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A. TOM TAT KIEN THUC CO BAN CAN NAM
1. KHAI NIEM PHUONG TRINH TUONG PUONG

- Hai phuong trinh dugc goi 1a twong duong khi chung c6 cung tap nghiém.
- Néu phuong trinh f (x) =0 tuwong duong véi phuong trinh g(x) =0 thi ta viét f(x)=0< g(x)=0

Dé giai phuong trinh, thong thuong ta bién doi phwong trinh d6 thanh mot phuong trinh twong
duong don gian hon. Cac phép bién d6i nhu vay goi la cac phép bién dbi twong duong.

Néu thuc hién cac phép bién doi sau day trén mot phuong trinh ma khéng lam thay doi diéu kién caa no thi
ta dugc mot phuong trinh méi twong duwong véi phuong trinh da cho:

a) Cong hay trir hai vé vai cing mot sé hodc mot biéu thic:
f(x)=9(x) < f(x)+h(x) =g(x)+h(x).

b) Nhan hoic chia hai vé vai cling mét sé6 khac 0 hodc véi ciing mét biéu thic ludn cé gia tri khac 0:
f(x)=g(x) < f(x)h(x) =g(x)h(x), (h(x) = 0)

2. PHUONG TRINH Sinx=m

- Phuong trinh sin X =m cd nghiém khi va chi khi |m|<1.
. ~ N . z Y/ , ~ . c a
- Khi [m|<1, s€ ton tai duy nhat « € {_E;E} thoa mén sina =m. Khi d6

. . . X=a+k2x
sinx=m<<sinx=sina < (kel).
X=r—-a+k2r

a) Néu sé do cua goc a duoc cho bang don vi d6 thi

x=a +k360°

. .(kel).
x=180 —a +k360

sinx=sina’ c{

b) M6t sb truong hop dic biét:

sinx=0<x=kr,kell.

sinx:1@x=%+k2z,kem .

SiﬂXI—l@XI—%+k2ﬂ',k€D )

3. PHUONG TRINH cosx=m
- Phuong trinh cosx =m c6 nghi¢ém khi va chi khi |m[<1.

- Khi |m|<1, s& ton tai duy nhat o €[0; 7] thoa min cosa =m. Khi d6
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X=a+k2r
COSX =M <> COSX =COS ¥ <> (k)
X=—a+k2x

Cha y
a) Néu sé do cua goc a duoc cho bang don vi d6 thi

X=a +k360

. C(kel).
X=—a +k360

cosSX=cosa <:{

b) M6t sb truong hop dic biét:
T
cosx=0< X=E+kﬂ',k el .

cosx=1<x=k2r,k ell.
cosx=—-1<x=r+k2r,kell.

4. PHUONG TRINH tanx=m

- Phuong trinh tan x =m ¢6 nghiém véi moi m .

T
2z

- Véi moi mell | ton tai duy nhat ae( 2) thoamantan o =m.

Khidé tanx=m< tanx=tana < x=a+kz(k €l]).

Cha . Néu sb do ciia goc @ duogc cho bang don vi do thi

tanx=tana < x=a +k180" (kel).

5. PHUONG TRINH cotx=m

- Phuong trinh cot X =m ¢6 nghiém véi moi m .

- Vi moi mell | ton tai duy nhit « e (0;z) thoa man cota =m.

Khi d6 cotx=m<cotx=cota <= x=a+krz(kell).
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Chuy. Néu sb do goc a duoc cho bang don vi do thi
cotx=cota’ < x=a +k180" (kell)

6. SUDUNG MTCT

Gido vién hudng dan truc tiép & 16p

B. CAC Vi DU REN LUYEN KI NANG

Vi du 1. Giai cac phuong trinh

a) cos[2x+£J=O; b) cos[4x—£j=1; c) cos[z—x]:—l;
6 3 5

d) sin(3x+gj=0 e) sin(%—%]:l; f) sin(g+2xj=—1;
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[ Loi giai

Vi du 2. Giai phuong trinh

a) sin3x=% 1) ; b)cost:—% (2)
c) tan§=2 (3); d) cot(2x+%)=\/§ (4)

0 Loi giai

“

EETCEEYEBO — NI HNIG NYYL ‘:AD

Vi du 3. Giai phuong trinh
a) sin4x=sin(x+£} : b) cotg(x+30°)=cotg§.
3 2

3+2.

c) cos? x = L d) sin2x =cos3x.

