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Cung v&i Sdch gido khoa Todn 8 va Sdch gido vién Todn 8 (b sach
Chén tr&i sang tao), nhém téc gid bé sach gido khoa bién soan cuén
Bai tép Todn 8 (tap mot, tap hai) nham gitp hoc sinh rén luyén kién thic
va cac ki nang co ban, phu hop véi Chuong trinh Gido duc phé théng
mon Toan ca B Gido duc va Pao tao ban hanh nam 2018.

Néi dung sach Bai tdp Todn 8 bam sat theo sach gido khoa, dac biét
thé hién tinh than tich hgp, phéat trién phdm chat va nang luc clia hocsinh.

Cau trac sach tugng Gng véi Sach gido khoa Todn 8. Tap mét bao gém
bén chuong:

Chuong 1: Biéu thuc dai s6

Chuong 2: Cac hinh khéi trong thuc tién

Chuong 3: Dinh li Pythagore. Cac loai tu giac thudng gap
Chuong 4: Mot s6 yéu t6 théng ké

Mai chuong bao gém nhiéu bai hoc. Méi bai hoc gém cac phan nhu sau:
KIEN THUC CAN NHG

BAITAP MAU

BAITAP

Cu6i méi chuong 13 phan LOI GIAI - HUONG DAN - BAP SO.

Rat mong nhan dugc gép y clia quy thay cé gido, phu huynh va cacem
hoc sinh dé sach ngay cang hoan thién hon.
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Phan SO VA DAI SO

IR BIEU THUC BAI SO

Bai 1. DON THUC VA DA THUC NHIEU BIEN

A.KIENTHUC CAN NHG

1. Don thirc, don thirc thu gon, don thirc (]("ing dang
— Pon thire 1a bicu thire dai s6 chi gom mot s0, hodc mét bien, hode mét tich
gifta céc sO va cao bién.
—Don thike fhu gon la don thire chi gdm tich cia mot s0 voi cac bién ma
mdi bién chi xudt hién mot 1an dwdi dang ning 1én luy thira véi s6 mil
nguyen duong.
SO néi trén goi 14 /6 56, phan con lai goi 1a phdn bién ctia don thire thu gon.
Téng s6 mii ctia tat ¢a cac bién ¢d trong don thite (¢6 hé s6 khac 0) goi 14
bgc cua don thire do.
— Hai don thike déng dang 14 hai don thize ¢ hé s6 khac 0 va ¢6 cling phén bién.
Dé cong, trir (hay tim #6ng, hiéu) hai don thite dong dang, ta cong, trir hd s6
cla ching va gilt nguyén phan bien.

2. Pa thirc, da thirc thu gon _
—Da thire 1A mot tong ctia nhitng don thite. M&i don thite trong tong goi 14
mot sang fir cia da thie do.
Chii y:
» Méi don thite cfing 12 mot da thire (c6 mdt hang i),
« 86 0 dwoc goi don thike khéng, cling goi 14 da thire khong.
—Pa thire thu gon 1a da thire khéng chita hai hang tit nio dong dang.
D& thu gon mot da thire, ta nhom cac hang ti ddng dang véi nhau va cong
cac hang tir dong dang do voi nhau.
Béc clia hang tit ¢6 béc cao nhit trong dang thu gon ctia da thire goi 1a
bdc ciia da thire do.



B. BAITAP MAU
Bai 1. Thu gon va tim bac ctiaméi don thite sau:
1 2 1
a) —6XYE x'yz, b) Eyzxz [_Z] Ko
Gidi
1 1
a) —6xy§ Xyz=-6 5 xx’yyz = -3x’y’z; bac cua -3x’y’z 14 6.

1 2( 1
b Jvsa] e =3 e erviosia - e

Bai 2. Thu gon va tim bac ctiaméi da thite sau:
a) 9a—8b —Ta + 6b; b) Sa*+ 2ab’ —2ab + a? — ab.
Gidi

a)9% —8b—-T7a+6b=(9a—7a)+(8b+6b)=(9-T)a+(8+6)b=2a—2b.
Hai hang tix 2a; 2b déu cd bac1a 1. Do do, bac ctia 2a —2bla 1.
b) 5a2 + 2ab* — 2ab+ a* — ab = (5a* + a%) + 2ab’ + (-2ab —ab)

=(5+ 1)a’ + 2ab’* + (-2 — 1)ab = 6a’ + 2ab’ — 3ab.
Ba hang tit 6a% 2ab% —3ab lan lwot ¢d bac 14 2; 3;2. Do d6, 6a%+ 2ab? — 3ab ¢b
bacla 3.

Bai 3. Thu gon r61tinhgié111 cua da thic.
a)P=T7x—4y+ % —y—4xtaix=é véyz%;
bQ=x.9xy—-xy-y.5%*+x.2xy’ taix=-2vay= %

Gidi
Ay P=(Tx—=dxy+(—4y =y +%= 3X—5y+%.

; 1 2
Voix=— vay=—,taco:
6 5
1 2 1 1 1
P=3.—-5—*+—-=—-2+—=-1,
6 5 2. 2 2

b) Q = 9%’y —xy — 5x%y + 2x%y*
= (Oxly - 5x%y) —xy + 2%y’
= 4x’y —xy + 2%y



th

5 1
Voix=-2 véyZE, ta co:

Q=4.(2). % —(=2). % +2.(=2). Gj =8+1+2=11.

. BAITAP

. Trong cac biéu thire sau, biéu thite nao la don thie?

-2¥’yz, = 5 L (3+2), —; xymyz V2.
52 Xy

. Lap bén bidu thite ¢é cac bién 1a x, v, trong d6 hai biéu thire 1a don thike,
hai biéu thire khéng phai 1a don thie.
. Hay sap xép cac don thite sau thanh nhém cée don thite dong dang véi nhau.
22Xy, Xyz; %xyz; —% zx%y;, ~10yx?; 0,25y°%.
. Cho bon vi du vé don thire bic 3, ¢ cacbién lax, y.
Trong cac biéu thite sau, biéu thite nao 14 da thixe?
1 X 1 1
at—2a*+1] —aly ———2ab+ /2 be — —ac Wiz + ——-
gl gy 2ebt N2k R xyz

. Thu gon va tim bac ctia méi don thire sau:

a) 2a’b(-2)ab; b) —% bzca[léj ab; ¢) 0,2ab’c . 0,5bac’.
. Thu gon va tim bac ctia méi da thite sau:
a) 6x -3y —4x—y+3x—1; b) 3x%y + 2xy* — 3xy’ — 2x%y;
c) X’yz — % Zyx* + % VXE d) 2xyx + 6yx’y + 5x’y — 4x%y’ — 5Xy7X.
. Tinh gia tri cta da thre:
; 1
a)2a’+3a+2ab—2a*+2a—abtaa :%Véb:—a;

b)4a’b—b-a’b’+a.6ab+abla’taia=-2vab=>5

. Cho ba hinh chit nhat A, B, C vd1 cac kich 4 i
thude nhur Hinh 1. Tinh dién tich cdamdi hinh -~ \
chit nhét nay va tong dién tich ctia chiing. 1
2a B C
- b w 3b )

Hinh 1 7



Bai 2. CAC PHEP TOAN VG1 DA THUC NHIEU BIEN

A. KIEN THUC CAN NHG

1. Cong, trir hai da thic
— Muon ¢dng hay trir hai da thire ta lam nhw sau:
+ Viét hai da thiie trong ngodc va ndi véi nhau bing dau ¢ong (+) hay trir ().
+Bé dau ngoac roi thu gon da thire thu durge.

2. Nhan hai da thirc
— Pé nhén hai don thite, ta nhan cac h s6 véi nhau, nhan cae luf thira cting
bien, roi nhan cac ket qua do voi nhau.
— B¢ nhéan don thire voi da thire, ta nhan don thire d6 voi tirng hang t cta
da thiic, 101 cong cac ket qua voi nhau.
— D& nhAn hai da thitc, tanhan timg hang it ctia da thite nay véi da thire kia,
101 cong cac két qua voi nhau.

3. Chia da thitc cho don thic
— Muon chia don thire A cho don thiic B (v A chia het cho B), ta lam nhw sau:
+ Chia hé s6 ctia A cho hé s6 clia B.
+ Chia lu§ thira ctia timg bién trong A cho lu§ thira ctia cling bién dé trong B.
+ Nhan cac ket qua tim duge véi nhau.
— Muon chia mét da thite cho mét don thire (truong hop chia hét), ta chia
tung hang t¥ ctia da thie nay cho don thire do, roi ¢dng cac ket qua tim
dwoe véi nhau.
Ciui y: Khi nhéan hai da thire, chia da thite cho don thiic, ta thuong st dung
céc tinh chat sau ctia phép tinh luy thira véi s6 mii tw nhién:
*a” . a"=a™"* (nhan hai luy thira ciing co s6);
*a™: a"=ga" " (chia hai luy thira cting co s6);
* (ab)*=a" . b" (lu¥ thira ctia mot tich);

a n

. [E] :% (b# 0, luy thira ctia mot thuong);

* (a™)* = a™ (luy thira ctia lu§ thira).



B. BAITAP MAU
Bai 1. Tinh:
a) (3a+ 5b—2¢) + (3¢ —2b — 4a), b) (2a* — 3ab+ 2) — (2ab — 4 — 3a?).
Gidi
a)(3a+5b—2¢)+ (3¢c—2b—4a) =3a+5b—-2¢+3c—2b—4a
=(3a—4a) + (5b—2b) + (—2¢ + 3¢)
=-a+3b+c
b) (2a® — 3ab+ 2) —(2ab—4 — 3a*) =2a’ —3ab+ 2 —2ab + 4 + 3a’
=(2a*+ 32") + (3ab—2ab)+ (2 + 4)

= 5a’ — 5ab+ 6.
Bai 2. Thue hién cac phép nhan:
a) (5% — 6y")(—2xy); b) (2x - 3y)(x’ - 5xy).
Gidi

a) (5%* — 6yH)(-2xy) = 5x4(-2xy) — 6y*(-2xy) = —-10x’y + 12xy";
b) (2x - 3y)(x’ ~ 5xy) = 2x(x* — 5xy) — 3y(x’ — 5xy)
=2x . X*—2x.5xy -3y . x*+ 3y . 5xy
= 2%’ —10xy - 3x’y + 15xy*
= 2%’ + (-10x’y — 3x%y) + 15xy* = 2%* — 13x’y + 15%y°.
Bai 3. Tinh gia tr1 cta da thire:
a) P=5x*-Bxy—7x)+ 5xy — 12X taix= 15 v?ayZ—é;
b)) Q=xE-y) -y —x)tai x=-5vay=-3.
Gidi
a) P=5%"—(Bxy —7x) + (5xy — 12x%)
= 5%° — 3xy + TX + Sxy —12%°
= (5x* + Tx* — 12%%) + (-3xy + 5xy) = 2Xy.

Voix=15 Véy:—é,ta co: P=2.15 .(——]: 5.

b) Q=xEx-y) -y’ - =x-xy-y +xy

=xX+(yrxy)+y =x-y’
Véix=-5vay=-3,taco
Q=(-5—-(-3)'=25-(27)=52.



Bai 4. Thue hién cac phép chia:
a) 20a’b'c : (-5a’b?); b) (12a’b — 4a’b + 2ab’) : (4ab).
Gidi
a) 20a’b*c : (-52’b%) =[20: (-5)] . (@’ : a%) . (b* : b*) . ¢ =—4ab’c;
b) (12a’b — 4a’b + 2ab”) : (4ab) = 12a’b : (4ab) — 4a’b : (4ab) + 2ab’ : (4ab)
=(12:4).(@:a).b:b)-4:4).(a*:a).(b:b)+(2:4).(a:a). B*:b)

=3a’—a+ %b.
C. BAITAP
1. Tinh:
a) 7x + (-3xy + 5x); b) 4x -3y — (3 + 3x—y);
¢) 2xy — 4xy — (y —3xy); d) Xy - 3xy’ ~y) + (5xy* —4y* + 5%%y).
2. Tinh:

a)2a+ 4b+ (—4b+ 5a)—(6a—9b); b)oba—[b+3a—(da—Db)].
3. Thue hién cac phép nhan:

a) (3ab) . (5be); b) (—6a’b) .[—%abB )
4. Thirc hi€n cac phép nhan:

a) (x+ 3y)(x—2y); b) @x - y)(y - 5x%);

¢) (2x— Sy)y’ - 2xy); d) X -y -xy -y
5. Thue hién cac phep chia:

a) 24xy’ : (6xy); b) 3x%°z: (15xy°); ¢) (4x%y?) : (-0,1x°57).
6. Thuc hién cac phép chia:

a) (6x'y —9xy’) : (3xy); b) (=xy’ + 10y) : (-5y);

) (5171 +2):2; B @y~ 3% ().
7. Tinh:

a) 3a(a —b) — b(b— 3a); b) 3a*(2a +b) —2b(4a’ - b);

¢c)at+bya-b)—(a—1)a—-2), d) b(3b* —a’) + (a’ + 3b)(ab —b?).
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8. Tinh gia tri cta da thirc:
a)Bx-y)+CBy—x)—-x+y)taix=27vay=13;
b)xx+y)-yx-y)taix=-0,5vay=20,3;
¢) (1,3x%y + 3,2xy + 1,5y") — (2.2xy — 1,.2x%y + 1,5y taix =2 vay = 5.

9. Biétrang x=a+ bvay=2a—b. Tinh cac da thiic sau theo a va b.

a) A=3x—4y; b) B =2xy.

10. Tr mét tim ton hinh chit nhét ¢ chiéu dai bang a (cm), ’chiéu rong pf‘:mg
b (cm), ngudi ta cat bd bon hmh vudng oan];'l bang x (cm) & bon goc, 101 gap va
han thanh thiing khéng ¢é nap (Hinh 1). Viét biéu thire biéu thi:

a) Thé tich nude t6i da ma thing ¢é thé chita duoe.

b) Téng dién tich ctia nim mit eta chiée thing.

4 £
3

X

A

Hinh 1

Bai 3. HANG DANG THUC DANG NHO

A.KIENTHUC CAN NHG

Bay h:"mg (l';ing thirc dang nho:
« Binh phuong ctia mot tong: (a + b)* =a’+ 2ab+ b,
» Binh phuong ctia mét hiéu: (a — b)* =a* — 2ab + b?;
» Hiéu ctia hai binh phuong: a’ — b’ = (a + b)(a — b);
» Lap phuwrong ctia mot tong: (a +b)’ =a’ + 3a’b + 3ab’ + b’;
» Lap phuong ctia mot hiéu: (a —b)* = a’ — 3a’b + 3ab’ - b?;
» Tong ctia hai 14p phuong: a® + b® = (a + b)(a* — ab + b%);
* Hiéu ctia hai 1ap phuong: a’ — b’ = (a— b)(a’ + ab + b*).
Chii y: (a—by=(b—alva(-a-bl=@+b)

11



B. BAITAP MAU

Bai 1. Tinh:
a) [3x—%yj ; b) (-5x—0,2)%
¢) (-4x -y )(dx -y, d) &+ 4y)(x* - dxy + 16y°).

