Cau 1.

Cau 2.

Cau 3.

CAC PHEP TOAN SO PHUC MUC PO 3
b Dang 03: Xac dinh cac yéu to ciia 50 phirc (phéan thue, 40, M0 dun, lién hop....) qua cac
phép toan
Cho s6 phtic z théa man |z — 2 + 2i| = v2|z — 1 + i|. M6 dun cia z bing:
A. 22 B. 4. C.vV2. D.2.
Lai giai
Chon D
Pit:z=a+bi,a,b € R.Khido: |z—2+2i|=V2|z—1+i| &
la+bi—2+2i| =V2]a+bi—1+i]
S la=2+(B+2)il=V2la—-1+(B+Dile (@—2)%+(B+2)*=2[(a-1)*+®+
1)?%]
oa?+b2=4Vayz=Va?+ b2 =2
Cho hai s6 phirc z,,z,. Tim ménh dé ding?
Az +2,)=z]+]z,].  B. |z -1z, =|z|-|z,.
C. |nz,]=(z]||z,] - D. ‘21*22‘:“21‘*‘22“'
Loi giai
Chon C
Pit z,= a+ bi,z,= c+ di(a,b,c,d1 ;).

z,- 7,|= {(a- c)'+ (b- dY
|zl 12| = ‘\/a2+ b?- \c2- d?

4 |2, + 7,|= |J(a+ c) + (b+ d) bl 2
2]+ [z,|= JaZ+ b7+ o d?
- 2= @ of + ©- 0

z,|= Ja2+ b7 - e d?
%\zl.zz\ = \/(ac- bd)’ + (ad + bc)

1
%‘ZIHZZ‘Z Jai+b?Ac’+d* = \/(ac- bd)’ + (ad + bc)’

+)

P |z,- 7,|' |z]- |z,]| nén phuong 4n A sai.

2| |2+ |z;| nén phuong én B sai.

+)

b |z- z|' |

22‘ nén phuong an C sai.

2

+ b ‘ZI.ZZ‘: \zl\.\zz\ nén phuong an

D ding.

C6 bao nhiéu s phirc z théa man z+2+i—|z|(1+i)=0.

Al B.O. c.2. D. 3.
Loi gidi

Chon A

Gia st z=a+bi(a,bell).
Khi d6 z+2+i-|z|(1+i)=0< a+bi+i—+a*+b* (1+i)=0.
_JaZp? =
<:>(a—\/a2+b2)+(b+l—\/a2+b2)i:0<:> a-va'+b" =0 )
b+1-+aZ+b%=0
a>0

b=0
<ib=0 < .
a=1

a=%1



Cau 4.

Caub.

Cau 6.

Cau7.

Vay ¢6 mét sb phirc thoa mén.

Cho s6 phirc z thoa man diéu kién y=2—i . M6 dun cua s6 phic w=1+2z+ 22 bing
+
A N2, B. 13. C. 2. D. \13.
Loi giai
Chon D
Goi z=a+bi véi a,beR vai?=-1
=z=a-bi
5(z+i) ) - ) . .
Taco 1 =2-ie5(z+i)=(2-i)(z+1) < 5a+(5-5h)i=2a+b+2+(—a+2b-1)i
+
- Sa=2a+b+2 - 3a-b=2 - a=1
5-5b=-a+2b-1 a-7bh=-6 b=1

Suyra z=1+i =>w=1+2z+2*=2+3i. Vay ‘W‘=‘2+3i‘=\/]3

Cho z 1a sé phuc c6 mo-dun bing 2017 va w 1a sé phirc thoa méan 1+i =
z w

ctia s6 phirc W 12

A. 1. B. 2017. C. 2015. D.O0.
Loi gii.
Chon B
Taco 1+l: :(z+w)2:zw<:>w2+wz+22:0<:>w:LZ\/§l.
7 W Z4+W 2
o ; —z—zJ§i 1+iJ§
Vi w:ﬂ:\w\:‘ ‘:\—z\.‘ ‘=\z\=2017.
2 2 2
_ : —z+zJ§i 1—iJ§
Vi w:ZJrZZ*/‘;":w_ ; ‘:\—z\.‘ . ‘=\z\=2017.

Cho s6 phtc z thoa man 3(E+i)—(2—i)z=3+10i . M6 dun cta z bing

A. 5. B. 5. C. 3. D. 3.
Loi giai

Chon B -

Goi z=x+Yyi (X, yel)=z=x-Vyi.

Tacé 3(E+i)—(2—i)z:3+10i < 3(x=yi)=(2-i)(x+yi)=3+7i

. . X-y=3 [x=2

S X-y+(x-5y)i=3+7i o y .

Xx—=5y=7 |y=-1
Suyraz=2-i.
Vay |z]=+5.
Cho s6 phirc z thoa man 3(z+i)-(2-1)z =3+10i. Mo dun ciia z bng
A 3. B.5. c. 5. D. 3.

Loi giai

Chon C

Goi z=x+Yyi (x, yell)=>z=x-Vi.
Taco 3(E+i)—(2—i)z=3+10i < 3(x—yi)—(2-i)(x+yi)=3+7i

1

Z+W

. M6 dun
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o . x—-y=3 [x=2
< X—y+(x 5y)|_3+7|<:>{x_5y:7{y:_1.
Suyraz=2-i.
Vay [z|=+5.
Cho s6 phitc z théa man (1+2i)|z| = @— 2+i . Ménh dé nao duéi day dung?
A.1<\z\<§. B. |7|>2. C. \z\<£. D.§<\z\<2.
2 2 2 2
Loi giai
Chon A
Ta co:
. Jio . : . :
(l+2l)‘2‘:T—2+l@(1+2I)‘Z‘Z+ZZ—IZ=\/E©ZDZ‘+2+(2‘Z‘—1)I:|=\/E.

Ly mé-dun hai vé ta duoc: |7]2]+2+(2]2)-Di| =10 = [z]/(|2|+2)" +(2]z|-1)" =10
Pit t=|z[, PK t>0
Phuong trinh trén trd thanh:

t(t+2)° +(2t—1)" =10 & t*(t* + 4t + 4+ 4t° — 4t +1) =10

t?=1
©t2(5t2+5)—10©t4+t2—2<:{ et=1(vit=0).

7|=1.
Vay chon dép an D

Viy

C6 bao nhiéu s6 phirc z thoa man = 4 14 s6 thyuc va \z+2\+2\z—2\=4.
"+ 7+

A 8 B. 6 C.2 D. 4
Lo gidi

Chon A

Goi z=Xx+Yi Vvdi x,yeR.

Néu y=0=|x|=4=x=14.

Néu y=0

a
\

1

RES

P-z+4 L IP—1+4
5 la s6 thuc nén dat —;
°+2+4 2°+z2+4

=k < (k-1)2°+(k+1)z+4(k-1)=0.
Taco \2\2:21.22:2:4<:>x2+y2:4.

Vi ‘z+f‘+2‘z—§‘=4<:>\x\+2\y\=4.



Cau 10.

Céu 11.

Céau 12.

Biéu dién duong tron (C): x* +y? =4 va duong thang |x|+2|y|=4 trén ciing hé truc Oxy .
Nhan thdy chiing cit nhau tai 6 diém. Vay ¢ tit ca 8 s phiic thoa ycht.

Cho s6 phitc z théa man z+44 = (1-2i)|z|+(3z—-1)i. Ménh dé nao sau day ding?

A. 8<|z]<10. B. 10<|z|<12. C.12<|7|<14. D. 7<|7<8.
Loi giai

Chon C

Tacd

2+44=(1-2i)|z]+(32-1)i < z+44=|2| - 2||i +3iz —i < (1-3i) 2 = (|2] - 44) - (2|2 +1)i (*)

Liy modun 2 vé cua (*) ta duge

(1-3i) 2| =|(|2| - 44) (2[2] +1)i = V10 2| = \/(\z\—44)2 +(2/7+1)’
|z|=13

149
5

=10|7 = (|2|-44)" +(2[7|+1)° < 5[z[ +847|-1937=0 & "
7l =
Vi|z|20=|z|=13.
C6 bao nhiéu s6 phirc z thoa man |21 +[z—2]i+(z+2)i** =12
A 4. B. 2. cC.1
Loi giai

Io
w

Chen D

Pat z=a+bi ta dugc
\z—ﬂ2+‘z—f‘i+(z+2)iz°“’ =1

& [a+bi-1f +]a-+bi-a-+bili+(a-+bi+a—bi)i® =1 (taco i®° =i = (i*)"".i

& (a-1)" +b* +2)p|i-2ai=1

< a’—2a+b’+2|p|i-2ai=0
{aZ—Za+b2 =0

i

2Jb|-2a=0
a’—2a+b?=0
<<a=0
b? =a?
a’-2a+a’=0
<4a=0
b*=a’
a=0,b=0
& b=1
a=1
b=-1

Suy ra c6 ba s6 phirc théa man phuong trinh z, =0, z, =1+i, z, =1-i.

C6 bao nhiéu s6 phirc z thoa man 3z +z = (2 + iV3)|z|?

A. 0. B. 2. C.Vobso. D. 1.
Loi giai

Chon C

batz = a+ bi (a,b € R).

Tac 3z +z = (2+iV3)lzl & 3(a + bi) + (a — bi) = (2 + iV3)Va? + b2
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a=0b=0

®{4a=2va2+b2 16a2=4(a2+b2)=>{ PR

2b=V3aP+ b2 g2 m 32 +p2) % =D
Vay ¢6 vb sb s6 phic dang z = a + V3.a.i,a = 0 thoa min.

Cau 13. Chosé phic Z thoaman |z|= 5 va |z+ 3= [z+ 3- 10i|. Tim s6 phic w= z- 4+ 3i.
A W=- 1+ 7i. B. W= - 4+ 8i. C. w=- 3+ 8i. D. w= 1+ 3i.

aZO.bZO(:){aZO,bZO
b=aV3

Loi gidi
Chon D

Giast z=a+ bi (a, bi | ). Tu gia thiét ta co he:

il7]=5 U§aZ+b2=25
flz+ 3= |2+ 3- 10| j(a+ 3+ b= (a+ 3 + (b- 10)

Vay z=5; w=z- 4+ 3i=1+3i

Cau 14. Chosbphitc z=a+bi (a, bell) théaman z+1+3i—|z|i=0.Tinh S=a+3b.