0 Loi giai
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Vi du 4. Tim m dé phuong trinh \/Esin[x + gj =m c0 nghi¢m x e (0;%)

0 Loi giai

“

Vidu 6. Giai phuong trinh
a) sin2x—sin2xcosx=0 (1); b) sinxcos2x =sin2xcos3x (2).

7 Loi giai

EETCEEYEBO — NI HNIG NYYL ‘:AD

C. GIAI BAI TAP SACH GIAO KHOA
Bai 1.20. Giai cac phuong trinh sau:

B3

a) sinx === b) 2cosx = —/2;

Ban word dé bai va 10 giai vui long Ih Zalo Trin Dinh Cu: 0834332133



] BAI GIANG TOAN 11-KNTT VGI CS ] WEB: Toanthaycu.com(]

c) \/§tan(§+15°J=1; d) cot(2x—1)=cot%.

0 Loi giai

.................................................................................................................................................................................... o)
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Bai 1.21. Giai cac phuong trinh sau: ®
w
. w
a)sin2x+cos4x=0; b) cos3x =—Ccos7X. N
w
w

7 Loi giai
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Bai 1.22. Mot qua dan phao duoc ban khoi ndng phao voi van tée ban dau v, =500 m/s hop véi phuong
ngang mot goc « . Trong Vat i, ta biét rang, néu bo qua sic can cua khong khi va coi qua dan phao dugc
-9

2

————x*+xtaner, ¢ do
2V;Cos“a

ban ra tir mat dt thi quy dao cua qua dan tuan theo phwong trinh y =
g=9,8m/s’ lagiatdc trong trudng.

a) Tinh theo goc bin « tam xa ma qua dan dat téi (tic 1a khoang cach tir vi tri ban dén diém qua dan
cham dat).

b) Tim goc ban « dé qua dan tring muc tiéu cach vi tri dit khau phdo 22000 m .

¢) Tim gdc bin « dé qua dan dat d6 cao Ion nhat.

[ Loi giai

Bai 1.23. Gia str mot vat dao dong diéu hoa xung quanh vi tri can bang theo phuong trinh
X = 2c0s [5t - zj
6

O day, thoi gian t tinh bang gidy va quing dudng x tinh bang centimét. Hay cho biét trong khoang
thoi gian tir 0 dén 6 gidy, vat di qua vi tri can bang bao nhiéu 1an?

0 Loi giai
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D. BAI TAP TRAC NGHIEM
Cau 1. Nghiém cua phuong trinh sinx =1 la:

A. x:—£+k27z. B. x:£+k7z.
2 2
C. x=Kr. D. x=%+k27r.
LOT QIAIT oottt

Cau 2. Nghiém cua phuong trinh sin x =-1la:

)
A. X=—£+k7r. B. X=—£+k27r. j

2 2 >

3 Z

C. x=kr. D. x="Z 4+kr. )

2 =

T

LOT QIAIT  coeeeeeeceee ettt o
............................................................................................................................... &
X
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=
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w

. : . 1.
Cau 3. Nghiém cua phuong trinh Sin X = 5 la:

A x=24k2z.B. x=Z4krx. C.x=kr. D. x=24k2r .
3 6 6
LOT QIAIT oo

Cau 4. Nghiém cta phuong trinh cos X =11a:
A x=kz. B.x=%+k27r.C.X=k27r. D.x=%+k7r.

