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CHUONG 1: HAM SO LUQNG GIAC VA PHUONG TRINH LUQNG GIAC

BAI 1:GOC LUQNG GIAC. GIA TRI LUQNG GIAC CUA MOT GOC LUQNG GIAC
A. TOM TAT KIEN THU'C CO BAN CAN NAM
I. GOC LUQNG GIAC
1) Géc hinh hoc va so do ciia ching
Goc (con duoc goi 1a goc I}inh hoc) 1a I}inh gdm hai tia chung gbc. Mdi goc cd mQt s6 do, don vi do
gbc (hinh hoc) 1a 9. Cy thé nhu sau: Néu ta chia duong tron thanh 360 cung tron bang nhau thi géc &
tam chin mdi cung do 1a 1°. .
S6 do ciia mdt goc (hinh hoc) khong vuot qua 180°.
Mot don vi khéc dugc sir dung nhiéu khi do géc‘lé radian (doc la ra-di-an). Neftu v
trén dudng tron, ta lay n}(f)t cung tron c6 do ,déi bang ban kinh thi goc ¢ tdm chan
cung d6 goi la goc c6 so do [ radian, goi tat 1a goc 1 radian (Hinh 2).
1 radian con viét tit 1a 1 rad.
Nhan xét:

Hinh 2
Ta biét goc & tam c6 s6 do 180° s& chin cung bang nira dudng tron ( c6 d6 dai bang 7R ) nén sé do
. 7R
goc 180° bang ?md =7 rad

Do do, lrad =| 50| ~571745 va 1 = = | rad ~0,0175rad
T 180

. . X ~ . A ., 2 T ~
Chui y: ngudi ta thuong khong viét chir radian hay rad sau s6 da cua goc. Chang han, 5 rad ciing dugc

A1 T
viet la —
2

2) Géc lwong gidc va sb do ciia chiing

a)Khadi niém

Viéc quay tia Om quanh djém O trong mz:it phang, ta (fﬁn chon mdt chiég quay goi la ‘chié‘u dung.
Thong thuong, ta chqn chiéu dug’ng la chiéu nguoc chiéu quay cua kim dong ho va chiéu cung chiéu
quay cua kim dong ho goi 1a chiéu dam.
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Cho hai tia Ou, Ov. Néu tia Om quay chi theo chiéu duong (hay chi theo chidu 4m) xut phat tir tia Ou
dén trung véi tia Ov thi ta néi: Tia Om quét mot goc luong giac vé6i tia dau Ou va tia cudi Ov, ki hiéu
1a (Ou, Ov).

o . . za

Khi tia Om quay goc « thi ta noi goc lugng giac ma tia d6 quét nén c¢6 s6 do  ( hay @md ). Vi
thé, mdi mot goc luong gidc déu c6 mot sé do, don vi do goc luong giac 1a d6 hodc radian. Néu goc
luong giac (Ou,0v) co sé do bang o ki hiéu 1a sd(Ou,Ov) = a hoic (Ou,Ov) =q.

M3di goc lugng giac gbe 0 duoc xac dinh boi tia dau Ou, tia cudi Ov va s6 do ciia goc do.
b) Tinh chit
Nhan xét: Quan sat Hinh 7 ta thiy:

Hinh 7
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Tia Om quay (chi theo chiéu duong) xuat phat tir tia Ou dén tring voi tia Ov rdi quay tiép mot s6 vong
dén trung voi tia cudi Ov;

Tia Om quay (chi theo chiéu dwong) xut phét tir tia Ou = Ou dén trang véi tia Ov = Ov 16i quay
tiép mot s vong dén trung véi tia cubi Ov =Ov .

Su khéc biét gitra hai goc luong giac ( Ou,0v), (Ou’,0v') chinh la s6 vong quay quanh diém O. Vi
vay, su khac biét giita s6 do cua hai goc lwong giac d6 chinh 1a bdi nguyén cta 360° khi hai goc do
tinh theo don vi do (hay boi nguyén cua 27 rad khi hai goc d6 tinh theo don vi radian).

Cho hai géc luong giac (Ou,Ov),(O'u',O'v’) c6 tia ddu tring nhau (Ou =O'u "), tia cudi trung nhau
(Ov=0"V). Khi d6, néu sit dung don vi do 13 ¢ thi ta co:
(Ou,0v) = (O'u', ov ) + k360" véi k 12 s6 nguyén
Néu sir dung don vi do 1a radian thi cong thirc trén c6 thé viét nhu sau:
(Ou,0v)=(04',0V')+k2x v6ik1a s6 nguyén
Nguoi ta co thé ching minh dugc dinh 1i sau, goi 1a h¢ thirc Chasles (Sa-10) vé sd do cua goc luong
giac:
Véiba tia tuy y Ou,Ov,Owta c6
(Ou,0v)+(0v,0w) = (Ou,Ow) + (k2r)(k € 7).
IL. GIA TRI LUQNG GIAC CUA GOC LUQNG GIAC
1. Dwong tron lugng

Trong mit phang toa do Oxy, ta quy wéc: Chiéu nguoc chiéu quay cua kim dong ho 1a chiéu dwong va
chiéu quay cta kim dong hé 1a chiéu 4m. Nhu vay, mit phang toa do Oxy di duoc dinh hudng.

Trong mit phang toa d6 di dugc dinh hudng Oxy, liy diém A4(1;0). Puong tron tim O, ban kinh
0OA4 =1 dugc goi 1 duong tron luong gidc (hay dudng tron don vi) gbe A .

Chii y: Cac diém B(0;1), 4 (=1;0), B'(0;—1) ndm trén dudng tron luong giac

2. Gia tri lwgng giac caa goc lwgng giac

- Hoanh d¢ x cua diém M duoc goi la cosin cia «, ki hiéu l1a cosa,cosa = x.
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- Tung d0 y cua diém M duoc goi la sin cia «, ki hiéu la sin a,sina =y

£ , % Sina . , C 1A 1 sin
-Néu cosa #0, ti sO duoc goi la tang cua «, ki hiéu 1a cotar,tan a =
cosa cosa
cosa cosa

-Néu sina # 0, ti s duoc goi la cotang cua «, ki hiéu la cota, cota =

sina sin &

Dau cua cic gia tri luong giac clia goc o = (OA, OM ) phu thudc vao vi tri diém M trén duong tron

lwong gidc (Hinh 12). Bang xac dinh ddu cua cac gia tri lugng giac nhu sau:

Goéce phén w Ar
’
Gid tri lugng gidc I nmm I /‘\ .
B cose | + | - - | + | ¥ H\A
sina s + - ; ‘ 1 o 1'! '
tana |+ | + | y . =
cota + - + - .
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sin* @ +cos’ a =1 véi moi tan o = (cosa #0,sina #0).
cota
l1+tan’ @ =———(cosa #0) 1+cot’ o =———(sina # 0)
cos’ a sin’ a
Béang dudi day néu lén céc gia tri lugng giac cua cac goc dac biét
o 1150 = (8 = [ = =) =
ay 6 | &« | | 2 3 Jafl 6 | *
S o (L | 2| B | BT L
2 2 2 2 2 2
- By & | ] 1 2B
cos 1 - 3 > 0 5 5 5 - |
I 5 | B
wn 0 “_: 1 B B |- = o
| 9 | : G 1 5T 1
cot I NE) 1 - 0 |-3| -1 |- I

3. Gia tri lwong giac cia cac goc cé lién quan dac biét
Trén duong tron luong gidc, cho hai diém M, M’sao cho goc luong giac -

(04, OM ) = &, gbc luong gidc (04, OM ') = —a (Hinh 13). f M
N

C ok . \' (a g\A
Ta c6 cac cong thirc sau cho hai goc doi nhau (a va -a) : a: '
. ) M’ Q
sin(—a) =—sina tan(—a) =—tana 7 <
-
cos(—a) =cosa cot(—a) =—cota Ha 43 By
2
~ r A , B
Ta cling ¢6 cong thirc sau cho: / 9
M =
Hai goc hon kém nhau 7[(0[ va a+7r) (Hinh 14): aln” ’k” i, =
] )
\ Q
. . M
sin(r +a) =—-sina tan(7 + ) =tan < L
B’ 2
cos(r+a)=—cosa cot(r + ) =cota. Hinlh 14 §
. /4 AY \ by ' w
Hai goc bu nhau (a va 7 —«) (Hinh 15): g N
. . M KL M bt
sin(r —a) =sina tan(r —a) =—tana "
A' 1A
cos(r—a)=—cosa cot(r —a) =—cota k"‘ *
., T . B
Hai goc phu nhau (a va E—aJ (Hinh 16):
sinf ——a |=cosa tan| ——a |=cota |
2 2 ‘ L
A P .
V1 . z !
cos| ——a |=sina cot| ——a |=tana.
2 2 5

Hinh 16

4.Sir dung may tinh cim tay dé tinh gia tri lwong gidc ciia mét goc lwong gidc
Ta c6 thé str dung may tinh cim tay dé tinh gia tri lvong giac (dtng hodc gan dung) ctia mot goc luong
giac khi biét s6 do cuia gbc d6. Cu thé nhu sau:
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° Néu don vi cta goc luong giac 1a do (") , trude hét, ta chuyén may tinh sang ché do "do”.
Phép tinh | Nat dn Két qua
sin35°15'33" | [sin][3][ 5] [ [1][5][==[3])[3][~[= 0.5772758359
tan (- 205%) [tanl(=1[210][5])[= -~ 0.4663076582
o Néu don vi cia goc luong giac 1a radian (rad), trude hét, ta chuyén may tinh sang ché do
"radian".
Phép tinh Nut dn Két qua
9=
Cos(——?—} cos| [=1[9\SHIFT|(%1[=1(7 = ~0.6234898019
2
=5 1)(=) (tan) (2) SHIFT) (z) (3)(5)(=) | 0.3249196962

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1 : Don vi do d¢ va radian

1. Phuwong phap

Dung mdi quan hé giit 46 va radian: |180° = 7 rad

180°

T
T

"1 Doicung a cob so do tur radian sang do |a.

o

180°

1 Doi cung x° c6 so0 do tir d6 ra radian |x

2. Cac vi du minh hoa.
Vi du 1: a) D6i sb do ctia cac goc sau ra radian: 72°,600°, — 37°45'30".

b) Poi s6 do cua cac gbc sau ra do: ?—g,%,—
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Vi du 2: Dbi sb do cung tron sang s6 do do:

3n Sn 32n 3n
— b) — c)— d)— e)2,3 5,6
a) 2 ) p ) 3 ) - ) f)
Vi du 3: Dbi sb do cung tron sang sb do radian:
a) 45° b) 150° c) 72° d) 75°

Dang 2: Biéu dién cung hrgng giac trén dwong tron lwgng gidc

1. Phuwong phap
Dé biéu dién cung luong gidc co sb do trén dudng tron lugng giac ta thyuc hién nhu sau:

- Chon diém 4(1;0) lam diém dau cia cung.

N
- Xaéc dinh diém cudi M cua cung sao cho AM =«

Luuy:
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+ S0 do cua céc cung lugng gidc c¢6 cung diém dau va di€m cudi sai khac nhau mot boi cua 27 la:
N
SAAM =a+k2rk € Z
Ngoai ra, ta ciing c6 thé viét so do bang d¢:

e
sd AM = x°+k360°, k € Z

: v 27 ,
+ Neéutacd AM =a+k—:;k,neZ this€ co n di€ém ngon.
n
2. Cac vi du minh hoa.

, SR aeX A \ \ cr g R , cr g X . 257
Vi du 1: Bi€u dién trén duong tron lugng gidc di€ém ngon cua cung lugng giac ¢6 so do 1a e

Vi du 2: Biéu dién trén duong tron lugng giac cac diém ngon cia cung luong giac ¢ s6 do 1a —1485°
Vi du 3: Biéu dién trén dudng tron lugng gidc cac diém ngon cua cung luong giac co s6 do 1a

ZikZiker
6 2

, SR aeX A \ \ cr g g R , cr g X T
Vi du 4: Bicu dién trén duong tron luong gidc cac di€ém ngon cta cung lugng giac ¢6 so do 1a kg;k el

Dang 3. Pg dai ciia mot cung tron

1. Phwong phap giai
Cung c6 s6 do & rad clia duong tron ban kinh R 6 d6 dai 1a

2. Cac vi du minh hoa
Vi du 1: Mot duong tron ¢6 ban kinh 30 cm . Tim d6 dai cua cac cung trén duong tron c¢6 so do sau

day: z rad; 70°

15
Vi du 2: Mot cung luong giac trén dudng tron dinh hudng c6 d6 dai bang mét nira ban kinh. Sé do theo
radian cua cung do la

A.% rad B. 1 rad C. % rad D. 2 rad

Dang 4 : Tinh gia tri clia goc con lai hodc ciia mdt biéu thic lwgng giac khi biét mot gia tri lwong
giac.

1. Phwong phap giai.
e Tur hé thirc luong giac co ban 1a mdi lién hé giira hai gia tri lwong giac, khi biét mot gia tri luong
giac ta s€ suy ra dugc gia tri con lai. Can luu y téi dau cua gid tri luong giac dé chon cho phu hop.
e St dung cac hing dang thirc dang nhé trong dai so.
2. Cac vi du minh hoa.

Vi du 1: Tinh gia tri lugng giac con lai cia goc o biét:

a) sina=%va‘190°<a<180°. b) cosaz—gvé 7r<a<37ﬂ.
c) tana=-22 vaO<a<r d) cota =—/2 Vé§<a<3§
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Vi du 2: a) Tinh gid tri lugng gidc con lai cua goc o biét sina = 3 va tana +cota <0

. | - .
b) Cho 3s1n4a—c0s4a=§.T1nh A=2sin"a—cos’ .

Vidu 3: a) Cho cosa=§ . Tinh 4=

sina —cosa

tana +3cota
tan o +cota )

b) Cho tana =3. Tinh B =

sin® @ +3cos’ a +2sina

¢) Cho cota =+/5. Tinh C =sin’ a —sin @ cos @ + cos” &

Vi du 4: Biét sinx+cosx=m

a) Tim sinxcosx va ‘sin4 x—cos’ x‘

b) Chiing minh rang |m| <2

Dang 5: Xac dinh gia tri ciia biéu thirc chira géc dic biét, géc lién quan dic biét va diu caa gia tri
lwgng giac cia goc lwgng giac.

1. Phwong phap gidi.

e Su dung dinh nghia gia tri luong giac

e St dung tinh chit va bang gia tri luong gidc dic biét

e Su dung céc h¢ thirc lugng gidc co ban va gia tri lugng gidc cia goc 1ién quan dic biét

e D¢ xac dinh dau cua céc gia tri lugng gidc cua mdt cung (godc) ta xac dinh di€ém ngon cua cung
(tia cudi cua goc) thudc goc phan tu nao va ap dung bang xét dau céac gia tri lugng giac.

2. Cac vi du minh hoa.
Vi du 1: Tinh gia tri cac biéu thic sau:
a) A=sin iz +cos 9 + tan(— 5—7[) + c0t7—7r
6 4 2
__ 1 2sin 2550 cos(—188")
tan368°  2c0s638 +cos98

¢) C =sin’ 25 +sin® 45 +sin® 60" +sin” 65°

b) B

d) D= tanzz.tan3—”.tan5—7Z
8 8 8

EETCEEYESBD — NI HNIG NVYL :AD

, w , . £ ) , . 2 ,
Vidu 2: Cho > < a < . Xéc dinh dau cua céc bicu thire sau:

n[5e)
a) sin| —+a
2

C) cos(—%+ a}.tan(;r—a)

b) tan (3—”— aj
2

d) sinMTﬂ.cot(ﬂ+a)
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Dang 6: Chirng minh dang thirc lwgng gic, chirng minh biéu thirc khong phu thudc géc x, don

gidn biéu thirc.

1. Phwong phap gidi.

Str dung cac hé thirc lugng giac co ban, cac hing dang thirc dang nhd va sir dung tinh chét cia gia tri lugng
gidc dé bién doi

+ Khi chitng minh mot dang thirc ta c6 thé bién ddi vé nay thanh vé kia, bién ddi twong duong, bién dbi hai
vé cung bang mot dai luong khac.

+ Chimg minh biéu thirc khong phu thudc goc z hay don gian biéu thirc ta ¢b ging lam xuit hién nhan tir
chung ¢ tr va mau dé rat gon hodc lam xuét hién cac hang tr trai dau dé rat gon cho nhau.

2. Cac vi du minh hoa.

Vi du 1: Chimg minh cac déng thirc sau(gia st cac biéu thirc sau déu c6 nghia)

a) cos’ x+2sin’ x =1+sin* x

sin x + cos x

sin® x

=cot’ x+cot’ x+cotx+1

b)

cot® x —cot’ y_ cos’ X —cos’ y

cot’ x.cot’y  cos’ x.cos’ y

d) \/sin4x+4coszx +\/cos4x+4sin2x =3tan(x+§jtan(%—x}

Vi du 2: Cho tam giac ABC. Chtrng minh rang

. 3 B s B
sin® — cos” — )
2 — 2 =tan A.cot(B+C) >
(A+2B+Cj . (A+2B+Cj
oS — sin Yy 2

Vi du 3: Don gian cac bi€u thirc sau(gia sir cac bi€u thirc sau déu c6 nghia)

a) A=cos(57—x)—sin (37” + xj + tan (37” — xj +cot(37 —x)

EETCEEYESBD — NI HNIG NVYL :AD

_sin(900" + x) — cos(450" — x) + cot(1080" — x) + tan(630” — x)

b) B 5 - € 5
) c0s(450 —x) +sin(x —630 )—tan(810 + x)—tan(810 —x)
1 1 1
c)CZ\f— - \/ + Vol T<x<2rm
sin(x+20137) V1+cosx 1-cosx

Vi du 4: Chimg minh biéu thire sau khéng phu thudc vao x.

< .6 6
sin’ x+cos’ x+2
a) A=

sin® x +cos* x+1

_l+cotx 2+2cot’ x

b) B= -
l—cotx (tan)c—l)(tan2 x+l)

¢) C =+/sin® x+ 6.cos® x +3cos* x +/cos* x + 6sin? x+ 3sin x
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C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Goi M,N,P 14 cac diém trén dudng tron luong gidc sao cho sb do cua cac goc luong giac

(OA4,0M),(OA,ON),(OA,OP) lan Iuot b?mg %;%; —% . Chtrng minh réng tam giac MNP la tam gidc

déu.
Bai 2. Tinh c4c gia tri luong gidc cia mdi goc sau: 2250;—225”;—10350;5%;197”;—# )

Bai 3. Tinh cac gia tri luong giac (n€u cd) cia moi goc sau:

a) %+ K2k e 7) b) kx(keZ);

) %+k7r(keZ) d) %+k7r(keZ).
Bai 4. Tinh cac gia tri luong gidc ciia goc @ trong mdi truong hop sau:

. 15 .«
a) sina@=—— vol —<a<rx
4 2

b) cosaz—% vol —r<a<0;

c) tana =3 véi —r<a<0;

d) cota=-2 voi O<a<r.

Bai 5. Tinh:

a) A=sin>5° +sin>10° +sin>15° +...+sin> 85° (17 sb hang).

b) B=c0s5” +cos10° +cos15° +...+cos175° (35 s6 hang).

Bai 6. Mot vé tinh dugc dinh vi tai vi tri A trong khong gian. Tir vi tri A, vé tinh bat dau chuyén
dong quanh Trai Dét theo quy dao 1 duong tron v6i tim 13 tim O cua Trai Dit, ban kinh 9000km .
Biét rang vé tinh chuyén dong hét mot vong ciia quy dao trong 2h .

a) Hiy tinh quing dudng vé tinh da chuyén dong duoc sau: 1h; 3h; 5h.

b) Vé tinh chuyén dong duoc quing dudng 200000 km sau bao nhiéu gio (1am tron két qua dén hang
don vi)?

D. BAI TAP TRAC NGHIEM

Cau 1:  Khing dinh nao sau day la diing khi noi vé "dwong tron dinh hwéng"?
A. Mdi dudng tron 1a mot duong tron dinh hudng.
B. Mdi duong tron da chon mét diém 1a gbe déu 1a mot duong tron dinh hudng.
C. Mbi dudng tron di chon mét chiéu chuyén dong va mot diém 1a gbe déu 1a mot dudng tron
dinh huong.
D. Mdi dudng tron trén d6 ta da chon mot chiéu chuyén dong goi 1a chiéu dwong va chiéu
nguoc lai dugc goi la chiéu 4m 1a mot duong tron dinh hudng.
Cau2: Quy udc chon chiéu dwong ciia mot dudng tron dinh hudng 1a:
A. Ludn cung chiéu quay kim dong ho.
B. Ludn nguoc chidu quay kim dong hé.
C. C6 thé cung chiéu quay kim ddng hd ma ciing co thé 1a ngugc chiéu quay kim dong ho.
D. Khéng cung chiéu quay kim dong hé va ciing khéng nguoc chiéu quay kim dong hd.

N b
Cau 3: Trén duong tron dinh hudng, moi cung lugng gidc 4B xac dinh:
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Cau 4:

Cau 5:

Cau 6:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

A. Mot goc lugng giac tia dau 04, tia cubi OB .
B. Hai goc luong giac tia ddu 04, tia cudi 0B.
C. Bén goc lugng giac tia ddu 04, tia cudi 0B.
D. V6 sb goc luong gic tia dau 04, tia cudi OB .

Khing dinh nao sau day 1a dang khi noi vé "géc lugng gidc"?

A. Trén duong tron tdm O ban kinh R=1, gbc hinh hoc 40B 1a goc lugng giac.

B. Trén duong tron tim O ban kinh R=1, gbc hinh hoc 40B c6 phan biét diém dau 4 va diém
cubi B 1a goc luong giac.

C. Trén duong tron dinh hudng, goc hinh hoc 40B 1a géc lugng giac.

D. Trén duong tron dinh hudng, goc hinh hoc 40B ¢6 phan biét diém dau 4 va diém cubi B 1a
gbc lugng giac.

Khing dinh nao sau day 1a dang khi n6i vé "dwdng tron lueng gidc"?

A. Mdi dudng tron 1a mot dudng tron luong giac.

B. Mbi duong tron c6 ban kinh R =1 1a mot duong tron lugng giac.

C. Mbi duong tron c6 ban kinh R=1, tm tring voi gde toa d6 1a mot dudng tron luong giac.
D. Mbi duong tron dinh huéng c6 ban kinh R=1, tdm tring véi gdc toa do 1a mot duong tron
luong giac.

Trén duong tron cung c6 s do 1 rad 132

A. Cung c6 d6 dai bang 1. B. Cung tuong tng véi goc ¢ tam 60° .

C. Cung c6 do dai bang duong kinh. D. Cung c6 dd dai bang nura duong kinh.
Khiang dinh nao sau day 1a ding?

A. 7 rad =1 B. 7 rad =60°. C. 7 rad =180°. D. 7 rad =(%}0.
Khiang dinh nao sau day 1a ding?

A. lrad =1° B. 1rad =60°. C. 1rad =180 D. 1rad =[%T.

Néu mdt cung tron ¢6 so do 1a a° thi s6 do radian cta né la:

A. 1807a. B. 1897 L2 D. —.
a 180 180a
Néu mot cung tron c6 sb do 1a 34° thi sé do radian caa no 1a:
A 92 . c. %0 p. &
60 180 ar ar
Doi s6 do cua goc 70° sang don vi radian.
AL B. . c. !z D. .
Vs 18 18 187
Doi s6 do cua goc 108° sang don vi radian.
AT B. ~. c. " D.~.
5 10 2 4
Di s6 do cta goc 45°32' sang don vi radian véi do chinh xac dén hang phan nghin.
A. 0,7947. B. 0,7948. C. 0,795. D. 0,794.

Doi so do cua goc 40°25' sang don vi radian véi do chinh xac dén hang phan tram.
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A. 0,705. B. 0,70. C. 0,7054. D. 0,71.

Cau 15: Ddi s6 do ciia goc —125°45" sang don vi radian.

A, 5037 B, 5037 c. 251r p, 25l
720 720 360 360
Cau 16: Ddi s6 do cua goc % rad sang don vi 49, phut, gidy.
A. 15° B. 10°. C. 6. D. 5°
Cau 17: Ddi s6 do cua goc —?—2 rad sang don vi dg, phut, gidy.
A. 33°45'. B. —29°30". C. —33%45'. D. —32°55.
Cau 18: Ddi s6 do ciia géc —5 rad sang don vi do, phut, gidy.
A. —286°44'28". B. —286°28'44". C. —286". D. 286°28'44".
Cau 19: Ddi sb do cua goc % rad sang don vi d9g, phut, gidy.
A. 42°97'18". B. 42°58’. C. 4297 D. 42°58'18".
Ciu 20: Doi s6 do cta goc —2 rad sang don vi do, phit, gidy.
A. —114°59'15". B. —114°35'. C. —114%35'29". D. —114°59'.
Céu 21: Ménh dé nao sau day la dang?
A. S6 do cua cung tron ti 18 véi do dai cung do.
B. D¢ dai cta cung tron ti 1¢ v&i ban kinh cta no.
C. S do cua cung tron ti 1& v6i ban kinh cua né. 2
D. D6 dai ctia cung tron ti 16 nghich véi sb do cia cung do. =
>
2
Cau 22: Tinh dd dai ¢ cua cung trén duong tron c¢6 ban kinh bang 20cm va s6 do % g,
u
A. £=3,93cm. B. /=2,94cm. C. (=3,39cm. D. /=1,49cm. e
A ; NI A \ \ . A \1s , N |
Cau 23: Tinh d0 dai cia cung trén dudng tron c¢6 so do 1,5 va ban kinh bang 20 cm . 2
A. 300m . B. 40cm . C. 20om . D. 60cm . S
w
Cau 24: Mot duong tron c6 duong kinh bang 20cm . Tinh d6 dai cuia cung trén duong tron c6 so do 35° 5
w

(liy 2 chit sb thap phan).
A. 6,0lcm . B. 6,11cm . C. 6,21cm . D. 6,31cm.

Céu 25: Tinh sé do cung c6 d6 dai cia cung bang ?cm trén duong tron c6 ban kinh 20 cm .
A. 1,5rad. B. 0,67 rad . C. 80°. D. 88°.
Cau 26: Mot cung tron c6 d6 dai bang 2 1an ban kinh. S6 do radian ctia cung tron do 1a
A. 1. B. 2. C. 3. D. 4.
N U \ s s A
Cau 27: Trén duong tron ban kinh R, cung tron ¢6 do dai bang P do dai nira duong tron thi cé s6 do

(tinh bang radian) 1a:
A. /2. B. r/3. C.n/4. D. r/6.

Ciu 28: Mot cung c6 d6 dai 10cm , c6 sb do bang radian 13 2,5thi dudng tron cua cung d6 c6 ban kinh la:
A. 2,5cm . B. 3,5cm. C. 4cm. D. 4,5cm.
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Cau 29: Banh xe dap cua nguoi di xe dap quay dugc 2 vong trong 5 gidy. Hoi trong 2 gidy, banh xe
quay duoc 1 goc bao nhiéu?
8 5

A8 B. 2n. c . D. >
5 8 5 3

Céu 30: Mot banh xe co 72 ring. S6 do goc ma banh xe di quay duoc khi di chuyén 10 ring 1a:
A. 30 B. 40°. C. 50" D. 60°.

Ciau 31: Cho goéc luong gidc (Ox,0y)=22°30'+£#360°. Vo1 gid tr1 % bang bao nhiéu thi goc
(0x,0y)=1822°30"'?

A. kco. B. £=3. C. k=-5. D. £=5.

Cau 32: Cho gobc lugng giac o = g+k27r .Tim % dé 10r <a <1lr.

A. k=4 B. £=5. C. k=6 D. £=7.

Céu 33: Mot chiéc dong hd, c6 kim chi gio 0G chi s6 9 va kim phiit 0P chi s612. Sé do cua goc luong
giac (0G,0P) la
A. §+ k2w, k€. B. —270° + #360°, ke Z. C. 270° + £360°, ke Z. D. ?—g+k27r, kecZ.

Céu 34: Trén dudng tron luong giac c6 diém gde 1a 4. Piém M thude dudng tron sao cho cung luong
gidc AM c6 sd do 45°. Goi N 1a diém ddi ximg véi M qua truc Ox, s6 do cung luong gidc AN
bang
A. —45°. B. 315°. C. 45° hodc 315°. D.

—45° +£360°, k€ Z .

Cau 35: Trén duong tron voi diém gdc 13 4. Piém M thudc dudng tron sao cho cung lugng gidc AM
c6 36 do 60°. Goi N la diém ddi xung voi diém M qua truc Oy, sb do cung AN la:

A. 120°. B. — 240°. C. —120° hodc 240°. D. 120° +£%360°, kcZ

Céu 36: Trén duong tron luong giac v6i diém gbc 1a 4. Piém M thudc duong tron sao cho cung luong
gidc AM c6 sd do 75°. Goi N 1a diém ddi xtmg voi diém M qua gdc toa dd 0, sb do cung
luong gidc AN bang:

A. 255°, B. —105°. C. —105° hodc 255°. D.
—105° +#360°, k€ Z.

EETCEEYESBD — NI HNIG NVYL :AD

5 s 257 197

Cau 37: Cho bdn cung (trén mot duong tron dinh hudng): o == 8= 3 1= 3 6:7. Cac
cung nao c6 diém cudi tring nhau?
A.avapg;,yvadé. B.pvay;avads. C.qpB ~. D. 3 7,6.

Cau 38: Céc cip goc luong giac sau ¢ trén cing mot dudng tron don vi, cting tia dau va tia cudi. Hay
néu két qua SAI trong cac két qua sau day:
AT ova T B. T va 12T C. T va 1 D.Tv
3 3 10 5 3 3 7

v 281w
a —.

Céu 39: Trén duong tron luong giac gbe 4, cung luong gidc ndo co cac diém biéu dién tao thanh tam

giac déu?
A B2 B. kr. C. k. p. ¥
3 2 3
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Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Trén duong tron luong gidc géc 4, cung lugng gidc ndo co cac diém bicu dién tao thanh hinh

vuong?
A KT B. kr. c. k. D. *T
2 3 3

Cho o thudc goc phan tu thir nhat cua dudng tron luong giac. Hay chon két qua dung trong cac
két qua sau day.
A. sina > 0. B. cosa <0. C. tana <0. D. cota <0.

Cho o thudc goc phan tu thtr hai cia dudng tron luong gidc. Hiy chon két qua ding trong cac
két qua sau day.
A. sina > 0; cosa > 0. B. sina < 0; cosa < 0.

C. sina > 0; cosa < 0. D. sina <0; cosa > 0.

Cho a thudc goc phan tu thi ba ciia duong tron lugng gidc. Khiang dinh nao sau day 1a sai ?
A. sina > 0. B. cosa <0. C. tana > 0. D. cota > 0.

Cho a thudc goc phan tu thir tu ciia dudng tron lugng gidc. Khing dinh nao sau day 1a dung ?
A. sina > 0. B. cosa > 0. C. tana > 0. D. cota > 0.

Diém cudi ctia goc luong gidc o ¢ goc phan tu thir miy néu sin @, cosa cing dau?
A. Thu 1L B. Thu 1v.
C. Thir I hoac IV. D. Thir T hoac IIL.

biém cuoi cua goc lugng gidc a & géc phan tu thir may néu sin «, tana trai dau?

A.Thuo L B. Thir II hodc IV.
C. Thtr II hoac III. D. Thtr I hoac IV.

Diém cubi cua goc lugng gidc o & goc phan tu thir may néu cosa =+/1—-sin’ a.
A.Tho IL B. Thir I hodc II.
C. Thtr II hoac III. D. Thtr I hoac IV.

Diém cudi clia goc luong gidc a & goc phan tu thir may néu +/sin’a =sin .
A. Tho 1L B. Tht I hodc IIL C. Thtr I hodc 1L D. Thir III hodc IV.

Cho 27 <a < 57” Khiang dinh nao sau day dang?

A. tana > 0; cota > 0. B. tana <0; cota <O0.

C. tana > 0; cota <0. D. tana < 0; cota > 0.

Cho 0<a < % Khang dinh nao sau day dang?

A. sin(a—7)>0. B. sin(a—7)<0. C. sin(a—7)<0. D. sin(a—7)<0.
Cho 0<a < % Khiang dinh nao sau day dang?

A. cot(a+§j>0. B. cot(a+%j20. C. tan(a+7)<0. D. tan(a+7)>0.

Cho %< a < . Gia tri lugng gidc nao sau day luén duong?
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A.sin(z+a). B. cot(%—aj. C. cos(-a). D. tan(7+a).

Caus3: Cho r<a< 37” Khang dinh nao sau day dung?

A. tan(%[—aj<0. B. tan(%[—aj>0. C. tan(%—a}ﬁo. D. tan(%[—ajZO.

Cau 54: Cho %< a < r . Xac dinh déu cua biéu thie M = cos(—%+aj.tan(7r—a).

A. M >0. B. M > 0. C. M<0. D. M <0.
Caus55: Cho 7<a< 37” Xac dinh du cta biéu thuc M = sin(%—a}.cot(ﬂﬂx).

A. M >0. B. M > 0. C. M<0. D. M <0.
Céu 56: Tinh gi4 tri ciia cos{%+(2k+1)ﬂ}.

V3 V2

A. COS|:£+(2/€+1)7Z’:|=——. B. COS|:£+(2k+1)7Z’j|=——.
4 2 4 2

V3

>

C. cos[£+(2k+l)ﬁ}:—l. D. cos[£+(2k+1)7z}=
4 2 4

Céu 57: Tinh gi4 tri ciia cos{§+(2k+1)ﬂ}.

A. cos{%+(2k+l)7r}=—£. B. cos[

2

Wy

1
2k +1 =—.
+(2k+ )7:} 5
C. cos[£+(2k+l)7z}:—l. D. cos[£+(2k+l)7z}:—3.
3 2 3 2

Cau 58: Tinh gia trj biéu thirc P =sin?10° +sin® 20° +sin> 30° +...+sin> 80°.
A. P=0. B. P=2. C. P=4. D. P=8.

EETCEEYESBD — NI HNIG NVYL :AD

Ciau 59: Tinh gia tri biéu thic P = tan10".tan 20".tan30".....tan 80"

A. P=0. B. P=1. C. P=4. D. P=8.
Céu 60: Tinh gia tri biéu thic P = tan1° tan 2° tan 3°... tan 89°.

A. P=0. B. P=1. C. P=2. D. P=3.
Cau 61: Vi goc a bit ki. Khing dinh nao sau day ding?

A. sina+cosa =1. B. sin®a +cos’a =1.

C.sina+cos’a =1. D. sin* o +cos* a =1.

Ciu 62: Véi goc o bat ki. Khing dinh nao sau diy dung?

A. sin2a” +cos’2a =1. B. sin(a2)+cos(a2)=1.
C. sin” a + cos? (180° —a)=l. D. sin’ & —cos’ (180°—a)=1.

Céu 63: Ménh dé nao sau day 14 sai?
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A. -1<sina <£1l; —-1<cosa <1. B.

cosa
C. cota =

SiInx

Céu 64: Ménh dé nao sau day la sai?

A. l+tan’ o = — —. B
Sin o
C. tana +cota =2. D.
Céu 65: Pé tanx co nghia khi
A x=+Z B. x=0. C.
2
Cau 66: Diéu kién trong déng thirc tana.cota =1 1a
A. aik%, kel B.

C. a #kr, keZ. D.

(sina #0). D.

sina
tana =

(cosa #0).

coS o

sin” (2018 )+ cos® (2018 ) = 2018.

.l+cot’a =

tana.cotax

T
x#—+kr.

COS2 (24

=1.

D. x# k.

a¢%+k7r,keZ.

a¢%+k27r, kel.

CAu 67: Diéu kién dé biéu thirc P = tan (a + %) +cot (a - %j xac dinh la

A.a¢%+k2ﬁ,keZ. B

C.a¢%+k7r,keZ. D.

Céu 68: Ménh dé nao sau ddy ding?

A. sin 60° < sin150°. B.
C. tan45° < tan 60°. D.

Céu 69: Ménh dé nao sau day ding?

A. tan 45" > tan 46’ B.
C. sin9013' <sin90'14". D.

Cau 70: Chon ménh dé ding trong cac ménh dé sau:

A. cos(%—a} =sina. B.

C. cos (%+ aj =sina. D.

A re . X ;. o M
Cau 71: V61 moi so thue a, ta co s1n(7+aj bang

A. —sina. B. cosc. C.

Ciau 72: Cho cosa :%. Khi d6 sin(a—%”J bang

1

A. —%. B. —. C.

3 3

. aizT”+k7r,keZ.

ai—%+k27z,keZ.

c0s30° < cos 60°.

cot 60° > cot 240°.

cos142” > cos143".
cot128 > cot126".

sin(7+a)=sina.

tan (7 +2a) = cot (2a).

sin «.

W | =

D. —cosc.
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Cau 73: Véimoi o eR thi tan(20177 +a) béng
A. —tanc. B. cota. C. tana. D. —cota.
Céu 74: Pon gian biéu thic 4= cos(a —%j +sin(a — ), ta dugc
A. A=cosa+sina. B. A=2sina. C. A=sinacosa. D. A=0.
Céau 75: Rut gon biéu thuc S = cos(%—xjsin(ﬂ—x)—sin[%—x)cos(ﬁ—x) ta dugc
A. §=0. B. S =sin’x—cos’x. C. S=2sinxcosux. D. S=1.
Ciu76: Cho P=sin(zr+a).cos(z—a) va Q=sin(%—a}.cos(%+aj. Ménh dé nao duéi day la
dang?
A. P+Q0=0. B. P+QO=-1. C. P+QO=1. D. P+Q0=2.
2 3 2
Céau 77: Biéu thirc luong giac {sin(%—x}+sin(107r+x)} +{cos(7ﬂ—xj+cos(87r—x)} co gia tri
bang?

A. 1. B. 2. C D. %

1

X
17 7 ’ 13 ?

Céu 78: Gia tri biéu thirc P = {tanT”#[an (Tﬁ—xﬂ +{cotTﬂ+cot(7ﬂ—x)} bang

D.

! B.l C.2 2

sin® x cos’ x sin’ x cos’ x

A.

Cau 79: Biét ring sin(x —%) + sinBTE = sin(x + %j thi gié tri dung clia cosx la

EETCEEYESBD — NI HNIG NVYL :AD

A. 1. B. 1. C. l D. —l.
2 2

Ciu 80: Néu cotl, 25.tan (47 +1,25)— sin(x + %j.cos (67 —x)=0 thi tanx béng

A. 1. B. 1. C. 0. D. Mot gia tri khac.
Ciu 81: Biét 4,B,C la cac goc ctia tam gidc ABC, ménh dé nao sau diy dung:

A. sin(A4+C)=-sinB. B. cos(A+C)=—cosB.

C. tan(A4+C)=tanB. D. cot(A4+C)=cotB.
CAu 82: Biét 4,B,C lacac gbc cua tam gidc ABC, khi d6

A. sinC =-sin(4+B). B. cosC =cos(4+B).

C. tanC =tan(4+B). D. cotC =cot(4+B).
Céu 83: Cho tam gidc ABC . Khang dinh nao sau day 1a sai?

A. sinA+C=cos£. B. cosA+C=sin£.

2 2 2
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C. sin(A4+B)=sinC. D. cos(A+B)=cosC.
Cau 84: A4,B C laba goc cua mdt tam giac. Hay tim hé thuc sai:
A. sin4=-sin(24+B+C). B. sin 4 = —cos AT B+C

A+B+3C

C. cosC =sin D. sinC=sin(A+B+2C).

Cau 85: Cho géc o théa man sin« :1—2 va %< a <z . Tinh cosa.

A. cosazL. B. cosazi. C. cosaz—i. D. cosa =—L.
13 13 13 13
" , , ~ 5 3r .,
Cau 86: Cho géc o théa man cos« :_T var<a <7. Tinh tana.
3 2 4 2
A. tang =———. B. tang =—. C. tana=——. D. tanag =———.
NG J5 NG NG
Cau 87: Cho géc  thdéa man tana = —% va 20127” <a< 20197 . Tinh sina.
A. sinaz—i. B. sina =§. C. sinaz—i. D. sina =—.
5 5 5

Cau 88: Cho goc o théa man cosa = —% va §< a < z. Tinh tana.

A. tanaz—g. B. tana=i. C. tana=—i. D. tana=£.
5 12 12 5

CAu 89: Cho goc @ théa man tana =2 vy 180° <a <270°. Tiph P =cosa +sina.

35 35 J5-1

€ETCEEYEBD — NI HNIG NVYL ‘:AD

A. P=-22 B. P=1-+/5. C. P=22 D. P=X"
5 2 2
Cau 90: Cho goc « thoa sina :% va 90° < o <180°. Khing dinh nao sau day ding?
A. cotaz—i. B. cosa=i. C. tanazé. D. cosa =——.
5 5 4 5
Cau 91: Cho goc «a thoa cota =% va 0° < a <90°. Khang dinh nao sau day dung?
A. cosa=—i. B. cosa=i. C. sinazi. D. sina=—i.
5 5 5 5
CAu92: Cho goc o thoa man sina=> va “<g<rz. Tinh p=— 0%
5 2 l+tan"
A P=-3. B.P=>. c.p=12, p. p=-12,
7 25 25
CAu93: Cho gbc « théa sina = — va 90° <@ <180° . Tinh p— 2Ana+3cotatl
3 tan o +cota
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Cau 94:

Cau 95:

Cau 96:

Cau 97:

Cau 98:

Cau 99:

Cau 100:

Cau 101:

Cau 102:

A polot22 1922 ) 26-2V2 0

9 9 9 9
Cho goc a thoa man sin(7r+a):—§ va %<a<7r.Tinh P:tan(%[—aj.
A. P=2\2. B. P=-2/2. C. P:%. D. P:—g.

Cho géc o thdéa man cosa:% va —%<a<O.Tinh P=+5+3tana +vJ6—4cota.

A. P=4. B. P=-4. C. P=6. D. P=-6.

Cho goc a thoa man cosa:% va %<a<%. Tinh P=+tan> @ —2tana +1.

A P=—1 B.P=_. c.p=". D.P=— .
3 3 3 3
, N 4 N V4 , T .
Cho goc o théa man 5<a<27r va tan(a+ZJ=1.Tmh P:cos(a—€)+sma.
APV B p_Y6rN2 o V3 p. po Y632
2 4 2 4
p 5 ~ T \ T , ./ ., ¥ ,
Cho goc «a thdéa man E<a<27r va cot(a +§j:—\/§ . Tinh gid tri cua bicu thuc
P=sin(a+%)+cosa.
A.Pzﬁ. B. P=1. C. P=-1. D.P:—ﬁ.
2 2
. 2 _
Cho goc @ thoa min tana == va % <q <7 . Tinh p=0 #~C05&
3 2 sin@ —cos”
A p=Y B. p=L c.p=22 p. p=22,
11 11 11 11
Cho goc o théa man tana =2. Tinh P:M.
Scosa +7sina
A p=-2 B.P=2. c.p=—2. p. =2
9 9 19 19
Cho géc o théa man cota:l. Tinh P = 3s1‘na+4cosa.
3 2sina—5cosa
A p=-L B. P, C. P=—13. D. P=13.
13 13
.2 . 2
Cho géc o théa man tana =2. Tinh P = 2sin a+?s;na.cosa2+4cos “.
5sin“a+6¢cos”
A P=2. B.P=_. c.p=—"2. p. p=22.
13 65 65 29

26+242
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s 2 . 2
CAu 103: Cho goc o thoa man fana =1 Tinh p= 23N @¥3sina.cosa —dcos @
2 S5cos” a—sin“

A P=—2. B.P=2. c.p=—2. D. P=-o.
13 19 19 19
Cau 104: Cho goc a thoa min tanc =5. Tinh P =sin* a —cos” a.
A P=2. B. p=10. c.p=1L. . p=2.
13 13 13 13

Cau 105: Cho goc @ thoéa man sina +cosa = % Tinh P =sina.cosa.

A P=. B.P=—. c.p=2. D.P=1.
16 32 8 8
Cau 106: Cho goc o thda man sin« cosa :% va sina +cosa >0. Tinh P=sin’ a + cos’ a.
p=2L. B.P=2. c.p=". D. P=L.
125 25 5 9
Cau 107: Cho géc a théaman 0< « <% va sina + cos =75. Tinh P=sina—cosa.
A.Pzﬁ. B.P:l- C.P:—l- D.P:—ﬁ.
2 2 2 2
Cau 108: Cho goc o théa man sina +cosa =m.. Tinh P=|sina —cosa|. o
A. P=2-m. B. P=2-m’. C.P=m’-2. D. P=~2-m’. 3
2
Cau 109: Cho goc & théa min tana +cota =2. Tipp P =tan’ a +cot’ a. g
A. P=1. B. P=2. C. P=3. D. P=4. p
c
Cau 110: Cho goc @ thoa man tana +cota =5. Tinh P =tan’ a +cot’ a. 5
A. P=100. B. P=110. C. P=112. D. P=115. ®
w
NG R
CAiu 111: Cho géc « théa man sina+cosa=7. Tinh P =tan’a +cot’ a. g
A. P=12. B. P=14. C. P=16. D. P=18.
Cau 112: Cho géc o thdéa man %<a<7r va tana —cota =1. Tinh P=tana +cota.
A. P=1. B. P=-1. C. P=—/5. D. P=+/5.
Cau 113: Cho goc « théamian 3cosa+2sina =2 va sina <0. Tinh sina.
A. sina=—i. B. sina=—l. C. sinaz—i. D. sinaz—E.
13 13 13 13

kY4 .
Céu 114: Cho goc « théamin 7 < <7 va sina—2cosa =1.Tinh P=2tana —cota.

A pP=L B. P=t. c.p=1. D.P=1.
2 4 6 8

Céu 115: Rt gon biéu thire M = (sin x + cos x)2 +(sinx—cosx)2.
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A. M =1. B. M =2. C. M =4. D. M =4sin x.cos x.
Céu 116: Ménh dé nao sau déy la dang?
A. sin4x+cos4x=l+§cos4x. B. sin4x+cos4x=§+§cos4x.
4 4 8 8
.4 4 3 1 .4 4 1 1
C. sin”" x+cos” x=—+—cos4x. D. sin” x +cos” x =—+—cos4x.
4 4 2 2

Cau 117: Ménh dé€ nao sau day la dung?
A. sin® x—cos*x =1-2cos” x. B. sin® x —cos* x =1-2sin” xcos? x.

C. sin*x—cos* x=1-2sin’ x. D. sin* x—cos* x =2cos* x—1.

Céu 118: Rut gon biéu thire M = sin® x + cos® x.
A. M =1+3sin” xcos” x. B. M =1-3sin’ x.

C. M :1—3sin2 2x. D. M :1—§sin2 2x.
2 4
Cau 119: Rut gon biéu thic M = tan® x —sin x.
A. M =tan’ x. B. M =sin’ x. C. M =tan’ x.sin’x . D. M =1.

Céu 120: Rt gon biéu thic M = cot® x — cos x.
A. M =cot® x. B. M =cos® x. C. M =1. D. M = cot? x.cos’ x.

Céu 121: Rut gon biéu thie M = (Isin’ x)cot” x+(1cot” x).
A. M =sin’ x. B. M =cos® x. C. M =sin’ x. D. M =cos’ x.

Cau 122: Rit gon biéu thirc M = sin® & tan® & + 4sin’ @ — tan® & + 3 cos’ a.
A. M =1+sin’a. B. M =sina. C. M =2sina. D. M =3.

Céu 123: Rut gon biéu thuc M = (sin4 x+cos’x —1)(tan2 x+cot’ x+ 2).

A. M =-4. B. M =-2. C. M=2. D. M =4.

Céu 124: Pon gian biéu thuc P = \/sin4 a+sin’ acos’ a.

€ETCEEYEBD — NI HNIG NVYL ‘:AD

A. P:|sina|. B. P=sina. C. P=cosc. D. P:|cosa|.
R T 1+sin’«
Cau 125: Don gian bi€u thiec P=———.
l-sin“«a
A. P=1+2tan’ a. B. P=1-2tan’a.
C. P=-1+2tan’a. D. P=-1-2tan’ a.
1—cosa_ 1

Cau 126: Pon gian biéu thirc P =— 5 .
sin“a  l+cosa

A, p=_205% B.P= 2. C.p——2 __ D.P=0
sin” o sin” o l+cosa
o 1-sin’ acos’ )
CAu 127: Don gian biéu thic P = > —Cos” Q.
cos” a
A. P =tan’ a. B. P=1. C. P=—cos’c. D. P =cot’a.
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o 2cos’ x—1
Cau 128: Don gian biéu thiec P=———.
SIn X +Cos X
A. P=cosx+sinx. B. P=cosx—sinx.
C. P=cos2x—sin2x. D. P=cos2x+sin2x.

g (sina+cosa) ~1
Cau 129: Pon gian bicu thuc P =

cot o —sin acosa

A. P=2tan’ a. B. p= sm3a . C. P=2cot’«. D. p= 22 .
CoS & Cos o
. 2
Céu 130: Pon gian biéu thic P = (wj +1.
cosa +1
A. P=2. B. P=l+tana. c.p=—' D.p=_.
CoS & Sin o
R 2
Cau 131: Pon gian biéu thuc p = tana(mﬂinaj-
Sino
A, P=2. B. P=2cosc. C. P=2tanc. D. P=2sinc.
2 2 .
Cu 132: Pon gidn bidu thire p = L X—C08 X, SINACOSY,
cot” x cotx
1 1
A. P=1. B. P=-1. C. P=—. D. P=—.
2 2
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Ban word dé va 16i giai vui long 1h Zalo: 0834332133



(@ BAI GIANG TOAN 11-CANH DIEU Q@ WEB: Toanthaycu.com@

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu cdu sé hiru tron bé file word Bai gidng Todn 9,10 11,12 va bé dé kiém tra két thiic
chuyén dé, giira ki, cuéi ki cé loi gidai chi tiét cia Thdy gido, Tdc gid Trdn Pinh Cw vui long lién hé
zalo Trin Pinh Cw: 0834 332 133 dé dwo'c hé tro’ téi da. Ung hé chinh chii dé dwoc bdo hanh va nhiéu
wu ddi khdc

Tranh mua cdc trang va cda nhdn khdc

“
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BAI 2: CAC PHEP BIEN POI LUQNG GIAC
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. CONG THUC CONG
-Trong trudng hop tong quat, vdi cac goc luong gidc a, b, ta cod cac cong thuce sau (thuong duge goi
chung 14 ¢dng thire cong d6i véi sin):
sin(a +b) =sinacosb+cosasinb sin(a —b) =sinacosb—cosasinb
- Trong trudng hop tong quét, voi cac goc luong gidc a, b ,ta co cac cong thirc sau (thuong duogc goi
chung 13 céng thire céng dbi voi cosin):
cos(a+b)=cosacosb—sinasinb cos(a—b)=cosacosb+sinasinb
- Trong trudng hop tong quét, voi cac goc luong giac a, b, ta c6 cac cong thie sau (thudng duge goi
chung 13 céng thire céng dbi voi tang):
tana +tanb tana—tanb

tan(a +b)=——— tan(a—b)=——
l1-tanatanb l+tanatanb

(khi cac biéu thuc déu c6 nghia).
I1. CONG THUC NHAN DPOI
-Tong quat, ta c6 cac cong thire sau (thuong goi 1a cong thirc nhan doi):

sin2a = 2sinacosa 2tana .
, , tan2a = ———— (khi céc
cos2a =cos‘a—sin‘a 1-tan“a

bicu thuc déu c6 nghia)
Nhan xet
2 < 2 2 2
. cos2a =cos"a—sin“a=2cos’a—-1=1-2sin"a.

. cos’a = %;sinza = # (thuong goi 1a cong thiic ha bac).

III. CONG THU'C BIEN DOI TICH THANH TONG
Trong trudng hop tong quat, ta co cac cong thirc sau (thudng goi 13 cong thire bién doi tich thanh
16ng):

1
cosacosh = E[cos(a +b)+cos(a —b)}

€ETCEEYEBD — NI HNIG NVYL ‘:AD

sinasind = —%[cos(a +b)—cos(a —b)}
sinacosb = %[sin (a+b)+sin(a— b)]
IV. CONG THUC BIEN POI TONG THANH TiCH

Trong trudng hop tong quat, ta co cac cong thirc sau (thuong goi 1a cong thire bién doi tong thanh
tich):

u+v u—v ) ) LUtV u—v
CcOoSu + CoSV = 2¢0S cosS sinu + sinv = 2sin cosS
2 2 2
L uU+v . u—v . ) u+v . u—v
CcOSu — COSV = —2sIn sin siny —siny = 2¢0s sin
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B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Sir dung cong thirc cong

1. Phwong phap gidi.

cos(a—b)=cosacosb+sinasinb

e sin(a—b)=sinacosb—cosasinb

(
(

* sin(a+b)=sinacosbh+cosasinb

* cos(a+b)=cosacosb—sinasinb
-b)

. tan(a—b)— tana —tanb
l+tanatanb

. b) = tana + tanb
tan(a+ )_l—tanatanb

2. Cac vi du minh hoa.

Vi du 1: Biét sinx:%,0< x<§. Hay tinh gié tri lugng gidc cos[x+§j.

Vi du 2: Biét cosx = —%,n <x< 37% Tinh gié tri lwong giac sin(%—x}

Vi du 3: Rit gon biéu thirc 4 =sin(x+14°)sin(x+74°)+sin(x—76°)sin(x—-16°)

sin(c—a)

, , o sin(a—b) sin(b—c)
Vi du 4: Ruat gon biéu thuc 4 = + +
cosa.cosb cosb.cosc cosc.cosa

Vi du 5: Khong dung MTCT, tinh cac gi4 tri luong giac sau: cos795° ,tanZ—;z :

Vi du 6: Tinh gié tri biéu thirc luong giac sau:

a) A=sin22"30"cos202°30’

EETCEEYESBD — NI HNIG NVYL :AD

b) B =4sin41£+2cos£

8
Vi du 7: Tinh gié tri biéu thirc luong giac sau:
1 1
a) A= + b) B =(1+tan20")(1+ tan25°
) c0s290° /3 5in250° ) ( )( )

¢) C=tan9’ —tan27° — tan 63" + tan 81° d) D =sin’ %+ sin’ 2?7[+ sin%sin%r

Luu y: Bién d6i sau thuong xuyén dugc st dung

e sinx+~3cosx=2 %sinxi%cosx :2sin(xi%)

NE

. . 1 .
e 3sinxtcosx=2 7s1nxirzcosx :2s1n(xi%)

Ban word dé va 16i giai vui long 1h Zalo: 0834332133



(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

e sinxtcosx= I{Tsm)ﬂr[cosx} ﬁsin(xi%).

Vi du 8: Tinh gi4 tri biéu thirc luong giac sau:

V4 V4 V4
a) A=sinZcos 2 .cos—=.cos =
32 16 8

b) B =sin10°.sin30°.sin 50°.sin 70°
c) C= cosZ+ cos3—7Z
5 5

, 27
d) D =cos> Z +cos 227 | cos?F
7 7 7

V2 J6

Vidu 9: Cho ¢, thoa man sina+sinﬂ:7 va cosa+cosﬁ:7. Tinh cos(a— ) va sin(a+ f)

Dang 2: Sir dung c6ng thirc nhan doi va cong thirc ha bac ‘

1. Phuwong phap
* sin2a =2sinacosa

® cos2a=cos’a—sina=2cos’a—-1=1-2sin’a

2tana
e tan2g = ———

l1—tan’a

2. Cac vi du minh hoa.

Vi du 1: Khong dung may tinh. Hay tinh tan%

Vi du 2: Chimg minh céc biéu thuc sau :

- 4 3 cosda
a) sin” a +cos a=Z+ 1

€ETCEEYEBD — NI HNIG NVYL ‘:AD

b) sin® a +cos’ & =213 cosda
8 8
Vidu 3: Cho cos4a +2=6sin’ a V6i %<a<7r.Tinh tan 2cx .

Vi du 4: Cho sina +cosa :cot% voi 0<a <. Tinh tan(@}.

Vi du S: Tinh A=cos’ E—sm + T

12
Vi du 6 *: Khong dung may tinh. Hay tinh sin18°

Vidu 7: Cho cost=—% , VOi %<x<%. Tinh sinx,cosx,sin(x+%),cos(bc—%j.

Vi du 8: Cho ! + ! + ! + ! =7. Tinh cos4c.

tan’a cot’a sin‘a cos’a

Ban word dé va 16i giai vui long 1h Zalo: 0834332133



(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

Vidu 9: Cho sin(a+ﬂ)=%,tana=—2tanﬂ .

Tinh 4 =sin(a+3—”Jcos(a +£J+sin(ﬂ—5—ﬁjsin(ﬂ—£j.
8 8 12 12

Dang 3: Cong thirc bién ddi tong thanh tich va tich thanh téng

1. Phwong phap gidi.
cosacosh = %[cos(a —b)+cos(a+b)]

sinasinb :%[cos(a—b)—cos(a +b)]
sinacosh =%[sin(a—b)+sin(a+b)].