As=I. B.S=-5. C.S=5. D.s=—'.
3 = 3
Loi gii
Chon B

Taco z+1+3i—[z]i=0 < a+bi+1+3i—iva’+b* =0

a+l1=0
<:>a+l+(b+3—\/az+b2 i=0 =
) b+3=+/a’+h?

a=-1

a=-1
={(bz-3 = 4=S=-5.
(b+3)" =1+b? -~ 3
Cau 15. Hai c6 tat ca bao nhiéu sé phuc z thoa min ddng thoi hai hé thirc: |2%Z — 3z| = 2 va |z —
20 = 12
A. 3. B. 1. C.s. D. 4.
Loi giai
Chon A
¥y
3i

1
N

i

0 X

Taco: |z—2i| =1nhuhinhvénénl1 < |z| <3
Mit khac: |z22Z2—3z| =2 |z(z.z-3)| =2 e |z|(|z]* = 3) = 2 & |(|z|® - 3|z])| = 2(*
)



Céau 16.

Céu 17.

Céu 18.

Céau 19.

Dét:t=|z|,:>1£t$3th‘|(*)<:>|(t3—3t)|=2®[if;

* Truong hop 1: t = 1 ta thiy trén hinh v& c6 mot s phuc.
* Truong hop 2: t = 2 ta thiy trén hinh v& ¢ hai sb phirc.

Vay: c6 tht ca ba s§ phirc z théa méin dé bai. Chon dép 4nD
-1 |z-3i

i =1?
Z+1

C6 bao nhiéu s6 phirc z thoa min

z—i

A 0. B.1. C.2. D. 4.
Loi gii

Chon B

Goi sb phirc z=a+hi véi a,bel .

Taco Z—_?=1<:>\z—liz\z—i\ <:>(a—1)2+b2:a2+(b—1)2<:>a—b=0
z-3i 2 2, 2
= =lea’+(b-3) =a’+(b+1) <b=1

a=1 _ .
Suy ra {b:l' Vay z=1+1i
Viéy ¢6 1 s6 phirc thoa méan yéu ciu bai toan.

b Dang 05: Ung dung s6 phirc vao bai toan tinh tong dai s

Cho bidt £(x) = (1 + x + 2x2)2°1° = g + a;x + ax?+... +a4935x*°38. Xét hai tdng cac hé

S0: Sy =0y — Ay + ay—...—Q4033 VA S, = a; — az + as—... +ay937. Khi d6 gia tri coa S; +
S, bang
A 22019 B. —21011 C. 21010 D. —22019
Loi giai
Chon C

F) = (1+x+2x2)201 = g5 + a;x + ax?+... +a4035x*°38(1)

Thay x = i vao (1), ta dugc

(1 +i42i%)291% = gy + aqi + api®+... +a4035i*°%% © (=1 +)2° = (ag — a, +

ay—...) +i(ag —az+as—...)

= 8 +iS; = (=14 )21 = (=1 + )18, (=1 + i) = [(1 — D)?]'0°(=1 + i) = —2109%(—1 + i) = 21009 4 2100%;
= Sl — SZ — 21009 = 51 + SZ — 21010

Gié trj cua biéu thic Cy —C2) +Cyt —C2 +...—C +C,o0 bing
o = 2 B. 2'°, C. 2%, D. - 2'%,
Loi giai
Chon A
.1\100 100 k =k & k ~2k B & k ~ 2k+1
(1+|) :ZCIOOI = Z(_l) Cmo +1 Z(_l) Cloo+ :
k=0 k=0 k=0
Mat khéac:

100

100

. 1 .1 100 T . . T ..
1+i)® = [ V2| == +i—= =(+2 cos=+i.sin=| =2%(cos25x +i.sin25
(W)= V2| rigg )| =(V2) [cosgising | =2%(cos25n+isinor)
=2%(cosr +i.sinz) = 2% (-1+0)=-2%.

50
Do dé Y (-1 Cly =Cpy—Cly +Cliy —Ciyg +...— Cigp + Cigp = —2%.

k=0

2 2 2018 I3 2
Khai trién ctia biéu thirc (X2 +X +l) dugc viét thanh a; +aX+a,X* +...+ 8, X" . Tong

S=8y—8,+8, — 8 +...— 8, + g béng:
A, 2%, B. -1. C. 2%, D.0.
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Loi gidi
Chon B

2018
(o2 2 4036
Tac (X +x+1) =a,+aX+a,x" +...+ 2 X .

Cho x=i ta dugc (i2+i+1)2018 =a,+ai—a,—aji+a,+ag—a;—.+a.

2018

Hay S=a,—a, +8, —8 +...— g5 + a5 = (—1+1 +1) -1.

Cau 20. Chosd phirc z=x+yi, (x,y el )thoaman z° =18+26i. Tinh T =(z-2)" +(4—2)°
AL B. 4. C.2. D.O.
Li giai

Chon D
Taco (x+ yi)3 =18+ 26i
< X +3x%yi +3x(yi)2 +(yi)3 =18+ 26i

x*—3xy?* =18
o .

3’y —-y* =26
Suy ra 13(x° -3xy’ ) =9(3x’y - y°)
< 13%% —39xy* —27x°y +9y* =0
Nhian thdy y = 0khong thoa, dat t = Xia duoc

y

13t° - 27t -39t +9=0

Chon t =3khi d6 X =3, suyra chon z=3+i.
y

Suyra T =(1+i)2+(17i)Z =0.
Cau21. Cho hai s phic z, w thoa man |z+w|=+17,

bidu thirc P = zw+z.w bing
A. 3. B. 1. C.2. D. 4.
Loi giai

Chen C

Tac |z" = 2.2, az, +bz, —az, +bz, nén

|2+ 2w = /58 < |z+ 2w’ =58 < (2+2w)(z+2w) =58

|2 +2zw+ 22w+ 4w =58 |7 +2P+4|uf =58.

Tuong ty |2—2w]|=5v2 < 2" 2P + 4w’ =50.
\z\2+2P+4\w\2:58

Khido { . —4P=8=P=2,
|z|" 2P +4|w|" =50

4 4
Cau 22. Cho hai s phitc Z,, 7, théa man |z, —z,|=|z,| =|z,| > 0. Tinh A—[:lj +[J .
2

z+2w\:\/§vé ‘Z—ZW‘:5\/E. Gia tri cua



A -1. B. 1+i. C.1. D. 1-i.
Loi gii.
Chon A
Tacé |z -z,|=[z|=|z|>0 = { =l =l (ZL_ZZ)(E_ZZ):zlzl
AR 7,2,=1,7,

1,2,-2,2,-2,2,+2,2,=2,2, |2,2,+2,2,=12,2,

et et
2,2,=1,2,

Ta co:

2 2 2 — —\2 — —\2 —\2
L O Y A O [ L [ O . - k-1 ) P - ) P S
Z Z 5, 4 2,2, 4Lz Ly L
4 4 V¥ (2 ) 2
Tir do: A:[le +[sz {[1] +[2H ~2=(-1f -2=-1.
ZZ Zl ZZ Zl

Cau 23. Cho sd phirc z#1 thoa man z° =1. Tinh M =(2°"° +2"° —z).(2° - 2" + z)

A M=4. B.M=-1. C. M =1. D. M =-4.
Loi giai

Chon A

Taco:

M :(22019+22°18—Z).(22019—22015+Z):|:(23)673+(23)672 .ZQ—Z],[(Z3)673—(Z3)672 .22+Z:|
Theo bai 2° =1 nén M =(1+2°-z).(1-2° +2).
Mt khac, z° :1<:>(z—1)(22+z+1):0:>zz+z+1:0(do z#1).

2 +1=—z
Tir d6 ta co =>M=(-z-2)(-2"-2")=42"=4.
Z+1=-
z Z,—17
Cau 24. Cho hai sd phtrc 7,, z,théa man |z,|=4, |z,|=6va |z, + 2,| =10. Gi4 tri ciia -z la
A. 3. B. 1. C. 0. D.2.
Loi giai
Chon B
Céch 1:
A C
o B
Goi A 1a diém biéu dién cua z,, suy ra OA=4
Goi B 1a diém biéu dién cua z,, suyra OB =6
Goi C 1 diém biéu dién ctia 7, +2,, suy ra OC =10
Do ABCD Ia hinh binh hanh, ta cé:
AB =z, -2, N
2 2
B? +OC? = 2(OA? + OB?) <> AB? = 2(16+36) —100 <> AB’ =4 = AB =2
Z,—-17
Vay ln-z|_AB_,
2 2
Céach 2:
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10° :\zl+zz\2 =(z,+ zz)(zl+ zz) = \21\2 +\zz\2 +2,2,+2,2,(1)

2,-7, =(z, —zz)(zl—zz) =2, +|z.[ ~2.2,-2,7,(2)

Ly (1) + (2): \zl—zz\z+1OO:2(\21\2+\zz\2):104:>\21—22\2 =4z -7)|=2.

A
Vay 2 =1.
Cau 25. Cho hai sb phirc z,, z,théa man |z,|=1, |z,|=2va |z,+2,|=3. Giatri cua |z, - 7,|1a
A0, B. 1.
C. 2. D. mdt gia tri kha
Lo gidi
Chon B
Cach 1:

Str dung c6ng thirc hinh binh hanh
2(z +z§)=\zl—zz\2+\zl+zz\2 =2(1+4)=|z,~z,| +9=|z,—z,|=1.