Gidi
i ] 1Y 1

a) | 3x——y | =(3%)*=2 .3x. —y+ | =y | =9F—3xy+ =y%

)[ zyj (3%) = [Zyj y 4y2

b) (=5x— 0,2)?= (5% + 0,22 =(5X)*+ 2 . 5% . 0,2 + 0,22 = 25%* + 2x + 0,04;

¢) (-4x - y)(Ux — y) = —(dx + y)4x - y) = -[(4x)* - (¥°)']

=—(l6x* -y =y - 16x%;,

d) X +4y)x - 4xy + 16y)) = X + 4y)[x* — x . 4y + (4y)*]

=x’+ dy) =%’ + 64y’
Bai 2. Thu gon cac biéu thite sau:
a) (32— 4b) — (3a— 4b)(3a + 4b): b) (a— 2b)° + 6abla — 2b).
Gidi
a) (3a — 4b)* — (3a— 4b)(3a + 4b) = (3a) — 2 . 3a . 4b+ (4b)’ — [(3aY’ — (4b)?]
= 0a’ — 24ab + 16b* — 9a* + 16b°
= 32b% — 24ab;

b) (a— 2b) + 6aba— 2b)=a’—3 .a> . (2b)+ 3. a. (267 — (2b)* + 6ab. a— 6ab . 2b
=a’ — 6a’b + 12ab’ — 8b’ + 6a’b — 12ab’
=a’—8b’.

Bai 3. Tinh gia tr] cua biéu thire:

A)A=(2x+2,5)-(2x—-2,5  taix=-4,5;

b) B=(3x+2y) - 4y(Bx +y)taix=4vay=-5,5.

Gidi
A)A=(2x+2,5)°%-(2x— 2,57
= (2X+ 2,5+ 2% — 2,5)(2X + 2,5 — 2%+ 2,5)
=4X . 5=20%.
Vi x =—4.5, ta 6 A=20x = 20(—4,5) = —90.

12



b) B=(3x+2y)’ — 4y(3x+y)

=(B3x)\+2.3x. 2y +QQyV -4y .3x—4dy .y

=0x*+ 12xy + 4y* — 12xy — 4y*

=0x%
Véix=4vay=-55,tacoB=9%=9.4°=9 . 16=144.
Chut y: O bai tap trén, ta di thu gon bidu thire trrde khi thay gia tri ctia bién vao
biéu thite thu gon dé tinh gia tri ctia biéu thite.

Bai 4. Chitng minh cac dang thite sau:
a) (a—b)’ +4ab=(a+b)% b) (a+3)*+ (a—3) =2a’+ 54a.
Gidi
a) Ta co:
(a—Db)* +4ab=a’~2ab+ b’ + 4dab=a’+ 2ab+ b*= (a + b)~.
Vay (a—b)* + 4ab = (a + b)*.
b) Ta co:
(a+3)Y+(@-3P=a'+3.2a".3+3.a.3*+3+a’-3.a*.3+3.a.3" -3
=a'+9a*+27a+27+a’— 9a’ +27a— 27
=2a’+ 54a.

Vay (a+3) + (a—3)’ =2a’ + 54a.
Chut y: @ ba1 tap trén, dé chimg minh déng thire, ta dé bién ddi vé trai thanh
vé phéi (bién dbi biéu thire phite tap vé bidu thite don gian hon). Béi khi ta ciing ¢6
thé bién ddi vé phai thanh vé trai hodc bién ddi ¢ hai vé vé cting mét biéu thire.

C. BAITAP
1. Tinh:
a) (4x— 5)%, b) [BX + % yjz 5 ¢) (x+0,3)%
d) (—x—10y)% e) (a’ — 3a); g) [a“ £ %az T :
2. Viét cac biéu thire sau thanh da thte:
a) (1 —4x)(1 + 4x); b) (-2x - 5y)(2x — 5y);
¢) 3 -3x(Bx+ %), DA +x+xD1+x-%).

13



3. Tinh nhanh:

a) 50,5% — 50,4% b) 202 . 198;

¢) 10,2% d)1012-202 . 71 + 712
4. Tinh gia tr1 ctia bidu thite:

a) P=(x—10)" —x(x + 80) tai x = 0,87,

b) Q = 4a’+ 8ab+ 4b’ tai a = 65 va b = 35;

¢ R=x*-3%"+3x—1 taix=101.

-~ .’ = R ’
5. Thu gon cac bieu thite sau:

a) 20x* — (5x — (4 + 5%); b) x—yP—xx+2y);

Q) x+ 3P -x-3)7% d)xx-DxE+1)-x-3)E*+3x+9).
6. Biétrang x=2a+ bva y=2a—b. Tinh c4c biéu thirc sau theo a va b.

a)AZ%xy; b)B=x*+y*% ¢) C=x-Vy".

7. Chiing minh rang:
a) 337° + 1637 chia hét cho 500;  b) 234° — 123’ chia hét cho 3.
8. Chimg ming rang, voi moi s6 nguyénm,
a) (2n+ 1)’ — (2n— 1)* chiahét cho 8;
b) (8n+ 4)’ — (2n+ 1)* chia hét cho 15.
9. Thay mdi dau * bang mét don thie thich hop d nhén dirge mot dong nhat thire.
a) (a+ *y¥=a’+ 4ab+ 4b%; b) (x— *)*=x’ - 8ax + 16a’;
¢) (*— 5yP=0,16x—*+25v* d)(Bx- 0,5y’ =9x>+0,25y"+ *.
10. Viét cac bidu thire sau thanh da thite:
a) (X' + 4y’)(x + 2y)(x - 2y); b) (x— Dix+ D(x*+ DX’ + 1),
11. Chimg minh cac dang thite sau:
a) (a+ b)* — (a— b)* =4ab;
b)a’+b'=(a+b)[(a—b)*+ ab];
¢)2(a—b)a+Db)+(a+b)i+(a—b)=4a*
d) (a+b+c)=a’+b*+ c?+ 2ab+ 2ac + 2be.

14



Bai 4. PHAN TiCH DA THUC THANH NHAN TU

A.KIENTHUC CAN NHG

Phén tich da thirc thanh nhan i (hay thira s6) 1a bién déi da thie di cho
thanh mét tich ctia nhiing da thire. M6i da thitc nay goi 1a mot nkdn i clia
da thirc da cho.

Céac phuong phap thuong dung:

» Dit nhan t chung;

» Str dung hing déng thire;

» Nhém hang & (d8 1am xudt hidn nhéan t& chung, ciing thudng st dung
hing déng thiie d& bién doi).

B. BAITAP MAU
Bai 1. Phan tich cac da thite sau thanh nhéan t:
a) 18x* — 30xy; b) X’ (x— 3) - x(3 —x)%.
Gidi
a) 18x%* —30xy=6x . 3x—6x . 5y = 6x(3x — 5y);
b xX(x—3)-xB-xF=%x(x-3)-xx-3)=x.xx-3)-x(x-3).x-3)
=x(x-3)[x-x-3)]=x(x-3)-x+3)

=3x(x—3).
Bai 2. Phan tich cac da thirc sau thanh nhan t:
a) 25%¢° -y, b) 8xy — 2x* — 8y,
) x—y)'+ x+y), d) x' -8l.
Gidi

a) 25x%* —y* = (5x)* —y* = (5x + y)(5x ~y);
b) 8xy — 2x* — 8y* =-2(x* — 4xy + 4y*) = 2(x - 2y)%,
) x-y+ &Y =E-y T x+HYE-Y - E-DET )+ &)

=[x -2xy+y - (X —y) X+ 2xy + ]

= 2x(x* + 3y%);
DX -8l1=E)P-9=+9Nx-9)

=X+ -3) =+ 9N+ 3)x-3).
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Bai 3. Phan tich cac da thire sau thanh nhan tir:
a) X* — 5x+ 2xy — 10y; b) 3x* + 5x — 3y* — 5y.
Gidi
a) X —5x+ 2xy — 10y =x(x— 5) + 2y(x — 5) = (x — 5)(x + 2¥),
b) 3x* + 5x - 3y* — 5y = (3x* - 3y ) + (5x - 5y) =3’ - y) + 5(x —y)
=3y 30—~y ey N3t Iyt )
Bai 4. Tinh gia tri ctia biéu thire:
DA=XY-x)-yx-y)-8y-x)taix=6vay=-8;
b)B=5a*-5ab—8a+8btaia=8vab=-12.
Gidi
a) A=x(y—x) - yx—y) -8y —x)
=X({y-x)+y(y-x) -8y —x%)
=(y-x)x+y-8).
Voix=6vay=-—8,tacoA=(8-6)(6—-8—-8)=(—14).(—10)=140.
b) B=5a’— 5ab—8a+ 8b
= (5a° — 5ab) + (—8a + 8b)
=5a(a—b)—8(a—-Db)
=(a—Db)(5a-8).
Voia=8vab=-12,taco B=[8-(-12)](5.8-8)=20.32 =640.

C.BAITAP
1. Phén tich cac da thire sau thanh nhan t:
a) 3x° + 6xy, b) 5(y—3)-x(3-V); ¢) 2%’ =6
d X'y +xy’; &) Xy — 2Xyz + Xy, g (x+yy—xx+yy.
2. Phan tich cac da thire sau thanh nhan t:
2100 - x b) 4~ 7, O (- ¥
d x-y)' - -2y, e) x*~ (1 +2x)%; g x' - 16.
3. Phan tich cac da thire sau thanh nhan tir:
a)a’+ 12a+ 36; b) -9+ 6a—a*;
¢) 2a* + 8b* — 8ab; d) 16a® + 8ab* + b*.
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4. Phan tich cac da thire sau thanh nhan ti;

a) x’ —1000; b) 8’ + (x—y);
¢)(x—-1)"-27, d)x*+ v

5. Phan tich cac da thire sau thanh nhan tit:
a) X+ 2X(x~y) ~V; b) ¥+ xy - 3x -3y,
C)xy — 5y + 4x—20; d) 5xy — 25%* + 50x — 10y,

6. Tinh gia trl ctia biéu thie:
a)P=T(a—4)—b(4—a)taia=17vab=3;
b)Q=a’+2ab—5a—10btaia=1,2vab=44.

7. Phan tich cac da thure sau thanh nhan t:

a) 4a* —4b* —a—b; b)9a* —4b’* +4b—1;

¢) 4% — v + 4y —xy°s d)a’ — b’ + 4ab + 4a’ + 412
8. Phan tich cac da thire sau thanh nhan t:;

a) 4%’ — 36x; b) dxy* — 4’y — v,

Bai 5. PHAN THUC DAl SO
A. KIENTHUC CAN NHG

1. Phan thire, diéu luen xac dinh, gia tri cia phan thirc

¢)x*—64.

« Phin thite dai s6 (hay néi gon 1a phdn fiurc) 1amot bicu thire ¢6 dang -

trong do A, B la nhitng da thite va B khac da thitc khong.

A drge goi la s #hnke (hay 13, B duoe goi 14 mau thuke (hay mdu) ctia phéan thire.

» Dicu kién xdc dinh clia phan thire % 1a diéu kién ctia bién dé gié trj ctia

mau thite B khac 0.

« Pé tinh gi¢ # cta phan thic bing cic gia tri cho trude cha bién
(thod mén dieu kién xac dinh), ta thay cac bien cia phan thire bang gia tri

da cho ctia chung, 101 tinh gia tri cla bigu thitc s6 nhan dugc.

2. Hai phan thirc bang nhau

SR bt~ A D=8 .C
B D B D
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3. Tinh chét co ban cia phan thire
« Khi nhan ca tir va mau ctia modt phan thitc véi cling mot da thike khac
da thire khong thi duge mét phan thire bang phan thire da cho.

A _AC (¢ 13 mot da thie khic da thite khong).

B B:C
» Khi chia ¢4 tt va mau ctia mdt phan thite cho cting mot nhan tit chung clia
chiing thi dige mét phén thite bang phan thire da cho.
a Al

5 :B— (D 1a mot nhan tr chung ctia A va B).

B. BAITAP MAU
Bai 1. Tim gia tri cia phan thire:

S i= 5x—6
3

) A 3
ta1x=1vata1x=§;

2 42
pio=F ]
X+2y

Gidi
a) Diéu kién Xéc dinh: 3 —2x # 0 hay x ;é =
Khix=1 ;é — d1eu kién xac dinh duoce thoa man.

Khi do, P= ﬁ = 1
& A
Kh x = 5, didu kién xac dinh khong duge thoa man. Do do, gia tri cia
phan thire khéng xac dinh.
b) Pidu kién xac dinh: x + 2y #0.
2 oe 2 o
X —4y _ xX+2y)(x—2y) —x-2y
X+2y X+2y ‘
Khix=4,y=-2,tacox+2y=4+2.(-2)=0nén dicu kién xac dinh khong
duge thoa man. Do do, gia tri cua phan thire khong xac dinh.
Khix=y=1,tacox+2y=1+2.1 =3 # 0 nén didu kién xac dinh duoc
thoa man. Khi do,Q=1-2.1=-1.
Chit y: Nhu bai tap trén, doi véi bai toan tinh gia tri cia phan thic, ta ludén
phai viet diu kién xac dinh va kiém tra gia tri ctia bién ¢o6 thoa man dieu kién
xac dinh hay khéng. Ta nén rut gon phén thitc (néu ¢o thd), trude khi thay
gia trj clia cac bién dé viée tinh toan trd nén don gian hon.
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Bai 2. Rat gon cac phan thirc sau:

~10xy* 4x—6 4x* - 9y* X} —xy+y?
2) 7?3’2; b)izxy; g & 7. d)#.
15xy 10x 4x—06y X +y
Gidi
) -10xy* _ (-2) 5.xy° y . a
15%%y? 3.5.x.xy° 3x
b) 4x—6xy 2x(2-3y) 2-3y.
10x’ 2x.5% 5%
0 4%’ —9y*  (2x-3y)(2x+3y) _ 2x+3y.
Ax— 6y 2(2x-3y) 2 7
d x* —Xy+y X —xy+y? 1
Xy (X+y)(x —Xy+y) X+y
C.BAITAP
1. Cho phén thire P= 2+ 2
X 2x

a) Viét diéu kién xéc dinh ctia phan thite d& cho.
b) Tim gia tr1 ctia phan thirc tai x =0 vatai x=—1.

