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PE CUONG ON TAP HQC Ki II
MON TOAN LOP 11 _NAM HOQC 2014 - 2015

PHAN 1. GIAI TiCH
A. Mt sb kién thite co ban
1. Nam viing céc dinh nghia: Day sb ¢o gi6i han hitu han va vo cuc .Ham s6 ¢
gi6i han hitu han va vo cuc . Ham sb 1ién tuc tai mot diém , trén mot khoang , doan ntra
khoéng Dao ham va y nghia cda dao ham , vi phéan va dao ham cap cao .

2. Nam viing va st dung linh hoat cac dinh ly va céc quy tac tim gid1 han cua day 50 va
ham s6 dé tir mét s gidi han da biét tim duoc gidi han cua nhiing dy s6 va nhiing ham 56
khac , biét cach chimg minh hodc tim dleu kién dé ham s6 lién tuc tai mot diém, trén mot
khoang mot doan . Vén dung tinh chét ctia ham s lién tuc trong bai toan ching minh sy
ton tai nghiém ciia phuong trinh .

3. Vén dung tot cac cong thire va cac quy tic tinh dao ham cua tong hiéu, tich , thuong
cac ham sb , ham sé hop .Biét cach tinh dao ham clp cao ciia mot s6 ham thuong gap .

4. Biét img dung dao ham dé giai mot s6 bai toan vé tiép tuyén .

B. M6t s6 dang bai tap co béan
VAN BE 1 : GIOI HAN CUA DAY SO.

Bai 1. Tinh gioi han cua cac day so sau:
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Bai 2. Tinh gidi han cta cac day so6 sau:
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VAN PE 2 : GIOT HAN CUA HAM SO.

Bai 1.Tim gidi han cac ham so sau:

x> -4 2 1
1. lim(x’ +5x* +10x); 2. lim — 3 hm( . ——j
x—=0 Xx—=>2x"-33x+4+2 =\ X" — x—l
q" fiie %° —3%+2 | 5" lim x 2010 b ax*43x7 -8 6. 1i X+X 4. +x"—n
x>1x* —4x+3 w1 g 2000 g F ey i il
Bai 2. Tim gidi han cac ham sé sau:
. Ax'-5x+6 X1V 4 x+1 . A2x+7-3
1.lim————— 2. lim—— 3. lim ————
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Bai 3. Tim giéi han cac ham s6 sau:
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Bai 4. Tim gi6i han cac ham s sau:
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Bai 5. Tim gidi han cdc ham so6 sau:

1. lim 2x* -3x)

x—yteo

4. lim(Wx+2-4/x-2)

X3+

2. lim vx*-3x+4 3. lim (Wx?+x-x);

x—yton X >+

5. lim x(vx* +5 +x)

X —too

7. lim (% +2x -1 -+/x* =3x)

x—tom

X—tow

8. lim (Vx?—4x+3 —vx*—3x+2)

VX2 +x+2 +3x+1 .
e 3x-l A8, JAx 4 14l-x

k]

6. lim (/x> +x? -=x)

“O' d4u cé y chi , d dé c6 con dudng”.
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Bai 6. Tim gi6i han cac ham so sau:

1] . T2 8 2 a. A [1—
l.limu 2. lim o M 3. limx———g—xz—Jr—J 4. lim [x l—XJ
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VAN PE 3 : HAM SO LIEN TUC.