Cach 2:
Giast z, =a +hi(a; b el), z,=a,+bji (a,; b, el).
2| =1 ay +bf =1 & +bf =1
Theobairataco: {|z,|=2 < {al+bl=4 oal+bl =4
2,+2,|=3  |(a+a,) +(b+b,)’ =9 |2&3+20b, =4
Khi do, ta co:
|z, -2, :\/(al—a2)2+(bl—b2)2 =\/(a12 +bf)+(a} +b7 ) - (2a,a, + 2bb,) =1.
Vay |z, -z, =1.

b Dang 08: Dang khéc lién quan dén phép toén sé phirc
Cau 26. Cho so phuc z=1+i. Biét rang ton tai cac so phuc z, =a+5i, z, =b(trong d6 a,bell,b>1)

thoa man v3|z-z|=+/3|z~2,|=|z,~2,|. Tinh b-a.
A.b—a=33. B. b—a=23. C.b-a=43. D. b—a=5{3.
Loi giai

Chon A
(1-a)" +4* =(b-1)" +1

Taos: Ble-z|=\Ble-zl-ln -2] = (b-a)’ +25=3[ (1-a)’ +16] L
(b-1)"-(1-a)’ =15

Can L () =1 o1+ 2(b-1)(1-a) + (1-a)’ =3(1_a) B (o1 -(1-a) ]

(b-1)"~(1-a)* =15

8(b-1)°—2(b-1)(1-a)+7(L1-a)°’ =0

~1?—(1-a)’ =1
by was g
1 _1_4N°
=S b—1=2(1—a) = J_g =b-a=33.
7 b:E+l

b—1==(1-



vi-u?=15

(Hé dang cip quen thugc).
V2 +2uv+u® =23

=a-1
Céch 2: bat {u a 1ta c6 hpt: {

Cau27. Biét 2"(C)+iC}—Cl—iC}+--+i*C}+---+i"C])=32768i, véi Cfla cic s6 t6 hop chip

kcta nva i?=-1. Pat T, =i*C, gia trj ctia T,bang

+1

A. -120i. B. —330i. C. -8i. D. -36i.
Loi giai

Chen C

Taco:

2"(Cy +iC} =C7 —iCJ +++++i*Cf +-+-+i"C]l ) = 32768

& 2"(C) +iCl+i°CZ +i°CJ +++-+i*Cl +---+i"C] ) = 32768

< 2" (1+i) =2%i (*)

Ta c6 (L+i)°=2inén néu n=2k+1, kell, thi (1+i)"=(1+i)

2k+1

=2"i(1+i)nén khong
théa mén (*).
Xét n=2k, kel , thi (1+i)" =(1+i)™ =2, nén:
(*) e 2% 20 =2 2%i* =2"i = k=5=n=10.
Tirdétaco T, =i'C] =—8i.
L. , . \2017 .
Cau 28. Biétrang a;b la cac s6 thuc théa man a+bi= (1+ J§|) . Gia trj cha a+b bang:

A (V3-1)87. B. (1+43)8"". C. (V3-1)87. D. (1++3)8%.

Loi giai
Chon D
Ta co:
1+J§i:2 1+£i =2\ cosZ+isinZ
2 2 3 3

2017
= (1+ \/§i)2017 = 2% (cosz +i.sin Z) = 2% (cos 20177 +i.sin 2017”]
3 3 3 3
= 22°16.2.(cos%+ i.sin %j =8 (1+ \/§|) =82 +82f3i.

a=8672
2{

b=8672\/§'
:>a+b:(1+J§)8672.
Chon D
Cau29. Chosdphuc z' 0 thoa man (2+ 3i)[z|= @+ 3- 2i.Tinh |2* + 7"
Al B. 2. C. 3. D. 4.
Loi giai
Chon B
Taco: (2+ 3i)7|= @+ 3- 21U (2+3i)|z]- 3+ 2i= @
z z
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Céu 30.

Cau 31.

Céau 32.

U (2[2- 3)+ @2+ 2)i= \/(2\ 2|- 3 + @l + 2) - j: 26
_ %,

BIEU DIEN HINH HQC CUA SO PHUC
b Dang 01: Biéu dién s6 phirc qua cac phép toan
Trong mit phang phitc cac diém A,B,C lan lugt la diém biéu din cho cac sé phirc z,,2,,z,.

U 13)7°

'+ |2 = 2.

Biét tam giac ABC déu va noi tiép dudng tron(C):(x—3)° +(y—4)° =9. Hay xic dinh sb
phicw =12, +2,+2,.
A w=9+12i. B. w=12-9i. C.w=4-3i. D. w=3+4i.
Loi giai
Chon A
Goi z,=a,+hi ,z,=a,+b,i ,z;=a,+hii (a,,b,a,,b,,a8;,b, €l0)
Vdy ta c¢6 toa d6 «cic diém AB,C  trong mit phing phuc &
1a: A(a,,b,),B(a,,b,), C(a,,by).Suy ra toa do trong tim G ciéa tam gidc ABC la:
a +a,+a, b+b,+b,
3 ' 3
Vi tam gidc ABC déu nén trong tim tring v6i tim dudng tron ndi tiép tam gidc hay trong tdm
G ctua ABC cotoaddla G (3;4).

a+a, +a; _
Suy ra 3 IS 813, +8=9
bl+b2+b374 b +b, +b, =12
3

Vay W=2,+2,+2,=(a +a,+a,)+(b +b, +b,)i=9+12i
Trong mit phing Oxy, goi M 14 diém biéu din cua sé phuc z=3-4i va M’ 1a diém biéu

x ‘ 1+i S . r s
dién cua so phuc z' = %z . Dién tich cua tam giac OMM' bang

AL B. 2. c. 2, p. 2
2 - 4 2 4
Lo giai
Chon B
Ta co:

+2=3-4i=M(3;-4).

by, 14 (3-4i)= ! li:>M'[z;—1j.
2 2 2 2 2 2
+ OM =5; OM'= SJ_ ; MM’ = Sf.

+Do OM"”? + MM " :OM2 nén tam gidc OMM’ vuéng tai M’
v 5, = Lommmr =L 5Y2 5225
2 2 2 2 4
Tap hop cac diém biéu dién sé phirc z théa man 2|z-1=|z+7 +2 trén mat phang toa do la
mot .
A. dudng thang. B. duong tron. C. parabol. D. hypebol.
Loi giai

Chon C



Céu 33.

Cau 34.

Giast z=x+Vyi (x,yel)=>Z=x-yi =>z2+7=2X.

Bairataco 2|x—1+ yi\=\2x+2\c:>2~/(x—l)2+y2 =[2x+2|

c>(x71)2+y2 :(x+1)2 S X =2x+1+ Y =X+ 2x+1< y? =4x.

Do d6 tap hop céc diém biéu dién sé phic z thoa man 2|z—1|=|z+Z +2| trén mat phang toa
d6 l1a mot parabol.

Trong mit phang phitc cac diém A,B,C lan lugt I3 diém biéu din cho cac sé phiic z,,2,,z,.
Biét tam giac ABC déu va noi tiép dudng tron (C):(X—?:)2 +(y—4)2 =9. Hay x4c dinh sb
phicw =12, +12,+12,.
A w=12-9i. B.w=4-3i. C. w=3+4i. D. w=9+12i.

Loi giai
Chon D
Goi 7, =a,+hi ,z,=a,+b,i ,z;=a,+hii (a,,b,a,,b,,a8,,b, €l0)
Vdy ta c¢6 toa d0 «cic diém AB,C  trong mit phing phuc &
1a: A(a,,b,),B(a,,b,), C(a,,b,).Suy ra toa do trong tim G ciéia tam gidc ABC la:

(a1+a2+a3_b1+b2+b3j

3 3
Vi tam gidc ABC déu nén trong tim tring v&i tim dudng tron ndi tiép tam gidc hay trong tdm
G ctua ABC cotoaddla G (3;4).

8,+8,+3
Suy ra 3 N 8+8,+8,=9
bl+b2+b374 b +b, +b, =12
3

Vay W=2,+2,+2,=(a +a,+a,)+(b +b, +b,)i=9+12i

Hinh (3) 1a tap hop nhitng diém M biéu dién s phitc z trong mit phing phuc, biét sé phic

z théa méan céc didu kién sau: ‘Z—Zi‘—‘7+l‘20 2+ Z‘Z‘i—z‘va Z+2|, >1.Tinh dién tich
z-2i
hinh (3).
A3 B.2. c.? D.2
- 4 4 2 2
Loi gidi
Chon A

Goi z=x+Vi, (x,yel)

Taco: [z-2i|-|7+1>0

& x+(y=2)i| 2|(x+1) - yi| & x* +(y-2)" > (x+1) + y? < 2x+4y -3<0 (1).
Tuong tu:

|2+27|>i-z| < 4x+2y+3>0 (2)

Z+i
z-2i

21®\z+i\2\z—2i\<:>yz% ©)
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Tir (1),(2),(3) tacé hinh (3) 14 tam gidc ABC c6 A(—%;%),B(%;%),C(—L%).

\g 4

Vay dién tich hinh (3) la % .

. . © ex 2 z-i
Cau 35. Trén mat phang toa do6 Oxy, hdy tim tap hop diém biéu dién s6 phtc z thoa mén ;‘ =1
A. Duong thang y =-x.B. Truc hoanh trir diém (0;-1).
C. Truc tung. D. Puong thing y = x.
Loi giai
Chon B
Dit z=x+yi.Piéukién: z=—i.
Taco %‘zl@\z—i\:\zﬂ\ S |x+yi—i|=|x+yi+i| < |x+(y-Di| =[x+ (y +D)i

=S \/xz +(Y*1)2 :\/x2 +(y+1)2 X4y -2y +1=xX"+y*+2y+1 <= 4y=0<y=0.
Vay tap hop diém biéu dién sb phirc z 1a truc hoanh trir diém (0;-1).

Cau36. Goi S l1a tap hop tat ca cac sb phirc z ¢6 phin thyc va phin 4o 13 cac sé nguyén théa man hai
diéu kign: |2 -3 4i| <2 va |2+ <|2~7|. S6 phin it cia tap S la

A.11. B. 12. C. 13. D. 10.
Loigiai

Tdc gid:hoangthihonghanhc3in@gmail.com

Chon D

Goi z=a+bi (a,bel) I sé phirc thoa man bai toan.
2\ AV _2)2 _4274
(a—3) +(b-4) <2 @{(a 3y +(b-4) <
[2a] <|2b) [a/<]b]

Tacéd



Céu 37.

Céu 38.

Céau 39.

Céu 40.

a,bell
1<ax<5h
2<b<6’
as<b
Bang gia tri thoa man
a 1 2 3 4
b 413]4]5[3[4]5]6]4]
Vay tap S co tat ca 10 phan tu.