[0 01171 USSR
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Cau 5. Nghiém cua phuong trinh cosx =-1la:

A X=r+kr. B. X=—%+k27r.
3
C. x=x+k2r. D. X:?+k7r.
LOT QIAIT oottt

A. x=i£+k27z. B. x=i£+k27r.
c. x=+Z1k2r. D. x=+Z +k2r.
4 2
[ 1o | 7 SRS OPRPROTRPPN

. , 1.
Cau 7. Nghiém cta phuong trinh cos X = -3 la:

Y
A. x=i£+k27z. B. x=i£+k27z.
3 6
C. X=i2?”+k27r. D. X=i£+k7r.
LOT QIAIT oo

EETCEEYEBO — NI HNIG NYYHL -AD

Cau 8. Nghiém cta phuong trinh J3+3tanx=0 I
A x=2+1kr. B. x=2+k2z.C. x=-24kz.D. x="L+kx.
3 2 6 2

LOT GIAET  wovvveerrroeeeeeesseseeeseesesesesssseesssseessesessesesseeeessesesssseees e eeesseseenns

Cau 9. Nghiém cta phuong trinh cotx++/3= 0 Ia:
A x=2+Kk2z.B. x=2+kr. C. Xx=-2+kr.D. X=-——tkr.
3 6 6 3

LOT GIAET  oovvvveerreoeesseesseeeeeessessseesesessesssessseeeesessesss s esesesessesseese s eesseneeenees
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Cau 10. Nghiém cua phuong trinh sin X = —% la:

A x="41K2r. B. x=—24+k2r.
3 6
C. x=Z+kor. D. x=2% k2x.
6 6
LT QIAET  rerreeeeeeeses oo eeeeeeeseeeeeeese e eeeees e ee e eee e eeeee oo eeeeeeeeees

Cau 11. Tap nghiém cia phuong trinh sin2x =sinx la

A. S={k2n;§+k2n|keﬂ}. B. S={k2n;g+%|kem}.

C. S={k2n;—§+k2n|kem}. D. S ={k2mn+k2nlk 0} .

[0 1o | 7 PP STOPRPPRRURS

Cau 12. Nghiém cita phuong trinh Zsin(4x—%)—1= 0la

EETCEEYEBO — NI HNIG NVYYL ‘:AD

A. x=ﬁ+kﬁ;x=7—”+kz,kem .B. X=£+k27r;X=7—7r+k27r,keD .
8 2 24 2 8 24

C. x=krz;x=r+k2rz,kell. D.X:%+k7r;X:72—Z+k7r,ke[l.

[ 1o | 7 PRSP USTOPRPUPRURS

Cau 13. Phuong trinh Sin2x =cos X c6 nghiém la

T krx T kr
X="—4— X="—4—
Al 8 3 (ken). B & 3 (ken).
x:£+k27z x:£+k27z
L 2 .3
x=2+k2x x:£+k2—”
c| ©  (ken). p.| & 3 (ken).
x:%+k27z x:£+k27r
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LOT QIAIT oot

Cau 14. Giai phuong trinh ~/3tan 2x—-3=0.

A x=Z4kZ (ken). B. x="Z+kr (kell).
32 3

C. x=2+kZ (ken). D. x=24kz (kell).
6 2 6

LOT GIAET  wovvveerreoeeseeeeseeeeeseeseseeesssssesses e seeseeseeeeessesessseeeses e eeesseseene

A. {XIi%+kﬂ';kED}. B. {x:i%+k27r;keﬂ}.
C. {X:i%+kﬂ;keD}. D. {X:i%+k2ﬂ;keD}.
LOT QIAIT oo

“

A x=2, B x=2F c.x==. D. x=2F
3 6

EETCEEYEBO — NI HNIG NYYHL -AD

Cau 17. Biéu dién ho nghiém cua phuong trinh sin2x =1 trén dudng tron don vi ta dugc bao nhiéu
diem?