Bai 1. Xét tinh lién tuc cia ham so0 sau tai diém xg

w1 1-x !
khix = V2 . ~ khix =2
L; p= filx)= x—2 VOl Xg = V22 y=f(x)= (x—Z)" vol Xp=2
22 khix=+/2 | 3 khi x =2
2 : |x—1|x .
| x"-x khix 21 ] khix = 1
3. p=fO)=t 21 viixy= 1 4. y= fx)=4% t2x- véi %= 1
khi x <1 1 .
T — khix=1
4
Bai 2. Tim cac gia tri cia tham so d€ cac ham so sau lién tuc tai diém xq .
2_ 2 . -
a. 53—x+ﬂ khi x >2 [—” % giv <o
l.y=q VVX+7-3 viixg=2 = 2.3= " X | véi xg =0
2x—a khii% =2 a+——= khix 20
x—1 x+2 :
i [a(Jx+1-\2x+1) s
+ax+b khix>1 %
i x> +(a-Dx+b '
Syyms A khix=1 taixo=1 4.y=: ‘ khix>0 Vvoixe=0
. | )
3 2 :
a(x 7+x +x—3} kil s 1 khi x=0
| x" —3x+2 ,

2Vx-1+x-1

2 2 ; ; 3 £ i 5 khix >1
Bai 3. Chung minh ham s6 sau lién tuc trén [1 ; +o0 ) 1y = f(x) =4 /x? 4253 5
' 1 khi x =1

Bai 4. Tim a ,b dé ham sb sau lién tuc trén R .
2 _ax— 3
2x} ax —1 Khi x >1 J2x+4 -2
1. y=fz)=2 £ +x-2 2 .y=f(x)= E—2
bx’-3x+4  khix <1 ax—a+4 khix £2
Bai 5. Chirng minh phuong trinh:
1. x*=3%x’+2x = 1 =0 ¢6 it nhét hai nghiém .
2. sin’x =3 —x c6 nghiém .
3. cos” X - JJx =0 co it nhat mot nghiém .

khi x >2

“O' d4u cé y chi, § dé c6 con dudng”. 3
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Cx'—x* = 9x* +2x + 14 = 0 ¢6 dung 4 nghiém .
.mx—-1)P & -4) +_x4 — 3 =0 c6 it nhat hai nghiém véi moi m
X =2 (M +2)x° + mx+m’+m+ 1=0cé ding 3 nghiém véi moi m .

4
5
6
I
8
9
1

—=m cdnghiém voi moi m .
COSX sInx

. m(200s'x—\/§) =2sin5x+1 c6 nghiém v&i moi m .

. c0s2x + acosx +bsinx = 0 co nghiém véimoiavab.
0. msinzx+m-x=0 cd nghiém vdi moi m .

VAN DE 4: TINH PAO HAM CUA HAM SO.

Bai 1. Tinh dao ham cua cac ham s6 sau:

2x-1 3
1. y=(x* + 3x)(2-x 2. y= 3. y=
.= )(2-x) e ey
—* 5554 2x+3 2
A, g B et B o] e
T T - AR J: Y 1

Bai 2: Tinh dao ham cuta cac ham s6 sau:

2
1y =(2x" =32 —6x +1)’ 2. y=&* 3y
(x=1)° (x? =P
3
4. y=(x"—x+1)’(x" +x+1)" Sy=a-2¢°° i yz(zjjllj
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Bai 3: Tinh dao ham ctia cac ham s6 sau:

1.y=x"_+x\/;+1 2. y=(x-2Nx*+3 3. y=+y(x-2)°
A, yeltidln) - 5. y=vx+vx 6.y=x—1+ :

x—1

2

7. y=dx? +1=+1-x7 8. y:[i;j_iJ 9.y:[J}_

Bai 4: Tinh dao ham cua cac ham so sau:

1
NP

1. y= xtan x 2. y=sin(cos x) + cos(sin x) 3. y= xsin x+5cosx
n y:Sinx+ .x 5 :s?nx—cosx 6. m[ sinx Jz
X sinx Smx+Cos x 1+ cosx
k 2
T 1 1
7.y = cos? @ 8. y=cos(2x——) 9. y= ——
Jx -1 4 COoSx sinx

10. y=23in24x~3c0835x 10. y=25in24x~3c0835x 11. y =(2+Sin2 2)()3

“ 0 dau cé y chi, @ do cé con dudng”.
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12, § =sin(cos?xtan?x) 13. y=sinxcos2x 14, ¢ = (cos4 x —sin* x)j