Suy ra

5

Hinh phiing gi6i han béi tap hop diém biéu dién cac s6 phirc z théa man [z —3|+|z+3/=10 c6
dién tich bang
A. 257. B. 127. C. 207. D. 157.
Loi giai
Chon C
Goi M(x;y)la diém biéu dién s phic z=x+Yi, (x,yel).
Goi A(3;0), B(-3;0) lan luot la diém biéu dién cho cic sé phic z,=3 va z,=-3. Khi
doAB=6.
|z-3+|z+3 =10 < MA+MB=10> AB.
Do d6 quy tich ciia diém M 1a duong Elip c6 ban truc 16n a=5, nira tiéu cy ¢ =3 va bén truc
nholab=4.
Vay dién tich hinh Elip 1a S = zab =207 .
b Dang 03: Tim tam, ban kinh ciia dwdng tron biéu dién s6 phirc z doc 1ap
Cho sb phirc Z théa |iz- 2i|=

1- Zi\. Biét rdng trong mit phing toa do OXy, tdp hop céc
diém bidu didn sb phirc Z 1a mot dudng tron. Hay xéac dinh toa d6 tim | ctia dudng tron do.
A 1(0;- 2). B. I1(- 2,0). C. 1(20) D. 1(0;2).

Loi giai
Chon C
Goi s6 phirc z= x+ yi;(x,y1 { ). Khidétaco

liz- 2i|=[1- 2i| 0 fi(x+ yi)- 2i|= 50 |ix- y- 2i|= 50

Uy + (x- 2 =B U (x- 2+ y?=5.

Vay tap hop céc diém biéu dién sé phic z 1a mot duong tron tam 1(2;0).

-y + (x- 2)i‘: NG

Biét ring quy tich diém biéu dién s phic z thoa man h¢ thic 2.z + (z + Z) = 3 1a duong tron
c6 tam I(a; b) va ban kinh R. Gia tri ctia biéu thtc T = a + b — R bang
A. —1. B.-3. C.2. D. 0.
Loi gidi
Chon B
Goi z = x + y.i V6i x,y 1a 56 thue.
Thayvaohéthictaduocz. (Z) + (z+2) =3 o x?+y? + (x +y.i+x—y.i) =3
o x2+y2+2x =3 (x +1)% + y% = 4. Suy ra diém biéu di&n sé phiic z 1a dwong tron cé
tdm I(—1; 0) va cé ban kinh R = 2.
SuyraT=a+b-R=-1+0-2=-3.
Cho cac sb phirc z théoa man ‘Z‘ =2. Biét ring tip hop cac diém biéu didn sb phuc
W=3-2i+(4-3i)z 1a mot dudng tron. Tinh ban kinh r ctia dudng tron do.

A. r=20. B.r=5. C.r=25. D. r=10.
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Céu 41.

Céu 42.

Cau 43.

Loi gidi
Chon D

bat w=x+vi, (x,yel) taco:

w=3-2i+(4-3i)z < w—(3-2i)=(4-3i)z <|w—(3-2i)|=|(4-3i)Z|

= |(x=3)+(y+2)i|=[4-3i[|z| = J(x-3) +(y+2)" =4 +(-3) 2

& (x=3)° +(y+2)° =100.

Suy ra tdp hop cic diém biéu dién sb phoe w=3-2i +(4-3i)z 1a mdt dudng tron c6 tm
1(3;-2), ban kinh r =10.

Cho s6 phirc z thoa méan |(2+i)z+8—i|=5. Tap hop cac diém biéu dién sé phirc la mot
duong tron tdm | ¢ toa do 1a
A 1(-32). B. 1(-81). C. 1(8-1). D. 1(3-2).
Loi giai

Chon A
Gia sir sb phirc Z=X+Yi, X,yell
Taco: |(2+i)z+8-i|=5< 2+ 870 :i@\z+372i\=\/§

2+i] |2+

Gia sir sé phirc Zz=X+Vi, X,yell

Taco: |z+3-2i| =5 < (x+3)" +(y—2)" =5.

Vay tap hop diém biéu dién sé phirc z 1a duong tron tam 1(=3;2), ban kinh: R=+/5

Cho zell, |z-2+3i|=5. Biét ring tap hop bicu dién s phirc W=i.Z+12—i la mot duong
tron c6 ban kinh R. Ban kinh R 1a

A 5. B. 245. C.35. D.5.

Loi giai

Chon D

Goi z=x+Yyi &w=X+Y'i v6i {x;y;X;y'}eR.

Ta co:

[2-2+3=J(x-2)" +(y+3)" =y/(x-2)"+(-y-3)' =[x~ yi-2-8i|=|z-2-3
=[7-2-3i[=5(*).

w—12+i

Talaico w=izZ+12-i=7= thay vao (*) ta duoc:

|lw-12+i-2i+3

=5<
\ i

‘w—1_2+| o3

}:5@ |w—9—i s

S W-9-i[=5& X +yi-9-i|=5c (X -9) +(y' 1)’ =5 (x'-9)" +(y'-1)’ =25

Suy ra quy tich diém cua sb phirc W 1a dudng tron cé ban kinh R=5.

Viy ban kinh cantim1a R=5.

Cho sb phuc z théa man ‘Z — i‘ =1. Trén mat phéng toa do Oxy, tap hop cac diém biéu dién coa
z+2+3i

s6 phirc W théa man w = —~ 13 mot dudng tron cb ban kinh bing

A. 245. B. 20. C.1 D. 5.



Céau 44.

Cau 45.

Céu 46.

Cau 47.

Loi giai
Chon A
Taco w:ﬂ < z(l-iw)=w-2-3i &z :m.
1+iz 1-iw
W—2—3i_i
1-iw

Suy ra \z—i\:lo‘

:1@“1 “A 1 o -] =245 < wi] =245 (1)
— 1w

Gid st W= x+Yi, véi x,y e Rta cé (1) < x* +(y+1)* =20.
Vay tap hop céc diém biéu didn cua sé phic w 1a duong tron c6 ban kinh R=24/5.

Trong mit phing toa do Oxy, néu tdp hop cac diém biéu dién sé phirc z 13 dudng tron
X2 + y? =1thi tap hop cac diém biu dién sb phirc w=2z+3—-ila

A (x+3)2+(y—1)2:4. B. (x—3)2+(y+1)2:2.

C. (x=3)"+(y+1)° =4. D. (x+3)" +(y-1)° =2.
Loi giai

Chon C

Goi W =x'+iy’. Tach:w =22+3-i =|w-3+i|=[27] =2{x* +y* =2.
Khi d6 ta dugC. (x'—3)" +(y'+1)° =4

hay tap hop cac diém biéu din sé phtrc w 14 dudng tron cb phuong trinh
(x—3)2+(y+1)2 =4.

Cho sb phuc z théa man ‘Z — i‘ =1. Trén mat phéng toa do Oxy, tap hop cac diém biéu dién coa
s phtrc wthéa man w = ﬂ la mgt duong tron c6 ban kinh béng
+iz
A 5. B. 245. C. 20. D. 1.
Loi giai
Chon B
Taco w:ﬂ < z(l-iw)=w-2-3i & z:m.
1+iz 1-iw
Suyra \z—ihlo‘%—i‘ -1 @“2‘_4' “1ofl-in| =245 < |w+i=245 (1)
—iw

Gid st W=x+Yi, Véi X,y eRtacé (1) < x* +(y+1)* =20.
Vay tap hop céc diém bidu didn cua sé phic w 1a duong tron c6 ban kinh R=2+5.

b Dang 05: Tim tAm, ban kinh ciia dwong tron biéu dién s6 phirc w theo quy tich z

Cho cac sé phic z théa man |z —i|=5. Biét rang tap hop diém biéu dién sé phuc w=iz+1-i
la duong tron. Tinh béan kinh caa duong tron do.
A r=4. B.r=5. C.r=22. D. r=20.
Lo gisi
Chon B

Goi w=Xx+yi, (x,yel).

Tach: w=iz+l-i o x+yi=iz+1l-i @ z=(y+)+1—-X)i.

Ma |z-i|=5 < |y +1-xi|=5 < x* +(y +1)° =52,

Cho s6 phirc z thoa min \2\23. Biét ring tap hop diém biéu dién cua sé phirc w=7Z +i 12 mot

duong tron. Tim tam | cua dudng tron do.
A. 1(-10). B. 1(0). C. 1(0;1). D. 1(0;-1).
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Céu 48.

Cau 49.

Loi giai
Chon C

Taco |z]=|z|=3.
Tew=Z+i=>w-i=7=|w-i|=|7|=|w-i|=3.

Vay tap hop diém biéu dién ciia s phitc W 1a dudng tron tam 1(0;1).

Cho sb phirc z c6 modun bing 242 . Biét ring tap hop diém trong mit phing toa d6 biéu didn
cac s phire w=(1-i)(z+1)—i 1a duong tron c6 tam I(a;b), ban kinh R. Téng a+b+R

béng

A. 3. B.7. C. 1 D.5.
Loi giai

Chon A

Cach 1: Pat w=a+bi véi didu kién a,be .
Taco w=(1-i)(z+1)-i < a+bi=(1-i)(z+1)-i = a+(b+1)i=(1-i)z+1-i
- i [(a-1)+(b+2)i](1+i b i
o, ? 11(b.+2)|:[(a )+(2+ )i]( +I)®Z:a b 3+§a+b+1)|.
—i

2 2
Vi zzzﬁo\/(a_Z_S) +(a+2+1) — 22 & (a-b-3)"+(a+b+1)’ =32

< a’+b®-2a+4b-11=0.

Suy ra tap hop diém biéu dién s6 phac w 1a mot duong tron tam 1(1,—2), ban kinh R=4.
Tudésuyra a=Lb=-2,R=4=a+b+R=1+(-2)+4=3.

Cach 2: bat w=x+yi, voi x,yell .

Taco w=(1-i)(z+1)-i e w+i=(1-i)(z+1l) o w+i=(1-i)z+1-i
ew-1+2i=(1-i)z.

Lay modun hai vé ta dwoc [w—1+2i| =|(1-i) 2| < |x+ yi -1+ 2i| =[1-i|z|

& (x71)2+(y+2)2 =4 <3(x—1)2+(y+2)2 =16.