2. Tim gia tri ctia phan thie Q = 3X+3¥
X =y
a)x=2vay=1; byx=2vay=-2.
3. Chumg minh ring méi ¢ip phén thire sau bang nhau.
6ab® . 2b 2y=2% | . 12 a‘+ab , 2ab
a) ——j¥a'=—: b = va : ¢) — ¥d —
%9a’b 3a (x-y) yV—X 2b” + 2ab 4b
4. Rut gon cac phan thire saw:
— 4 —
2) 6ab ; b) asz; o Sa(a—b) d 3a(l az).
—4ac —2a’b 10b(b—a)’ 9a-1)
5. Rut gon cac phan thire sau:
3x+3 3x—-6 fes ) :
4y X + y; b X y; . 6x2 18xy; d) x2+3x33f.
O6xXy 12y —6x 12%° =6xy XY+
6. Rut gon cac phan thite sau:
2 3 3
3 5521—xy; b 9+6x+x : 0 2x if+23<y _
X =23 3x+9 X' —y
. _ 4.2 2.4
) 224X : e)XBQ; X}Z/' Xy.
4%° —4x+1 x —8 X (x+y)
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Bai 6. CONG, TRU PHAN THUC
A. KIEN THUC CAN NHG

1. Cong, trir hai phan thire ciing mau thrc
Muon ¢ong (hodc trir) hai phan thire ¢6 cling mau thiie, ta cong (hodc trir)
cac tir thite voi nhau va gift nguyén mau thite.
A € AFC A Co A
B B B’ B B B

2. Quy (léng mau thirc
* Quy déng mau thire hai phan thire 14 bién ddi hai phéan thite d cho thanh
hai phén thitc méi ¢6 cting mau thire va lan lwot bang hai phan thire da cho.
e
bude sau: B D
— Phén tich mau thite B va D thanh nhéan tir;
— Tim cac nhan tit chung ctia hai mau thiic B, D va cac nhan tir riéng clia
moi mau thite nay;

— Tinh mau thitc chung bing cach tinh tich cac nhan tr chung ctia hai mau
thite voi cac nhén tir riéng ctia timg mau thic.

Mot s6 truong hop dic biét:
+ Néu B va D khong ¢6 nhan tit chung thi mAu thire chung 14 tich ctia hai
mau thire.

+ Néu B chia hét cho D thi 14y méu thire chung 14 B.

3. Cong, trir hai phan thire khic mau thirc
Muodn ¢ong, trir hai phan thite khac mau thire, ta thue hién cac bude:

— Quy ddng mau thiic;
— Cong, trir cac phan thitc ¢6 cung mau thitc vira tim duge.

B. BAITAP MAU
Bai 1. Thye hién cac phép cong, trir phan thire sau:
a’+b* a?-b? a? 9
a) + !

: b) -
ab ab a-3 a-3
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Gidi

a’+b’ +a2—b2 _a'+b'+a’-b* 22" 2a

a) =—;
ab ab ab ab b
2 2 -
b) a9 _a 9:(a+3)(a 3):a+3.
a—3 a=3 a=3 a=3
Bai 2. Quy dong mau thite ctia cac cip phan thike sau:
2) —— vi ——, S .
Xy 2Xy XFDS J=X
c) 2X va ! 3 d) 21 — va - .
x’—-9  2x+6 -y  (x+y)
Gidi
a) Ta cé X’y =xy. xva 2xy’ =xy . 2y nén mau thiic chung la xy . x . 2y =2x%~
3 . 32y 4£0%., TR O W X
xy x'y.2y 2x%’° xy' 2xytx 2%yt
b) Mau thire chung 1a (x + 5)(5 —x)= (5 +x)(5 - X).
. d=x _ X T xbEx
X4+5 O+X)B=%)" 5-% GB-X)(5+x)

¢) TacOxX2—9=x+3)E-3)va2x+6=2(x+3)
nén mau thite chung 1a 2(x + 3)(x — 3).
x ¥ 2x _ 1 x-3
x*—9 2x+3)(x—3)° 2X+6 2x+3H(x-3)
D Tacox —y'=x-y)Ix+y)va(x+y) = (x+y)x+y) nénmau thirc chung
la (x —y)x+y).
1 1 X+y _ 2 2x-y)

X'y x-NEEY) G-y &Y Gy
Bai 3. Thue hién cac phép ¢ong, trir phan thire sau:

3a+1 3a-1 b—-a a a+2 b-2
a) — : b) + : ) — - e

4b 6b a a+b a“+ab ab+b

Gidi

2) 3a+1 3a-1_3(3a+l) 2(3a-1) Y9a+3-6a+2 3a+5

4b  6b 12b 12b 12b 12b °
b) b—a+ a (b-a)a+b)+a.a b'-a’+a’ b

a a+b a(a+b) a(a+b) ala+b)’

21



b-2  ba+2) a(b-2)

atrd b=2 _ at2
a’+ab ab+b’ a(a+b) b(a+b) ab(a+b) ab(a +b)
_ab+2b—ab+2a _2(a+b) 2
ab(a+b) ab(a+b) ab
C. BAITAP
1. Thure hién cac phép cong, trir phan thire sau:
5 a—3b_5a+b; b) 7a—b b ?a’
a+b a+b 2a’ 2a
2 2 _
0 a e b " d)a+3_ 3a+a 1.
(a—b)* (b—a) a—2 a-2 2-a
2. Quy dong mau thite clia cac phan thire sau:
I ) va Y
2l 2x+1 Xy+X Xy—X
Xy . AE 1o 2x 2%
c) va 4 d) : e
2x+2y  (X+Yy) x—1" x+1 X" —1
3. Thue hién cac phép cong, trir phan thure sau:
) X X ; b)3—X 5_X ¢ y—1_3x—1;
X+2 %2 2y 3y’ oy Ix
1-x 1 X—2 2% 1=y  2y*=1
) ——+—3. e) zy_y — g)—y R —.
X Xy Xy 3xy  OXxy
4. Thue hién cac phép cong, trir phan thire sau:
" b +a2—3ab_ by Sennn
a—b faspi’ REYR LSS
2a 4 a+1 |
c + 5 d - :
)az—4a+4 2—4a )a3—1 a’+a+1
5. Tinh:
_ 2 2
) X_QX y X+4y; b) ¥ X X4+Y
4 12 X ¥y Xy
4 3 12 X+y 4x X%
- 2 , d) 2 5l 7 g0 :
X4+2 %X-2 XxX"-4 X=Xy X'-y X+Xxy
6. Tinh:
a) i+L+L; b) b b g8
ab ac be ab be ac
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7. Tinh gia tr1 cua biéu thite:

> - . zlzbztaia=0,12véb=—0,ll;
a+b a-b a‘-b

a’+2a 1

a) P=

b = — tar a=1,25.
) Q a’—1 a’+a+1

. 6 Xuén di bd quing dwrong dai 3 km véi toe d6 trung binh x (kmvh). Sau do,
cb di tiép quing duong dai 2 km véi tée d6 trung binh x — 1 (kmv/h). Tinh téng
thoi gian ma ¢6 Xuan da di bo theo x.

. M6t d6i cong nhan cén stra x (m) duong. Dy kién ddi stka duoce trung binh v (m)
duong mdi ngay. Tuy nhién, do thoi tiét khéng thuin loi nén déi chi sita duoge
trung binh z (m) dudng mdi ngay (z < y). D an hoan thanh mudn hon bao lau
so véi ké hoach ban dau?

Bai 7. NHAN, CHIA PHAN THUC

A.KIEN THUC CAN NHG

» Mudn nhan hai phén thire, ta nhan cac tir thite véi nhau, cac mau thire
voi nhau.
AlciAg

BD BD
« Mubn chia phan thic % cho phan thire % (C khac da tharc khong),
ta rikan Blon i % vl phén e =

w | =
Qlo

3
D

B. BAITAP MAU

Bai 1. Thue hién cac phép nhéan phan thire sau:

2a® 15b° a—b 3b al—4a+4 a-1

a 7 7> b) ’ 7> ¢ 2 e '

5b* —12a 6ab ab-—a a*—2a+1 a*-4
Gidi

2a® 15b? 2a’.15b? 2 15.a% b a

5b? —12a’ Sb’.(-12a)) S5.(-12)b'.a’ 2

a)

2

23



b a-b 3b _ (@-b3b _ 3@-bb _ 3@-bb 1
6ab ab—a’ 6ab(ab-a’) 6.a.b.a.(b-a) 6.a°.b.(a-b) 2a’
y a'—4a+4 a-1 :(a—2)2_ |
a’-2a+1 a’-4 (a-1 (a+2)a-2)
. @-2'.@-n _ a—2
C(@-1'.a+2).a-2) (a-1D@+2)
Bai 2. Thue hién cac phép chia phan thire sau:
¥ 3x 9X2’ b) (Xz_yz):5x+5y;
4y 2y

¢) e (x? —9y").
X

Gidi
3x 9%’ _3x 2y' 3x.2y'_32xy _y.

)4_y 2y7 4y OxXF 4y9x’ 49x .y 6x

5x+5 X+ yIX— X —
b) (Xz—yz):iy (x —y) Xy _E+y)E-yxy _ xy( Y);
5X+5y 5(X+y) 5
Xk s 1 x+3 1
¢) y:(Xz_gyz): Z. 2 5 - = .
x X -9y  x(x+3y)(x-3y) x(x-3y)
Bai 3. Tinh:
) X2+2 _[x+2+x—2]; o e 2%y \.(2=Y ¥
X4 KX 2 x+y ) x+y x
Gidi
— 2 _ny2 7 5 o)
a) Ta ¢o: X+2 x-2 (X+2)+(X-2) X +4x+44x —4x+4
Xx=2 x+2  (x-Dx+2) (x—2)(x+2)
2+
x-D(x+2)
— 2
Tirdo, x2+2 _[x+2+x 2}2 )<2+2_ X +4) 2 |
XH4 \x-2 x+2) X +4 (=2)(x+2) %2
b) Ta co: X+ y— Ixy :(X+Y)2—2XY:X2+2Xy+y2_2Xy:Xz+yz.

X+y X+y X+y B
X—y ¥ _Z-yX+yE4Y) X -xy+yx+y X +y
x+y X xX+y)x x+y)x X(X+y)
2_xyj [X v, y] x*+y % +y?

X+y ) {X+y X X+y X(X+y)

T do, [x+y—

Xy x(x+y)

X+y x'+y
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C. BAITAP
1. Thure hién cac phép nhan phan thite sau:

3 2b 2a 6 a’ 5 18 a’
— —, —— c) —-—; d) ——.
) b) 3 4b )15 a )a3 30a
2. Thll’C ]ruen cac phép nhan phan thire sau:
2 p—
. 5x 6y2, b) 3X2-(—7y); 6) 128y~ 1 - o =% 6x 10y3.
4y S, 21y 18xy 5y —8x
3. Tinh:
x*-2 : %' =9y
a)J.L; b) Ey. b ;
y X 3xy X+3y
r 1-x* x*+4xy+4y* Q) ogh gy
2x+4y 3-3x X+y X 4Axy+y:
4. Thure hién cac phep chia phan thire sau:
— 2 —
5X 10X e Lz: 143y; d)B—X:(6X2y2).
9 8 dy O 2y
-.Tmh.
o 2
X 25X:5_X; b)X l_xtl;
y" [ 2% J
Sx—10 -
¢) (x* —2xy): i y d) e X:(XZery);
2 2
e) (16 —x%) : (¢ — 4%); 2) i

P4 2xy eyt Oxt L Oxy

6. Nam ngodi, trén dién tich a (ha) ndng trai thu hoach dirge m (tin) khoai lang.
Néam nay so voi nam ngoai, néng trai giam 3 ha dién tich trong khoai lang,
nhung nhé cai tién ki thuat, san hrong khoai lang ting thém 4 tan.
a) Nang suat khoai lang ctia néng trai nim nay gap bao nhitu lan so véi
nam ngoai? (Tra 161 dudi dang mét phan thite.)
b) Tinh gia tr1 ctia phan thie tim duge & caua) voia= 13 vam= 156.

7. Thu gon céac biédu thite sau:

16—a’ a—4 a+4 a’—ab+b* a+b a+b
a) — : ’ > b) 2 F e 3 )
a*+8a+16 2a+4 a+2 b*—-a a’+b’ a-b
3 2
c)( 2a a j_a 4; a [_z_ij ab |
a—2 a+2 a a* ab/ a-b
8. Tinh:
2 2 3 2
a) l+ 2 g T : b) (—H] [1 2 zj.
y X-V¥ X+y X+1 l=x
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BAI TAP CUOI CHUONG 1

A.CAU HOITRAC NGHIEM
1. Béc cua don thire 2x%y(2y*)* 1a

A2, B.5. . & B 7.
2. Két qua ctia phép nhéan (4x — y)(y + 4x) 1a
A. 16X -y, B.y’-16x C. 4% -y D. 16x* — 8xy + V.
3. Thure hién phép nhéan (a® — 2a + 4)(a + 2), ta nhan duoc
A.a’-8 B.a’+8. C. (a—2)" D.(a+2).
4. Phan tich da thire 16x* — y* thanh nhén ti, ta nhan dugc
A (X -y +Y). B.X'(2 —y)2 + y)4x +y?).
C. (y* + 4x)(y* — 4x). D. (4x—y)(dx+ y).
5. Phén tich da thite X*(x + 1) — x(x + 1) thanh nhén ti, ta nhin dugc
A X B.x(x+ 1). C.x(x-Dx+1) D.xx+1)>~
6. Phan tich da thic 5x — 5y + ax —ay thanh nhéan ti, ta nhan duoge
A S+ax-y). B.6—a)(x+y).
C.(5+ta)(x+y). D. 5(x—y +a).
. . . a(7-b) 9
7. Rut gon phan thite —————, ta nhén dugc
b(b* —49)
TRl g A g P
T b(b-T7) " bbb+ Bbobri), " b(7-b)
2 L2
8. Két qui cita phep triy 2+ 220 _63b=4b 4,
a—2b a—2b " b i
A.at+2b.  B.a-2b. C.2. g B e
; 2b 2a a-12b
9. Két qua cia phep trix - 1
R a’+ab b*+ab ¢
2, 1.2 B B
A 2@t g 2@ +b) o 2@-b) ) 2boa)
ab ab ab ab
2 2
10. Két qua ctia phép chia e 5w K
oxy 3y
8 2¥ g EY o 28 p P
2x 18x X 18xy

26



B. BAIl TAP TU LUAN
11. Thu gon céac da thiic sau:
a) ab(3a — 2b) —ab(3b — 2a); b) (a —4b)(a + 2b) + a(a + 2b).

12. Thu gon cac biéu thiic sau:
a)(a—da+4H+Q2a—1y7% b) (3a — b)* — (a—2b)(2b —a).

13. Thue hién cac phép nhan sau:
alE I Fy—1) b)E+y-HE-y+4).

14. Phan tich cac da thue sau thanh nhan ti:

a) 3(a—b) +2(a— by, b)(a+2)’ —(4-a?;
¢) a® —2ab —4a+8b; d)9a’—4b* + 4b -1,
e) a’b' —8la*; g)a’—1.