) ) . uU+v u—v
sinu +sinv=2sin

COS

u-—v

sin

. . u-+v
sinu —sinv =2cos

u—v
2

u-—v

u+v
cosu +cosv=2cos

COS

L u+v .
COSU —COSV =—2sIn sin

2. Cac vi du minh hoa.

Vi du 1: Rat gon cac biéu thirc sau:

. T . 2r
smg—smg

a) C= T 27
COS— —COS ——

5 15

b) D= sinﬁ—sin5—7r+sin%r

€ETCEEYEBD — NI HNIG NVYL ‘:AD

Vi du 2: Chiing minh ring
a) sin(a + B).sin(a — B)=sin’ a —sin’ S

b) cot%cotgzz voi sina+sinﬂ:3sin(a+,6’),a+b¢k27r
sina+sinﬂcos(a+ﬂ)

c
cosa —sin Bsin(a + )

=tan(a + f3)

Vi du 3: Chtng minh ring véi moi goc lwong gidc o 1am cho biéu thirc xac dinh thi

1—sin2«a 5 TT
——=cot (—+a)
1+sin2« 4

Vidu4: Cho O<a<rm,a+# % Chung minh rang:

a) Vi+cosa ++/1-cosa =25in(%+%}
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b =tan
) \/1+cosa —x/l—cosa

J1+cosa ++/1—-cosa B (g+£)
4

Vi du 5: Chirng minh biéu thirc sau khong phu thudc vao x.

a) A=cos’ a+cos’ (2%+aj+ cos’ (2%—0{)

Vs Vs V4 kY4
b) B=cos| a —— |.cos| a+— |+cos| a+— |.cos| @ +—
3 4 6 4

Vi du 6: Pon gian biéu thirc sau:

cosa+2cos2a+cos3a
a) A=

sin a +sin 2a +sin 3a

T T
COS(a+3j+COS(Cl—3j
b) B=

a
cota—cot—
2

c) C =cosa+cos(a+b)+cos(a+2b)+...+cos(a+nb) (neN)

Vi du 7: Cho sin(a+b)=2cos(a—b). Chimg minh ring biéu thirc M = 1 + 1 khong
2—-sin2a 2-sin2b

phu thude vao a,b.

Vi du 8: Chiing minh ring

a) sin3a =3sina —4sin’ a = 4sina.sin(%—aj.sin(%+a}

. . . 1 . .
b) sm3g+3sm3%+...+3” Tsin® £ =2 3"sin % —sine |.
3 3 3" 4 3"

Dang 4: bit ding thirc hrgng gidc va tim gia tri 16n nhit, gia tri nhé nhit cta biéu thirc lwong
giac.

EETCEEYESBD — NI HNIG NVYL :AD

1. Phuwong phap giai.

- Str dung phuong phéap chimg minh dai sé quen biét.

- Sir dung céc tinh chat vé du cua gia tri luong gidc mot goc.
- Str dung két qua ‘sina‘ <1, ‘cosa‘ < 1 v6i moi ) thuc o

2. Cac vi du dién hinh.

Vi du 1: Chitng minh ring véi 0 < a < % thi

a) 2cot’ @ > 1+ cos2a b) cota >1+cot2a

ViduZ:ChoO<a<£.Ch1’mgminhra°1ng sina + ! cosa + ,1 >2
2 2cosa 2sinx

Vi du 3: Chimg minh ring véi 0< a < 7z thi

(200520{ —1)2 —4sin? (%—%J > (\/ZSina —2)(3—2c052a) .
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Vi du 4: Tim gi4 tri nho nhat, 16n nhit ciia biéu thirc sau:
a) A=sinx+cosx b) B =sin* x+cos* x

Vi du 5: Tim gi4 tri nho nhét, 16n nhit cia biéu thirc 4 =2 —2sinx —cos2x

| Dang 5: chirng minh ding thitc, bat ding thirc trong tam giac.

1. Phuwong phap giai
Trong tam giac ta can luu ¥:

A=7r—(B+C)
A+B+C=n=|B=n—(A4+C)

C=7Z'—(A+B)
A+B4C=g= B _7_C

2 2 2

2. Cac vi du minh hoa.

Vi du 1: Chimg minh trong moi tam giac ABC ta déu co:
a)sin A+sin B+sinC = 4cosécos§cos£
2 2 2
b)sin® A+sin’ B +sin® C = 2(1+cos Acos Bcos C)
c)sin2A4+sin2B +sin 2C = 4sin Asin Bsin C
Vi du 2: Chimg minh trong moi tam gidc ABC khong vudng ta déu co:
a) tan A+ tan B +tan C = tan 4.tan B.tan C
b) cot A.cot B+cot B.cot C+cotC.cot 4=1

Vi du 3: Chimg minh trong moi tam gidc ABC ta déu co:

a) cosA+cosB+cosCS%

33

b) sinA+sinB+sinCST

EETCEEYESBD — NI HNIG NVYL :AD

c) tan Atan Btan C > 33 véi ABC 1a tam giac nhon.
Vi du 4: Ching minh trong moi tam giac ABC' ta déu co:

a) sinA + sin B 4 sinC' < cosg + cosg + COS%
b) cos Acos BcosC' < singsingsing

c) tan A + tan B + tanC' > cotg + Cotg + cot% Vi tam gidc ABC khong vuong.

Vi du 5: Ching minh trong moi tam gidc ABC' ta déu co:

V3

a) Jsin A + Vsin B + vsinC < 3 o>
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3
1 1 1 2

b) |1+ 14+ J1+ 14+ —

)[ sinA] [ sinB] [ sinC' \/5]

Vi du 6: Cho tam giac ABC théa man cosgcos(B —C)+cos Acos

>

Chimg minh rang cos2B+cos2C<1.
Vi du 7: Chiing minh rang trong tam giac ABC ta ludn c6

A4 B . B C .C 4 33
SIN —COS— +SIN—CO0S—+SIn—Cc0Ss — < ——
2 2 272 2727 4

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Cho cosazg voi 0<a<£.Tinh: sin a+£ ,COS a—z ,tan a+£ .
5 2 6 3 4

Bai 2. Tinh:

A:sin(a—17”)cos(a+l3°)—sin(a+13")cos(a—l7°);

Bai 3. Cho tan(a+b)=3,tan(a—b)=2. Tinh: tan2a, tan2b.

Bai 4. Cho sina = i, Tinh: cos2a,cosda.

NG

Bai 5. Cho sina +cosa =1. Tinh: sin2a .

. 1 .7 . :
Bai 6. Cho cos2a = g voi1 E <a < r.Tinh: sina,cosa,tana .

Bai 7. Cho cos2x:l.Tinh: A=cos x+£ cos x—z ;B =sin x+£ sin x—z .
4 6 6 3 3

sinx +sin2x +sin3x

Bai 8. Rut gon biéu thuc: A= .
COsx +cos2x + cos3x

€ETCEEYEBD — NI HNIG NVYL ‘:AD

Bai 9. Mot soi cap R duogc gén vao mot cot théng dtimg o vi tri cach mat dat 14 m. Mot soi cap S khac
cling dugc gén vao cdt d6 & vi tri cach mat dat 12 m. Biét r?lng hai sg¢i cap trén cung duoc gén v61 mat
d4t tai mot vi tri cach chan cot 15 m (Hinh 18).

H 15 m 0
Hinh 18
a) Tinh tana , 6 d6 «a la goc gitra hai sQi cép trén.

b) Tim goc « (lam tron két qua dén hang don vi theo don vi d9).
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Bai 10. C6 hai chung cu cao tang xay canh nhau véi khoang cach giita chung 1a HK = 20 m. Dé dam
bdo an ninh, trén néc chung cu thir hai nguoi ta lép camera & vi tri C. Goi A, B 1an luot 13 vi tri thép
nhat, cao nhit trén chung cu thir nhat ma camera c6 thé quan sat dugc (Hinh 18). Hay tinh sb do goc
ACB (pham vi camera c6 thé quan sat duoc ¢ chung cu thr nhat). Biét ring chiéu cao cua chung cu
thir hai 14 CK =32 m, AH = 6 m, BH = 24 m (1am tron két qua dén hang phan muoi theo don vi do).

C

B

(157

4
H K
Hinh 19

D. BAI TAP TRAC NGHIEM

Cau 1:  Rut gon biéu thirc M = cos*15° —sin*15°.

NG |

A. M =1. B. M =—. C.M=-. D. M =0.
2 4
Cau2: Tinh gia trj ciia biéu thirc M = cos*15° —sin*15° + cos>15° —sin>15°,
1 1

A. M =+/3. B.M:E. C.M:Z. D. M =0.

Cau 3: Tinh gia tri ciia biéu thirc M = cos®15° —sin®15°.

1 1 153

A. M =1. B.MZE. C.M=-. D. M

A cro < R P T . T . T .
Cau 4: Giatri cua biéu thirc cos—cos—+sin—sin— la
30 30 5

3

A —. B. —. C. —3
2 2 4

| =

. Sm T . T Sr
) SIN—COS——SINn—CO0S —
Céu5: Gia trj ctia biéu thae P=—18 9 9 18 y3

T T . T . T

COS—COS——SIn—S1n —

412 4712

EETCEEYESBD — NI HNIG NVYL :AD

A. 1. B. l C. Q D. ﬁ
2 2 2
0 0 o
Ciau 6:  Gia tri dung cua biéu thirc tan 225 OC ot8] 'COt069 bang
cot261” +tan 201

A L. B. _ L. C. \3. D. —3.

V3 V3

Cau7: Gid tri cia biéu thic M = sinlsin5—7zsin7—7zsinﬁ bang
24 24 24 24
AL B. L. L p. L
2 4 8 16

Cau8: Gia tri caa biéu thire 4= sinl.cosl.cosl.cosl.cosZ la
48 48 24 12 6
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! V3 3 3

. — B. —. C. —. D. —.
32 8 16 32

Cau9: Tinh gia trj cta biéu thirc M = cos10° cos 20° cos 40° cos 80"

A. M=Lc0310°. B. M=lc05100. C. lecoleo. D. M=lc05100.

16 2 4 8

Cau 10: Tinh gia tri cta biéu thirc M = c0527ﬂ+ cos47ﬂ+cos67ﬂ.

A M=0. B.M:—%. C.M=1. D.M=2.
Cau 11: Cong thuc nao sau day sai?

A. cos(a—b)=sinasinb+cosacosb. B. cos(a+b)=sinasinb—cosacosb.

C. sin(a—b) =sinacosbh—cosasinb. D. sin(a+b)=sinacosb+cosasinb.

Céu 12: Khang dinh nao sau day dang?

A. sin(2018a) =2018sina.cosa.

B. sin(20184) =2018sin(10094).cos(1009).
C. sin(20184) =2sinacosa.

D. sin(2018a) = 25sin(1009a).cos(10094).

Céu 13: Khing dinh nao sai trong cac khing dinh sau?
A. cos6a = cos’ 3a—sin’ 3a. B. cos6a =1-2sin’3a.

C. cos6a =1-6sin’ a. D. cos6a =2cos’3a—1.

Céu 14: Khang dinh nao sai trong cac khang dinh sau?

. 1—cos2x 1+ cos2x
A. sinx=——""""2, B. cos’ x=———
2 2
) .X X 3 .3
C. sinx=2sin—cos—. D. cos3x =cos’ x—sin’ x.

EETCEEYESBD — NI HNIG NVYL :AD

Céu 15: Khing dinh nao dang trong cac khing dinh sau?

A. sina+cosa:\/§sin[a—%j. B. sina+cosa= 2sin(a+%j.
C. sina+cosa=— ZSin(a—%). D. sina+cosa=—x/§sin(a+%j.

Céu 16: C6 bao nhiéu diang thic dudi day 1a ddng nhit thic?

1) cosx—sinx:ﬁsin()ﬁ%} 2) cosx—sinx=«/§cos(x+%j.

3) cosx—sinx:ﬁsin(x—%} 4) cosx—sinxzﬁsin(%—x}

A. L. B. 2. C. 3. D. 4.

Cau 17: Cong thuc nao sau day dang?
A. cos3a =3cosa—4cos’ a. B. cos3a=4cos’a—3cosa.
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C. cos3a=3cos’a—4cosa. D. cos3a =4cosa—3cos’ a.

Cau 18: Cong thuc nao sau day dang?
A. sin3a =3sina—4sin’ a. B. sin3a = 4sin’ a - 3sina.

C. sin3a =3sin’ a —4sina. D. sin3a = 4sina —3sin’ a.

Cau 19: Néu cos(a+b)=0 thi khang dinh nao sau day ding?

A. ‘sin(a+2b)‘ =|sinal. B. ‘sin(a+2b)‘ =|sin ).

C. ‘sin(a+2b)‘:|cosa|. D. ‘sin(a+2b)‘ :|cosb|.
Cau 20: Néu sin(a+b)=0 thi khang dinh nao sau day ding?

A. ‘cos(a+2b)‘:|sina|. B. ‘cos(a+2b)‘:|sinb|.

C. ‘cos(a+2b)‘ =|cos a|. D. ‘cos(a+2b)‘=|cosb|.

Cau 21: Rut gon M:sin(x—y)cosy+cos(x—y)siny.

A. M =cosx. B. M =sinx.
C. M =sinxcos 2y. D. M =cosxcos 2y.

Cau 22: Rutgon M =cos(a+b)cos(a—b)—sin(a+b)sin(a—b).

A. M =1-2cos’ a. B. M =1-2sin’a.  C. M =cos4a. D. M =sin4a.
Cau 23: Ruat gon M =cos(a+b)cos(a—b)+sin(a+b)sin(a—b).

A. M =1-2sin”b. B. M =1+2sin’b. C. M =cos4b. D. M =sin4b.

Caiu 24: Gia tri nao sau diy ctia x thoa man sin2x.sin3x = cos 2x.cos3x ?
A. 18°. B. 30°. C. 36°. D. 45°.

Céu 25: Ping thirc nao sau diy dung:

EETCEEYESBD — NI HNIG NVYL :AD

A. cota+cotb:m. B. cosZa=1(1+c052a).
sina.sinb 2
. 1. sin(a+b)
C. sm(a+b)=—sm2(a+b). D. tan(a+b):—.
2 cosa.cosb

Cau 26: Chon cong thirc dung trong cac cong thure sau:

A. sina.sinb:—%[cos(a+b)—c0s(a—b)]. B. sina—sinb:2sina+b.cos

2tana

C. tan2a = D. cos2a =sin’ a —cos’ a.

l—tana
Cau 27: Rut gon M:cos(x+%j—cos(x—%}
A. M:\/Esinx. B. M =—2sinx. C. M:\/Ecosx. D. M =—2cosx.

Cau 28: Tam giac ABC c6 cos 4 :§ va cos B :%. Khi d6 cosC bang

AL B. -2 c. D. 2>

65 T 65 T 65 " 65
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Cau 29: Cho 4, B, C la ba goc nhon thoa man tan 4 :%, tan B =%, tanC:%. Téng A+B+C bang
Az B. Z. c.Z p. Z.
6 5 4 3

Cau 30: Cho 4, B, C 1a cic goc cua tam giac ABC . Khi @6 P=sin A+sin B+sinC twong duong vai:

A. P:4c0sécos£cos£. B. P:4sinésin£sin£.
C. P=2cos£cos£cos—. D. P=2cos£cos£cos—.
2 2 2 2 2 2
Cau 31: Cho 4, B, C la cac goc cua tam giac ABC.

Khido P= tang.tan B + tan E tan < +tan g tang tuong duong voi:

A. P=1. B. P=—1.
2
C.P= tanﬁ.tané.tang . D. Pap an khac.
2 2 2
Cau32: Trong AABC,néu s?nlé =2cos A thi AABC 1a tam gidc c6 tinh cht ndo sau dy?
sin
A. Can tai B. B. Can tai A. C.Cantai C. D. Vuodng tai B.
. tanAd sin’ 4 :
Ciau 33: Trong AABC, néu amns_ s?nz thi AABC la tam giac gi?
tanC sin"C
A. Tam giac vudng. B. Tam giac can. ‘
C. Tam giac déu. D. Tam giac vuong hoac can.

Cau 34: Cho goc o théa man %<a<7r va sina =%. Tinh P=sin2(a+7).

EETCEEYESBD — NI HNIG NVYL :AD

A P=-22 B. p=22, c.p=-12. p. =2
25 25 25 25
Cau 35: Cho géc o théa man 0<a<Z va sina:%. Tinh P = 1+s.1n2a+cos2a .
2 3 sina +cosa
A p=-2B B.p=3. c.po-l p. p=205,
3 2 2 3

Cau 36: Biét sin(ﬂ—a):—% va 7z<a<377r. Tinh P =sin a+%j.

A P=-3. B. P=>. C.P=ﬂ. D.P:4_3\B.
5 5 10 10
A . . a 3 . T . V4
Cau 37: Cho goc o théa man sina =5 Tinh P:sm(a +gjsm(a—g).
p=l B. =l c.p=-_. p. =22
100 100 25 11

Cau 38: Cho goc & théa man sina =%. Tinh P =cos4a.
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p=221 -7 c.p=222 -2
625 625 625 625
Cau 39: Cho géc o théa man sin 2« =—§ va 377[<a<7r. Tinh P=sina—cosc .
A.Pzi. B.Pz—i. C.P:ﬁ, D.P=_£.
V5 V5 3 3
Cau 40: Cho géc o théa man sin 2« :g. Tinh P =sin*a +cos*a .
A. P=1. B.Pzg. C.P:z. D,P:2
81 9 7
Cau 41: Cho goc o théa man cos :% va 377r<oz<27r. Tinh P=tan2c.
:_Q. :—Q. C, P:@, Do PZE.
119 120 119 120
CAu 42: Cho goc a théa man c0s2a:—§. Tinh P=(1+3sin2a)(1—4cos2a).
A. P=12. B. P:%. C. P=6. D. P=21.
A . 3 .37 , V4
Cau 43: Cho goc o thdéa man cosa=z va 7<a<27r. Tinh P =cos g—a .
o)
s
A po 320 B p=37Y2L 3
8 8 Z
gl
C. P:M, D. p:M_ =
8 8 p=
c
A . o 4 3z ., r 5
Cau 44: Cho géc a théaman cosa =—— va 7<a <—.Tinh P=tan| a —— |. S
5 2 §
1 1 @
A. P=——. B. P=—. C. P=-1. D. P=7. et
7 7 @
Cau 45: Cho géc o théa man c0s2a:—% va %<a<%. Tinh P:cos(Za—%j.
A.P:Q. B.P:—Q. C.P:—l. D.P:l.
10 10 5 5
Cau 46: Cho goc o thdéa man cosa:—% va 7z<a<377r. Tinh P:sin%.cos%.
A P=-2 B.P=2 c.p=-2. D. P=2.
50 50 50 50
A . f Sx , Vs
Cau 47: Cho géc a théa man cot(T—aJ:2 . Tinh P:tan(a +Zj
1 1
A. P=—. B. P=——. C. P=3. D. P=4.

2 2
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Chu 48: Cho géc @ théa man cota =15. Tipp P=sin2a.

A p=1L B.P= c.p=2 p. =L
113 113 113 113
Cau 49: Cho goc o thdéa man cotar =-3/2 va %<a <. Tinh P=tan%+cot%.
A. P=2419. B. P=-2.19. C. P=+19. D. P=—/19.
Cau 50: Cho géc @ théa min tan e :-% va a 6(377[;27[] Tinh P:sin%+c0s%.
A. P=A5. B. P=—/5. C.P:—g. D.Pzg.
Cau51: Cho géc @ théa min tang =—2. Tinh P=—SP2%
cosda +1
A p=l B.P=—. c.p=-2 D.P=—.
9 10 9 10
Cau 52: Cho géc o théaman tana +cota <0 va sinazé. Tinh P =sin2«a.
A P25, B.po- 6 p26 p. p=-208
25 25 25 25
Cau 53: Cho géc @ théa man %<a<7z' va sina+2cosa=-1 Tigh P=sin2a 2
=
m}
A p=2 B po 26 c.p=-2 p. po-2V6 Z
25 5 25 5 )
=
A A . 5 3 7 T oin o ) -
Cau 54: Biét sina=—; cosbh==; —<a<rm; 0<b<—. Hay tinh sm(a+b). o
13 572 2 G
(=}
A28 B. & c. -2 D. 0. &
65 65 65 &
w
N
A A1k 3 . S («x 3 V4 s s oan 1R , ®
Cau 55: Neéu biet rang sin :E E<a <l cosﬂ:; O<ﬂ<3 thi gié tri ding cua biéu thirc w
cos(a—p) 1a
L B. - c. 8, p.- 1%
65 65 65 65

Cau 56: Cho hai goc nhon @ ;b va biét ring cosazg; cosb=%. Tinh gia tri coa biéu thic

P=cos(a+b).cos(a—b).
A, 13 B. - 11> c. 17 p. 10
144 144 144 144

Cau 57: Néu g4, b 13 hai gbc nhon va sina =%; sinb =% thi cos2(a+b) co gia tri bang

A 7-246 B 7+26 c 7+46 b 7—4\/6'

18 18 18 T8
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Caus58: Cho O<a, ﬂ<% va théa man tana:%, tan,b’z%.Gc')c a+ B cb giatri bang

AZ B.Z. c.Z. p. Z.
3 4 6 2
A NS \ e 3 | QY X
Cau 59: Cho x, y la cac goc nhon va duong thoa man cotx:Z, coty :7. Tong x+y bang
AL B. 7. c.Z. D. 7.
4 4 3

Cau 60: Néu o, 3, y la ba goc nhon thoa man tan(a + ).siny =cosy thi

A.a+ﬂ+7:£. B.a+ﬁ+y:£.
4 3
C.a+ﬂ+7/=£. D.a+ﬂ+7=3—ﬂ.
2 4
Cau 61: Biét rang tana=%(0<a<900) va tanb=—%(90° <b<180°) thi biéu thirc cos(2a—b) co
gié tri bang
a0, g, Y10 c. b5 p. Y5
10 10 5 5

Cau 62: Néu sina—cosa =% (135" <a<180") thi gid trj ciia biéu thirc tan2a bing
A2 B. 2. c. 2 p. -2
7 7 7 7 ;

Ciu 63: Néu tan(a+b)=7, tan(a—b)=4 thi gid tri ding cua tan2a 1a
A - B. . .- D. 2.
27 27 27 27

Ciau 64: Néu sina.cos(a+ ) =sin B véi (Z+ﬂ¢%+kﬂ', a¢§+lﬂ, (k,leZ) thi

EETCEEYESBD — NI HNIG NVYL :AD

A. tan(a+ f) =2cota. B. tan(a+ ) =2cot S.
C. tan(a+ f)=2tan f. D. tan(a+ f)=2tana.

Cau 65: Néu a+ﬂ+7:% va cota +coty =2cot 4 thi cota.coty bang
A V3. B. —f3. C. 3. D. -3.

Cau 66: Néu tana va tan 8 1a hai nghiém ctia phuong trinh x* + px+¢ =0 (q # 1) thi tan(a +p )
béng
A L S c. 22 p. - 22
qg-—1 qg-—1 l-¢g l-¢g
Cau 67: Néu tana ; tan 8 14 hai nghiém cua phuong trinh x* — px+¢ =0 (p.q # 0). Va cota; cotf

1a hai nghiém ctia phuong trinh x> —x+s =0 thitich P=rs bang
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A. pg. B. 2. c. L. D. L.
q rq p

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Cau 76:

Néu tana va tan 4 1a hai nghiém ctia phuong trinh x> — px+¢=0 (g =0) thi gid tri biéu thirc

P=cos’(a+B)+ psin(a+ f).cos(a+ B)+gsin’ (a + B) bang:

A. p.

B. g.

Rit gon biéu thirc M =tanx—tan y.

A. M =tan(x—y).

_ sin(x—y)

C.M :
COS X.COS J

C. 1. D.
sin(x+

By =Sn0r+Y)
COSX.COS Y

D. M = tanx—tany

- l+tanx.tany

Rt gon biéu thirc M = cos® [% + aj —cos’ (%— aj.

I
q

A. M =sin2a. B. M =cos2a. C. M =—cos2a. D. M =—sin2a.
Chon dang thirc dung.
A cos(Z 4] 18ne, R
4 2 2 4 2 2
C. Cosz(z+gj:1—cosa. D. Cosz(z+gj=1+cosa.
4 2 2 4 2 2
sin(y—x .
sin x.siny

A. M =tan x —tan y.
1 1

M =— —.
sinx siny

B. M =cotx—coty C. M =coty—cotx. D.

Goi M =c0sx+c082x+C083xX h;

A. M =2cos2x(cosx

C. M =cos2x(2cosx

Rat gon biéu thirc M =

A. tan2x
Rt gon biéu thirc 4 =
A. cosux.
Rt gon biéu thirc 4 =

A. 0.

+1).

-1).

B. sinx.

B. M = 4cost.(%+cosx

D. M =cos2x(2cosx+1).

sin3x —sin x
2cos’x—1

C. 2tanx. D.

1+cosx+cos2x+cos3x

2cos” x+

cosx—1

B. 2cosx—1. C. 2cosx. D.

tana —cota
tan o + coto

B. 2cos’ x.

+cos2c.

C. 2 D.

Bén word d¢ va 10i giai vui long 1h Zalo:
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)

2sin x.
cosx—1.

CcOS 2x.
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1+sinda —cos4a

Céau 77: Rut gon biéu thirc 4= - .
1+sin4a +cosda

A. sin2«a . B. cos2c. C. tan2« . D. cot2¢c.

Cau 78: Bidu thirc 4= 3c0s2a+cosda

c6 két qua rat gon bang:
3+4cos2a+cosda

A. —tan’ a. B. tan’ «. C. —cot’a. D. cot' a.

sin’ 2a +4sin* o —4sin a.cos’ @ , ., ...
cO gia tri bang:

Cau79: Khi @ =2 thi biduthic 4= i —

6 4—sin“2a—4sin” o
AL B. L. c. L. p. L.
3 6 9 12

sin 2¢ +sin @

Céu 80: Rut gon biéu thirc A= .
1+cos2a +cosa

A. tana. B. 2tanc. C. tan2¢ +tana. D. tan2¢.

Céu 81: Rut gon biéu thirc A= 1=sina—cos2a .

sin2a —cosa

A. 1. B. tanc. C. % D. 2tana.
) . X
7 sin x +sin =
Cau 82: Rut gon bicu thiic 4= 2 . duoc:
1+ cosx+cos— Q
2 <
=
A. tan>. B. cotx. C. tan’ (z—xj. D. sinx. 12>”
2 4 o
. 2 E‘
Céu 83: Rut gon biéu thirc 4 =sina.cos’ a —sin’ a.cosa . z
1. 1. 3. 1. <
A. —sin2a. B. ——sin4a. C. —sinda. D. —sin4a. I
2 2 4 4 S
, , , a
CAiu 84: Tim gia tri 1on nhat M va nho nhat m cua biéu thic P =3sinx—2. bt
N
A. M =1, m=-5. B.M=3 m=1. o
w
C.M=2,m=-2. D. M =0, m=-2.

Céu 85: Cho biéu thirc P =—2sin (x + %j +2. Ménh dé& nao sau ddy la dung?
B. P>4

A. P>-4 VxeR. , VxeR. C. P>0, VxeR. D. P>2, VxeR.

A - R , . T . r o Ay s ‘A o ~
Cau 86: Biéu thuc P =sin [x + ?j —sinx c6 tat ca bao nhiéu gia tri nguyén?

A. 1. B. 2. C. 3. D. 4.
Cau 87: Tim gié tri 1on nhat M va nho nhat m cua biéu thirc P =sin’ x + 2 cos’ x.
A. M =3 m=0. B. M =2, m=0. C.M=2,m=1. D. M =3 m=1.
Ciu 88: Goi M, m lan luot 13 gi4 tri 16n nhat va gia tri nho nhét cua biéu thirc P =8sin® x +3cos2x .
Tinh T =2M —m”.
A. T=1. B. T'=2. C. T=112. D. T =130.
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Ciu 89: Cho biéu thitc P = cos* x +sin* x. Ménh dé nao sau day 1a dung?

A. P<2, VxeR. B. P<1, VxeR.

C. P<2, VxeR. D.PS%, VxeR.
Cau 90: Tim gia tri 16n nhat M va nho nhat m cua biéu thic P =sin® x —cos* x.

Ao M =2, m=-2. B. M =2, m=-/2.

C.M=1 m=-1. D.M:l,m:%.

CAu 91: Tim gid trj 16n nhat M va nho nhat m cia biéu thirc P =1-2|cos3x|.
AcM =3, m=-1. B. M =1, m=-1.
C.M=2,m=-2. D. M =0, m=-2.

CAu 92: Tim gié tri 16n nhat M cta biéu thic P = 4sin® x+~/2 sin (2x + %J
A M =42. B. M =v2-1. C. M=+2+1. D. M =+2+2.
File word va dap an chi tiét vui long lién hé zalo: 0834 332 133
Gido vién c6 nhu cdu s& hiru tron bé file word Bai giang Todn 9,10 11,12 va b dé kiém tra két thiic
chuyén de, giira ki, cudi ki co lo'i gidi chi tiét cia Thdy gido, Tdc gia Trdn Pinh Cw vui long lién hé

zalo Trdn Pinh Cw: 0834 332 133 dé dworc hé tro’ téi da . Ung hé chinh chii dé dworc bdo hanh va
nhiéu wu ddi khdc

Tranh mua cdc trang va cd nhdan khdc
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BAI 3: HAM SO LUQNG GIAC VA PO THI
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. HAM SO CHAN, HAM SO LE, HAM SO TUAN HOAN

1. Ham so6 chan, ham so 1é

Trong trudng hop tong quat, ta c6 dinh nghia sau:

Cho ham s6 y = f(x) véi tp xac dinh D.

. Ham s y = f(x) duoc goi la ham s chi néu Vxe D thi —xe D va f(-x)= f(x).

. Ham s6 y = f(x) duoc goi la ham s 1é néu Vxe D thi —xe D va f(-x)=—f(x).

Chu y

-D(:A) thi ham sé chan nhén, truc tung lam truc Eiéi xung.

-B0 thi ham s6 1€ nhan goc toa d6 l[am tam doi xang.

2. Ham s6 tudn hoan

-Trong trudng hop téng quat, ta co dinh nghia sau:

Cho ham s y = f(x) véi tap xéc dinh D. Ham sé y = f(x) dugce goi la tudn hoan néu ton tai mot
s6 T khac 0 sao cho véi moi x € D, ta co:

e x+TeDvax-TeD

o S(#+T)= /()

S6 T dwong nho nhét thoa man (néu c6) cac tinh chét trén dugc goi la chu ki ciia ham s6 tudn hoan
do.

Nhan xet

Cho ham s6 tuan hoan chu ki 7. Tir d6 thi ham s d6 trén doan [a; a+T ] , ta dich chuyén song song

vo1 truc hoanh sang phai (hoac sang trai) theo doan c¢6 do dai 7T thi dugc dd thi ham sd trén doan
[a+T;a+2T] (hoac [a—T;al).

IL. HAM SO y = sinx

1. Dinh nghia

Trong trudng hop tong quat, ta co dinh nghia sau:

€ETCEEYEBD — NI HNIG NVYL ‘:AD

Quy tac dat trong ung moi sb thuc x v&i mét sb thue sinx duge goi la ham ) y =sinx . Tap xéc
dinh ctia ham s6 y =sinx 1a R.

2. P6 thi ham s6 y=sinx

-Trong mit phang toa do Oxy, biéu dién cac diém (x;sinx) voi x e[-7;7z] va ndi lai ta duwoc dd thi
ham s y =sinx trén doan [-7; 7] (Hinh 24).

YA

Hinh 24
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-Trong mit phing toa d6 Oxy , biéu dién cac diém (x;sinx) véi x e [—37[; - )| 7; 37r] ,...,tacodd

thi ham s6 y =sinx trén R dugc biéu dién ¢ Hinh 25 .

YA Hinh 24

Hinh 25

3. Tinh chat cia ham so y=sinx

Ham sd y = sinx co tap gia tri 1a [-1;1] va c6 tinh chét sau:

° Ham sb y=sinx la ham s6 1¢, c6 dod thi dbi xung qua géc toadd O;
. Ham s y =sinx tuan hoan chu ki 27 ;

\ X . X - X A X 5 T T . L R x.
. Ham s6 y =sinx dong bién trén moi khoang (_E + k27r;5+ k27z) , nghich bién trén moi

khoang (%+ k27[;377[+ k272') véi keZ.

Nhan xét: Dya vao d thi ctia ham s6 y = sinx (Hinh 25 ), ta thiy sinx =0 tai nhiing gia tri
x=kz(keZ).

Vi vdy, tap hop céc sb thuc x sao cho sinx#0 1a E=R\{kz |k Z}.

I1I. HAM SO y = cosx
1. Dinh nghia
-Trong trudng hop tong quat, ta co dinh nghia sau:

Quy tac dat tuong ting moi so thyc x vdi mot so thuc cosx dugc goi la ham s6 y =cosx . Tap xac
dinh cia ham s0 y =cosx la R.

2. D6 thi ham s y=cosx

€ETCEEYEBD — NI HNIG NVYL ‘:AD

-Trong mat phéng toa do Oxy, biéu dién cac diém (x; cos x) VOl x € [—7:; 72'] va ndi lai ta duoc dd thi

ham s6 y =cosx trén doan [-7; 7] (Hinh 27).

=Y

I Y = COSX

Hinh 27
-Trong mit phang toa do Oxy, biéu dién cac diém (x;cosx) voi xe [—37[; -z |7 37r] ,...,tacodd

thi ham s6 y =cosx trén R duoc biéu dién & Hinh 28
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Hinh 28

3. Tinh chat ctia ham so y=cosx

Ham s6 y=cosx c6 tap gid trj 1a [-1;1] va c6 tinh chét sau:

. Ham s6 y =cosx 1a ham s6 chan, c6 d6 thi d6i ximg qua truc tung;
. Ham s6 y =cosx tuan hoan chu ki 27 ;
. Ham s0 y = cosx dong bién trén mdi khoang (—r + k27;k27), nghich bién trén mdi khoang

(k2m;m+k27) voi keZ.

Nhan xét:

Dura vao do thi ciia hamd y = cosx (Hinh 28 ), ta thay cosx =0 tai nhiing gi tri x = %+ kr(keZ).

Vi vay, tap hop cac sb thuc x sao cho cosx #0 1a D=R\{%+k7[|k€2}.

IV. HAM SO y = tanx
1. Dinh nghia

Ta c6 dinh nghia sau:
Quy tac dat tuong ung moi sb thuc x € D véi mot sb thuce tan x duge goi la ham sb y =tanx. Tap

xéc dinh ctia ham s§ y =tanx 13 D= R\{%+k7r |k e Z} :
2. P6 thi ham s6 y=tanx

o 2 ~ .2 X , .2 L. - T . A . A
-Trong mat phang toa dd Oxy , biéu dién cac diém (x; tan x) voi x € {7,5} va noi lai ta dugc do

€ETCEEYEBD — NI HNIG NVYL ‘:AD

thi ham sé y = tanx trén doan [—%,%} (Hinh 29).

VA

El
e

P T -,

Hinh 29

2 R X , R , . - 3 7
-Trong mat phang toa dd Oxy, bi€u dién cac diém (x; tan x) vOl x € {T”,T”],[%,Tﬂ} ,...,tacod

d6 thi ham s6 y=cosx trén R dugc biéu dién ¢ Hinh 30
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[N}
(¥}

w3

Hinh 30
3. Tinh chat ciia ham so y=tanx

Ham s6 y =tanx c6 tap gia trj 1a R va co tinh chét sau:

. Ham sé y = tanx 1a ham s6 1&, c6 d thi dbi xtmg qua gbc toa d6 O;
. Ham s6 y = tanx tuan hoan chu ki 7;
\ A A <A A X . T T L
. Ham s6 y =tanx dong bién trén moi khoang (—5+ k7Z';5+ kﬂj voi keZ.

V. HAM SO y=cotx

1. Dinh nghia

Ta c6 dinh nghia sau:

Quy tc dat tuong ung moi sb thuc x € E v&i mot s6 thue cot x duoc goi la ham ) y=cotx. Tap

xéc dinh clia ham s6 y=cotx 1a E=R\ {kr|keZ]}.

2. D6 thi ham s y=cotx

o 2 ~ .2 X , L2 , . T W Keq . A .
-Trong mat phang toa dd Oxy , biéu dién cac diém (x; cotx) voi x € {O; 5} va noi lai ta dugc do thi

ham sé y =cotx trén doan [O; %} (Hinh 31).

-Trong mat ph'flng toado Oxy, biéu dién cac diém (x; cotx) vo1 cac khoang
(7:27),(-7;0),(27m;—7).....

ta duoc d6 thi ham s6 y =cotxtrén E nhu (Hinh 32).

EETTEEVEBD — NI HNIG NVUL :AD

-
=)
E ]
=

[
o~
-

A
=

Hinh 31 Hinh 32

3. Tinh chat ciia ham sé y=cotx
Ham s6 y =cotx c6 tap gia tri 1a R va c6 tinh chét sau:
. Ham s6 y =cotx la ham s6 1&, co dd thi ddi xung qua géc toadd O;

. Ham s0 y =cotx tuan hoan chuki r;
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. Ham s6 y =cotr nghich bién trén mdi khoang (kr;z +kx) véi keZ .

B. PHAN LOAI VA PHUONG PHAP LOI GIAI BAI TAP

Dang 1: Tim tip xac dinh ciia ham so

1. Phwong phap
Pé tim tap xac dinh cua ham sb ta can luu ¥ cac diém sau
= y=.Ju(x) conghiakhiva chikhi u(x) xac dinh va u(x)>0.

= y= ux) c6 nghia khi va chi u(x) , V(X) xac dinh va v(x)#0.
v(x)

u(x)

y =
A/ V(X)

c6 nghia khi va chi u(x) , v(x) xac dinh va v(x)>0.

= Ham s6 y =sinx, y =cosx xac dinh trén R va tdp gid tri cuano la: —1<sinx<1; —1<cosx<1.

Nhu vay, y=sin[ u(x)], y = cos u(x) ] xédc dinh khi va chi khi u(x) xic dinh,
" y=tanu(x) c6 nghfa khi va chi khi u(x) xac dinh va u(x)= 7 +krkeZ

= y= cotu(x) c6 nghia khi va chi khi u(x) xac dinh va u(x) zkn ke Z.
2. Cac vi du miu

Vi du 1. Tim tap xéc dinh cua cac ham so sau:

a) y=sin[ 25X }; b) y=cosvV4—x>; C) y = +/sinx; d) y =+2-sinx .

Vi du 2. Tim tap xac dinh ctua cac ham so sau:

a) y:tan[x—gj; b) y:cot[x+§j; C) y:SiL' d)y=

cos(x—n)’ tanx —1

Vi du 3. Tim tap xéc dinh cua cac ham so sau:

3cos2x

a) y=cos2x + ! ; b)) y=—-""7-"7"-.
COSX sin3x cos 3x

Vi du 4. Tim m dé ham s sau day xac dinh trén R : y =v2m —3cosx.

Dang 2: Xét tinh chin 1é ciia ham s6

1. Phwong phap:
Gia sir ta can xét tinh chin, 1¢ ctia ham s y = f(x)

= Budc 1: Tim tip xac dinh D cta ham s6; kiém ching D 1a tap ddi ximg qua s6 0 tic 1a
vx,xeD=>-xeD (1)

=  Budc 2: Tinh f(—x) va so sanh f(—x) voi f(x)
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Néu f(—x)=f(x) thi f(x) 1a ham s6 chin trén D (2)

Néu f(—x)=—f(x) thi f(x) lahamsblétrén D  (3)
Chu y:
- Néu diéu kién (1) khong nghiém dtng thi f(x) 1a ham khong chin va khong 1é trén D;
- Néu diéu kién (2) va (3) khong nghiém dung, thi f(x) 12 ham khéng chén va ciing khong 1€ trén
D.
Lic d6, dé két luan f(x) 1a ham khong chin va khong 1€ ta chi can chi ra diém x, €D sao cho

f(—x,) = f(x,)
f(=x,) = —f(x,)

2. Cac vi du miu

Vi du 1. Xét tinh chéan, 1é cua cac ham sb sau:

a) y = sin2x; b)y = tanlx/; ¢) y=sin*x.
Vi du 2. Xét tinh chin, 1¢ ciia cac ham s sau:

a) y = tanx + cotx; b) y = sinx.cosx.

Vi du 3. Xét tinh chin, 1¢ ciia cac ham s sau:

a) y = 2sinx + 3; b) y =sinx +cosx .

Vi du 4. X¢ét tinh chan, 1¢ cuia cdc ham s6 sau:

. 3
sinX—tanx cos” x+1
a) y=———; b) y=—-F—

. b
sinx + cot x sin x

Vi du 5. X4c dinh tham s6 m d¢ ham s6 sau: y =f(x)=3msin4x +cos2x 1a ham s6 chin.

Dang 3. Tim gi4 tri 16n nhét va va gia tri nhé nhat ciia ham s6 lwong giac

EETCEEYESBD — NI HNIG NVYL :AD

1. Phwong phap:
Cho ham sb y =f(x) xac dinh trén tdp D

f(x)<M,vVxeD

" M=maxf(x)=
D Ix,eD:f(x))=M

f(x)2m,VxeD

" m=minf(x)&
D x,eD:f(x))=m

Luuy:
o —1<sinx<Il; —1<cosx<1.

2 2

e (<sin x<1.

o (<+sinx<1; 0<+cosx <1.

x<1; 0<cos
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e Dung diéu kién c6 nghiém cua phuong trinh co ban
Az0

o Phuong trinh bac hai: ax® + bx+c=0 c6 nghiém x € R khi va chi khi { 0
a#

o Phuong trinh asinx +bcosx =c c6 nghiém x e Rkhi va chi khi a® + b* >¢?

a, sinx+b1 COSX +¢;

o Néu ham so c6 dang: y = -
a,sinx+b, cosx+c,

Ta tim mién xac dinh cua ham s0 161 quy dong mau s6, dua vé phuong trinh
asinx+bcosx=c.

2. Vi du miu

Vi du 1. Tim gia tri 16n nhét, gia tri nho nhat ca ham s6:
a) y=25in(x+§)+l; b) y =2+/cosx+1-3.

Vi du 2. Tim gia tri 16n nhét, gia tri nho nhat ca ham s6:

a) y =sinx +cosx ; b) yzx/gsin2x—cos2x.

Vi du 3. Tim gia tri 16n nhét, gia tri nho nhat ca ham s6:

a) y=cos’x+2sinx+2; b) y =sin* x —2cos’x +1.

2sinX —cosX +1

Vi du 4. Tim gid tri l6n nhat va gia tri nho nhat cua ham s6: y =—
sinx +cosx —2

Dang 4. Chirng minh ham s6 tuin hoan va xac dinh chu ky ciia n6

1. Phwong phap
Muén chitng minh ham sé tuin hoan f{x) tuin hoan ta thc hién theo cac bwéc sau:

= Xétham sd y =f(x), tap x4c dinh 13 D

* V6imoi xeD,taco x—T,eD va x+T,eD (1). Chira f(x+T,)=1(x) (2)

EETCEEYESBD — NI HNIG NVYL :AD

Vay ham sb y =f(x) tuan hoan
Chirng minh ham tuén hoan véi chu ky T,
Tiép tuc, ta di chirmg minh T, la chu ky cua ham s tirc chtrng minh T, la s6 duong nho nht thoa (1)
va (2). Gia su co T sao cho 0<T<T, thoa man tinh chat (2) < ...= mau thuin véi gia thiét 0<T< T, .
Mau thuan nay ching to T, la s6 duong nho nhat thoa (2). Vay ham sd tuan hoan véi chu ky co so T,
Mot sé6 nhdn xét:

- Hamsd y =sinx,y =cosx tudnhoan chuky 2r. Tirdo y= sin(ax + b),y = cos(ax + b) c6 chu ky

_2n
R
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- Hamsd y=tanx, y=cotx tuin hoan chuky . Tir d6 y=tan(ax+b),y=cot(ax+b) c6 chu ky

T
T, =—
"ol
Chu y:
y=1(x) c6 chuky Ti; y=£,(x) c6 chuky T

Thi ham s6 y = f,(x) £ f,(x) ¢6 chu ky To 12 bdi chung nho nhét cia T va Ta.
Cac ddu hiéu nhan biét ham so6 khong tuin hoan
Ham sb y =f(x) khong tudn hoan khi mét trong cac diéu kién sau vi pham

»  Tap xdc dinh cua ham 6 la tdp hitu han

»  T6n tgi s6 a sao cho ham sé khong xac dinh voi x>a hodc x<a

= Phwong trinh f(x)=k co vo 56 nghiém hitu han

»  Phuong trinh f(x)=k co vo 56 nghiém scfp thir tw ...<X_ <X_., <..md ‘xm _Xm+1‘ —0 hay ©

m-+1

2. Vi du miu

Vi du 1. Chirng minh rang cac ham s0 sau la nhitng ham s6 tuén hoan v6i chu ky co s T,

a)f(x)=sinx, T, =2m; b)f(x) = tan2x, T, =g

Vi du 2. Xét tinh tuan hoan va tim chu ky co s& (n€u cd) ctia cac ham so6 sau

a) f(x)=cos3?Xcos§; b)y=cosx+cos(x/§x); c)f(x)zsin(x2 ); d)y=tan\/;.

Dang 5. P thi ciia ham s6 lwong gidc

1. Phwong phap

1/ V& do thi ham s6 lweng giac:

€ETCEEYEBD — NI HNIG NVYL ‘:AD

- Tim tap xac dinh D.

- Tim chu ky To ctia ham sb.

- Xéc dinh tinh chin — 1& (néu can).

- Lap bang bién thién trén mot doan c6 d6 dai béng chu ky To co thé chon:

T, T

X € [0, T0] hoac x e {—7, 7} .

- V&db thi trén doan c6 d6 dai bang chu ky.
- ROi suy ra phan d6 thj con lai bang phép tinh tién theo véc to V= k.T, i vé bén trdi va phai song
song voi truc hoanh Ox (voi i 14 vée to don vi trén tryc Ox).

2/ Mt s6 phép bién ddi do thi:
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a) Tur d0 thi ham s y = f(x), suy ra do thi ham s y = f(x) + a bang cach tinh tién d6 thi y = f(x) 1én
trén truc hoanh a don vi néu a > 0 va tinh tién Xuéng phia dudi tryc hoanh a don vi néua<o.

b) Tir do thi ham sé y = f(x), suy ra d6 thi ham s y =f(x +a) bang cach tinh tién dd thi y = f(x)
sang phai truc hoanh a don vi néu a > 0 va tinh tién sang trai truc hoanh a don vi néua<o.
c¢) Tirdd thi y = f(x), suy ra do thi y = —f(x) bang cach lay dbi xtmg do thi y = f(x) qua truc hoanh.

f(x), néu f(x) >0

, nén suy ra do thi y = f(x) bang cach giit nguyén han do thi y
-f(x), n€u f(x) <0

d) Dothi y =\f(x)\ ={

= f(x) phia trén truc hoanh va 1y dbi xtmg y = f(x) phia duéi truc hoanh qua truc hoanh

Moi lién hé do thi gitra cac ham so

y=f(x) boi ximg qua Ox Tinh tién theo Ox, a don vi y=f(x+a)

Péi xing qua Oy Tinh tién theo Oy, b don vi

L A Tinh tién theo
_Doi xing qua goc O

y=-f(-x) < y:f(x) -
vec to' v=(a;sb)

T |

Tinh tién theo Ox, a don vi

» y=f(x+a)+b

Pbi ximg qua Ox

y=f(x)+b

y=1(-x) Pbi xing qua Oy Tinh tién theo Oy, b don vi

2. Cac vi du mau

Vi du 1. V& d6 thi cac ham sb sau: y = sin 4x
Vi du 2: V& d6 thi ham s y = cos%.
Vi du 3. Cho db thi ctia ham sé y =sinx, (C) . Hiy v& cac do thi cta cac ham sb sau:
T T
a)y=sin | X+— b) y=sin| x+— |+2.
)y ( 4] )y ( 4]

C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Dung d6 thi ham s6, tim g trén doan [-27;27] dé:

EETCEEYESBD — NI HNIG NVYL :AD

a) Ham s6 y = sinx nhan gia tri bang 1 ; b) Ham sé y = sinx nhén gia trj bang 0 ;
¢) Ham s6 y =cosx nhén gia trj bang -1 ; d) Ham s& y = cosx. nhan gia tri bang 0 .

A . \ A \ .y . 5 A 5 372' 2
Bai 2. Dung d6 thi ham so, tim gia tri cia x trén khodng (—ﬂ'; 7) de:

a) Ham s6 y = tanx. nhén gia tri bang -1 ; b) Ham s6 y = tanx. nhén gi4 tri bang 0 ;
¢) Ham s6 y =cotx. nhan gi4 tri bang 1 ; d) Ham s& y = cotx nhén gi tri bang 0 .

Ban word dé va 16i giai vui long 1h Zalo: 0834332133



(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

Bai 3. Xét sy bién thién ciia moi ham so sau trén cac khoang twong ung:

. . \ O Ix)\ (2lxr 237
a) y =sinx trén khoang | ——;—— [,| —;——|;
2 2 22

b) y =cosx trén khoang (—207;-197),(-97;-87).

Bai 4. Dung d6 thi ham s, hay cho biét:

a) V6imdi m e[-1;1], c6 bao nhiéu gid tri a € {—%,%} sao cho sina =m;
b) Vi mdi m [-1;1], c6 bao nhiéu gia trj « €[0;7] sao cho cosa =m;

¢) Véi mdi me R, co bao nhiéu gia tri a € (—%,%) sao cho tana =m;

d) Véi mdi m e R, ¢6 bao nhiéu gié tri & €(0;7) sao cho cota =m.

Bai 5. Xét tinh chin, 1é cua cac ham sb:
a) y = sinxcosx
b) y =tanx + cotx

c) y=sin’x.
Bai 6. Mot dao dong diéu hoa c6 phuong trinh li d§ dao dong 1a: x = Acos(wt +¢), trong d6 ¢ 1a
thoi gian tinh bang gidy, 4 1a bién d6 dao dong va x 13 1i d6 dao dong déu duoc tinh bang centimét.

Khi d6, chu ki 7' ctia dao dong la 7' = 2—7[ Xéc dinh gia tri cua li do khi
0]

1=0,1= %,t = g,z = %T,t =T va v& dd thi bieu dién li d6 ciia dao dong diéu hoa trén doan [0;27 ]
trong truong hop: ’

a) A=3cm,p=0;

b) A=3 cm,qo:—g;

c) A=3 cm,qozg

EETCEEYESBD — NI HNIG NVYL :AD

Bai 7. Trong bai todn mo dau, hay chi ra mdt $6 gia tri ciia x dé 6ng dung nudc cach mat nudc 2m
D. BAI TAP TRAC NGHIEM

Cau 1: Tim tap xac dinh D cta ham s6 y= 5312;
A.D=R. B. D=R\{0}.
C. D=R\{kn,kcZ}. D. D:R\{%+kw,kez}.
Cau2: Tim tdp xac dinh D cua ham $6 y:w.
cosx—1
A. D=R. B. D:R\{%Jrkﬂ,kez}.
C. D=R\{kn,kcZ}. D. D=R\{k2m,kcZ}.
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COS x

. ™ '
Smfx—-—
[ 2]

Cau 3: Tim tap xac dinh D cta ham $6 y=

A. D:R\{k%,kez}. B. D=R\{kr,kcZ}.
C. D:R\{(H—Zk)%,kez}. D. D=R\{(1+2k)r,kecZ}.
A A g e s s g 2021
Cau4: Tim tdp xac dinh D ciahamsd y=—""—.
SIN X —COS X
A. D=R. B. D:R\{—%qtkw,kez}.
C. D:R\{ngka,keZ}. D. D:R\{g—kkw,kez}.

Cau5: Tim tdp xac dinh D cua ham 6 y = cot [Zx—%]—i-sian.
A. D:R\{gqtkw,kez}. B.D=20.

C. D:R\{%Heg,kez}. D. D=R.

Cau 6: Tim tip xac dinh D ctia ham sd y = 3tan? [%—g]

A. D:R\{%+k2w,k€2}. B. D:R\{g+k2ﬂ,keZ}. o

<

37T T -]

C. D:R\{——i—kw,kez}. D. D:R\{—Jrkw,/eez}. o

2 2 2

94

A \ A , . 5 \ J4 — 2
Cau 7: Tim tap xac dinh D cta ham so y:3tan+xzs. T
1—sin” x o)

c

A. D:R\{erzw,kez}. B. D:R\{1+kw,kez}. 5

2 2 &

C. D=R\{r+kmkeZ}. D. D=R. &

W

~

w

w

Cau 8: Tim tdp xac dinh D cua ham O y=+Jsinx +2.
A. D=R. B. D=[-2;+c). C. D=|0;27]. D. D=2

Cau9: Tim tdp xac dinh D cua ham $6 y=fsinx—2.

A.D=R. B. R\ {kr,kcZ}. C. D=[-31]. D.D=g.
\ A [ 4 , \ A 1
u 10: Tim tdp xac dinh D cia ham s6 y=——.
Cau 10 p T sox
A. D=R\{kr,kcZ}. B. D:R\{g+kﬂ,k62}.
C. D:R\{g—i—kzmkez}. D.D=0.

Cau 11: Tim tép xac dinh D cua ham ) y=J1—sin2x —/1+sin2x.
A. D=w. B. D=R.
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:
Cau 24:

57 om 137

C. D= 4k2m="+ k2| k€. D. D=2 4 k2m =" o Hk2m| ke

Tim tdp x&c dinh D cua ham s6 y=tan [%cos x].

A. D:R\{g—kkmkez}. B. D:R\{ngkzw,keZ}.

C.D=R. D. D=R\{kmkcZ}.

Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?

A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx.

Trong cac ham sb sau, ham s6 nao 14 ham s chin?

A. y=—sinx. B. y=cosx —sinx. C. y=cosx +sin’ . D. y=cosxsinx.

Trong cac ham sb sau, ham s6 nao 14 ham s chin?

: t

A. y=sin2x. B. y=xcosx. C. y=cosx.cotx. D. y= e.mx'
smx

Trong cac ham sb sau, ham s6 nao 14 ham s chin?

A. y=|sinx|. B. y =x’sinx. C.y=—"0—. D. y=x+sinx.

COSx

Trong cac ham s6 sau, ham s6 nao cé do thi d6i xting qua tryc tung?

. . 7r tan x :
A. y=sinxcos2x. B. y=sin’x.cos|x——|. C. y=—5——. D. y =cosxsin® x.
2 tan” x +1
Trong cac ham soO sau, ham so nao la ham so 1¢?
A. y=cosx +sin® x. B. y=sinx+cosx. C. y=—cosx. D. y=sinx.cos3x.

Trong cac ham so6 sau, ham s6 nao c6 do thi doi xing qua goc toa do?

i 1
A. y=cot4x. B. y:w. C. y=tan’x. D. y=|cotx|.

COosx
Trong cac ham so sau, ham so nao la ham so 1¢?

A. y= sin[%—x].

cotx o tan x

B. y=sin’ x. C.y=

. y=—.
cosx sinx

Trong cac ham so sau, ham so nao la ham so 1¢?
A. y=1-—sin’x. B. y =|cotx|.sin® x. C. y=«x"tan2x—cotx. D.

y =1+|cotx + tan x|.

Cho ham sb £ (x)=sin2x va g(x)=tan’x. Chon ménh dé dung
A. f(x) 1aham s6 chin, g(x) 1a ham s 1é.
B. f(x) laham sb 1é, g(x) 1a ham s6 chan.

(%)
C. f(x) laham sb chan, g(x) 12 ham s chén.
(%)

D. f(x) va g(x) déu la ham s6 1&.
cos2x . |sin2x|—cos3x o o ox . for 18 AT
Cho hai ham s6 f(x)=———— va g(x)= - ——""_ Ménh dé nio sau day 1a dung?
1+sin’® 3x 2+tan” x

A. f(x) léva g(x) chan. B. f(x) va g(x) chan.

EETCEEYESBD — NI HNIG NVYL :AD
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C. f(x) chin, g(x) I&.

D. f(x) va g(x) le.

Cau 25: Trong cac ham s6 sau, ham s6 nao c6 dd thi ddi xing qua géc toa do?
A, y=— 13 ) B. y—sin[x—kz]. C. y—x/icos[x—z]. D. y=+/sin2x.
sin” x 4 4
Céiu 26: Ménh dé nao sau day la sai?
A. Do thi ham sb y = |sin x| dbi xtmg qua gdc toa do 0.
B. D6 thi ham s& y = cosx dbi xung qua truc Oy.
C. Db thi ham sb y = |tan x| dbi xtmg qua truc Oy.
D. D6 thi ham s6 y = tanx ddi xtmg qua gbc toa do 0.
Cau 27: Tim gia tri 16n nhat 3 va gi tri nho nhat m cua ham s6 y=3sinx—2.
A. M =1 m=-5. B. M=3 m=1. C.M=2 m=-2. D. M=0, m=-2.
Céau 28: Tim tap gid tri 7 cta ham sd y =3cos2x+5.
A. T=[-11]. B. 7 =[-111]. C. T=[28]. D. T =]5;8].
Cau 29: Timtap gia tri 7 ctia ham s6 y=5-3sinx.
A. T=[-11]. B. T =[-3;3]. C. T=[28]. D. T =]5;8].
Cau 30: Ham s y=>5-+4sin2xcos2x co tat ca bao nhiéu gid tri nguyén?
A. 3. B. 4. C.5. D. 6.
Cau 31: Tim gié tri nho nhat » cta ham s6 y = —/2sin(2016x +2017).
A. m=-2016+2. B. m=—2. C. m=—1. D. m=-2017J2.
Céu 32: Tim gia tri nho nhit m cta ham sb y = :
cosx+1
1 1
A om=—. B. m=—. C.m=1. D. m=+2.
2 72
Cau 33: Goi M, m lan luot 1a gia tri lon nhét va gia tri nho nhat ctia ham sb y =sinx+cosx . Tinh
P=M-—m.
A. P=4. B. P=22. C. P=12. D. P=2.
Cau 34: Tapgiatri T cia ham s6 y=sin2017x —cos2017x.
A. T=[-2;2]. B. T=[-4034;4034].  C. T=[-2;\2|. D. 7 =[0;42]
Cau 35: Hamsb y= sin[x +§] —sinx cO tit ca bao nhiéu gi4 tri nguyén?
A. 1. B. 2. C. 3. D. 4.
Cau 36: Ham sb y=sin* x—cos*x dat gia tri nho nhit tai x = x,. Ménh d& nao sau day la ding?
A. x, =k27, kEL. B. x, =k, ke Z. C. x,=n+k2m kecZ D. x(,:gwm,kez.
Cau 37: Tim gid trj 16n nhit M va gia tri nhd nhat m clia ham s6 y —1—2|cos3x|.
A M=3 m=-1. B. M=1 m=-1. C. M=2 m=-2. D. M=0, m=-2.
Céu 38: Tim gid tri 16n nhit M ciia ham sé y = 4sin® x+ 2 sin[2x +§]

EETCEEYESBD — NI HNIG NVYL :AD
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A. M =12 B. M=+2-1. C. M=+2+1. D. M=+2+2.
Cau 39: Timtap gia tri 7 ctia ham 6 y=sin® x + cos® x.
A. T =[0;2]. B. T:\l;l. C. T:\l;l}. D. T:[O;ll.
2 4 4

Ciu 40: Tim gia tri 16n nhat & va nhoé nhit m ciua ham sé y = sin® x +2cos’ x.
A. M=3 m=0. B. M=2 m=0. C.M=2 m=1. D. M=3 m=1.