Suy ra tap hop diém biéu dién s6 phac w 1a mot duong tron tam 1(1,—2), ban kinh R=4.
Trdosuyra a=lb=-2R=4=a+b+R=1+(-2)+4=3.

Xét céc s6 phuc z théa méan |z|=+/2. Trén mat phing toa do Oxy, tap hop diém biéu dién cua

cac s6 phic w = % 1& mot dudng tron cé ban kinh bing
+12

A. \/26. B. 26. C. 34. D. 34.
Loi giai
Chon D
Taco w:%:w(1+z):4+iz<:> z(w—i)=4-w :ﬁ\w—i\:M—W\
+

Dat w=x+yi(x,yel)

Tacé \/5.\/x2+(y—1)2 :\/(x—4)2+y2 ©2(X*+y* =2y +1)=X* -8x+16+y’
S X2 +y? +8x-4y-14=0c (x+4)" +(y-2)" =34

Vay tap hop didm bidu din ciia cac sé phitc W 13 dudng tron c6 ban kinh bing /34



Cau 50. Cho hai s phirc z,,z, théa man |z|=3,

7,-7,| =37 . Xét s6 phirc 2= —abi.
2

Tim |o)
A =2 . b= 2. c p-2B, D =3
8 8 8 8
Loi giai
Chon C
Cach 1

Gid sir 2 =X + Yji > M (X;¥,) VA Z, =X, + Y,i & N(X,; ,)

Theo gia thiét ta c6: OM =3,0N =4, MN =+/37

Suy ra: tap hop céc diém biéu dién z, 1a duong tron (C,) c6 tam O,R, =3
tap hop cac diém biéu din z,1a dudng tron (C,) co tim O,R, =4

2 2 2 .
W — L MON =120° (khong ddi)

Suy ra M 1a anh cta N qua phép dong dang co dwoc bang cach thuc hién lién tiép phép vi tu
V{o,i) va phép quay Q(Omo) hodc phép quay Q(o,azo“)
4

Xét tam giac OMN c6 cos(MON):

Nhu vay tmg véi mdi diém N ta ¢6 2 diém M dbi xing nhau qua ON théa yéu ciu bai toan
Khéng mét tinh téng quat ciia bai toan ta chon N (4; 0) khidé M,M " d6i xtmg qua OX

MON =120° Xy =—-OM.sin30° ==
Vi { - suy ra yOM =30 =

—an®
NOy =90 y,, =OM.cos30° = 3“/—

(1)

2 2
3J§ z

Khi do6 21:—2 2 —i,z,=4 suyra z=

3 33, z

Va L=-5-—ig ,=4suyraz=-=1 "8 8
z,

f

Vay |b|=
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Cach 2
|2 =3(2)
Taco: |z,|=4(2)

‘Zfzz‘:‘/ﬁ@)

Mit khéac z A _atbi= 2,=12.2,(4)

ZZ
3
Thay (4) vao (1) va (3) ta d 2l]zz| =2 i
ay (4) vao (1) va (3) ta duoc: =
|21 [z,|= 37 \z_u:@
4
9 28 3
a’+b’== —2a+l1=— a=-=
- Pt e oo ;:ﬂ":%
(a-1)+b’=" |p*=—-a’ 2_22
16 16 64

Cau51. Chosé phic z=m+3+(m’ —1)i véi m la tham sé thuc thay déi. Tap hop
cac diém biéu din s6 phiic z thuge duang cong (C). Tinh dién tich hinh phing gisi han boi

(C) vatryc hoanh.

A.

C.

w| s
w
w| oo
O
[SARN)

Wl

Loi giai
Chon A
Xét z=x+Yyi v6i x,yell .

. ) X=m+3 X=3=m

Ma z=m+3+(m*-1)i = , = s ,
y=m*-1 y=(x-3)"-1=x*-6x+8

Vay tap hop céc diém biéu didn sé phire z thude dudng cong (C):y:X2—6X+8

x=2

Xét phuong trinh hoanh d6 giao diém cia (C)Vé truc OX. x> —6x+8=0= { 4
X =

Dién tich gidi han boi (C) va truc hoanh la:
4

4 4 > 4
S =”x2 —6x+8‘dx =—J‘(x2 —6x+8)dx :—[3—3x2 +8xJ
2 2 2

Cau52. Cho céc sé phirc Z;, Z,théa min |z,|=6Vva |z,|=2. Goi M, N lan luot 1a cac diém biéu dién
ctia céc s phuc Z,va iz,. Biét MON =60°. Tinh T = ‘212 +9222‘ .
A. 2443. B. 18. C.T=3642. D. T =3643.
Loi gidi
Chon D



(C1)

Trong mat phéng toa d0 Oxy, goi M,N 1an luot 1a diém bidu din cac sd phirc Z,va iz,, goi
E, F lan luot Ia cac diém biéu dién cac sé phirc 3iz, va -3iz, .

Theo bai ra ta co:

|2,| =6nén tap hop cdc diém M la dudng tron tim O, ban kinh R =6, goi 1a dudng tron (C,) ;
|2,| =2=iz,| =]i|.|z,] =2do d¢ tap hop cac diém N biéu dién sé phirc iz,thude dudng tron
tam O, ban kinh r = 2, goi la dudng tron (C,).

Lai thy : [3iz,|= 6va

- 3i22‘ = Bsuy ra cc diém E, F thudc dudng tron (C).
Hon nitA. 3iz,va -3iz,1a c4c s6 phitc déi nén EF 1a mot dudng kinh cua (C,).

Mit khéc : OE =30N nén N nam giita Ova E = MOE =60°, suy ra tam gi4c MOE la tam
giac déu canh bang 6 va tam gidc MEF vudng tai M .

-Khido : T =z +92}|= |27 - (3iz, )’

=|z,-3iz,|.|7, +3iz,| = ME.MF .

2
6f236\/§.VéyT=36\/§.

Cau 53. Cho sé phiic z = m+3+(m2 fl)i v&i m 1a tham sé thyc thay déi. Tap hop

- Nhan thdy: ME.MF = 2.8 ,,ec =4.5,0e = 4.

cac diém biéu didn sé phiic z thuge duang cong (C). Tinh dién tich hinh phing gisi han béi

(C) vatryc hoanh.

A.

wlF
|0
w|

C. E D.
3

w | oo

Loi giai
Chon B
Xét z=x+yi v6i x,yell .
X=m+3 {X

-3=m
Ma z:m+3+(m2—l)| :{y_mz_l = y:(x_3)2_1:x2—6x+8

Vay tap hop céc diém biéu didn s phirc z thude dudng cong (C) (y=x"—6x+8
X=2

Xét phwong trinh hoanh d giao diém ctia (C)vatruc Ox. x*—6x+8=0= [ 4
X =

Dién tich gigi han boi ( C) va truc hoanh la:

I 2 4 2 X3 ,
S:!‘x —6x+8‘dx:—‘|;(x —6x+8)dx:—(3—3x +8x]

b Dang 07: Bai tép téng hop khéc
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Cau 54.

Céu 55.

Céu 56.

Goi M, N 1an luot 13 diém biéu dién cta z,,Z, trong mat phéng toa d9, | 1a trung diém MN ,
O la géc toa do,. Ménh d& nao sau day luon dang?

A |z +17,|=0l. B. |z —27,/=OM +ON.
C.|z,+1z,|=201. D. |z —2,|]=2(OM +ON).

Li giai
Chon C

Vi M,N lan luot 1a diém biéu dién cta z,,z, trong mat phing toa do va 3 diém O,M,N
khéng thing hang.
Nén ta c6 [z,~2[=|OM ~ON|=[NM|=NM loai dip an |z,~2,|=2(OM +ON) va

|z,—7,/]=OM +ON

Mit khéc \z1+z2\=\m+m\=\2(ﬂ=2@\:2@ loai dép 4n |z, +2,| =0l .
Cho sé phirc z=a+bi (a,bell). Biét tap hop cac diém A biéu dién hinh hoc sb phuc z 1a
dudng tron (C) c6 tam 1(4;3) vaban kinh R=3. Dat M lagia tri I6n nhat, m 1a gid tri nho
nhit cua F =4a+3b-1. Tinh giatri M +m,
A. M+m=48. B. M +m=50. C. M+m=41, D. M +m=63.
Loi giai
Chon A
Cach 1. Ta ¢6 phuong trinh dudng tron(C):(x—4)" +(y-3)° =9.
Do diém A nam trén duong tron (C) néntacé (a—4)"+(b-3)° =9.
Mit khéc F =4a+3b-1=4(a—4)+3(h—3)+24 < F —24=4(a—4)+3(b-3).
Taco [4(a—4)+3(b-3)] <(4*+3")[ (a-4)"+(b-3) | -259-255,
= —15<4(a—4)+3(h-3)<15 < —15<F—24<15 <9< F <39,

Khido M =39, m=9.
Vay M +m=48.

Céch2 Tac F=da+3h-1—a= 1%

2
(a_4)2+(b_3)2=9:[¥‘3t’—4j +b?-6b+9=9
< 250? —2(3F +3)b+ F?+225=0
A’ =(3F +3)° —25F2 -5625
A'>0< —16F? +18F —5625> 0 <> 9< F <39,
Cho hai s phic z,, z, thoa |z|=|z,|=2v5. Goi M, N Ian luot 1a diém bidu dién hai s
phiic z,, z, trén mat phing toa do. Biét MN =242 Goi H 1a dinh thir tu ctia hinh binh hanh
OMHN va K 1a trung diém cua ON . Tinh 1 =KH

A l1=45. B.1=32. C.1=642. D. 1= 41,

Loi giai

Chon D



<

25/ 22

2 2 _ 2
Xét tam gidc OMN ta c6 cos MON =w:ﬂ.
20M.ON 5

Vi MON +ONH =180° nén cosONH =—g.