15 Tinh:

a) [a+1+1_2a2]:[1— ! ]; b) [%_1]:[1+1];
a—1 I-a b a b a

c) [a— 4ali)+bj.{a+ wl —b]; d) ab+ abb[aer—a—b].

a+ a—b a+bla-Db
16.0 hinh bén, d6 dai cac canh AB, A H

BC va GH da duge cho theo a va b; A ?221 i

hai canh CD va EF bang nhau; ba canh v F

AH, GF va ED bing nhau. St g ] 5

i E

a) Tim do dai cac canh AH, GF, ED. ; |
b) Tim d6 dai cac canh CD, EF. "Bl _______________ — >,
¢) Tinh chu vi ctia hinh bén. —_—

17. Lc dau nguoi ta dy kién thiét ké mdt chiée hop hinh 14p phwong véi d dai
mdi canh 14 x (em) (x > 3). Sau d6 nguoi ta dicu chinh ting chidu dai 3 em,
giam chidu réng 3 em va giit nguyén chidu cao. Sau khi diéu chinh, thé tich ctia
hdp giam bao nhidu, dién tich toan phan ctia hdp giam bao nhitu so voi dukién
ban dau? Ap dung véix =15 cm.
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L0 GIAI - HUONG DAN - DAP SO
Bai 1. PON THUC VA BA THUC NHIEU BIEN
1. Céac don thite: —2x%yz; %2 - XyZXyZ, V2 X%,

3. Nhom 1: 2x%y; —10yx*. Nhom 2: %xy2 0,25y*x. Nhom 3: x’yz; —% zx’y.

th

. Céc da thite gbm: a’ — 2a* + 1; %ah; 2ab+ 2 be — %ac;xzr.

6. a) —4a’b’ bicla 5; b) —g a’b’c, bacla6; ¢) 0,1a’b'c?, blc1a 9.
7.2) 5x—4y—1,bacla1; b) X’y —xv?, bac la 3,

¢) %xzyz £ %xyzz, bac 1a 4; d) 3x’y — 3x’y*, bacla 4.
8. a) Pa thitc thu gon: 5a + ab. Pap s6: %

b) Pa thite thu gon: 10a’b —b. Pap s6: 195.
9. S, = dab; S,= 2ab; S.= 6ab; Tong dién tich: S = 12ab.

Bai 2. CAC PHEP TOAN V&1 BA THUC NHIEU BIEN

1.a) 12x— 3xy; b)x-2y-3;
)Xy -V; d) 6x°y + 2xy° - 5y°.
2.a)a+9b; b) 7a —2b.
3.4) 15ab'c: b) 3a’b".
4. a) X* + xy — 6y*; b) Txy — 10x*—vy%;
¢) 12xy* — 4x%y — 5y, d)x -2%y+ v,
5. a) 4y% b) —% xXy’z, c) 40%°.
6. a) 2x — 3y, b) %xy—2;
¢) 2xy*+ g; d) -2x%y + 3y%.
7. a) 3a* - b b) 6a’ — 5a’b + 2b%,
¢) b*+3a—-2; d) 3ab* — a’b’.
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a) Pa thire thu gon: x + . Pap sb: 4.
b) Pa thite thu gon: x>+ v%. Pap sb: 0,34
¢) Pa thire thu gon: xy + 2,5x%. Dap s6: 40.
a)A=3(a+b)—42a-b)=3a+3b—-8a+4b=-5a+ 7b;
b) B =2(a+b)(2a—b)=2(2a* —ab+ 2ab—b?)

= 2(2a*+ ab—b?* =4a’ + 2ab - 2b%.

10.a) V =(a — 2x)(b — 2x)x = abx — 2ax’ — 2bx* + 4x° (cm’);

b) S=(a—2x)(b —2x%) + 2(b—2x)x + 2(a — 2xX)x = ab — 4% (c1r).

Bai 3. HANG DPANG THUC DANG NHG

1.

th

a) 16x* — 40x + 25; b) 9%* + 2xy + %yz,
)X —0,6x+0,09; d(x—10yY’=x+10y)=x*+20xy + 100y

e) a® — 6a’ + 9a?; gla Fa' ia“.
a) 1 — 16x%;
b) (-2x - 5y)(2x — 5y) = —(2x + 5y)(2x - 5y) = (2%’ - (5y)']
= —(4x* — 25y%) = 25y — 4x%;
Q)X —9%%
DA +x+00 +x—) =1+ =) =1+ 2%k tx ~%x"
a) 50,57 — 50,4° = (50,5 + 50,4)(50,5 — 50,4) = 100,9 . 0,1 = 10,09:
b) 202 . 198 = (200 + 2)(200 — 2) = 200 — 2% = 40000 — 4 = 39 996,
) 10,22 =(10+ 027 =10°+2 .10, 0,2 +0,2%= 100+ 4+ 0,04 = 104,04,
d)101°=202 .71+ 71*=101?—-2.101 . 71 + 71*= (101 — 71)* =30? = 900.
a) Thu gon biéu thire, ta duge P=100(1 — x).
Va1 x=0,87, ta dugc P=100. 0,13 =13.

b) Thu gon bicu thite, ta duoe Q = 4(a + b)™

Véi a=65vab=35, ta duge Q= 4(65 + 35)* = 40000.
¢) Thu gon biéu thire, ta dirge R = (x— 1)°.

Va1 x= 101, ta duge P=1000000.
a) 20x* — (5x — H(4 + 5x) = 20x* — (5x — H(5x + 4)

=20x* — (25%* — 16) =—5x* + 16,
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b) (x—y) —x(x+2y) =X~ 2y +y’ — X — 2xy =y — 4xy,
¢) 18x* + 54;
d)y=x+ 27,

6. A)A= l(2a+b)(2a—b) - l(4212—b2)=2az—lb2;

b)B = (2a + b)Y+ (2a—b)= 4a + 4ab + b* + 4a’ — 4ab + b* =8a’* + 2b%
¢)C=(a+bl—(2a—b)i=(a+b+2a—-b)2a+b—2a+b)=4a.2b=_8ab.
7. a) 3377+ 1637 = (337 + 163)(337* — 337 . 163 + 163%)
=500 . (337° — 337 . 163 + 163?) chia hét cho 500
(do 337 — 337 . 163 + 163% 14 mdt s6 nguyén).
Vay 337° + 163’ chia hét cho 500.
b) 234° — 1237 = (234 — 123)(234% + 234 . 123 + 123%)
=111 .(234%+ 234 . 123 + 1239).

Ta ¢6 111 chia hét cho 3 (do ¢6 tdng céc chitsd 1 + 1 + 1 =3 chia hét cho 3) va
234% + 234 . 123 + 123 1a mét s6 nguyén.

Viy 2347 — 123° chia hét cho 3.

8. a)(2n+1)’—-(2n—1=@2n+1+2n—-1)2n+1-2n+1)=4n.2=8n
8n chia hét cho 8 nén (2n+ 1 — (2n— 1)? chia hét cho 8.
b)(8n+4Y—(2n+1)*=(@n+4+2n+ 1)(8n+4—2n—1)

— (10n + 5)(6n + 3) = 15(2n + 1)2.
15(2n+ 1)* chia hét cho 15 nén (8n + 4)* — (2n + 1)* chia hét cho 15.
9. a) 2b; b) 4a; ¢) 0,4x va 4xy; d) —3xy.
10.2) (2 + 4y + 2y)(x — 2y) = (P + 4y (x* — 4y%) = x* — 16y*;
b) (x— D+ D+ DE+ 1) = - D + D'+ 1)
== D+ D=2=1.
11.a) (a+ b)Y’ — (a—b)*=a’*+ 2ab+ b’ — (2% — 2ab + b’) = 4ab;
b)a’+b'=(a+b)a’—ab+ b’
= (a+ b)(a*— 2ab + b’ + ab)
=(a+b)[(a—b)’ +ab];
0)2a-b)a+b)+(@+bl+(@—bP=(@+bp+ 2(a—b)(a+b)+ (a—b)2
=(a+b+a—-b)Y=Qa) =
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d)@+b+cl=[@+b)+c]*=(+Db)i+2@a+b)y+c
=a’ + 2ab+ b’ + 2ac + 2bc + ¢?
=a? +b*+ ¢?+ 2ab + 2ac + 2bc.

Bai 4. PHAN TICH DA THUC THANH NHAN TU

1.

th

a) 3x(x + 2y), b) (y —3)x+ 5);

¢) 2x(x —3); d) xy’(X +y);

e) xy(1 -2z +x); g) yx+y).

a) (10 +x)(10 —x); b) 2x+ y)(2x-y);

0 [x%y][m%y]; d) (x—Z)(x—2y + 2);
e) (3x+ 1)(x+ 1); g) (X + Hx+ 2)(x-2).
a) (a+6)" b) —(a-3)%

¢) 2a® + 8b* — 8ab = 2(a’ — 4ab + 4b%) = 2(a — 2b)*;

d) 16a* +8ab* + b*=(4a)* + 2 . 4a . b* + (b®)* = (da + b%)*

a)x —1000=x"—-10°= (x — 10)(x* + 10x + 100);

b) 8%’ + (X~ ) =(2%)’ + (x~y)’
=(2x+x-y2%)’ - Xz~ +&E-y)]
= (3x—y)4x* —2x* + 2xy + X* - 2xy + )
=Bx~y)(3x"+5).

-1y -27T=-1V-3F=x-1-3)[E-1P*+x-1).3+3
=x-DHX-2x+1+3x-3+9)
~ -+ x+ T

X+ = (0 + () =+ Y)Y+ ¥,

- X+ XX -Y) -y =X-y+ 2X(X-y) =(x-y)l +2x);

b) X'+ xy-3x - 3y=x(x+y) -3x+y)=x+y)x-3);
OXy—5y+4x-20=yxX-5)+4x-5) =-S5y +4),

d) 5xy —25%* + 50x — 10y = 5x(y — 5%X) — 10(y — 5%) = 5(y — 5x)(x — 2).
a) P=(a—4)7 +b).

Voia=17vab=3,taco P=(17-4)7+3)=13.10=130.
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b) Q=a(a + 2b) — 5(a+ 2b) = (a + 2b)(a—5).
Voia=1,2vab=44 taco:
Q=(12+2.44)(12-5=(12+88)(-3.8)=10. (-3,8~-38

7. a)4a’ —4b* —a-b=4(@*-b) - (a+b)=4@+Db)a-b)—(a+b)

=(a+b)da—4b-1);
b) 92 — 4b* + 4b — 1 = 9a® — (4 —4b + 1) = (3a)* — (2b — 1Y’
=Ba+2b-1)3a—2b+1);
) 4%~y + 4y —xy? = (X + 4Xy) + (Y —xy) = X+ y) - YT+ )
=X+ )4 -y) =&+ y)2x+y)(2x-y);

d)a’ —b*+ 4ab + 4a’ + 4b* = (@’ — b’) + (4a® + 4ab + 4b%)
=(a—b)@a’+ab+b*) + 4(a*+ab+ b
=(@’+ab+b)a-b+4)

8. a) 4%’ — 36x = 4x(xX* — 9) = 4x(x* — 3%) = 4x(x + 3)(x - 3);

b) dxy’ — 4x’y —y' = —y(4x’ - dxy + y') = —y(2x - y)’;

X —64=x)-8=E +8)x -8)=(x+2)(x’-2%)
=x+2DE -2+ HER-DE+2x +4)
=x+2)xE-2)E -2x+ HX +2x +4).

Bai 5. PHAN THUC PAI SO
1. a) Diéu kién xéc dinh: x>+ 2x £ 0 hay x # 0 va x £ 2.

b) Gia tri ctia P khéng xac dinh tai x=0. Véix=—1,P=-2.
2. 2) Q=3 b) Gi tri ctia Q khéng xac dinh.
5 5 (Sa‘:)2 _ 3ab.212 _ 2b2 :
9a’b 3ab.3a” 3a
2y—-2x =2Ax—-y) -2 _ 2 .
®-y) -y x-y y-x’

a’+ab _ a(a+b) a _al2b _2ab

Y =1 = = s
) 2b? +2ab 2b(b+a) 2b  2b2b  4b’
2
4. a)—ﬁ; b) a—z; G E ) —
2¢ 2b 2b 3a—1)
5. 2) 3X+3y:x+y; b) 3x— 6y _ 3(x-2y) :_l;
O6xy 2xy 12y—6x —6(x-2Y) 2
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6x’—18xy 6x(x—3y) x-3y.
12x*—6xy 6x(2x-y) 2X-y’

¢)

p X +3x'y _ x'(x+3y) _x+3y
X*y+3%° %(y+3x) y+3x
i 53§—Xy: y6-x) _ ¥y ,
X =25 (x+5)(x-5) X+5
9+6x+x’  (3+x)" x+3
3x+9  3(x+3) 3 °
o 2X3¥+21(y3: xy(x'+y')  _ 2xy ;
xX'-y' &4y -y X -y
d) 2-4x :2(1—2)():_ 2
A —4x+1  (Ox-1¥ Ix—)
X2 %2 _ 1 _
X -8 (X=X +2x+4) x*+2x+4°
Xy -xYy' _ ¥y -y) _ Yy E+y)E-y)
'Ky Xy Xy

e)

= LY.

Bai 6. CONG, TRU PHANTHUC

1.
2.

a+b
) a—b’
a) Mau thire chung la (2x + 1)(2x — 1).
3 3x(2x+1) 3 3(2x-D)
2x—-1 (@2x+D2x-1)" 2%+1  (2x+DEx—-1)’

b)Tacoxy+x=x(y+ 1) vaxy —-x=x(y—1),

2) —4: b) = o) I
a

nén mau thirc chung 1a x(y + 1)(y — 1).

1 .. ¥1 y __ v+l

xy+x  x(y+D(y-1)’ xy—x  x(y+D(y-1

¢)Tacd2x+ 2y=2(x+y) va(x+y)’ = (x+ y)(xX + y) nén mau thiic chung 1a
2(x+ y).