Al B. 8. C. 4. D. 2.

LOT QIAIT oot

Cau 18. Phuong trinh sin X =sina ¢6 nghiém la
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A. x=a+krx=r—a+kz(kel).

B. X:a+k27z,X:—a+k27r(keD).

C. X=a+k27r,X=7z—a+k27r(keD).
D

 X=a+kz,x=-a+kz(kel).

2 s
Cau 19. Phuong trinh COSX = —% O tap nghiém la

A. {X=i%+k2ﬂ';k€[|}. B. {X=i%+k7l’;k€ﬂ}.
C. {X:i%+k2ﬂ;keﬂ}. D. {X=i%+kﬂ;keﬂ}.
LOT QIALL o

Cau 20. Tap nghiém cua phuong trinh 2sin2x+1=0 la

A. S= —£+k72',7—”+k72',kED .
12 12

“

EETCEEYEBO — NI HNIG NVYL ‘AD

B. S={—£+k27z,7—”+k27r,keD}.
6 12

C. S={—£+k2ﬂ',7—”+k2ﬂ',k ED}.
12 12

D S={—£+kﬂ',7—”+kﬂ',ke[|}.
6 12

Cau 21. Nghiém cta phuong trinh cos® x =0 Ia:

A x="14kr. B x=+ZX+k2r. cx=24+kZ p x=-Zikor.
2 2 472 2

LOT GIAET  wovvveerrroeseeesseeeeesesesesseesssssessssee s sssseeses s s ssssseses e eeesseseenns
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Cau 22. Véi gia tri nao cia m thi phuong trinh sinx—m=1 c06 nghiém la:
A.0<m<l. B. m<0. C. m>1. D. -2<m<0.
[0y 0171 SO SPST

Cau 23. Phuong trinh lugng giac 3cotx—+/3=0 cb nghiém la:
A x:%+k7r. B. x:%+k7r. C. x:%+k27z. D. V6 nghiém.

LOTGIGT  rvvrereeeeseseeeeeseesssessssseessssssssessesssssesssesesesssssssseseseseessesessesssseee oo

[0)

x=2+k2x X=3—”+k27r X=5—ﬂ+k272 x=21k2r j

A 3‘} . B. 43 . C. 45 . b| *° 2
x=" 1 k2r x=—" kox x=—"2 k2x x=—" 1 k2r o,

4 4 z

Lsi digi: I
O QIAHT  ooveeeeeeeee oot ee e ee e o
............................................................................................................................... o
®
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N

=
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Cau 25. Phuong trinh luong giac ~/3tanx—3=0 c6 nghiém Ia;
A x=21kz. B x=-2+k2x. C.x=2+kr. D.x=-Zikr.
3 3 6 3

T oY

Cau 26. Phuong trinh cosx—m =0 v nghiém khi m la:

m<-1
A[ . B. m>1. C. -1<m<1. D.m<-1.
m>1

LOT GIAET  oovvvveerreoeesseesseeeeeessessseesesessesssessseeeesessesss s esesesessesseese s eesseneeenees
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Cau 27. Nghiém cua phuong trinh sin2x =1 Ia.

x=£+k2ﬂ- x=£+k7z' x:£+k27r X=k—ﬂ
A. 2 B. 4 c. 4 D. 2
LOT QIAIT oottt ettt reare s
Cau 28. Gia tri dac biét nao sau day la dung
A.cosx¢1<:>x¢%+k7r. B.cosx¢0<:>x¢%+k7z.