Xét tam giac HNK cé

2
HK:\/NH2+NK2—2NH.NK.COSKNH —\/OM2+(;ONJ —ZOM%ON.COSONH =41,

Cau57. Cho s phiic z. Goi A,B Ian luot la cac diém trong mat phang toa do (Oxy) biéu dién sb phirc
z va (1+i)z. Tinh mé dun cua s phirc z biét tam giac OAB c6 din tich bang 32.
A |7]=2. B.|z|=8. C.|z|=4. D. |z]=442.
Loi giai
Chon B
Goi A(a;b) biéudién z va B(a—b;a+b) biéu dién (1+i)z.
Tam gidc OAB c¢6 OA=|z|, OB =|z|v2, AB=+a’+b” =|7|.
Suy ra tam giac OAB vudng can tai A.

Srons :%OA.AB S %\z\z =32 < |7|=8.

PHUONG TRINH BAC HAI VOI HE SO THUC

Cau 58. Goi z,,2z, la hai nghiém phtic ciia phuong trinh 2> +z+1=0. Gi4 tri ciia P = ‘leolg +2,7 1a
A. P=23. B. P =4038. C.P=2. D. P=3.
Loi gidi
Chon C

Phuong trinh z’+z+1=0 c6 hai nghiém phic la le—l—ﬁi:—%(l+\/§i) va

S Y =-L(1-vE).

2 2 2
Céch 1:
Vi z,,z, la nghiém ctia phuong trinh z> +z+1=0 nén z,.z, =1.
Lai co:

27 :%(1+\/§i)2 :%(72+2\/§i)=7%(17\/§i):22.
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( J—l)zz (2 2\/—I) %(1+\/§i)=zl_

4 126
4 _(,2\ _ 2 _ 2016 _ 4 _ 126 _ 63 _ 2,60 _ _
Suyra 2, =(z, ) =20 =7,=7 _((z1 ) ) =2 =2"=2,222"=2.2,2" =2

3
4 3 3,3
:(z1 ) 2 =z"17, =1.

Tuong ty 2, =1.
Vay 2% +2," =222+ 2,72 =2+, =72, + 2,7, =1+1=2.
Suyra P= ‘22019 2019‘:2.
Céch 2:
Ta co:
1 2z 2z
21=—§+£| =C0S — +isin —;
1 4z 4z
Z, 2777£I—C05f+lsmf
2 3 3

Ap dung cong thirc Moive ta dugc:
22009 cos(zolg.%”j +isin [2019.2{] =c0s(13467)+isin (13467) =cos0+isin0=1;

7, 005(2019 ?jﬂsm(ZOlg.%rj =c05(26927)+isin(26927) =cos0+isin0=1.

Véy ‘22019 2019‘:‘1+u:2.
Céch 3:

Taco 2% = (1+\/_|) = ( 2+2J_|) (1—J§i):

Suyra z'=2"2=2,2=1.

Dodé 2° =(2°)" =1 =1. Tuong ty 2, =1.

Vay P:‘leo19+222019‘:2.

Céch 4:

Chit y 2 hiing ding thire: (L+V3i) =1+33i +3(V3i) +3431° =
(1—J§i)3=l—3J§i+3(J§i)2—3J§i3=—8.

Do d6 7 = (1+J'|) :W.( 8)=1; z,° = ( J‘.) :,,,(, )=1

Véy P =‘212019 + Zz2019‘ -2.
Céch 5:
. 3 5 z=1
Taco 2°-1=0<(z-1)(*+2+1)=0s|
z°+z+1=0
Do z,,2, 1a nghiém phirc ctia phuong trinh z°+2z+1=0 nén z,,z, 1 nghi¢m phic cia phuong
trinh z°-1=0.Suyra: 2’ =z} =1.
Do dé 22 =(z2)" =1 =1. Tuong tyr 2, =1.
Vay P :‘212019 + ZZ2019‘ =2
Caub59. Goi z la mdt nghiém cua phuong trinh z2—z+1=0. Gid tri cia biéu thic

1
2019 | 2018
=7 +Z

72008 2018

M
A. 2. B.7. C.-1. D.5.

——+5 bang



Loi giai
Chon A
1+iv3 _1 43,

1
2 22

Phuong trinh 72—z +1=0 c6 hai nghiém z =

B3

Chon z :£+—i = cos£+isin£.
2 2 3 3
Ap dung cong thire Moivre: (cosg+ising)" =cos(ng)+isin(ng) Vnell , ta duge:
oo _ o 20197 . 20197 _ 1
z

2018 20187 . . 20187 2r . . 2«
= CO0S +18In :COS?+ISIH?

1 27\ .. 2r 27 . . 2«
DW:COS —— |+ISIn| ——— [=CO0S——1SIn—.
z 3 3 3 3

Do do, M =—1—1+c052—”+isinz—”+cosz—”—isin2—”+5=2.
3 3 3 3

z -1.

Vay M =2.
Céau 60. Goi z, z,la  cic  nghiém phitc cia phuong trinh  az®+bz+c=0,

ab,cell,a=0,b’~4ac<0). Pt P=|z,+2,[ +|z,— 7, . Ménh dé nao sau day diing?

A P=2 B p=2. C.P== D.P=2.

a a 2a’ a
Loi gidi
Chon B

—b+iy4ac—b?

Tacé z,, z,1a cac nghiém phirc cta phuong trinh az? +bz+c=0nén z,, =

2a
i f _h2
Do do6 zl+zzz—9vé zl—zzzM
a a
-b\* dac-b* 4c
Su raP:z+zz+zfzzz(—J+ ==,
y ‘1 2‘ ‘1 2‘ a 2 a
4, ;
Cau61. Goi z,, zzlahainghiemcaaphuongtrinh?+z:4,1<hidé\z1+z2\bzmg
A 2. B. 4. C.8. D. 1.
Loi giai
Chon D
i LY, - AP E:‘%*gi
Fti=-4o| — +z=—4c>['] +1=427 +2+4=0
z z E——l—@i
2 2
SENRVLY
1 J15. 1 J15.
= 2 2 Vay |z +2,|= -2 -—— ——+£|=\—]J=l.
1 Ji5. 2 2 2 2
Z=—=+—=i
2 2

Cau 62. Kihiéu n 1a s céc gié trj cia tham s6 a sao cho phuong trinh z2 +az+3=0
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(véian1a z), c6 hai nghiém phirc z,, z, théa min z2+2z2=-5.Tim n.
A.n=2. B. n=3. C.n=0. D.n=1.
Loi giai
Chon A
Tacd z,,z, la hai nghiém phitc clia phuong trinh z> +az+3=0
7, +2,=-a
=4 .
2,2,=3
. ar 2 2 2 2 a=1
Khidé 20 +2; =(z, +2,) 22,7, =-5<a’-1=0= .
a=-1
Véy c62 gid tri cia a théaman=>n=2.
Cau 63. Chosb phucz = - %+ i?.Phu’ong trinh bac hai v6i hé sé thyc nhan z va z 1am nghiém la
A 272+12+2=0. B.7°-1+1=0. C.z?+z+1=0. D.z7*- z+2=0.
Lo gisi
ChonC
1 .43 1 V3,

Tacod: z=- =+i—b 7=- =- i
2 2 2 2
Theo Vi-ettacé z va z la nghiém cia phuong trinh z2- S.z+ P=0U z?+ z+1=0.
Cau 64. Cho s6 phitc W va hai s6 thuc a, b . Biét ring w+i va 2w—1 13 hai nghiém ciia phuong trinh
2’ +az+b=0.Téng S=a+b bing
A2 B -2, ci. .
9 9 3 3
Loi giai

+7=-1

iS=1z
iP=27=1

Chon B
bat w=x+yi (X, yel). Vi a bell va phuong trinh z°+az+b=0 cd hai nghiém la

Z,=W+i, 2, =2W-118n 7, =7, & W+i=2W—1& x+yi+i=2(x+yi)-1

X =2x-1 x=1

< x+(y+1)i :(2x—1)—2yi©{y+1:72y<:> yoo

1
3
Z, =W+i :1+gi
>w=1l-"i=> 3
z, :ZWflzlei
3

2=-a a=-2
z,+z,=-a

Theo dinh ly Viet: = = .
iy {zz.zz—b 1+g=b b=E

Viay S:a+b:—g.

b Dang 04: Phuwong trinh quy vé bac hai, phwong trinh béc cao
Cau 65. Goi S la tap hop céc sé phire z thoa min diéu kién z* =|z|. S5 phan tir cua z 13
A. 5. B. 4. C.7. D. 6.
Loi giai

Chon A

=0
Taco: 2* =7l 7' =zl @ |Z(|zf -1)=0 = i .
|7 =1

z



+) [z]=0<1z=0.

z=-1
) [2|=le 2 =1 (22 -1)(#+1)=0= 2=t
z=i
Z=—i
=S ¢6 5 phén tir.
Cau 66. |Cho sb phirc z va W théa min z+W =4—i va z°+W® =7+ 28i . Téng phin 4o ciia z va W Commented [WU1]: Mén: DS12
bing Chuyén dé: PHUONG TRINH BAC HAI VOI HE 5O
A= 4 B. 4. ¢ L b-1 ']l;)I:r?(ioa'n' Phuong trinh ‘& bac hai, phirong trinh
LM giﬁi béc fao . g Cluy ve bac hai, p uong rimi
Chon D
Ta co:

2+ wW=7+2810 (z+w)- 3zw(z+ w)= 7+ 28 U (4- i)'~ 3zw(4- i)= 7+ 28i

. (4-iy- 7- 28i . .
Uzw=-—————U zw=5- 5i.
3(4- i)
Khi d6, z vd W 14 nghiém ctia phuong trinh: t?- (4- i)t+5- 5i=0.
Goi t;;t, 1 a hai nghiém ctia phuong trinh t?- (4- i)t+ 5- 5i= 0 ; theo h¢ thitc Viet ta c6
t+t,=4- .
Phén 40 ciia tdng z VA4 W bang phan 4o ciia tong t,+1, Ia - 1.
Cau 67. Tinh tong phan thyc ciia cac s6 phirc z 1 nghiém cta phuong trinh z*—22°—2° —2z+1=0
trén tap so phuc.
A. 245. B. 2. C. -23. D. —4.
Loi gii
Chon B
Dé thiy z =0 khong la nghiém cua phuong trinh.

Chia ¢4 2 vé cua phuong trinh cho z? ta dwoc: z2 -2z —1—g+%:0
7 2

2
@(22+%J—2(z+%j—1:0 @(z+%) —2(1+%)—3:0

z+1——1

7 - 2’ +2+1=0
s+l 4 22-37+1=0
z

Vay tong phan thuc cta cdc nghiém la: (-1)+3=2.