Xy _ xy(x+y) _xyx+y). X-y _ 2x-y)
2x+2y 2X+VIE+Y) 2x+y) x+y)? 2x+y)?
d) Tacodx*—1=(x+ 1)(x—-1). Do d6, mau thitc chung 1a (x+ 1)(x — 1).
1 X+l 2x _ 2x(x-1) . 1-2%_  1-2%

x—1 x+DE-1) x+1 x+DE-1" -1 x+DE-1)
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th

34

—4x 19x —=3x |
Do B 9l D
X —4 oy 15xy X
e)X—Zy_y—Zx _x-2yx -2y X -2xy-yi42xy X -y
Xy X’y Xy’ x X'y.y X’y Xy

o) [y . 2y’ -1 (l—yz).Zy+ 2y’ -1 2y-2y'+2y' -1 2y-1
3xy  6xy’ 3xy.2y 6xy” 6xy” 6xy’
b a’-3ab_ ba+b) . a’—3ab  ab+b’+a’—3ab

‘a)a—bJr a’—b’ (a+b)a—-b) (a+bla—b)  (a+b)a—b)
_a’-2ab+b*  (a-b* a-b
“(a+b)a—b) (a+b)a—b) a+b’
b) a+3 1 a+3 i _ a(@+3)  (a-1
a’-1 a*+a (a+Da-DoalatDala+Da—1) ala+a-1)
_a'+2a+l @+ a+l
Cala+la-1) ala+l(a-1) ala—1)"

2a 4 2a 4 2a 4(a—2)
c) 7 _ Tain B B R mER
a“—4a+4 2-a (a-2)y a-2 (@a-2)y (a-2)
~2a-4a+8 8-2a
(- —E@=2"

d at+l 1 = a+1 B 1 ~atl=@=1) 2
“a’~1 a‘+a+l (a=D@’+a+l) a’+a+l (@-D@*+a+l) a’-1
Q) Y b -2,

12 '

. 4 3 i 127 T x—-2) 73X 82+ 127 x—2 1
x+2 BE0f &f =4 (x+2(x-2) x+2)xi) =x+2°
X+y 4x X—y X+y 4x X—-y

d) - 3 =

CxXtxy xX(x-y) @+PE-Y) XX+Y)
_ Gy -4 -x-y' _ A4

X'—xy X'—y

) X(X+y)Nx-Y) X+y
2 a-+ +c; B)0.
abc
a) Didu kién xéc dinh: 8 —b*# 0.
Rut gon phan thire da cho, ta duge: P= ! lb ;
a+
Véia=0,12 vab=-0,11, tacd a*— b # 0 (diéu kién xéc dinh duoc thod méin) va

11 . =1100.

0,12+(-0,11) 0,01




b) Piéu kién xac dinh: a’— 1 # 0.
Rut gon phan thire da cho, ta duge: Q = L

a—1
Vdia=125tacoa’— 140 (diéu kién xac dinh dugc thoa man) va
1 1
Q= 125-1 0,25
8. 24 2 - %73 (g
x x-1 x(x-1)
X X —XZ "
z'y yz
Bai 7. NHAN, CHIA PHAN THUC
6b a a 3
L a) _—; b= g d) —.
) 25a ) b ) 3 ) 5a
3 x* 2 3
2.9) et 0) — )
X Yy 3y 2x
3. a) (x-2y)y;

b) X9y xy  (x43y)x-3y) xy _x-3y
3xy’?  x+3y 3Xy.y X+3y 3y

2

I-x" x+dxy+dy’  A+x)0-% &x+2y)°  1+x)E+2y)

¢
2x+4y 3—3% 2(x+2y) 3(1—x) 6
n X-y x-y  xpxiixyry) EnE-y
x4yl X AxyLy X+y xi sy
2
y. 1
4. a) —; b gt c)——> d ,
)4xy ) ) 0y 4xy’
aX—SX 5x x(x-— 5) 2y x-5,
4y 2y 2y.2y 5% 10y

X' -1 x+1 (x+Dx-1) v
y v y %41
5x—10 x*
Y o xx-2y)———— =2
5(x 2y) s

x?—x x(x—1 1 x—1
=D 1 x- L
X-y X-y XEx+y) X'-y

th

b) =x-Dy;,

¢) (x'-2xy):

d)

2

=(x-y).
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) (16 —x) : (X2 —4x) = (4+x)(4-x) :_X+4_

2

xX(x—4) %
4y’ -x' | x-2y _Qy+x)Q2y-x) 2x(x+y) _ 2x2y+x)
X4+ 2xy+y 2xP+2xy (x+Y)* S0y X+y
g o Mg o m+4
6. a) Nang suat ndm ngoai: P= — (tan‘ha). Nang suat nam nay: P’= = (tan‘ha).
a —

TaCO,:E:m‘i‘él:E:M.
P a-3 a m(a-3)

§redta=1,m =156 ek s o0t D), T84
P 156.03-3) 1312 3

16—a’ ,a-4 a+d (d+a)4-a) 2@+2) a+d
a’+8a+16 2a+4 a+2 (a+4)° a—4 a2

2

a’—ab+b’ a+b a+b  a’-ab+b’ a+b a—b

b) 7 2 B it o T T N
b*—a a’+b’ a-b (a+b)a-b) (a+b)a“—ab+b") a+b

=1
_(awbit

o)[ 2a a j_az—él_ 2a. (a+2)a-2) a (a+2)(a-2)
s a2 a a+2 a
=2(at+2)-(a-2)=a+6;
d)[i_i] ab’ b-a ab® b

27 bbha=t i ach o

2 ol B .
i a)[l 2 }[X_x +y}zx y+2y x(x+y)-x' -y

—F
y X-y X+y y(x—y) Xpy
__Xty yX-y)_.
y(x-y) x+y
2 o2 .l Al
b)[ X +1J:{1_ 3X2j:x+x+1:1 X 23X :2x+1:1 4X2
x+1 1-x x+1 1-x x+1 1-x

o 2x+1 (I+xd-x)  x-1
x+1 (1+2x)1-2%) 2x-1
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BAITAP CUGI CHUONG 1
CAU HOI TRAC NGHIEM

1.D 2.A 3. B 4.D e G
6. A Tl 8. B 9.D 10. A
BAITAPTU LUAN
11. a) 5a’b — 5ab?; b) 2a’ — 8b%.
12.a) 5a°—4a—15; b) 10a? — 10ab + 5b%
Ba)yx*+2xy+y*-1; b) x> —y*+ 8y —16.
4.a) (a—b)(3+2a—2b); b) 2a(a + 2);
c) (a—2b)a—4); d)(3a+2b-1)3a-2b+1);
e) a’(b+ 3)(b-3)(b* +9), g)at )a— 1)@’ —a+ 1)@ +a+tl)
2 a—b ab
15 a) —a; b) = : ¢) a’—b% d) —
16.2) AH=GF=ED = B—f =33+ 4b;
b) CD = EF= % —0a b

¢) Chu vi ctia hinh la P=30a + 34b.
17. Theo du kién, thé tich va dién tich toan phan ctia hop 1an luot 14
V=x (cm?); S = 6% (cm?).
Sau khi diéu chinh, thé tich va dién tich toan phan ctia hdp 1an luot 14
V'=x+3)x—-3x=xx-9) (cm’);
S’ =2(x+3)x—3) + Wx(x+3) + 2x(x ~ 3)= 6(x*~3) (cm?).
Tir d6, V' = V=-9x (cm’) va §' — S=-18 (cm?).
Véix=15V' - V=-135cm’, ' — S=—18 cm’.



Phan HINH HOC VA DO LUONG
HINH HOC TRUC QUAN
TR cAc HINH KHOI TRONG THUC TIEN

> -
- - - N - - - - Y
~ -
al
L ]

A. KIEN THUC CAN NHG

1. Hinh chép tam giac déu
Hinh S.ABC (Hinh 1) 13 mét Aink chép
tam gide déu. Trong hinh nay:
— S goi 1 dinh.
— Mit ABC 1a mot tam gidc déu va
duoc goi 1 mar day (201 tatla diy).
— Céc doan thing SA, SB, SC bing
nhau va dugce goi la cac canh bén.
—Bamit SAB, SBC, SCA 14 cac tam
gifc can dinh S béng nhau va duoc
goi la ba mat bén. Hinh 1
— Céc doan thing AB, BC, CA dudc goi 1a canh diy.
—Goi O la trong tam cua mat day, khi do SO goi la diwong cao, d6 dai SO
g0i 14 chibu cao.

2. Hinh chép ti¥ gidc déu
Hinh S ABCD (Hinh 2) 1 mt /sink chép
tir gide deu. Trong hinh nay:
— S goi la dinh.
— Mat ABCD la mét hinh vudng va
duge goi 1a mar day (goi tatla day).
— Cac doan thing SA, SB, SC, SD
beng nhau va duge goi 4 cée canh bén.

—Bbnmiat SAB, SBC, SCD, SDAla " B oy
cac tam giac can dinh S bang nhau va Hinh 2

duge goi 14 bdn mdt bén.

— Cac doan thing AB, BC, CD, DA dwoc goi 1a canh diy.

—Goi Ola giao diém hai duong chéo ctia mat day, khi do SO 1a duong cao,
d6 dai SO 14 chiéu cao.
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B. BAITAP MAU

Bai 1. Cho hinh c¢hép tam gise déu I.ABC (Hinh 3).
Hiy cho biét tén cac mit bén, mit day, duodng cao;
d6 dai canh day va s& do mdi goc trong tam giac day
ctia hinh chop.

Gidi
Mat bén: IAB, IBC, ICA.
Mit day: ABC.
Puong cao: 10.
D4 dai canh dayla 15 cm.
Mit day ABC cé: ABC = BCA = CAB =60°. s

Bai 2. Cho hinh chép ti gide déu S.MNPQ ¢6 SM =5 ¢cm, MN = 3 ¢m. Tim d6 dai
cac canh con lai cta hinh chop do.

Gidi
D0 dai cac canh bén con lai: SN=SP=SQ =5 cm.
Do dai cac canh day con lai: NP=PQ=MQ =3 cm.

Bai 3. Tao lap hinh chop tam giac déu cé do dai canh day la 5 cm, do dai canh bén
la7 cm.
Gidi
Trén mot tam bia, v& mot hinh tam giac déu ¢6 dd dai canh 1a 5 cm va ba
tam giac ¢an ¢6 do dai hai canh bénla 7 cm, canh day la 5 ecm (Hinh 4a).

Cit tam bia nhw hinh v&, 16i gép theo cac canh tam giac déu ta dwoc hinh choép
tam giac deu nhw yeu cau dé bai (Hinh 4b).

b)
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C. BAITAP

1. Hay cho biét tén cac mit bén, mat day, duong cao va do dai canh bén, canh day
ctia mdi hinh chép tam giac déu & Hinh 5.

Hinh §

2. Hay cho biét tén cac mit bén, mat day, duong cao va do dai canh bén, canh day
ctia moi hinh chép tit giac deu & Hinh 6.

Hinh 6

3. Cho hinh chép ti gide déu S.CDEF ¢6 SD =5 cm, EF =3 em. Tim d6 dai cac
canh con lai ctia hinh chop do.

4. Cho hinh chop tam giac déu J. MNP ¢6 JM =8.2 cm, MN = 3.5 cm. Tim do dai
cac canh con lai cta hinh chop do.

Tao lap hinh chop tam giac déu ¢ @6 dai canh day 4 cm, do dai canh bén 6 cm.

6. Tao lap hinh chop tir giac déu c6 a6 dai canh day 4 cm, chiéu cao ctlia mat bén
xuat phat tir dinh cia hinh chop fir giac déu bang 5 em.

th
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7. Trong cac hinh khai trién sau, hinh nao gip theo duong mau xanh thi duge mot
hinh chop tam giac déu hay mét hinh chop tir giac deéu.

a b c) d
Hinh 7

~ P - g > 3
-
Bai 2. DIEN TIGH XUNG QUANH VA THE TICH GUA
.
- - - T - - - -~ N

A.KIENTHUC CAN NHG

1. Dien tich xung quanh ctia hinh chép tam giac déu va hinh chop tir giac déu
Dién tich xung quanh clia hinh chép tam gide deu (hinh chép tit gidc déu)
bang tong dién tich cta cac mat bén.

Chut y: Dién tich toan _ph?m ctia hinh chép tam gide déu (hinh chop ti gic
deu) bang tong ctia dién tich xung quanh va dién tich day:

S s
(S, ladi€n tich toan phan, Sy, la dién hch xung quanh, S, la dién tich day).

2. Thé tich ciia hinh chop tam giac deu va hinh chop tir giac déu
Thé tich ctia hinh chép tam giae déu (hinh chép tir gide déu) bang
% dién tich day nhén voi chiéu cao,

= —1" : Sdéy
3

1a dién tich day va h 1a chidu cao).

.h

(V 1a thé tich, S,,

ay
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B. BAITAP MAU
Bai 1. Tinh dién tich xung quanh va dién tich toan phan ctia hinh chép tam giac déu
va hinh chop tir giac déu trong Hinh 1. (Lam tron két qua dén hang phan muoi.)

Hinh 1 b
Gidi
Dién tich xung quanh ctia hinh chép t giae déu (Hinh 1a) la:
S =4. Lol 1200 (cm?).

xq
Dién tich toan phan ctia hinh chép it giéde déu (Hinh 1a) 14
Sy =Sy, + Sge= 1200+ 20 . 20 = 1600 (cm’).
Dién tich xung quanh ctia hinh chép tam giac déu (Hinh 1b) 1a:
10 .10
qu =3, T =150 (sz).
Dién tich toan phéan ctia hinh c¢hép tam gide déu (Hinh 1b) 1a:

10.5V3

S, =Sy, + Sy =150+ ~193,3 (em?).

Bai 2. Tinh thé tich ctia hinh chép tam gide déu (Hinh 2a) biét KO = 12 m,
AB=20m,AH = 1043 m; hinh chop tir giac déu (Hinh 2b) biet BC =12 cm,
AO =9 c¢m. (Lam tron két qua dén hang phan tram.)

b)
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Gidi

Thé tich ctia hinh chép tam gidc déu (Hinh 2a) 14:

V= l Sip - 1= g : M . 12=692,82 (m’).
3 v 3 2
Thé tich ctia hinh chép ti giae déu (Hinh 2b) la:

Vzé. sdéy.hzé. 12,12 . 9= 432 (cm).