C.cosx#-1< X¢—%+k27z. D. cosx¢0<:>x¢%+k27r.
) 77 TR

Cau 29. Phuong trinh lugng gidc: cos3x =c0s12° c6 nghiém la:

Y
A. x=i£+k27z. B. x:il+k2—ﬂ.
15 45 3
C. x=i+k2—ﬂ. D. x=£+k2—”
45 3 45 3
LOT QUL oo

EETCEEYEBO — NI HNIG NVYL ‘AD

Cau 30. Giai phuong trinh luong giac: 2cos§+ J3=0 c6 nghiem Ia;

A. X=i5—7r+k27r. B. X=i5—ﬂ+k27r.
3 6
C. X:J_r5—7r+k47z. D. x=i5—”+k47r.
6 3
LOT QUGS cvveeeeeeeeeeeeeeeee e seeee st

Cau 31. Nghiém dac biét nao sau day la sai
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A. sinx=—1<:>x=—%+k27r. B.sinx=0< x=kr.

C.sinx=0< x=k2r. D. sinx=1<:>x=£+k27z.

T oY

Cau 32. Phuong trinh luong giac: +/3.tan x+3=0 cé nghiém la:
A.X=%+k7r. B.X=—%+k27r. C.x=24kr. D.x=-Z+1kzx.

LOTGIGT  rvvrereeeeseeseeeessesssesssseeesssssssssessesssssesssesesesssessssesesssseeesesessesesseee oo

Cau 33. Trong cac phuong trinh sau phuong trinh nao vo nghiém?
A tanx=2018 B.sinx=z  C. cosx=% D. sinx+cosx=+/2

LOTGIGT  rrvrereeeeeseeeeeeeseesssesseesssssssesssessssssseeesessssssssesesssssseessssssssssseessssssseees

“

Cau 34. Tap nghiém cia phuong trinh sin x =sin30° la
A. S :{30°+k27r|keD} v, {150°+k27r|keD}.

B. S:{i30°+k27r|keD}.
C. S={+30°+k360°|kell}.
D. S={30°+360°|k €[] } U {150°+360° |k €[] }.

LOT GIAET  wovvveerrroeeeeeesseseeeseesesesesssseesssseessesessesesseeeessesesssseees e eeesseseenns

€ETCEEYEBO — NI HNIG NVYYL ‘:AD

Cau 35. Phuong trinh cosx =1 cé nghiém la

A. x=k2r. B.x=%+k7r. C. x=kr. D.x=%+k27z.
LOT QIAIT oot
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Cau 36. Tim tat ca c4c gia tri thyc cia tham sé m dé phuong trinh sin X =m c6 nghiém.
A. m<1. B.m>-1. C.-1<m<1. D. m<-1.
[0 101171 USROS

Cau 37. Tim tat ca cac gia tri thuc ciia tham sé m dé phwong trinh cosx—m =0 v6 nghiém.

A. me(—oo;—l)u(l;+oo). B. me(1;+oo).
C. me[-11]. D. me(-ow;-1).
[0 0| 171 OSSR PRTR

Cau 38. Nghiém cua phuong trinh sinx =1 la

[9)

A —Zikr, kel . B. Zikr, kel . <

2 2 =

T T JZ>>,

C. ——+k2z, kell. D. —+k2r, kell . I~

2 2 2

05 o 11 OO =

c

............................................................................................................................... L

............................................................................................................................... &

&

............................................................................................................................... &

............................................................................................................................... m

Cau 39. Tong tat ca cac nghiém cua phuong trinh cos(sinx) =1 trén [0; 2] bang: w

A. 0. B. x. C. 2r. D. 3r.

LT QUAET  oereeeeeeeereeseeeeeeseeeseeeeeeseeseeeeeees e esees e eeeees e ee e eeeeeeseees

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133
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Gido vién c6 nhu cdu s& hiru tron bé file word Bai gidng Todn 9,10 11,12 va bé dé kiém tra két thiic
chuyén dé, giira ki, cudi ki co loi gidi chi tiét cia Thdy gido, Tdc gia Trdn Pinh Cw vui long lién hé
zalo Trdn Pinh Cw: 0834 332 133 dé dwoc hé tro’ téi da. Ung hé chinh chit dé dworc bdo hanh va nhiéu
wu dadi khdc.

Trdnh mua cdc trang va cd nhan khdc

“
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