CAu 41: Tim gi trj 16n nhat & cia ham s§ y=——"—5—.
1+tan” x

A m=1 B. M—2 C. M=1. D. M=2.

2 3
Cau42: Goi M, m lan luot 1a gia tri 16n nhét va gi4 tri nho nhét ctia ham sd y =8sin® x +3cos2x . Tinh
P=2M—m’.
A. P=1. B. P=2. C. p=112. D. P=130.
Cau 43: Tim gia tri nho nhat m cta ham s6 y = 2sin x +~/3sin2x .
A. m=2-13. B. m=—1. C.m=1. D. m=—3.

Céiu 44: Tim tap gid tri 7 cta ham sé y=12sinx—5cosx.
A. T=[-11]. B. 7=[-7;7]. C. 7=[-1313]. D. T =[-17;17].
Céu 45: Tim gia tri 16n nhat M cta ham s6 y = 4sin2x—3cos2x.
A. M =3. B. M=1. C. M=5. D. M=4.
Cau 46: Goi M, m lan luot 1a gid tri 16n nhét va gia tri nho nhét ctia ham sb y=sin’ x —4sinx+5. Tinh

P=M—2m’.
A. P=1. B. P=7. C. P=s. D. P=2.

Cau 47: Ham sb y=cos’ x—cosx cO tat ca bao nhiéu gi4 tri nguyén?
Al 1. B. 2. C. 3. D. 4.

Cau 48: Ham sb y = cos® x+2sinx+2 dat gia tri nho nhit tai x,. Ménh d& nao sau day la ding?

EETCEEYESBD — NI HNIG NVYL :AD

A. x0=g+k27r,k€Z. B. xoz—%—i—k%r,keZ.
C. xy,=7n+k2m, ke D. x, =Fk27, k€ Z

Ciu 49: Tim gia tri 16n nhat & va nhat m cta ham s6 y=sin* x —2cos> x +1
A M=2 m=-2. B. M=1 m=0. C.M=4 m=-1. D. M=2 m=-1.

Céu 50: Tim gia tri nho nhit m cta ham s6 y=4sin* x —cos4x .
A. m=-3. B. m=-1. C. m=3. D. m=-5.

Cau 51: Tim gié trj 16n nhit A va gia tri nh6 nhat m ciia ham sé y =7 —3cos x.
A. M =10, m=2. B. M =7, m=2. C. M=10,m=+7. D. M=0, m=1.

Céu 52: S6 gid ¢6 anh sang mit troi cia mot thanh phd A trong ngay thtr ¢ clia nam 2017 duoc cho boi

mot ham sd y = 4sin %(r—@) +10 V&1 reZ va 0<t<365. Vao ngay nao trong nam thi thanh
phd A c6 nhiéu gid c6 anh sang mit troi nhat?
A. 28 thang 5. B. 29 thang 5. C. 30 thang 5. D. 31 thang 5.
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Cau 53: Hang ngay muc nudc cua con kénh 1én xuong theo thuy tri€u. PO sau # (mét) cua myc nudc

Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Cau 62:

Cau 63:

Cau 64:

trong kénh dugc tinh tai thoi diém ¢ (gid) trong mot ngay boi cong thirc = 3cos

Muc nudc cua kénh cao nhat khi:

A. 1 =13 (gid).

M¢nh dé nao sau day la sai?
A. Ham s0 y=sinx tuan hoan vdi chu ki 2.

B. r=14 (gio).

B. Ham s0 y = cosx tuan hoan vdi chu ki 2.

C.Ham s0 y =tanx tuan hoan v&i chu ki 27

D. Ham sO0 y = cotx tuan hoan voi chu ki .

Trong cac ham so sau day, ham so nao 1a ham so tuan hoan?

A. y=sinx

B. y=x+sinx

Trong cac ham s6 sau day, ham s6 nao khong tuan hoan?

A. y=cosx.
Timchuki T
A.T=2T,
5
Tim chu ki
A. T =4r.
Tim chu ki
A T= 51—0
Tim chu ki
A. T =4
Tim chu ki
A. T=m.
Tim chu ki
A. T =2
Tim chu ki
A. T =2

B. y=cos2x.
;) \ A . ™
cua ham so y = sm[Sx—Z].
B.7-"
2

cia ham sé y = cos[%+2016].

B. T =2n7.

ctia ham s y = —%sin(lOwa +507).

B.T-_L.
100

5 \ A . X
cua ham so y:cos2x+sm5.

B. T=nm

cua ham sO y = cos3x +cos5x.

B. T =3m.

cia ham sb y = 300s(2x+1)—251n[§—3].

B. T=4r

clia ham sb y = sin[Zx —|—§] +2cos[3x —g]

B. T=nm

Tim chu ki 7 ctia ham sd y = tan3rx.

A.T=",
3

B.7-2
3

”—t+5]+12.
8 4
C. =15 (gio). D. r=16 (gio).
C. y=xcosx. D yzsm—x.
x
) 1
C. y=x"cosx. D. y=— .
sin2x
c.r==I. D. T=".
2 8
(9]
<
-
ml
C.T=-2m D.T=nrn z’
gl
2
T
o)
- (=
C.T=—. D. T =200x°. :
50 &
w
S
w
w
N
=
w
- w
C. T=2nm D.T==.
2
C. T=2nm D. T =5nr.
C.T=6n D.T=nrn
C. T=3n. D. T =4nr.
c.r=2". p.7-1
3 3

Ban word dé va 16i giai vui long 1h Zalo: 0834332133



(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Tim chu ki 7 ctia ham s& y =tan3x +cot x.

A. T =4r. B.T=r C. T=3m D. T:%.

\ \ , \ A X .
Tim chu ki T cia ham so y= cot§+sm 2x.

A. T =4r. B.T=r. C. T=3m D.ng.

Tim chu ki 7 ctia ham sé y = sin%—tan[Zx—l—%].
A. T =4r. B. T=n. C. T=3n. D. T =2r.

Tim chu ki 7 ctia ham sd y = 2cos® x +2017.
A. T =3m. B. T =2n7. C.T=m. D. T =4nr.

Tim chu ki 7 ctia ham sd y = 2sin x + 3cos? 3x.

A. T=n. B. T =2r. C. T=3n D.T:%.

Tim chu ki 7 ctia ham s0 y = tan 3x —cos® 2x.

A T=m B.T=_. c.t==I. D. T=2rx
3 2
Ham sd nao sau day c6 chu ki khac « ?

A. y:sin[%—Zx]. B. y:cosz[x+%]. C. y=tan(-2x+1). D. y=cosxsinx. o)
: 3
Ham s6 nao sau day co6 chu ki khac 27 ? >
A. y=cos’x. B. y=sinXcos>. C. y=sin’(x+2). D. y=cos’|Z+1|. 2
2 2 2 %
. . o
Hai ham s0 nao sau day c6 chu ki khac nhau? Iq
s . N o
A. y=cosx va y:cot%. B. y=sinx va y=tan2x. %o
&
Xy x \ %
C. y=sin> va y=cos—. D. y=tan2x va y=cot2x. N
w
w

D6 thi ham sb y = cos[x —g duoc suy tir dd thi (C) clia ham s y = cosx bang cach:

A. Tinh tién (C) qua tréi mot doan c6 d6 dai la g

B. Tinh tién (C) qua phai mot doan c6 d6 dai la %

C. Tinh tién () 1én trén mot doan c6 do dai 1a %

D. Tinh tién () xudng dudi mot doan c6 do dai la %

D6 thi ham s6 y =sinx dugc suy tir d6 thi (C) cta ham s6 y = cosx bang cach:
A. Tinh tién (C) qua trdi mot doan c6 d6 dai la g

B. Tinh tién (C) qua phai mot doan c6 do dai la g
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C. Tinh tién (C) 1én trén mot doan c6 d6 dai la g
D. Tinh tién () xudng duéi mot doan c6 d6 dai la g
CAu 76: DO thi ham sd y=sinx dugc suy tir dd thi (C) cta ham $6 y=cosx+1 béng cach:
A. Tinh tién (C) qua trai mot doan c6 d6 dai la % va Ién trén 1 don vi.
B. Tinh tién (C) qua phai mot doan c6 do dai 1a % va lén trén 1 don vi.
C. Tinh tién (C) qua trai mot doan c6 d6 dai la g va xubng duéi 1 don vi.
D. Tinh tién (C) qua phai m¢t doan c6 d¢ dai la g va xudng dudi 1 don vi.

Céu 77: Pudng cong trong hinh dudi ddy 1a do thi ciia mot ham sb trong bon ham sé duoc liét ké & bn
phuong 4n A, B, C, D

AV
1 X
| | | | | | =
a T kg T
T 2 2
S
Hoi ham sb d6 1a ham sb nao?
A. y=1+sin2x. B. y=cosx. C. y=—sinux. D. y=—cosx. ’

Ciu 78: Duong cong trong hinh duéi day 1a d6 thi ciia mot ham sé trong bén ham sb dugc liét ké & bon
phuong 4n A, B, C, D

€ETCEEYEBD — NI HNIG NVYL ‘:AD

AV

1__
\I X
_4 T _3|Tr T 2Tr T __In_ T O T 1lr T T 3_In_ T 4#\ Cal

_1 —_

Hoi ham s6 d6 14 ham s6 nao?
A. y=sinZ. B. y=cos>. C. y=—cos>. D. y=sin|—2|
y =8y I =0 7 4 7 2

Ciu 79: Duong cong trong hinh duéi day 1a d6 thi ciia mot ham sé trong bén ham sb duogc liét ké & bon
phuong an A, B, C,D
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AV
X
f f f f f f I | f f f —»
31 T -Tm; o s 21 T
—14
Hoi ham sé d6 1a ham sb nao?
2 .2 .
A. y:cos%. B. yzsm?x. C. y:cos%c. D. y:sm:%x.

Céu 80: Duong cong trong hinh dudi dy 1a do thi cia mot ham sb trong bén ham sé duoc liét ké & bon
phuong &n A, B, C, D

A
1-1

2

o
2
-4

Héi ham s6 @6 1a ham so nao?

A. y=sin . D. y:cos[x—%].

7. B. y:cos[x—i—%r]. C. y=2sin

r—=
4

x—i—z
4

Céu 81: Pudng cong trong hinh dudi day 1a d thi ciia mot ham s6 trong bon ham sé duoc liét ké & bon
phuong an A, B, C, D

€ETCEEYEBD — NI HNIG NVYL ‘:AD

AV
44
X
I I I I I I I I I I
T T T T T T T T T T T }
T —T b 0] T T arr 21"r\.
2 2 T 2 2
—
Héi ham s6 @6 1a ham so nao?
A. y=sinx. B. y=|sinx]. C. y=sin|x|. D. y=—sinx.

Céu 82: Pudng cong trong hinh dudi day 1a d thi cia mot ham s6 trong bon ham sé duoc liét ké & bon
phuong an A, B, C, D
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Hoi ham s6 d6 1a ham s6 nao?
A. y=cosx. B. y=—cosx C. y=coslx|. D. y=|cosx|.

Céu 83: Pudng cong trong hinh dudi ddy 1a do thi ciia mot ham sb trong bon ham sé duoc liét ké & bon
phuong 4n A, B,C, D

Hé1 ham s6 @6 1a ham so nao?

A. y=|sinx|. B. y=sin|x|. C. y=cos|x|. D. y=|cosx].

Céu 84: Pudng cong trong hinh dudi day 1a d thi ciia mot ham s6 trong bon ham sé duoc liét ké & bon
phuong én A, B, C, D

€ETCEEYEBD — NI HNIG NVYL ‘:AD

AY
3
2
1
x
- T 0 T T g
2 2
Hoi ham sé d6 1a ham sb nao?
A. y=tanx. B. y=cotx. C. y=|tanx|. D. y=|cotx|.

Ciu 85: .Puodng cong trong hinh dudi dy 1a dd thi cia mot ham s trong bén ham sé duogc liét ké ¢
boén phuong an A, B, C, D
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—3 -2 —T J T ) 37 x
. - >
1
-2
Hoi ham sé d6 14 ham s nao?
A. y=sin x—Z|-1. B. y:Zsin[x—g]. C. y:—sin[x—g]—l. D. y:sin[x+g]+l.

Céu 86: Duong cong trong hinh dudi day 13 do thi cia mot ham sb trong bén ham sé duoc liét ké & bon
phuong an A, B, C, D

AY
2
1
X
AN - + + + + + =
—3r —2r -m 0 ™ 7 3
Hoéi ham s6 d6 1a ham s6 nao?
A. y=1+sin|x|. B. y=|sinx|. C. y=1+|cosx|. D. y=1+[sinx|. 2
A \ 1 1 3A \ A : o A \ A A \ A ‘A A 2 A :|
Cau 87: Duong cong trong hinh dudi day la d6 thi cia mgdt ham s6 trong bon ham s6 dugc li¢t ké & bon B,
phuong an A, B, C,D 5
Ef
Ay T
(@]
1 G
[
(=}
o]
w
S
&
> N
=2 - 0 m 2 - e
Hoi ham s6 d6 1a ham s6 nao?
A. y=1+sin|x|. B. y=|sinx|. C. y=1+|cosx|. D. y=1+][sinx|.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu cdu sé hivu tron bé file word Bai gidng Todn 9,10 11,12 va bé dé kiém tra két thiic
chuyén deé, giira ki, cudi ki co loi gidi chi tiét cia Thdy gido, Tdc gida Trdn Pinh Cw vui long lién hé
zalo Trdn Pinh Cw: 0834 332 133 dé dwo'c hé tro’ téi da. Ung hé chinh chit dé dworc bdo hanh va nhiéu
wu ddi khdc

Tranh mua cdc trang va cda nhdn khdc
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BAI 4: PHUONG TRINH LUQNG GIAC CO BAN
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. PHUONG TRINH TUONG DUONG
Phuong trinh véi an x c6 dang f(x)=g(x)(1), trong d6 vé trai f(x) va vé phai g(x) 1a hai biéu
thirc ctia cing mot bién x . Khi giai phuong trinh (1), ta can luu ¥ toi diéu kién d6i voi an sé x dé
f(x) va g(x) c6 nghia (trc 1a moi phép toan déu thuc hién dugc). D6 1a diéu kién xdc dinh ciia
phuong trinh (hay goi tat 13 diéu kién ciia phuong trinh).
-Trong trudng hop téng quét, ta co dinh nghia sau:
Hai phuong trinh (cung an) duoc goi la tuong duong néu chung c6 cung tap nghiém.
Néu phuong trinh f;(x) =g, (x) twong duong véi phuong trinh £, (x)=g, (x) thi ta viét
h(x)=g(x)= f(x)=g(x)
-Dinh li sau ddy néu 1én mot s6 phép bién ddi twong dwong thuong sir dung:
Neéu thuc hién cac phép bién doi sau day trén mot phuong trinh ma khong lam thay doi di€u kién cua
nd thi ta dugc mot phgong trinh méi tlg:ong duong. "
a) Cong hay trur hai vé vdi cung mdt so hoac cung mdt bicu thuc;
b) Nhan hodc chia hai vé vdi cung mdt s6 khac 0 hoac véi cung mot bi€u thirc ludn cé gia tri khac 0 .
II. PHUONG TRINH sin x =m
Trong trudng hop tong quat, ta co thé giai phwong trinh sinx = m nhu sau:

Vi |m| > 1, phuong trinh sinx =m v nghiém.

) ) C oz R T ) . ,
Voi |m| <1, goi a la so thuc thudc doan [—5,5} sao cho sina =m . Khi d06, ta co:

x=a+k2r

sin.x:m@sin.xzsina@[ (keZ).

x=r—-a+k2x
Chu y

a) Ta c6 mot $6 treong hop dac biét sau ciia phuong trinh sinx=m :

sinx:1<:>x:§+k27r(keZ)

EETCEEYESBD — NI HNIG NVYL :AD

sinx:—1<:>x:—%+k27z(keZ)

x=k2xm

{:}x:kﬂ(keZ).
x=rw+k2x

sinx:OC{
f(x)zg(x)+k27z
f(x)=n—g(x)+k2x

¢) Néu x 1a goc luong giac c6 don vi do 1a do thi ta co thé tim goc lugng giadc x sao cho sinx = sina
nhu sau:

b) Ta co sinf(x)zsing(x)c{ (keZ)

o

x=a’+k360°

(keZ).
x=180° —a’ + k360°

sinx = sina’ < [

III. PHUONG TRINH cosx=m

Trong trudng hop tong quat, ta co thé giai phuong trinh cosx = m nhu sau:
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Voi |m| >1, phuong trinh cosx =m vO0 nghi¢m.
Véi [m|<1, goi & 1a s6 thuc thudc doan [0;7] sao cho cosa =m . Khi do, ta co:

x=a+k2rx

cosx=m<:>cosx:cosa<:{ (keZ).

x=—a+k2rx
Chu y
a) Ta c6 mot sd trudng hop dic biét sau cia phuong trinh cosx =m :

cosx=1ox=k2z(keZ)

cosx=-l<x=n+k2rn(kel)

cosx:O<:>x:%+k7r(keZ)

f(x) = g(x) + k27
f(x) = —g(x) + k27
¢) Néu x 1a goc luong giac c6 don vi do 13 d thi ta co thé tim goc luong gidc x sao cho
x=a +k360°
x=-a +k360°

b) Ta c6 cosf(x)=cosg(x)©{ (kez).

cosx = cosa’ nhu sau: cosx = cosa’ < { (keZ).

IV. PHUONG TRINH tanx=m
Trong trudng hop tong quat, ta co cach giai phuong trinh tan x = m nhu sau:

. . X ~ 5 T T s as . ,
Goi «a 1a so thyc thudc khoang (_E’EJ sao cho tan a =m . Khi d6 voimoi me R, ta co:

tanx = m < tanx = tana < x=a +kz(keZ).

Chu y:

Néu x 1a goc lwong giac co don vi do 1a d6 thi ta co thé tim goc lugng giac x sao cho tanx = tana”
nhu sau:

tanx = tana” < x =a’ + k180° (k € Z)

EETCEEYESBD — NI HNIG NVYL :AD

V. PHUONG TRINH cotx=m

Trong trudng hop tdng quat, ta co cach giai phuong trinh cot x = m nhu sau:

Goi « 1a sb thuc thudce khoang (0;72') sao cho cota =m . Khi 36 voi moi me R, ta co:
cotx =m < cotx = cota < x=a +kx(k e Z).

Chu y:

Néu x 1a goc luong giac co don vi do 1a d6 thi ta c6 thé tim goc lugng giac x sao cho cotx = cota’
nhu sau:

cotx =cota’ < x =a’ +k180° (k e Z).

VI GIAI PHUONG TRINH LUQNG GIAC CO BAN BANG MAY TiNH CAM TAY
C6 thé sir dung may tinh cam tay (MTCT) dé giai cac phuong trinh luong giac co ban.

Chu y

bé giai phuong trinh cotx = a(a # 0) bang MTCT, ta dua vé giai phwong trinh tanx =—.
a
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B. CAC Vi DU REN LUYEN Ki NANG
Vi du 1. Giai cac phuong trinh

a) cos(zxﬂj:o; b) cos(4x—5j=1; ¢) cos(ﬁ_xj:_l;
6 3 5

. ) (X _om)_ . [ _ 1.
d) s1n(3x+§J—O e) s1n(2 4} 1; f)sm[6+2xj 1;

Vi du 2. Giai phuong trinh

a) sin3x 1 (1) ; b)cos2x = L (2)
2 2
X T
c) tan§=2 (3); d) cot(2x+zj=\/§ (4)
Vi du 3. Giai phuong trinh
a) sin4x=sin(x +§) ; b) cotg(x+300)=cotg§.
c) cos® x = \/§4+ 2 ; d) sin2x =cos3x.

Vi du 4. Tim m dé phuong trinh V2 sin(x +§j =m c6 nghiém x e (0;%)

Vidu 5. Giai cac phuong trinh sau:

a) cot4x=cot27n; b) cot3x=-2; C) cot(2x— 100)=i-

&

Vi du 6. Giai phuong trinh
a) sin2x —sin2xcosx =0 (1); b) sinxcos2x =sin2xcos3x (2).

C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Giai phuong trinh:

€ETCEEYEBD — NI HNIG NVYL ‘:AD

a) sin 2x-2 :—ﬁ; b) sin 3+ _ 1 C) cos Lz _N3

3 2 4 2 2 4 2
d) 2cos3x+5=3; e) 3tanx:—x/§; g) cotx—3:\/§(1—cotx).
Bai 2. Giai phuong trinh:
a) sin (2x + %) = sinx b) sin2x = cos3x; ¢) cos’2x = cos’ (x + %j
Bai 3. Dung do thi ham s6 y =sinx, y = cosx dé xac dinh s6 nghiém cta phuong trinh:
a) 3sinx+2 =0 trén khoang —5—”;5—” .

22

b) cosx =0. trén doan [—57”,57”}
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Bai 4. S6 gio co anh sang mit troi cuia mot thanh phd 4 & vi d640° Bic trong ngdy thtr ¢ ctia mot nim
khong nhuén dugc cho bdi ham )

d(t)=3sin{%(t—80)}+12véri teZ va 0<t<365

(Nguon: Pai s6 va Gidi tich 11 Nang cao, NXBGD Viét Nam, 2020)

a) Thanh phé A c6 dung 12 gid c6 anh s;ing mat trdi vao ngdy nao trong nam?

b) Vao ngay nao trong ndm thi thanh ph(f) A c6 dung 9 gio cd anh sdng mat troi?

¢) Vao ngay nao trong nam thi thanh phd A4 c¢6 dung 15 gio c¢6 anh sdng mat troi?

Bai 5. Hoi Lim (tinh Bic Ninh) dugc t6 chirc vao mua xudn thudng co trd choi danh du. Khi ngudi
choi du nhun déu, cay du s€ dua nguoi choi du dao dong quanh vi tri can bang (Hinh 39). Nghién ctru
trd choi ny, nguoi ta thdy khoang cach h( m) tir vi tri nguoi choi du dén vi tri can bang duoc biéu
dién qua thoi gian t( s) (voi t20 ) boi hé thue /= ‘d‘ voi d =3cos [%(Zt—l)] trong d6 ta quy
wéc d >0 khi vi tri cAn bang & phia sau lung ngudi choi du va d <0 trong trudng hop nguoc lai
(Nguon: Pai sé va Gidi tich 11 Nang cao, NXBGD Viét Nam, 2020). Vo thoi gian ¢ nao thi khoang
cach hla 3 m;0m ?

Hinh 39

D. BAI TAP TRAC NGHIEM

EETCEEYESBD — NI HNIG NVYL :AD

Caul: Nghiém cuia phuong trinh sinx =1 la:
A x=-Z+kor. B. x=2+kr. C.x=kr. D. x=2+k27.
2 2 2
Cau 2: Nghiém ctia phuong trinh sin x =—11a:
A.xz—g-i-k;z. B. x=—Z+k2rx. C.x=krm. D.x:%r+k7z.
Cau 3: Nghiém cua phuong trinh sin x = % la:
Ax=21kor . B. x="+kx. C.x=krm. D. x="+k2zx.
3 6 6
Cau4:  Nghiém cua phuong trinh cosx =11a:
A. x=kr. B.x=%+k2ﬁ. C.x=k2r. D.x=%+k7[.
Cau s: Nghiém cua phuong trinh cosx =—11a:
A. x=r+kr. B.x=—%+k27r. C.x=r+k2r. D.x=37ﬂ+k7r.
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Cau 6: Nghiém ctia phuong trinh cosx = % la:

A. x:i%+k27r. B. x:i%+k27r.

Cau7:  Nghiém cua phuong trinh cosx = —% la:

A. x=i%+k27[. B. x=i%+k27z.

Cau 8:  Nghiém cua phuong trinh V+3tanx =0 la:

A.x=£+k7z. B.x:£+k27r.
3 2

Cau9:  Nghiém ctua phuong trinh cotx +3= 0 la:

A.x:£+k27r. B.x=£+k7r.
3 6

Cau 10:  Nghiém cua phuong trinh sinx = —% la:

A x=24k2r . B. x=—ZX +k2r.
3 6

Cau 11:  Tap nghiém cua phuong trinh sin2x =sinx la

A. S= {k2n;§+k2n|k S Z}.

C. S:{k2n;—§+k2n|k ez}.

Cau 12:

Ax=FikEx= "k ken.
8 2 24 2

C.x=kmx=rn+k2r,kelZ.

Cau 13:  Phuong trinh sin2x =cosx ¢6 nghiém la

7 krx
X="4—

6 3

A. (keZ).

x=£+k27z
L 2
x=£+k27z
(keZ).
T
x=—+k27
2

Cau 14:  Giai phuong trinh v/3 tan2x—3=0.

A x=24kZ (kez).
3072

C.x=i£+k2ﬂ'. D
4

C. x:izTﬂ+k27r. D.

C.x=—Z+kr. D.
6

C.x=—Zkr. D.
6

C. x:%+k27z. D.

B n k2n

. x:i%+k27r.

x=t—+kn
xX=—+krx
x=-Ztkr.
3
x:5—ﬂ+k27z.
6

. S={k2n;—+—|k EZ}.
3 3

D. S={k2mn+k2nlk e Z}.

Nghiém cua phuong trinh 2sin [4x - %) -1=01a

B. x:£+k27r;x:7—7[+k27z,keZ.
8 24

D. x:£+k7r;x=;—3+kﬂ,keZ.

8

i Tk
X=—+—

B.| ©® 3 (rezm).
x=£+k27z
L 3
i T 27
X=—4—

.| ¢ 3 (kenm).
x:£+k2ﬂ'
L 2

B. x=%+kﬂ' (keZ).
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

C.x:£+k£(keZ). D.x=£+k7[(keZ).
6 2 6
. 3 .. A1
Phuong trinh cosx = Y co tap nghiém la
A. {x:i%+kﬂ';keZ}. B. {x=i%+k27r;keZ}.
C. {x:i%+k7z;keZ}. D. {xzi%+k27z;keZ}.
Phuong trinh 2cosx—1=0 c6 mot nghiém la
A.x=£. B.x=2—7z. C.x=£. D.x=5—”.
6 3 3 6
Biéu dién ho nghiém cua phuong trinh sin2x =1 trén duong tron don vi ta dugc bao nhiéu

diém?

A. 1. B. 8. C. 4. D. 2.
Phuong trinh sinx =sina c¢6 nghiém la
A. x:a+k7r,x:7r—a+k7r(keZ). B. x:a+k27r,x:—a+k27r(keZ).
C. x=a+k27r,x=7r—a+k27r(keZ). D. x=a+k7r,x=—a+kzr(keZ).
. 2 . A 1a
Phuong trinh cosx:—T c6 tap nghiém la o
<
T . o |
A x=xt—+k2m;keZ;. B. x:i—+k7r;keZ}. o
3 4 2
3 gl
Cdx=+Z+k2mkel}. D.{x=t+Z1kmkeZ}. =
4 3 o
c
o
%
Tap nghiém cua phuong trinh 2sin2x+1=0 la a5
w
AS=1-Tin " L knker! B.S=1-Zk2n E i kom kel 0
12 12 6 12 w
C.S=1-" ik " skomker!. D.S=-Ziin, Eskn kel
12 12 6 12
Nghiém ctia phuong trinh cos® x =0 1a:
A.x=£+k7z. B.X=i£+k27[. C.x=£+k.£. D.x=—£+k2fz.
2 2 4 2 2
Vi gia tri nao cia m thi phuong trinh sinx—m =1 ¢ nghiém la:
A.0<m<1. B. m<0. C.m=>1. D. 2<m<0.
Phuong trinh lugng gidc 3cotx—~/3=0 c6 nghiém la:
A. x=%+k7r. B. X=§+kﬂ'. C. x=%+k27z. D. V6 nghiém.
Phuong trinh lugng giac 2cosx++/2=0 co nghiém la:
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

x:£+k27z x:3—7[+k27r x=5—7r+k27r
A. ; . B ‘g .G .
x:—ﬁ+k27r x:i+k27z x=i+k2ﬂ'
Phuong trinh lugng gidc V3tanx-3=0 c6 nghiém la:
A.X=£+k7l’. B.X=—£+k2ﬂ'. C.x=£+k7r.
3 3 6
Phuong trinh cosx —m =0 v0 nghiém khi m la:

B. m>1. C.-1<m<1.

{m <-1

A. .

m>1
Nghiém cua phuong trinh sin2x =1 la.

x=£+k27r x=£+k7r x=£+k27r

A 2 B. 4 C.
Gia tri dac biét nao sau day la dung

A. cosx¢1<:>x¢§+k7z.
T
C. cosx¢—1c>x¢—5+k27r.

Phuong trinh lugng giac: cos3x =cos12’ ¢6 nghiém la:

x=i£+k2—”. C. x=ﬂ+k2—ﬁ.
45 3 45 3

A x=+Z4+k2z.  B.
15
e \ . X . T
Gidi phuong trinh luong giac: 2cos5 +/3=0 ¢b nghiém la:

A. x:is?ﬂ+k27z. B. X=i%+k2ﬂ'. C. x:i%+k47r.

Nghiém dac biét nao sau day la sai

A. sinx:—1<:>x:—%+k27z.
C.sinx=0 x=k2rx.

Phuong trinh lugng gidc: VBtanx+3=0 co nghiém la:

A x=Ztkr. B. x=—Z+k2r. C.x=Z+kr.
3 3 6
Trong cac phuong trinh sau phuong trinh nao vé nghiém?
A. tanx =2018 B.sinx=7x C cosx=M
2018

Tap nghiém cua phuong trinh sin x =sin30° 1a
A. S={30°+k2x |k eZ} U {150°+k2x |k € Z}.

B. S:{J_r30°+k27r|keZ}.

B.sinx=0< x=kr.

B. cosx¢0<:>x¢§+k7r.

D. cosx¢0<:>x¢%+k27z.

X=£+k2ﬂ'
p.| *
x:1+k2ﬂ'
D. x=—£+k7z.
3
D. m<-1.
kx
xX=—
D. 2
_ k2r
45 3

D. x=i5?7r+k47z.

D. sinx:1<:>x:§+k27z.

D. x:—z+k7r.
3

D. sinx+cosx=x/§

EETCEEYESBD — NI HNIG NVYL :AD
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Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

C. §={+30°+k360° |k €Z} .
D. S ={30°+360°| k e Z} U {150°+360° | k € Z} .

Phuong trinh cosx =1 c6 nghi¢m la

A. x=k2r.

B. x=£+k7[.
2

Tim tat ca cac gia tri thuc cua tham s6 m dé phuong trinh sinx =m c¢6 nghiém.

A. m<1.

B.m>-1.

Tim tit ca cac gia tri thuc ciia tham sé m dé phwong trinh cosx—m =0 v6 nghiém.
A. me(—o;—1)U(l;+x).

C. me[-11].

Nghiém ctua phuong trinh sinx =1 1a

A. —%+k7z, keZ.

C.x=kr. D.x:%+k2iz.
C. -1<m<1. D. m<-1.

B. me(1;+0).

D. m e (—o0;-1).

B.§+lm, keZ. C. —%+k2ﬂ', keZ. D.§+k27z, keZ.

Tong tat ca cdc nghiém cua phuong trinh cos(sinx)=1 trén [0;27] bang:

A. 0.

B. 7.

C.2rx. D. 3rx.
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ON TAP CUOI CHUONG 1
GIAI BAI TAP SACH GIAO KHOA
PHAN 1: TRAC NGHIEM

Caul: Hamsb y = sinx dong bién trén khoang:
3
A. (G7). B.| 2,2 c.|-Z.Z]. D. (-;0).
22 2 2

Cau2: Ham sb nghich bién trén khoang (7;27) la:

A. y =sinx. B. y=cosx. C. y=tanx. D. y=cotx.
Cau3: Néu tan(a+b)=3,tan(a—b)=-3 thi tan2a bing:
A. 0. B. 2. C.1. p. -3
5 4
A A 1 1 M
Cau4: Ncu cosa :Z thi cos2a bang:
AL, B._ L. c. b p. B
8 8 16 16
A z 3, 4 X
Cau5: Néu cosa = 3V cosh = -3 thi cos(a+b)cos(a—b) bang:
A. 0. B. 2. C.4. D.5
R N AT AT o
Ciu 6: Neéu sing=——— thi sin| a+— |+sin| a—— | bang: <
3 4 4 —
s
AL B. L. c.-2. p. - L. =
3 3 3 3 E
Cau7: S nghiém cua phuong trinh cosx =0 trén doan [O; 107[] la: e
A.S. B. 9. C. 10. D. 11 S
w
Cau8: SO nghiém cia phuong trinh sinx =0 trén doan [0;107[] la: §
N
A. 10. B. 6. C.5. D. 11. m

Cau 9: Phuong trinh cotx = —1 ¢ nghiém la:

A.—%+k7z(keZ). B.%um(kez). C.%+k27r(keZ) D.—%+k27r(keZ).

Céu 10: S nghiém cua phuong trinh sin(x +%) = g trén doan [O; 7[] la:

A. 4. B. 1. C.2. D.3.
PHAN 2: TU LUAN

Bai 11. V& do thi ham sb y=cosx trén doan {—57”,577[} roi x4c dinh s6 nghi¢m cua phuong trinh

3cosx+ 2 =0 trén doan do.

Bai 12. Gidi cac phuong trinh sau:
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a) sin(2x—%j = —ﬁ

2

b) cos 3—x+Z :l
2 4) 2

¢) sin3x—cos5x=0

d) cos® x 1
4

e) sinx —~/3 cosx =0
f) sinx+cosx=0

Bai 13. Hang ngay, muc nudc cia mot con kénh 1én xudng theo thay tridu. D6 sdu h (m) cua muc
nuoc trong kénh tinh theo thoi gian t (gi0) trong mot ngay (0 <t <24) cho boi cong thirc

h :3005(%+1j+12. Tim t dé d6 siu ctia muc nude 1a
a) 15m

b) 9m
¢) 10,5m

\ s g S . R
Bai 14. M{t cay cau c6 dang cung OA cua do thi ham s6 y = 4,8sm§ va dugc mo ta trong hé truc
toa do voi don vi truc 1a mét nhu & Hinh 40.

v A

0 A X
Hinh 40
a) Gia sir chiéu rong cta con song 13 d6 dai doan thang OA. Tim chiéu rong d6 (Lam tron két qua dén
hang phan mudi)

1
€ETCEEYEBD — NI HNIG NVYL ‘:AD

b) Mét sa lan cho khdi hang hoa dugc xép thanh hinh hop chir nhat véi do cao 3,6m so véi myc nudc
song sao cho sa lan co thé di qua dugce gam cau. Chimg minh rang chidu rong cia khéi hang hoa dé
phai nho hon 13,1m.

¢) Mot sa lan khac ciing chd khéi hang hoa duoc xép thanh hinh hop chit nhat véi chidu rong cua
khéi hang héa d6 1a 9m sao cho sa lan c6 thé di qua duoc gam cau. Ching minh riang chiéu cao cua
khdi hang hoa d6 phai nho hon 4,3m
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BAI TAP TONG ON CHUONG 1
PHAN 1: TRAC NGHIEM

Caul: Cung co sd do250° thi co sd do theo don vi 1a radian 1a
A 257 B 257 257 D 357

12 18 9 18
Cau2: Néumot cung tron co sd do bang radian 1a 577[ thi s6 do bang do ca cung tron d6 1a
A. 172°. B. 15°. C. 225°. D. 5°.

Cau 3: Mot cung tron co do dai bang ban kinh. Khi d6 sb do bang radian ctia cung tron d6 1a
A. 1. B. 7. C.2. D. 3.
Cau 4: Trén dudng tron ban kinh bang 4, cung c6 s6 do % thi c6 d¢ dai la
Az B. 2. cZ. p. Z.
3 16 2
Cau5: Trén duong tron ban kinh R =6, cung 60° c6 do dai bang bao nhiéu?
A.l:%. B. /=4r. C.l=2x. D./=rx.

Cau 6:  Trén dudng tron lugng gidc, diém M théa man (Ox,OM )=500° thi ndm & gbc phan tu thi
A T. B. II. C. II. D. IV.
Cau 7: Banh xe cua nguoi di xe dap quay dugc 2 vong trong 5 gidy. Hoi trong 1 gidy, banh xe quay

dugc mot goc bao nhiéu do?
A. 144°. B. 288°. C. 36°. D. 72°.

Cau 8: Cho goc o théaman 27 <a < 577[ Khang dinh nao sau day sai?

A. tana <0. B. cota >0. C.sina>0. D. cosa>0.

EETCEEYESBD — NI HNIG NVYL :AD

Cau9: Cho biét tana = % Tinh cote .

A. cota:%. B. cota:\/z. C.cota=2. D. cota:%.

Céu 10: Tim khéng dinh sai trong cac khing dinh sau day?
A. tan45° < tan 60°. B. cos45°<sin45°. C. sin60°<sin80°. D. cos35°>cosl0°.

Cau 11: Cho sina:% vil1 %<a<7r.Tinh cosa.

22 242

A. cosazT. B. cosa=—T. C. cosa=—. D. cosa=-

Cau 12: Cho sina:% va (90°<a <180°%) Tiph cosa

A. cosa=—%. B. cosa=—%. C. cosa=—. D. cosa=—.
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Céu 13: Véi moi gbc a va sb nguyén k , chon déing thirc sai?

A. sin(a+k27)=sina.

C. tan(a+kr)=tana.

Céu 14: Chon khing dinh ding?
A. tan(7—a)=tana.

C. cot(z—a)=cota.

B. cos(a+kz)=cosa.

D. cot(a—kr)=cota.

B. sin(z—a)=-sina.

D. cos(7—a)=—cosa.

Cau 15: Biéu thitc A =cos’ 10°+cos” 20°+...+cos> 180° ¢6 gia tri bang

A. 4=9. B. A=3.

Céu 16: Trong tam giac ABC, ding thirc nao dudi ddy ludn dung?

A. sin(A+B)=cosC.

C. tan 4 =cot(3+%).

C. A=12. D. 4=6.
B. cosA=sinB.
D. cosA+B :sing.

2

Cau17: Cho 4, B, C 1a 3 goc cia mot tam gide. Dat M =cos(24+B+C) thi:

A. M =—cos 4. B. M =cos 4.

Cau 18: Biéu thic sin(a +%j duoc viét lai

A. sin(a+£j=sina+l.
6 2

C. sin a+£ zﬁsina-lcosa.D. sin a+z
6 2 6

2

Céu 19: Khang dinh nao dudi day sai?
A. cos2a=2cosa—1.
C. sin(a+b)=sinacosb+sinbcosa.

Cau 20: Cho sina:%.Khi do6, cos2a bang

AL B Y7
8 4
Cau21: Bidu thye SMLO°Fsin20 4o o
c0s10°+ cos20°
A. tan10°+tan20°. B. tan30°.

B. sin(a+£j :lsina-ﬁcosa.
6 2 2

C. M =sind. D. M =—sinA4.

B

—sina+5cosa )

B. 2sin‘a=1-cos2a.

D. sin2a =2sinacosa.

EETCEEYESBD — NI HNIG NVYL :AD

c. V7. . L
4 8
C. cot1l0°+cot20°. D. tanl5°.

Céu 22: Tép xéac dinh ctia ham sd y = tan(Zx—%j la:

A. R\{S—”+k5}, kel 7
12 2

C. R\{S—ﬁ+k1}, kelZ.
6 2

Céau 23: Hamsb y=sin2x c6 chuky la

B. R\{—+k7z}, kelZ.
12

D. R\{%"’kﬂ}, keZ.
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A.T=2r. B.Tz%. C.T=r. D.T=4r.

Céu 24: Khang dinh nao dudi déy 1a sai?
A.Ham sé y =cosx 1a ham s6 1é. B. Him s6 y = cotx 13 ham sb 1¢é.

C.Ham s0 y=sinx lahamso 1é. D. Ham s6 y =tanx 1a ham so 1¢.

Cau 25: Phuong trinh lugng giac 2cotx ~J3=0¢o nghiém la:

x:£+k27z 3
A. 6 . B. x=arccot7+kzr.

x:1+k27z

6
C.x:£+k7r. D.X:£+k7r.
6 3

Cau 26: Phuong trinh nao dudi day vo nghiém:
A. sinx+3=0. B. 2cos*x—cosx—1=0..
C. tanx+3=0. D. 3sinx-2=0.

Cau 27: Cho hai phuong trinh cos3x—1=0; cos2x = —% . Tap cac nghiém cua phuong trinh dong thoi

la nghiém cta phuong trinh la

A.x:%+k27r,keZ. B. x=k2z, keZ.

C.x:i%+k27r,keZ D.x:iz?”+k27r,keZ.

Cau 28: Tim s0 do ba goc ciia mot tam giac can biét rang c¢6 so do cua mdt goc 1a nghiém ctua phuong

trinh cos2x = —l .
2

AZEZEEL B lEZZL 227 T
3 66 333 3 66

C. {z,z,z}; zzzl D. {zﬁjz}_
3°'3° 3 4 4 2 3'3°3

Ciu 29: Phuong trinh 2cosx—+/2 =0 ¢6 tAt ca cac nghiém la

x:3—ﬂ-+k27z x=£+k27r
A. 43 kel B.| 4 kel
x:——”+k27r x=—£+k27z
L 4 L 4
i T
x=—+k2x x=—+k27
C ] keZ D. 47 keZ
x="Z ko x:—Tﬂ-+k27z

Cau 30: Phuong trinh 2sinx — J3=0c6 cac nghiém la

€ETCEEYEBD — NI HNIG NVYL ‘:AD
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x=£+k27r x:£+k7r

Al 3 kel B.| 3 kel
x=—Zikor x=-Zikrn
L 3 L 3
X z+k27r X z+k7r

C kel p.| 3 kel
x:2—ﬂ+k27z x—%r+k7r

A.x:§+k7r(keZ). B.x=—%+k27[(keZ).
C.x:%+k27r (keZ). D.x:%+k27r(keZ).

PHAN 2: TU LUAN

2017x

Céu 32: Rt gon biéu thirc § = sin(x+ J+2sin2 (x—ﬂ)+cos(x+20197z)+cos2x

Céu 33: Tim gia tri 16n nhat cta biéu thic sin® x +cos’ x
Y A \ r \ . a X — 1 \ tan o N ‘A
Cau 34: Neéu ¢ la goc nhon va sin—= v thi bang bao nhiéu?
X

Céu 35: Chimg minh biéu thirc sin’ x.tan x +4sin” x —tan” x +3cos’ x khong phu thudc vao x

Cau 36: Cho cac goc o, S thoa man %<a, p<r, sinaz%, cosﬂz—%.Tinh sin(a + f3).

Cau 37: Vi gia tri ndo coa n thi ddng thic sau ludén ding \/%+%\/l+%‘%+%cosx =c0s£,
n

O<x<£.
2

€ETCEEYEBD — NI HNIG NVYL ‘:AD

Ciu 38: Cho AABC c6 cac canh BC=a, AC=b, AB =c thoa min hé thie -+088 _2a+¢ 1o

l-cosB 2a-c’
nhan dang AABC .

NE

Céu 39: S6 nghiém cta phuong trinh sin(2x—40°) = = v6i —180° < x <180° 14 bao nhiéu?
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CHUONG II: DAY SO. CAP SO CONG VA CAP SO NHAN

BAI 1: DAY SO

A. TOM TAT KIEN THUC CO BAN CAN NAM

I. Khai niém

Ta c6 khai niém sau:

-Mbi ham s6 u:{1;2;3;...;m} — ]R(m € N*) duoc goi 12 mot diy sé hitu han. Do mdi sé nguyén duong

k(1<k <m) tuong img véi dling mdt s6 u, nén ta cé thé viét day sb d6 dudi dang khai trién:

Uy Uy Uy, U,
-S6 u, goila s6 hang dau, sb u, goila s6 hang cudi cua day sb do.
Ta c6 khai niém vé ddy sd vo han (goi tit 13 ddy sd) nhu sau:
-Moi ham s6 u:N" > R duogc goi 1a mot diy s vo han. o ,
Do mo6i s0 nguyén duong n twong tmg voi ding mot s6 u, nén ta cé thé viet ddy so do6 dudi dang khai
trién: u,,u,, s, .0, ...
-Day s d6 con dugc viét tat 1a (u, ).
-S6 u, goila s6 hang thir nhat (hay sé hang dau), sb u, goila s6 hang thit hai, ..., $6 u, goila s6 hang
thit n va 13 s6 hang tong quat cta day s6 do.
Chu y:
Diy sb khong di 1a day sb co tat ca cac sb hang déu bang nhau.
II. CACH CHON MOT DAY SO
Ta c6 thé cho diy sb bang mot trong nhitng cach sau:

Liét ké cac sb hang cua diy sd d6 (voi nhitng day sb hiru han va co it s6 hang).
Dién dat bang 10i cach xac dinh mdi sé hang cua day sé do.

Cho cong thirc cia s6 hang tong quat cta diy sé do.

Cho bang phuong phap truy hoi.

III. DAY SO TANG, DAY SO GIAM

- Day sb (u,) duge goi la day sb tang néu u

7. . N*
Ly >u, voimoi ne N .
- Day s6 (u,) dugc goi la day so giam néu u,,, <u, véimoi neN".
Chii y:
Khong phai moi day so déu la dy so tang hay day so giam. Chang han, day s6 (u,) véi

EETCEEYEBD — NI HNIG NVYL :AD

u, =(=1)" c6 dang khai trién: —1,1,~1,1,—1,... khong la ddy s ting, cling khong 1a diy sb giam.
IV. DAY SO BI CHAN

~ A s 1N . 5 A A A . A X yo. . *
Day so (”n) dugc goi 1a bi chan trén néu ton tai mot sO M sao cho u, <M véimoi neN .

~ A s 1N . 5 re A A . A X yo. . *
Day so (”n) dugc goi 1a bi chan dudi néu ton tai mot s6 m saocho u, 2m véimoi neN .

Diy sb (u,) duoc goi 1a b chan néu no vira bi chin trén, vira bi chin dudi; tic 12 ton tai cac sd
m va M saocho m<u, <M véimoi neN .
B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Tim s6 hang cia diy s6

1. Phwong phap
Mot diy sb co thé cho bang:

- Liét ké cac sd hang (chi ding cho cac diy hitu han va c6 it sb hang);
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- Cong thire ciia s6 hang tong quat;

- Phuong phap mo ta;

- Phuong phap truy hoi.

2. Cacvidu

Vi du 1. Cho day s6 ( u, ) xac dinh boi u, = % Tim 5 s6 hang déu tién cua diy so..

Vi du 2. Cho ddy s6 (u, ). tir d6 dy doan u,

a) (un)i{u1:5 ' b) (un):{ s

9
un+1=un+3

Vi du 3. Cho ddy s6 (u, ). tir d6 dy doan u,

. u, =1 ) e
a) (un)'{unﬂ :zun +3 ’ b) (un)‘{unﬂ = \/1+ur21

| Dang 2. Tinh ting giam cia day s6

1. Phuwong phap
e (un) la day s6 ting < up+1 > un, V'n € N*.

Sinii—tn> 0, Vn e N* & S | by e N* (u, > 0).

un

e (uy) la day so giam S Un+1 < Uy VOi ¥n € N*.

u
Stpr1 —uy< 0, Vn e N* & L <1, v e N* (u, > 0).

un
2. Cacvidu
Vi du 1. Xét tinh don diéu cua diy sb sau:
n
a)u, =2n+3 b)unzzn

EETCEEVEBD — NI HNIG NVYL :AD

Vi du 2. Xét tinh don diéu ciia ddy s6 sau:

n y vn+l—n

n®+1 n

a)u, =

Vi du 3. Xét tinh don di¢u ctia diy s6 sau:

a) un:l—2 b) u :n_—l
n n+1

Vi du 4. Xét tinh don diéu cua cac diy sb sau:
2n+1
Sn+2

Vi du 5. Xét tinh don diéu cua diy sb sau:

2n” —1
a) u, =—; b) un=\/n+1—\/;
Ban word dé va 10i giai vui long 1h Zalo: 08343321 33
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Vi du 6. Xét tinh don diéu cuia cac day sb sau:

3n —2n+1 Jn+1-1
ayu, =——— bDu =——
n+1 n

Vi du 7. Xét tinh ting - giam cua diy sb (un) voi u, =

Vi du 8. Xét tinh ting - giam cua day sb (un) vol u, =

Vi du 9. Xét tinh ting - giam cua diy s6 (un) voi u, =—-.

Vi du 10. X¢ét tinh ting - giam cua diy sd (un) Vol u, = \/_ —n-1.

na+?2
n+1

Vi dy 11. Véi gid tri ndo cia a thi day s (u, ), véi u, =

a) la day sb tang.

b) 1a day sb giam

Dang 3. Diy s6 bi chiin

1. Phuwong phap
e (uy) la day s6 bi chan trén< IM € R: u, <M, Y € N*.
e (uy) la ddy s6 bi chan dwéi < Im € R: uy >m, ¥in € N*.
e (uy) la ddy s6 bi chdn < Fm, M € R: m <u, <M, Yh € N*
CH i

+) Trong éc Liéu kién vé bi chdn & tin thi khong nhdt thiét phdi xudt hién ddu ‘=

+) Néu mét day sé tang thi luén bi chan dwdi boi u,; con day s6 giam thi bi chdn trén boi u,.
2. Cacvidu

Vi du 1. Xét tinh bi chin ctia cac ddy so sau:

EETCEEYEBD — NI HNIG NVYL :AD

2
+1 Tn+5
a)u, = " > b) u, = "
2n -3 Sn+7
Vi du 2. Xét tinh bi chin cta cac ddy so sau:
1 1
a)u = b) u =
) Uy 2n* -3 ) n(n+1)
Vi du 3. Xét tinh bi chdn cia cac day s6 sau:
1 -1
8) U, = — b) u, =—-°
2n” -1 n’ +1

Vi du 4. Xét tinh bi chin cta cac ddy so sau:

2n’ 2n* +2n+1
a) u, = by =————.
) u, n?+1 ), n+n+4
Vi du 5. Cho day sé (i, ), v6i u, =+ D
4n+ (-1)"
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a) Tinh 6 s6 hang dau tién cia day, néu nhan xét vé tinh don di€u cta day so.

b) Tinh u,, va u,, . Ching minh rang 0 <u, < Sn+4

dn—-1
Vi du 6. X¢ét tinh bi chan trén, bi chan dudi, bi chan cua cac day ) (u, ) cho boi:

_2n+3 1
n+2 " n(n+1)

a) u,

Vi du 7. Xét tinh bi chin trén, bi chin dudi, bi chin cta cac diy sb (u,) cho bai:

a)u—n2+2n b) u = n
=0 S
ont+n+l "on +2n+n

Vi du 8. Chirng minh ring diy sb u, = n——i_? giam va bi chan.
n+

Vi du 9. Chirng minh ring diy sb u”:L+L+L+...+
1.2 23 34 n(n+1)

tang va bi chan trén.

2

Vi du 10. Chimg minh rang day sb u, = & 2+1

la mot day s6 bi chan.

u, =0
Vi du 11. Chiing minh rﬁng day $b 1
un+1 = Eun + 4

a) Ching minh rang u, <8.

a) Gia str ton tai u, 28 =u, , =2(u, —4)=8

Vi du 12. Chiing minh rang day s6 , 2

a) Tim 5 s0 hang dau tién cua day so

EETCEEYEBD — NI HNIG NVYL :AD

b) Chimg minh rang day sb bi chin dudi bai 1 va bi chin trén boi %

u =2
u,, =Ju,+2

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Viét ndm so6 hang dau ciia moi day so c6 so hang tong quat u, cho bdi cong thirc sau:

Vi du 13. Chimg minh rang diy s { tang va bi chan trén boi 2.

n

a) u, =2n"+1 b) un:ﬂ C)u =— d)

2n—1 " on
u, :(1+lj .
n

Bai 2.a) Goi u, 1a s6 chdm ¢ hang thir » trong Hinh 1. Dy doan cong thirc cta sb hang tong quat cho diy sd

(,)-
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b) Goi v, la tong dién tich ctia cac hinh t6 mau ¢ hang thi » trong Hinh 2 (mdi 6 vudng nho 1a mot don vi
dién tich). Dy dodn cong thirc ctia s6 hang tong quat cho day s6 (v, ).

Hang thit 1 . Hang thie 1 @
Hang thit 2 . . Hang thit 2 BE] BE!
Hingthit3 @ @ @ Hang thit 3

Hinh | Hinh 2

Bai 3. Xét tinh ting, giam cta mdi day s6 (u, ), biét:

n-3
a) u, =
n+2
37[
b)u =
) 2" . n!

o) u, =(=1)"-(2" +1)

Bai 4. Trong céc day s6 (un) duoc xac dinh nhu sau, day s6 nao bi chan dudi, bi chin trén, bi chan?

a)u, =n"+2
b) u, =-2n+1
c)u, = 21 .

n - +n

Bai 5. Cho ddy s6 thuc duong (u, ). Chimg minh rang day s (u, ) 1a ddy sb tang khi va chi khi

L > 1 vé6imoi neN
u

Bai 6. Chi Mai giri tién tiét kiém vao ngén hang theo thé thirc 1i kép nhu sau: Lan dau chi giri 100 triéu
dong. Sau do, cur hét 1 thang chi lai giri thém vao ngan hang 6 triéu dong. Biét 1ai suat cia ngan hang la
0,5% mot thang. Goi P, (tri¢u dong) 1a so tién chi c6 trong ngan hang sau » thang.

a) Tinh s6 tién chi c6 trong ngén hang sau 1 thang.

b) Tinh s0 tién chi c6 trong ngan hang sau 3 thang.

EETCEEVEBD — NI HNIG NVYL :AD

c¢) Dy doan cong thurc cua P, tinh theo n .

D. BAI TAP TRAC NGHIEM
Caul: Chodiysb (un),biét un=_—nl. Nam s6 hang dau tién cua dy sb d6 1an luot 1a nhirng sd nao
n+
dudi day?
12 3. 4.5 g _2..3.4.5_6
273 45 6 374757 6 T
12345 p 2.3.456
2'3°4°5°6 "3’4°5°6°7

Cau2: Cho diy s (un) , biét u, = ”Ll Ba s6 hang déu tién cta diy sé d6 lan luot 1a nhitng sd nao
dudi day?
111

111 3
2’4’8 '

L3 c.L.l.1 Dp. L.
274726 274’16 2
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. (u=—1 . 3 . 3
Cau3: Cho day so (un ) , biét { ! 3Vé’i n > 0. Ba s0 hang dau tién ctia day so6 do la lan luot 1a
un+l = un +
nhitng s6 nao dudi day?
A. —1;2;5. B. 1;4;7. C. 4;7;10. D. -1;3;7.
A ~o A <X 2n® — s 4
Cau4: Cho day so (u,), bict u, =— 3 Tim s0 hang u..
n’ +
A. uszl. B. u5:1—7. C. uS:Z. D. u5=7—1.
4 12 4 39
Cau5: Cho day so (u,), biét u, =(~1)".2n. Ménh dé nao sau day sai?
A, u, =-2. B. u, =4. C. u; =-6. D. u, =-8.
A ~ A < A n 2” \ A
Cau 6:  Cho day so (u, ), bict u, =(-1) — Tim s6 hang u,.
A. u, zg. B. u, =2. C.u,=-2. D. u, :—%
u =2
Cau7: Cho ddy so (u,) x4c dinh boi 1 . Tim s6 hang u,.
u,, = —(un +1
3
5 2 14
A. u4:§. B. u, =1. C. u4:§. D. u4=E.
Q
u, =3 :
Cau8: Cho ddy (u,) xac dinh boi u . Ménh dé nao sau day sai? 2
u,,=—-"+2 2
g‘
=
5 15 31 63 T
Au, =—. B. u,=—. Cou=—. D. u;=—.
270 * T4 ‘T8 * 16 g
]
A ~ A - X n+l 2 8 . 4 Y SR STV @
Cau9: Cho day so (u,), bict u, = UL SO0 — la so hang thir may cua day so6? W
n+ w
w
A.8. B.6. C.5. D.7. B
w
A ~ A - X 2n+5 (7T .. & Y ST
Cau 10: Cho day so6 (u, ), bict u, = 4’ S6 I 1 s0 hang thir may cta day s6?
n —
A. 8. B. 6. C.9. D. 10.
Cau 11: Cho ddy s6 (u, ), biét u, =2". Tim sb hang u,,,.
Aou, =2"2. B.u, =2"+1. C.u,, =2(n+1). D.u, =2"+2.
Céu 12: Cho day s6 (u, ), biét u, =3". Tim sb hang u,, .
A u,  =323"-1. B.u, , =3"3" C.u,  =3"-1. D. u,, , =3""",
Céu 13: Cho day s6 (u, ), v6i u, =5"". Tim s6 hang u, .
A.ou,  =5"" B.u,_ =5" C.u, =55". D.u,  =55"
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) . _1 2n+3 .
Cau 14: Cho day so6 (u,), v6i u, = (n_l) . Tim s0 hang u, .
n+
_ 2(n+1)+3 _ 2(n-1)+3
Aou,, = (n_l . B.u, = (n_l .
n+l1 n+l1
n 2n+3 n 2n+5
C.u,, :( j . D.u,,, :( j .
n+2 n+2
A N S o 1,23 4 . 2 s A
Cau 15: Day s6 c6 cac s6 hang cho boi: O;E;E;Z;g;---. c6 sO hang tong quat la cong thurc nao dudi
day?
— 2 J—
A. un:n_—l—l. B. unzi. C. u”:n—l. D. un:n "
n n+l1 n n+1

Cau 16: Day s6 6 céc s6 hanh cho boi: —1;1;—1;1;—1L;---.¢6 sb hang téng quat l1a cong thirc nao dudi day?
A.u,=1. B. u,=-1. C.u, :(—l)n. D. u, :(—I)HI.