Bai 3. Na mudn lam 10 chiée 16ng dén hinh chdp tit giac déu ¢ canh day 30 cm,

th

chiéu cao ctia mat bén xuét phat tir dinh ctia 1ong dén bang 25 em. Héi Na cin
dung bao nhiéu mét vudng giay dé lam 10 chiée 1ong dén? Biét rang phan cac
mép dan va phan bd di mat khoang 10% tong dién tich toan phan ctia 10 chiée
long den.
Gidi
Dién tich toan phan etia 1 chiée 16ng dén la:
25. 30

S, =S, Sy =4. +30 . 30 = 2400 (cm?).
Dién tich giay Na can ding d& lam 10 chifc long dén 1a:

10 . 2400 + 10 . 2400 . 10% = 26 400 (cm?) = 2,64 (m?).

.BAITAP
. Tinh dién tich xung quanh ctia hinh chop tam gide déu ¢d canh day 10 cm va

chiéu cao clia mit bén xuét phat tir dinh ¢tia hinh chép tam giae déu bang 15 cm.

. Tinh dién tich toan phan cta hinh chép tir gide deu ¢é canh day 30 cm va

chiéu cao ctia mit bén xuat phat tir dinh ctia hinh chép tit giae déu bang 35 cm.

. Tinh thé tich ctia hinh chép tam gide déu cé chidu cao 34 cm va tam gide day cd

canh 16 c¢m, chitu cao 8 J3em, (Lam tron két qua dén hang phan muoi.)

. Tinh thé tich ctia hinh chép tit giae déu ¢d chiéu cao 24 em, tik gide day ¢é canh

15 cm.

. M6t chiée gau ¢é dang hinh chép tam giac déu va mot chiée binh ¢d dang

hinh léng try dirng tam giac c¢d ciing dién tich day. Nguoi ta d6 6 gau mude vao
binh va do dwoc muc mrde trong binh tang thém 1,2 m. Tinh chiéu cao cua
chiéc gau.
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6. Mot khdi gb gém mdt hinh chép ti gise déu va
mot hinh 1ap phwong ¢ chung day (Hinh 3). ’.
Tinh thé tich ctia khdi g8, biét chifu cao cta fesemrpeos)
hinh c¢hép t giae déu 14 50 em va canh cta
hinh 14p phuong 14 40 cm. (Lam tron két qua dén |
hang phan muoi.) /,'* -----

BAI TAP CUOI CHUONG 2

CAU HOITRAC NGHIEM
1. Hinh nio sau diy 14 hinh chép tam giac déu?
A. Hinh ¢¢6 day la tam giac.
B. Hinh ¢6 day 14 tam giac déu.
C. Hinh ¢6 day 14 tam gide déu va tat ¢ cac canh déu vudng goe voi mit day.
D. Hinh ¢6 day 14 tam gidc déu va tat ¢a cac canh bén bang nhau.
2. Hinh nao sau day 1 hinh chép ti gidc déu?
A. Hinh c6 day la tix giac.
B. Hinh c¢o day la hinh vuong.
C. Hinh ¢ day 14 hinh vudng va tit ¢i cic canh bén bang nhau.
D. Hinh ¢6 day 14 tam giac déu va cd mét cap canh bén vudng goe voi nhau.
3 Ch(o hinh chép tam giac déu ¢o canh day bé:ng 8 cm va chiéu cao ctia mat bén
xuat phat tir dinh ctia hinh chop tam giac déu bang 10 em. Dién tich xung quanh
cua hinh chop nay la
A. 80 e B. 120 cm?. C. 240 cm?. D. 320 cm?.
4. Cho hinh chép tam giae déu ¢é dién tich day bang 36 e’ va chidu cao bang 9 cm.
Thé tich ctia hinh chép nay la
A.Sdeny. B. 72 cm?. (0 108 e, D. 216 cn?.
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Cho hinh chép tir gide déu ¢o canh day bang 10 m va chiéu cao clia mit bén
xuat phat tir dinh ciia hinh chop fir giae déu bang 12 m. Dién tich toan phan cia
hinh chép nay 1a

h

A 200 m?, B. 340 cm?. C. 400 m?. D. 340 m?.
6. Cho hinh chdp tit giae déu ¢d canh day bang 5 m va chidu cao bang 8 m.

Thé tich ctia hinh chép nay la

A ﬂ;—om? B. 64 m?. C. 80 m?’. D. % m?,

BAITAPTU LUAN
7. Hoan thanh bang sau:

Hinh chép tam giac déu Hinh chép it gide déu

Pinh ? ?
Canh bén ; ?
Canh day ? ?
Mat bén ? ?
Mat day ? ?
Chiéu cao ? ?
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8. Trong c4c miéng bia sau, miéng bia nio gip duoc hinh chép tam gidc déu,
hinh chop it giae deu?

O O

d e g
Hinh i

9. Tinh dién tich xung quanh ctia hinh chép tam gide déu ¢ canh day 2,3 cm va

chidu cao ctia mit bén xuat phat tir dinh ctia hinh chép tam gide déu bang 2.5 cm.
10. Tinh dién tich toan phén ctia hinh chdp tit gide déu ¢ canh day 25 m va

chiéu cao ctia mit bén xuét phat tir dinh ctia hinh chép it gide déu bing 20 m.
1. M6t mai che giéng toi ¢ dang hinh chdp

tit giac déu (Hinh 2) canh day 2,5 m, chidu cao ctia

mit bén xuat phat tir dinh ctia hinh chép tit giae déu

bang 2,2 m.

a) Tinh dién tich xung quanh ctia mai che.
b) Chi phi cho méi mét vudéng mai che bang kinh l4
2 triéu dong. Hoi chi phi d hoan thanh mai che 1a
bao nhiéu? Hinh 2

12. M6t chiée gau ¢ dang hinh chép tii gide déu va mét chiée binh ¢ dang hinh
lang tru dung tir giac co cung dién tich day. Nguoi ta mue day 10 gau nudc va
dd vao binh. Héi mure nude trong binh ting thém bao nhidu? Cho biét chicu cao
ctia chiée gau 14 0,3 m.
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Bai 1. HINH CHOP TAM GIAC PEU - HINH CHOP TU GIAC BEU

1.
Hinh 5a: Hinh 5b:
Mit bén: KAB, KBC, KCA. Mat bén: SMN, SNP, SPM.
Mat day: ABC. Mat day: MNP
Puong cao: KO. Pudong cao: SO.
B0 dai canh bén: 10 cm. P06 dai canh bén: 10 cm.
D4 dai canh day: 15 cm. Do dai canh day: 8 cm.
:
Hinh 6a: Hinh 6b:
Mat bén: TAB, TBC, TCD, TDA. Mat bén: AMN, ANP, APQ, AQM.
Mat day: ABCD. Mat day: MNPQ.
Puong cao: TO. Puong cao: AO.
B0 dai canh bén: 7 em. P dai canh bén: 8 em.
Do dai canh day: 5 cm. D§ dai canh day: 4 cm.

3.8C=SE=SF=5cm; CD=DE=CF=3cm.
4. IN=JP=8.2 cm; NP=MP=3.5 cm.

5. Cét tam bia nhw hinh bén 16i gap lai
theo cac canh ctia tam giac déu,
ta duoc hinh chép tam gide déu
thod mén yéu cau.
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6. Cat tam bia nhw hinh bén 161 gap lai 4cm
theo cac canh ctia hinh vudng, ta duoe 2 6 r§ E_J A
hinh chép t gide déu thoa méin yéu cau. 4o
g

7. Hinh 7a gap duoc mot hinh chdp tam giae déu; Hinh 7¢ gap duge mét hinh chép
fir giac deu.

Bai 2. DIEN TICH XUNG QUANH VA THf:I'lCH CUA HINH CHOP
TAM GIAC BEU, HINH CHOPTU GIAC BEU

10 .15
1.§,=3. ——==25 (emm?).

28, =5, 30 .35

ay

=3000 (cm®).

+8,=30:30+4,

1 16.83

— 34~ 1256,3(cm’).

.15.15. 24=1800 (cm).

-
<
I

.8, h=

ay

4.V

W= W

.S, .h=

ay
5. Goi dién tich day ctia chigc gaula S, thé tich cua chiée gaula V, chidu cao cia
chiéc gaula h, ta ¢6: 6V =6. % S.h=2Sh.
Do mure nudc trong binh ting 1én 1,2 mnén 2Sh==S. 1,2, suyra h=0,6 m.
6. The tich hinh 1ap phuong: V, =40 . 40 . 40 = 64000 (cm’).

Thé tich ctia hinh chop it giac déu: V, = % .40 .40 . 50 =26 6667 (cn’).

Thé tich ctia khéi gb: V=V, + V, = 64000+ 26666,7 = 90 666,7 (cm’),
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BAITAP CUGI CHUONG 2
CAU HOI TRAC NHIEM

1.D 2.0 3.B 4.C 5.D 6. A
BAITAPTU LUAN
;4

Hinh chép tam giae déu Hinh chép tir giac déu

DPinh K A

Canh bén KA, KB, KC AB, AC, AD, AE

Canh day AB,BC, CA BC, CD, DE, EB

Mit bén KAB, KBC, KCA ABC,ACD, ADE, AEB
Mat day ABC BCDE

Chiéu cao 18 cm 10 cm

8. Miéng bia & Hinh la gip duge mét hinh chép tam gide déu; miéng bia &
Hinh 1d gap duge mot hinh chop ik giac déu.

2,523

9. 5, =3 2222 g 625 (crm).
108,-25.25+4. 22— 1625 ().
1La)S, =4. %: 11 (),

b) Chi phi d& hoan thanh méai che: 2 . 11 =22 (triéu dong).

12. Goi dién tich day ctia chiée gau 1a S, thé tich ctia chiée gau 1a V, s6 do clia
mue nurde ting thém 1a h, ta co:
10. % S.0,3=5h,suyrah=1m.
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DINH Li PYTHAGORE.
CAC LOAI TU GIAC THUONG GAP

BAI 1. DINH LI PYTHAGORE

A. KIEN THUC CAN NHG

1. Pinh li Pythagore
Trong mdt tam giac vudng, binh phuong d6 dai ctia canh huyén béng tong
cac binh phuong d6 dai clia hai canh goe vuong.
B

GT l,AABC, A =90° :
KL |BC?=AB*+AC? o
A (]

2. Pinh li Pythagore dao
Néu mét tam gidc ¢6 binh phuong do dai etia mdt canh bing tong cic
binh phuwong d6 dai cia hai canh kia thi tam giac do la tam giac vudng.
A

GT | AABC, BC' =AB* + AC’ /\
KL | A=90° g

B
Hinh 2

B. BAITAP MAU

Bai 1. Cho tam giac MNP vudng tai M.
a) Tinh d6 dai canh NP néu biét MN = 8, MP =6;
b) Tinh d6 dai canh MP néu biét NP = /33 , MN =17
¢) Tinh do dai canh MN néu bidt NP= 9, MP =+/56.
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Gidi
Ap dung dinh li Pythagore vao tam gidc MNP vuéng tai M, ta ¢6
NP? = MN?+ MP?. Khi do:
a) NP= /MN? + MP? =+/82 + 62 =+f64 136 = 10.
b) MP= JNP? —MN’ =4/(/33)* - (J17)’ =33-17 = 4.
¢) MN =/NP? — MP? =4/9? —(/56)? =+/81-56 = 5.

Bai 2. Ching minh tam giac EFG vudng trong cac truong hop sau:
) FG=7, EF =22 ,EG=+27;
b) FG=+21, EF =8, EG = /43
) FG=9, EF =7 , EG=/88.

Gidi
a) Ta ¢6 FG* = 49 =22 + 27 = EF*+ EG? nén tam giac EFG vudng tai E.
b) Ta ¢6 EF* =64 =21 + 43 = FG*+ EG* nén tam giac EFG vubng tai G.
¢) Ta c6 EG*=88 =81 + 7 = FG*+ EF* nén tam giac EFG vudng tai F.

Bai 3. Tinh chifu dii AB ctia c4i thang trong Hinh 3. T
Cho biét chan thang cach chan tiong 4 m va dau
; Y S
thang cach chan twong 8 m. =
B
Gidi -

Ap dung dinh li Pythagore vao tam giac OAB
vuong tai O, ta ¢o

AB*=0A*+ OB*=64+ 16 = 80.

Suyra AB = J80~ 9 (m).

Viy chidu dai AB ctia céi thang 1a khoang 9 m.

L, TSl il [

]
]
]
[
B
]
[

T
-

[ ]
]
N

Bai 4. Tinh cac do dai x, y trong Hinh 4.
Gidi
Ap dung dinh li Pythagore vao tam giac ABH
vudng tai H, ta co AB*=HA*+ HB? suy ra
X =HA’=AB*~HB? =5-3*=16hayx=4.
Ap dung dinh 1i Pythagore vao tam giac ACH

vudng tai H, ta c0 AC* = HA*+ HC?, suy ra B
y?=HC? =AC?— HA?=6? — 42 =20 hay y=+/20.
Vay x= 4véy=m.




C. BAITAP

1. Cho tam giac MNP vudng tai M.
a) Tinh d6 dai canh NP néu biét MN =7, MP = 24.
b) Tinh d6 dai canh MP néu biét NP =29, MN = 20.
¢) Tinh d6 dai canh MN néu biét NP=61, MP=11.
2. Chiing minh tam giac EFG vudng trong cac truong hop sau:
a) FG=12, EF =35, EG=37,
b) FG =85, EF =77, EG=36;
¢)FG=12, EF=13,EG=5.

3. Tinh chi®u cao BH ctia tam gidc ABC cin tai B (Hinh 5), bit AB=9 cm vaAC =4 cm.

=" )
A0 Hw, C.
4

Hinh S Hinh 6
4. Tinh d6 dai x trong Hinh 6.
. Tinh d6 dai canh chura biét cia céc tam giac vuong sau:

35 51 \
1,7
@ b

Hinh7

th

6. Tim tam giac vuong trong cac tam giac saw.
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7. Tinh khoang cach x tir diu thang dén chan tudng (Hinh 9).

R N 5 6 D O 0 G S R G 0 5 O

1,5m 10,2 km
Hinh 9 Hinh 10
8. Mot may bay dang & dd cao 5,2 km. Khoang cach tir hinh chiéu vuéng gde
clia may bay xudng mat dat dén vi tri A ctia san bay 14 10,2 km (Hinh 10).
Tinh khoang cach fir vi tri may bay dén vi tri A ctia san bay.

Bai 2. TU GIAC
A.KIENTHUC CAN NHG

1. Tw giac
a) T gidge A
— T4 gide ABCD 14 hinh g6m bén doanthéng D
AB, BC, CD va DA, trong dé bat k1
hai doan thing nao ciing khéng cling nam

trén mot duong thang.