Cau 68. Cho cac sb phitc z, w khac 0 thoamin z+w=0 va 1wLE:L.Khi do i‘ bang
z z+w w
1 1
Az B. 3. C. —=. D.3.
3 <F
Loi giai
ChenC
Taco 14 3- 6 wrdz_ 6 < (w+3z)(z+w)=62w < 32" —2zw+wW =0
zZ w zZ+w woz+w
2
@3[£j —2%41-0 @izliﬁi: d —i.
w w w 3 3 wl 3

MAX MIN MODULE
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b Dang 01: Sir dung Module va lién hop dé gidi toan s6 phirc

Cau 69. ]xa céc s6 phicc z, w thoaman w=iz va |(L+i)z+2-2i|=+/2. Gi4 tri lon nhét cua |z-w| Commented [WUZ2]: Mén: DS12
Chuyén dé: MAX MIN MODULE

béng Dang toan: Str dung Module va lién hop d€ giai toan s6
A. 32, B. 3V3. C.3. D. 23, phc
Loi giai
Chon A
Tir gia thiét:

(L+i)z+2-2i|=v2 = 2 > |1+i)z|-[2- 2| = V2 > V2|7| - 22 = || < 3.
Lai co: \z—w\=\z—iz\=\z\.\1—i\=ﬁ.\z\s3\/§.
Vay: |z-w| =32

Cau 70. Trong céc sb phirc thoa man: |z-1+i|=|z

1a
3 3 3 3
A —E. B.g C. —g. D'E'
Loi giai
Chon A

+ Goi s6 phtrc cAn im 13 z = a+bi, (a,b ).
=z=a-bi
+ |z —1+i| =[z+1-2i

=|a+bi-1+i|=|a—bi+1-2i
@‘a—1+(b+l)i‘ :‘a+l—(b+2)i‘ .

& J(a-1) +(b+1)’ :\/(a+1)2+(b+2)2

4a+3__2 _§

< 4a+2b+3=0

+|z|=Va’+b® = [’ + 2a+ \/Sa +6a+— 5(a2+Sar 2|2
5 25) 20
3 9 \/? 35
= 5 a+—| +—2=,|—=——
\/ 5 20 " \20 10
3

3
|Z| nhé nht bang Sf khi @ _—g: b= 10

Cau 71. Cho hai sé phirc z,z, thoa man z,+2,=8+6i va |z,—7,|=2. Tim gi tri lén nhét cua

P=|z|+|z,).

A. P=46. B. P =24/26. C. P=5+3\5. D. P=32+32.
Loi giai

Chon B

= i z+z,=a+c+(b+d)i a+c+(b+d)i=8+6i
Goi {Zl a+b|.(adeeL)3{l 2 ( ) ( )
z,=c+di

z,-z,=a-c+(b—d)i < (a—c)2+(b—d)2 -



N \zl+zz\:,[(a+c)2+(b+d)2:\8+6i\<:> (a+c)’ +(b+d)* =100

(a-c)' +(b-dY' =a (a=c) +(b-d) =4
:>(a+c)2+(b+d)2+(a—c)2+(b—d)z:104<:>a2+b2+cz+d2:52
Mit khac P:\zl\+\zz\=«/a2+b2 +/c? +d? B';'S\/(12+12)(a2+b2+c2+d2)=\/2.52=2\/£-

Cau 72. Cho sé phitc z c6 phan thuc bing v2 . Gid trj 16n nhit cua L bing
z
A1l B. 2. c. 2. D.1+ 2.
Loi giai
Chen C
Tacéz=\/§+yi,yi P -
Khi 6
2 .

l-i:‘ 1 _i:‘\/ﬁ_2+y+yz %\Eg+?+y+yz§
z 2+ yi 2y’ 24y §2+y2% £ 2+y* &
- s 1+ 2y.

2+y?
Xeéthamsé f(y) = 1+ =2 cotapxacdinh D = | .

2+y
, -y-2y+ 4, Cgy=1
Py = L gy =00 g
2+y gl—-4
Bang bién thién
y —o0 -4 1 +00
f(y) - 0 + 0 _
1

Tir bang bién thién ta c6 MAX f(y) = f) = 2b MaX f(y) = V2.

CAau 73. Véi hai s6 phitc z,vd z,théa mian z,+2,=8+6iva |,—72,|=2, tim gia tri 16n nhat cia

P=|z]+|z,).

A 5+35. B. 34+32. C.46. D. 24/26.
Loi giai

Chon D

Céch 1: Taco: |z, +17,| =[8+6i|=10.

suy rA. 2([zf* +[z,[") = [z + z[ +[z, - 2" =100+ 4=104.

Taco: P=|z|+|z,|< 2(\zl\z+\zz\2) =104 = 2./26 .
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Cau 74.

7 |2,|=[z,| =26
Ding thirc xay ra khi va chi khi 1z, +2z, =8+6i (hé nay c6 nghiém)
|z,-2,|=2
Vay max P =226 .
Cach 2: Goi z, =a+bi, (a,bell), z,=c+di, (c,d el] ).

Theo gia thiét ta
arc=8 M f(a+cf+(b+d) =100
b+d=6 (2)= s , < a’+b*+c?+d* =52
(a—c) +(b—d) =4

(a—c)2+(b—d)2:4 (3)
Tach P:\zl\-k\zz\:\/mﬂ/m.
Ap dung bét ding thirc (x+y)’ 32(x2+y2)ta
P?<2(a”+b?)+2(c*+d*) =104 < P <2426

Viy gid tri 16n nhit cia Pbing 2426. Diu Dbing siay ra

a=4+g
a+c=8
b+d=6 b=3*€
< .
(a—c)’ +(b-d)' =4 c—4—£
a?+b?=c?+d? 2
d =3+§

b Dang 02: Min-Max lién quan dén qu¥ tich 12 dwong thing
Cho 2 s6 phttc z;;z, thod mén |z, + 5= 5;

thic P=[z,- 7,|1a
5 3
A Py =2 B. P, = 5. C. P, =3. D. Py = 5
Loi giai
Chon A

Pit = X+ ()% I R)va 2,= %+ ,i(%; v, 1 R).

co

co:

khi

z,+1- 3i|= |z,- 3- 6i|. Gia tri nho nhat cia biéu



Khi d6 z;z, tuong img dugce biéu dién boi hai diém A(x,;Y;), B(X,; Y, )trén mit phing toa do
Oxy . Do ‘21"' 5‘= 5 nén 1A= 5v¢i 1 (- 5,0), hay A thudc dudng tron (1;5).

Do ‘Zz +1- 3i‘= ‘22- 3- Gi‘ nén MB= NBvéi M (- 1,3),N(3;6) hay B thudc trung truc clia
MN .

7 <
Trung diém cua MN ¢6 toa do gi; %% va MN (4;3) nén phuong trinh duong trung truc cla
;a

MN 12 (D): 4(x- 1)+ 3§y- %% 0 hay 4x+ 3y- §= 0.

‘4.(— 5)+ 3.0- 3
. _ 2|_15
Tacé: d(1,D)= W— ER

Do P=|z- z,|= ABnén P, = AB, = d(I,D)- 5= % 5= g
Cau 75. Cho sb phirc z thoa man diéu kién |z+2—i|~|z—2+i|=25. Tim gid tri nho nhat cva |2].
A' ‘Z‘min :‘\/g' B. ‘Z‘min :ﬁ' Q ‘Z‘min _‘\/]3' D. ‘z‘min = 2J§
Loi giai
Chon C

Dit M 1a diém bidu dién sb phic z.
LAy hai diém 6 dinh A(-2:1), B(2;3) = AB=245.
Khi d6 |z+2-i|~|z—2+i|=2v5 <& MA-MB=AB.Suyra M thuc tia ddi cia tia BA.

Xem hinh v& dudi day:
Y
M
B
3 _____________
_9 O 2 z

Tacd

2|=OM . Viy [z|  khi OM nho nhit. Ma OM,,, =OB=+13 nén ||  =+13.
Cau 76. Cho s phuc z thoa man |z—2—-4i|=|z—2i| va biéu thuc |iz+2-i| dat gid tri nho nhat. Tim
phén 4o cua sé phic z .

A3 B 2. c 2 D. -2
2 -2 2 2
Loi giai
Chon B

Goi z=a+bi (a,bell ). Khidé:

l2—2-4i[=|z-2i| = \(a—2)* +(b-4)’ = a2 +(b—2)" ©a=4-b.
iz+2-i = [(2-b) +(a-1)° =/(2-b) +(3-b)? =/2b? 100+13

5V 1. 42
= Z(bffj +§2—

2 2
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Vay gia tri nho nhét cua [iz+2-i| Iég khi b:g; a:%

Cau 77. Vi cac sb phitc z théa méan ‘27374” =1. Tim gié trj 16n nhit cia z
A. max|z|=5. B. max|z|=4. C. max|z|=7. D. max|z|=6.
Loi giai
Chon D
bat z=x+yi,(x,yel).
Tacd |2-3-4i|=1¢ |x+yi—3-4i| =1 |(x=3)+(y - 4)i| =1 |(x=3)" + (y-4)* =1.
Tap hop céc diém biéu dién sé phire z 1a dudng tron tam 1(3;4), ban kinhR =1.

8

R
a 1(3;4)

] 1 H 3 4 5

Khi d6 max|z| =0l + R =+/3"+4° +1=6.
Cau 78. Cho s phuc z=a+bi véi a,b 1a hai sé thuc thoa mdn a—2b=1. Tinh |z| khi biéu thic
|z +1+4i|+|z—2-5i| dat gia tri nho nhat.

1 2

Az B.ﬁ. D. 5.