Céu 17: Cho day s co cac s6 hang dau 1a: —2;0;2;4;6;---. S6 hang tong quét cta day sd nay 1a cong thirc
nao dudi day?

A u, =-2n. B.u,=n-2. C.u,=-2(n+1). D. u, =2n-4.

. u =2 . . . .
Cau 18: Cho day so6 (u, ), dugc xac dinh { 1 . SO hang tong quét u, cua ddy so 1a so hang nao

Z’thrl = 2un
dudi day? Q
Aou, =n"". B. u,=2". C.u,=2"" D.u, =2. ;—g
>
) 2
= -_— 14 2 14 14 gl
Ciu 19: Cho day soO (u,), dugc xac dinh [ul 2 . S0 hang tong quat u, cua day so 1a s6 hang nao 2
urH»l = un _2 0
[
dudi day? i
A. u :l+2(n71). B. u :le(nfl). C.u :l—Zn. D. u :l+2n. §
"2 "2 "2 "2 o
~
4 . =2 A 2 , , T w
Ciu 20: Cho day so (u,), dugc xac dinh [ul v S6 hang tong quat », cua day so la sO hang W
un+1 714" =4n—
nao dudi day?
Al u,=2+(n-1). B. u,=2+1n". C.u,=2+(n+1). D. u,=2—(n-1).
A . u =1 A 2 , 0 i~ Aqx A \
Céu 21: Cho day s0 (u,), dugc xac dinh | ' . SO hang tong quat », ctia day so la so hang nao
! U, =u,+n !
dudi day?
A, un:1+n(n+l)(2n+l). B. un:1+n(n—l)(2n+2).
6 6
C. un:1+n(nfl)6(2n—l). D. un:1+n(n+l)6(2n—2).
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u =—2
Ciu 22: Cho day sO (u,), dugc x4c dinh 1 . SO hang tong quat u, cua day so 1a s6 hang nao
ntl _Z_Z
dudi day?
A. n:—n—l—l. B. un:n—H. C. un:—n+l. D.u,=- L
n n n n+1

u =1

Céu 23: Cho diy sb (u,), dugc xac dinh [ e S6 hang tong quat », cua day sb 1a s6 hang

nao duoi day?
Ao u =1+n. B.u =1-n C. un:1+(71)2”. D.u =n

Chu 24: Cho day s6 (u,) c6 sO hang tong quét 1a u, =2(3") véi ne N". Cong thirc truy hdi cua day s6 d6

la:
A =0 . =0 O . p.]a73 .
u,=6u, ,n>1 u,=3u, ,, n>1 u, =3u, ,, n>1 u,=6u, ,,n>1
r al = 3 N
Ciu 25: Cho day s0 (a,), duoc xac dinh 1 . Ménh d¢€ nao sau day sai?
an+1 = Ean’ n 2 1
93 3
A. al+a2+a3+a4+aszg. B. =515
9 3
C. anH—i—an:zn. D. @ =
Céu 26: Cho cac diy sb sau. Dy s6 nao la diy sb ting? 2
111 1 =
AL L L 110 B.l, —; —; ——; —;--- >
2 4 8 16 <
1 1 1 1 2
C.1;3 5 7 9 D. I =5 — =5 —; =
2 4 8 16 0
[
Ciu 27: Trong cac day so (,) cho boi so hang tong quat », sau, ddy so nao la diy so ting? &
00
w
Avu =L B.u =L C.u =1+ D.u =22=1 &
" n 3n+1 n+1 3
=
r r - r r w
Ciu 28: Trong cac ddy so (u,) cho boi s6 hang tong quat », sau, ddy so nao la day so6 tang? w
A. u, :%. B. u, zé. C.u =2" D. u, =(-2)".
3 n
Ciau 29: Trong cac diy sd (u,) cho boi sd hang tong quat », sau, ddy sb nao 1a diy sé giam?
A u, = L .un:3n_1. C.u =n D. u,=n+2.
? n+1
Céu 30: Trong cac diy sb (u,) cho boi s6 hang téng quat », sau, ddy sb nao 1a diy sé giam?
2
A. u, =sinn. B.u =" 1 C.u =n—Jn—1. D. un:(—l)”.(Z”—f—l).
n
Céu 31: Ménh dé nao sau ddy ding?
A.Diy sé u, —1—2 1a day ting. B. Day s u, = (~1)" (2" +1) 1a day giam.
n
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~ A -1 8 o~ ., ~ £ |
C.Dau s0 u, = n+1 la day giam. D. Day sO u, =2n+cos— la ddy tang.
n n

Céu 32: Ménh d nao sau day sai?

A. Diy s u, — I‘T” la ddy giam. B. Diy s u, — 2¢* —51a ddy tang.
n

C.Diysd u, = [1+ la day gidm. D. Diy s6 u, =n+sin’ n1a ddy tang.

Cau 33: Cho diy s6 (u,), biét u, =

: Diy 6 («,) bi chan trén boi s nao dudi day?
n

A. B. 1. C. D. o.

N | —

1
3
Céu 34: Trong cac diy sd (u,) cho boi sd hang téng quat », sau, ddy s nao bi chan trén?

A- u, :nz‘ B. u, =2" C. u, :l D‘ u, = [n_’_l

n
Cau 35: Cho diy s6 (u,), biét u, = cosn+sinn Day s6 (u,) bi chin trén béi sb nao dudi day?
A. 0. B. 1. C. 2. D. Khong bi chan trén.
Cau 36: Cho diy s6 (u,), biét u, = sinn—cosn DAy sd («,) bi chin dudi boi s6 nao dudi day?
A. 0. B. —1. C. 2. D. Khong bi chin dudi.
Cau 37: Cho diy sb (u,), biét u, =3cosn—sinn. DAy sd (u,) bi chin dudi va chin trén 1an lugt boi cac

sO m va M nao duoi day?

A.m=-2; M =2. B.m:—%;M:\/ngl.
C. m=—B+1 M=13-1. D.m:—%;M:%. ’

Cau 38: Cho diy s6 (u,), biét u, = (—1)".5>"**. Ménh dé nio sau day dung?
A. Diy s (
B. Day s (u,

) bi chan trén va khong bi chin dudi.
)

C. Day s6 (u,) bl chan.
(,)

U

n

bi chan dudi va khong bi chan trén.

n

EETCEEYEBD — NI HNIG NVYL :AD

D. Diy s6 (,) khong bi chan.
Ciu39: Cho day sé (u,), V6i 1, :ﬁ—l-%—l-..ﬁ—ﬁ,Vn —1; 2; 3---. Ménh d& ndo sau day ding?
A. Day 56 (u,) bi chdn trén va khong bi chin duéi.
B. Day $6 (,) bi chan dudi va khong bi chan trén.
C. Day ) (u,) bl chan.
D. Diy sb (u,) khong bi chan.

Céu 40: Cho day s (u,), V6i u, 21 + 312 ot L Vn=2; 3 4. Ménh d& nao sau day ding?
A. Day sb (u,) bi chan trén va khong b1 chan dudi.
B. Day s6 (u,) bi chan dudi va khong bi chan trén.

C. Dy s6 (u,) bi chan.
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D. Day s6 (u,) khong bi chan.

Céau 41: Trong cac diy sb (u,) sau day, day s6 nao 1a day sb bi chan?

Al u, =n" +1. B. un=n+l. C.u, =2"+1. D.u ="
n n+1

Céau 42: Trong cac diy sb (u,) cho boi s6 hang tong quat », sau, ddy sb nao bi chan?

A. unzzin. B. u,=3" C.u =+n+l. D. u, =n’.

. =6 5
Ciu 43: Cho day so (u,), xac dinh boi “ .. Ménh dé nao sau day dang?
un-H: 6+un,Vn€N

A.\Egun<%. B. J6 <u,<3. C.J6<u, <2 D. V6 <u, <2.3.

Céu 44: Cho day sb (u,), VO1 u, =sin 11 . Khing dinh nao sau day 1a dung?
n
A. S6 hang thir »+1 cta diy 13 «,,, =sin L.
n

B. Diy s6 (u,) 1a dy s6 bi chan.

C. Day s6 (u,) 1a mot ddy sb tang.

D. Diy sb (u,) khong tang khong giam.
Céau 45: Cho diy sb (u,), vO1 u, =(—1)". Ménh dé nao sau dy dang?

A.Diy s (u,) la ddy sé tang. B. Day s6 (u,) 14 day sb giam.

C. Day s6 (u,) la ddy sé bi chan. D. Dy s6 (u,) la ddy s6 khong bi chan.
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BAI 2: CAP SO CONG
A. TOM TAT KIEN THU'C CO BAN CAN NAM
I. PINH NGHIA
Cép sb cong 1a mot day §6, trong QG ké tir s6 hang thtr hai, mdi s6 hang déu bang téng cta sé hang dimg
ngay trudc n6d voi mot so khong doi d, thc la: u, =u, , +d (n=2).
S6 d dugc goi 1a cong sai ctia cap sb cong.
Néu (u,) 1a cap s6 cong véi cong sai d thi v6i s6 twnhién n>2, ta cd:u, —u, , =d.
Chu y:
Khi d =0 thi cdp sb cong 1a mot diy sé khong doi.
I1.SO HANG TONG QUAT
Néu cap sb cong (u,,) c6 s6 hang dau u; va cong sai d thi sd hang tong quat u,, duoc xac dinh boi cong
thirc:
U, =u +(m—1)dvéin > 2.
Nhan xét:
T cong thic u,, = uy + (n —1)d, tacd: n =%+ 1véin > 2.
I1I. TONG n SO HANG PAU CUA MQT CAP SO CONG
Cho cép s6 cong (u,) c6 so hang dau u, va cong sai d. Dt S, =u, +u, +u, +...+u, . Khi do:
S - (u,+u, )n .
! 2
Nhan xét:
[2u1 +(n—1)d]n
2

Do u, =u,+(n—1)d nén u, +u, =2u,+(n—1)d .Suyra S, =

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Nhén dang 1 diy s6 1 cip s6 cong

1. Phwong phap

St dung dinh nghia (u, )1a mot cép s6 cong khi va chi khi u,,, —u, =d, véi d la mot hing sé.

Dé chimg minh day s6 (u, ) 1a mot cap sb cong, ta xét d =u,,, —u

n

EETCEEYEBD — NI HNIG NVYL :AD

e Néudlahingsd thi (u,)1a mot cap s6 cong véi cong sai d.
e Néud phy thugc vao n thi (u,)khong la cap s6 cong.

2. Cac vi du rén luyén ki nang

Vi du 1. Chirng minh cac day s6 sau la cap s6 cong.

a) Day s (u, ) voi u, =2020n—2021.

b) Day s6 (u, ) v6i u, =—2n+5.

Vi du 2. Chirng minh céc ddy sb sau khong phai 13 cip s cong.

a) Day s6 (u, ) v6i u, =n’ +n+1.

b) Day s6 (u, ) voi u, =(-1)" +3n.
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7 . A A e . N A R r 3 A A A
| Dang 2. Xac dinh so hang , cong sai va so0 hang tong quat cia cap so cong ‘

1. Phuwong phap
e Xac dinh mot cép sb cong la xac dinh ) hang dau u, vacong sai d
e Tirnhiing giai thiét ta thuong lap hé phuong trinh theo an s6 », va d roi giai hé do.
2. Cac vi du rén luyén ki nang
Vi du 1: Cho cép s6 cong (u,) c6 u, =15 va d =-2. Tim u,.
Vi du 2: Mot cap sé cong c6 8 sb hang. S6 hang dau 1a 5, s6 hang thir tam 13 40. Khi d6 cong sai d cla
cap so cong do 1a bao nhiéu?
Vi du 3: Cho cép s6 cong (u,) 6 u; =123 va u; —u,; =84. Tim s6 hang u,, .
Vi du 4: Cho cép s6 cong (u,) 6 u =123 va u; —u,; =84. Tim s6 hang u,, .

Cho cap so cong (un ) cO u, +2u, =0 va S, =14. Tinh s6 hang dau u, va cong sai d cua cap soO cong.

Dang 3. Tinh tong cac s6 hang trong mot cap s6 cong

1. Phuwong phap

. . . 2 -1)d
Tinh tong n s6 hang dau tién nho cong thirc: S = n(u12+ u“) = n[ ! +2(n ) }

2. Céc vi du rén luyén Ki nang

Vi du 1: Cho cap sb cong (un) co u, =4 va d =-5. Tinh tong 100sd hang dau tién cia cap sd cong.
Vi du 2: Xét cac sé nguyén duong chia hét cho 3. Tinh tong s6 50 s6 nguyén dwong dau tién

Vi du 3: Tinh tong S = 1-2+3-4+5+..+(2n—1)-2n véi n>1va neN.

Vi du 4: Cho cap s6 cong (u,) théa man u, +ug +u, +u,5 =100. Tinh tong 16 s6 hang dAu tién cua cap
s6 cong da cho.

Viduy 5: Cho cép s6 cong (u,) c6 cong sai d =—-3 va u] +u} +u; dat gié tri nhd nhat. Tinh tong S,,,

ctia 100 sb hang dau tién cua cap sb cong do.
Vi du 5. Biét u, +u, +u, +u,, =224. Tinh S,,.

Dang 4: Giai phuwong trinh ( tim x trong cip s6 cong)

1. Phuwong phap

Ba sd a,b,c (theo tht tu d6) 14p thanh mot cip sb cong khi va chi khi a + ¢ = 2b.

Str dung céc tinh chét cua cip s6 cong

2. Céc vi du rén luyén Ki nang

Vidu 1: Cho cac s6 —4:1;6;x theo thir tu lap thanh mat cép ) cong. Tim x.

Vi du 2: Néu cac s6 5+m; 7+2m; 17+m theo thir tw 1ap thanh cép sb cong thi m bing bao nhiéu?

Vi du 3: Véi gia tri nao ctia x va y thi cac s —7; x; 11; y theo tha tr d6 1ap thanh mot cip sé cong?
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Dang 5. Chirng minh mét hé thirc trong cip so cong lap thanh cip s6 cdng, bai toan c6 sir dung yéu
t6 cap so cong

1. Phuwong phap
Néu (un) la mot cfip $b cong thi ké tir sb hang thtr hai, mdi sd hang (trur $b hang cubi cung ddi voi cap $b
R ~ A 1s s n , . Z , X, S 1s U, tu

cOng hitu han) déu 1a trung binh cdng cla hai s6 hang ding ké no trong day, tirc 1a u, = *=—*1,

Hé qua: Ba sb a,b,c (theo thir ty d6) 1ap thanh mot cip sé cong khi va chi khi a + ¢ = 2b.

Str dung céac tinh chét cua cip s6 cong

2. Céc vi du rén luyén Ki nang

Vi du 1: Chimg minh rang ba s6 duong a,b, ¢ theo thir tw 14p thanh mét cap sb cong khi va chi khi cac sd
1 1

|
Vb +e e +a Na++b

Vi du 2. Cho a,b,c1a ba sb hang lién tiép ctia mot cap sb cong, chimg minh rang

theo thtr ty 14p thanh mot cp s cong.

a) a*+2bc =c* +2ab. b) @’ +8bc=(2b+c)’.
Vi du 3. Mot tam giac vudng c6 chu vi bang 3a va ba canh lap thanh mot cp s6 cong. Tinh do dai ba
canh cua tam giéc theo a.
Vi du 4. Tim tit ca cac gid tri cta tham s6 m dé phuong trinh sau c6 ba nghiém phan biét 1ap thanh mot
cap sb cong: x* —3mx* +2m(m—4)x+9m> -m=0.
Vi du 5. Tim gia tri cua tham s6 m dé phuong trinh sau c6 bon nghiém phan biét 14p thanh mét cap sb
cong: x* —10x> +2m* +Tm=0.
C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Trong cac ddy sb sau, diy s6 nao 1a cip sb cong? Vi sao?

11

2) 10,-2,—14,-26,-38 by L2,
27474

C) \/I,\/E,\/g,\/z,\/g; d) 1’4’7’10’13'

Bai 2. Trong cac day so (un) vo1 sO hang tong quat sau, day so nao la cap s6 cong? Néu la cap sé cong,

7
2

hay tim s hang dau u, vacong sai d.
3n+7

a)u, =3-2n b) u =

n

c) u,=3".

Bai 3. Cho cap sb cong (u,) c6 s6 hang dau u, =-3, cong sai d =5.
a) Viét cong thurc cia s6 hang téng quat u,

b) S6 492 1a 56 hang thtr mAy clia cap s6 cong trén?
¢) S6 300 c6 1a s6 hang nao cta cép s6 cong trén khong?

Bai 4. Cho cap sb cong (u,) ¢6 u; =4,u, =1. Tinh u,,.

N A A A e 1 \
Bai 5. Cho cap s cong (u,) Vi u, =3 VAt T, =-1.

a) Tim cong sai d va viét c6ng thirc cua sb hang tong quat u,.
b) Sb - 67 1a s6 hang thir mAy cla cap s6 cong trén?
¢) SO 7 ¢6 phai 1a mot s6 hang ctia cap s6 cong trén khong?

Bai 6. Tinh tong 100 s6 hang dau cua diy sb (u,) v6i u, =0,3n+5 véimoi n>1.

Bai 7. Chiéu cao (don vi: centimét) ctia mot dira tré »n tudi phat trién binh thuong duoc cho béi cong
thire:
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X, = 75+5(n—1).
(Nguon: https:///bibabo.vn)

a) Mot dura tré phat trién binh thudng c6 chiéu cao nim 3 tudi 1a bao nhiéu centimét?
b) Day s6 (x,) c6 1a mot cap s6 cong khong? Trung binh mot nim, chiéu cao mdi dira tré phat trién binh
thuong tang 1€n bao nhi€u centimét?
Bai 8. Khi ki két hop ddng lao dong v6i ngudi lao dong, mot doanh nghiép dé xuat hai phuwong an tra
lwong nhu sau: o 7 N .
Phuong an 1: Nam thtr nhat, tién luong 1a 120 tri¢u. K€ tir ndm thir hai tré di, moi nam tién luong dugc
tang 18 tricu. o i N .
Phuong an 2: Quy thtr nhat, tién luong 1a 24 triéu. Ké tir quy thi hai tr¢ di, moi quy tién lwong duoc
tang 1,8 triéu.
Néu la nguoi dugce tuyén dung vao doanh nghiép trén, em s& chon phuong an nao khi:
a) Ki hop dong lao dong 3 nam?
b) Ki hop dong lao dong 10 nam?

D. BAI TAP TRAC NGHIEM
Cau 1:  Diy sd nao sau day khéng phai la cap s6 cong?

A. —z;—l;O;l;z;l;i... B. 15&;12&;9\/5;6\/5;....
33 33 '3
11 1 23 4B 5
N3 —— =
\/— 3

C. i;1;1;2;—'.... D Jeen
577575 NE]

5’ "33

’ I3 7 2\ 1 . 1 4 . Y4 A .
Cau2: Cho cap so cong co sO hang dau u, = 5 cong sai d = 3 Nam s6 hang lién tiép dau tién cua
cap sb nay la:
A. —1;0;1;1;1. B. —1;0;1;0;1. C. l;1;3;2;2. D. —l;O;l;l;é.
2 2 22 2 2 2 2 22 2

Cau 3:  Viét ba sd hang xen giira cac s6 2 va 22 dé dugc mot cap sd cong cd nam sb hang.
A.7;12; 17, B. 6; 10; 14. C.8; 13; 18. D. 6; 12; 18.

Cau4: Cho hai sb —3 va 23. Xen k& giita hai s dd cho n sb hang dé tat ca cac sb d6 tao thanh cip sd
cong c6 cong sai d =2. Tim n.
A. n=12. B. n=13. C. n=14. D. n=15.

Cau5: Biét cac sb C,I,; Cf; C,f theo tha tu 1ap thanh mét cép $6 cong voi n>3. Tim n.
A. n=5. B.n=7. C. n=09. D. n=11.
Cau 6: Cho cap sb cong (u,) co cac s6 hang déau lan luot 1 5; 9; 13; 17; ---. Tim sb hang téng quat
u, cua cap sb cong.
A.u, =5n+1. B. u,=5n-1. C.u,=4n+1. D.u,=4n-1.
Cau7: Cho cép sb cong (un) cou =-3vad= % Khing dinh nao sau ddy ding?

A. u”=—3+l(n+1). B. un=—3+ln—l.
2 2

C. un=—3+%(n—1). D. un:—3+%(n—1).
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Trong cac day so dugc cho dudi day, day so nao la cap so cong?
7

A.u,=7-3n. B.u, =7-3" Cou,=—. D.u,=73"
3n
Trong cac day sb duoc cho dudi déy, diy sb nao 1a cip s cong?
" . u, =1 u, =1
A. u, =(—1) (2n+1). B. u, =sinZ. c.{' . D.{"
n u,=u, —1 u, =2u,

Trong cac day sb duoc cho dudi déy, diy sé nao khong phai 1a cip sé cong?
A.u, =—-4n+9. B. u, =-2n+19. C.u, =-2n-21. D. u,=-2"+15.

Cho cdp s6 cong (u,) ¢6 u, =—5 va d =3. Ménh dé ndo sau ddy ding?
A u, =34, B. u  =45. C.u, =31 D. u,, =35.

A A A r 1 \ 1 . N A A A ‘A ;) A A A
Cho cap so cong (un) cO u, = 2 va d = e Goi S, latong 5 so hang dau tién cua cap so cong

d3 cho. Ménh dé nao sau day ding?

A S =2 B. S, = 2. c.s,=2. D. S, =
4 5 4 5

Cho cdp s6 cong (u,) ¢6 d =-2 va S, =72. Tim s6 hang dau tién u,.

A. u, =16. B. u, =-16. C. y, 1 D. u = 1

16 16
Mot cip s cong co sb hang dau 1a 1, cong sai 13 4, tong cia n s hang dau 1a 561. Khi d6 sb
hang thir n cua cap s cong d6 13 u, c6 gia tri 1a bao nhiéu?

A.u, =57. B.u =61 C. u, =65. D. u, =69.

Mot cip sb cong co 12 sb hang. Biét rang tong ciia 12 s6 hang d6 bang 144 va sé hang thu
mudi hai bang 23. Khi d6 cong sai d cua cip sd cong da cho 1a bao nhiéu?
A. d=2. B. d =3. C.d=4. D. d =5.

3n* —19n

A A A ‘A 5 A A A A \ e * 1 A A
Tong n so hang dau tién cia mot cap so congla S, = vol n e N . Tim s0 hang dau

EETCEEYEBD — NI HNIG NVYL :AD

tién u, va cong sai d cua cap so cong da cho.

A. uI:2;d:—l. B. u1:—4;d:§. C. ulz—é;d:—l D.ulzé;d:l.
2 2 2 2 2
Téng n s hang dau tién ciia mot cip sd cong la S =n"+4n véi neN". Tim s6 hang tong

quat u, cua cap s6 cong da cho.
8 n—1
A.u, =2n+3. B. u, =3n+2. C.u, =53" D. u =5.(—j :

Cho cép s6 cong (u,) c6 u, =2001 va u; =1995. Khi d6 u,,, bang:
A. 14y, =4005. B. u,,,, = 4003. C. u,, = 3. D. u,y, =1.

Cho cap s6 cong (un) ,biet: u, =—1,u,,, =8. Tinh cong sai d cdu cap so cong do.

A. d=-9. B.d=7. C.d=-7. D. d=9.
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Céu 20: Cho cép s cong (u” ) Hay chon h¢ thirc diing trong cac hé thuc sau:
U Ty _ U+, _, ~ Uty _
A, 2 B. Yoo Tlyg = 2lso- o Ujglhyg = Uyg- D. 2
Cau 21: Cho cép s cong (u,) thoa man u, +u,, = 60. Tinh tong S,, cua $24$ s6 hang dau tién cua cip

s6 cong da cho.
A. §S,, =60. B. §,, =120. C. §,, =720. D. §,, =1440.

Cau 22: Mot cip sb cong c6 6 sd hang. Biét rang tong cua sé hang dau va s hang cudi bang 17; tong
ctia s6 hang thir hai va sd hang tht tu bang 14. Tim cong sai d cta cap sb cong da cho.

A.d=2. B. d =-3. C.d=4. D. d =5.
A Ao A A . LU —uy =8 A . P S ~
Cau 23: Cho cap so cong (un) thoa man 75 Tim cong sai d cuia cap so cong da cho.
Uu; =
1 1
A.d:E. B.d:E. C. d=2. D. d =3.

u, +u, =26

u,’ +u,’ =466

A {u1:13 B {uI:IO c {ulzl b {u1:13

Céu 24: Cho cap sb cong (u,) thoéa man { . Ménh dé nao sau day ding?

d=-3 d=-3 d=4 d=-4

u, —uy+us =15

Céu 25: Cho cip sd cong (un) thoa man { . Chon khing dinh dung trong cac khing

u, +ug, =27

dinh sau?
A u, =21 B u, =21 C u, =18 D u, =21
“ld=3" Cld=-3 “ld=3" “ld=4"

u, +u, +u, =36

Cau 26: Cho cap sd cong (u,) thoa { .Tim cong sai d cua cp sd cong (u,) biét

EETCEEYEBD — NI HNIG NVYL :AD

uu; =54
d <10.
A. d=3. B. d =4. C. d=5. D. d =6.
_ U, +u, +uy =27
Cau 27: Chocépsocong (u,) thoay , ° . Tinh u,.
u; +uy +uy =275

A. u, =3. B. u, =6. C.u,=9. D. u, =12.
Céiu 28: Tinhtong T =15+20+25+...+7515.

A. T =5651265. B. T =5651256. C. T =5651625. D. T =5651526.
Cau 29: Tinh tong T =1000% —999% +998> —997* + ...+ 2> —1°.

A. T =500500. B. T'=500005. C. T =505000. D. T =500050.
Cau 30: Cho cép sb cong u,; u,; u,; -5 u, c6cong sai $d,$ cac $6 hang cua cép sb cong da cho déu khac

o, 1 1 1 1 .
$0.$ Vi gia tri nao cia 4 thi ddy so0 —; —; —; ---; — la mot cap so cong?
U u, U u,
A.d=-1. B. d =0. C.d=1. D. d=2.
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Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Ba goc clia mot tam gidc vudng tao thanh cap sb cong. Hai goc nhon cua tam giac c6 s6 do (d0)
la:

A. 20" va 70. B. 45 va 45 C. 20 va 45. D. 30" va 60"

Ba goc 4,B,C (A <B<C ) clia tam giac tao thanh cap s6 cong, biét goc 16n nhat gip doi goc bé
nhat. Hiéu sb do d6 ctia gbc 16n nhat v6i goc nho nhét bang:

A. 40’ B. 45’ C. 60 D. 80

Mot tam giac vudng c6 chu vi b?mg 3 va do dai cac canh lap thanh mot cép sb cong. Do dai cac

canh cua tam giac do la:

A. l; 1; é B. l; I; E C. i; I;
2 3 3 4

D.—; 1; Z
2 4

3

4 4
Mot rap hat c6 30 day ghé, ddy dau tién co 25 ghé. Mdi diy sau c6 hon diy trude 3 ghé. Hoi rap
hat o tat ca bao nhiéu ghé?

A. 1635. B. 1792. C. 2055. D. 3125.

Nguoi ta trong 3003 cay theo mot hinh tam giac nhu sau: hang thr nhét trong 1 cdy, hang thir hai
trdng 2 cdy, hang tht ba trong 3 cy,.Hoi c6 tit ca bao nhiéu hang ciy?
A. 73. B. 75. C.77. D. 79.

Mot chiée dong hd danh chudng, ké tir thoi diém 0 (gid) thi sau mdi gio thi sb tiéng chudng dugc
danh dung bang sb gio ma dong hd chi tai thoi diém danh chudng. Hoi mot ngay dong hd do
danh bao nhiéu tiéng chudéng?

A.78. B. 156. C. 300. D. 48.

Trén mot ban cd ¢6 nhiéu 6 vudng, nguoi ta dat 7 hat dé vao 6 déu tién, sau do6 dat tiép vao 0
thir hai s hat nhiéu hon 6 tha nhat 1 5, tiép tuc dit vao 6 thr ba s6 hat nhiéu hon 6 thir hai 1a
5,... va ctr thé tiép tuc dén 6 thu ». Biét rang dat hét s6 6 trén ban cd ngudi ta phai sir dung
25450 hat. Hoi ban co d6 c6 bao nhiéu 6 vuong?

A. 98. B. 100. C. 102. D. 104.

Mot gia dinh can khoan mét cai giéng dé 1ay nudc. Ho thué mot doi khoan giéng nudc dén dé
khoan giéng nudc. Biét gia cia mét khoan dau tién 1 80.000 ddong, ké tir mét khoan thir 2 gia
ciia m&i mét khoan ting thém 5000 ddng so voi gia cua mét khoan trude d6. Biét can phai
khoan séu xudng 50m méi c6 nuée. Vay hoi phai tra bao nhiéu tién dé khoan cai giéng d6?
A.5.2500.000 ddng.  B.10.125.000 dong. C.4.000.000 déng.  D. 4.245.000 dong.
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BAI 3: CAP SO NHAN
A. TOM TAT KIEN THU'C CO BAN CAN NAM
I. PINH NGHIA
Cép sb nhan 1a mot diy sd, trong d6 ké tir s6 hang thir hai, mdi s6 hang déu bang tich cua s6 hang
dimg ngay truée n6 véi mot s khong doi ¢, tire 1a: u, =u, .q (n22).
S ¢ duogc goi 1a cong boi cua cip sd nhén.

Néu (u,) 1a clp so nhan v6i cong bdi g va u, #0 v6i moi n>1 thi v6i so tu nhién 7> 2, ta co:

= q'
un—l

Chii y:
Khi ¢ =1 thi cap s6 nhan 1a mot day s6 khong doi.
II. SO HANG TONG QUAT
Néu cép s6 nhan (u,) c6 s6 hang dau u, va cong bdi ¢ thi s6 hang tong quat u, duge xac dinh boi
cong thuc:
u,=u,-q"" (n=2).

III. TONG n SO HANG PAU CUA MOQT CAP SO NHAN
Cho cép s6 nhan (u,) c6 s6 hang dau u, va cong boi g #1.
bat S, =u, +u, +uy, +...+u, . Khido: S, =ul(11—_qq).

Chiiy: Néu g =1 thi S, =nu,.
B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Chirng minh mgt day s0 1a c:“'lp s6 nhan

1. Phwong phap

e Xac dinh mot cép s6 nhén 1a x4c dinh sd hang dau u; va cong boi q

e Tir nhing giai thiét ta thuong lap hé phwong trinh theo an sé u; va q rdi giai hé do.
2. Cac vi du rén luyén ki ning

, =2
Vi du 1: Cho day sb () xdc dinh boi | .
Uy =4u, +9, (n > 1)

EETCEEYEBD — NI HNIG NVYL :AD

a) Chimg minh dy s6 (v,) v6i v, =u, +3, n>1 1a mt cép s6 nhan.
b) Tim cong thirc tong quét cia diy sb (u,) -

Vi du 2: Xét trong cac day so sO sau, day sO nao la cap so nhan, (néu c6) tim cong bodi cua cap sO nhan
do:

a). u, = (=3)""" b). u, =(=1)".5""
u =2 u =3
c). ) d). 9
un+l = un u"+1 -
un
. u, = . .
Vi dy 3: Cho day so (u,) dugc xac dinh boi { ! A 9,Vn >1. Chimg minh rang déy s6 (v,) xac
un+l = un +

dinh bdéi v, =u, +3,Vn =1 1a mét cap so nhan. Hay xac dinh so hang dau va cong boi ctia cap s6 nhan do.
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Vidu 4: Chox, 3,y theo th tu 1ap thanh cép sé nhan va x* = y/3. Timx, y.

Dang 2. Xac dinh cac so hang ctia cap so nhan, tong ciia cap so nhan

1. Phwong phap

Dua viao gia thuyét, ta 1ap mot hé phuong trinh chira cong boi q va s6 hang dau u, , giai h¢ phuong

trinh nay tim duoc q va u, .

Pé xac dinh s6 hang thir k, ta st dung cong thirc: u, =u.q"".

n

1-¢q

Pé tinh tong ciia n s6 hang, ta st dung cong thirc: S = ul.l—,q #1.Néu g=1 thi

u=u,=u,=..=u,,dodo S, =nu,.
2. Cac vi du rén luyén ki nang

Vi du 1: Tim s0 hang dau va cong bdi cua cap s6 nhan, biét:

u, +u; =51 u, +u, +u, =135 u, =
a) b) ©)
u, +u, =102 u, +us +u, =40

, L £ . u +us =51
Vi du 2: Cho CSN (un) c6 cac so hang thoa:
u, +u, =102
a). Tim s6 hang dau va cong boi ciia CSN.
b). Hoi tong bao nhiéu sé hang dau tién bing 3069?
c). S6 12288 1a s6 hang thir may?

Vi du 3: Cho cép s6 nhan(u, ). Tim u, va q, biét rang:

u, +u, +u _35
2 3 4= 5
2

1
) u, +u, =325. uy +us =20

u;, > O(i =1,...,5)

u, +u, +u, +u, =15
4yu, +u, =165;u, +u, = 60. 5).

2 2 2 2
u” +u,” +uy +u,” =85.

u, +u, +u, =13 8u2+5\/§u5=0
6) 7)
u, +us +u, =351 u’ +u,’ =189
uuu, =1728 u +u, =3
8) " 9.4, 7,
u, +u, +u, =63 u” +u” =5

u, +u, tu, =7
10).¢ , ~, ",
u” +u, +u, =21

Vi du 3: Tim s0 hang dau va cong bdi cua cap s6 nhan, biét:

u,—u, =72 u, —u, +us =065 uy +us =90
a) b) c
us—u, =144 u, +u, =325 u, —ug =240

U, —u, +u. =65 u, +u, +u, =-42
wu, =25 ) { 13T Hs 3){ 2 T ¥y T Mg
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u, +u, +uy, =21
b {u1+u2+u3+u4:30

u, +u, +u, =14
d) e)s1 1 1 7

u,u,.u, =64 —F—t—=——

ul +ul +u; +u, =340
u, u, u, 12

Vi du 4: Tim a, b biét rang: 1, a, b 1a 3 s6 hang lién tiép cta cap sb cong va 1,a°,b* 1a 3 s6 hang lién tiép
ctia mot cap sb nhan.

Vi du 5: Tim s6 hang dau ctiia CSN biét cong bdi bang 3, tong sd cac sd hang 1a 728 va s6 hang cubi bang
486.

Vi du 6: Cho 3 s6 tao thanh mot cip sé cong c6 tong 21.Néu thém 2, 3, 9 1an luot vao sb thir nhét, sd thu
hai, sb thir ba tao thanh mot cap s6 nhan. Tim 3 s do.

Vi du 7: Cho 3 s6 duong c6 tong 13 65 1ap thanh mét cap s6 nhan ting, néu bot mot don vi & s6 hang thi
nhét va 19 don vi & sb hang thtr ba ta dugc mot cép ) cong. Tim 3 sb do.

Vi du 8: Tim 3 s hang lién tiép cuia mot cip s6 nhan biét tong cta ching 13 19 va tich 1a 216.
Vi du 9: Tim cong bdi cia mot cdp s6 nhan co sb hang dau 1a 7, s6 hang cudi 1a 448 va tong sb cac sd hang
la 889.
Vi du 10: Tim bén s6 hang lién tiép ctia mot cap sb nhan, trong d6 s hang thir hai nho hon sé hang thu
nhét 35, con sb hang thir ba 16n hon ) hang thur tu 560.
Vidu 11: Tim céc $6 duong a va b sao cho a, a + 2b, 2a + b 1ap thanh mot cép $6 cong va (b+1)% ab + 5,
(a+ 1)? 1ap thanh mot cap sb nhan.
Vi du 12: Tinh cac tong sau:

a). S, =2+2"+2"+... 42"

1 1 1 1

b). S =—+—+—++
-5 2 22 2 2"

1Y 1Y 1Y
c). Sn=(3+—j +(9+— +o 3”+—j
3 9 3"

d). §,=6+66+666+---+666...6
—

nso6
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Dang 3. Cac bai to4n thuec té
Caul. Voihinh vuong 4,B,C,D, nhu hinh v& bén, cach t6 mau nhu phén gach soc dugc goi la cach to

mau “dep”. Mot nha thiét ké tién hanh t6 mau cho mét hinh vudéng nhu hinh bén, theo quy trinh

sau:
A,y B,

p:| [N|@

D, . . G

Budc 1: T6 mau “dep” cho hinh vudng A4 ,B,C,D, .
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Buoc 2: T6 mau “dep” cho hinh vudng 4,B,C,D, 1a hinh vudng ¢ chinh gitra khi chia hinh
vudéng A4 B,C,D, thanh 9 phan bang nhau nhu hinh v&.

Budc 3: T6 mau “dep” cho hinh vuong A4,B,C,D, 1a hinh vudng & chinh gitta khi chia hinh
vuong 4,B,C,D, thanh 9 phan bang nhau. Ct tiép tuc nhu vay. Hoi can it nhat bao nhiéu budc

dé tong dién tich phan duoc t6 mau chiém 49,99% .

Cau 2. Cho hinh vuong (Cl) c6 canh bang a. Ngudi ta chia mdi canh cua hinh vudng thanh bbn phan

bing nhau va ndi cac diém chia mot cach thich hop dé c6 hinh vudng (C2 ) (Hinh v&).

Tt hinh vuong (Cz) lai tiép tuc 1am nhu trén ta nhan dugc day céac hinh vuéng C,,C,, C,,.,
C,. Goi S, 1a dién tich ciia hinh vudng C, (i €{1,2,3,....}). D&t T =5,+S,+5, +..5, +.... Biét

T:%,tinh a?

C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Trong cac ddy sb sau, ddy s6 ndo la cap s6 nhan? Vi sao?
a) 5;-0,5;0,05;-0,005;0,0005
b) _9737_1717_1;
379
¢) 2,8,32,64,256.
Bai 2. Chimg minh mdi ddy s (u, ) v6i s6 hang tong quat nhu sau 1a cép s6 nhan:
5

-3
a)u =—-:2" b) u =—
) n 4 ) n 3n
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¢) u, =(-0,75)"
Bai 3. Cho cap sb nhan (u,) véi sb hang dau u, =5, cong bdi g =2.
a) Tim u,.
b) S6 —320 1 s6 hang thi bao nhiéu cta cp s6 nhan trén?
¢) S6 160 co6 phai 1a mdt s6 hang cua cap s6 nhan trén khong?
27

Bai 4. Cho cap sb nhan (u,) v6i u, =3,u, = T

a) Tim cong boi ¢ va viét ndm sé hang dau cua cip sé nhan trén.

b) Tinh tong 10 sb hang dau cta cap sb nhan trén.

Bai 5. Mot tinh c6 2 tri¢u dan vao nim 2020 véi ti 1¢ ting dan s6 1 1%/ nam. Goi u, 1a s6 dan ciia tinh
do sau n nam. Gia su tirlé tang dan s6 1a khong doi. q

a) Viet cong thirc tinh s6 dan cua tinh d6 sau » nam ké tir nam 2020.

b) Tinh s0 dan cua tinh d6 sau 10 nam ke tir nam 2020.
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Bai 6. Mot gia dinh mua mot chiéc 6 t6 gia 800 triéu dong. Trung binh sau mdi ndm sir dung, gia tri con
lai ctia 6 t6 giam di 4% (so v&i nam trude do).

a) Viét cong thirc tinh gid tri cia 6 t6 sau 1 ndm, 2 nam st dung.

b) Viét cong thire tinh gia trj cta 6 t6 sau » nam st dung.

¢) Sau 10 nam, gia tri ctia 6 t6 udc tinh con bao nhiéu triéu dong?

Bai 7. Mot ngudi nhay bungee (mdt trd choi mao hiém ma ngudi choi nhay tir mot noi co dia thé cao
xudng voi ddy dai an toan budc xung quanh ngudi) tir mot cdy cau va cing mot soi day dai 100 m. Sau
mdi 1an roi xuéng, nho sy dan hoi cia day, nguoi nhay duge keo 1€n mot quang duong co do dai bang
75% so véi 1an roi true d6 va lai bi roi xuong dung bang quéng duong vura dugc kéo 1én (Hinh 3). Tinh
tong quing duong ngudi d6 di duoc sau 10 1an kéo 1én va lai roi xudng.

0 0 0 HAA
: \\ 3
. f

(0,751 Ilnlumrr j
:

w | il
s

1 |

A

Hinh 3

D. BAI TAP TRAC NGHIEM
Cau 1: Trong cac diy sb sau, ddy s6 nao khéng phai 1a mot cap s6 nhan?
A. 2; 4; 8; 16; ... B.1, -1;1, —1; ---
C. 1% 2% 3% 4% - D. a; d’ a% d’; - (a=0).

Cau2: Dy sb nao sau day khong phai la cip sé nhan?

A 1248 B. 3 3% 3% 3% -
Cunl i p L 11 "
2 4 T T ™ ™

Cau3: Day $6 1 2; 4: 8 16: 32; - 1a mot cép s nhan voi:
A. Cong boi 1a 3 va sb hang dau tién 1a 1.
B. Cong boi 1a 2 va sé hang dau tién 13 1.
C. Cong boi 1a 4 va sb hang dau tién 1a 2.
D. Cong bdi 14 2 va s6 hang dau tién 1a 2.
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Cau4: Cho cap sb nhan (u,) VO1 4, =—2 va g=-5. Viét bon s6 hang dau tién cua cap sb nhan.
A. —2;10; 50; —250. B. —2; 10; —50; 250.
C. —2; —10; —50; —250. D. —2; 10; 50; 250.
Cau 5: Mot cap s6 nhan c6 hai sb hang lién tiép 1a 16 va 36. SO hang tiép theo 1a:
A. 720. B. 81. C. 64. D. 56.
Cau 6: Tim x décacsd 2; 8 x; 128 theo thu tu d6 1ap thanh mdt cép sb nhan.
A. x=14. B. x=32. C. x =64. D. x =68.
Cau7: Tim titca gia tri cia x dé basd 2x —1; x; 2x +1 theo thir tu d6 1ap thanh mot cép s6 nhan.
1 1

A x=+—. B. x=4—. C. x==+3. D. x=43.
NE] 3
CAu8: Timyx débasd 14+ x; 9+x; 33+« theo thi tu d6 1ap thanh mot cép s6 nhan.
A. x=1. B. x=3. C.x=17. D. x=3x=7.
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Vi gia tri x, y nao dudi day thi cac sb hang 1an luot 13 —2; x; —18; y theo thir tu d6 lap thanh cap

s6 nhan?
AT B. ¥~ 710 c. |F=7¢ p. [*=7¢
y=—54 y=-26 y=-54 y=>54

Cho cép $6 nhan co cac sb hang lan luot 1a x; 12; y; 192. Ménh dé nao sau day la dung?
A. x=1;y=144. B. x=2;y=72. C. x=3;y=148. D. x=4;y=36.

Thém hai sd thuc duong x va y vao gilra hai s6 5 va 320 dé duoc bdn sd 5; x; y; 320 theo thu
tu d6 1ap thanh cép sb nhan. Khing dinh nao sau day 1a dung?

Al x:25' B. x:20' C. x:15' D. x:30'
y=125 y=280 y=45 y=90

Ba s0 hang dau cua mdt cap sO nhan 1a x—6; x va y. Tim y, biét rang cong bdi cta cap sO nhan

la 6.

324 1296
A. y—216, B.y—2" C. y:%. D. y—12.

Hai s6 hang dau cta cia mot cdp s6 nhdn 13 2x +1 va 4x> —1. S6 hang thir ba cua cap s6 nhan 1a:
A. 2x—1. B. 2x+1. C. 8x’ —4x* —2x+1. D. 8x’ +4x> —2x—1.

Day s0 nao sau day 1a cap s6 nhan?

W . B. |4~ .
u, , =u,+1, n>1 u, ,=—3u, n>1
u ="
cfT L p.| 2
Upi = 2, +5, 12 un—sin[ ],nZl
n— 4
Cho diy sb (u,) VO u, :%.5". Khiang dinh nao sau day dung?

A. (u,) khong phai la cép sb nhan.
B. (u,) 1a cép s6 nhan c6 cong bdi ¢ =5 va s6 hang dau «, =

C. (u,) 1a cap so6 nhan c6 cong bdi ¢ =5 va so hang dau » =
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D. (4,) 1a cap s6 nhan co cong boi ¢ :% va sb hang dau « = 3.

Trong cac day so (u,) cho boi s6 hang tong quat », sau, ddy sO nao la mot cap so nhan?

B. 4, Y C.u, :n+%. D. un:nz—%.

A u, = .
uﬂ 3n—2 3n

Trong cac day so (u,) cho boi s6 hang tong quat », sau, ddy so nao la mot cap so nhan?

A. u, =7-3n B.u =7-3" C.u !

= D. u,=7.3"
3n

Cho day sO (u,) 1a mot cap so nhan voi u, =0, ne N'. Day s0 nao sau day khong phai 1a cap so
nhan?
Al w;u;ug; B. 3u; 3u,; 3u,; ...
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

D.w+2 u,+2; u,+2; ...

Cho cép s6 nhan c6 cac sb hang lan luot 1a 3; 9; 27; 81; .... Tim s hang tong quat », cua cip sd

nhén da cho.

A.u,=3" B. u,=3"

C.u =3"". D. u,=3+3"

Mot cip sb nhan co 6 sb hang, s6 hang du bang 2 va s6 hang thir siu bang 486. Tim cong bdi ¢

cua cap so nhan da cho.

A. ¢=3. B. ¢=-3.
A A 1A , \ 2
Cho cap so nhan (u,) c6 u, =-3 va 7=73
A. ug :—2. B. u :—E.
16 27

Cho cép sb nhan (u,) O u, =2 va u, =—8
A. S, =130. B. u, =256.

Cho cap s6 nhan (u,) c6 u =3 va g=-2.
A. S6 hang thur 5. B. S6 hang thtr 6.
C. Sb hang thir 7.

Cho cép s nhan (u,) €O u,=—1 va g=—

cho?
A. S6 hang thr 103.
C. Sb hang thir 105.

C.qg=2. D. ¢g=-2.

Ménh dé nao sau day dung?

16 27

C.uy=—. ==
27 16

. Ménh dé nao sau day dung?

C. S, =256. D. g=-4.

S6 192 1a sb hang thi may cua cip s nhan di cho?

D. Khong 1a sb hang cta cap sb da cho.

1 £+ 1
—. S0 ——

10 o la sb hang thtr méy cua cép $6 nhan da

B. S hang tht 104.
D. Khong 1a sb hang cta cap sb da cho.

Mot cap s6 nhan c6 cong boi bang 3 va sb hang dau bang 5. Biét s6 hang chinh giita 1a 32805.
Hoi cip sb nhan da cho c6 bao nhiéu s6 hang?

A. 18. B. 17. C. 16. D. 9.
Cho cép s6 nhan (u,) O u, =81 va u,,, =9. Ménh dé nao sau day dung?
1 1
A, g=—. B. g=9. C. g=-9. D. ¢g=—.
q 9 q q q 9

Mot day s duge xac dinh boi u, =—4 va u, = —%un_l, n>2. S6 hang tong quat », cua diy sb

do la:

n—1
Ay, =2"" B. u, =(-2)"". C.u = 74(2’"“). D.u = 4[%] )
Cho cip s6 nhan (u,) 6 u, =—3 va ¢g=—-2. Tinh tong 10 sd hang dau tién ctia cap s6 nhan da
cho.
A. 5, =-511. B. S, =—1025. C. 5, =1025. D. 5, =1023.

Cho cap s6 nhan c6 cac sé hang lan lugt 14 1; 4; 16; 64; --- Goi S, 1a tong ctia » s6 hang dau tién

cua cap soO nhan do. Ménh dé nao sau day dung?

n-l n n__
A. 5, =4"" B. s, e s, =21 D. s, _A 1)
2 3 3
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Cau 30: Mot cdp sd nhan co 6 sb hang v6i cong boi bang 2 va tdng s6 cac s6 hang bang 189. Tim sé hang
cudi u, cua cap sd nhan di cho.
A. u, =32 B. u, =104. C. u, =48 D. u, =96.

Céu 31: Cho cip s6 nhan (u,) €O u,=—6 va g=-2. Téng » s6 hang dau tién cua cdp sé nhan di cho
bang 2046. Tim 7.
A. n=9. B. n=10. C. n=11. D. n=12.

Céu 32: Cho cip sb nhan (u,) co tong » s6 hang dau tién 1a S, =5"—1. Tim s6 hang tht 4 cua cép sb
nhan da cho.
A. u, =100. B. u, =124 C. u, =500. D. u, =624.

Ciu 33: Cho cip s6 nhan (u,) co tong » sd hang dau tién 1a s, :%. Tim s6 hang thtr 5 cua cip sb

nhan da cho.
2 1

A. =3 B. u,=—. C.u =3 D. u, ==

Céu 34: Mot cap s6 nhan co sd hang thir bay bang % , cong boi bang % . Hoi s6 hang dau tién cua cip sb

nhan bang bao nhiéu?
A. 4096. B. 2048. C. 1024. D. %
Cau 35: Cho cép s6 nhan (u,) €0 u, =—6 va u; =—486. Tim cong bdi ¢ cua cap s6 nhan da cho, biét

rang u, > 0.

A. ¢g=-3. B.g=—-. C.q=

1
Ly D. g=3.
3 3 1

Cau 36: Cho cap s6 nhan u; u,; uy; - voi 4, =1. Tim cong boi ¢ dé 4u,+5u, dat gia tri nhé nhat?
2 2
A. g=—-. B. g=0. C.g==. D.g=1.
5 5
Cau 37: Mot cap s6 nhan c6 s hang thir hai bang 4 va sd hang thtr sau bang 64, thi s6 hang tong quét
ctia cAp s6 nhan do co thé tinh theo cong thic ndo dudi day?
Au, =2"" B.u =2" C.u =2"" D. u, =2n

n
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Céu 38: Cho cép s6 nhan (u,) c6 cong boi g. Ménh d@é nao sau day dung?
A u, =u.qg"". B. u, :%. C.u,=u, u,. D. u, =u +(k-1)q.

Céu 39: Cho cap s6 nhan (u,) €6 u; =0 va g=0. Ping thirc nao sau day la dung?
A u=u,q. B. u, =u,.q". C.u=u.q. D. u, =u,q°.

Ciau 40: Cho cap s6 nhan (u,) €O u; =0 va g=0. VO1 1<k <m, dang thtrc nao dudi day 1a dung?

A u, =u,.q" B.u,=u,q". C.u,=u.q"" D.u,=u,.q"".

Cau 41: Cho mét cap s6 nhan c6 » sd hang (n>k>55). Ping thirc ndo sau day sai?

A wau, =uu, . B. wu, =u.u,,. C.uu =u,u, . D.wu =uu, ..

ug =192
u, =384
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A. {”1:5. B. {”1:6. C. {”1:6. D. {”‘1:5.
q=2 q=2 q=3 q=3
Cau 43: Cho cap s nhan (u,) thoa man {u“ e 3;. Chon khéng dinh dung?
Us — Uty =
A. {”1:4. B. {”1:6. C. {”1:9. D. {”‘1:9.
q=2 q=2 q=2 q=3
Cau 44: Cho cap s nhan (u,) thoa man {uz" =8 Chon khang dinh dting?
u +u; =272
A. g=2. B. ¢=—4. C. g=4. D. ¢g=-2.

Cau 45: Mot cap s6 nhan ¢c6 nam s6 hang ma hai s6 hang dau tién 1a cac s6 duong, tich cua so hang dau
. x , N , , X , . X £i13 1 X A
va s0 hang thur ba bang 1, tich cua s6 hang thir ba va s6 hang cudi bang 6 Tim s6 hang dau 4,

va cong bdi ¢ cua cap s6 nhan da cho.

u—l u1:2 uI:_z u__l
A. {1 2. B. 1. C 1. D.{" 2.
g=2 L) ) g=-2
Cau 46: Cho cép sb nhan (u,)c cong bdi ¢ va thoa
1 1 1 1 1
u +u, +uy +u, +ug =49 —+—+—+—+—
uoou, Uy U, Us).
u, +uy =35
Tinh P=u, +44°.
A. P=24. B. P=29. C. P=34 D. p=39. ’

u, +u, +u, =26

. Tim ¢ biét rang ¢ >1.
u +ul +u =364 84

Cau 47: Cho cép sb nhan (u,)c cong bdi ¢ va théa l

5 4

A.q:4. B. ¢=4. C.q=§. D. ¢=3.

Cau 48: Cac s6 x+6y, 5x+2y, 8x+y theo thtr ty d6 1ap thanh mot cép $6 cong; d@)ng thoi cac sd

EETCEEYEBD — NI HNIG NVYL :AD

x—1, y+2, x—3y theo thtr ty d6 14p thanh mot cap sé nhan. Tinh x* + 7.
A. X* +y* =40. B. x4+ )" =25. C. x> +y* =100. D. x* +y* =10.

Cau49: Basd x; y; z theo thtr ty 1ap thanh mot cép s6 nhan voi cong boi ¢ khac 1, d@)ng thoi cac sb
x; 2y; 3z theo thur tu 1ap thanh mdt céip s6 cong véi cong sai khac 0. Tim gia tri cua gq.
1 1 1

A, g=-—. B. g=—. C.g=—. D. ¢=-3.
q 3 q 9 q 3 q

Céu 50: Cho ddy sb ting a, b, ¢ (cez) theo thur ty 1ap thanh cap s nhan; dong thoi 4, 5+8, ¢ theo thir
tu 1ap thanh cép $6 cOng va a, b+38, c+64 theo thir ty 1ap thanh cép s6 nhan. Tinh gia tri biéu
thic P=a—b+2c.

A. P:%. B. P—é64. C. P:9—92. D. P—32.

Cau51: Sb hang thtr hai, sb hang dau va sb hang thtr ba cia mét cép sb cong vdi cong sai khéac 0 theo thur
tu d6 1ap thanh mot cép s6 nhan vai cong boi ¢. Tim q.
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3 3
A. g=2. B. g=-2. C.g=—=. D. ¢g==.
q q q ) q D)

Cau 52: Chobd sb a, b, c, d bibtrang a, b, ¢ theo thir ty d6 14p thanh mot cap s6 nhan cong bdi ¢ >1; con
b, ¢, d theo thir tw d6 1ap thanh cép s6 cong. Tim ¢ biétring a+d =14 va b+c=12.

A.q:18+ﬁ. B.q:19+‘/ﬁ. C. 020473 D. o 2+73
24 24 24 24
Cau53: Goi S=1+11+111+...+111..1 (n s6 1) thi S nhén gia tri ndo sau day?
A s=10-1 B. s—10/10 1)
81
C.s—1o/1 1), D. s=L1o[1 =1,
81 9 9
A A3 ) 10 21.3 , b
Cau 54: Biétrang S=1+23+33"+..+113" =a+ . Tinh P:a+Z’
A. P=1. B. P=2. C. P=3. D. P=4.

Ciau 55: Mot cip sd nhan c6 ba sb hang 14 4, 5, ¢ (theo thtr tw d6) trong d6 cac sd hang déu khac 0 va
cong boi ¢ = 0. Ménh dé nao sau day 1a dung?
1 11 11 1 2
c

1 1
A —=—. B. o =—. C.—=—. ) J
a’ 2 a+b

ISy
N
N
Y]
Q
19)
19
>
Q

Cau 56: Bon goc clia mot tir giac tao thanh cap sb nhan va goc 16n nhat gép 27 lan goc nho nhét. Tong
ctia goc 16n nhét va goc bé nhat bang:

A. 56°. B. 102°. C. 252°. D. 168°.

Ciu 57: Nguoi ta thiét ké mot cai thap gébm 11 tang. Dién tich bé mit trén cia mdi ting bang nita dién
tich ctia mit trén cua tng ngay bén dudi va dién tich mit trén cua ting 1 bang nira dién tich
ctia dé thap (c6 dién tich 1a 12 288 m?). Tinh dién tich mit trén cing.