15. y =sin’(cos(tan” 3x))) 16. y =sin® 2xcos’ 2x
Bai 5: Tinh dao ham cta céc ham sb sau:

l.y=+/tanx +cot x 2 y_=—i—(1+tanx)2 3. y:cot3(2x+-{;ﬂ)
2 2 1
1+cos2x 1 +tan”3x :
4_ = — 5, e 6.y: .
d [I—COSZX] T cos” x —sin’ x
3 T .
7. y=~/xtanx 8.y =cot (zx"‘z) 9.y =tan(sin x)

tan(Z — X)(1 +sin x) |
| ) 1 1\]1 111 7
10. y= 11, y=|=+—=,|=+—=,/=+—cosdx ; 0;,—
0.y sinx y Jz A PAE) PRy

VAN DPE 5: TINH PAO HAM CAP CAO.

Bai 1. Tinh dao ham cua cac ham s6 dén cap duoc chi ra:

1. y=cosx, y™ 2. y:5X4—2x3+5x2—4x+7,y" 3. yzx—i,y"
X+
4, y=y2x-x> ;3" 5. y=(2+1%y" 6. y=x"—4x’ +4,y@
Bai 2. Cho n 1a s6 nguyén duong. Chirng minh rang:
(n) 1) 1 A4 n.m
1. 1 = (__1) n.al ‘ 2. (sin x)(n) =sin| X+— 3. (cosx)™ = cos X+t
ax+b (ax+b)”+ 2 2
Bai 3. Tinh dao ham cip n cta cic ham sb sau:
1 1 X

1. y = 2. y = ) 3. y =

x4 x? —3x+2 o |
4, y:i_x 5. y=sin"x 6. y=sin® x +cos*x

+X

Bai 4. Chiing minh cac hé thirc sau vdi cac ham so dugc chi ra:

1. {y:xsinx 2. {y:VZx—xz £ {Y:XWIX

xy"-2(y'-sinx) +xy=0 yy'r1=0 x’y"=2(x* +y*)(1+y) =0
x-3 3 :
I | gy 5.y= (x+\/x2 +1) CMR: (1 +x)%y” +xy’ =9y =0.
2y =(y -Dy"

VAN BE 6: MOT SO BAI TOAN KHAC.

Bai 1. Giai phuong trinh £'(x) =0 vOi:

1. f(x)=3cosx —4sinx + 5x 2, f(x):sin2x+2<:osx
3. f(x)=sinx — COZ4X - cozéx 4, f(x)=1-sin(mw+x)+2cos il

“O' d4u cé y chi , & d6 ¢6 con dudng”. 5
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5. f(x) =sin3x - \/gcos 3x +3(cosx —\/gsin %)
Bai 2. Ching minh him s6 y =sin®x + cos® x + 3sin® xcos® x ¢6 dao ham bing 0
A T, COS X
Bai 3. Tinh f'| — | biét f(x)=
/ ( 6 J \cos2x _
Bai 4. Giai phuong trinh f'(X) = g(X) voi:

X
1 {f(x) . " f(x) = 2x* coszg \ f(x) = 4XCOS’)*2:
g(x) =4cos2x —5sindx ' g(X)=X—X2 sin X ' g(x):80052—3—2xsinx
Bai 5. Xac dinh m dé cac bat phuong trinh sau nghi¢m dung véi moi x € R:
' 3
1 £'(x)> 0 véi f(x):%—hz L mx -5
mx®  mx?

2 f(x)<0vdlf(x)ﬁ-T— +(m+1)x—15
Bai 6. Giai phuong trinh y'=0 trong céc trudng hop sau:

l. y=sin2x—2cosx 2. y=cos’x+sinx

3. y=3sin2x+4cos2x+10x 4. y=tanx+cotx
Bai 7. Giai bat phuong trinh '(x) > g'(x) v6i:

2
L. f(X):X3 +X——\/5, g(X) :3X2+X+\/§, 2 f(x):2x3 —X2 +\/§, g(x):x3 +%_\/§
3. f(X)w—a gx)=x-x" 4. f(x) = Vx* —2x—8 giai bpt: f/(x) < 1.