C.

gl

Loi giai
Chon A
Goi M (a;b) biéu dién sé phic z, A(-1—4),B(2;5).
Do |z +1+4i|+|z—2-5i] nén MA+MB nhé nhatthi M thudc doan thang AB .
Phuong trinh duong thing AB la 3x—y—-1=0.Do d6, 3a-b-1=0 véi -1<a<2.
1
a==
a_

2b=1
Giai hé phuong trinh ta duoc .
3a-b=1 b 2

2 2
Tir d6 ta tinh duoc [2] = /@j +(§j zg,

b Dang 03: Min-Max lién guan dén qu¥ tich 1 dwong tron

Cau 79. Trong cac sb phirc z thoa min ‘Z -3- i‘ <3, goi Z; va Z, 1an luot 14 sé phirc c6 mddun 16n
nhét, nho nhét. Gid tri cta |z, — z,| bang
A 6. B, 63, c. 33, D.3.
Li giai
Chon A
2
Gid sit z=a-+bi, (a,bell). Taco: [z-V3-i| <3< (a-+B) +(b-1)° <9.



Do d6 tap hop diém biéu dién sb phirc z 12 hinh tron (C) tam | (J§;1) , ban kinh R =3.
Cac diém biéu dién cta Z; va Z, tuong tng la giao diém cua duong thing Ol véi duong tron
(C).
Khi d6 |2, - 2,| bing dudng kinh cua (C).
Suyra |z,—2,|=6.

Cau 80. Goi z,, z,la cac nghiém phtrc clia phuong trinh 22 —4z+13=0, véi z,¢6 phén ao duong. Biét
s6 phirc z thoa min 2z-z|<|z-7,, phén thuc nho nhét ciia z I3

A 6. B.- 2. C.1. D. 9.
Loi giai

Chon B

Taco 2 —4z+13=0 < 7, =2+3i hodc z,=2-3i.

Goi z=x+Yi,voi X,yeR.

Theo gia thiét, 2|7-27)|<|z-7,| < 2\/(x—2)2+(y—3)2 s\/(x—2)2+(y+3)2

&4 (x=2)" +(y=3)" | < (x=2)" +(y+3) & (x-2)" +(y-5)" <16,

Suy ra tap hop cac diém biéu dién sb phirc z 12 mién trong cua hinh tron (C) cé tam | (2;5) ,
ban kinh R =4, ké ca hinh tron do.
.

x

(]

5 2 ‘6

Do d6, phan thyc nho nhat cua z 13 x,,, =-2.

Cau 81. Cho s6 phirc z théa man |iz—2i+1|=1. Goi M,mlan luot 1a gia tri 16n nhat va nho nhat
cﬁa‘5+1+i‘.Tinh M +m.
A. 245. B. 2. C. 6. D. 1445
Loi giai
Chon C
Ta co: \iz—Zi+JJ:1<:>\z—2—i\:l®‘2—2+i‘:l@‘(f+l+i)—3‘:1 (D).
Pat w=2z+1+i, tir (1) ta duge [w-3)=1 (2).
Goi w=x+Yi,(x,yell), khidé (2) trg thanh (x—3)*+y? =1.
Vay quy tich diém biéu dién s6 phirc W 1a duong tron tam 1(3;0), ban kinh R=1.
Khidé: M =|w|  =Ol+R=4vam=|w| =[0l-R|=2.
Két ludn: M +m=6.
Cau 82. Cho hai sé phirc z,, Z, thoa man |z, +5/=5,

2,+1-3i| =|z, ~3-6i|. Tim gi4 tri nho nhét cua

2,12,
N 03 o 0 s
Loi giai
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Céu 83.

Céau 84.

Chon D

Goi M,, M, lan lugt 14 cac diém biéu dién cho s phic z,, Z,.
Taco

M, thuge duong tron (C):(x+5) +y? =25.

M, thugc duong thing A:8x+6y—35=0.

MM, =|z,-7,|.

[ (C) va A khéng c6 diém chung vi d(I,A):%>5: R.

(C)

]
A H

Dua vao hinh minh hoa, ta suy ra |z, —7,| dat gia tri nho nhat khi chi khi M;=M va M, =H .
_MH=d(1,a)-R=25-2,
min 2 2

z, +1+2i|=|z, +i|. Gia tri nho nhat cua P =|z, -z, +1-3i|

Do do,

Z1_22‘

Cho z,,z, ell, théa |z, -2-5i[ =3,

la
A TV2-6 g 5V2+6 c 2+6 D 526
- 2 2 2 2
Loi giai
Chon A
Goi M 14 diém biéu dién cua s phiuc w =z, +1-3i.
Goi N la diém biéu dién cua sé phic z,.
Nhu vay P=|z, -z, +1-3i|=|(z, +1-3i)~z,|]=|[w—2,|=MN.
Theo gia thiét |z, - 2-5i|=3 < |(z, +1-3i)-3-2i|=3 < |w-3-2i|=3.
Do d6 tap hop cac diém M la duong tron tam 1(3;2),R=3.
Gia sir z,=x+yi(x,yel), c6
\zz+1+2i\:\zz+i\c>\/(x+1)2+(y+2)2 =\/x2+(y+1)2 S X+y+2=0.
Do d6 tap hop céc didm N 13 duong thing A:x+y+2=0.
Dé gia tri biéu thec P nho nhat khi MN nhé nhat < MN =d (1;A)-R= 7\2/573: 7J§2_6.

b Dang 04: Min-Max lién quan dén quy tich & dwong elip
Cho sé phirc z théa man |z—2|+|z+2|=5. Goi M,m lan luot Ia gia tri I6n nhat, gia tri nho

nhat cua |z|. Tinh M +m.



A M+m=1. B.M+m=4. C.M+m=%. D.M+m=8.
Loi gidi

Chon B

Goi M(x;y), F(-2,0), F(2;0) biéu dién cho sé phtre z,-2,2.

Tacé MF,+MF,=5= M chay trén Elip c6 truc 16n 2a=>5, tryc nho 2b=2 /%—4=3.

Ma |z|=OM . Do d6 gia tri lon nhat, gia tri nho nhét cua |z| 1a M :g :m :g.
SuyraM +m=4.
Cau 85. Goi S la tap hop céc sb phirc théa |z—3|+|z+3/=10. Goi z,;z,1a hai sé phtc thude S c6 mo
dun nho nhat. Gia trj bidu thic P =22+ 2214
A. -16. B. 32. C. -32. D. 16.
Lo gidi
ChonC
Goi M (x;y)la diém biéu dién sé phiuc z, F(3;0)va F,(-3;0)lan luot la hai diém biéu dién
s6 phtic 3+0iva —3+0i.
Taco |z—3+|z+3 =10 = MF, + MF, =10.
2 2

Vay tap hop diém M la (E)co phuong trinh: ;—5 + 1—6 =1.

Khi d6 z,, z,1a hai s6 phitc c6 md dun nhé nhit khi z,, z,c6 diém biéu dién 1a hai dinh cua
(E)nam trén truc tung, suy ra z, =0+4i; z,=0—4i.
Vaytacd P=z’+z; =-16+(-16)=-32.

Cau 86. Chosé phic z=a+bi (a,bell )thoa [z+4|+|z—4/=10va |z—6|I6n nhat. Tinh S=a+b.

A. S=11. B. S=-3. C. S=5. D. S=-5.
Loi giai
Chon D
Y
M
E[ A B C
=5\ 4 0 4 6 a

Goi M (a;b)la diém biéu dién sé phie z=a+bi(abell), A(-4,0), B(40), C(6;0)lan
luot 1a diém biéu dién sb phic z, =4, 7, =4, z,=6.
Khi d6 ta ¢6 |z+4|+|z—4|=10 < MA+MB =10suy ra tap hop diém M la (E)nhan A, Bla

céc tiéu diém, d6 dai truc 1on 2a=10=a =5, titucuy 2c=8=c=4,b=3
X2 yz
=(E): —+=-=1.
25 9
Ta tim gid tri 1én nhét cua [z—6| =MC, khi &6 MC,, =EF+FC =11, khi 6 M =Evéi
E(-5;0), F(5,0)=>z=-5.Vay S=a+b =-5.
Cau 87. Cho sb phitc z thoa man |z —1+3i[+|z+2—i|=8. Gi4 trj nhé nhat m cta |2z +1+ 2i|la
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Céu 88.

C. m=8.
Loi giai

Gia stt M (x; y)biéu dién sé phire z=x-+iy(x, y el ), A(L-3), B(-21), AB=5.

|2-1+3i|+|2+2-i|=8 < AM +BM =8, tap hop diém M 1a Elip c6 phuong trinh

2

16

=>P=2

2
x4y
39

1 .
Z+=+i
2

=2IM =IM.

=1.Dit P=|22+1+2i| < P=2

1 .
Z+ = +i
2

, goi | 1a trung diém ABthi | (—

Ta tim diém M trén (E)sao cho IM c6 d¢ dai nho nhét.

IM nhé nhit khi IM bing d6 dai nira tryc bé, IM =

39

- = Pmin =
2

V39.

1

7‘_1
2

)

Cho sé phirc z théa man|z—2|+|z+2|=5. GoiM , m lan luot la gi4 trj 16n nht, gia tri nho

nhét cia z. Tinh M +m.

B.

A 4.

Gia st Z=X+iy,X,y €[ , ta c6 diém biéu dién sé phtrc 1a N (xy).

biat F(-2,0); F,(2,0) tacd FF, =4=2c=c=2

Mit khac |z—2|+|z+2|=5= NF, + NF, :S:Za:a:g
2

Viy tap hop céc diém biéu didn sé phirc théa man [z—2|+|z+2|=5 12 Elip §+

tieudiém 1a F,(-2;0); F,(2,0) va a:g, b=va? ot =2 4=

SuyraM =a=

N | o

N | ol

c.3
2

Loi giai

;m:b:%Tirdé M+m=4.

5
4

3

2

D. 8.

y

bZ

2

=1, véi

1D

2C

3A

5B

6B

7C

8A

9A

10C

11D

12C

13D

14B

15A

16B

17C

18A

20D

21C

22A

23A

24B

25B

26A

27C

28D

29B

30A

31B

32C

33D

35B

36D

37C

38C

39B

40D

41A

42D

43A

44C

45B

46B

47C

48A

50C

51A

52D

53B

54C

55A

56D

57B

58C

59A

60B

61D

62A

63C

65A

66D

67B

68C

69A

70A

71B

72C

73D

T4A

75C

76B

77D

78A

80B

81C

82D

83A

84B

85C

86D

87A

88A
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