A. 6n’. B. 8n’. C. 10m*. D. 12m*.

Cau 58: Mot du khach vao chuéng dua ngya dat cuogc, lan dau dat 20000 déng, mdi 1an sau tién dat gép
d6i 1an tién dit coc trude. Ngudi d6 thua 9 lan lién tiép va thing & lan thir 10. Hoi du khac
trén thing hay thua bao nhiéu?

A. Hoa von. B. Thua 20000 ddng.
C. Thiang 20000 dong. D. Thua 40000 dong.
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File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu cdu s hivu tron bé file word Bai gidng Todn 9,10 11,12 va bo dé kiém tra két thiic
chuyén dé, giira ki, cudi ki cé loi gidi chi tiét cia Thdy gido, Tdc gid Trdan Pinh Cw vui long lién hé
zalo Trdn Pinh Cw: 0834 332 133 dé dworc hé tro’ téi da . Ung hé chinh chii dé dworc bdo hanh va
nhiéu wu ddi khdc.

Trdanh mua cdc trang va cd nhdn khdc

Ban word dé va 10i giai vui long 1h Zalo: 0834332133“



(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

ON TAP CHUONG 2

PHAN 1: GIAI BAI TAP SACH GIAO KHOA

Bai 1:

Bai 2:

Bai 3:

Bai 4:

Bai 5:

Bai 6:

Bai 7:

Bai 8:

Bai 9:

~ A r . 9, 1 \ 7 : A r = 5
Cho day so (u,) dugc xac dinh boi: u, = 3 va u, =3u,_, v61moi n>2. SO hang thir ndm cua

day s (u,) 1a:

A. 27. B. 9. C. 81. D. 243.

Trong cac day sb sau, diy sd nao 1a cip sb cong?

A. 21,-3,-27,-51,-75. B. 1,5,2,2,1—5.
2’47474

C. IV2, 33,45 p.L L L LL

"20°30°40°50°60

Cho cép sb cong (un) c6 s6 hang dau u, =—5, cong sai d =4 . Cong thirc cia s6 hang téng quat

u, la:
A.u,=-5+4n. B.u,=-1-4n.
C.u, ==5+4n". D.u, =-9+4n.

Tong 100 sb tir nhién 1¢ dau tién tinh tir 1 1a:

A. 10000. B. 10100. C. 20000. D. 20200.
Trong cac day sd (un) cho bang phuong phap truy hdi sau, dy sé nao 1a cip s6 nhan?
A.Day s6 (u,) dugc xéc dinh béi: u, =1 va u, =u, ,(n—1) véimoi n>2.

B. Diy s6 (u,) dugc xac dinh boi: u, =1 va u, =2u,_, +1 vé6imoi n>2.

4 . 9.0 Y 2 e :
dugc xac dinh boi: u, =1 va u, =u, | véimoi n>2.

n

)
()
C.Day s6 (u,)
(#,)

D. Diy s6 (u

n

duoc xac dinh boi: u, =3 va u, = guH véimoi n>2.

Cho cép s nhan (u,) c6 u, =—1, cong bdi g = —%. Khi d6 10% 13 sb hang thu:

A. 2016. B. 2017. C. 2018. D. 2019

Trong céc ddy s6 (u,) sau ddy, ddy sb nao la ddy so ting?

A. u,=sinn. B. u, =n(-1)". C.u, = l D.u, =2"".
n

Xét tinh ting, giam va bi chin cua mdi day sb (u,) sau, biét s6 hang tong quat:

2

a) u, = ;
)"n+1
2
b) u =—
yu, =

¢)u,=(-1)"-n’
Cho cép s6 cong (un) . Tim s hang dau u,, cong sai d trong mdi truong hop sau:

a) u, +us =42 va u, +u, =66;
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Bai 10:

Bai 11:

Bai 12:

Bai 13:

Bai 14:

Bai 15:

Bai 16:

b) u, +u, =22 va u,-u;, =21.

Cho cép s6 nhan (u, ). Tim s6 hang dau u,, cong bdi ¢ trong mdi truong hop sau:

a) u, =192 va u, =384

b) u, +u,+u, =7 va u, —u, =14.

Tk giac ABCD c6 s6 do bdn goc A,B,C,D theo thu ty 1ap thanh cép $6 cong. Biét s do goc
C gip 5 1an sé do gbc A . Tinh sb do cac goc cua tir gidc ABCD theo don vi do.

Ngudi ta trong cdy theo cac hang ngang v6i quy ludt: ¢ hang thir nhat co 1 ciy, ¢ hang tht hai
¢6 2 cdy, & hang thir ba ¢6 3 cdy,. & hang tht n ¢6 n cdy. Biét ring nguoi ta trong hét 4950 cay.
Hoi s6 hang cdy dugc trong theo cach trén 1a bao nhiéu?

Mot cai thap co 11 tang. Dién tich cia mit san ting 2 bang ntra dién tich ciia mat day thap va
dién tich ciia mat san mdi ting bang nira dién tich ciia mat san mdi tang ngay bén dudi. Biét mit
day thap c6 dién tich 1a 12288 m*. Tinh dién tich ctia mat san tang trén cung cua thap theo don
vi mét vuong.

Mot khay nudc c6 nhiét d§ 23°C duoc dat vao ngan da cua tu lanh. Biét sau mdi gi0, nhi¢t do
cua nudc gidm 20%. Tinh nhiét d cua khay nudc do sau 6 gio theo don vidd C.

Cho hinh vuéng C, ¢6 canh bang 4. Nguoi ta chia mdi canh hinh vuéng
thanh bdn phan bang nhau va nbi cac diém chia mot cach thich hop dé
c6 hinh vuoéng C, (Hinh 4). Tt hinh vuéng C, lai lam tiép tuc nhu trén
dé ¢ hinh vudng G.Cu tiép tuc qua trinh nhu trén, ta nhan duoc diy

cac hinh vuéng C,,C,,C,,...,C ,... Goi a, la do dai canh hinh vuong

C,. Chimg minh ring day s6 (a, ) 14 cip s nhan.

Hinh 4

Ong An vay ngan hang 1 ti ddng véi 13i suat 12% / nam. Ong di tra no theo cach: Bit dau tir
thang tht nhat sau khi vay, cudi mdi thang ong tra ngan hang cing sd tién 13 ¢ (dong) va da
tra hét no sau dung 2 nam ké tir ngay vay. Hoi sd tién mdi thang ma 6ng An phai tra 1 bao
nhiéu dong (1am tron két qua dén hang nghin)?
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PHAN 1:
Cau l:

Cau 2:

Cau 4:

Cau 5:

Ciu 6:

Cau 8:

Cau 9:

Cau 10:

PHAN 2 :

Cau 11:
Cau 12:

Cau 13:

BAI TAP TONG ON CHUONG 2

TRAC NGHIEM

Khing dinh nao sau day 1a sai?

A.Diysdco u,,, =a3"". B. Higusé u,,, —u, =3.a.

C. V6i a>0 thi ddy so ting. D. V6i a <0 thi diy sb giam.

Cho day s6 (u,) v6i u, =2n—1.Day sb (u,) la day sb

A.Bichintrénboi 1. B. Giam. C. Bi chan du¢i boi 2. D. Tang.

Cho cap s6 cong (u,) c6 u, =3 va cong sai d =7. Hoi ké tir s0 hang thr may tré di thi cac s6
hang ciia (u,) déu16n hon 2018 ?

A. 287. B. 289. C. 288. D. 286.

Xéc dinh s6 hang dau u, va cong sai d cua cép s6 cong (u,) c6 u, =5u, va u, =2u +5.
A.u =3 vad=4. B.u=3vad=5. C.uy=4vad=5. D.u=4vad-=3.
Cho cap s cong (u,) 6 u, =—12, u,, =18 Tinh tong 16 s6 hang dau tién ctia cip sb cong
nay.

A. S, =-24. B. S, =26. C. S, =-25. D. 5, =24.

Cho cép sb cong (u,)biét u; =18 va 4S, =S, . Tim s6 hang dau tién u, va cong sai d cla cap
s6 cong.

Ao u =2;d=4. B.u=2;d=3. C.u=2;d=2. D.u =3;d=2.

Bén sd tao thanh mot cip sb cong co tong bang 28 va tong cac binh phuong cua ching bang
276 . Tich ctia bon s6 @6 12 :

A. 585. B. 161. C. 404 . D. 276.

us +3u, —u, =21
3u, —2u, =-34
A. 244, B. -274. C. -253. D. -285.

Cho cép s6 cong (un) thoa { . Tong 15 sb hang dau cta cap sb cong 1a.

. . |u, =3 . . . .
Cho day so u, biét { : 3 Vn € N . Tim s0 hang tong quat cia day so (un ) .
u,., =3u

n+l n

Aoy, =3". B.u, = 3mt. C.u, = 3t D.u =n"".

n

u, +u, +u, =13

Cho cap sb nhan (un) théa man: { . Téng 8 s6 hang dau cua cap sb nhan (un)

u, —u, =26
la
A. S, =3280. B. S, =9841. C. S, =3820. D. S, =1093.
TU LUAN

Tim gia tri x duong nho nhét thoa man ba sd sin x,sin 2x,«/§ cosx 1ap thanh cép $6 cong.
Chiing minh ré“lng ba s duong a,b,c theo thur ty 1ap thanh mot cép $6 cong khi va chi khi cac sb
1 1 1
Jb++e Ve+va Na+b
Chu vi cia mdt da giac 1a 45 cm, sb6 do cac canh cta n6 lap thanh mot céip ) cong voi cong sai

d =3cm . Biét canh 16n nhét 14 15 cm, tinh s canh cua da giac do.

theo tht ty 14p thanh cip s cong.
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Cau 14: Tim ba s6 hang lién ti€p cua mot cap s6 cong, bict rang:

a) Tong cua chung bang 15 va tich cta ching bang 105.

b) Tong ctia chung bang 21 va tong binh phuwong cta ching bang 155.

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cho ba sb a,b,c theo thr tu 1a ba s6 hang lién tiép ciia mot cdp sé cong. Chirng minh rang
a’ +2bc=c’+2ab va a’ +8bc=(2b+c)2.
, u, =2
Cho day s6 (u, ) xéc dinh boi :
u,, =4u,+9, (n>1)
a) Chimg minh day sb (vn) voi v =u, +3, n>1 1a mot cip s6 nhan.

b) Tim cong thirc tong quat cua diy sd (un ) .

.z u, +u; =51
Cho cap s6 nhan c6 .
u, +u, =102
a) Tim s6 hang dau tién va cong boi
b) Tinh tong cua 10 sé hang dau tién.
¢) Tong ctia bao nhiéu sé hang dau sé& bang 765.

d) S6 12288 13 sb hang tha may?

Tim s6 hang dau va cong boi cta cap song nhén (u, ), biét

a) Us — Uy = 15. b) Uyy = 8y, .
Uy —U, =6 Uy + s = 240

c U] — Uz +us =65 d) Uy —uy +us =10
u u, =325 Uy — g +ug =20

Tim s6 hang dau va cong boi cta cap song nhén (u,,), biet

u; =1 B
b) {54 =40

a s_ 1. :
) 58:32_1 Sg = 680

Tim ba s khac nhau tao thanh cép sb cong co téng bang 6, biét rang néu hoan ddi vi tri s6
hang thtr nhat va s6 hang thir hai dong thoi giit nguyén sé hang thir ba ta dugc cdp sé nhan.
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CHUONG 3 : GIOI HAN. HAM SO LIEN TUC

BAI 1: GIOI HAN CUA DAY SO
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. GIOI HAN HU'U HAN CUA DAY SO
1. Dinh nghia
-Ta c6 dinh nghia diy sb c6 gi6i han 0 nhu sau:
Diy s6 (un) c6 gidi han 0 khi 7 déan t6i dwong vo cuc néu |un| c6 thé nhé hon mot s6 duong bé tuy v, ké

tir mot s6 hang nao d6 tror di, ki hidu limu, =0.

n—>+oo

Chit y: Ngoai ki hiéu limu, =0, ta cling st dung cac ki hiéu sau: limu, =0 hay u, — 0 khi n — +o0

n—»+oo

Ta co: liml =0.
n

Nhén xét: Néu u, ngly cang gan t6i 0 khi n ngay cang 16n thi limu, =0.
-Ta c6 dinh nghia diy sb ¢6 gi6i han hitu han nhu sau:
Diy s6 (un) c6 gidi han hiru han 1a @ khi n dan toi duong vo cuc néu lim (u,—a)=0, ki hiéu

n—+oo

limu, =a

n—>+oc0

Chii y: Ngoai ki hi¢u limu, = a, ta cling str dung céc ki hi¢u sau: limu, =a hay u, —» a khi n >+

Chu y:

-Mot déy sb ¢ gidi han thi giéi han d6 1a duy nhét.

-Khong phai ddy sb nio ciing ¢ gi6i han, ching han nhu day sb (un) voi u, =(-1)".
2. Mt s6 giéi han co ban

Ta c6 thé chung to dugc cac gidi han sau:

a) liml =0, limik =0 voi & 1a s6 nguyén duong cho trudc;
n n

b) lim < = 0; limik =0 voi ¢ 1a hang s, k 1a s6 nguyén duong cho trudc;
n n

c) Néu |g|<1 thi limg" =0;

d) Day so (un) vOi u, = (1 +lj c6 gid1 han 1a mot s6 vo ti va goi gidi handd la e, e= 11m(1 +—J
n n

Mot gia tri gan dung cta e 1a 2,718281828459045.
IL. PINH LY VE GIOI HAN HUU HAN
Ta c6 dinh li vé gidi han hiru han ciia mot téng, cua mot hi€u, ctia moét tich, cia mot thuong va cua mot
can thirc nhu sau:
a) Néu limu, = a,limv, = b thi:
lim(u, +v,)=a+b;
lim(u, —v,)=a—b.
lim(u,.v, )= ab;

lim ™= =2 (v, #0,b%0).
v b

n
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b) Néu u, >0 v6i moi 7 va limu, =a thi >0 va limu, =a .

III. TONG CAP SO NHAN LUI VO HAN
Trong truong hop tong quat, ta co:

A A A A -1 ’ A A o ~ c 1 A A A \ e A
Cap s6 nhan vo han u,,u,q,...,u,q" ... cO cong bdi g thod man |g| <1 duoc goi 1a cap sO nhan lui v
: pWd,. ..U > 01 g C C
han.
Z’ll

Tdng clia cap sb nhan Iui vo han da cho 1a: S =u, +u,q +u,g* +...= -

-9
IV. GIOI HAN VO CUC
-Ta c6 dinh nghia vé diy s c6 gi6i han vo cuc nhu sau:
Ta noéi day sb (un) ¢6 gidi han +co khi n— 400, néu u, co thé 16n hon mot sd duong bat ki, ké tir mot
s6 hang nao do trd di.
Ki hiéu : limu, =+co hay limu, = +c0 hay u, — +c0 khi n = +c0.

n—+o0
-Tanéi day s6 (u,) c6 giéi han —co khi 7 —+0 néu lim (—u, )=+o0.
n—+o
Kihiéu lim u, =—co hay limu, = —c0 hay u, — —o0 khi n —+c0.
n—>+oo

Nhan xet

limn* =40 véi k 13 s6 nguyén dwong cho trudc.

limg" = +o Vv6i g >1 1a s6 thyc cho trude.

A q. \ . 1: e U
Néu limu, =a va limv, =+o (hodc limv, =—o0) thi lim—==0.
v

n

Neéu limu, =a,a >0 va limy, =0,v, >0 v6imoi n thi lim—=+oo.
v

n

limu, =+o0 < lim(—u, ) =—co.

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Gi6i han hiru ti

1. Phuwong phap

EETCEEYEBD — NI HNIG NVYL :AD

P& tinh gidi han clia ddy s8 dang phan thirc, ta chia ca ti thire va mAu thire cho Iu§ thira cao nhat cia n*, véi k
13 bac cao nhat & mau, roi ap dung cac quy tac tinh gidi han.

Chi y : Cho P(n), O(n) 1an luot 14 cac da thitc bac m, k theo bién n:

P(x)=a,n" +a, n""'+-+an+a,(a, #0)
Q(n) =bn* +b_n"" 4+ +bn+b, (bk + 0)
P i Ll viét tit P(n) G
Q(n) b.n Q(n) b.n
P(n) _o.
0(n)
()

Khi do6 lim ta c6 cac truong hop sau :

Néu « bac tir » < « bac mau (m < k) thi lim

am

£ A Lo A x ... P
Neéu « bac tor » = « bac mau (m = k) thi lim .

O(n) b~
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Néu « bac tir » > « bac mau (m > k) thi lim

P(n) [+oo khia,b, >0
O(n)  |—oo khia,b <0
Dé y rang néu P(n), O(n) c6 chita « cin » thi ta van tinh dugc bac cia né. Cu thé
Un ticobacla L Vidu Vo cobicla 2, dn" cobicla 2.
n
Trong cac bai sau ta c6 thé dung du hiéu trén dé chi ra két qua mot cach nhanh
chong !
2. Cac vi du rén luyén ki nang

3n° —5n% +1

nd+6n2+4n+5

Vidu 1. Tinh lim

n+2n’

3

Vidu 2: Tinh lim————
n +3n—1

7 2
Vi du 3: Tinh lim— "
n +3n—1

Vi du 4: Cho day sb (u,) v6i u, =222
Sn+3

trong d6 & 1a tham s6 thyc. Dé diy sd (u,) c6 gi6i han hitu han,

gia tri cua » bang bao nhiéu

2
Vi du 5: Cho day so (u,) VOi u, :%. beé day so6 da cho co6 gidi han bang 2, gia tri cia « bang bao
an
nhiéu
(n* +2n)(27° +1)(4n+5)

Vi du 6: Tinh gio1 han L =1im

(n4 —3n —1)(3112 —7)

Dang 2. Dy s6 chira ciin thirc

1. Phuwong phap
» Néu biéu thirc chira can thirc cAn nhan mot lugng lién hiép dé dua vé dang co ban.

A-B Iugng lién hiép la: A+B

JA -B_ luong lién hiép Ia: VA + B

JA -JB  1lugng lién hiép 1a: VA ++/B

YA -B  luong lien hiep la: [ YA? + BYA + B>

YA +B  lugng lien hiep 1a: [ YAZ — BYA + B>

2. Céc vi du rén luyén Ki nang

Vi du 1. Tinh nm(JIf +7—+n? +5)

Vi du 2. Tinh lim(\/nz —n+tl —n)
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Vi du 3. Tinh lim(\3/n2 2+ n)

Vi dy 4. Tinh tim |z (v =1 )|

Dang 3. Tinh giéi han ciia diy sé chira ham mii

1. Phwong phap

n

. Cp . u \ s s A w1 ooy X e 1 £ 14 A ,
Trong tinh giéi han lim—* ma wu,;v, 1a ham so mii thi chia ca tr va mau cho a” véi a la co so 16n nhat. Sau d6
v

str dung cong thire: limg" =0 véi |q| <l1.
2. Céc vi du rén luyén Ki nang
n__ n+l
Vidu 1: Tinh lim#
2" 45"
3" —42"" -3
32" +4"
(_l)n 50+l
35n+2

Vidu 2: Tinh lim

Vidu 3: Tinh lim

3" 4.2 3

Vi du 4: Tinh lim
32" 44"

anz—l_ 1
34n% 2"

Vi du 5: Co6 bao nhiéu gia tri nguyén cta « thudc (0;20) sao cho lim,[3+ 1a mot s6 nguyén.

Dang 4. Tong cta cap so0 nhan lui vé han

1. Phuwong phap
CAp s6 nhan Iui v han 1 cAp sd nhan v6 han va c6 cong boi 1a ‘q‘ <l

v Todng cac s6 hang cua mot cap so6 nhan Iui vo han (un)

EETCEEYEBD — NI HNIG NVYL :AD

S=u, +u,+..4u +..=—1
L+ et Uy =
v' Moi s6 thap phan déu duoc biéu dién dudi dang luy thira ciia 10

n

211 a2 33 a
X=N,aja,a;5..a, .. =N+ 45—+ +——+...
10 10 10 "
2. Cac vi du rén luyén ki nang
111 N
Vidu 1: Tinh tong cua cap s6 nhan lui vo han 1‘52‘%(‘5)

Vidu 2: Cho s6 thap phan v6 han tuan hoan a=0,212121... (chu ky 1a 21). Tim a dué6i dang phén sd.
Vidu3: Tong S_=1+0,9 +(O,9)2 + (0,9)3 + ...+(0,9)n_l +... ¢6 két qua bang bao nhiéu?

Vidu4: Cho S=1+q+q°>+q°+..., |q|<1
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T=1+Q+Q2+Q3+...,\Q\<1
E=1+qQ+q2Q2+q3Q3+...
Biéu thi biéu thirc E theo S,T

Vidu 5: Tim s6 hang U, cua cap s6 nhan Iui vo han, biét S=4; q= %

Vi du 6: Tim cong boi ctia cAp s6 nhan Iui vo han, biét S=-6; U, =-3.

Dang 5: Phwong phap sai phian va quy nap tinh giéi han

1. Phuwong phap
1) Dang tong cac phan sb.
Vi Du: A:L+L+...+#,n22,neN
23 34 n(n+1)
Ta phan tich : ! :l—L.(l)
k(k+1) k k+1

Dé tinh A ta thay k tir 2,3,,n vao biéu thirc (1) ta tinh d& dang

2) Dang tich cic phén so:

2 2
Vi du: Bz%.%...,nzlneN
K -1 k-1 &k
Ta phan tich: = : (2
P 2k

Pé tinh B ta thay k tir 2,3,,n vao biéu thic (2) ta tinh d& dang

3) Dang da thirc:

a) Mbi don thirc & dang tich:
Vidu: C=1.2.34+2.3.4+...99.100.101
Ta tach:
4k(k+1)(k+2):4=k(k+1)(k+2)[(k+3)—(k-1)] ,k=1lkeN
=(—(k-Dk(k+1)(k+2)+k(k+1)(k+2)(k+3)):4 (3)
Dé tinh C tathay k tir: 1,2,3,..., 99 vao biéu thirc (3) ta tinh duoc d€ dang
Vidu: D=357+579+...+2n+1)2n+3)2n+5),n=>1,ne N
Ta tach: 2k +1)(2k +3)(2k +5) =k +1)(2k +3)(2k +5)[(2k+7)— 2k +1)]:8
=(2k+D2k+3)2k +5)2k+T7)— 2k -1)2k +1)(2k +3) (2k+5)):8 (4)
Dé tinh D ta thay k tir: 1,2,3,,n vio biéu thic (4) ta tinh d& dang

EETCEEVEBD — NI HNIG NVYL :AD

4 ) Don thiurc dang lily thira
ViDu: Tinh E=P+2’+...+n’, neNn>1
Ta dung hang dang thtc : (x+1)° = x* +3x% +3x +1.
x=1 22=P . +3.1+3.1+1
x=2 3=2"-43-22+3-2+1

x=n (n+1)’=nr"...+3-n*+3-n+1
Cong vé theo vé
(n+1)* -1 :3(12+22+...+n2)+3(l+2+3+ ...... n)+n
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n’ +3n2+3n=3E+M+n

3 2
3E=n3+3n2+3n—KW+nJ =2n+3++n

_n(n+1)2n+1)
6
Ngodi ra ta c6 thé dw dodn dwoc so hang tong qudt, cé thé két hop quy nap dé khdng dinh.

= E

C6 thé ing vong lip MTCT dé gidi quyét cdc bai todn nay.

2. Cac vi du rén luyén ki ning

Vidu 1: Cho u Ly

53 n(n+ 1) . Tinh limu_

Vidu2: Cho un=%+i+L+“.+ :

57 79 m Tinh limu_

Vidu 3: limw bing bao nhiéu?
2n

Vidu 4: Tinh gidi han: lim[(l —%J(l—izj...(l —%ﬂ
2 3 n

U, =2
Vidu 5: Tim gi61 han cua day: U +1

Vidu 6: Tim gidi han cua day: {

Vidu 7: Tim gi6i han cua day:
J gidi h Yy I[Ulﬁ

C. GIAI BAI TAP SACH GIAO KHOA

EETTEEVESD — NI HNIG NVYUL :AD

Bai 1. Cho hai day s6 (un),(vn) VOl u, = 3+l;vn =5 —%. Tinh cac gi6i han sau:
n n
a) limu,,limy, .

b) lim(u, +v, ),lim (, —v, ), lim (u,.v, ), lim =
\%

n

Bai 2. Tinh cac gidi han sau:

2
) lim5n+1; b) lim6n +28n+1;
2n S5n +3
2
o) lim VL d) lim 2_ij;
6n+2 3"
1
24+~
3" +2" :
e) lim : lim—2.
) im=S g lim—,
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9 , 4 . . 2 1
Bai 3. a) Tinh tong cua cip s6 nhan 1ui v6 han (u, ), voi u, = 3’ 9==7

b) Biéu dién s6 thap phan v6 han tuan hoan 1,(6) dudi dang phan sd.

Bai 4. Tt hinh vudng c6 do dai canh bang 1 , nguoi ta noi cac trung diém cia canh hinh vudng deé tao ra

hinh vuéng moi nhu Hinh 3.

1
Hinh 3

Tiép tuc qua trinh nay dén v6 han.
a) Tinh dién tich S, cua hinh vudng dugc tao thanh ¢ budc thir n;
b) Tinh tong dién tich cua tat ca cac hinh vudng duoc tao thanh.
Bai5.Co1kg chét phong xa ddc hai. Biét réng, ctr sau mot khodng thoi gian 7' = 24000 nam thi mot nira
sO chat
phong xa ndy bi phan ra thanh chat khac khong doc hai dbi véi sirc khoé ctia con nguoi ( T duge goi la
chu ki
ban ra).

(Nguon: Pai sé6 va Gidi tich 11, NXB GD Viét Nam, 2021)
Goi u, 1a khdi luong chat phong xa con lai sau chu ki thir n.

a) Tim s6 hang tong quat u, cua day s6 (un) .

b) Chimg minh rang (un) c6 gibihan1a 0 .

¢) Tur két qua cau b), chimg t6 rang sau mot sé nam nao d6 khdi lwong chit phong xa di cho ban dau
khong con doc hai ddi voi con ngudi, biét rang chit phong xa nay s& khong doc hai nira néu khéi lugng
chat phong xa con lai bé hon 10° g.

Bai 6. Goi C la ntra duong tron duong kinh 4B =2R, C, 1a duong g6m hai nira duong tron duong

EETCEEVEBD — NI HNIG NVYL :AD

kinh %, C, la duong gdm bén nira dudng tron dudng kinh /{TB,. .. C, la duong gdm 2" nira dudng

tron duong kinh %, ... (Hinh 4).

Hinh 4 i
Goi p, 1add dai cua C,,S, 14 dién tich hinh phang gii han béi C, va doan thang 4B .
a) Tinh p .S, .

b) Tim gibi han cua cac day sb (pn) va (Sn )
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D. BAI TAP TRAC NGHIEM
Caul: Gi4 trj ciia gi¢i han lim— > 1a
dn” —2n+1
A. —%. B. —cc. C.0. D. —1.
3
Ciu2:  Gid tr ciia giéi han lim 2% 21 13
4n" +2n+1
2 3
A. +oc. B. 0. C. Z. D. =
7 4
Cau 3: Cho hai diy sb (u,) va (v,) cO u, = va vy, = 2 Khido tim2 ¢6 gié tri bang:
n+1 n+2 u,
Al B.2. C.0. D. 3.

Ciau4: Cho diy sd (u,) V61 u, = ‘51”4:31 trong d6 a 1a tham sd thuc. Dé day s6 (u,) c6 gi6i han bang 2,
n

gia tri cia q la:

A. a=10. B. a=38. C. a=6. D. a=4.
2
Ciu5: Tinh gi6i han L=1lim ">
2n" +1
3 1
A. L==. B. L=-. C.L=2 D.L=1
2 2
A , . n’ —3n’ Q
Ciu 6: Tinh gi6i han L =1lim———. <
2n° +5n—2 5
3 1 1 B
A L=—=. B. L=-. C.L=-. D.L=0 Z
2 5 2 o
x S z 2 5n* —3an* %
Cau7: Tim tat ca cac gia tri cua tham s6 ¢ d€ L=1im 4 > 0. 0
(1—a)n* +2n+1 c
[
A. a<0a>1. B. 0<a<1. C.a<0;a>1. D. 0<a<1. e
§
.. 2n—n’)(3n” 41 w
Cau 8: Tinh gidihan L= Iim( )( ) N
(2n—1)(n* —7) @
Ar=-3 B.L-1. C.L=3 D. L=+
A £ YT . =2n
Cau 9: K&t qua cua gidi han th la:
—on
1 2
A, —=. B. +oc. C. —x. D. =.
3 3
, 3
Ciu 10: Két qua cua gisi han lim22n+—3n
4n” +2n+1
3 5
A. = B. +oc. C.0 D. -.
4 7
A A RNYT . 3n—n' .
Cau 11: Két qua cua gidi han lim la:
"
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Cau 12:

Ciu 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ciu 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

A. 0. B. +. C. —x.

Trong cac gidi han sau day, gidi han nao bang 0?

3 2 2.3
St B. lim 2" 3 C. lim 223"
2n° —1 —2n’ —4 —2n —1

A. lim

Diy s6 nio sau ddy ¢ gi¢i han 1a —occ?
3 _ 2 _ 4
) 1+2n2. B. un:n +2n 31. C _2;2 3n3'
Sn+5n —n+2n n +2n

=

Tinh giéi han L =lim (3n” + 51— 3).
A. L=3. B. L=—. C. L=5.

D. 3.
4
2 a4
D. lim 223"
—2n" +n
_n2—2n
" Sp+1
D. L=+

Coé bao nhiéu gia tri nguyén cua tham s6 a thudc khoang (-10;10) dé

L zlim(Sn—3(a2 —2)n3)=—00.
AL 17, B.3. C.5.

Tinh gi¢i han lim (32" + 4n° —n+1).

A L=7. B. L=-. C.L=3.
Gid trj clia gi6i han lim(Jn+5—n+1) bing:
A. 0. B. 1. C. 3.

Gia tri cta gioi han lim(«/n2 —1-+/32 +2) la:
A. 2. B. 0. C. —x.

Gia tri cta gioi han lim(\/n2 +2n—n’ —Zn) la:
A. 1. B. 2. C. 4.

C6 bao nhiéu gié trj clia ¢ dé lim(\/n2 +a’n —\/n2 +(a+2)n+l) =0.

A. 0. B. 2. C.1.

Gia tri cua gidi han lim(\/zn2 — 4120 —3n+2) la:

A. 0.

5.2 -

Gié tri clia gi6i han lim(\/n2 2n—1—2n +n) la:
A. 1. B. 1-2. C. —.

C6 bao nhiéu gia tri nguyén cua a thoa lim(x/n2 —8n—mn +a2) =0.

A. 0. B.2. C. 1.
Gié tri clia gi6i han lim(x/nz —2n+3 —n) la:
A. —1. B. 0. C. 1.

D. +co.

Cho diy sb (u,) V61 u, =Jn* +an+5—+/n* +1, trong d6 a 1a tham s6 thue. Tim a dé limu =—1.

A. 3. B. 2. C. -2.

D. -3.
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Cau 26: Gia tri cua gidi han lim (\3/:13 +1-3n’ +2) béng:
A. 3. B. 2. C.o. D. 1.
Cau 27: Gia tri cha giGi han lim(\3/n3 —2n’ —n) béng:

AL B. 2. C.o. D. 1.
3 3

Cau 28: Gid trj ctia gi6i han lim|n (Vn+1 —\/n—l)} la:
A. —1. B. +oc. C.o. D. 1.

Cau 29: Gié tri cia gi6i han tim|n(\n +1— _3)} bing:

A. —1. B. 2. C. 4. D. +oc.
Cau 30: Gié tri cua gi6i han lim|n(\ +n-+1—’ +n_6)] a:
A T-1. B. 3. C. % D. +oo.
Cau 31: Gia tri cua gi6i han lim la:
N’ +2 —+n” +4
A. 1. B. 0. C. —x. D. +o0.
2
Cau 32: Gid tri ciia gioi han 1im 2" - ‘2V”+ 2 1a:
.
A 1. B. 0. C. 3. D. +o. .
. <
Cau 33: Gia tri cua gi6i han lim —— 1a: o
I’ +1—n s
2
A. 2. B. 0. C. —. D. +oc. v}
2
Cau 34: Ké h 225" s a
au 34: Keét qua cua gidi han lim————— bang:
d glothan mem 5 Dang <
o
A -2 B. 2. C.1. D. -2 ®
2 2 2 8
(98)
w
Ciu 35: Két qua clia gi6i han lim—> —1  bing: B
) d & : Y2341 & w
A. 1. B. -1 c. L p. 3
2 2 2

(*/g)n_zm"'l +2n2+3 :ax/g
52 +(V3) "3 ML)k

Ciu 36: Biét rang lim +c V6i a,b, cez. Tinh gia tri cia biéu thirc

S=a>+b +c .
A. S =26. B. s =30. C. s=21. D. s =31.
n n 2n
Ciu 37: Ket qua cua gidi han limLJrz22
3n" —3" 2%
Al B. L C. +. p. L
3 4

Ciu 38: Két qua cia gidi han lim[3" —\/5"] la:
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A. 3. B. /5. C. —x. D. +.

Cau 39: Két qua cua gi6i han 1im(3%.2"" —5.3") la:

A2, B. 1. C. . D. L.
3 3
, . . n__ . n+l .
Cau 40: Ket qua cua gioi han lim>—22" =3
32n+4"
A. 0. B. 1. C. —. D. +cc.
, .. . n+1 .
Cau 41: Két qua cua giGi han 11m22+ﬂ la:
n —n+2
A. +. B. 2. c 2. D. .
3 2
A Y ST A A 2. 4" 42! 1
Céiu 42: Tim tat cd gid tri nguyén cta a thudc (0;2018) dé lims < .
3" +4" 71024
A. 2007. B. 2008. C. 2017. D. 2016.
A A s g Jn? 1" s
Cau 43: Keét qua cua gidi han lim ’; +f" +( 3n) bang:
n_
A2 B. 1. c. Ll p. L
3 3 3
— 2
A A o 5 e 3 _1 K 3 N .o
Cau 44: Keét qua cua gidi han lim n+(-1)" cos3a bang: =
Jn—1 Y
2
)
A B. 3. C. 5. D. -1. =
2 T
(@)
[
[
o
Cau 45: Keét qua cua gidi han lim+2.3" —n+2 la: 80;
A. 0. B. 2. C. 3. D. foc. @
=
Cau 46: Tong cia mot cap sO nhan lui vo han bang 2, tong cua ba s6 hang dau tién cua cap s6 nhan @

bang L hang dau », cta cip s6 nhan d6 la:
4

A, u =3. B. u =4. C.uy :%. D. u =5.
A , 2 I 1 1
Cau 47: Tinh tong S=9+3+1+§+§+---+3n_3+---
27
A°S:7' B. s=14. C. s=1e. D. s=15.

. 1 1 1 1
CAu48: Tinhtdng S=+2|l+—+—+—+---t—+---|.
! 8 ( 2 4 8 2" j

A. S=+2+1. B. s=2. C. s=22. D. s=

N | —
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n

Cau 49: Tinhténg S:1+§+g+---+_+...,

3"
A. §=3. B. s=4. C. §=5. D. s=6.
A 2 v AL A 1A A 1 11 (-1 X
Cau 50: Tong cua cap sO nhan v han — —— — . —,... bang:
2 618 2.3"
VS B. % c. i D. 3
4 3 3 8
, 1 1 1 1 1 1
Caus51: Tinhtong S=| ——= |+| ——= |+...4| ——— |+
2 3 4 9 2" 3"
Al B. 2. c. 2 D. L.
3 4 2
2 n
Cau 52: Gia trj cia gigi han IimlJraJra2 te.ta (a|<1,|b|<1) bang:
1+b+b6" +...+0"
1-b l1—a A A .
A. 0. B. : C. . D. Khong ton tai.
1-a 1-b
Cau 53: Rt gon S =1+cos’ x+cos’ x+cos’ x+---+cos” x+--- v§i cosx = 1.
A. §=sin’ x. B. S =cos’ x. C.s= _12 ) D. s= 12 )
sin- x COS™ x

Cau 54: Ratgon S =1-sin’x+sin* x—sin® x+---+(=1)".sin™ x+--- v6i sinx = £1.

1

A. S =sin’ x. B. S =cos’ x. C.s=——. D. S=tan’x.
14sin” x
[9)
<
Cau 55: Thugon S=1—tana+tan’ a—tan’ a+... vOi O<a<£. ;E
p
2
A :1;. B.s—— %> (. zlm&. D. 5= tan’a. =
—tan« \/Esin[a—&—ﬁ] +tan o <
4 0
c
a s X ~ s . R , |
Cau 56: Cho m, n la cac so thuc thudc (—1;1) va cac bicu thirc: 2
w
M=14+m+m+m +-- §
2 3 N
N=l+n+n"+n +-- ]
w
A=1+mn+m*n* +m'n’ +---
Khang dinh nao dudi ddy ding?
A. A:ﬂ. B. A:ﬂ_ C. A:L_FL_L_ D. A:L+L+L.
M+ N —1 M+ N+1 M N MN M N MN

Cau 57: S6 thap phan vo han tuan hoan 0,5111--- duoc biéu dién boi phan sb toi gian % Tinh tong

T=a+b.
A. 17. B. 68. C. 133. D. 137.

Cau 58: S6 thap phan vo han tuan hoan 4 = 0,353535... dugc biéu dién boi phan s tbi gian % .Tinh T = ab.

A. 3456. B. 3465. C. 3645. D. 3546.
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Ciu 59: SO thap phan v6 han tudn hoan B=5231231... dugc biéu dién boi phan s tdi gian %. Tinh

T=a-—b.
A. 1409. B. 1490. C. 1049. D. 1940.

Ciu 60: S thap phan v6 han tudn hoan 0,17232323... duoc biéu dién bai phan sd tdi gian %. Khang dinh

nao duoi day ding?
A. a—b>2". B. a—b>2" C.a-b>2" D. a—b>2"

1+3+5+...+(2n+1)

Cau 61: Tinh gidi han: lim

3n* +4
A. 0. B. L. c. 2. D. 1.
3 3
A , ‘. . 1 1 1
Cau 62: Tinh gidi han: lim| —+—+...+ .
12 23 n(n+1)
A. 0. B. 1. C. % D. Khong ¢6 gi¢i han.
A , . 1 1 1
Cau 63: Tinh gidi han: lim| —+—+...+ .
1.3 35 n(2n-1)(2n+1)
Al B. 0. C. % D.2
2
. L R 1 o
Cau 64: Tinh gidi han: lim| —+—+...+ . o
1.3 24 n(n+2) >
Z
3 2 gl
A= B. 1 C.0. D. =. z
4 3 o)
T
A , . 1 1 1 o
Ciu 65: Tinh gi6i han: lim| —+—+...+ : o
14 25 n(n+3) S
S
AL B.2. C. 1. D. 2. m
18 2
Cau 66: Cho day (un) VOl u, =w Ménh dé nao sau day 1a ménh dé ding?
n“+1
A. limu_ =0, B. nmun:%. C. limu,_ =1, D. limu_ khong ton
tai.
0,1
Cau 67: Tim gidi han cua day: 5
1 U "
Un+1 5+T, neN
A.2. B. 1. C. V2. D. Khong c6 gi6i han.
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U, =5
Cau 68: Tim gidi han cua day: 2+ U? Y-
U, = L-peN
2U,
Al B. V2. C. 3. D. Khéng c6 gidi han.

U =2
U, =+2U_ ;neN’

A. 2. B. 1++/2. C. 1+2\/7. D. Khong c6 gidi han.

Cau 69: Tim gidi han cua day: {

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién cé nhu cdu sé hitu tron bé file word Bii giing Todn 9,10 11,12 va bg dé kiém tra két thic
chuyén dé, giiva ki, cudi ki c6 1oi giai chi tiét cia Thay gido, Tdc gia Tran Dinh Cw vui long lién h¢ zalo
Tran Dinh Cuw: 0834 332 133 dé dwoc ho tro toi da .

Ung hé chinh chii dé dwoc bio hanh va thém nhiéu wu dai khdc

Tranh mua cdc trang va cd nhan khac
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BAI 2: GIOI HAN CUA HAM SO
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. GIOI HAN HUU HAN CUA HAM SO TAI MQT PIEM
1. Dinh nghia
Ta viét khoang K thay cho cac khoang (a;b),(—o0;b),(a;+00),(—o0;+0).
Téng quét ta co:
Cho khoang K chira diém X, va ham sO f (x) xac dinh trén K hodc trén K \{xo}. Ham sb f (x) cod
gi¢i hanla so L khi x dan t6i x, néu voi dy s6 (x,) batki, x, e K\{x,} va x, > x, thi f(x,)>L.

Ki higu: lim ,  f(x)=L hay f(x)— L khi x> x,.

Nhan xét: limx = x,; limc = ¢, vo1 ¢ 1a hang so.

Chu y:

Ham sé f (x) c6 thé khong xac dinh tai x = x, nhung van ton tai gidi han ctia ham s d6 khi x dan toi
X, -

2. Phép toan trén giéi han hiru han ciia ham s6

Ta thira nhan dinh li sau:

a) Néu lim f(x)=L va limg(x)=M (L,M eR) thi

lim[f(x)+g(x)]:L+M; lim[f(x)—g(x)]:L—M
}er[f(x).g(x)]=L.M lim]grg;c;:ﬁ(neu M #0). |
b)Néu f(x)>0 va limf(x)=L thi L>0 va lim/f(x)=vL.

3. Giéi han mét phia
-Trong trudng hop tong quat, ta co cac dinh nghia sau:
= Cho ham s6 y = f(x) xac dinh trén khodng (a;x, ).

EETCEEVEBD — NI HNIG NVYL :AD

SO L dugc goi la gidi han bén trai cia ham s6 y = f (x) khi x — x, n€u voi day so6 (xn) bat ki,
a<x,<x, vd x, > x,,taco f(x,)>L.

Ki hi¢u: limf(x) =L.

=Cho hamsb y=f (x) xac dinh trén khoang (xo;b).
S6 L dugc goi 1a gidi han bén phai ciia ham s6 y = f (x) khi x — x, néu véi diy sb (xn) bat ki,
Xy <x,<bvax, —>x,taco f(x,)>L.

Ki hi¢u: limf(x) =L.

X=X,

Dinh li sau déy cho ta méi lién hé giita "gii han hai phia" lim f(x) véi gioi han bén trai lim f'(x) va
gidi han bén phai lim f(x).

X—)Xo
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limf (x)=L khivachikhi limf(x)=limf(x)=L

X=Xy X—X)

I1. GIOT HAN HU'U HAN CUA HAM SO TAI VO CUC
Trong trudng hop tong quat, ta c6 dinh nghia sau:
a) Chohamsé y = f (x) xac dinh trén khoang (a;+00) .

Tandi ham s6 y = f(x) c6 gi6i hanla sé L khi x — +oo néu véi ddy sd (x,) batki, x, >a va
x, = +o0,taco

f(xn)—>L.

Kihi¢u: lim f(x)=L hay f(x)— L khi x > +oo.

b) Chohamsd y = f (x) xac dinh trén khoang (—oo;a).
Tandi ham s6 y = f(x) c6 gi6i hanla sé L khi x ——o0 néu véi ddy sd (x,) batki, x, <a va
x, —>—oo,tacd f(x,)>L.

Kihi¢u: lim f(x)=L hay f(x)— L khi x—>—c0.

X—>—0o0
Chu y
Vi ¢,k 1a cac hang so va k& nguyén duong, ta luon co:
. . . C .
limc=c; limec=c; lim—=0; lim—=0.
X—>+o0 X—>—00 )C‘)+00x X‘)—()Ox

Céc phép toan trén gii han hitu han ciia ham s6 khi x — x, van con ding khi x — +o0 hodc x ——c0.
I11. GIOI HAN VO CUC (MQT PHiA) CUA HAM SO TAI MOT PIEM
Trong trudng hop tong quat, ta co dinh nghia sau:

Cho ham s6 y = f(x) xéc dinh trén khoang (a;+o0).
Ta n6i ham sb y= f(x) c6 gidi han 1a +oo khi x > a” néu véi day $6 (xn) bét ki, x,>a va x, >a,
ta co f(xn)—>+00.

Kihiéu lim f'(x)=+o hay f(x)—>+oo khi x > a".

x—a*

EETCEEVEBD — NI HNIG NVYL :AD

Cac truong hop lim f(x)=—oo; lim f(x) = +o0; lim f(x) = —c0 dwoc dinh nghia twong ty.

Chui y: Ta c6 hai gidi han co ban sau:

lirn+ = +o0; lim
x—a X—a x—>a X—da

IV. GIOI HAN VO CU'C CUA HAM SO TAI VO CUC
-Trong trudng hop tong quat, ta co dinh nghia sau:

= —00,

Cho ham s6 y = f(x) xéc dinh trén khoang (a;+o0).
Ta néi ham sé y =f(x) c6 gi6i han 13 400 khi x — +o0 néu voi diy sd (xn) bat ki, x,>a va
x, > +oo,tacod f(x,)>+o0.

Ki hiéu: lim f(x)=-+c0 hay f(x)—>+oo khi x —+o0.

X—>+o0

Céc truong hop lim f (x) =—co; lim f(x) = +0; lim f (x)=—co. dugc dinh nghia tuong ty.

X—>+00
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Chii y: Ta c6 ba gidi han co ban sau:

lim x* =+ v6i k 1 s6 nguyén duong.

X+

lim x* =+ v6i k 13 sb nguyén duong chin.

X—>—0

lim x* = —c0 véi k 13 s6 nguyén duong 1.

X—>—o0

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1: Diy s6 ¢6 giéi han hiru han

1. Phuwong phap
Néu ham s f(x) x4c dinh trén K> x, thi lim f(x) = f(xo).

X—)XO
2. Cac vi du rén luyén ki nang
Vidu 1: Tinh lim (x2 - X +7).

x—>-1
4 5
Vi du 2: Tinh lim—x —2%
x->15x% 4+ 3x0 +1

Vi du 3: Tinh lim ‘4)(3 “ox— 3‘

x—>-1
%/; +1
Vidu 4: Tinh lim

> 1Yx2+3-2

4 2

_x*—ax®+3

Vidy5: Tinh lim [~ "°
x=>=2\ 7x° +9x -1

Dang 2. Gié6i han tai v6 cuc

1. Phwong phap

Gidi han hiru han tai vo cuc

Cho ham sb y = f(x) x4c dinh trén khoang (a; +oo). lim f(x)=L < v6i moi day )

(xn), X >avax —>+o0 ta déu co lim f(x)=L.

EETCEEYEBD — NI HNIG NVYL :AD

LUU Y: Pinh nghia lim f(x) = L duoc phat biéu hoan toan tuong tu.

Gidi han vo cue tai vo cuc

Cho ham s6 y = f(x) xac dinh trén khoang (a; +oo). lim f(x) =+ < voi moi diy sd

(x,), x,>a va x, — -+ tadéuco lim f(x)=-+o.

LUU Y: Cac dinh nghia: liry f(x) =+, lim f(x)=—0o0, lirf1 f(x)=—0w dugc phat biéu hoan toan
tuong tu.

Mot s6 giéi han dic biét

. C L1y J4 A
lim — =0 (c la hang s6, k nguyén duong ).

x—>Fo0 X
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lim x* =400 v6i k nguyén duong; lim x* =—o0o néu k 1a s6 nguyén 1¢; lim x* =+ néu k 1a s6
x——o0

X—>+0 X—>—0
nguyén chan.

Nhan xét: lim f(x) =+o0 < lim [ —f(x) |=—o.

2. Céc vi du rén luyén Ki nang

Vidy 1: Tinh lim (-2x° +5x)

x—>—0

Vidy 2: Tinh lim (3x* —2x +1)

X—>—00

Vi dy 3: Cho ham s6 f(x)=+vx*=2x+5 . Tinh lim f(x)

X—>—%

xX——%

Vidu4: lim (\/x2 oy —Jar +1)

Dang 3. gi¢i han mgt bén

1. Phuwong phap
Ta cin nim céc tinh chat sau

lim f(x)=L < V(x,).xy <x, <b, lim x_ =x= lim f(x,)=L

X _”‘6 n—>+00 n—+00

lim f(x)=L < V(x,).a<x, <x, lim x, =x,= lim f(x)=L

x_)xa n—+oo n—+oo
lim f(x)= lim f(x)=L = lim f(x)=L
X=X x—)xar X=X

2. Cac vi du rén luyén ki ning
i ) |X — 3|
Vidu 1: Tinh lim

x—3T <X~

, , . 1-x°
Vidu 2: Tinh lim >
x—17 V3X7 +X

3_
Vidy3: Tinh fim X202
x—>-2" X~ +2x

Vidu 4: Tinh lim 2x+3x

x—0" 5X — \/;

2
Vidu5: Tinh lim 243
x—>(—1)Jr x> +x2
x2+1

Vidy 6: Chohamsd f(x)={1-x '¥*<! Knido 1im f(x) bing bao nhieu?

J2x =2 véix>1 =1
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Dang 3. Dang v6 dinh %

1. Phuwong phap

v Nhan dang v6 dinh O tim X bhi lim w0 = Tim u(x)=0.

x—>xq V(X) XX XX

v’ Phan tich tir va mau thanh céc nhan tr va gian udc

lim 20 _ gy ETXOAN) i A g i A,
x—ox, V(X)  xoxy (X — Xy )B(x) x-x, B(x) x—x, B(X)

Néu phuong trinh f(x) =0 c6 nghiém la x,, thi f(x) = (x - XO).g(x)
Dic biét:

f(x)= ax? + bx +c,ma f(x) =0 c6 hai nghi€ém phén bi€t x,,x,

e Néu tam thirc bac hai
thi f(x) dugc phan tich thanhf(x) =a(x -x )(x-x,)

e Phuong trinh bac 3: ax® +bx® +cx+d =0 (a = 0)

a+b+c+d=0 thi pt c6 mot nghi€ém la x, =1, dé phan tich
thanh nhan tf ta ding phép chia da thitc hoic ding so @ Hooc-ner

. a—b+c—d=0 thiptc6 mot nghiém la x, =-1, dé phan tich

thanh nhan tf ta dung phép chia da thitc hoic dung sd @ Hooc-ner

e Néu u(x) va v(x) c6 chita ddu cén thi c6 thé nhén tir va mau véi biéu thirc lién hiép, sau d6 phan

tich chung thanh tich dé gian wéc.

A-B lugng lién hiép la: A +B.

JA-B  lugng lién hiép 1a: VA +B.

JA —\/B  Iugng lién hiep 1a: VA ++/B.

YA -B  lugng lién hiép 1a: (\3/A2 +BYA + Bz).
Ya+B  lugng lién hiép 1a: (\/3 A2 -BYA + sz.

2. Cac vi du rén luyén ki nang

EETCEEYEBD — NI HNIG NVYL :AD

2 —
Vidy 1: Tinh mX—2%+2
x—1 x—1
2x% —3x+1

Vidu 2: Tinh L =1lim

2 —
Vidu 3: Tinh lim*_—3%*2

t*—a*

Vidu 4: Tinh lim

t>a t—a
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4
Vi du 5: Tinh lim¥_—1
yoly? —1

4_x2
Vidu 6: Tinh lim———

-X

x=24x+7 -3

Vli+x -1
X

Vidu 7: Tinh lim

x—0

2_
Vidu 8: Tinh lim X %%*38

x—4 \/;_2
Ux? +4 -2

Vidu 9: Tinh lim

224 \2x%+8

4/ 2
Vi du 10: Tinh fim 1272

Xx—>-2 X2 -4

6
Vidu 11: Tinh fim !

x—=1 x 1

Dang 4. Dang v6 dinh =
00

1. Phuwong phap

v/ Nhén biét dang v6 dinh i

00 ’
N (6:9 I . y
lim khi lim u(x) =0, lim v(X)= oo,

XA)XO V(X) XA)XO XA)XO

im 2% khi Tim u(x) = 400, lim v(x) = %00,

X—>to0 V(X) XX X—X(

v Chia tir va mau cho x" véin 13 s6 mil cao nhat ciia bién & mau ( Hodc phan tich thanh tich chira

EETCEEVEBD — NI HNIG NVYL :AD

nhan t¢ x" roi gian udc)

v Néu u(x) hoidc v(x) c6 chira bién x trong dau cin thi dua x* ra ngoai dau cin (Véi k 12 mii cao nhat
cua bién x trong dau can), sau do chia tir va mau cho luy thira cao nhat cua x (thuong 1a bac cao
nhat & mau).

v' Céach tinh gi6i han dang nay hoan toan twong tu gi6i han ddy sb.
2. Céc vi du rén luyén Ki nang

4.3 2
Vidu1: Tinh lim 22X 22X 73
X—>+00 X — 2X4

4 5
Vidu2: Tinh fim —% —2%
x40 5x4 4 3x 42

4 5.5
Vidu3: Tinh lim — =2%
x>+ 5x4 4 3x0 42
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4 5
Vidy 4: Tinh lim (St T2
X0 Y Ox” +5x +4

2
Vidu5: Tinh L= lim 2 $2X*3%
x>0 J4x2 11— x+2

Vax* +1-x+5

Vidu 6: Tinh lim

X—>+00 2X - 7
Vidy 7: Tinh lim (x+5) |-
X—>+0 x3 -1

3
(—xz +1) (1-2x)"
Vidu 8: Tinh lim
X0 2x100 43

Dang 5. Dang vo dinh co—00,0.00

1. Phuwong phap
v Néu biéu thirc chira bién s6 dudi dau can thi nhan va chia véi biéu thirc lién hop
v' Néu biéu thirc chira nhidu phan thirc thi quy dong mau va dua vé cung mot biéu thirc.

v' Thong thudng, cac phép bién doi nay co thé cho ta khir ngay dang vo dinh oo —o0;0.00 hodic

chuyén vé dang v dinh 2;9
o 0

2. Céc vi du rén luyén Ki nang

Vidu 1: Tinh lim (\/x+ -\/x—3)

X—>+00

Vidu 2: Tinh lim x(\/x2+5—x)

EETCEEVEBD — NI HNIG NVYL :AD

X—>+00
Vidu 3: Tinh lim (x—\/xz +5xj
X—>+00

Vidu 4: Tinh lim l[ ! -1J
X +

x—0~ X

Vidy 6: Tinh lim 2vx>+5=0.

X—>+00 X
Vidu 7: Tinh lim x(\/xz +2 —x)
X—>+0

_ 2
Vi du 8: Tinh lim Y VX +x+]
X

x—0
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Vidu 9: Tinh lim (\/x+5—\/ -7)

X—>+00
Vidu 10: Tinh lim (\/xz —SX—X)
X—>+00

Vidu 11: Tinh lim x> +5=1.

X—>—00 X
C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Str dung dinh nghia, tim céc gidi han sau:

2 —
a) limx? b) lim %2>
x—>=3 x5 X— 5

Bai 2. Biét rang ham s6 /' (x) thoa man lim f(x)=3 va lim f(x)=5. Trong trudng hop ndy c6 ton tai

e x—2"

gi6i han lim / (x) hay khong? Giai thich.

Bai 3. Tinh céc gidi han sau:

2
- : -1
) lim(x* ~4x+3) b lim™——>* 6 0) L
x—2 x—3 X — 3 x>l x — 1
Bai 4. Tinh céc gidi han sau:
2
a) lim 9x+1; b) lirn7x 11; ¢) lim al +1;
X+ 3x—4 xo-o0 Dx +3 X+ X
2
d) limY* "1 &) lim g) lim
x——0o0 X x=6" X — 6 x=7" X— 7
Bai 5. Mot cong ty san xuit may tinh da xac dinh dwoc rang, tinh trung binh mot nhan vién cé thé lip ;
rap dugc N ()= %(r >0) bo phan mdi ngdy sau ¢ ngay dao tao. Tinh lim N (¢) va cho biét y nghia
+ t—>+o0

cua két qua.
Bai 6. Chi phi (don vi: nghin dong) dé san xuit x san phidm ctia mot cong ty duge xac dinh boi ham sé:
C(x)=50000+105x.

EETCEEVEBD — NI HNIG NVYL :AD

a) Tinh chi phi trung binh C(x) dé san xuat mt san pham.
b) Tinh lim C(x) va cho biét y nghia cta két qua.