VAN DE 7: TIEP TUYEN CUA PO THI HAM SO. |

Bai 1. Cho ham s6 : y = f(x) =x* -2x +3. (C) .Viét phuong trinh tiép véi (C) :
1. Tai diém c6 hoanh d6 x, = 1. 2. Song song véi dudng thing 4x — 2y + 5 = 0.
3. Vudng gbc véi duong thing x + 4y =0.
Bai 2. Goi (C) la db thi ctia ham s6 y=x* — 5x +2.Viét phuong trinh tlep tuyén ciia
(C) sao cho tiép tuyén do:

1. C6 hé sb goc nho nhét trong tat ca cac tiép tuyén véi (C) .
2. Song song voi dudng thang 3x +y+1=0.

_— 2 1
3. Vudng gbc voi duong thang y = 7x -4

4. Di qua dté‘m A(1;-2) 9
5. Tim m dé (C) tiép xuc véi duong thang y =mx + 2 .
s
Bai 3. Cho ham sé y=f(x) =2—Xxf1—X(C).
1. Viét phuong trinh tiép tuyén cua (C) tai diém M(2; 4).

“O0'dau cé y chi, d d6 c6 con dudng”. 6
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2. Viét phuong trinh ttiép tuyén cua (C) biét tiép tuyén c6 hé s6 g(’)c k=-1.
Bai 4. Cho ham sb y=1(x)=
. Tai diém A(2; 7). ' 2. Tai giao diém cla (C) voi truc hoanbh.

. Tai giao diém cua (C) véi truc tung. 4. Biét tiép tuyén song song voi d: y :%x +100.

1
3
5. Biét tlep tuyen vuong goc voi A: 2x + 2y — 5 = 0.
6. Biét tiép tuyén cit Ox , Oy lan luot tai cac diém A B sao cho tam giac OAB
vudng cén .
. Biét t:ep tuyen cat Ox, Oy 14n luot tai cac diém A ,B sao cho OA = 30B .
. Biét tiép tuyén cit Ox ,Oy lan luot tai cac diém A ,B sao cho AOAB c6 dién tich
1/4 (dvdt) _
Bai 5. Cho ham s6 (C): y =x® —3x%.
1. Viét phuong trinh tiép tuyen cua d6 thi (C) tai diém I(1, -2).
2. Ching minh rang cac tlep tuyén khéc ctia do thi (C) khong di qua .
3.Viét phuong trinh tiép tuyen v6i db thi ké tir diém A(-1;- 4)

Bai 6. Cho ham s6 (C): y = Vi-x-x2. Tim phuong trinh tiép tuyén véi (C):

1. Tai diém c6 hoanh dd x, =%. 2. Song song voi duong théng x+2y=0.

O o0

2 : .z g U o
Bai 7. Cho duong cong (C): y= x_+2 Viét phuong trinh tiép tuyen cia do thi (C)
x e

1. Tai diém c6 hoanh do bing 1 2. Tai diém c6 tung do bang %—
3. Biét ti€p tuyén dé c6 hé sb géc 14 —4 , -

Bai 8. Lap phuong trinh tiép tuyén véi dd thi ham so y = f(x) ké tir diem A
1. p=3"-3% ; A(-1;2) 2. pext=deal 3 A(%;—IJ

3. 5= F)=tat —at 42 A(oﬁ]. 4, y=X TIXHE . 3.3y,

2 2 2 x—1

Bai 9: Lap phuong trinh tiép tuyén ctia db thi ham sb y =3x —4x* biét tiép tuyén do:
1. C6 hé sé gbc 1on nht. 2. biqua A(1;3)

Bai 10. Cho ham s6 y = X +31 c6 do thi (C). CMR khong c6 t.tuyén nao di qua A(3;5) .
-

X —x+4

Bai 11. Cho ham s6 y = c6 do thi (C). Viét phuong trinh tiép tuyén ctia (C) biét

X_

tiép tuyén vuong géc véi dudng thang y = %x+ 8 .