— Tt gide ABCD ¢6 bén dinh1a A, B, C, D c
va bon canh 14 AB, BC, CD, DA. Hinh 1
b) T gidce 16 A

— Ttk gide loi la tit giae lubn ndm trong cting
mét phan mat phing duge phan chia boi .
duodng thing chita batkd canh nio cia tir gide.
— Tur diy vé sau, khi ndi dén t gide ma

khéng chu thich gi thém, ta hifu do la
it gie 161 Hinh 2
— Trong mot ti giac:

+ Hai canh k& nhau 14 hai canh ¢6 chung mét dinh.
+ Hai canh k& nhau tao thanh mot gée ctia tir giae.
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+ Hai canh d{“)i nhau Ia hai canh Khéng ¢6 chung dinh nao.
+ Hai dinh doi nhau la ha1 dmh khong cfmg, nam trén mét canh.
+ Buong chéo la doan thang nai hai dinh doi nhau.
Vi du: Te giac ABCD (Hinh 2) ¢6:
« Bon ¢ip canh ké nhau la AB va BC; BC va CD; CD va DA; DA va AB.
- Bén géc 1a ABC, BCD, CDA, DAB.
» Hai ciip canh dbi nhau la AB va CD; BC va DA.
* Hai cép dinh d6i nhau 1 A va C;BvaD.
* Hai duong chéo 1a AC va BD.
2. Tong cic goc ciia mot tir giac
T\Sng sO do cac gbe ctia mét tir giac
bang 360°.
a+b+e+d=360°

Hinh 3

B. BAITAP MAU
Bai 1. Tim it gidc 181 trong céc hinh sau:
A E

a b
Hinh 4

Gidi
K¢ cac duong thing chita céc canh ctia tit gide nhw Hinh 5. Ta thiy:
—Tit gide ABCD ludn nim trong cting mét phan mat phing duoe phéan chia bdi
duodng thing chita bat ki canh nio ctia ti gide nén ABCD 14 tit gidc 161
—Pudng thing di qua canh EF ctia tr giac EFGH chia tit gie d6 thanh hai phén
nén EFGH khéng phai 1a tir giae 101.
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@
Hinh 5

Bai 2. Tim s0 do goc chira biét cia cac tir giac sau:

A

Hinh 6

Gidi
Vi téng s6 do céc gée etia mét tit gide bang 360° nén ta ¢é:
Trong ti giac ABCD: D=360° ~A—B—C =360°—75°— 90°— 90°= 105°;
Trong tit gidc EFGH: F=360°—G-H-E =360°— 146°— 50°— 84°=80°;
Trong t¢ gidc MNPQ: P =360° - N—M—Q =360°— 128°— 48°— 42°= 142",
Bai 3. Tim 0 do x trong Hinh 7.
Gidi
Goéce ngoai tai dinh B ¢o 515 do b:;'mg 70° nén B
g6c trong tai dinh B ¢6 s6 do bang 110°.
Xeét tir giac ABCD, ta co:
A+B+C+D =360°

3x+110°+ x+ 90°=360° X
. D C
4x =160 Hinh 7
x=40°.
Vay x = 40°,

Bai 4. Cho tit giae ABCD cd A= 30°, B=90°, D= 100°. Tinh s do géc C va
g6c¢ ngoai tai dinh C cia it giac do.
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Gidi
Xeét tir giac ABCD ta co:
A+B+C+D =360°
30° +90° + C+ 100°= 360° c

N o 0 0 o 3¢ 100°
9—360 —30*—=90°= 100 ¥ =
C =140". i

S6 do gde ngodi tai dinh C ctia tir gide ABCD 1a: 180°— 140° = 40°,
K

Bai 5. Cho tir giac EKIT ¢0 EK =ET, IK =1IT.
a) Hai tam gidc EKI va ETI ¢6 bang nhau khong?
Visao?
b) Chirng minh it giac EKIT ¢0 hai dudng chéo
vudng goc. T
Hinh 9

Gidi

a) Xét AEKI va AETL ta ¢

EK = ET, IK =IT (gia thiét), EI 14 canh chung.
Suy ra AEKI = AETI (c.c.c).

b) Vi EK = ET va IK = IT nén EI 14 dudng trung trire ctia doan thing KT,
suy ra KT | EIL

Vay tir giac EKIT ¢6 hai duong chéo vudng goc.

C. BAITAP
1. Tim t& giae 181 trong céc hinh sau:
D P
C
A N
M
B Q
@ b)
Hinh 10
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h

. Tim s0 do x trong cac ¥ giac sau:

Hinh 11

. Cho tir giac ABCD nhu Hinh 12.

a) Tinh do dai hai duwong chéo va canh con lai
cua fir giac ABCD.
b) Cho biét gée B bang 53°. Tim 6 do gée C.

. Ban Hung mudn lam mét cai ditu ¢ dang hinh

it gi4c KITE nhu Hinh 13. Cho biét KIT = 90°,
KET=70°, IK = IT, EK = ET. Tim s6 do céc goc
con lai ctia tir giac KITE.

nhau tai . Biét AIB = 65° Tinh s0 do g6c C va goc D.

a) Ching minh AC la duéng trung trire ctia BD.
b) Tinh s6 do gé¢ B va géc D.

chu vi cuia tir giac do.

D 7 &
A 10 B
Hinh 12
I
K u T
E
Hinh 13

. Cho tix giac ABCD ¢6 C-D = 10°. Céc tia phén gi4e clia goc A va goc B cit

. Cho i giac ABCD c6 AB=AD, CB =CD, 6265°, A=11%%

. Cho tit gidc ABCD ¢6 hai dudng chéo vudng gée véi nhau tai I. Cho biét
BC=15cm, CD =24 cm va AD = 20 cm. Tinh d¢ dai AB.

. Chitng minh rang trong mot tit giae, tong dd dai hai duong chéo 16n hon nita
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Bai 3. HINH THANG — HINH THANG CAN

A. KIEN THUC CAN NHG

1. Hinh thang

58

Hinh thang1a tirgide ¢6 hai canh ddi song song. A dynhd B

Trong mot hinh thang: /8 %,

— Hai canh song song goi 1a hai dey, hai canh é‘,? ,%“ &
con lai goi 1a hai canh bén. 9

— Puong vuc“mg( g6c ha tir mot diem trén D H_l day lon o
mét canh day den canh day con lai goi la Hinh 1

diromg cao cta hinh thang, do dai dudng cao goi 1 chiéu cao clia hinh thang.

Hinh thang can

a) Dinh nghia
Hinh thang cdn 1a hinh thang ¢6 hai goc ke moét day bang nhau (Hinh 2a).
A B Q ©
7
s
D C M N
a b

Hinh 2
Hinh thang ¢6 mét géc vudng duge goi la hink thang vuéng (Hinh 2b).
b) Tinh chat
Trong hinh thang céan:
— Hai canh bén bang nhau.
— Hai dudng chéo bing nhau.

A B

Hinh 3
¢) Déu hidu nhin biét
— Hinh thang ¢6 hai goc ké mét day bang nhau
14 hinh thang can.
— Hinh thang ¢6 hai duong chéo bang nhau
14 hinh thang can.

Hinh 4



B. BAITAP MAU
Bai 1. Cho hinh thang ABCD (AB // CD). Tim x va y trong cac hinh thang sau:

A B A B A B
X
100 12¢¢ 1e°
% ¥y e ¥
D C D s
@ ¢)
Hinh 5
Gidi

Hinh Sa: ViAB // CD nén A+D = 180° va B+C = 180°.
Do do, 100° + x = 180° suy ra x= 80",

120° +y = 180° suy ra y = 60°.
Vay x=80° vay = 60°.
Hinh Sb: Vi AB //CDnén A+D = 180°va B+C = 180",
Do do, x +90° = 180° suy ra x = 90°,

y+45°=180° suy ra y = 135"
Vay x=90° vay = 135°.
Hinh S¢: ViAB // CD nén A+D = 180° va B+C = 180°,
Do do, x + 70°=180° suy ra x = 110°;

110"+ y=180° suy ra y = 70°.
Vay x=110°va y = 70°.

Bai 2. Cho hinh thang ABCD (AB //CD). Biét B—C =40°, C—D =20°. Tim s do
cac goe cua hinh thang ABCD.

Gidi
ViAB//CDnén B+C = 180" 2 5
Mit khac, B—C = 40°.

A 180°+40°
Do d6, B=—————=110 5 3
Vi C= 180°—110°=70°. Hinh 6

Tacéd C—D =20°suyra D= C —20° =70° —20° = 50".
Khi dé A=180°—D = 180°— 50° = 130",
Vay A=130°, B=110°, C =70° v D= 50"
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Bai 3. Cho hinh thang ¢can ABCD (AB // CD) ¢6 A =120°. Tim sb do cac g6c con lai

ctia hinh thang ABCD.
Gidi
Trong hinh thang can ABCD, hai gée ké mét day
bang nhau nén B =A =120 o b

120°
ViAB// CDnén A + D = 180° hay

D =180°— A = 180°— 120° = 60°.
Dodé C =D =60,
Vay A = B=120°, C = D=60.

Hinh 7

Bii 4. Cho tit giac ABCD ¢6 A= B, C = D. Chimg minh tit giac ABCD la

hinh thang céan.
Gidi
Tacé A+B+C+D=360°,ma A= B, C = D, A B
suy ra 2(K+ f)) =360°, suyra A+D=180".
Do do AB // CD.
Vay tir giac ABCD la hinh thang. Hinh thang nay
¢6 hai gée k& mot day béng nhau nén ABCD la P &
hinh thang cn. -
C. BAITAP
1. Chotirgiac ABCD co AB = BC va AC la tia phan giac cia goc A. Chirng minh

i giac ABCD 1 hinh thang.

2. Tit gidc ABCD ¢6 A+ D=B+C. Chitng minh tt giac ABCD 14 hinh thang.

tn

60

. Cho tam giac ABC vudng can tai A. V& ra phia ngoai ctia tam giac ABC mét

tam giac BCD vudng can tai B. Tt giac ABDC la hinh gi? Vi sao?

. Hinh thang ABCD (AB // CD) ¢6 ACD = BDC . Chitng minh t gisc ABCD 1a

hinh thang can.

. Cho tam gidc ABC cén tai A. Trén tia déi cia tia AB lay didm M, trén tia dbi

ctia tia AC lay didm N sao cho AM = AN. Chiing minh tir giac MNBC 14
hinh thang can.

. Chotam giac ABC cantai A, ¢ hai duong caolaBEvaCD (D € AB, E € AC).

Chung minh it giac BDEC 1a hinh thang can.



BAI 4. HINH BINH HANH - HINH THOI

A.KIENTHUC CAN NHG

1. Hinh binh hanh
a) Pinh nghia
A B

Hinh binh hinh 14 tit giac ¢ cac canh dbi

song song. / /
Hinh binh hanh ABCD c6 AB // CD va 7

AD // BC. Hinh 1

b) Tink chat

Trong hinh binh hanh:

— Céc canh d6i bang nhau.

— Céc goc d6i bang nhau.

— Hai duong chéo cit nhau tai trung diém ctia moi dudng.

¢) Ddu hiéu nhén biét

— Tt gi4e ¢6 cac canh doi song song 14 hinh binh hanh.

— Tir gi4e ¢6 che canh dbi bang nhau 14 hinh binh hanh.

— Tt gi4e ¢6 hai canh d6i song song va bang nhau 14 hinh binh hanh.

— T gie ¢6 cac goe doi bang nhau 1a hinh binh hanh.

— Tt gide ¢6 hai duong chéo ¢t nhau tai trung diém ctia moi duong 14
hinh binh hanh.

2. Hinh thoi B
a) Dinh nghia
Hinh thoi 1a tit gidc ¢6 bon canh bang nhau. . .
D
Hinh 2
b) Tinh chit B
Trong hinh thoi:
— Hai dwong chéo vudng goc voi nhau. A o_l ¢
— Hai duong chéo la cac dudng phan giac
ctia cac goc cuia hinh thoi. =
Hinh 3
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¢) Déu hiéu nhan biét

— Hinh binh hanh ¢ hai canh ké bang nhau la hinh thoi.

— Hinh binh hanh ¢ hai duwong chéo vubng gée voi nhau 14 hinh thoi.

— Hinh binh hanh ¢ mdt duong chéo 1a dudng phan giac ciia mot gée 1a
hinh thoi.

B. BAITAP MAU
Bai 1. Tinh sb do cée gde ctia hinh binh hanh ABCD biét A—-B = 30",
Gidi
Tacd A + B = 180° (doAD // BC). A B
Mi A — B=30°nén A=(180°+30%:2=105°
B = 180°— 105° = 75°.
Vi ABCD 14 hinh binh hanhnén C= A = 105°; D €
D B 750 Hinh 4

Bai 2. Cho hinh binh hanh ABCD c¢6 A =3B. Tinh sb do cac géc cia
hinh binh hinh ABCD,

Gidi
Tit gisc ABCD 14 hinh binh hanh nén A +B = 180°.
Matkhac A =3B nén 3B + B = 180°, suyta 4B = 180°, hay B = 45"

Suyra A =45°. 3=135".
Hinh binh hanh ABCD ¢6 c4c gbe dbi bing nhau / /
: D 3

nen C=A=135" D= B=45".

Hinh 5

Bai 3. Cho hinh binh hanh ABCD. V& AE va CF cung vudng goc voi BD.
Chung minh rang AE = CF.

Gidi
Xét AADE vudng tai E va ACBF vudng tai E A B
ta co: F
AD BC (hai canh ddi cia hinh binh hanh); E
= B (hai gde so le trong). D C

Hinh 6
Suy ra AADE = ACBF (canh huyén — gée nhon). Vay AE = CF.
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Bai 4 Cho tam giac ABC co M, N lan luot 1a trung diém ctia canh AB, AC.
Lay didm P déi xing véi M qua N. Chiing minh ring:
a) AANM = ACNP;
b) BMPC la hinh binh hanh;
¢) MN = % BC.
Gidi
a) Xét AAMN va ACNP, ta co: A

NA = NC (gia thiét); /A\
N = N (hai géc dbi dinh); W NN p

NM = NP (gia thiét). { ] /
Vay AANM = ACNP (c.g.c). /

b) Vi AANM = ACNPnén A; = Ci. Hinh 7

Ma C; va A, lahai goc so le trong nén CP// AB hay CP// BM. (1)
Hon nita, CP= AM = BM. )

T (1) va (2) suy ra tit giac BMPC la hinh binh hanh.

¢) Vi BMBC 14 irtibinh hanhmén MP=BC Do d6.MN'= % MP= %BC.