D. BAI TAP TRAC NGHIEM
Caul: Gidtrj cia gioi han lim(3x° +7x+11) la:

A. 37. B. 38. C. 39. D. 40.
Cau2: Gia tri clia gi6i han lim |x2 —4| la:

A. 0. B. 1. C. 2. D. 3.
Cau3: Gid tri cia gi6i han lim s’ sin% la:

A. sin%. B. +oo. C. - D. 0.
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2
Caud:  Gi trj clia gici han lim %> la:
xo-ly” 42
Al B. 2. C.2. D. —%.
A .7 . o <7 . X — x3 N
Cau5: Giatri cua gi6i han lim————— 1a:
=1 (22 —1)(x* - 3)
A1 B. —2. C.o. D. _%.
Cau 6: Gia trj ciia gidi han lim 4|x_1| la:
=l x® 4 x =3
A -2 B. 2. c. 3 D. -2
2 3 2 3
2 J—
Cau7: Gia tri cta gi6i han Iiml—w I2
x—— X —
A -2 B. L. c. -1 p. 32
2 2 2 2
2
Cau 8: Giatri cuia gi6i han lim ox —x
3 (22 - 1)(x* —3)
AL B. 5. c. L. D.s
5 NS
2 —
Cau9:  Gid trj ctia gioi han fim g0 |
=2\ x"+2x (9]
<
AL B. L. c.l D. 1 =}
4 2 3 5 s
2
Y3x> —4—f3x-2 g‘
Cau 10: Gia tri cua gi6i han lim la: I
x—2 x+1 e}
3 2 <
A, —=. B. - Z. C.o. D. +c. Io
2 3 ]
w
e
Céu 11: Gid tri clia gi¢i han lim (x—x*+1) 1a: @
X—>—00 =
Al B. —. C.o. D. +. e
Cau 12: Gid ti cia gi6i han lim (| +2x +3]x]) 1a
X—»—00
A. 0. B. 4. C. 1. D. —x.
Cau 13: Gi4 trj ciia gioi han lim (\/x2 1 +x) la:
X—>+o0
A. 0. B. +. C.\2-1. D. —x.
Cau 14: Gi4 trj ciia gioi han lim (%xS 1% +2) la:
X—>+0
A. B +1. B. +. C.3B-1. D. —c.
Ciu 15: Gié tri cia gi6i han lim x(\/4x2 x4 2x) la:
xX—>+00
A. 4. B. . C. 6. D. +cc.
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3 J—
Ciu 16: Gid trj ciia gi6i han lim %= 1a:
X— x —
A. 0. B. +oc. C. 3. D. Khong xéc dinh.
. . e, . x5_|_1
Cau 17: Gia tri cua giéi han lim ——— la:
-1 x” 41
A -3 B. 2 c. -2 D. 2.
5 5 3 3
14 A 3
Cau 18: Biét rang lim 2x3+—6;/§:a\/§+b. Tinh &* +#°.
x——+3 —X
A. 9. B. 25. C.s. D. 13.
2
Cau 19: Gia tri cta gioi han lim _’CZ_—M la:
x==3  x° +3x
AL B. 2 C. 2 p.3
3 3 3 5
Cau 20: Gia tri cua gioi han lim ——"_ la:
=327 -1
AL B. 0 C. 2 p.3
3 3 5
. . 2+ )1 =24 — 7™
Cau 21: Gia tri cua gioi han Iin(}( ) la:
X X
21 21 21 o 21
A, _27T B. _27T C. _27r D. 1-27 R
5 7 2
—|
[ 2 _ D
Ciu22: Gid tr cita gidi han tim Y% T2V | >
x—0" X
V)
A. 0. B. —. C. 1. D. +. =
(@]
3 J—
Chu 23: Gid tri ciia gidi han lim Y~ 1a b
1 Yax+4 -2 S
A. —1. B. 0. C. 1. D. +o. £
W
N
_ 3/ _ =
Céu 24: Gid trj clia gi6i han lim 2V F ¥ —Y82% 1y, o
X X
A2 LB c. b p. -1
6 12 12 12

Jax+1—-~1—-bx

Céiu 25: Biétrang 6>0,a+b=5 va lim 2 . Khang dinh nao duéi day sai?

X
A.l<a<3. B. v>1. C. @ +5 >10. D.a-b<0.
2 —
Cau 26: Keét qua cua gidi han lim w la:
o0 x° 4+ 6x+3
A. 2. B. +oc. C. 3. D. 2.

r 3 2 —
Ciu 27: Két qua cua gi6i han lim w la:
oo 52 46x+3

A, 2. B. +c. C. —x. D. 2.
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, 3 2
Cau 28: Két qua cua gi6i han lim 2~ 7% 115
¥o=o0 3x° +2%° =35

A. -2, B. +oc. C. 0. D. —oc.
Cau 29: K&t qua ciia gi6i han lim —=2—=>_ Ia:
A, 2. B. +. C. 3. D. 1.

Céu 30: Biét rang (2-a)x-3

Vai+1—x

Cﬁa P:az —2a+4

c6 giéi han 13 T00 khi ¥ =400 (v4i @ 1a tham sd). Tinh gia tri nho nhét

A. P =1 B. P =3 C.P, =4 D. P _=5.
4 “ g . \/ 2 - Y
Cau 31: K¢t qua cua gidi han lim % la:
X——00 X
A. 2. B. 1. C. 2. D. +oo.

/4 .z 2 _ — \
Cau 32: Két qua cta gidi han fim Y4¥ Z2¥F1+2-x 1.
e J9x? —3x 42x

A5 B. o0 C. —ox. p. L
’ 5
‘o Vi o iien-

Ciu 33: Biétring L — lim Y2 —2x+1+2-x

= >0 la hitu han (v6i 4,6 1a tham s6). Khang dinh nao duéi
¥ ax® —3x +bx

day dang.
o)
A. a>0. B.L—-3 C.=—2 D. 5>0. 2
a+b b—~a o
)
s
e 3.3 2 2
Cau 34: Két qua clia gi6i han fim 32 2% F1 3. s
oo (247 41 2
T
(@)
A2 B. 0. c. -2 D. 1. 2
2 2 I
&
r 5 w
Cau35: Tim tht ca céc gid tri cia @ dé lim (\/2x2 1 +ax) I3 -+, 5
X—>—00 w
N
A. a>42. B. a <2, C.a>2. D.a<2. m
Ciu 36: Gid tri clia gi6i han lim (2x° —x*) la:
A. 1. B. +oc. C. -1 D. —c.
~ cr e o g . 1 1 \
Cau 37: Gia tri cia gi6i han lim ——= la:
=2 \x—2 x"—4
A, —cc B. +oc. C.o. D. 1.
Cau 38: Két qua ctia gidi han lim *=15 13,
x—=2" x —
15
A. —o. B. +oc. C. - D. 1.
Ciu 39: Két qua ciia gii han fim Y25 ; la:
X— x—
A. —o. B. +oc.
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C. —%- D. Khéng xéc dinh.
1 s 3x+6
Cau 40: Keét qua cta gidi han lim w la:
x—(-2)" x+2
A. —o. B. 3.
C. +oo. D. Khong xéc dinh.
|2 — x|

Ciau 41: Két qua cta giéi han lim —_—
=2 2x" —5x+2

A. —x, B. +. c. -1 p. L
3 3
I3 2
Cau 42: K¢t qua cua gioi han Iim+M la:
¥o3 (x+3)(x2 —|—5)
2
A. 2. B. 2. C.o. D. —.
Ji5
2% véi x <1
flx)=i¥1-x
. 3,2 ”
Cau 43: Cho ham sé WAL NAXZT Khi o tim £(x) la:
A. +oo. B. 2. C. 4. D. —x.
ﬂ véi x <1
Cau44: Chohamso f(x)={1-x - Khi d6 1im f(x) la:
x—1"
V2x—2 véix>1 o
<
A. +oo. B. —1. C.o. D. 1. 4
s
I3 2 _ S
CAud5: Chohamsd f(x)={" ~> Y8*=2 Knido tim () la: o
x—1 v6ix<2 =2 =4
\ I
A. -1 B. 0. C.1. D. Khong ton tai. e
s o . I
Cau 46: Choham s f(x)=|¥* 273 YO*¥22 i 4 48 tdn tai lim f(x). 8
ax—1 VO x <2 #=2 ®
w
A. a=1. B. a=2. C. a=3. D. a=4. §
w
w

X =2x+3 véix>3

Ciu 47: Cho hamsb f (x)=11 véi x = 3. Khang dinh nao duéi day sai?
3-2x° véi x <3
A. lim f(x)=6. B. Khong ton tai lim £ (x).
x—3" X—
C. lim f(x)=6. D. lim f(x)=—15.
x—3" x—3"
o um["—b3] L:Iim[b3—a]
Cau48: Bibtring a+b=4 va *"' I=% 1=X) hixy han. Tinh gigi han ' =% 1=x)

A. 1. B. 2. C.1. D. -2.
CAu 49: Gid trj cita gioi han lim (V1+2+* —x) la:
A. 0. B. +oc. C.\2-1. D. —x.

Cau 50: Gid trj cita gii han lim (\/x2+1—x) la:
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A. 0. B. . C. % D.
CiuS1: Biétring lim (V5" +2x+xJ5)=aV5+b. Tinh §=Sa+b,
A. S=1. B. s=-1. C. s=5. D. s=-5.
Cau 52: Gid trj cta gioi han lim (\/x F3x ¥ +4x) a:
AL B. - L. C. +c. D. —.
2 2
Cau 53: Gié tri cta gidi han 1im (Y3x° —1+¥" +2) la:
A. B+l B. +oc. C. -1 D. —.
Cau 54: Gid trj cta gioi han lim (Jx yx—Yxr = ) la:
A. % B. +oo. C. 1. D. —oo.
Cau 55: Gia tri cua gioi han lim (2x—1-32x+1) 1a
A. 0. B. o0 C. 1. D. — .
Ciu 56: Két qua cua gi6i han lim x[l—l] la:
x—0 X
A. +oc B. 1. C. 0. D. oo,
Cau 57: Két qua cia giéi han lim (x—2) Zx 1 la: o)
x—2"t X — .o
A 1. B. +o0 C. 0. D. . ;E
2
Cau 58: Két qua cua giéi han 1im » |—2* 1 la: =)
it \Bx% 22 42 =
(@]
A. % B. Y6 C. +00 D. . S
3 o
%
Ciau 59: Két qua ciia gidi han lim x* [sinwx—i2 la: §
X— x N
A. 0. B. 1. C. . D. Ho0 %
Céu 60: Két qua cua gidi han hm (x* +1) la
A. 3. C. 0. D. .

File word va dap &n chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu ciu s0' hitu tron by file word Bai giang Todn 9,10 11,12 va by dé kiém tra két thiic
chuyén de, giita ki, cudi ki ¢é loi gidi chi tiét ciia T hay gido, Tdc gid Tran Pinh Cw vui long lién hé
zalo Trian Pinh Cu: 0834 332 133 dé dwoc hé tro toi da .
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BAI 3: HAM SO LIEN TUC
A. TOM TAT KIEN THUC CO BAN CAN NAM
I. KHAI NIEM
1. Ham s0 lién tuc tai mot diém

Cho ham s y= f(x) xac dinh trén khoang (a;b) va x, € (a;b). Ham sb y :f(x) duoc goi 1a lién tuc tai
x, néu lim f(x) = f(x,).

P
Nhan xét: Ham sb y=f (x) khong lién tuc tai x, duoc goi la gidn doan tai x, .

2. Ham s6 lién tuc trén mét khoang hoic mot doan

Mot cach tong quat, ta c6 dinh nghia sau:

Ham s y=f (x) duoc goi 1a lién tuc trén khoang (a;b) néu ham sd lién tuc tai moi diém thudc khoang
do.

Ham s yv=f (x) duogc goi la lién tuc trén doan [a;b] néu ham sb d6 lién tuc trén khoang (a;b) va

lim /()= f (@) limf (x) =/ (9):

Chui y: Khai niém ham sb lién tuc trén cac tap hop co dang (a;b],[a;b),(a;+oo) ,
[a;+20),(—o0;a),(—o0;a],(—o0;+20) duge dinh nghia twong tu.

Nhdn xét: DO thi ham s6 lién tuc trén mot khoang 1a "duong lién" trén khoang do.
IL. MOT SO PINH LY CO BAN

1. Tinh lién tuc ciia mdt s6 ham so cAp co ban

-Trong trudng hop tong quat, ta c6 dinh i sau:

Céc ham da thire va hai ham s luong gidc y =sinx, y = cosx lién tyc trén R .

Céac ham phan thirc hiru ti va hai ham sé luong giac y = tanx, y = cotx lién tuc trén timg khoang xac dinh
cua chung.

Ham cin thire y =+/x lién tuc trén nita khoang [0;+00).

2. Tinh lién tuc ciia tong, hiéu, tich, thwong ciia hai ham sé lién tuc

Trong trudng hop téng quét, ta co dinh 1i sau:

EETCEEVEBD — NI HNIG NVYL :AD

Gidstr y= f(x) va y=g(x) 1a hai ham s6 lién tyc tai diém x,. Khi do:

a) Cachamsd y = f(x)+g(x).y=f(x)-g(x) va y=f(x) g(x) lién tuc tai x,;
S(x)
g(x)
B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

| Dang 1: Ham s6 lién tuc tai mot diém

b) Ham s6 y = lién tuc tai x, néu g(x,)#0.

1. Phwong phap
Ta can phdi nam vieng dinh nghia:
Cho ham sd y=f(x) xéac dinh trén khoang Kva x,eK. Ham sb y=1f(x)goi Ia lién tuc tai x, néu

lim f(x)=f(x,) < lim f(x)= lim f(x)=f(x,).

X—)XO X—)X+

X=X, o

()
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2. Céc vi du rén luyén Ki nang

Vidu 1: Cho f(x v6i x = 0. Phai bo sung thém gié tri £(0) bang bao nhiéu thi ham s6

lién tuc tai x=07?

a—x> véix#lviaeR

. Giatriciaadé f (x) lién tuc tai x =1 1a bao nhiéu?
3 véix =1

Vidu 2: Cho ham s f(x) ={

2
x“+1 e R
Vidy3: Chohamsd £(x)={\13 g 'O X*3VAX*2 Timb dé £(x) lién tuc tai x =3.
b+3 véix=3vabeR
a—2 khix<2
Vidu 4: Cho hamso f (x)z - . Vi gid tri nao cua a thi ham so lién tuc tai x =2.
sin— khix>2
X

Vidu5: Tim s0 a d€ ham s6 sau lién tyc tai di€ém x,,.

Wx42-2 oy
f(X): Xx—=2 ;X0:2.

ax+2 néux<2

X2 vl —5<x<4

Vx+5
Vidu 6: Cho ham s6 f(x)z mx+2 véix=4 . Tim gi4 tri cia m dé f(x) lién tuc tai x =4.

£ véix >4

3

x?+8-3 .

) - néux<l . )

Vi du 7: Cho ham s6 f(x)=1 X" —4x+3 . Tim gid tri chia a dé f(x) lién tuc tai x=1.

1 2 .
gcosnx+a —xnéux=>1

Dang 2. Ham s lién tuc trén tap xac dinh

1. Phuwong phap
e Dé chimg minh ham sé y = f (x) lién tuc trén mot khoang, doan ta ding cac dinh nghia vé ham

EETCEEYEBD — NI HNIG NVYL :AD

s6 lién tuc trén khoang, doan va cac nhan xét dé suy ra két luan.

e Khi néi xét tinh lién tuc ctia ham s6 (ma khong noi rd gi hon) thi ta hiéu phai xét tinh lién tuc trén
tap xac dinh cua no.

e Tim céac diém gian doan cua ham sé tirc 1a xét xem trén tap xac dinh ctia né ham sb khong lién
tuc tai cac diém nao

e Hamsd y=f (x) duoc goi 1a lién tuc trén mdt khoang néu no lién tuc tai moi diém thudc khoang
do.

e Ham sb y=f (x) duwoc goi 1a lién tuc trén doan [a,b] néu n6d lién tuc trén (a,b) va

lim f(x)=f(a), lim f(x)=f(b).
x—at x—b~
2. Cac vi du rén luyén Ki nang
Vi du 1. Xét tinh lién tuc ctia cac ham sb sau trén tip xac dinh ca chung :
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x> —4 x =2 .

Z 7 khix#-2 =2 khix#+2
a) f(x)=1 x+2 ' b) f(x)= x—2

4 khi x = -2 242 khi x =2

Vi du 2. Tim céc gia tri cia m d¢€ cac ham s0 sau lién tuc trén tap xac dinh cua ching:

Y —x—2 x*+x  khix<l
— khix#-2 .

a) f(x)={ x-2 b) f(x)=42 khi x =1
m khi x = -2 mx+1  khix>1

| Dang 3. S6 nghiém ciia phwong trinh trén mgt khoing

1. Phuwong phap
v" Ching minh phuong trinh f (x) =0 c6 it nhat mot nghiém

- Tim hai sé a va b sao cho f(a).f(b) <0
- Hamsb f (x) lién tuc trén doan [a;b]
- Phuong trinh f (x) =0 c6 it nhat mot nghiém X € (a;b)
v" Ching minh phuong trinh f (x) =0c6 it nhit k nghiém
- Timk cdp sb a,,b. sao cho cac khoang (ai;bi) roi nhau va
f(a)f(b,)<0,i=1,...k
- Phuong trinh f(x) =0 c6 it nhat mot nghiém X; € (ai;bi )
v Khi phuong trinh f (x) =0c6 chira tham s6 thi can chon a, b sao cho :
- f (a), f (b) khong con chira tham sb hodc chira tham sé nhung déu khong dbi.
- Hoac f (a), f (b) con chira tham sb nhung tich f(a).f(b) luén am.

2. Céc vi du rén luyén Ki nang
Vi du 1: Tim m dé phuong trinh sau c6 nghiém: m(x - 1)(x + 2) +2x+1=0.

Vi du 2: Chimg minh rang cac phuong trinh sau lu6n c6 nghiém véi moi gia tri ctia tham so:
a) (l—mz)(x+1)3 +x°=x-3=0
b) cosx+mcos2x=0
c) m(ZCOSX—\/E) =2sin5x+1

Vi du 3. Chimg minh rang cac phuong trinh sau c6 3 nghiém phén biét:

a) x —=3x+1=0 b)2x+63/1-x =3
Vi du 4. Chirng minh ring cac phwong trinh sau luén c6 nghiém:
a) X’ =3x+3=0 b) x*+x =3x* +x+1=0

Vi du 5. Chimg minh rang phuong trinh ax” +bx +¢ =0 ludn c6 nghiém x € [O;%} vol a#0 va

2a+6b+19¢=0.
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C. GIAI BAI TAP SACH GIAO KHOA
Bai 1. Dung dinh nghia xét tinh lién tuc cia ham s6 £ (x)=2x" +x+1 tai diém x=2.

Bai 2. Trong cac ham s6 ¢6 dd thi & Hinh 15a,15b,15, ham sb nao lién tuc trén tap xac dinh cia ham s6
d6? Giai thich.

VA ¥ A

|
-
o

=y
|

-10 1 /2 3

a) Pé thi ham s& b) Pé thi ham sé ¢) Pé thi ham sé

. 2 X { -
fixy=x"-2x g(x)=— [—2xnéux<-1
x—1 h(x) =+

[x+1 néux=-1
Hinh 15
Bai 3. Ban Nam cho ring: "Néu ham s6 y = £ (x) lién tuc tai diém x,, con ham sé y = g(x) khong lién
tuc tai x,, thi ham sd y = f (x)+g(x) khong lién tyc tai x, ". Theo em, y kién cta ban Nam dung hay sai?
Giai thich.

Bai 4. Xét tinh lién tuc cia moi ham s0 sau trén tdp xac dinh cua ham so do:

a) f(x)=x> +sinx b) g(x):x4_x2+Ll;
x_
2x  x-1
h(x)= ,
? (x) x—3+x+4 ;
2
: 4
Bai 5. Cho ham s6 f(;;):{x vl X7 ,
2a+1 x=4

a) Voi a =0, xét tinh lién tuc cua ham sOtai x=4.

b) V&i gia tri nao cua a thi ham s6 lién tuc tai x=4 ?

¢) Vi gia tri ndo cua a thi ham s6 lién tuc trén tap xac dinh cta no?

Bai 6. Hinh 16 biéu thi d cao ( m) ctia mot qua bong duoc dé 1én theo thoi gian #( s), trong do

h(t)=-21"+8t.

EETCEEVEBD — NI HNIG NVYL :AD

h(m) 4
8

) 2 ;(5’}

Hinh 16
a) Chimg t6 ham sb 4 (¢) lién tyuc trén tap xac dinh.
b) Dua vao dd thi hay xéac dinh linzl(—2t2 + 8t) .
t—
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D. BAI TAP TRAC NGHIEM

. . . ¥ -x-2 Khix =2
Cau 1: Tim gia tri thuc cia tham sO m dé hamso f(x)={ x-2 '¥7 2 Yien tuc tai x =2.
m khix=2
A. m=0. B. m=1. C. m=2. D. m=3.
) ) ) 2 —x"+2x—2 khi 1
Cau2: Tim gia tri thuc cia tham s6 m dé ham so f(x)= xr—1 "7 lien tuc tai x=1.
3x+m khix =1
A. m=0. B. m=2. C. m=4. D. m=6.
Jx-l Kkhi x #1
Cau 3: Tim gia tri thuc cua tham s6 k& dé ham sé y = f(x) =9 x—1 o lién tuc tai x =1.
k+1 khix=1
1 1
A k=—. B. k=2. C.hk=—. D. £=0.
2 2
o , 2 khix#3 | | o
Cau 4: Biét rang ham so f(x) =qVx+1-2 lién tuc tai x=3 (v6i m la tham s0). Khang
m khix=3
dinh nao duoi day ding?
A. me(—3;0). B. m<-3. C. me[O;S). D. me[5;+oo).
3 khix =-1
)
. xt+x =
Cau5: Hamso f(x) =4 khix # —1,x # 0 lién tuc tai: >
X +Xx ;f
1 khix =0 )
: : Z
A. moi diém trir x =0, x =1. B. moi diém x e R. §
C. moi diém trir x =—1. D. moi diém trr x =0. ,q
o
0,5 khix =-1 ®
w
A A -3 . L s A X(x+1) . . o
CAu 6: SO diem gian doan ciia ham s6 f(x)= e khix#-1,x=1 la: =
X" — w
1 khix =1
A. 0. B. 1. C. 2. D. 3.
. . . ’x? khix<2
Cau7: Co bao nhiéu gia tri thuc cua tham s6 m dé ham so f (x) _m ) * lién tyc trén
(l—m)x khi x> 2
R?
A. 2. B. 1. C.0. D. 3.

\/; khixe[0;4]
1+m khixe(4;6]
A. m<2. B. 2<m<3. C.3<m<5. D. m>35.

Cau8: Biétranghamsb f(x)= { tuc trén [0;6]. Khing dinh nao sau ddy ding?
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H B2 g
Cau 9: Co bao nhiéu gia tri cua tham s6 ¢ dé ham s0 f(x)={ [|x—] lién tyc trén R.
a khi x =1
A. 1. B. 2. C.0. D. 3.
il B
Céau 10: Biét rang f(x)={x 1 lién tyc trén doan [0;1] (v6i o 1a tham s0). Khang dinh nao
a khix =1
dudi day vé gia tri « 1a ding?
A. a2 lamot sé nguyén. B. o lamotsévoti. C.a>5. D. a<0.
_x-1 Khix <1
Céu 11: Xét tinh lién tuc cia ham s6 f(x)=1{2—x -1 . Khang dinh nao dudi day dung?
—2x khix>1
A. f(x) khong lién tyc trén R. B. f(x) khong lién tuc trén (0;2).
C. f(x) gian doan tai x=1. D. f(x) lién tuc trén R.
K6 i3
Cau 12: Tim gia tri nhd nhat cila « dé ham s0 f(x)={4x -3« liéntuc tai x =3.
1—ad’x khix <3
2 2 4 4
A ——=. B. —. C. - D. -
NG NG 3 3
3 —
, 7 , N3H272 i
Ciu 13: Tim gid tri 16n nhat cia ¢ dé ham so f(x)={ * _12 lién tuc tai x =2.
a‘x +Z khix <2
A.a_ =3. B. a_ =0. C.a_ =1. D.a_ =2 ’

max max max max

l1—cosx khix<O0

Jx+1  khix>0
A. f(x) lién tyc tai x = 0. B. f(x) lién tyc trén (—oo;1).
C. f(x) khong lién tuc trén R. D. f(x) gian doan tai x=1.

Céu 14: Xét tinh lién tuc ctia ham sd f (x)= . Khang dinh nao sau day dung?

EETCEEYEBD — NI HNIG NVYL :AD

cos% khi |x| <1

Cau 15: Tim cac khoang lién tuc ciia ham s6 f(x)= . Ménh dé nio sau day la sai?

x—1  khi |x| >1
A. Ham s6 lién tuc tai x=—1.
B. Ham s6 lién tyuc trén cic khoang (—oo,—1); (1;400).
C.Ham sb lién tuc tai x—=1.

D. Ham s lién tuc trén khoang (—1,1).

Cau 16: Ham s f(x) c6 d6 thi nhu hinh bén khong lién tuc tai diém c6 hoanh d¢ 1a bao nhiéu?
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1 T
ol 1 2 i’
A.x=0 B. x=1 C.x=2 D.x=3
x2
— khix <1, x=0
X
Cau 17: Cho hamso f(x)=10 khix =0 . Ham s0 f(x) lién tuc tai:
Jxo khix>1
A. moi diém thudc R. B. moi diém trir x=0.
C. moi diém trir x=1. D. moi diém trr x =0 va x=1.
2
¥ 1 khi x <3, x=1
r x_l 14
Cau 18: Cho hamso f(x)=14 khi x =1 .Ham so f(x) lién tyc tai:
Jx+1 khix>3
A. moi diém thudc R. B. moi diém trir x=1.
C. moi diém trir x =3. D. moi diém trir x =1 va x =3.

2x khi x <0
Cau 19: S6 diém gian doan cua ham sb h(x)=1x+1 khi 0<x<2 la:
3x—1 khi x>2

A. 1. B. 2. C.3. D. 0.

¥’ +x khix<l
Céu 20: Tinh tong § gom tat ca cac gia tri m d€ ham so f(x)=1{2 khix=1 lién tuc tai x=1.
m*x 41 khix >1
A. §=-1. B. s=0. C.s=1. D. s=2.

EETCEEVEBD — NI HNIG NVYL :AD

—xcosx khi x <0
2

Cau 21: Cho hamsd f(x)= li khi 0<x<1. Him s f(x) lién tuc tai:
X
x° khi x >1
A. moi diém thudc x € R. B. moi diém trir x = 0.
C. moi diém trir x =1. D. moi diém trir x=0; x=1.

Céu 22: Cho ham s f(x) = —4x” +4x—1. Ménh dé nao sau day la sai?
A. Ham sb di cho lién tuc trén R.
B. Phuong trinh f (x) =0 khong c6 nghiém trén khoang (—oo;l).
C. Phuong trinh f (x) =0 c6 nghiém trén khoang (—2;0).
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

D. Phuong trinh f(x)=0 c¢ it nhat hai nghiém trén khoang (—3;%).

Cho phuong trinh 2x* —5x* + x +1= 0. Ménh d& nao sau ddy la ding?

A. Phuong trinh khong c6 nghiém trong khoang (—1;1).

B. Phuong trinh khong c6 nghiém trong khoang (—2; O).

C. Phuong trinh chi c6 mot nghiém trong khoang (—2; 1).

D. Phuong trinh c6 it nhat hai nghiém trong khoang (0;2).

Cho ham sd f(x)=x*—3x—1.S6 nghi¢m cuia phuong trinh f(x)=0 trén R la:

A. 0. B. 1. C. 2. D. 3.

Cho ham s6 f(x) lién tuc trén doan [~1;4] sao cho f(—1)=2, f(4)=7. C6 thé néi gi vé sb
nghiém cua phuong trinh f(x)=5 trén doan [-1;4]:

A. V6 nghiém. B. C6 it nhat mot nghiém.
C. C6 dung mdt nghiém. D. C6 dung hai nghiém.

Co tat ca bao nhiéu gia tri nguyén ctia tham sd = thudc khoang (—10;10) dé phuong trinh
x*=3x* +(2m—2)x+m—3=0 c6 ba nghiém phan biét x, x,, xr, thbaméin x, <-1<x, <x,?
A. 19. B. 18. C. 4. D. 3.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu cdu sé hitu tron b file word Bai gidng Todn 9,10 11,12 va bj dé kiém tra két thiic
chuyén de, giiva ki, cudi ki cé 1oi gidi chi tiét cia Thay gido, Tac gia Tran Dinh Cw vui long lien hé
zalo Tran Dinh Cu: 0834 332 133 dé dwoc ho tro toi da .

Tranh mua cdc trang va cd nhan khdc
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BAI TAP CUOI CHUONG 3
PHAN 1: GIAI BAI TAP SACH GIAO KHOA

Caul: Chohamsd y= f(x) xdc dinh trén khoang (a;b) va x, €(a;b). Diéu kién can va du dé ham

sb y = f(x) lién tyc tai x, la:

A. lim f(x) = f(x,). B. lim f(x)=f(x,)-
C. lim f(x)=lim f(x). D. lim f(x)=lim f(x)= f(x,)-

Cau 2: Tinh cac gidi han sau:

2n* +6n+1 4n* -3n+1 . N4’ —n+3

a) lim b) lim ; ¢) lim
) 8n° +5 ) —3n’ +5n> =2 ) 8n—5
4
2+ —
2 45" +2"? 3
d) lim| 4— e) Iim——— lim—"—.
) ( ; J ) T g) =
Cau 3: Tinh cac gidi han sau:
2
. - ) -2
a) lim <4x2 —5x+ 6) ; b) hmw ; c) 11m\/2; .
13 =2 x—=2 =4x" —16
Cau 4: Tinh céc gidi han sau:
2
2) lim 6x+8 b) lim 6x+8; ¢) lim 9x" —x+1
xo>—05x -2 x40 IX—2 xo-w 3x—2 Q
N Y 2 2 3
dy fim 2 XLy gy 3 o) lim >4 >
xote 3X—2 x—>-2 2x+4 2" 2x+4 o
El
2x+a x<2 T
r (@)
Cau5: Chohamso f(x)=<4 x=2 IQ
—3x+b x>2 2
. 8
a) Voi a =0,b =1, xét tinh 1ién tuc cua ham so tai x=2. w
N
b) Vi gia tri nao ctia @,b thi ham sb lién tuc tai x=22? Q

¢) Vi gia tri ndo cua a,b thi ham sb lién tyc trén tap xac dinh?
Cau 6: Tir do cao 55,8 m cua thap nghiéng Pisa nudc Y, nguoi ta tha mot qua bong cao su cham
A A 1 ca 9 X+ 1A A 5 r . 5 A A M 1 A \
xuong dat (Hinh 18). Gid stt moi 1an cham dat qua bong lai ndy 1én d9 cao bang m dd cao ma

qua bong dat dugc trude do. Goi S, 1a téng d6 dai quang duong di chuyén ciia qua bong tinh

tir lic tha ban dau cho dén khi qua béng d6 cham dét » lan. Tinh LimS,
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Cau7: Cho mot tam giac déu ABC canh a. Tam gidc 4,B,C, c6 cac dinh 1a trung diém cc canh cua
tam gidc ABC, tam giac 4,B,C, c6 cac dinh 14 trung diém céc canh cua tam gidc 4B,C,...,
tam giac 4,,,B,,,C,,, co cac dinh l1a trung diém cac canh cia tam giac 4,B,C,,... Goi

DisPose-osDys-- VA S8,,8,,...,8 ,... theo thtr ty 1a chu vi va di¢n tich clia cac tam giac

ABC,,ABC,,..,ABC

nPnpoee.

a) Tim gi6i han cta céc day s6 (p,) va (S,).

b) Tim céc tong ptp,ttp,toovaS+S,+ S+

Cau 8: Mot thau kinh hoi tu co tidu cu 1a 1. Goi d va d’ 1an luot 1a khoang cach tir mot vat that AB
vatir anh A'B ' cua né toi quang tAm O cua thau kinh nhu Hinh 19. Cong thirc thau kinh 1a
1 1 1

—+— )
d d f

a) Tim biéu thirc x4c dinh ham s d' = ¢(d).

EETTEEVESD — NI HNIG NVYUL :AD

b) Tim lim ¢(d), lim ¢(d) va lim¢(d). Gidi thich y nghia ciia c4c két qua tim duoec.
d—f* d—f~ d—f

A A
g |
———
E Y : 3
; d : cf I
M -mnommmmmemeesmsemesmessessseaeeseaeas——- P afmmmmmnmmmmemamn e ssme———aae >
Hinh 19
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BAI TAP TONG ON CHUONG V
PHAN 1: TRAC NGHIEM

3"—42" -3

" bang:
32" +4" £
A. +o0. B. —0. C.0. D. 1.

Caul: Kétquacua lim

Cau 2: Gia tri dung cta lim(\/n2 —1 312 +2) 1a:

A. +00. B. —0. C.0. D. 1.
Cau3: Gié tri dang cua lim(3" -5") la:

A. —0, B. +x. C.2. D. 2.

CAu4: Tinh gi¢i han T = lim(\/16”“ 4 16 + 3 )

A T=0 B.T=1 c.r=1 D.7-L
4 8 16
: : -1
Cau5:  Cho day so (un) co limu, =2 . Tinh gidi han lim—* 5
u, +
A B. > c.2 D. 40
5 2 9
3 2
Can6:  Bidt lim 2" "2 L y6i 4 1a tham s6. Khi d6 a — o bing
an” +2 2
A. -12. B. 2. C.0. D. 6. 2
) ‘ (11 1 3
Cau7: Tim L=Ilim| -+ +..+ 5
I 1+2 1+2+...+n 5
5 3 =
A L==. B. L= +o. C.L=2. D. L==. =
2 2 e
|
Ciu$: Tinh I:Iim[n(\/n2+2—\/n2—l)] 9
5
A. [=+w B.I:% C. 1=1,499 D. /=0 R
w
w

Cau 9: Trong cac gidi han hitu han sau, gi61 han nao c6 gia tri khac véi cac gioi han con lai?

3n-1 B. lim 2" *1 C. lim 2+ D. lim*!

3n+1 2n—1 3n—1 n—1

A. lim

Cau 10: Tinh limn(\/4n2 +3-3/8n3 +n).

A. +00. B. 1. C. —0. D.%.
A 7. . )C—2 N
Cau 11: Gidi han lim—; bang
x=2 x _4
1
A. 2. B. 4. C.Z. D. 0
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CAu 12: Tinh gi6i han L = lim>—>
=3 x+3

A. L=-w B. L=0 C. L=+ D. L=1
Cau 13: lim Aot bang

xo0 —x 41

A. 2 B. 4 C. -1 D. 4

N . 3x + 2 N

Cau14: lim bang

o2 )x —4

A. —l. B. —i. C. 1. D.E.

2 4 2

Cau 15: Trong cac ménh dé sau, ménh dé nao sai?

A. liml:+oo. B. liml:—oo. C. limLS:+oo. D. limL=+00.

x>0 x x—>0" X x—>0" x x—0" \/;
Cau 16: Tinh gi¢i han lim 2
o= x 41
A. l B.1 C.2 D. -1
2
A R Y
Cau 17: Xac dinh hng—Z.
x=0 x
A. 0. B. —0. C. Khong ton tai. D. +o.
. . aN2x’ 201 1 ) L

Cau 18: Cho s0 thuc a théa man lim av2x +3+2017 =—.Khido giatricua a la

xoe - 2x 42018 2

A.azﬁ. B.azﬁ. C.a=1 D.a=_L
2 2 2 2

Cau 19: Cho céc gi6i han: lim f(x)=2; lim g(x)=3, hoi lim[3f(x)-4g(x)] bang

X=X X=X, X=X,

A. 5. B. 2. C. 6. D. 3.
Cau 20: Trong cac ménh dé sau, ménh dé nao dang?

\jx4—x . \jx4—x . \/x4—x
= m =

EETCEEVEBD — NI HNIG NVYL :AD

A. lim +o0. B. lim =1 C.1 =—o0.D. lim =
> ]2 1 2x S ox > |-2x
Ciu21: Gidihan lim—~" bing
=2 (x+2)
3
A. —00, B. E C.0 D. +oo
2(V3x+1-1) [ER
Cau 22: Cho [/ =lim viJ=lim———— . Tinh I —-J .
x—0 X x——1 x+1
A. 6. B. 3. C. -6. D. 0.
. 4x-3
Cau 23: Tim gi6i han lim —~ 1
x—-1* D
A. +o©. B. 2. C. —o. D. -2.
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CAu 24: Tim gi6i han L = lim ~2>%
*7 x-Z
2
A L=1 B.L=-1 C.L=0 D.L:%
Cau 25: Tim gi&i han 7= lim (x+1— xz—x+2).
A. I1=1/2. B. I =46/31. C. I=17/11. D. I=3/2.
. NX+H1I=RIx+5 .
Céu 26: Gioi han lim al 3’“ bing
X—> X —
A. 0. B.l. C.l. D.l.
2 3 6
4 _ 4200
Ciu 27: Tinh lim -
x—a xX—a
A. 2a°" . B. 44"". C. +o0. D. 4a°%.
2
Cau 28: limw bang
x—>-2 X _4
A B. 2. c. L D. 2
4 4 4
2
Cau 29: limw béng.
>4 x" +4x
5 2
Al B. —1. c.2. D. ——. =
4 4 ;;
Cau30: Tinh lim =2 =
= 2x* -3 T
AL B. - C.\2 D. 2 |e
- Th N2, . ) L
Cau 31: Trong cac ménh dé sau ménh dé nao sai §
w
A. lim (\/xz—x+1+x—2)=_?3. B. lim(\/xz—x+1+x—2)=+oo. E
X—>—0 X—>+00 w
C lim2*2_ o p. fim X2
-1 x+1 -1t x+1

Céu32: Tinh giéi han K = lim Y21 =1
=0 x"—3x
AK=-2. B. K=2. C.K=
3 3

i. D. K=0.
3
ax® +bx khi x>1

] . Dé ham sb da cho c¢6 dao ham tai x =1 thi 2a+b
2x-1 khi x<1

Cau 33: Cho ham s6 f(x) ={

A. 2. B.5. C. 2. D. -5.

Ciu34: lim “12 bing
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Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

A.l. B.l. C.l. D. 1.
2 6 3
Tinh lim (\/ X' —4x+2 —x)
A. —4. B. -2. C. 4. D. 2.
. Nx?—4x+4
Tim lim————.
x—2 x_2
A. Khong ton tai. B. -1. C. £1. D. 1.
Tinh lim 2L
X—>+0 X _1
A. —1. B. 1. C.2. D. 0.
Tim khang dinh dung trong cac khang dinh sau:

L f(x) lién tyc trén doan [a;b] va f(a)f(b) <0 thi phuong trinh f(x) =0 c6 nghiém.
II. f(x) khong lién tuc trén [a;b] va f(a).f(b)>0 thi phuong trinh f(x)=0 v0 nghiém.
A. Chi I ding. B. Chi II dung. C.Calvall dung. D. Calvall sai.
Tim khang dinh dung trong cac khang dinh sau:
Vx+1
1). f(x)="7

(
(]I) . f(x) =sinx lién tyuc trén R .
(

lién tuc voi moi x #1.
). f(x)z% lién tuc tai x=1.

A. Chi (/) dung. B.Chi (/) va (II). C.Chi ({)va (). D.Chi (1) va ()

V-2 khi x =4
Cho hams6 f(x)=4 *~ 4 . Khang dinh nao sau day dung nhat ?
khi x=4

4
A. Ham s6 lién tuctai x=4.
B. Ham s lién tuc tai moi diém trén tap xdc dinh nhung gidn doan tai x=4.
C. Ham s6 khong lién tuc tai x=4.
D. Tt ca déu sai.

, w +2 khix>1 , ,

Cho ham s0 f(x) = x—1 . Khang dinh nao sau day ding nhat ?

3x’ +x-1  khix<1

A. Ham s lién tuc tai x=1.
B. Ham s lién tuc tai moi diém.
C. Ham s6 khong lién tuc tai x=1.
D. Tét ca déu sai.

2\/; —m khix>0

sb f(x)= lién tuc trén R.
mx+2  khix<0
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A.m=2. B. m=12. C.m=-2. D. m=0.
‘2x2—7x+6 )
. — khix<2 ) ) )
Cau43: Chohamso y= f(x)= x=2 .Biét a 1a gia tri d¢ ham sd f'(x) lién tyc tai
I-x .
a+ khix>2
2+x

x, =2, tim s6 nghiém nguyén cua bat phwong trinh —x” + ax +% >0.
A. 1. B. 4. C. 3. D. 2.
Ciu 44: Cho ham sé y = f(x) lién tuc trén khoang (a; b). Diéu kién cén va du dé ham so lién tuc trén
doan [a; b] 1a?
A. lim f(x)= f(a) va lim f(x)=f(b). B. )cli_)rtllgf(x):f(a) va }i_)r}gf(x):f(b).

x—a* x—b”
C. }Lrgf(x)=f(a) va }Lrgf(x)=f(b). D. }g}}f(x)=f(a) va }g}}f(x)=f(b).
’ 7 , NI—x—VI+x e o
Cau 45: Tim tat ca cic gia tri cia m dé hamso f(x)= * lién tuc tai x=0.
Pt khi x>0
I+x
A.m=1. B. m=-2. C.m=-1. D. m=0.
x2
— khix<l, x#0
x
Cau46: Chohamsd f(x)={0 khix=0  .Khang dinhndo ding )

Jx khix>1

A. Ham s0 lién tuc tai moi diém trir cac di€m thudc doan [0;1] .
B. Ham s06 lién tuc tai moi diém trir diém x=0.

C. Ham s0 lién tuc tai moi diém thudc R .

D. Ham s0 lién tuc tai moi diém trir diém x=1.

EETCEEYEBD — NI HNIG NVYL :AD

l-cosx
Cau47: Chohamsd f(x)=1 x°
1 khi x=0

Khang dinh nao dung trong cc khang dinh sau?

khix=0

A. f(x) c6 daoham tai x=0. B. f(\/z)<0.
C. f(x) lién tuc tai x=0. D. f(x) gian doan tai x=0.
X +x=2 )
" \ £ — khix=l ., , £ O
Cau48: Chohamso f(x)=4 x-1 . Tim tat ca cac gia tri thyc cua tham s6 m dé ham
3m khi x=1

s6 gian doan tai x =1.
A. m#2. B. m#1. C. m#2. D. m#3.
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Eihut b RN
Cau 49: Tim tham s6 thuc m dé ham s y=f(x) = x+4 o lién tuc tai diém X, =—4.
mx+1 khi x=-4
A.m=4. B.m=3. C.m=2. D. m=5.
X +ax+b 21
Cau 50: Cho a,b 14 hai s thuc sao cho ham sb f(x) = x—1 lién tuc trén R . Tinh a—5.
2ax-1, x=1
A. 0 B. -1 C.-5 D. 7
xt -1 néu x=1
Cau 51: Gia tr cia m sao cho ham s f(x)=1 x—1 lién tuc tai diém x =1 1a

3x—m néu x=1

A. 5. B. 1. C. -1. D.5.
x> +3x—4 .
" . I ———— khix>1 L4 21 ST c iR
Cau 52: Cho ham so f(x)= x—1 . Xac dinh a dé ham so lién tuc tai diém x =1.
—2ax+1 khi x <1
A. a=3. B. a=2. C.a=-2. D.a=-1.

Cau 53: Tim tat ca cac gia tri ciia tham s6 m dé ham so6 sau lién tuc trén R

-1
= khi x>1
f(x)=1 Inx @
me” +1-2mx* khi x<I 3
s
z
1 v
A.m=1. B. m=-1. C.m=—. D. m=0 1
2 I
(@]
x> +4x+3 . .q
A 1 A \ A - khlx>_1 A . + R o
Cau54: Tim m déhamso f(x)= x+1 lién tuc tai diém x =-1. ®
mx+2 khi x <-1 §
Am=2. B. m=0. C. m=-4. D.m=4. 2
w
3x+a-1, khix<0
Caus55: Chohams8 f(x)=1./1+2x 1 o . Tim tét ca gia tri cia a dé ham sb da cho lién
_, ix>0
x
tuc tai diém x=0.
A.a=1. B. a =3. C.a=2. D.a=4.
. . . ’x? khix <2
Cau56: Co bao nhiéu gid tri thyc clia tham s6 m dé ham so f(x) = " 'x lién tuc trén
(I-m)x khix>2
R?
A. 0. B. 2. C. 3. D. 4.

PHAN 2: TU LUAN

Cau 57: Tinh cac gidi han sau
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. 3n*+4n+1
a) llm2—
2n -3n+7

n +4
5n° +n+8
(n+l)(2n—l)
(3n+2)(n+3)

b) lim

¢) lim

Cau 58: Tinh cac gidi han sau

lim\/n2+n+3\/n2+l . A8t +n+2n+1 . ot +1+2n% 43

b) lim . ¢) lim >
n+1 3n+1 3n"+n+l1

a)
Cau 59: Tinh cac gidi han sau
(2n+1)(n—2)+n

n(2n+1)(3n+2) b) lim

a) lim 3 .
(6n+1) n+n

Cau 60: Tinh céac gidi han sau

. N4n® +n-3n? NI —n-3n+1
a) lim . b) lim .

n’+1 n’+2

Cau 61: Tinh céac gidi han sau

2) lim(n+1)(2n2 +n)—n2 +1 b) lim (3112 +2)(3n+3)+n2 .
(n+1)(n*+2)-3n’ 21’ —1
Cau 62: Tinh céac gidi han sau
2) limi— "t b) lim 2> ¢) lim> %" ,
1+4" 3" +1 3"+ 4" g

Cau 63: Tinh céac gidi han sau
a) lim(\3In3—3n2 —n). b) lim(%/n3+3—\/n2+2).

Cau 64: Tinh céac gidi han sau

/ 2
a) lim(n+1— n2+n). b) li nEnn

im )
\/4n2 +3n—-2n

EETCEEVEBD — NI HNIG NVYL :AD

Cau 65: Tinh céac gidi han sau

2n* =n’ +n
Nnt+n—-n .

a) lim(\/4n2 +n —3/2112 —8n’ ) b) lim

Cau 66: Tim cac gioi han sau

2_ 2_
2) lim X2 b) lim— 2 2
-2 x—=2 =2 2x" +6x—4
3_ 3_ 2_
0 limx4 3x+2 d) limx 2)c x+1
=l x" —4x+3 =l —x"+3x-2

Cau 67: Tim gidi han cac ham so sau:

xt=x*=-72 X =5x+3x49
—— b) lim 7 5
=3 x7—2x-3 =3 x" -8x" -9
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_ 2 6 4 _ 4
¢) lim 22X T4 d) lim*~—2
¥l (l—x) iva X —q
Cau 68: Tinh céac gidi han sau
2 ) 2
2) lim 2x 16 b) lim 43 X ¢) lim X +3x+2
=4 x" +x-20 =2 x° +8 H22x +x—-06
Cau 69: Tinh cac gidi han sau
2 2 2
2) lim x"+x-30 b) limzx 25x+2 ¢) lim 2x" +3x+1
x—>52x -9x-5 x_% 4x" -1 ol —x? +4x+5
Cau 70: Tinh céac gidi han sau
3 2 4 2
a) lim 32& b) lim =2 2x F2x+d ¢) lim X X =27
=l x -x+1 x> x =3x-4 =30 +3x% +x+3
Cau 71: Tinh céc gidi han sau
2 _ 4 2
2) lim —-3x+2 b) lim4x ;Lx 18 0 limxz x =72
ol x* —4x+3 =2yt =8 =3 x" —-2x-3

Cau 72: Tinh cac gidi han sau

X0+ x =1
a) lim b) lim
)x~>—1x3+1 )x~>1x _1
0 hmx —5x2+3x+9
=3 x*—8x* -9

Cau 73: Tinh céc gidi han sau

2 1 1 3
lim - b) im| ———
2 Hl(xz—l x—lj ) Hl(l X l—x3j

¢) lim +
=2\ x+2 x* -4
Cau 74: Tim gi6i han cac ham s sau

Vx=3-2 2-Nx+2 . N2x+7-3
a) im———— b) lim ¢) lim
=7 49 —x 2 x* —3x+2 =l x’ —4x" +3

EETCEEVEBD — NI HNIG NVYL :AD

Cau 75: Tim gi6i han cadc ham so6 sau

. 1-x*+3 \/4x+ -3 . o Xx—~x+2
a) im——— b) lim ¢) im—— ——

x—1 _x2 +3x_2 x—2 x — x—2 x3 _8

Cau 76: Tim gidi han cadc ham so6 sau

x +1 1-31-x

a) lim ——— b) lim
1257 +5x+3 =0 Qx4 x°
P2x+12+x Yx -1
¢) lim ———— d) im————
=2 xT+2x =l +x7 =2

Cau 77: Tinh cac gidi han sau
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N2x+7 +x—-4 S _Y3x-2 VXt +34+x° =3x

x —
a) lim b) lim ¢) lim
) =l —4x +3 ) = xt -1 ) -1 x—1
Cau 78: Tinh cac gidi han sau
2 : +1
2) lim 22! b) lim —~ L ¢) lim —’i‘/;
x>ty —] x>0 ]—-3x—5x x> xT 4+ x +1
Cau 79: Tinh céc gidi han sau
o 3x(24° ) 321 3 2x42
a) lim lim ———— ¢) lim —
= (5x—1)(x* +2x) te 4% +3x -2 ot 2x0 + 2x% —1

Cau 80: Tinh céac gidi han sau

Vx? =3x +2x VXl +x+2+3x+1 . oxJx+3

a) lIlm ——— b) lim ¢) lim
)x—>—oo 3x_1 )xﬁioo [4x2+1+1_x )x—>+00 x2+1
Cau 81: Tinh céc gidi han sau
2 _ 2—x 2—x
2) lim Y —4 b) lim 2|—| ¢) lim 2|—|
-2 x—2 =2 2xT —=5x+2 -2 2x° —=5x+2

CAu 82: Xét tinh lién tuc ctia ham s tai diém duoc chira :

Cau 83: Xét tinh lién tuc ctiia ham s tai diém duoc chi ra:

X3 vl
a) f(x)= x—1 (tai x=1) o
~1  khix=1 <
=
pd
—””31_2 ki x % 1 o
b f(x)=1 (tai x=1) E:
— khi x =1 o
1 h
&
&
W
N
=
o

2-Tx+5x>—x°
khix=2 .
a) f(x): x*=3x+2 Y (tai x=2)
1 khi x=2
x—5
— khix>5
b) f(x)=v2x-1-3 (tai x=35)
(x=5)"+3 khix<5

Céu 84: Xét tinh lién tuc cua cac ham sb sau trén tp xac dinh cta chung :
X 4+x+2

3
a) f(x): 4x +1
E khi x =-1

khi x # -1
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X =3x+4 khix<?2
b) f(x)=45 khi x =2
2x+1 khi x>?2

Cau 85: X¢ét tinh lién tuc cua cac ham so sau trén tap xac dinh cua chiing :

x2_4 x2_2 .

Z 7 khix=-=2 khi x =2
a) f(x)={x+2 7 b) f(x)=1x-2

—4 khi x=-2 22 khi x =2

Cau 86: Chung minh rang cic phuong trinh sau ¢ 3 nghiém phén biét:
a) X’ =3x+1=0
b)2x+631-x =3

Céu 87: Chimg minh rang cac phuong trinh sau luén c6 nghiém:
a) x’ =3x+3=0

b) x*+x’ =3x+x+1=0

EETTEEVESD — NI HNIG NVYUL :AD
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CHUONG IV. PUONG THANG VA MAT PHANG TRONG KHONG GIAN. QUAN HE SONG
SONG

BAI 1: PUONG THANG VA MAT PHANG TRONG KHONG GIAN
A. TOM TAT KIEN THU'C CO BAN CAN NAM
I. KHAI NIEM MO PAU
1. Mit phang
Nguoi ta thuong biéu dién mot mat phang béng mot hinh binh hanh va
dung céc chir cai dat trong dau ngodc don () dé dat tén cho mat phang ay.
Vi du: mat phang (P) (Hinh 3) mit phang (Q), mit phing (e ), mat %

phang (f).,... Hinh 3

Trong thyc tién c6 nhiéu vi du minh hoa cho mat phang. Chang han: tdm guong phang, mit ban, bang
treo tuong , ... Cho ta hinh anh mot phan mat phang trong khong gian.

2. Piém thudc mit phing

Nhdn xét: Véiméi diém A4 va mat phang (P), chi xay ra mot trong hai kha ning sau:

-Piém A thudc mit phang (P), taki hiéu 4 e(P) (Hinh 5a). 4
-Diém A khong thudc mit phing (P) hay 4 nimngoai (P), A :

ta ki hiéu A ¢ (P) (Hinh 5b). P - P -

3. Hinh biéu dién ciia mot hinh trong khong gian Hinh 5

a) Khai niém
Mot cach tong quat, ta quy udc: . )
Hinh dugc v& trong mat phang d€ gitip ta hinh dung duoc vé mot hinh trong khong gian goi 1a hinh biéu
dién cua hinh khong gian do.
b) Quy tic vé hinh biéu dién ciia mét hinh trong khéong gian
Pé viéc v& hinh biéu dién ctia mot hinh trong khong gian dugc thuan loi va théng nhét, ta quy wdc nhu
sau:

1) Puodng thang duoc biéu dién bai duong thang. DBoan th§n~g duoc biéu dién boi doan thang; ’

2) Hai duong thang song song (hodc cat nhau) dugc biéu dien boi hai duong thang song song (hodc cat
nhau);

3) Hinh bi¢u dién gitt nguyén tinh lién thudc giita diém voi dudng thang hodc voi doan thang;

4) Nhimg duong nhin thdy dugc v& bang net lién, nhiing duong khong nhin thay duoc ve bang nét dut.
Chu y: Cac quy tac khac s€ dugc dé cap sau.
II. CAC TINH CHAT THUA NHAN CUA HINH HQC KHONG GIAN

Tinh chat 1
C6 mot va chi mdt duong thang di qua hai diém phan biét cho trudce.
Tinh chat 2

C6 mot va chi mot mit phang di qua ba diém khong thang hang _ *B
cho trudc. fAe L
Nhu vy, mit phiang hoan toan xac dinh khi biét ba diém 4, B,C P £
khong thang hang. Mit phang d6 duoc ki hiéu mp (ABC) hay Hinh 11

don gian 1a (4BC) (Hinh 11).

Tinh chét 3
Néu mot duong thang di qua hai dlem phan biét cia mot mat phang A B 4
thi moi diém cua duong thang déu nam trong mit phing do.

Hinh 12
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Nhu vy, néu mot duong thang d di qua hai diém phan biét 4,B ctia mit phing (P) thi moi diém cua
dudng thang d déu ndm trong mat phang (P). Khi do, ta néi d nim trong (P), hodc (P) chira d, hodc
(P) diqua d, ki hiéu:

d = (P) hay (P)>d (Hinh 12).

Tinh chét 4

Ton tai bon diem khong cung nam trén mQt mat phang.

Tinh chét 5

Néu hai mat phang phén biét c6 mot diém chung thi chung c6 mot duong thing
chung duy nhét chira tat ca cac diém chung ctia hai mat phing do.

Néu hai mit phang phén biét (P) va (Q) c6 diém chung thi chiing c6 mét duong
thang chung duy nhat d chura tat ca cac diém chung cua hai mat phang d6. Puong
thang d do goi 14 giao tuyén ciia hai mat phing (P) va (Q), ki hiéu

d =(P)n(Q) (Hinh 16).

Nhan xet:

C6 thé xac dinh giao tuyén cua hai mat phang bang cach di tim hai diém chung cta ching. Puong thing
di qua hai diém chung do 1a giao tuyen can tim.

- D¢ tim giao diém ctia duong thing a va mit phang (P) (vé6i gia thiét a cit (P) ), ta cé thé lam nhu

Hink 16

sau:

- Chon mét duong thang b thich hop trong mét phang (P) va tim giao diém M cua hai dudng thing a
va b Khi do, M la giao diém can tim.

Tinh chat 6 ) . , , 3

Trén moi mat phang cua khong gian, cac két qua da biét cia hinh hoc phang déu dung.

III. MQT SO CACH XAC PINH MAT PHANG

Dinhli1 q 7 9

Cho diém A khong thudc duong thang d . Khi do, qua diém A4 va duong thang d c¢6 mot va chi mot
mit phang, ki hiéu mp(4,d).hodc (4,d).

Pinh 1i 2 7 , q

Cho hai duong thang a va b cat nhau. Khi do, qua a va b c6 mot va chi mot mat phang, ki hi¢u

mp (a, b) .

Nhdn xét: Tix Tinh chét 2 va hai dinh 1i trén, ta théy mat phéng hoan toan dugc xéac dinh theo mét trong
ba céach sau:

Di qua ba diém khong thang hang.

Di qua mot duong thiang va mot diém nam ngoai duong thang do.

Di qua hai duong thang cit nhau.

IV. HINH CHOP VA HINH TU DIEN

1. Hinh chép

Trong mit phang (P), cho da gidc 4,4, ... 4, (n>3). Liy diem S niam ngoai (P). Néi S véi cac dinh
A,4,,...,A taduge n tam gidc: SA 4,,S4,4,,...,S4 4 . Hinh gdm da gidc 4 4,...4, va n tam giac
SA4 A,,84,4,,...,54, 4, goila hinh chop, ki hiéu S.4AA4,...4,.

Chu y

. Trong hinh chop S.A/A,... A,

- Piém S goi 1a dinh;

- Da giac 44, ... A, goila mat day,
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- Céc canh cua mat day goi la canh day, cac doan théng S4,,54,,...,54, goila cac canh bén,

- Cac tam giac S4,4,,54,4;,...,54, 4, goi la cac mat bén.

g

. Néu day cua hinh chop 1a mot tam gidc, ttr giac, ngil giac, ... thi hinh
chop twong ung goi 1a hinh chop tam giac, hinh chop tw giac, hinh chop ngii
gidc, ... Hinh 23 minh hoa cho hinh chop ngii giac S.4,4,4,4,4; .