Bii 12. Cho ham s6 y = X!

X P
mot ti€p tuyén dén dé thi .
Bai 13. Cho ham s6 y = x* - 3x . Tim nhiing diém trén dudng thing x= 2 ma tir d6 ké
duoc 3 ti€p tuyén dén d6 thi .

. Tim nhiing diém trén truc tung ma tir d6 ké dugc duy nhat

“O'dau cé y chi, & d6 cé con du'ong”. 7
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Bai 14. (PH Ngoai Ngii HN 2001) Cho (C) y = f(x) = %xS 4 % Tim céc diém trén (C)

R gAY A % z A z 2,0 5 2 1
ma t1€p tuyén tai dé vudng gbc véi dudng thang y = g% +§ :

2 .
Bai 15. Cho ham s6 y :L"l” c6 dé thi (C). Goi I 12 giao diém 2 tiém can cia (C)
X+

1. Goi M la diém bét ky thuoc (C). Viét phuong trinh ti€p tuyén (d) ctia (C) tai M.

2. Goi A , B14n luot 1a giao diém cla d v6i dudng thing : x + 1 =0 vh y=x + L.
Tim toado A , B va tir d6 CMR : M A trung diém ctia AB

3. CMR : dién tich tam gidc IAB khong phu thudc vio vi trf clia diém M .

Bai16. Chohdm s6 y =£_t%_>51£ ¢6 6 thi (C). Tim diém M thuoc (C) dé ti€p tuyén tai
: X +

M cit Ox , Oy tai A, B sao cho tam gidc OAB vuong can.
Bai17. (DHQG TPHCM 1996) Cho (C.) y= f(x)=x> +mx® +1
Tim m dé (C,) cét dudng thing y=-x+1 tai 3 diém phan biét A(0,1) , B, C sao cho
ti€p tuyén vai (C,)) tai B va C vudng gée véi nhau.
Bai 18. (HVCNBCVT 2001) Cho ham s6 (C) y = f(x)=x" —3x |
1. CMR dudng thang (d,,) y=m(x+1)+ 2 ludn cit (C) tai diém A c6 dinh
2. Timm dé (d,) tai 3 diém phan biét A , B, Csao cho ti€p tuyén v6i d6 thi tai B
va C vudng géc véi nhau.
Bai 19.(KB_2008) Viét cic phuong trinh tiép tuyén clia do thi ham sb y = 4x> —6x2 +1 biét
ring tiép tuyén do6 di qua M (-1;-9).

“O d4u cé y chi, & d6 ¢6 con dudng”. | 9
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PHAN II. HINH HQC
A. M6t s kién thire co ban.

1. Ném virng céc dinh nghia, cdc dinh ly va hé qua... trong hinh khéng gian . Va_"m
dung thanh thao céc cac dinh ly va h¢ qua dé 1am bai tap.

2. Nam viing quy téc xac dinh g6c, tinh géc gifta hai duong thang ; chimg minh céc
dudng thang vuong goc.

3. Nam viing quy tic xac dinh goc, tinh gbe gilta duong thing va mat phang ; ching
minh duong thing vuéng g6c mat phing.

" 4.Nim Vung quy tic xac dinh géc, tinh goe gilta hai mit phéng ; chimg minh hai

mit phing vudng géc.

