) Dinh trén truc bé nhin hai tiéu diém mot goe 60° va do dai truc 16n bang 8
Bai 31:Viét phuong trinh chinh tic ctia Elip biét:
a)(E) di qua hai diém M(4;§) va N(B;%).

3 4
NS
Bai 32:Cho (E): x* +4)’=16.

a)Tim toa d¢ cdc dinh cua hinh chif nhat cd s¢ cua (E).

b) Tim trén (E) cac dié;m co toa do la céc s6 nguyén.

¢) Tim trén (E) cdc diem c6 tung do 1 .

d)Tim Me (E)sao cho MF, = 5MF,

e)Tim M thuoc (E) nhin hai tiéu diém dudi mot géc vuong.

f) Tim N thudc (E) nhin hai tiéu diém dudéi mot géc 60°,

Bai 33:Cho (E):  16x” +25)*=400.

a)Cho hai diém A,B e (E) sao cho 4F, + BF, =8 Hay tinh AF, + BF, =7

b)Viét phuong trinh dudng thing d cét (E) tai hai diém M ,N d6i xing nhau qua 7(2;2).
Bai 34: Cho Elip (E): 5x* +9y* =45c6 hai tiéu diém F,, F, .M la diém bét ky trén (E) .
a)Ching minh ring chu vi tam gidc FMF,khong d6i.Tim M dé dién tich tam gidc FMF,bing
2

b)Tim M dé 7' = FEM + EM +

b)(E) di qua P( ) va tam gidc PFF,vuong tai P.

16n nhat .

+
1 2