Hinh23 A
2. Hinh tir dién
Cho bén diém 4, B,C,D khong cing nam trong mot mit phiang. Hinh A
gdém bdn tam giac ABC, ACD, ABD va BCD goi 1a hinh tir dién (hay
ngdn gon la tir dién), ki hiéu 1a ABCD.
B D
Hinh 26
Chu y
o Trong hinh t&r dién ABCD (Hinh 26)
- Cac diém 4,B,C,D goi la cdc dinh.
- Cac doan théng AB,BC,CD,DA,CA, BD goi la cdc canh. Hai canh khong c6 diém chung goi 1a hai canh
doi dién.
- Céc tam giac ABC, ACD, ABD,BCD goi la cac mat.
- Binh khong nam trén mot mat goi la dinh ddi dién véi mat do.
. Hinh ttr dién c6 cac mat 1a tam giac déu 1a hinh tit dién déu.
o MG&i hinh chép tam giac 12 mot hinh tir dién. Nguoc lai, néu ta quy dinh rd dinh va mit day trong
mot hinh tr dién thi hinh t dién d6 tr¢é thanh hinh chép tam giac.

Nhan xét: Dé chirng minh ba diém thiang hang, ta c6 thé chi ra ba diém d6 cung thudc hai mit phang
phén biét.
B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Tim giao tuyén ciia hai miit phing

1. Phwong phap

EETCEEYEBD — NI HNIG NVYL :AD

Dé xac dinh giao tuyén cta hai mit phang, ta di tim hai diém chung cta chung.

Puong thang di qua hai diém chung d6 chinh 14 giao tuyén

Chii y: Diém chung cua hai mét phang (P) va (Q) thuong duge tim nhu sau:
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- Tim hai duong thang a va b lan lugt thudc mat phang (P) va (Q) cung ndm trong mot mét phang (R)

- Giao diém M =a b chinh la diém chung cta mit phang (P) va (Q).

2. Céc vi du rén luyén Ki nang

Vi du 1. Cho hinh chép S.ABCD, day 1a tir giac 16i ABCD c6 cic canh d6i khong song song voi nhau. Goi
M la diém trén canh SA. Tim giao tuyén cia cac cip mit phing:

a. (SAC) va (SBD) b. (SAB) va (SCD)
c. (SBC) va (SAD) d. (BCM) va (SAD)
e. (CDM) va (SAB) f. (BDM) va (SAC)

Vi du 2. Cho tir dién ABCD. Goi M, N, P 1a ba diém lan luot ndm trén ba canh AB, CD, AD. Tim giao
tuyén ctia cac cip mit phang:

a. (ABN) va (CDM); b. (ABN) va (BCP).

Vi du 4. Cho tt dién ABCD. Diém M nam bén trong tam giac ABD, diém N nam bén trong tam giac
ACD. Tim giao tuyén cta cac cip mit phang sau:

a) (AMN) va (BCD).
b) (DMN) va (4BC).

Vi du 5. Cho hinh chép S.4ABCD, c¢6 day ABCD 13 hinh binh hanh tim O, goi M, N, P 1an luot 1a trung
diém ciia BC, CD va SO. Tim giao tuyén cia

a) Mit phang (MNP) va (S4B).
b) Mit phiang (MNP) va (SBC).

3. Bai tap tric nghiém

Dang 2. Tim giao diém ciia dwong thing va miit phang

1. Phwong phap

Muon tim giao diém ctia mgt dudong thang a va mat phang

=

(oc), ta tim giao diém cua a va mot duong thiang b nam a

trong (oc). _——

E(;]Z;)M}:M:am(oc) / A'/I/

Phwong phap:

- Buoc 1: Xac dinh mp (B) chura a.
- Bué6c 2: Tim giao tuyén b :(a)m(ﬁ) .

- Budc 3: Trong (B):amsz, ma bc((x), suy ra Mzam((x).
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2. Céc vi du rén luyén Ki nang

Vi du 1. Cho tir gisc ABCD (khong c6 cip canh dbi ndo song song) nim trong mit phing (oc). S 1a diém
khong nam trén (oc) .

a. Tim giao tuyén cua cac cap mat phéng: (SAC) va (SBD), (SAB) va (SCD).

b. Goi M va N lan luot 14 trung diém cua cac canh SC va SD. Tim giao diém P cta duong thang BN véi
mit phang (SAC).

c. Goi Q va R lan luot 13 trung diém cta SA va SB. Chimg minh rang bon diém M, N, Q, R dong phéng.
Vi du 2. Trong mit phang (OL) , cho tr gidc ABCD. Goi S 1a diém khong thudc (oc) , M 1a diém nam trong
tam giac SCD.

a. Xac dinh giao tuyén cta hai mit phing (SAM) va (SBD).

b. Xac dinh giao diém ciia AM va mit phang (SBD).

Vi du 3. Cho tir dién SABC. Trén canh SA 13y diém M, trén canh SC l4y diém N, sao cho MN khéng song
song voi AC. Cho diém O nim trong tam giac ABC. Tim giao diém ctia mit phing (OMN) véi cac duong
thang AC, BC va AB.

Vi du 4. Cho hinh chép S.ABCD c6 déy 1a hinh thang ABCD. Goi E va F 1a hai diém lan luot nam trén hai
canh SB va CD.

a. Tim giao diém cuia EF véi mit phang (SAC).
b. Tim giao diém cua mit phing (AEF) véi cac duong thang BC va SC.

Dang 3. Thiét dién

1. Phuwong phap

Tim cac doan giao tuyén ndi tiép nhau cia mit ct v6i hinh chép cho dén khi khép kin thanh mot da giac
phing. Pa giac d6 chinh 14 thiét dién can tim. M&i doan giao tuyén 1a canh cua thiét dién.

2. Cac vi du rén luyén ki nang

Vi du 1. Cho hinh chép S.ABCD, M 1a mét diém trén canh SC, N va P 1an luot 14 trung diém cua AB
va AD. Tim thiét dién ctia hinh chép v6i mét phang (MNP).

Vi du 2. Cho tir dién déu ABCD, canh béng a. Kéo dai BC mot doan CE = a . Kéo dai BD mot doan
DF =a. Goi M 1a trung diém cta AB.

a) Tim thiét dién cta t&r dién v6i mit phing (MEF).

b) Tinh dién tich cta thiét dién.

Vi du 3. Cho hinh chép S.ABCD c6 d4y 1a hinh thang v6i déy 16n AD. Goi M 1a mét diém trén canh SB.
Tim thiét dién cua hinh chép duoc cit boi mit phang (AMD).

Dang 4. Ba diém thing hang ba dwong thing dong quy

1. Phuwong phap

- Muén chimg minh ba dudng thing dong quy ta chirng minh c6 hai dudng thing cit nhau va giao diém do
nam trén duong thang thtr 3 (Hinh a).
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- Mudn ching minh ba diém thing hang ta chimg minh chiing ctng thudc hai mat phang phéan biét (Hinh
b).

4 A
B
b
K C
C
Hinh a. Hinh b.

2. Céc vi du rén luyén Ki nang

Vidu 1. Cho tir dién S.ABC. Trén cac canh S4, SB, SC lan luot léy cac diém D, E va F sao cho DE cit
AB tai I, EF cit BC taiJ, FD cit CA tai K. Ching minh 7, J, K thing hang.

Vi du 2. Cho hinh binh hanh 4BCD, S 1a diém khong thudc (ABCD), M va N lan luot 13 trung diém cua
doan AB va SC.

a) X4c dinh giao diém = AN N (SBD).

b) Xéc dinh giao diém J = MN N(SBD).

¢) Ching minh , J, B thing hang.

Vi du 3. Cho hinh chop S.ABCD c6 ABNCD=E,ADNBC=F. Goi M, N, P theo tht ty la trung
diém cta S4, SB, SC.

a) Tim giao diém Q = SD " (MNP).

b) Gia sit MN N PQ = H. Chiing minh S, H, E thing hang.

¢) Chimg minh SF, MO, NP ddng qui.

Vi du 4. Cho tir dién SABC. Goi [, J vaK 1an luot 13 cac diém nam trén cac canh SB, SC va AB, sao cho
1J khong song song véi BC, IK khong song song véi SA.

a. Tim giao diém D cua (IJK) va BC.

b. Goi E la giao diém cia DK va AC. Chirng minh ba duong thang SA, KI, EJ dong quy.

Vi du 5. Cho hinh chép S.ABCD c6 day ABCD khong 14 hinh thang. Goi O 12 giao diém cia AC va BD,

K 1a mot diém trén canh SD.

a. Tim giao diém E cua mit phing (ABK) véi CD.
b. Tim giao diém F ciia mit phang (ABK) véi SC.
c. Chung minh cac dudng thing AF, BK va SO dong quy.

Dang 5. Tim tip hop giao diém ciia hai dwong thing.

1. Phwong phap

I=anb
Ap dung két qua: |ac(P),bn(Q)=1ec

(P)n(Q)=c
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2. Cacvidu
Vi du 1. Cho tir dién ABCD. Goi K 14 trung diém cua canh BC, H 1a mét diém cb dinh trén canh AC. Mit
phang (P) di dong chira HK, cét cac canh BD va AD lan luot tai M va N.

a. Gia st cho trudc diém M khong 1a trung diém ctia BD, hiy xac dinh diém N.

b. Tim tap hop giao diém I cta hai dwdng HM va KN khi M di dong trén canh BD.

Vi du 2. Cho tr dién ABCD. Goi M va N 14n luot 14 hai diém trén hai canh AB va AC, sao cho MN khong
song song v6i BC. Mit phing (P) thay ddi ludn chira MN, cit cac canh CD va BD lan luot tai E va F.

a. Chung minh EF luén di qua diém c6 dinh.

b. Tim tap hop giao diém ctia ME va NF.

c. Tim tap hop giao diém ciia MF va NE.

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Khi trat tudng, dung cu khong thé thiéu cia ngudi tho 1a thude det dai (Hinh 28). Cong dung cia
thude det nay 1a gi? Gidi thich.

Hinh 28
Bai 2. Hinh 29 14 hinh anh cta chin gidy bang gd c¢6 bén mit phan biét 1a cac tam gidc. V& hinh biéu dién
cua chan giay bang go do.

Hinh 29

Bai 3. Cho ba dudng thing a,b,c khéng cung ndm trong mot mit phiang va doi mot cat nhau. Chimg
minh rang ba dudng thing a,b,c cing di qua mot diém, hay con goi 1a ba dudng thing dong quy.
Bai 4. Cho hinh chép S.ABCD ¢6 AC cit BD tai O va AB cit CD tai P.Piém M thudc canh
SA(M khac S,M khac A4).Goi N la giao di€ém cua MP va SB,[ la giao diém cua MC va DN .
Chtng minh rang S, 0,/ thiang hang.

Bai 5. Cho hinh chép S.4BC. Cac diém M, N lan lugt thudc céc canh S4,SC sao cho
MA=2MS,NS =2NC.

a) Xac dinh giao diém ciia MN v&i mat phing (ABC).

b) Xéc dinh giao tuyén ctia mét phang (BMN) véi mit phang (ABC).

Bai 6. Cho hinh chép tir giac S.ABCD c6 day khong 1 hinh thang. Goi M 14 trung diém ciia S4.
a) X4c dinh giao diém ciia CD v6i mit phing (SAB).

b) X4c dinh giao tuyén cua hai mt phing (SAB) va (SCD).

¢) X4c dinh giao tuyén ciia hai mit phang (MCD) va (SBC).

Bai 7. Cho hinh t& dién ABCD. Goi I 1a trung diém canh CD. Goi M, N lan luot 1a trong tAm cac tam
giac BCD,CDA .
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a) Chimg minh rang cac diém M, N thudc mit phing (ABI).

b) Goi G la giao diém ciia AM va BN . Chung minh rang: oM = GN = l
GA GB 3
¢) Goi P,Q lan luot 1a trong tAm cac tam giac DAB, ABC . Chimg minh rang cac dudng thang CP, DQ
cung di qua diém G va 22@:1.
GC GD 3

D. BAI TAP TRAC NGHIEM

Cau 1: Trong cac khang dinh sau, khang dinh nao ding?
A. Qua 2 diém phan biét c6 duy nhit mot mat phang.
B. Qua 3 diém phan biét bat ki c6 duy nhat mot mit phang.
C. Qua 3 diém khong thang hang c6 duy nhat mot mat phang.
D. Qua 4 diém phén biét bat ki c6 duy nhit mot mat phang.

Cau2: Trong khong gian, cho 4 diém khong dong phiang. C6 thé xac dinh dugc bao nhiéu mit phing
phan biét tir cac diém da cho?

A. 6. B. 4. C. 3. D. 2.
Cau3: Céc yéu tb nio sau day xac dinh mot mat phang duy nhat?
A. Ba diém phan biét. B. M6t diém va mot dudng thang.
C. Hai dudng thing cit nhau. D. Bon diém phan biét.
Cau4: Cho tirgiac ABCD . Co thé xac dinh dugc bao nhiéu mat phéng chira tit ca céac dinh cua tr giac
ABCD?
A. 1. B. 2. C. 3. D. o.

Cau 5: Trong cac khang dinh sau, khang dinh nao ding?
A.Néu 3 diém 4, B, C 1a 3 diém chung ciia 2 mit phang (P) va (Q) thi 4, B, C thang hang

B.Néu 4, B, C thiang hang va (P), (Q) c6 diém chungla 4 thi B, C ciing la 2 diém chung
cua (P) va (Q).
C.Néu 3 diém 4, B, C 1a 3 diém chung cia 2 mit phang (P) va (Q) phan biét thi 4, B, C

khéng thang hang.
D.Néu 4, B, C thing hang va 4, B 13 2 diém chung cta (P) va (Q) thi C ciing 1a diém chung

cua (P)va (Q).

Cau 6: Trong mat phéng (a) ,cho4 diém A, B, C, D trong d6 khong c6 3 diém nao théng hang. DPiém
S khéng thuge mit phang (). C6 miy mit phing tao boi S va 2 trong 4 diém ndi trén?
A. 4. B. 5. C.6. D. 8.

Cau7: Cho 5 diém 4,B,C, D, E trong d6 khong co 4 diém nao dong phang. Hoi c6 bao nhiéu mit
phing tao boi 3 trong 5 diém da cho?
A. 10. B. 12. C. s. D. 14.
Cau 8: Trong cac ménh dé sau day, ménh dé nao sai?
A. Hai mit phang c6 mot diém chung thi chiing ¢6 v6 sé diém chung khéc nita.
B. Hai mit phiang c6 mot diém chung thi ching c6 mot dudng thing chung duy nht.
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

C. Hai mit phang phan biét c6 mot diém chung thi ching c6 mot dudng thang chung duy nhét.
D. Hai mit phéng cung di qua 3 diém 4, B,c khong thang hang thi hai mit phing d6 tring nhau

Cho 3 duong thing d,,d,,d, khong cung thugc mot mdt phing va cit nhau timg déi. Khang
dinh nao sau day dung?

A. 3 duong thang trén dong quy.

B. 3 duong thang trén tring nhau.

C. 3 duong thing trén chira 3 canh ciia mot tam giac.

D. Céc khang dinh ¢ A, B, C déu sai.

Thiét dién cua 1 t& dién c6 thé la:

A. Tam giac. B. Tu giéc.

C. Ngii giac. D. Tam giac hodc tr giac.

Cho hinh chop S.ABCD c6 day la hinh thang 4BCD (AB | CD). Khiang dinh nao sau day sai?
A. Hinh chop S.ABCD c6 4 mit bén.

B. Giao tuyén cua hai mit phang (SAC) va (SBD) 1a SO (O la giao diém ctia AC va BD).

C. Giao tuyén clia hai mit phing (SAD) va (SBC) 1a SI({ la giao diém cta AD va BC).

D. Giao tuyén ctia hai mit phang (S4B) va (SAD) la dudng trung binh ctia ABCD

Cho tir dién 4BCD. Goi G 14 trong tAm cua tam giac BCD. Giao tuyén ciia mit phing (ACD) va

(GAB) la:
A. AM (M la trung diém cua 4B). B. AN (N 1a trung diém cua CD).
C. 4H (H la hinh chiéu cua B trén CD). D. 4K (X 1a hinh chiéu cuaC trén BD).

Cho diém 4 khong nam trén mit phang (o) chira tam giac BCD. Liy E, F 1a cac diém lan luot
nam trén cac canh 4B, Ac. Khi EF va BC citnhautai 7, thi 7 khong phai I diém chung cua
hai mit phang nao sau day?

A. (BCD) va (DEF).  B. (BCD) va (4BC).  C. (BCD) va (4EF).  D. (BCD) va (A4BD).
Cho ti dién 4BcD. Goi M, N lan luot 1a trung diém cua 4c, cp. Giao tuyén cua hai mat
phing (MBD) va (4BN) la:

A. duong thang MN.

B. duong thang AH (H 1a truc tAm tam gidc ACD).

C. dudng thang BG (G 1a trong tAm tam gidc ACD).

D. duong thing AM.

Cho hinh chép S.4BCD ¢6 day ABCD 1a hinh binh hanh. Goi M, N 1an luot 1a trung diém 4D
va BC. Giao tuyén cua hai mit phang (SMN ) va (SAC) la:

A. SD.

B. 5O (0 1a tdm hinh binh hanh 4BCD).

C. SG (G 1a trung diém 4B).

D. SF (F la trung diém cD).

Cho hinh chép S.4BCD ¢ ddy 4BCD 14 hinh binh hanh. Goi 7, J lan lugt 14 trung diém s4, SB.
Khiang dinh nao sau day sai?
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

A. IJCD 1a hinh thang. B. (SAB)N(IBC)= IB.
C. (SBD)N(JCD)=JD. D. (IAC)N(JBD)= 40 (O 1a tim ABCD).

Cho hinh chop S.4BCD c6 day la hinh thang 4BCD (AD // BC). Goi M la trung diém cD. Giao
tuyén clia hai mat phang (MSB) va (SAC) la:

A. SI (I 1 giao diém ctia 4C va BM).

B. sJ (J 1a giao diém cta 4M va BD).

C. SO (0 1a giao diém ctia AC va BD).

D. SP (P la giao diém cua 4B va CD).

Cho 4 diém khong déng phéng 4, B,C, D. Goi I, K lan luot 1a trung diém cua 4D va BC. Giao
tuyén clia (IBC) va (KAD) la:

A. IK. B. BC. C. 4K. D. DK.

Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh thang v6i 4B J/ ¢D. Goi I 1a giao diém ciia 4C va
BD . Trén canh SB lay diém M . Tim giao tuyén cta hai mat phiang (4DM ) va (SAC).

A. SI.

B. AE (E 1a giao diém cia DM va SI).

C. DM.

D. DE (E 1a giao diém cua DM va SI).

Cho tir dién ABCD va diém M thudc mién trong cta tam gidc AcD. Goi I va J lan luot 12 hai
diém trén canh BC va BD sao cho I7 khong song song v6i ¢D. Goi H, K lan luot 1a giao
diém ctia I7 v6i CD ciia MH va AC. Giao tuyén clia hai mdt phang (4ACD) va (M) la:

A. KI. B. k7. C. mI. D. MH.

Cho bén diém 4, B, ¢, D khong ddng phang. Goi M, N 1an luot 13 trung diém cua 4C va BC.
Trén doan BD liy diém P sao cho BP =2PD. Giao diém ciia dudng thang CD va mit phang
(MNP) 1 giao diém ctia

A. CD va NP. B. ¢D va MN. C. CD va MP. D. CD va 4pP.

Cho tir dién 4BcD. Goi E va F lan luot 1a trung diém cia 4B va ¢D; G la trong tam tam
giac BCD. Giao diém cia duong thing EG va mit phiang (ACD) la:

A. diém F.

B. giao diém cua dudng thing EG va AF.

C. giao diém cta duong thing EG va AC.

D. giao diém cta duong thing EG va CD.

Cho hinh chép S.4BCD c6 day ABCD 1a hinh binh hanh. Goi M 14 trung diém cua Sc. Goi I
1a giao diém cta AM vé6i mit phang (SBD). Ménh dé nao duéi day ding?

A. IA=-2IM. B. Id=-3IM. C. IA=2IM. D. 14=2,5IM.

Cho tir gidc ABCD ¢6 AC va BD giaonhautai O vamotdiém S khong thudc mat phang (ABCD)
. Trén doan SC 1ay mot diém M khong trung véi § va €. Giao diém cua dudng thing SD véi
mit phiang (4BM) la:

A. giao diém ciia SD va 4B.

B. giao diém ctia SD va AM .
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Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

C. giao diém cta SD va BK (vOi K =SONAM ).

D. giao diém ciia SD va MK (Vi K =SONAM ).

Cho bbn diém 4, B, ¢, s khong cung & trong mot mat phéng. Goi 1, H lan luot 1a trung diém
cla S4, AB. Trén SC lay diém K sao cho Ik khong song song voi AC (K khong tring voi cac
dau mut). Goi E 1a giao diém cua duong thang BC v6i miat phiang (IHK). Ménh dé nao sau day
dang?

A. E nam ngoai doan BC vé phia B.

B. E niam ngoai doan BC vé phia C.

C. E nam trong doan BC.

D. £ nim trong doan BC va E = B, E = C.

Cho tt dién 4Bcp. Goi M, N lan luot 1a trung diém céc canh 4B va 4cC, E 13 diém trén canh
CD v6i ED =3EC. Thiét dién tao boi mit phang (MNE) va ta dién 4BCD la:

A. Tam giac MNE.

B. Tu gidc MNEF voi F 1a diém bat ki trén canh BD.

C. Hinh binh hanh MNEF véi F 1a diém trén canh BD ma EF // BC.

D. Hinh thang MNEF véi F 1a diém trén canh BD ma EF // BC.

Cho ti dién 4BCD. Goi H, K lan luot 1a trung diém céc canh 4B, BC . Trén duong théng CD
léy diém M nim ngoai doan CD. Thiét dién cua tir dién voi mat phéng (HKM) la:

A. Tt giéc HKMN v&i N € AD.

B. Hinh thang HKMN v61 N € AD va HK /| MN.

C. Tam gidc HKL v6i L= KM NBD.

D. Tam giac HKL v&i L= HM NAD.

Cho hinh chép tir gidc déu S.4BCD ¢ canh day bang a (a>0). Cac diém M, N, P lan luot I3
trung diém cua S4, SB, SC. Mit phang (MNP) cit hinh chop theo mot thiét dién co dién tich
bang:

2 2 2
A. & B. & c. L. D. L.
2 4 16

Cho ttr dién déu ABCD c6 canh bang a. Goi G 14 trong tAm tam giac 4BC. Mit phang (GeD)
cat t& dién theo mot thiét dién co dién tich la:
a3 a2 a*\2 @3

A. . B. C. . D. .
2 4 6 4

Cho tir dién déu 4BCD c6 d6 dai cac canh béng 2¢.Goi M, N lan luot 1a trung diém cac canh
AC, BC; P 1atrong tm tam giac BCD . Mit phang (MNP) cat tr dién theo mot thiét dién co
dién tich la:

2 2
a jﬁ B. 2 f C.

A. “Ziﬁ. D. “zf.

Cho tt dién ABcD. Goi M, N lan luogt 1a trung diém ctia 4B va CD. Mit phang (o) qua MN
cit 4D, BC lan luot tai P va Q. Biét MP cit NQ tai I. Ba diém nao sau day théng hang?
A. 1, 4, cC. B. I, B, D. C. 1, 4, B D. 1, ¢, D.
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Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cho tir dién S4BC. Goi L, M, N lan luot 1a cac diém trén cac canh S4, SB va AC sao cho LM
khong song song véi 4B, LN khong song song véi SC. Mit phing (LMN) cit cac canh
4B, BC, SC lan lvottai K, I, J.Ba diém nao sau day théng hang?

A. K, I,J. B. M, 1,J. C.nN, 1, J. D. M, Kk, J.

Cho ti dién ABcD. Goi G 1a trong tAm tam gidc BCD, M 1a trung diém ¢p, I 1a diém o trén
doan thing 4G, BI cit mit phing (ACD) tai J. Khing dinh nao sau day sai?

A. AM =(ACD)N(4BG). B. 4, J, M thang hang.

C. J latrung diém cta 4AM. D. DJ =(ACD)N(BDJ).

Cho tir dién 4BCD. Goi E, F, G la cac diém lan luot thudc cac canh 4B, AC, BD sao cho EF
cit BC tai I, EG cit AD tai H.Ba dudng thing nao sau diy dong quy?
A. CD, EF, EG. B. ¢D, IG, HF. C. 4B, IG, HF . D. 4c, IG, BD.

Cho hinh chép S.4BCD ¢6 ddy ABCD khong phai 1a hinh thang. Trén canh SC lay diém 7 . Goi
N 1a giao diém cua dudng thiang SD voi mit phing (AMB). Ménh dé nao sau diy ding?

A. Ba duong thang 4B, cD, MN d6i mot song song.

B. Ba dudng thang 4B, ¢D, MN d6i mot cit nhau.

C. Ba duong thang 4B, cD, MN dong quy.

D. Ba duong thing 4B, €D, MN cung thudc mot mit phing.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu cdu s hivu tron bé file word Bai gidng Todn 9,10 11,12 va bo dé kiém tra két thiic
chuyén de, giira ki, cudi ki co lo'i gidi chi tiét ciia Thdy gido, Tdc gia Trdn Pinh Cw vui long lién hé
zalo Trdn Pinh Cw: 0834 332 133 dé dworc hé tro’ téi da . Ung hé chinh chii dé dworc bdo hanh va
nhiéu wu ddi khdc.

Tranh mua cdc trang va cd nhan khdc
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Bai 2: HAI PUONG THANG SONG SONG TRONG KHONG GIAN
A. TOM TAT KIEN THUC CO BAN CAN NAM
L. VI TRi TUONG POI CUA HAI PUONG THANG PHAN BIET
Trong muc nay, néu khong noi gi thém, ta luén gia st hai duong thang 1a phan biét.
Nhdn xét: Cho hai duong thang a va b phan biét trong khong gian. Khi d6 chi xay ra mét trong cac
truong hop sau:
Truong hop 1: C6 mot mit phang chira a va b. Khi d6 tandi a va b dong phang (Hinh 32a).

b \
a \
4P i P ‘-\
b)
Trudng hop 2: Khong co mit phang nao chira @ va b . Khi d6 ta néi a vab chéo nhau, hay a chéo véi b

(Hinh 32b).
Khi hai duong thing a va b (phan biét) dong phing, ta di biét co hai kha ning xay ra:

a)

Hinh 32

. ava b cod mot diém chung duy nhat /. Tandi a va b catnhautai / vakihiéula anb= {I}.Ta
con co thé viét amb =1 (Hinh 33a ).

b

a) b)
Hinh 33

. a va b khong ¢ diém chung. Tandi a va b song song véi nhau va ki hiéu 1a a//b (Hinh
33b).
Hai duong thang song song 13 hai dudng thang cing nim trong mot mit phang va khong c6 diém
chung.
Nhdn xét: Cho hai dudng thang song song a va b . Cé duy nhit mot mat phiang chira hai duong thang
do, ki hiéu 1a mp(a,b).
II. TINH CHAT
Pinh Ii 1
Trong khong gian, qua mot diém khong nam trén duong thang cho trude, c6 mét va chi mot duong
thang song song véi duong thang da cho.
Pinh Ii 2 (vé giao tuyén ctia ba mit phang). ) ) .
Neéu ba mat phang d61 mot cat nhau theo ba giao tuyén phan biét thi ba giao tuyén ay hodc dong quy,
hodc d61 mgt song song voi nhau.
Tu Dinh 1i 2, ta suy ra h¢ qua sau: . i )
Hé qua: Néu hai mat phang phan biét lan lugt chira hai duong thang song song thi giao tuyén cua
chung (néu co) cling song song vdi hai duong thang do hodc trung véi mot trong hai duong thang do
(Hinh 39).
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d d d

d,

a) b c)

Hinh 39

Pinh 1i 3

Trong khong gian, hai duong thang phan biét ciing song song v6i dudng thing thi ba thi song song voi
nhau.

Khi hai dudng thing @ va b cung song song v6i dudng thiang ¢, ta ki hiéu a//b//c va goi 1a ba duong
thang song song.

B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Chirng minh dwong thing song song hoic dong quy

1. Phuwong phap

- Néu ba mp phan biét d6i mot cat nhau theo ba
giao tuyén phan biét thi ba giao tuyén dy hodc
dong qui hodc déi mét song song véi nhau.
<>H¢ qud: Néu hai mp phdn biét lan lwot chira
hai dt song song thi giao tuyén ciia ching (néu
c0) ciing song song voi hai dt do hodc trung voi
mot trong hai dt do.

- Hai duong thang phan biét cing song
song v&i duong thang tht ba thi song i ;
song v&i nhau. . b

azb ‘
allc=allb
bllc

i
B -l

2. Cac vi du rén luyén ki nang

EETCEEYEBD — NI HNIG NVYL :AD

Vidu 1: Cho t&r dién ABCD. Goi P, Q, R, S 1a bbn diém lan luot trén cac canh AB, BC, CD, DA. CMR
néu bon diém P, Q, R, S ddng phéng thi:

a) PQ, SR, AC hoic song song hodc dong qui.

b) PS, RQ, BD hoic song song hodc dong qui

Vidu 2: Cho tit dién ABCD. Goi M,N lan luot 12 trung diém cua cac canh BC va AC . Trén canh
PD lay diém P saocho DP=2PB.

a) Xac dinh giao tuyén ctia mit phang (MNP) véi cac mit phang (ABD),(BCD).

b) Trén canh AD lay diém Q sao cho DQ=20A. Ching minh: PQ song song véi mit phang (4BC),
ba duong thing DC,ON, PM dong quy.

Vi du 3: Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh binh hanh tdm O. Goi M,N lan luot 1a trung
diém 4D va SB.
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a/ Tim giao tuyén cua hai mit phing (SAB ) va (SCD)
b/ Chitng minh: ON song song v&i mat phéng(SA D)

¢/ Tim giao diém cua dudng thang MN va mit phing ( SAC )

Dang 2. Tim giao diém va thiét dién ciia hinh chép

1. Phuwong phap

2. Cac vi du rén luyén ki nang

Céu 1: Cho hinh chép S.ABC, goi M, P va I 1an luot 13 trung diém ctia AB, SC va SB. Mot mit phang
(o) qua MP va song song v6i AC va cit cac canh SA, BC tai N, Q.

a) Chimg minh dudng thiang BC song song véi mit phang (IMP) .
b) X4c dinh thiét dién cua (a)va hinh chép. Thiét dién nay 1a hinh gi?
¢) Tim giao diém cia duong thing CN va mit phiang (SMQ) .

Cau 2: Cho hinh chép S.ABCD c6 day 1a mot hinh tir giac 10i. Goi M, N 1an luot 14 trung diém ciia SC
va CD. Goi (o) la mat phang qua M, N va song song v6i duong thiang AC.

a) Tim giao tuyén cia (o) v&i mp(ABCD) .
b) Tim giao diém cua duong thing SB vai mp(a) .
¢) Tim thiét dién ctia hinh chép khi cat béi mét phang (o).

Céu 3: Cho hinh chop S.ABCD c6 didy ABCD 1 hinh thang véi AB||CD . Goi M, N, I1an lugt 14 trung
diem cua AD, BC, SA.
a)Tim giao tuyén cta hai mit phang (IMN) va (SAC); (IMN) va (SAB).
b) Tim giao diém cta SB va (IMN).
¢)Tim thiét dién cua mat phang (IDN) v6i hinh chop S.ABCD.
Cau 4: Cho chép tir giac S.ABCD c6 ddy ABCD 14 hinh binh hanh va N 1a trung diém SA.

a)Tim giao diém ctia AC va mit phing (SBD)
b)Tim thiét dién cua hinh chép khi cdt boi mit phang (NBC). Thiét dién 1a hinh gi?

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Quan sat phong hoc cuia 16p va néu 1én hinh anh cta hai dudng thing song song, cit nhau, chéo
nhau.
Bai 2. Quan sat Hinh 43 va cho biét vi tri twong ddi ctia hai trong ba cot tuabin gié c6 trong hinh.
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(Nguén: https://shutterstock.com)
Hinh 43
Bai 3. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N, P lan luot 13 trung diém cta
cac canh SA, AB,SD . Xac dinh giao tuyén ciia mdi cip mit phang sau: (S4D) va (SBC);(MNP) va
(ABCD)

Bai 4. Cho tir dién ABCD. Goi G,,G, lan luot 1a trong tAm ctia cac tam giac ABC va ABD . Chimg
minh rang duong thing G,G, song song v6i duong thang CD.

Bai 5. Cho hinh chop §.4ABCD c6 day ABCD la hinh thang véi 4B 1a day 16n va AB=2CD . Goi

M, N lan luot 1a trung diém cia cac canh S4 va SB . Chung minh rang duong thang NC song song voi
duong thang MD .

Bai 6. Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N, P,Q 1an luot 1a trung diém
cua cac canh AB,BC,CD,DA;1,J,K,L lan luot 1a trung diém cua cac doan théng SM,SN,SP,SQ.

a) Chtig minh rang bon diém 7,.J, K, L ddng phang va tir giac LJKL 13 hinh binh hanh.

b) Chimg minh rang IK//BC.

¢) X4c dinh giao tuyén cua hai mt phing (JKL) va (SBC).

Bai 7. Cho tir dién ABCD. Goi I,J lan lugt 1a trung diém cua cac canh BC,CD . Trén canh AC léy
diém K .Goi M 1a giao diém cua BK va AI,N 1a giao diém cua DK va AJ . Chémg minh rang
duong thang MN song song v6i dudng thing BD .

D. BAI TAP TRAC NGHIEM

Cau 1: Trong cac ménh dé sau, ménh dé nao sai?
A. Hai duong thiang khong c6 diém chung thi chéo nhau.
B. Hai duong thang chéo nhau thi khong c6 diém chung.
C. Hai dudng thing phan biét khong cat nhau va khong song song thi chéo nhau.
D. Hai duong thiang phéan biét khong chéo nhau thi hodc cat nhau hodc song song.

Cau2: Trong cac ménh dé sau, ménh dé nao dang?
A. Hai duong thang c6 mot diém chung thi chiing ¢ vo sé diém chung khac.
B. Hai duong thang song song khi va chi khi chung khéng diém chung.
C. Hai dudng thing song song khi va chi khi chiing khong dong phang.
D. Hai duong thiang chéo nhau khi va chi khi chung khong déng phang.

Cau 3: Trong cac ménh dé sau, ménh dé nao dang?
A. Hai duong thing cting song song véi mot dudng thang thir ba thi song song véi nhau.
B. Hai duong thang cling song song v&i mot duong thing thi ba thi tring nhau.
C. Hai duong thang ciing song song vi mot duong thang thi ba thi song song véi nhau hoic
trung nhau.
D. Hai duong thiang cung song song v6i mot dudng thiang thir ba thi ching 1an luot nam trén hai
mit phang song song.

Cau 4: Trong cac khang dinh sau, khang dinh nao ding?
A. Hai duong thiang chéo nhau thi ching c6 diém chung.

Ban word dé va 10i giai vui long 1h Zalo: 0834332133 166

EETCEEYEBD — NI HNIG NVYL :AD




(@ BAI GIANG TOAN 11-CANH DIEU Q WEB: Toanthaycu.com@

Cau 6:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

B. Hai dudng thang khong c6 diém chung 14 hai dudng thing song song hodc chéo nhau.

C. Hai dudng thing song song v&i nhau khi ching & trén cting mot mit phang.

D. Khi hai dudng thing & trén hai mit phang phan biét thi hai duong thang d6 chéo nhau.

Cho hai dudng thing chéo nhau a va 5. Lay 4, B thudc a va ¢, D thudc b . Khing dinh nao sau
day dung khi n6i vé hai dudng thing 4D va BC ?

A. C6 thé song song hoic cit nhau. B. Cit nhau.

C. Song song vdi nhau. D. Chéo nhau.

Cho ba mit phang phan biét (a), (B). () ¢6 (a)N(B)=d,; (B)(¥)=d,; (@) (r)=d,
. Khi d6 ba duong thang d,, d,, d,:

A. D6i mét cét nhau. B. B6i mot song song.

C. Pong quy. D. P6i mot song song hodc dong quy.

Trong khéng gian, cho 3 duong thing a,5,c, biét a//b, a va ¢ chéo nhau. Khi d6 hai duong
thang 5 va c:

A. Trung nhau hoac chéo nhau. B. Cit nhau hodc chéo nhau.

C. Chéo nhau hoac song song. D. Song song hodc trung nhau.

Trong khong gian, cho ba dudng thang phan biét 4,5, ¢ trong d6 a /5. Khang dinh ndo sau day
sai?

A.Néu ajc thi s/c.

B. Néu ¢ cit a thi ¢ cit b.

C.Néu Aca va Beb thi ba dudong thing a, 5, AB cing & trén mot mit phang.

D. Tén tai duy nhit mot mit phang qua a va b.

Cho hai duong thang chéo nhau a,5 va diém M & ngoai a va ngoai 4. C nhiéu nhat bao
nhiéu dudng thing qua M citca a va b ?

AL B.2. C.0. D. Vo sb.

Trong khong gian, cho 3 dudng thing a,5,c chéo nhau timg d6i. C6 nhiéu nhat bao nhiéu
dudng thing cit ca 3 dudng thing dy?

A. 1. B. 2. C.0. D. V6 s0.

Cho tir dién 4BcCD. Goi I,J lan luot 1a trong tdm cac tam giac 4BC va ABD. Chon khéng dinh
dung trong cac khang dinh sau?

A. IJ song song v&i CD.

B. 17 song song v&i 4B.

C. 17 chéo ¢pD.
D. IJ cit 4B.

Cho hinh chép S.4BCD c6 4D khong song song véi BC. Goi M,N, P,Q,R,T lan luot 1a trung
diém AC,BD,BC,CD,54,SD. Cip dudng thing nio sau ddy song song véi nhau?
A. MP va RT. B. MQ va RT. C. MN va RT. D. PO va RT.

Cho hinh chdp S.4BCD ¢6 diy ABCD 1a hinh binh hanh. Goi I,/,E,F lan luot 13 trung diém
SA4,SB,SC,SD. Trong cac dudng thing sau, dudng thing nao khong song song véi 17?
A. EF. B. DC. C. 4D. D. 4B.
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cho tir dién ABcD. Goi M, N 13 hai diém phan biét ciing thudc dudng thiang 4B;P,Q 13 hai diém
phan biét cung thudc duong thang cD. Xét vi tri trong ddi ciia hai dudng thing MP, NQ.

A. MP /| NOQ. B. MP = NQ.

C. MP cit NQ. D. MP,NQ chéo nhau.

Cho hinh chép S.4BCD c6 day ABCD 1a hinh binh hanh. Goi d 13 giao tuyén ctia hai mit phang
(s4D)va (SBC).Khing dinh nao sau day ding?

A. d qua § vasong song v&i BC. B. 4 qua S vasong song voi DC.

C. d qua S vasong song vOi AB. D. d qua S va song song v&i BD.

Cho tr dién 4BCD. Goi I va J theo thtr tu 1a trung diém cia 4D va AC,G la trong tam tam
giac BCD. Giao tuyén ciia hai mat phang (GI7) va (BcD)la dudng thang:

A. qua I vasong song vOi AB. B. qua J va song song voi BD.

C. qua G va song song vdi CD. D. qua G va song song voi BC.

Cho hinh chép S.4BCD c6 day 14 hinh thang vé6i cac canh day 13 4B va ¢D. Goi I,J lan luogt 1a
trung diém clia 4D va BC va G la trong tAm cua tam gidc SAB. Giao tuyén clia (SAB) va (IJG)
la

A. SC.

B. duong thang qua S va song song v&i AB.

C. duong thing qua G va song song v4i DC.

D. dudng thing qua G va cit BC.

Cho hinh chép S.4BCD ¢6 day ABCD 1a hinh binh hanh. Goi I 14 trung diém s4. Thiét dién
ctia hinh chép S.4BCD cat boi mit phang (1BC) la:

A. Tam giac IBC.

B. Hinh thang 7Bc7 (J 1a trung diém SD).

C. Hinh thang IGBC (G 1a trung diém SB).

D. Tt giac IBCD.

Cho tir dién ABCD, M va N lan luot 1a trung diém 4B va AC. Mit phang () qua MN cat
ta dién 4BCD theo thiét dién la da giac (7). Khang dinh nio sau day dung?

A. (T) la hinh chir nhit.

B. (T) la tam giac.

C. (T) 1a hinh thoi.

D. (7) la tam giac; hinh thang hoac hinh binh hanh.

Cho hai hinh vuéng 4BCD va CDIS khong thudc mot mat phéng va canh béng 4. Biét tam
gidc SAC cantai S, SB=8. Thiét dién ciia mit phang (4cr) va hinh chop S.4BCD c6 dién tich
bang:

A. 632. B. 82. C. 10+2. D. 9V2.

Cho hinh chop §.4BCD c6 ddy 4BCD la hinh thang véi day 16n 4B day nho ¢D. Goi M, N
lan luot 1a trung diém cua S4 va SB. Goi P la giao diém ciia SC va (AND). Goi I la giao diém
cua AN va DP. Hoi tir giac SABI 1a hinh gi?

A. Hinh binh hanh. B. Hinh chir nhat.

C. Hinh vuodng. D. Hinh thoi.
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cho tir dién 4BcCD. Cac diém P, 0 1an luot 1a trung diém cua 4B va ¢D; diém R nam trén canh

. v .2 , < 2 \ , , « SA
BC sao cho BR=2RC. Goi S la giao diém cua mat phang (POR) va canh AD. Tinh ti s6 g—D

A. 2. B. 1. C. D.

N | —
W |~

Cho tir dién 4BCD va ba diém P, Q, R lan luogt lay trén ba canh 4B, ¢D, BC. Cho PR// AC va
€Q =20D. Goi giao diém ciia AD va (PQR) 1a . Chon khang dinh ding?

A. AD =3Ds. B. 4D=2Ds. C. 45 =3Ds. D. 45 =Ds.
. \ A /. [N . / \ A 5 .7 , . A GA
Goi G la trong tam tr dién 4ABCD. Goi A’ 1a trong tdm ctia tam gidc BCD. Tinh ti s0 oA
1 1
A. 2. B. 3. C. -. D. —.
3 2

Cho tir dién ABCD trong d6 c6 tam giac BCD khong can. Goi M, N' 1an luot 1a trung diém cua
AB, CD va G 1a trung diém cua doan MN. Goi 4, 13 giao diém cia 4G va (BCD). Khing dinh
nao sau day dung?

A. 4 1a tdm duodng tron tam giac BCD.

B. 4, 1a tim dudng tron noi tiép tam giac BCD.

C. 4 la tryc tdm tam giac BCD.

D. 4 la trong tdm tam giac BCD.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién c6 nhu ciu s0 hitu tron by file word Bai giang Todan 9,10 11,12 va by dé kiém tra két thiic
chuyén de, giita ki, cuéi ki cé loi gidi chi tiet cia T hay gido, Tdc gid Tran Pinh Cw vui long lién hé
zalo Tran Dinh Cuw: 0834 332 133 dé dwoc hé tro téi da .

Tranh mua cdc trang va cda nhdan khac
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BAI 3: PUONG THANG VA MAT PHANG SONG SONG
A. KIEN THUC CO BAN CAN NAM
I. PUONG THANG SONG SONG VOI MAT PHANG
Nhdn xét: C6 ba kha ndng c6 thé xay ra dbi v6i s6 diém chung cua d va (P)(Hinh 45) la:
e d va (P) cé tir hai diém tré 1én. Khi d6 duong thing d ndm trong mit phang (P) hay (P) chira d va
kihi¢ula d (P) hay (P) > d (Hinh 45a).
e d va (P) c6motdiém chung duy nhat 4. Khi dé tanéi d va (P) cét nhau tai diem 4 va ki hiéu la
d N(P)={4} hay d "(P)=A (Hinh 45b).
e d va (P) khong c6 diém chung .Khi d6 ta néi d song song véi (P) hay (P) song song véi d va ki hiéu
la d//(P) hay (P)//d(Hinh 45c).

d < (P) d ~(P) 'l\ d /[ (P)

b) C)

Puong thang duoc goi la song song v&i mit phang néu chiung khong ¢ diém chung
IL. PIEU KIEN VA TINH CHAT

Pinh Ii 1 (ddu hiéu nhan biét mot duong thang song song voi mot mit phang)
(Hinh 49) 9 i i a
Neéu duong thang @ khong nam trong mat phang (P) va a song song voi

dudng thing ' ndm trong (P) thi a song song véi (P). Hinh 49

Pinh li 2 (Tinh chat cia duong thing song song v6i mit phang) (Hinh 52):

Cho dudng thing a song song véi mét phang (P). Néu mit phing (Q) chira P .

a va cit (P) theo giao tuyén b thi b song song véi a . b

- Trong truong hop tong quat, ta co hé qua ctia Pinh 1i 2: P
Neu hai mat phing phén biét cuing song song v6i mot dudng thang thi giao

Hinh 52
tuyén cta chiing (néu co) ciing song song voi dudng thing do. o

Chut y: Cho hai duong tl}ang chéo nhau. Khi d6 c6 duy nhat mot mit phang chira duong thang nay va
song song voi duong thang kia.
B. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Chirng minh dwong thang song song hoic dong quy

1. Phwong phap

al b
bc(P)r=arl (P)
acz(P)

Néu khong c6 sin duong thing b trong mit phing (P) thi ta tim duong thing b biang cach chon mot mat
phing (Q) chira a va cit (P), giao tuyén cua (P) va (Q) chinh 13 dudng thing b can tim.
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2. Céc vi du rén luyén Ki nang

Vi du 1. Cho hai hinh binh hanh ABCD va ABEF khéng cling nam trong mot mét phang. Goi O va O’ lan
luot 1a tAm cda hai hinh binh hanh ABCD va ABEF.

a. Chung minh OO’ song song véi cac mit phing (ADF) va (BCE).

b. Goi G va G’ lan luot I trong tAm céc tam gidc ABD va ABF. Chimg minh GG'//(DCEF).

Vi du 2. Cho tir dién ABCD, G 1 trong tim tam giac ABD. M 4 diém trén canh BC sao cho MB=2MC.
Chimg minh MGi (ACD).

Vi du 3. Cho tr di¢n ABCD. Goi M, N lan luot 1a trong tam cua cac tam giac ABC va BCD. Chung minh
rang MNi (ABD) va MNi (ACD).

Vi du 4. Cho tr dién ABCD. Goi M 1a méot diém bt ki trén canh BC; (OL) la mat phéng qua M va song

song véi AB va CD, cit cac canh BD, AD, AC lan luot tai N, P, Q. Chimg minh ring MNPQ 14 hinh binh
hanh.

Vi du 5. Cho hinh chép S.ABCD c6 day 1a ABCD Ia hinh binh hanh; F, G 1an luot 13 trung diém cua AB
va CD.

a. Chimg minh rang FG song song v&i cac mat phing (SAD) va (SBC).
b. Goi E la trung diém cua SA. Chimg minh rang SB, SC song song v&i mit phang (FGE).
Vi du 6. Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh binh hanh. (o) la mit phang di qua trung diém

M cua canh SB, song song v6i canh AB, cit cac canh SA, SD, SC lan luot tai Q, P va N. Hay xéc dinh
hinh tinh cua tor gidc MNPQ?

Dang 2. Tim giao tuyén ciia hai mit phing. Thiét dién qua mot diém va song song véi mot dwong
thing

1. Phuwong phap
Ngoai hai cach da dé cap ¢ Bai 1 va Bai 2 ta c6 hai cach sau dé tim giao tuyén cua hai mat phang.

Céach 1. Dung dinh 1i 2.

Céch 2. Dung hé qua 2.

=di a

(Q) a
(P)n(Q)=d

Tim thiét dién 1 im cac doan giao tuyén theo phuong phép tim giao tuyén dugc néu o trén, cho dén khi
cac giao tuyén khép kin ta duoc thiét dién.
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2. Céc vi du rén luyén Ki nang

Vi du 1. Cho hinh chép S.ABCD c6 déy 14 hinh binh hanh ABCD, tdm O. Goi M va N lan luot 14 trung
diém cua SA va SD.

a. Chimg minh MNi (SBC), SBi (OMN), SCi (OMN)).

b. Xéc dinh thiét dién cta hinh chop cit boi mat phang (OMN). Thiét dién 13 hinh gi?

Vi du 2. Cho tir dién ABCD. Goi I va I 14n luot 13 trung diém cua AB va CD, M 1a mot diém trén doan 1J.
Goi (P) 1a mit phing qua M, song song v6i AB va CD.

a. Tim giao tuyén ciia mat phang (P) va mit phang (ICD).

b. Xéc dinh thiét dién cta t&r dién v6i mit phang (P). Thiét dién 13 hinh gi?

Vi du 3. Cho hinh chép S.ABCD. Goi M, N 14 hai diém bat ki trén SB, CD. Mit phang (P) qua MN va
song song voi SC.

a) Tim céc giao tuyén cla (P) véi cde mit phing (SBC), (SCD), (SAC).

b) Xéc dinh thiét dién ciia hinh chép véi mét phang (P).

Vi du 4. Cho hinh chép S.ABC. Goi M, N lan luot 1a trung diém ctia AC, BC, H, K lan luot 14 trong tim
cua cac tam giac SAC, SBC.

a) Chimg minh AB//(SMN), HK //(SAB).

b) Tim giao tuyén ciia hai mit phang (CHK) va (ABC).

c) Tim thiét dién cta hinh chép v6i mit phang (P) di qua MN va (P)//SC. Thiét dién 14 hinh gi?

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Trong phong hoc ctia 16p, hiy néu nhimg hinh anh vé dudng thing song song v4i mit phang.

Bai 2. Trong Hinh 57, khi cit banh sinh nhat, mat cit va mat khay dung banh lan luot go1 nén hinh anh
mit phing (Q) va mit phang (P); mép trén va mép dudi ctia lat cdt 1an luot goi nén hinh anh hai

duong thang a va b trong d6 a song song voi mit phang (P) Cho biét hai dudng thang a,b ¢ song

song v&i nhau hay khong.

Hinh 57

Bai 3. Cho tir dién ABCD. Goi G la trong tam cua tam giac ABD, diém I nam trén canh BC sao cho
BI =2IC Chiing minh rang /G song song voi mat phang (ACD) .

Bai 4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N 1an luot 13 trung diém cua
AB va CD. Chimg minh riang duong thing MN song song voi giao tuyén d cua hai mit phang
(SBC) va (SAD).

Bai 5. Cho hai hinh binh hanh ABCD va ABEF khong cling nam trong mot mét phang. Goi M, N lan
luot 13 trong tAm cta hai tam gidc 4BF va ABC . Chimg minh rang duong thaing MN song song véi
mit phang (ACF).

Bai 6. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Ly diém M trén canh AD sao cho
AD =3A4AM . Goi G, N lan luot la trong tdm cua tam giac SAB, ABC .
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a) Tim giao tuyén cua hai mét phang (S4B) va (SCD).
b) Chitng minh ring MN song song véi mét phing (SCD) va NG song song v6i mit phang (SAC).

D. BAI TAP TRAC NGHIEM

Cau1l: Cho dudng thing « va mit phang (P) trong khong gian. C6 bao nhiéu vi tri tuong dbi cua a va
(P)?
A. 2. B. 3. C. 1. D. 4.

Cau2: Cho hai dudng thang phan biét a,5 va mit phang (o). Gia st a//b, b//(a). Khi do:

A. a//(a). B. ac(a).
C. a cit (a). D. a//(a) hodc ac(a).
Cau 3: Cho hai dudng thang phan biét a,5 va mit phang (o). Gia st a//(a), bc (o). Khi do:
A. a/b. B. 4,5 chéo nhau.
C. a//b hodc a,b chéo nhau. D. 4, b citnhau.

Ciu4: Cho dudng thing ¢ nam trong mit phing (o). Gid st b ¢ (). Ménh dé nao sau day diing?
A.Néu b//(a) thi b/a.
B.Néu b cit (a) thi b cit a.
C.Néu b//a thi b/(a).

D. Néu b cit (o) va () chira b thi giao tuyén clia (o) va (3) 1a dudng thang cit cd a va b.

Cau5: Cho hai duong théng phan biét 4,5 va mat phéng (a). Gid st a//(a) va b//(a). Ménh dé nao
sau day dung?
A. a va b khong c6 diém chung.
B. a va b hodc song song hodc chéo nhau.
C. a va b hodc song song hodc chéo nhau hodc cat nhau.
D. a va b chéo nhau.
Ciu 6: Cho mit phiang (P) va hai duong thang song song a va . Khing dinh nao sau day ding?
A. Néu (P) song song voi a thi (P) cling song song véi b.
B. Néu (P) cit a thi (P) ciing cét b.
C.Néu (P) chtra a thi (P) ciing chua b,
D. Cac khéng dinh A, B, C déu sai.
Cau7: Cho d//(a), mit phang (8) qua d cat (a) theo giao tuyén 4’ . Khi do:
A.djd. B. d cit d’. C. d va ¢’ chéonhau. D. d=d’.
Cau 8: (6 bao nhiéu mit phing song song vdi ca hai dudng thing chéo nhau?
A. 1 B. 2. C. 3. D. V6 so0.
Cau9: Cho hai duong thing chéo nhau ¢ va . Khiang dinh nao sau day sai?
A. C6 duy nhat mdt mat phang song song véi a va b.
B. C6 duy nhat mét mat phang qua a va song song véi b.
C. C6 duy nhat mot mat phang qua di€ém M , song song v&i a va b (voi M 1a di€m cho trudc).
D. C6 v6 s6 dudong thang song song v4i a va cat b.
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho ba duodng thing doi mot chéo nhau q, 5, c . Goi (P) la mat phing qua a, (Q) la mat phing
qua & sao cho giao tuyén cua (P) va (Q) song song v6i c¢. Co nhiéu nhat bao nhiéu mit phing
(P) va (Q) thoa man yéu cau trén?

A. Mot mat ph'fmg (P), mOt mat phéng (Q).

(0)

(

P).

B. M6t mit phang (P), vO s6 mit phang
C. Mot mat phéng (Q), vo sb mat phéng
D. V6 s6 mit phing (P) va (Q).

Cho hinh chép ti gidc S.4BCD. Goi M va N lan luot 1a trung diém cia S4 va sc. Khing dinh
nao sau day dung?
A. MN //mp (ABCD). B. MN //mp (SAB). C. MN //'mp (SCD). D. MN //mp (SBC).

Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh binh hanh, A va N 14 hai diém trén 4, SB sao

cho SM _SN _ 1. Vi tri twong d6i gitta MN va (4BCD) 1a:
S4 SB 3
A. MN nam trén mp (ABCD). B. MN cit mp (ABCD).
C. MN song song mp (ABCD). D. MN va mp (ABCD) chéo nhau.

Cho tir dién A4BCD. Goi G la trong tdm cua tam gidc 4BD, Q thudc canh 4B sao cho
AQ=20B, P latrung diém cta 4B. Khing dinh nao sau day ding?

A. MN //(BCD). B. GQ//(BCD).

C. MN cit (BCD). D. Q thudc mit phang (CDP).

Cho hai hinh binh hanh 4BCD va ABEF khong cting nam trong mot mit phang. Goi 0, 0, lan
luot 14 tAm clia ABCD, ABEF. M la trung diém cta ¢D. Khing dinh nao sau day sai?

A. 00,//(BEC). B. 00,//(AFD).

C. 00,//(EFM). D. MO, cét (BEC).

Cho t& dién 4BcD. Goi M,N,P,Q,R,S theo thu tu la trung diém cua céc canh
AC, BD, AB, CD, AD, BC. Bon diém nao sau day khong dong phang?
A. P,Q,R,S. B. M, P, R,S. C. M,R, S, N. D. M, N, P, Q.

Cho tir dién 4BcD. Goi H 1a mot diém nam trong tam gidc ABC, (o) 1a mat phang di qua H

song song v&i AB va CD. Ménh dé nao sau day dung vé thiét dién cua (a) cua tir dién?

A. Thiét dién 13 hinh vudng. B. Thiét dién 14 hinh thang can.
C. Thiét dién 14 hinh binh hanh. D. Thiét dién 14 hinh chit nhat.
Cho hinh chép tir gidc déu S.4BCD ¢6 canh day bang 10. M 1a diém trén S4 sao cho % = %
Mot mét phang (o) diqua M songsong vOi AB va CD, cét hinh chop theo mot tir giac co dién
tich la:
A0 B. 2. c. 2. D. %

9 3 9 9

Cho hinh chép S.4BCD ¢d ABCD la hinh thang can day 1on 4D. M, N 1an luot 13 hai trung diém
cla 4B va CD. (P) 1a mat phang qua MN va cit mit bén (SBC) theo mot giao tuyén. Thiét dién
cta (P) va hinh chop la
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Ciu 19:

Cau 20:

A. Hinh binh hanh. B. Hinh thang. C. Hinh chir nhat. D. Hinh vuéng

Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh binh hanh tim 0. Goi M 1a diém thudc canh $4
(khong trung v61 S hodc 4). (P) la mat phing qua OM va song song véi 4D. Thiét dién cua
(P) va hinh chop 1a

A. Hinh binh hanh. B. Hinh thang. C. Hinh chir nhat. D. Hinh tam giéc.

Cho tir dién 4BcD. Goi I,J lan luot thude canh AD, BC sao cho 14=2ID va JB=2JC. Goi
(P) la mt phang qua 17 va song song v6i 4B. Thiét dién ctia (P) va ta dién 4BCD 1a

A. Hinh thang. B. Hinh binh hanh. C. Hinh tam giac. D. Tam giac déu.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién cé nhu cdu sé hitu tron bé file word Bii giing Todn 9,10 11,12 va bg dé kiém tra két thic
chuyén dé, giiva ki, cudi ki c6 loi giai chi tiét cia Thay gido, Tdc gia Tran Dinh Cw vui long lién h¢ zalo
Trin Pinh Cuw: 0834 332 133 dé dwoc hé tro t6i da .