5. Xac dinh va tinh duoc khoang céch gitia cac yéu to trong khéng gian.

6. Xéc dinh thiét dién bang quan hé vuéng goc...lién hé giita quan hé¢ song song va
quan hé vuong goc..

B. Mot s6 dang bai tap.
Bai 1. Cho hinh chdp S. ABC c6 tam giac AABC vudng tai C; canh SA 1 (ABC)
1) Ching minh: BC L (SAC).
2) E 14 hinh chiéu vuéng géc clia A trén SC. Chung minh: AE 1 (SBC).
3) Goi mat phing (P) qua AE va vudng goc véi (SAB) va cit SB tai D. Chiing minh
rang: SB L (P).
| 4) Hai dudng thang DE va BC cét nhau tai F. Chimg minh: AF 1 (SAB).
Bai2. Cho hinh chop S. ABCD c6 day ABCD la hinh vu6ng tdm O va SA 1 (ABCD).
Goi H, I, K lan lu’o*t 1a hinh chiéu vuéng goc ctia A trén SB, SC, SD.
1) Chting minh rang : BC L (SAB); CD L (SAD); BD L (SAC).
2) Chimg minh ring : SC L (AHK); va I 1a diém thudc miit phing (AHK).
3) Chtng minh ring : HK L AL
Bai 3. Cho hinh chép S. ABCD c¢6 day ABCD la hinh thoi tim O va SA =SC; SB=SD.
1) Chimg minh rang : SO L (ABCD).
2) Goi 1, K lan luot la trung diém AB va BC. Chiing minh 1ang IK 1 SD.
3) Goi (P) la mat phang song song voi SO va chira IK.Tim thiét dién ctia hinh chop
S.ABCD véi mit phang (P).Chimg minh ring : BD L (P).
Bai 4. Cho hinh chép tir gidc S.ABCD c6 day ABCD la hinh thang vudng tai A va D.Biét
AB = 2a, AD=DC =a, canh SA = a va SA vudng goc vdi mp (ABCD).
1) CMR: (SAD) L (SDC) va (SAC) L (SBC)
2) Tinh goc gitta SC va AB.
3) Tinh tan ctia goc gitta hai mp(SBC) va (ABCD).
4) Dung thiét dién cta hinh chép S.ABCD cdt boi mp qua SD va vudng goc véi
(SAC).Tinh dién tich thiét dién dé.

Bai 5. Cho hinh chép tir gidc S. ABCD c6 day ABCD 1a hinh thoi canh a, gbc BAD =60,
Canh bén SA =SB = SD =a,/7/12
1) CMR: hinh chiéu vuéng géc ctia S trén mp(ABCD) la trong tdm cuia AABD.

“O'd4u cé y chi, d dé c6 con dudng”. el
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2) Tinh goc gitta SC va mp(ABCD).

3) Tinh goc tao boi ( SAB) (SBC) va mp(ABCD).
Bai 6. Cho hinh lang try dimg tam giac ABC.A’B’ C’,c6 tat ca céc canh bén va canh day
déu bang a.Goi 1,J 1an lugtla trung diém cua BC va CC’. '

1) Chig minh ring : AI L (BCC’B?).

2) Chiing minhring : (AB’I)L (A’BJ).

* 3) Tim hinh chiéu vuéng goc cua B trén mp(AB’I).

4) Tinh goc gitta A’B va B’C.

5) Tinh khoang cach tir A dén B’C.

6) Tinh khoang cach ciia A’B va B’C.
Bai 7. Cho hinh lang tru ding ABC.A’B’ C’,c6 day la tam gidc vudng cin ABC véi
AC=BC=a, AA’=a+/2 .Goi M N J LK lan luot 12 trung diém ctia AC, CC’,AB ,BB’.

1) Dung thiét dién cta lang tru cat bd1 mp qua N va vudng goc vi NB’.

2) Dung thiét dién ciia lang tru cit béi mp qua MN va vudng goc voi (IKC).
Bai 8. Cho hinh lap phuong ABCD.A’B’ C’D’canh a.

1) CMR: (A’BC’) // (AD’C).

2) CMR: B’'DL(A’BC’).

3) Tinh géc gitra BC’ va CD’.

4) Tinh khoang c4ch tir D’ dén mat phang (A’BC”).

5) Tinh khoang cach gitta BC’ va (AD’C).
Bai 9. Cho hinh chép S. ABCD cé day ABCD la hinh vudng tim O canh a vd canh SA
vuong goc voi ddy,gia st SA =h.

‘1) Tim hé thiic lién hé giita a va h dé géc gitra SC va AB béng 60°.

2) Cho h= a2, hay tinh khoang cach gitta hai dudng thing SC va AB.

3) X4ac dinh va tinh cosin cta goc gitta hai mp(SBC) va (SCD).

4) Dyng va tinh d6 dai doan vuéng géc chung cia BD va SC.

5) Goi M la mét diém di dong trén SB.Tim tap hop hinh chiéu cua S trén mp(ADM).
Bai 10. Cho tam gidc SBCva ABC ndm trong hai mat phang vuéng géc v6i nhau, biét

ASBC la tam gidc déu canh a, AABC la tam giac vuong ta A gdc YBC=a. Goi I 1a trung
diém ciia AB. _

1) Tim hinh chiéu H cta S trén mp(ABC).

2) Tim diém O céch déu 4 diém S,A,B,C.

3) CMR: (SIH) L (SAB).

4) Tinh khoang céach tir H dén mp(SAB) theo a va a.

5) Tinh tan cua goc gitta hai mp(SAB) va (ABC).

6) Xac dinh thiét dién cta hinh chop S.ABC béi mp (P)qua I va vudng goc vai SC.

Bai 11. Cho tir dién SABC ¢6 AABC la tam gidc vudng tai B, AB=2a, BC=a+/3. SA
vudng goc v6i mp(ABC) va SA=2a.Goi M 14 trung diém cta AB.

1) Tinh géc gitra hai mp(SBC) va (ABC).

2) Tinh d¢ dai duong cao AK ctia tam gidc AMC.

3) Tinh goc gitta hai mp(SMC) va (ABC).

4) Tinh khoang céch tir A dén mp(SMC).

“0'd4u cé y chi, & d6 ¢6 con dudng”. A0
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Bai 12. Cho hinh chép ti gidc S. ABCD c6 day ABCD la hinh thoi tdm O canh a, géc
BAD = 60° ,dudng cao SO cua hinh chop c6 d6 dai bang a.

1) Tinh khoang céch tir O dén mp(SBC).

2) Tinh khoang cach gitta hai duong théng AD va SB.
Bai 13. Cho hinh vuéng ABCD va tam gidc déu SAD canh a nam trong hai mat phing
vudng goc voi nhau.

1) Dung va tinh d¢ dai doan vudng g6c chung cia AD va SB.

2) Tinh khoang c4ch giita hai dudng thing SA va BD.

Bai 14. Cho hinh ch(')p S. ABCD ¢6 day ABCD la hinh binh hanh tdm O,hai mit bén SAB
va SAC 14 cac tam glac vuong tai Ava C, hai mat nay hop véi day mét goc a, biét goc

YpC = Q.

1) CMR: SOL(ABCD).

2) CMR: hai mét phang (SBC) va(SAD) cing hop véi ddy mét géc B.

3) CMR: cot 3 =cota.cose .
Bai 15. Cho hinh lang tlu déu ABC.A’B’ C’,c6 day la tam giac déu canh a ,duong BC’ tao
v6i mp(ABB’A”) géc 30°.Goi M,N lan luot 12 trung diém ctia AC va BB’. :

1) Tinh d¢ dai canh bén cua ling tru.

2) Tinh khoéng cach tir M dén mp(BA’C”).

3) Tinh géc gitta MN va mp(BA’C”).
Bai 16. Cho ta dién ABCD c¢0 céc tam giac AABC, AACD, AABD déu la cac tam giac
vudng tai A. M 1a mét diém thudc mién trong tam gidc BCD. Goi a,B,y lan luot 1a goc gitta
AM va c4c mit phang (ABC) , (ACD), (ABD). Goi ,0,n lan luot [a goc gilra mat phang
(BCD) véi cac mp(ABC) (ACD) (ABD)

1) Chimg minh ring: sin’ ¢ + sin’ *B+sin’y =1.