Tranh mua cdc trang va cd nhdan khac
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BAI 4: HAI MAT PHANG SONG SONG
A. KIEN THUC CO BAN CAN NAM
I. HAI MAT PHANG SONG SONG
Hai mit phang duoc goi 13 song song véi nhau néu chiing khong c6 diém chung.
IL. PIEU KIEN VA TINH CHAT
Pinh li 1 (dau hiéu nhin biét hai mit phang song song):
Néu mit phang (P) chtra hai dudng thing cit nhau a,b va a,b cling song song voi mit phang (Q) thi
(P) song song vdi (Q).
Dinh li 2 (Tinh chat vé hai mit phang song song):
Qua mot diém nam ngoai mot mit phang cho trudc c6 mot va chi mot mit phang song song véi mat
phing di cho. 7
Tu dinh 11 trén, ta ¢6 thé chung minh dugc cac hé qua sau:
H¢ qué 1. Néu duong thing a song song v6i mit phiang (Q) thi ¢6 duy nhat mot mét phang (P) chta a
va song song véi mét phang (Q).
Hé qua 2. Hai mit phing phan biét ciing song song voi mat phang thir ba thi song song véi nhau.
Pinh 1i 3
Cho hai mat phing song song (P) va (Q). Néu mit phing (R) cat mit phang (P) thi cling cit mit

phing (Q) va hai giao tuyén ciia chiing song song véi nhau.

IIL. PINH Li THALES LX‘
Pinh Ii 4 (Dinh 1i Thals) £
Néu a,b 1a hai cat tuyén bat ki cat ba mit phang song song (P),(Q),(R) lan BN:--

AB BC (A 0/ B\

luot tai cac diém A4,B,C va A',B',C’ thi = = . \!
A'B' B'C CA p
R/ G
\

B. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Ban Chung cho ring: Néu mit phing (P) chira hai duong thang a,b va a,b clng song song v6i

mit phang (Q) thi (P) luén song song véi (Q). Phat bicu ciia ban Chung c6 dung khong? Vi sao?
Bai 2. Trong mit phang (P) cho hinh binh hanh 4BCD. Qua A4,B,C,D lan luot v& bén dudng thing

EETCEEYEBD — NI HNIG NVYL :AD

a,b,c,d d6i mot song song v6i nhau va khéng ndm trong mét phang (P). Mot mat phing cit a,b,c,d
lan luot tai bon diém A', B',C’, D’ . Chirng minh rang 4'B'C’'D ' 14 hinh binh hanh.

Bai 3. Cho tir dién ABCD. Lay G,.G,,G, lan luot 13 trong tAm cta cac tam giac ABC, ACD, ADB .
a) Chimg minh rang (G,G,G,)//(BCD).

b) X4c dinh giao tuyén ciia mat phang (G,G,G,) v6i mit phang (ABD).

Bai 4. Cho hai hinh binh hanh ABCD va ABEF khong cing nim trong mot mit phang.

a) Chimg minh rang (AFD)//(BEC).

b) Goi M la trong tdm cua tam gidc ABE . Goi (P) 1a mat phang di qua M va song song voi mit

phang (AFD).Lay N la giao diém cua (P) va AC. Tinh %
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BAI 5: HINH LANG TRU VA HINH HQP
A. KIEN THUC CO BAN CAN NAM
I. HINH LANG TRU
1. Dinh nghia
Ta cod Qinh nghia sau:
Hinh gom hai da giac 44,...4,,4,'4,",...A," va cac hinh binh hanh
AAA" A" A AAA,..., A AA"A " 'doge goi 1a hinh lang try, ki hi¢ula 44,...4,.4'4,"...4,'
Chii y: Néu day cua lang try 1a mot tam giac, tir giac, ngil giac, ... thi hinh ling tru twong tmg goi 1a hinh
lang tru tam giac, hinh lang tru t&r giac, hinh lang tru ngti giac (Hinh 71),...
Trong hinh lang try 4 4,...4,.4'4,"...4," : A,
. Hai da giac 4 A4,...A va A'A, ... A" goila hai mat day; A,
. Céc hinh binh hanh 4 4,4,'4,",4,4,4,"'4,",..., A, A4 "A,", goilacac
mat bén
° Céc canh cua hai mat day goi 1a cac canh day;
. Céc doan thang 44,", 4,4,",...,A A" goi 1a cic canh bén;

. Céc dinh cua hai mat day goi la cac dinh cua hinh lang try. 3 A,
2. Tinh chat Hinh 71
Céc canh bén cua hinh ling tru song song va bang nhau.

Céc mat bén cta hinh lang try 1a cac hinh binh hanh. ‘

Hai mat day cua hinh lang tru Ia hai da giac c6 cac canh twong mg song song va bang nhau.

I1. HINH HOP

Hinh hop 1a hinh lang tru c6 déy 1a hinh binh hanh.
Trong mdi hinh hop, ta goi:

° Hai mat khong ¢6 dinh chung 1a hai mat ddi dién; A’
° Hai canh song song khong nam trong mot mat la hai canh ddi dién;

° Hai dinh khong thudc cung mdt mat 1a hai dinh ddi dién;

. Poan thang ndi hai dinh déi dién 1a dudng chéo.

2. Tinh chat

Hinh hdp 1a mét hinh lang tryu nén hinh hdp c6 cac tinh chét cua hinh lang try, ngoai ra:

J Céc mat cua hinh hop 1a cac hinh binh hanh.

o Hai mat phé}ng lan luot chira hai mat d6i dién cua hinh hop song song vé6i nhau.
Nhan xét: Ta c6 thé coi hai mat doi dién bat ki cua mdt hinh hop 1a hai mat day cta no.

B. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Cho hinh hop ABCD-A'B'C'D'.

a) Chimg minh rang (ACB')//(A'C'D).

b) Goi G,,G, lan luot la giao diém ctia BD' véi céc mit phing (ACB') va (A4'C'D). Ching minh ring
G,,G, lan lugt 13 trong tdm ciia hai tam giac ACB' va A'C'D.

¢) Chimg minh rang BG, =G,G, =D'G,.

Bai 2. Cho hinh hop ABCD-A'B'C'D’. Goi M, N, P,Q lan luot 14 trung diém cua cic canh
BC,AA',C'D', AD' . Ching minh rang:

a) NO//A'D' va NQ = %A’D' :
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b) Tt giac MNOC 1 hinh binh hanh;

¢) MN //(ACD');

d) (MNP)//(ACD').

Bai 3. Cho hinh ling tru tam gidc ABC-A'B'C'. Goi E, F lan luot Ia trung diém cua cic canh AC va
A'B'.

a) Chimg minh réng EF //(BCC'B').

b) Goi / 1a giao diém cta duong thing CF véi mit phing (AC'B). Chimg minh rang / 1a trung diém
doan thang CF .

C. PHAN LOAI VA PHUONG PHAP GIAI BAI TAP

Dang 1. Chirng minh hai mit phing song song

1. Phuwong phap
Ap dung két qua sau:

al ¢, b d
a,bc(P)
c,dc(Q)
anb ={A}

=(Pp (Q)

Ap dung: Chimg minh dudng thing a song song véi mit phang (P).
2<(Q) =al (P)
(Q)r (P)

2. Céc vi du rén luyén Ki nang

Vi du 1. Cho hinh chép S.ABCD c6 day 14 hinh thang ABCD, ADi BC, AD=2BC. Goi E, F, I lan luot
1a trung diém cta cac canh SA, AD, SD.

a. Ching minh (EFB)i (SCD). Tir 6 chimg minh CIi (EFB).

b. Tim giao tuyén cta (SBC) va (SAD). Tim giao diém K cua FI véi giao tuyén nay, chimg minh
(SBF)i (KCD).

Vi du 2. Cho hinh chép S.ABCD, day 13 hinh binh hanh tdim O. Goi M va N lan luot 13 trung diém cta
SA va CD.

a. Chung minh mit phing (OMN) va mit phing (SBC) song song véi nhau.

b. Gia str hai tam giac SAD va ABC déu 1a tam giac can tai A. Goi AE va AF lan lugt 1a cic duong phan
giac trong clia cac tam giac ACD va SAB. Ching minh EF song song voi mit phing (SAD).

Vi du 3. Cho hinh hgp ABCD.A’B’C’D’ ¢6 cac canh AA’, BB’, CC’, DD’ song song vi nhau.

a. Chimg minh hai mit phang (BDA”) va (B’D’C) song song véi nhau.

b. Chimg minh ring duong chéo AC’ di qua trong tim G va G’ 1an luot cia hai tam giac BDA’ va
B’D’C.

c. Chung minh G va G’ chia doan AC’ thanh ba phan bang nhau.
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Dang 2. Tim giao tuyén ciia hai miit phing va tim thiét dién qua mét diém va song song véi mot
mit phiang

1. Phuwong phap

2. Cac vi du rén luyén ki nang

Vi dy 1. Cho hinh chép S.ABCD. Goi M la trung diém ctia AD. Goi (o) va (B) 1a mét phing qua diém M
va lan luot song song véi mit phang (SBD) va (SAC).
a. Xéc dinh thiét dién ctia hinh chép cat boi mp(a).
b. Xéc dinh thiét dién ciia hinh chép cét boi mp (B).
c. Goi H va K lan luot 1a giao diém ctia (o) va (B) v6i AC va BD. Chimg minh tir giac OHMK 14 hinh
binh hanh.
Vi du 2. Trong mit phang (P) cho hinh binh hanh ABCD. Ta dung cac nira dudng thiang song song voi
nhau va nam vé mot phia d6i voi (P) 1an luot di qua cac diém A, B, C, D. Mot mit phang (P’) cét bon nira
duong thang ndi trén tai A’, B’, C’, D’. Ching minh:
a. T giac A’B’C’D’ 1a hinh binh hanh.
b. AA+CC'=BB+DD'.
Vi du 3. Cho tir dién ABCD va M, N lan luot 1a trung diém ctia AB, CD. Mt phang (o) chtra MN cat
cac canh AD va BC lan lugt 1a P va Q.
a. Cho trude diém P, hiy noi cach dung diém Q.
b. Goi K 1a giao diém cua MN va PQ. Chirng minh ring KP=KQ.
Vi du 4. Cho hinh chép S.ABCD , ¢6 day 1a hinh binh hanh tim O. Goi M, N lan luot 13 trung diém
ciia SB va SC, iy diém P e S4.
a) Tim giao tuyén (SAB) va (SCD).
b) Tim giao diém SD va (MNP) .
¢) Tim thiét dién hinh chép va mit phing (MNP). Thiét dién la hinh gi?
d) Goi J € MN . Chiing minh rﬁng oJ || (SAD).
D. BAI TAP TRAC NGHIEM
Caul: Trong cac ménh dé sau, ménh dé nao dang?
A. Hai mit phang khong cit nhau thi song song.
B. Hai mit phang ciing song song v&i mot duong thang thi cit nhau.
C. Qua mdt diém nam ngoai mot miat phang cho trudc ¢ duy nhat mot mit phing song song
v6i mat phang do.
D. Qua m6t diém nim ngoadi mot mit phang cho trude co vo sé mit phang song song voi mit
phing do.
Cau2: Trong cac diéu kién sau, diéu kién nao két luan mp(a) /| mp(3)?
A. () //(7) va (8)/ (7)((v) 1a mat phang nao do).
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Ciu 6:

Cau 7:

Cau 8:

Cau 9:

B. (a)/a va (a)//b V6i a,b 1a hai duong thang phan biét thudc (3).

C. (a)/ a va (a) /b V6i a,b 1a hai dudng thang phan biét cling song song v&i ().

D. (a)/a va (@) /b V6i a,b 12 hai dudng thang cat nhau thudc ().

Trong cac ménh dé sau, ménh dé nao dang?

A. Néu mit phang (a) / () thi moi duong thang nam trong () déu song song véi (83).

B. Néu hai mit phang (o) va (B8) song song v6i nhau thi bat ki duong thang ndo nim trong ()
ciing song song véi bat ki duong thang nio nim trong (8).

C. Néu hai duong thang phdn biét @ va » song song lan luot nim trong hai mit phiang (o) va
(B) phan biét thi (a) // (8).

D. Néu dudng thang 4 song song v&i mp(a) thi no song song v6i mei dudng thang nam trong
mp(a).

Cho hai mit phang song song (o) va (8), duong thang a // (a).Co mAy vi tri trong ddi cia a va
(8).

A. 1. B. 2. C. 3. D. 4.

Cho hai m3t phang song song (P) va (Q). Hai diém am,N 1an lugt thay doi trén (P) va (Q). Goi
I 1a trung diém ciia MN. Chon khing dinh ding.

A. Téap hop cac diém 7 la duong thang song song va cach déu (P) va (Q).

B. Tap hop cac diém 7 1a mit phang song song va cach déu (P) va (Q).

C. Tap hop cac diém 7 13 mot mit phang cat (P).

D. T4p hop cac diém 7 1a mot duong thang cét (P).

Trong céc diéu kién sau, diéu kién nao két luan duong thang a song song véi mit phing (P)?
A.a /b vabC(P). B.ajbvabj(P).

C.a/J(Q) va (Q)/(P). D. ac(Q) va bC(P).

Trong cac ménh dé sau, ménh dé nao ding?

A.Neéu (a)//(8) va ac(a),bc(B) thi a )/ b.

B. Néu (o) //(8) va ac(a),bc(B) thi @ va 5 chéo nhau.

C.Néu a b va ac(a),bc(8) thi () (8).

D. Néu (v)N(a)=4a,(v)N(B)=0b va («) J/(B) thi a )/ .

Cho duong thing a C mp(P) va duong thing bC mp(Q). Ménh dé nao sau day dang?

A. (P)//(Q)=a b B. a//b=(P)/(Q).
C.(P)J(Q)=a/(Q) vab ) (P). D. a va » chéo nhau.

Hai duong thang a va » nam trong mp(a). Hai duong thang o' va b’ nam trong mp(3). Ménh
dé nao sau day dung?

A.Neu a/a' vab )b thi(«))(3)

B.Néu (a)//(8) thiaja’ vabb.

C.Néua/b vad b thi(a))(8)

D.Néu a cit b va a/d,b /b thi (a)/(5).

Ban word dé va 10i giai vui long 1h Zalo: 0834332133
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho hai mt phang (P) va (Q) cit nhau theo giao tuyén A. Hai duong thang p va ¢ lan lugt
nam trong (P) va (Q). Trong cic ménh dé sau, ménh dé nao dung?
A. p va ¢ cat nhau. B. p va g chéo nhau.

C. p va g song song. D. Ca ba ménh dé trén déu sai.

Cho hinh chép S.4BCD c6 day ABCD la hinh binh hanh tdm 0. Goi M, N, P theo thur tu 1a trung
diém ctia S4, SD va 4B. Khang dinh nio sau day dung?

A. (NOM) cit (OPM). B. (MON)//(SBC).

C. (PON)N(MNP)= NP. D. (NMP)//(SBD).

Cho hinh chép S.4BCD ¢6 ddy ABCD 1a hinh binh hanh tdm 0. Tam giac SBD déu. Mot mit
phing (P) song song v&i (SBD) va qua diém I thudc canh 4C (khong trung véi 4 hodc C).
Thiét dién ctia (P) va hinh chop 14 hinh gi?

A. Hinh hinh hanh. B. Tam giac can. C. Tam gidc vuéng.  D. Tam giac déu.

Cho hinh chop S.4BC c¢6 day la tam gidc ABC thoa midn AB= AC =4, BAC =30°. Mit phiang
(P) song song v6i (ABC) cat doan SA tai M sao cho SM =2MA. Dién tich thiét dién cua (P) va
hinh chdp S.4BC bang bao nhiéu?

— B. 14 c. 2 D. 1.
9 9 9

Cho hinh chop S§.4BCD c6 ddy ABCD l1a hinh thang can vo6i canh bén BC =2, hai day
AB=6, CD=4. Mit phing (P) song song vOi (ABCD) va cit canh S4 tai M sao cho
S4=35M. Dién tich thiét dién ctia (P) va hinh chép S.4BCD bang bao nhiéu?

A. % B. % C. 2. D. %

Cho hinh chép S.4BCD c6 day ABCD la hinh binh hanh ¢6 tdim O, AB=8, S4A =SB =6. Goi
(P) 1a mat phing qua O va song song voi (S4B). Thiét dién cua (P) va hinh choép S.4BCD la:
A. 55. B. 6+5. C. 12. D. 13.

Trong cac ménh dé sau, ménh dé nao sai?

A. Hinh ling tru ¢6 cac canh bén song song va bang nhau.

B. Hai mit day cta hinh ling tru nam trén hai mit phing song song.
C. Hai d4y cua ling tru 13 hai da giac déu.

D. Céac mat bén cua lang tru 1a cac hinh binh hanh.

Trong cac ménh déu sau, ménh dé nao sai?

A. Céc canh bén cua hinh ling try bang nhau va song song véi nhau.
B. Cac mat bén cua hinh lang tru 1a cac hinh binh hanh.

C. Cac mit bén cua hinh ldng try 13 cac hinh binh hanh bang nhau.
D. Hai day cta hinh ling tru 13 hai da giac bang nhau.

Trong cac ménh déu sau, ménh dé nao dang?

A. Cac canh bén cua hinh chop cut d61 mot song song.
B. Cac canh bén cua hinh chop cut 1a cac hinh thang.
C. Hai day cuia hinh chép cut 13 hai da giac dong dang.
D. Ca 3 ménh dé trén déu sai.
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Trong cac ménh déu sau, ménh dé nao sai?

A. Trong hinh chép cut thi hai day 1a hai da giac c6 cac canh tuong ing song song va cac ti so
cac cap canh twong g bang nhau.

B. Cac mat bén cua hinh chdp cut 1a cac hinh thang.

C. Cac mat bén cua hinh chdp cut 1a cac hinh thang can.

D. Buong thang chira cac canh bén cua hinh chdp cut dong quy tai mot diém.

Cho hinh lang tru 4BC.A'B'C’. Goi M, N lan luot 1a trung diém cua BB’ va cc’. Goi A 1a giao
tuyén clia hai mit phang (4MN) va (4'B'C). Khing dinh nao sau day ding?

A. A/ AB. B. Ay Ac. C. A BC. D. Ay 44"

Cho hinh ling tru ABC.4’B'C’. Goi H la trung diém ciia 4'B’. Pudng thing B'C song song véi
mat phang nao sau day?

A. (4HC). B. (44'H). C. (H4B). D. (H4'C).

Cho hinh lang try 4BC.4'B'C’. Goi H 1a trung diém cta 4’B’. Mit phang (AHC’) song song v&i
duong thang nao sau day?

A. CB'. B. BB’ C. BC. D. B4’

Cho hinh lang try 4BC.4,B,C,. Trong cic khang dinh sau, khang dinh nao sai?

A. (4BC)//(4BC,). B. 44,//(Bcc,).

C. 4B//(4BC). D. 44,B,B 1a hinh chir nhat.

Cho hinh hép ABCD.4,B,C,D,. Khang dinh nao dudi day la sai?
A. ABCD la hinh binh hanh.

B. Cac duong thing 4,C, AC,, DB, D,B ddng quy.

C. (4ADD,4,)//(BCC\B,).

D. 4D,CB 1a hinh chir nhat.

Cho hinh hép ABCD.A'B'C'D' cb cac canh bén 44’, BB', cC’, DD'. Khang dinh nao dudi day

sai?
A. (44'B'B)//(DD'C'C). B. (B4A'D')//(4DC’).
C. 4'B'cD 1a hinh binh hanh. D. BB'D'D 1a mot tir giac.

Néu thiét dién ctia mot lang tru tam giac va mot mat phang 1a mot da giac thi da giac d6 co
nhiéu nhat miy canh?

A. 3 canh. B. 4 canh. C. 5 canh. D. 6 canh.

Néu thiét dién ctia mot hinh hop va mot mat phéng la mot da giac thi da giac d6 co nhiéu nhat
may canh?

A. 4 canh. B. 5 canh. C. 6 canh. D. 7 canh.

Cho hinh hdp 4BCD.4'B'c'D'. Goi I 14 trung diém ctia 4B. Mit phang (IB'D') cit hinh hop
theo thiét dién 1a hinh gi?

A. Tam giac. B. Hinh thang. C. Hinh binh hanh.  D. Hinh chir nhat.
Cho hinh hdp 4BCD.4A'B'C'D’'. Goi («) 1a mat phing di qua mot canh cta hinh hop va cit hinh
hop theo thiét dién 1a mot tir giac (7). Khang dinh nao sau day khong sai?

A. (T) 1a hinh chir nhat.
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B. (7) 1a hinh binh hanh.

C. (T) 1a hinh thoi.

D. (T) la hinh vudng.
File word va dap an chi tiét vui long lién hé zalo: 0834 332 133
Gido vién c6 nhu ciu 50" hiru tron by file word Bai giang Todn 9,10 11,12 va by dé kiém tra két thic
chuyén dé, giita ki, cudi ki c6 1oi gidi chi tiét cua T hay gido, Tdc gid Tran Pinh Cw vui long lién hé zalo

Tran Dinh Cu: 0834 332 133 dé duoc hé tro toida.

Tranh mua cdc trang va cda nhan khac

“
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BAI 6: PHEP CHIEU SONG SONG.HINH BIEU DIEN CUA MOT HINH KHONG GIAN
A. KIEN THUC CO BAN CAN NAM
I. PHEP CHIEU SONG SONG
1. Dinh nghia
-Ta c6 dinh nghia sau:
Cho mit phang (P) va dudng thang / cit mit phiang (P). Phép dat ¢
twong mg mdi diém M trong khong gian v6i diém M’ ciia mit phang
(P) sao cho MM ' song song hodc tring véi ¢ goi 1a phép chiéu song
song 1én mt phang (P) theo phuong /.

M’
-Mit phing (P) goi 12 mit phing chiéu, duong thing ¢ goi la phuong . “\ \
chiéu, diém M " goi 1a hinh chiéu song song (hodc anh) cta diém M
qua phép chiéu song song noi trén.
2. Tinh chat
Trong trudng hop tong quat, ta co dinh 1i sau:
. Phep chiéu song song bién ba diém thing hang thanh ba diém thang hang va khong 1am thay doi
thtr ty ba diém
do.
. Phép qhié'u song song bién dudng thing thanh dudng thing; bién tia thanh tia; bién doan thang
thanh doan thang.
Trong trudng hop tong quat, ta co dinh 1i sau (Hinh 80 , Hinh 81):
. Phép chiéu song song bién hai duong thang song song thanh hai dudng thing song song hoic
trung nhau.
. Phép chiéu song song khong lam thay dbi ti s6 do dai cta hai doan thang nam trén hai duong

thang song song hodc cling nam trén mot dudng thing.

al b) AB _A'B AB A'B
cCh CD chH C'p
a) b)
Hinh 80 Hinh 81
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Chii y: D61 voi hinh chiéu song song cua duong tron, nguoi ta chimg minh dugce rang: Hinh chiéu song
song ciia mot duong tron trén mot mat phang theo phwong ¢ cho trudce 1a mot duong elip hoac mot
duong tron, hodc dic bi¢t co thé 1a mot doan thang.

I1. HINH BIEU DIEN CUA MQT HINH KHONG GIAN

1. Khai niém

Hinh biéu dién ciia mot hinh H trong khéng gian 13 hinh chiéu song song ctia hinh H trén mot mat
phang theo mdt phuong chiéu nao d6 hodc hinh dong dang v6i hinh chiéu do.

Chuy: Mubdn v& dung hinh biéu dién ciia mét hinh khong gian ta phai 4p dung céc tinh chit ciia phép
chiéu song song.

2. Hinh biéu dién ciia mdt s6 hinh khdi don gian

Céc hinh sau day thuong duogc stir dung 1am hinh biéu dién cua: hinh tir dién (Hinh 86a); hinh hop (Hinh
86b); hinh hop chir nhat (Hinh 86¢); hinh lang tru tam giac (Hinh 86d).
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s T

a) b) )

Hinh 86

Chu y

1.
e Mot tam giac bat ki bao gio ciing ¢o thé coi 14 hinh biéu dién cuia mot tam

gi4c c6 dang tuy ¥ cho trudc (co thé 1a tam giac déu, tam gic can, tam ) ;/;-;.-"\"

giac vuong, ...) | k_/l
Mot hinh binh hanh bét ki bao gid cling c¢6 thé coi 1a hinh biéu dién cua / WP

mot hinh binh hanh tuy ¥ cho trudc (c6 thé 13 hinh binh hanh, hinh vuéng, / FHHH

hinh thoi, hinh chit nhat, ...). /""“~ D
Mot hinh thang bat ki bao gio ciing c6 thé coi 14 hinh biéu dién cho mot / \u //

e Ta thudng dung dudng elip 1am hinh biéu dién ctia dudng tron, tim cia elip biéu dién cho tdm cta dudng

hinh thang tuy ¥ cho truéc, sao cho ti s6 do dai hai day ciia hinh biéu dién
phai bang ti s6 do dai hai day cua hinh thang ban dau.

Hinh 8

tron (Hinh 87).
2 . Phép chiéu song song noi chung khong gilr nguyén ti s6 cua hai doan thang khong nam trén hai

dudng thing song song (hay khong cting nam trén mot duong thang) va khong gitr nguyén dg 16n cua mot

goc. Tir d6 suy ra néu trén hinh H c6 hai doan thang khong nam trén hai duong thang song song thi ti s6
cua chung khong qhat thiét phai gitr nguyén trén hinh Qleu dién. Ciing nhu vay, do 16n ctia mot goc trén
hinh H khong nhat thiét dugc giir nguyén trén hinh biéu dién.

B. PHUONG PHAP GIAI TOAN

Dang 1. V& hinh biéu dién ctia mét hinh trong khong gian

1. Phwong phap
Dé v& hinh biéu dién ctia mot hinh trong khéng gian, ta can chl y mot s6 diém sau:
- Néu trén hinh H ¢6 hai doan thang cing phuong thi trén hinh H’ hinh chiéu cta hai doan thiang d6 phai
cung phuong.
- Trung diém ctia mot doan thing c6 hinh chiéu 14 trung diém ciia doan thang hinh chiéu.
- Trong tam gidc c6 mot gbc ti, ta can chil y chan dudng cao ké tir dinh cta goc nhon khong nim trén
canh dbi dién ma nim & trén phﬁn kéo dai ctia canh éy.
- Mot goc bat ki c6 thé biéu dién cho moi goc (nhon, vudng, ti).
- Mot tam giac bat ki c6 thé 13 hinh biéu dién ctia moi tam giac (cén, déu, vudng).
- Hinh binh hanh c6 thé ding 1am hinh biéu dién cho céc hinh c6 tinh chét ciia hinh binh hanh (vuéng,
thoi, chit nhat,...)
- M6t dudng tron dugc biéu dién boi mot duong elip hodac mdt duong tron, hodc dac bict cod thé 1a mot
doan thang.
2. Cacvidu
Vi du 1. Cho tam giac ABC. Hiy chon mit phing chiéu (P) va phuong chiéu d dé hinh chiéu cta tam
giac ABC trén mit phang (P) la:
a. Mot tam giac can.
b. Mot tam gidc vudng.
Vi du 2. V& hinh chiéu cua hinh chop S.ABCD Ién mat
phang (P) theo phuong chiéu SA (SA khdong song song
voi (P)).
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Vi du 3. V& hinh biéu dién cta tam giac ABC c6 goc A ti, duong cao BH.
Vi du 4. V& hinh biéu dién ctia dudng tron c6 hai dudng kinh vudng goc.
Vidu 5. V€ hinh biéu dién ctia mot luc giac déu.

Vi du 6. V& hinh biéu dién ctia mot tam giac déu.

Dang 2. Cac bai toan lién quan dén phép chiéu song song

1. Phwong phap

Céc bai toan lién quan dén phép chiéu song song thudng 13 dua vao cac tinh chit cua phép chiéu song song
dé chtrng minh mét van dé nao d6. Can chu y rang trong cac bai toan dang nay, viéc tim phuong chiéu dong
vai tro kha quan trong.

2. Cacvidu

Vi du 1. Cho tir di¢n ABCD. Goi G la trong tdm cua tam giac ACD.

a. Chimg minh hinh chiéu G’ ctia diém G trén mat phang (BCD) theo phwong chiéu AB 14 trong tdm cua
tam giac BCD.

b. Goi M, N lan luot 1a trung diém cia AD va AC. Tim hinh chiéu song song cua cac diém M, N theo
phép chiéu noi trén.

Vi du 2. Cho hai hinh binh hanh ABCD va BCC’B’ ndm trong hai mit phang phan biét. Tim diém M trén
doan DB’, va diém N trén duong chéo AC sao cho MNi BC'.

C. GIAI BAI TAP SACH GIAO KHOA

Bai 1. Trong cac Hinh 88a,88b,88c, hinh nao 1a hinh biéu dién cho hinh tr dién?

o B

Hinh 88

Bai 2. Cho hinh hop ABCD- A'B'C'D’. Xéc dinh anh cua tam giac A'C'D’ qua phép chiéu song song
1én mét phing (ABCD) theo phuong A'B.

Bai 3. V& hinh biéu dién cua cac vat trong Hinh 89 va Hinh 90.

I o=

Hinh 89 Hinh 90
Bai 4. V& hinh biéu dién cua:
a) Mdt tam giac vuong ndi ti€p trong mdt dudng tron;
b) Mot luc giac deu.
D. BAI TAP TRAC NGHIEM

EETCEEVEBD — NI HNIG NVYL :AD

Caul: Trong cac ménh dé sau, ménh dé nao dang?
A. Hinh chiéu song song ctia hai dudng thing cit nhau 1a hai dudng thing song song.
B. Hinh chiéu song song ctia mot hinh binh hanh 1 mét hinh binh hanh.
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Cau 2:

Cau 3:

Cau 5:

C. Phép chiéu song song bién mot tam giac thanh mot tam gidc néu mat phang chira tam giac
khong ctng phuong véi phuong chiéu.
D. Phép chiéu song song khong 1am thay ddi ti s6 d6 dai cua hai doan thang.

AH 1 BC ABII CD,ADi BC
Trén hinh A ¢6 va hinh B ¢
HB =HC AC 1 BD
Hmh A Hinh B

Hay Chon ménh dé dung trong cac ménh dé sau:
A. ABC 1a tam giac déu.

B. ABC la tam giac can tai A

C. ABCD Ia hinh thoi.

D. B va C dlng.

Trén hinh C, ta c6 phép chiéu song song theo phwong d va mit phang chiéu (P); ABI CG va
AB=DG;A’,B’,C’,D’, E’, G’ lan luot 12 hinh chiéu cua A, B, C, D, E, G qua phép chiéu néi
trén.

Ménh d& nao sau day dung?

DG_DG'_, . CD'_CD
"AB A'B' "D'E' DE’
C.D'G'=A'B". D. Tat ca A, B, C déu dung.

Trong cac ménh dé sau, ménh dé nao dang?

A. Hinh chiéu song song ctia hai dudng thing chéo nhau c6 thé song song véi nhau.
B. Hinh chiéu song song ctia hai dudng thing cit nhau thi song song.

C. Hinh chiéu song song ctia hai mot hinh vuéng 1a mot hinh vudng.

D. Hinh chiéu song song cua mot luc giac déu 12 mot luc giac déu.

Qua phép chiéu song song 1én mat phang (P), hai dudng thing chéo nhau a va b c6 hinh chiéu
13 hai dudng thing a’ va b’. Ménh dé nao sau diy dang?

A. > va b’ ludn ludn cit nhau.

B.a’ va b’ co thé trang nhau.

C. a va b khong thé song song.

D. a’ va b’ co thé ct nhau hoic song song v6i nhau.
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Ciu 6:

Cau 8:

Qua phép chiéu song song 1én mit phing (P), hai duong thing a va b ¢ hinh chiéu 1a hai dudng
thang song song a’ va b’. Khi do:

A. a va b phai song song vdi nhau.

B. a va b phai cit nhau.

C. avab co thé chéo nhau hodc song song voi nhau.

D. a va b khong thé song song.

Cho bdn diém khong dong phang A, B, C, D ¢6 hinh chiéu song song trén mit phang (P) lan luot
1a bon diém A’, B*, C*, D’. Nhiing trudng hop nao sau day khong thé xay ra?

A. A’B’C’D’ 1a bdn dinh ctia mot hinh binh hanh.

B. D’ la trong tdm tam giac A’B’C’.

C. D’ 1a trung diém canh A’B’.

D. Hai diém B’, C’ nam giira hai diém A’ va D’.

Hinh chiéu song song ctia mot hinh thang ABCD khong thé 13 hinh nao dudi day?

A. Hinh binh hanh. B. Hinh tam giac can.

C. Poan thang. D. Bon diém thang hang.

File word va dap an chi tiét vui long lién hé zalo: 0834 332 133

Gido vién cé nhu ciu 80" hitu tron b file word Bai giang Todn 9,10 11,12 va by dé kiém tra két thic
chuyén dé, giiva ki, cuéi ki ¢ 10i gidi chi tiét cia T hdy gido, Tdc gid Tran Pinh Cw vui long lién hé zalo
Tran Pinh Cuw: 0834 332 133 dé dwoc hé tro téi da .

Tranh mua cdc trang va cd nhan khadc
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 6:

Cau 7:

Cau 8:

BAI TAP CUOI CHUONG 4 SACH GIAO KHOA

Trong khdng gian, hai dudng thang song song v&i nhau khi va chi khi:

A. Hai duong thiang cung ndm trong mot mit phang va khéng c6 diém chung.

B. Hai duong thang khong c6 diém chung.

C. Hai dudng thang cing nim trong mot mit phang.

D. Hai duong thing cing song song voi duong thing thir ba.

Cho hai dudng thang phan biét a va b trong khéng gian. Cé bao nhiéu vj tri twong ddi gitta a va b ?
A. 1. B. 2. C.3. D. 4.

Trong khong gian, dwong thing song song vdi mét phang khi va chi khi:

A. Puong thang d6 song song vi mot duong thang thudc mat phang.

B. Pudng thing va mit phang khong c¢6 diém chung.

C. Puong thing d6 khong co diém chung voi mot dudng thang thudc mat phang.
D. Pudng thang d6 khong c6 diém chung vé6i hai dudng thing thudc mit phang.

Trong khdng gian, hai mit phang song song v&i nhau khi va chi khi:

A. C6 mot miat phang chira hai dudng thiang phan biét ciing song song voi miat phang con lai.
B. Hai mit phing cung song song v6i mot dudng thang.

C. Hai mit phing cung song song voi mat phang thir ba.

D. Hai mit phing khong c6 diém chung.

Cho t&r dién ABCD . Goi M, N Ian lugt |a trung diém cla cdc canh AB, BD . Diém P thuéccanh AC
sao cho PA=2PC.

a) Xac dinh giao diém E cua dudng thang MP v6i mit phang (BCD).

b) Xéc dinh giao diém Q cta dudng thing CD vé6i mit phing (MNP).

¢) X4c dinh giao tuyén ctia mit phang (ACD) véi mat phang (MNP).

d) Goi I 1a giao diém cua MO va NP,G la trong tAm cta tam gidc ABD . Chtrng minh rang
C,I,G thang hang.

Cho hinh chép S.ABCD cé day la hinh binh hanh. Goi M, N [an lwot |a trung diém cha céc canh
BC,SD . Xac dinh giao tuyén cia mit phang (AMN ) véi m&i mat phéng sau:

a) (SCD);b) (SBC).

Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh thang (AB//CD) va AB=2CD . Goi M,N lan
lwot 13 trung diém cac canh SA4, SB . Chirng minh rang:

a) MN//(SCD)

b) DM//(SBC);

¢) Ldy diém / thudc canh SD sao cho 5—11) = % Chtng minh rang: SC// (AIC).

Cho hinh lang tru tam gidac ABC.A'B'C".Lay M, M’ Ian lwot 13 trung diém céc doan thang BC, B'C’

; 1ay cac diém G, G', K 1an lugt thudc cac doan AM, A'M', A'B sao cho 4G = AG = AK zz.
AM AM' AB 3

a) Chimg minh rang C'M //(A'BM").
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b) Chiing minh ring G'’K //(BCC'B').
¢) Chimg minh ring (GG'K)//(BCC'B').

d) Goi (). 1a mat phing di qua K va song song voi mit phing (A4BC). Mit phang (a). cét

canh CC'. tai diém I . Tinh £
y(o4
Cau9: Cho hinh lang tru tam gidc ABC-A'B'C".Ldy M, M’ 1an lwot 1a trung diém cac doan thang BC, B'C’
, , o o AG  A'G AK 2
; lay cac diém G,G', K lan luot thude cac doan AM,A'M', A'B sao cho G = G = =—.
AM AM' AB 3

a) Chimg minh rang C'M //(A'BM").
b) Chimng minh ring G’K //(BCC'B').
Cau 10: M6t khéi gb c6 cac mit déu la mot phan clia mdt phang véi (ABCD)/ /(EFMH ),CK / /DH . Kh&i gb

bi hdng mdt géc (Hinh 91). Bac tho moc mudn lam dep khdi gd bang cach cat khdi gb theo mit phang
(R) diqua K va song song v&i mit phang (ABCD).

Hinh 91

a) Hay gitip bac tho mdc xac dinh giao tuyén cua mit phang (R) v6i cac mit ctia khdi gb dé
cit duoc chinh x4ac.

b) Goi 1,J lan luot 1 giao diém DH,BF véi mét phang (R). Biét

BF =60 cm,DH =75 cm, CK =40 cm . Tinh FJ .

EETCEEVEBD — NI HNIG NVYL :AD
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BAI TAP TONG ON CHUONG IV

PHAN 1: TRAC NGHIEM

Cau 1:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 10:

Trong cac hinh chép, hinh chdp cé it canh nhat cé s6 canh 1a bao nhiéu?

A. 3. B. 4. C.5. D. 6.
Cau 2: Cho ABCD la mét t& giac 16i. Hinh nao sau day khdng thé |a thiét dién cda hinh chép
S.ABCD?
A. Tam giac. B. Tu giac. C. Ngii giac. D. Luc giéc.

Cau 3: Cho hinh chép S.ABCD véi day ABCD |a t& giac 16i. Thiét dién clia mat phang (a)

tuy y v&i hinh chép khéng thé la:

A. Luc giac. B. Ngti giac. C. Tt giac. D. Tam giac.

Trong cac khdng dinh sau, khdng dinh nao dung?

A. Qua 2 diém phan biét c6 duy nhit mot mit phang.

B. Qua 3 diém phan biét bat ki c6 duy nhat mot mat phing.

C. Qua 3 diém khong thang hang c6 duy nhat mot mit phang.

D. Qua 4 diém phan biét bat ki c6 duy nhat mot mat phing.

Trong khong gian, cho 4 diém khong dong phang. Cé thé xac dinh dugc bao nhiéu mat phang phan biét
tr cac diém d3 cho?

A. 6. B. 4. C. 3. D. 2.

Trong mét phang (a) ,cho 4 diém A4, B, C, D trong dé khong cé 3 diém nao thang hang. Diém S
khong thudc mat phang (a). C6 may mat phang tao bai S va 2 trong 4 diém noi trén?

A. 4. B. 5. C. 6. D. 8.

Cac yéu t6 nao sau day xac dinh mot mit phang duy nhat?
A. Ba diém phan biét. B. Mot diém va mot dudng thing.
C. Hai dudng thing cit nhau. D. Bbn diém phan biét.

Cho t& gidc ABCD . C6 thé xac dinh duoc bao nhiéu mit phang chira tat ca cac dinh cla t& gidc
ABCD.
A. 1. B. 2. C. 3. D. 0.

Trong céc khdng dinh sau, khdng dinh nao dung?
A.Néu 3 diém 4, B, C 1a 3 diém chung ciia 2 mit phang (P) va (Q) thi 4, B, C thing hang

B.Néu 4, B, C thing hang va (P), (Q) c6 diém chungla 4 thi B, C ciing la 2 diém chung
cua (P) va (0).
C.Néu 3 diém 4, B, C 1a 3 diém chung ctia 2 mit phang (P) va (Q) phan biét thi 4, B,C

khong thang hang.
D.Néu 4, B, C thing hang va A, B 1a 2 diém chung ctia (P) va (Q) thi C ciing 1a diém chung

cua (P) va (0).
Cho b&n diém 4, B, C, D khong dong phdng. Goi M, N |an luot 1a trung diém clla AC va BC . Trén

doan BD |3y diém P sao cho BP=2PD . Giao diém clia dudng thang CD va mit phang (MNP) a giao

diém cla
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

A. CD va NP. B. CD va MN. C. CD va MP. D. CD va 4P.
Cac yéu t6 nao sau day xac dinh mot mit phang duy nhat?

A. Ba diém. B. Mot diém va mot dudng thing.

C. Hai dudng thang cit nhau. D. Bon diém.

Cho tam gidc ABC . C6 thé xac dinh dwoc bao nhiéu mét phang chira tat ca cac dinh tam giac ABC?
A. 4. B. 3. C. 2. D. 1.

Trong mp(a), cho bon diém A, B, C, D trong dé khong cé ba diém nao thing hang. Diém
S¢ mp(a). C6 may méit phang tao bdi S va hai trong s6 bon diém ndi trén?

A. 4. B. 5. C.6. D. 8.

Chondm diém 4, B, C, D, E trong d6 khdng cé bon diém nao & trén cing mot mit phang. Hoi cé
bao nhiéu mit phang tao bai ba trong s6 ndm diém d3 cho?

A. 10. B. 12. C. 8. D. 14.

Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh. Goi M, N Ian luwot 1a trung diém AD va
BC . Giao tuyén clia hai mit phang (SMN) va (SAC) 1a:
A. SD. B. SO, O la tam hinh binh hanh ABCD.
C. SG, G latrung diém AB . D. SF, F 1atrung diém CD.

Cho hinh chép S.ABCD cé day la hinh thang ABCD (AD//BC) .Goi M latrung diém CD. Giao
tuyén cla hai mit phang (MSB) va (SAC) la:

A. SI, I 1a giao diém AC va BM . B. SJ, J la giao diém AM va BD.
C. SO, O la giao diém AC va BD. D. SP, P lagiao diém 4B va CD.

Cho hinh hop ABCD.A'B'C'D' . Mp (&) qua AB cat hinh hop theo thiét dién I3 hinh gi?
A. Hinh binh hanh. B. Hinh thang. C. Hinh lyc giac. D. Hinh chir nhat.
Cho hinh hop ABCD.A'B'C'D’ . Mit phing (a) di qua mdt canh cla hinh hdp va ct hinh hop theo
thiét dién la mot ti giac (T) Khdng dinh ndo sau déy ding ?
A. (T)1a hinh chi¥ nhat. B. (7')1a hinh binh hanh.
C. (T')1a hinh thoi. D. (7)1 hinh vudng.
Cho tam gidc ABC & trong mp(a) va phuong /. Biét hinh chiéu cta tam gidc ABC lén mp(P) 3
mot doan thang. Khdng dinh nao sau day dung ?
A. (a)//(P) B. (a)=(P)
C. (a)//l hoac (o) o1 D. 4;B;C déu sai.

Phép chiéu song song theo phuwong [ khéng song song véi a hodc b, mit phang chiéu la (P) , hai

duong thing a va b biénthanh a' va b'. Quan hé nao giita a va b khong duoc bao toan déi vai phép
chiéu song song?

A. Cit nhau B. Chéo nhau C. Song song D. Trung nhau
Hinh chiéu cta hinh chit nhat khong thé |a hinh nao trong cac hinh sau?
A. Hinh thang B. Hinh binh hanh C. Hinh chir nhat D. Hinh thoi
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Cau 22:

Cau 23:

Cau 24:

Cau 625 :

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Trong mat phang (0() cho t& gidc ABCD, diém E ¢ (a). H&i ¢ bao nhiéu méit phang tao bdi ba
trong ndm diém A4,B,C,D,E?
A. 6. B.7. C. 8. D. 9.

Cho bon diém khong dong phang, ta cé thé xac dinh dwoc nhidu nhat bao nhiéu mat phang phan biét
tir bdn diém d3 cho?

A. 2. B. 3. C. 4. D. 6.
Mot hinh chép cé day 1a ngli gidc ¢d s6 mat va sd canh la.

A. 5 mat, 5 canh. B. 6 mat, 5 canh. C. 6 mat, 10 canh. D. 5 mat, 10 canh.
Cho tir gidc 16i ABCD va diém S khong thuge mit phing (4BCD). Cé nhiéu nhét bao nhiéu

mat ph'fmg xé4c dinh boi cac diém A4,B,C,D ?
A.S. B. 6. C.7. D. 8.

Cho 2 duong thang a,b cat nhau va khéng di qua diém A . Xac dinh dwoc nhiéu nhat bao nhiéu mét
phang b&i a,b va A?
A. 1. B. 2. C. 3. D. 4.

Cho béon diém A4, B,C, D khong cuing nam trong mot mat phang. Trén AB, AD lan lugt 1ay cac diém
M va N saocho MN cét BD tai I .Diém I khongthudc mit phang nao sao day?
A. (BCD). B. (4BD). C. (CMN). D. (ACD).

Cho bon diém khong dong phang, ta cé thé xac dinh dwoc nhieu nhat bao nhiéu mit phang phan biét

tlr bon diém d3 cho?

A. 2. B. 3. C. 4. D. 6.
Cho hinh chép S.ABCD c6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (SAC)

va mit phang (SBD) la duong thang

A. SN. B. SC. C. SB. D. SM.

Cho hai dudng thdng phan biét a va b cung thudéc mp(«) . Cé bao nhiéu vi tri twong déi gitta a va
b?
A. 1. B. 2. C.3. D. 4.

Chon khang dinh sai trong cac khang dinh sau?

A. Hai mit phang c6 mot diém chung thi chiing con c6 vo s diém chung khac nita.

B. Hai mit phang c6 mot diém chung thi chung c6 mot dudng thang chung duy nhét.

C. Hai mit phang phan biét c6 mét diém chung thi ching c6 mot duong thang chung duy nhat.
D. Néu ba diém phan biét M, N, P cung thudc hai mat phang phéan biét thi chung thang hang.

Mét hinh chép cé ddy |a ngili gidc cd s6 mat va sé canh la:
A. 5 mat, 5 canh. B. 6 mit, 5 canh. C. 6 mat, 10 canh. D. 5 mat, 10 canh.
Cho hinh chép S.ABCD cé ddy la hinh thang ABCD (AD//BC). Goi M latrung diém CD . Giao

tuyén cla hai mit phang (MSB) va (SAC) la:

A. SI, I 1a giao diém AC va BM . B. SJ, J la giao diém AM va BD.
C. SO, O la giao diém AC va BD. D. SP, P la giao diém AB va CD.
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cho hinh chép S.ABCD c6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (SAC)
va mit phang (SBD) la duong thang
A. SN. B. SC. C. SB. D. SM.

Cho hinh chép S.ABCD c6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (SAB) va

mat phang (SCD) la dwong thang

A. SN. B. SA. C. MN. D. SM.
Hinh hép cd s6 mat chéo la:
A. 2. B. 4. C.o6. D. 8.
Cho hinh chép S.ABCD c6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (SAC)

va mat phang (SBD) la dwong thang
A. SN. B. SC. C. SB. D. SM.

Cho hinh chép S.ABCD c6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (SAB) va
mat phang (SCD) la dwong thang
A. SN. B. S4. C. MN. D. SM.

Trong khéng gian cho hai duwéng thdng song song a va b. Két luan nao sau day
dung?
A.Né&u ¢ cdt a thi ¢ cat b.
B. Néu ¢ chéo a thi ¢ chéo b.
C. Néu ¢ cat a thi ¢ chéo b.
D. Néu dudng thang ¢ song song vdi a thi ¢ song song hodc trung b .
Xét cdc ménh dé sau trong khong gian, hdi ménh dé nao sai?
A. Mit phing (P) va dudng thing a khong nim trén (P) cling vudng goc véi dudng thang
b thi song song nhau.
B. Hai duong thang phan biét ciing vudng géc véi mot mit phang thi song song v6i nhau.
C. Hai dudng thang phan biét ciing vudng goc v6i dudng thing thr ba thi song song véi nhau.
D. Hai mat phing phan biét cing vudng goc v6i mot duong thang thi song song voi nhau.

Chon ménh dé dung trong cdc ménh dé sau day:
A. Trong khong gian hai duong thang chéo nhau thi khong c6 diém chung
B. Trong khong gian hai dwong thing phan biét ciing song song v6i mdt mit phing thi
song song véi nhau
C.Néu mit phing (P) chira hai dwdng thing cung song song véi mit phing (Q) thi (P)
va (Q) song song véi nhau
D. Trong khéng gian hinh biéu dién ctia mot goc thi phai la mot goc bang no
Trong cdc ménh dé sau day, ménh dé ndo dung?
A. Hai duong thang phan biét khong chéo nhau thi cit nhau.
B. Hai dudng thang phan biét khong song song thi chéo nhau.
C. Hai dudng thang phan biét cung ndm trong mot mit phang thi khong chéo nhau.
D. Hai dudng thang phan biét [an lwgt thudc hai mat phang khac nhau thi chéo nhau.
Cho hinh chép S.ABCD c6 dday |a hinh thang déy lén 1a CD . Goi M 1a trung diém cda canh S4, N
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la giao diém clia canh SB va mat phang (MCD). Ménh dé nao sau day la ménh dé dung?
A. MN va SD cit nhau. B. MN //CD.
C. MN va SC cit nhau. D. MN va CD chéo nhau.
Cau 43: Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh binh hanh. I 13 trung diém cda SA4, thiét dién cla
hinh chép S.ABCD cét bdi mat phing (/BC) la:
A. AIBC.
B. Hinh thang IJBC (J latrung diém cda SD).
C. Hinh thang IGBC (G 13 trung diém cta SB).
D. T giac IBCD.
Cau 44: Cho ttr dién ABCD. Goi G, va G, lan luot la trong tam céc tam gidc BCD va ACD . Chon cau sai.

2 ; .
A. GG, :EAB. B. BG,, AG, va CD dong qui.

C. GG, //(ABD). D. GG, //(4BC).

Cau45: Chotwrdién ABCD . Goi G va E lan luot |3 trong tdm cla tam gidc ABD va ABC . Ménh dé nao
duwdi day dang
A. GE va CD chéo nhau. B. GE//CD.
C. GE cit AD. D. GE cat CD.

CAu 46: Cho ling tru ding ABC.A'B'C'. Goi M , N Ian luot |a trung diém cta A'B’ va CC'. Khi dé CB’
song song vai
A. AM . B. AN. C. (BC'M). D. (4C'M).

Ciau 47: Chotirdién ABCD, G latrongtdm AABD va M |a diém trén canh BC saochoBM =2MC .
Puong thang MG song song véi mét phang
A. (ACD).. B. (4BC).. C. (4BD).. D. (BCD).

Cau 48: Chohinhchép S.ABCD cé day la hinh vudng, SA vudng géc véi day. M, N lan lwot 1a trung diém
cta S4 va BC.Mit phang (P) diqua M, N vasongsong véi SD cat hinh chép theo thiét dién I3

hinh gi?
A. Hinh vuong. B. Hinh thang vuong. C. Hinh thang can. D. Hinh binh hanh.

Cau49: Chottdiéen ABCD.Goi M latrung diém cla AB. Céat t& dien ABCD béi mat phang diqua M
va song song vdi BC va AD, thiét dién thu duogc 1a hinh gi?
A. Tam giac déu. B. Tam giac vuong.  C. Hinh binh hanh. D. Ngii giac.

Cau50: Chotwdién ABCD.Piém M thudcdoan AC (M khac A, M khac C). Mat phang (a) diqua
M songsongvdi AB va AD . Thiét dién cda (a) vai tir dién ABCD 1a hinh gi?
A. Hinh tam giac B. Hinh binh hanh C. Hinh vudng D. Hinh chir nhat
Cau51:  Chohinhhgp ABCD.A'B'C'D’, khing dinh nao diing vé hai mit phéng (A'BD) va (CB'D').
A. (4'BD) L (CB'D"). B. (4'BD)//(CB'D').
C. (4'BD)=(CB'D'). D. (4'BD)n(CB'D')=BD'.
Cau 52: Cho hinh hop ABCD.A'B'C'D' . Ménh dé nao sau day sai?
A. (4BB'4") I/ (CDD'C"). B. (BDA") // (D'B'C).
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C. (BA'D') I/ (ADC). D. (ACD') I/ (A'C'B).
Cau53: Chohinhhop ABCD.A'B'C'D' . Ménh dé nao sau day sai?

A. (ABCD) /I (A'B'C'D'). B. (44'D'D)// (BCC'B').

C. (BDD'B') /| (ACC'A'). D. (4BB'A")// (CDD'C').

Cau 54: Cho hinh chép S.ABCD c6 ddy ABCD 13 hinh binh hanh tdm O. Goi M , N, P theo th ty 13
trung diém cla S4, SD va AB . Khang dinh nao sau day ding?
A. (NOM) cit (OPM). B. (MON)// (SBC).
C. (PON)m(MNP) =NP. D. (NMP) /! (SBD) )

Cau 55:  Cho dudngthdng a < (@) va duong thang b < (B). Ménh d& nao sau déy ding?
A. (a)!/(B)=allb. B. (a)//(B)=all(B)vabl/(a).
C. a//b:(a)//(ﬂ). D. a va b chéo nhau.

Cau 56: Cho hinh binh hanh ABCD.Qua A4, B, C, D lan lugt v& cac nlra dudng thang Ax, By, Cz, Dt
& cung phia so v&i mat phang (ABCD) , song song v&i nhau va khéng nam trong (ABCD) . Mot mat
phang (P) cdt Ax, By, Cz, Dt twongingtai A", B', C', D' saocho A4'=3, BB'=5, CC'=4

.Tinh DD".
A. 4. B. 6. C.2. D.12.

Cau 57: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang ddy AD va BC. Goi M 1a trong tdm tam

gidc SAD, N 13 diém thudc doan AC sao cho NA:%, P 13 diém thudc doan CD sao cho

PD = % Khi d6, ménh dé nao sau day dung?

A. Giao tuyén ctia hai mit phang (SBC) va (MNP) 1a mot dudng thang song song v6i BC.
B. MN cit (SBC).
C. (MNP)//(SAD).
D. MN//(SBC) va (MNP)//(SBC)
PHAN 2: TU' LUAN

Céu 1. Cho hinh chép S.ABCD, c¢6 day ABCD 1a tir giac c6 cap canh dbi khong song song, diém M
thudc canh S4. Tim giao tuyén cia cac cip mit phang sau:

a) (SAC) va (SBD). b) (SAC) va (MBD).
¢) (MBC) va (S4D). d) (S4B) va (SCD).

Cau 2. Cho hinh chép S.ABC va diém I thudc doan SA. Mot duong thang khong song song voi AC cit
cac canh AB va BC lan luot tai J va K. Tim giao tuyén cua cac cap mat phéng sau:

a) Mit phang (IJK) va (SAC).
b) Mit phing (IJK) va (S4B).

c) Mit phang (1JK) va (SBC).
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Cau 3. Cho hinh chép S.ABCD , ¢6 day 14 hinh thang v6i déy 16n 4B . Goi M, N lan luot 1a trung diém
cua S4 va SB.

a) Chung minh: MN //CD

b) Tim giao diém P ciia SC voi (AND). Kéo dai AN va DP citnhau tai / .

Chting minh SI1//AB//CD. Tk giac SIBA 1a hinh gi? Vi sao?

Cau 4. Cho ta di¢n ABCD. Goi M,N,P,O,R,S lan lugt 1a trung diém cua AB,CD,BC,AD,AC,BD.
a) Chirng minh MNPQ 1a hinh binh hanh.

b) Tur d6 suy ra ba doan MN, PO, RS cit nhau tai trung diém cua mdi doan.

Céu 5. Cho hinh chép S.ABCD , c6 day ABCD 1a hinh binh hanh. Goi M, N lan luot 13 trung diém cta
cac canh AB, CD.

a) Chirg minh MN song song v6i cac mit phang (SBC), (S4D).
b) Goi P 1a trung diém cta SA4. Ching minh SB, SC déu song song véi (MNP) .

c) Goi G,, G, lan luot 1a trong tdm cua cac tam giac ABC, SBC. Chung minh rﬁng: GG,// (SAC )

Cau 7. Cho hinh chép S.ABCD c6 ABCD 1a hinh binh hanh. Trén cac canh S4, SB, AD lan lwot léy M, N,

P sao cho v :S—N :Q. Chirng minh:
SA SB 4D

a) MN song song véi mét phang (ABCD).
b) SD song song v6i mit phing (MNP).
¢) NP song song v6i mit phang (SCD) .

Céu 8: Cho hinh chop S.4BCD , c¢6 day 1 hinh binh hanh tim O. Goi M, N lan luot 14 trung diém
cua SA4,5D .

a) Chimg minh ring (OMN)//(SBC).

b) Goi P,Q lan luot la trung diém cia AB,ON . Chimg minh PQ//(SBC).

Céu 9: Cho hinh chop S.ABCD , c6 day 1a hinh binh hanh tim O. Goi M, N lan luot 14 trung diém
cua S4 va CD.

a) Chimg minh ring (OMN)) || (SBC).

b) Goi / 1a trung diém cua SD,J 1a mot diém trén (ABCD) va cach déu AB,CD. Chtrng minh réng
1J||(S4B).
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