2) Chitng minh rang: cos@ + cos@ + cosn < 3.
Bai 17.(KD_2007). Cho hinh chép S.ABCD c6 day ABCD la hinh thang cé géc
Ypc=BaD-= 90"; AB = BC = a; AD = 2a. Canh bén SA vuong goc voi day va SA

=a/2.. 2.Goi H 1a hinh chiéu vuéng goc cua A trén SB.CMR: tam gidc SCD vudng va tinh
theo a khoang cach tir H dén mp(SCD).

Bai 18. (KA _2008 )Cho lang tru tam gidc ABC.A’B’ C’c6 c4c canh bén bang 2a, day ABC

1a tam gidc vudng tai A , AB=a, AC=a+/3, hinh chiéu vudng goc cua A’ 1én (ABC) la trung
diém H ctia BC. Tinh A’ H theo a va tinh cosin ctia gdc giita hai duong thang AA’ va B’C’.

Bai 19.(KB_2008). Cho hinh chép S.ABCD c6 diy ABCD la hinh vuéng canh 2a, SA =

a,SB = a+/3 va mit phang (SAB) L (ABCD). Tinh khoang céch tir S dén mp (ABCD ) va
tinh cosin clia goc gitta hai duong thing SM, DN trong d6 M,N lan luot 13 trung diém cua
AB va BC.

“0'déau cé y chi, & d6 c6 con dudng”. 11
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Bai 20.(KD _2009 )Cho lang tru ding ABC.A’B’ C’c6 diy ABC la tam gi4c vudng tai B,
AB = a, AA’=2a, A’C=3a. M la trung diém ctia A’C’ va /= AMNA'C. Tinh khoang cach tir

A dén (IBC).

Bai 21. (KA - 2010) Cho hinh chép S.ABCD cé day ABCD la hinh vudng canh a. Goi M, N
lan luot 14 trung diém ctia AB, AD. H 1a glao diém ctia CN va DM. Biét SH 1 (ABCD); SH

= a3 . Tinh khoang céch giira hai dudng thing DM véi SC theo a.

Béi 22.(KB_2011) Cho lang tru ABCD.A,B,C|D, c6 ddy ABCD 14 hinh chit nhit. AB =a,

= a/3. Hinh chiéu vudng goc ctia diém A; trén mat phéng (ABCD) tring véi giao diém
AC va BD. Goc gilia hai mit phing (ADD;A;) va (ABCD) bang 60°. Tinh khoang cach tur
diém B, dén mit phing (A, BD) theo a.

Bai 23. (KA_2012) Cho hinh chép S.ABC c6 ddy la tam gidc déu canh a. Hinh chiéu vuong
gbc cia S trén mat phing (ABC) 1a diém H thuoc canh AB sao cho HA = 2HB. Gdc giita
duong thang SC va mit phing (ABC) bing 60°. Tinh khoang cach giita hai dudng thing SA
va BC theo a.

Bai 24. (KA_2014) Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vuéng canh a, SD :—322

Jhinh chiéu vudng goc cua S 1én mat phéng (ABCD) la trung diém cua canh AB.Tinh khoang
céch tir A dén mat phing (SBD).

Bai 25.(KB _2014 ) Cho lang tru ABC.A’B’C’c6 day la tam gidc déu canh a.Hinh chiéu
vuong goc cua A’ trén mit phang (ABC) la trung diém ctia AB, goc gifta duong thing A’C
va mit day 12 60°. Tinh khoang cach tir diém B dén mit phing (ACC’A”).

Bai 26. (KD_2014) Cho hinh chdép S.ABC c6 ddy la tam gidc vudng cén tai A, mit bén SBC
la tam gidc déu canh a va mat phang (SBC) vudng goc voi day. Tinh khoang cich glua hai
duong thing SA va BC.

“O d4u cé y chi, & d6 c6 con dudng”. 49