Bai 5. Cho hinh thang ABCD véi AD // BC (AD < BC). Qua diém D v&
duong thing DE song song véi AB (E € BC); goi N, Q lan lugt 1a trung diém
ctia canh DC, DE, M 14 giao diém cia NQ va AB. Ching minh ring:

a) Cac tit giac ADEB, ADQM, MQEB la céac hinh binh hanh;
b) MA=MB ;
¢) MN = %

Gidi

a) Xét ADEC ta ¢6 N, Q l4n luot 14 trung didm " s

ctia DC, DE. W\\
Do d6 NQ // EC va NQ = lre (theo chung M Q
minh & B 4 trang 63). > / }f

Suyra MQ // BE // AD. (1) B E C
Talai ¢6 DE // AB (gia thiét).  (2) Hinh 8

T (1) va (2) suy ra cac tir giac ADEB, ADQM, MQEB la cac hinh binh hanh.
b) Ta ¢6 MA=QD, MB = QE va QD = QE. Suy ra MA = MB,
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¢) Taco QN :% (theo cau a) va EC=BC—-BE=BC —-AD.
Do d6 MN = MQ + QN =AD + %ECZAD+ %(EC—AD)Z

AD+BC

AD+BC

Vay MN =

Bai 6. Cho hinh binh hanh ABCD ¢6 AB =2AD. Goi M la trung diém ctia AB,

N 1a trung diém ctia CD.
a) Chimg minh rang tir gidc AMCN 14 hinh binh hanh.
b) Chiing minh ring t gide AMND 14 hinh thoi.

Gidi
a) Ta c0 AM // NC va AM = NC, suy ra AMCN
la hinh binh hanh. A M B
b) Ta c6 AM // ND va AM = ND, suy ra AMND
la hinh binh hanh.
Ta lai c6 AM =AD =~ AB. D N ¢
2 Hinh 9

Do do AMND la hinh thoi.

Bai 7. Cho doan thing MN véi Ola trung diém. Trén dudng trung trye ctia MN 1y

64

hai diém P, Q sao cho O 1a trung diém ctia PQ. Cho OM =3 ¢m; OP=4 c¢m.

a) Tir giac MQNP 1a hinh gi?
b) Tinh dé dai cac canh cta ti giac MQNP.
Gidi

a) Tt giac MQNP ¢6 hai duong chéo MN va PQ M
vuong gde va cat nhau tai trung diém O ctia moi
duong nén MQNP la hinh thoi.
b) Ap dung dinh li Pythagore cho tam giac MOP P Cl; Q
vuong tai O, ta ¢é:
MP= JOM? + OP* =/3* + 4% =5 (cm).

N

Hinh 10

Do hinh thoi ¢6 cac canh bing nhau nén PN = NQ = QM = MP =5 cm.



th

.BAITAP
. Cho hinh binh hanh ABCD ¢6 hai dudng chéo ¢it nhau tai O. Qua O, v& mét

duodng thing cat AB va CD 1an lwot tai M, N. Chung minh rang O 13 trung diém
cua MN.

. Cho hinh binh hanh ABCD. Goi H va K 1an luot 1a chan duong cao ha tir Ava

C &n BD.

a) Chimg minh rang tit gidc AHCK 1a hinh binh hanh.

b) Goi M la giao diém ctia AK va BC, N 1a giao diém ctia CH va AD.
Chirmg minh AN = CM.

¢) Goi O 1a trung diém ctia HK. Ching minh M, O, N théng hang.

Cho hinh binh hanh ABCD. Trén céc canh AB va CD, 14n luot lay cac diém M

va N sao cho AM = CN. Gai O 1a giao diém ctia MN va AC. Chiing minh ring
ba diem B, O, D thing hang.

Cho hinh binh hanh ABCD. Trén duong chéo BD lay hai diém M va N sao cho
BM=DN= %BD.

a) Chirng minh AAMB = ACND.

b) Chiing minh rang tir gidc AMCN 14 hinh binh hanh.

¢) Goi O 1a giao diém cta AC va BD, I 1a giao diém cia AM va BC.
Ching minh rang AM = 2MI.

d) Goi K la giao diém ctia CN vaA AD. Ching minh I va K déi ximg véi nhau qua O.
Cho hinh binh hanh ABCD ¢6 AD = 2AB. Goi M la trung diém cua AD.
Ké CE vuong goc voi AB tai E, MF vuong goc voi CE tai E, MF cat BC tai N.
Chirng minh rang:

a) T giac MDCN la hinh thoi;

b) Tam giac EMC la tam giac can;

¢)BAD = 2AEM.

Cho hinh binh hanh ABCD. V&€ hinh binh hanh AECF (E € AB; F € CD).
Chung minh ring ba duodng thing EF, AC, BD dong quy.

Cho tit gide ABCD. Goi M, N, P, Q lan lwot 14 trung didm ctia AB, BD, DC, CA.
Chitng minh rang tir giac MNPQ 1a hinh binh hanh.

Cho hinh binh hanh ABCD ¢6 hai dudng chéo cét nhau tai O. Goi M va N lan luot
14 trung diém ctia OB va OD. Chirng minh tir giac AMCN 14 hinh binh hanh.
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BAI 5. HINH CHU NHAT - HINH VUONG

A. KIEN THUC CAN NHG
1. Hinh chi¥ nhat A B
a) Dinh nghia - -

66

Hinkh chit nhdt1a tir gide ¢6 bon gée vudng.

[ [
Hinh I o
B
b) Tinh chat
Trong hinh chit nhét, hai dwong chéo 0
béng nhau va cit nhau tai trung diém ctia
moi duong. D e
Hinh 2
¢) Déu hiéu nhin biét

— Hinh binh hanh ¢6 mdt goc vudng la hinh chit nhat.

— Hinh binh hanh ¢6 hai duong chéo bang nhau Ja hinh chit nhét.
Chai y:

— Thr gide eo ba goe vudng la hinh chit nhat.

— Hinh thang c¢én ¢6 mét goc vudng la hinh chit nhat.

. Hinh vuong

a) Dinh nghia A_] : E’
Hinh vuéng 14 tii gide ¢6 bén gde vubng va
bén canh bing nhau.

b) Tinh chat

Hinh vudng c6 tat ci cac tinh chat cia 0,
hirth chir nhat va hinh thoi. P,

¢) Déu hidu nhin biét

— Hinh chit nhét ¢6 hai canh ké bang nhau Ia hinh vuéng,

— Hinh chit nhat ¢6 hai duong chéo vudng goe voi nhau la hinh vudng.

— Hinh chit nhét ¢6 mot dirong chéo la dudng phén gide ctia mot goc la
hinh vuoéng.

Chui y:

— Hinh thoi ¢6 mot goc vudng la hinh vuong.

— Hinh thoi ¢6 hai dudng chéo bang nhau 1a hinh vudng.




B. BAITAP MAU

Bai 1. Cho tam giac ABC vudng tai A. Goi E 1a trung diém ciia AB. Tur E ké
duong thing song song véi AC va cit BC tai M. Tir M ké duodng thing
song song voi AB va cat AC tai F.
a) Chung minh rang tit gidc AFME la hinh chit nhat.
b) Goi AH la duong cao ctia tam giac ABC (H € BC). Chitng minh EFMH la
hinh thang céan.

Gidi A
a) T giac AFME ¢6 AE // FM; AF // EM. \
E F
Do dd AFME 1a hinh binh hanh.
Ma EAF =90" (do AABC vudng tai A). 4 e %
Suy ra AFME la hinh chit nhat. Hinh 4

b) Xét AAEF va AEBM c6: AF = EM; AEF = BEM (= 90°); AE = EB.

Suy ra AAEF = AEBM (c.g.c).

Suy ra AEF = B, suy ra EF // BC hay EF // HM.

Do d6 EFMH la hinh thang.

Xét AAEF va AFMC, ta ¢é: AEF = MFC (= 90°), AE = FM,

AEF = FMC(= EBM). (1)
Suy ra AAEF = AFMC (g.c.g), do do FA=FC. AC

Suy ra HF 14 durdng trung tiyén trong tam giac AHC vuéng tai H, suy ta AF = HF_T

Mit khac, ta co EM =AF. Do d6 EM = HE. (2)
T (1) va (2), suy ra EFMH la hinh thang céan.
Bai 2. Cho tam gi4c nhon ABC, dudng cao BE va CF cit nhau tai H(E € AC, F € AB).
Lay M la trung diém ctia BC va I 1a diém d6i ximg ctia H qua M.
a) Chitng minh rang IC=BH va IB | AB.
b) Chiing minh ring MEF 14 tam giéc cin.
¢) V& CQ L BI tai Q. Chiing minh rang FEQ 14 tam giac vudng.
Gidi A

a) Xet tir giac BHCI co:
M 14 trung diém ctia BC (gia thiét); E
M 1a trung diém ctia HI (I 1a diém ddi xtmg ctia

H qua M).

Do dd, tir giac BHCI 1a hinh binh hanh. M

Suy ra [C=BH.

TacoIB//CHvaCH 1 AB,suyralB L AB. I
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b) AEBC vudng tai E ¢6 EM 14 dudng trung tuyén tmg véi canh huyén BC.
Do d6 EM = %BC. )

AFBC vuéng tai F ¢ FM la duodng trung tuyén ting véi canh huyén BC.
Do d6 FM = %BC. @)

Tt (1) va (2) suyra EM = FM. Do do MEF la tam giac can tai M.
¢) Xét it gidc CQBF ¢é: CFB =90° (CF L AB);
CQB=90° (CQ L BI);
FBQ =90° (IB L AB).
Do dé, tir giae CQBF 12 hinh chit nhat.
Ma M I trung didm ciia BC, suy ra M 14 trung diém cia FQ. Do d6 MF = %FQ.
Ta lai c6: EM = MF (theo cau b). Suy ra ME = %FQ.

AEFQ ¢6 ME li duéng trung tuyén tmg véi canh FQ va ME = % FQ.
Do d6, AEFQ vubng tai E.

Bai 3. Cho tam giac nhon ABC. Goi M 14 trung diém ctia AB. Tlir M k& dudng
thing song song voi BC va cat AC tai N, tir N ké dudng thing song song voi
AB va cat BC tai P

a) Chitng minh rang tir gidc BMNP 14 hinh binh hanh.
b) Goi Q 14 diém d6i ximg ctia P qua N. Chiing minh réng it giac AQCP 1a
hinh binh hanh.
¢) Tam gidc ABC can thém diéu kién gi @ tir giac AQCP 14 hinh thoi.

Gidi

A Q

a) Tt gide BMNP ¢ MN // BP; NP // MB.
Suy ra BMNP la hinh binh hanh.
b) Xét AAMN va ANPC co:
MAN =PNC (hai géc dong vi);
AM =NP (= MB);
AMN = NPC (= MBP). Hinh 6
Suy ra AAMN = ANPC (g.c.g), suy ra NA=NC.
Ma NP=NQ (do Q dbi xting vdi P qua N).
V4y AQCP hinh binh hanh.

M
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¢) Néu AQCP 14 hinh thoi thi AC L QP.

Ma AB // QP (do NP // MB).

Do do AC | AB, suy ra AABC vudng tai A.

Vay néu AABC vuéng tai A thi AQCP 14 hinh thoi.

Bai 4. Cho tam giac ABC can tai A ¢o AM la duong phéan giac cia goc A (M € BC).
Tir M lan lwot k& cac dudng thang song song voi AB va AC, cac duong thing
nay cat AC tai N, cat AB tai E.

a) Chimg minh rang tit gidc AEMN 14 hinh thoi.
b) Goi D 1a diém dbi xtmg ctia M qua N. Ching minh ring tr gide ADMB 14
hinh binh hanh.
¢) Chimg minh rang tit gidc ADCM 14 hinh chit nhat.
d) Tam gidc ABC can thém didu kidn gi dé tir gide ADCM 12 hinh vubng?

Gidi
a) Tir gidc AEMN ¢6 AE // MN; AN // ME. A D
Do d6 AEMN 14 hinh binh hanh.
Ma AM la duong phan giac cua goc A.
Suy ra AEMN 1a hinh thoi. E N

b) AABC can tai A co AM la durdng phan giac cua
g6c A nén AM ciing la duong cao, hay AM | BC.

Vi EM = EA nén AEMA cén tai E, do d6 g M C
EAM = EMA. i

——— e~ e e~

Ma EBM + EAM = EMB +EMA = 90°,

Suy ra EBM = EMB hay AEBM cAn tai E. Do d6 EB = EM.

Vi EB = EM = AE = MN = ND nén AB = DM. (1)
Hon nita AB // DM. )
T (1) va (2) suy ra tit giac ADMB la hinh binh hanh.

¢) AABC céan tai A ¢cd AM la duong phan giac ctia goc A nén AM ciing la duong
trung tuyen cia AABC, suy ra BM =MC.

Vi AD=BM (do ADMB la hinh binh hanh) nén AD = MC.
Mat khac AD // MC (do AD // BM).
Suy ra ADCM la hinh binh hanh.
Hinh binh hanh ADCM ¢6 M = 90° nén ADCM 14 hinh chit nhét.
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d) Hinh chit nhat ADCM la hinh vuéng khi AC | MD.
Ma MD // AB, suyra AC | AB. Do d6 AABC vudng tai A.
Vay AABC vudng can tai A thi ADCM la hinh vudng.

Bai 5. Cho hinh chit nhat ABCD (AD < AB < 2AD). V& cac tam giac vubng can
ABI, CDK (I =K =290, 1vaK nim trong ABCD. Goi E 12 giao diém ctia Al
va DK, Fla giao diém ctia BI va CK. Chiing minh ring;

a) EF song song voi CD. b) EKFI la hinh vuéng.
Gidi

a) Tam giac CDK vudng céan tai K nén A B

180" -90 45 /5\
E F

Ma KDC+EDA= 90°, suy ra EDA = 45°
f(?f)+f‘6§=90°, suyra@ = 45°, I
Chiing minh tirong tx, ta duoc: D C
EAD= 45" va FBC= 45". Hinh 8
Xét AEAD va AFBC ¢6: EAD = FBC = 45",
AD = BC (ABCD la hinh chit nhat):
EDA = FCB = 45"
Do do AEAD = AFBC (g.c.g). Suy ra DE = CF. (1)
Mit khac, ACDK ¢én tai K nén KD = KC. @)
Twr (1) va (2) suy ra KD — DE = KC — CF hay KE = KF.
AKEF vuéng tai K va ¢6 KE = KF nén KEF =45°,
Ta lai co KDC =45, Suy ra EF // CD (hai gde dong vi bang nhau).
b) AEAD ¢6 EDA =EAD = 45° nén AED = 90°. Suy ra KEI=AED = 90°
(hai goc doi dinh).
Tit gihc EKFI ¢6 KEI = EKF = EIF = 90° nén EKFI 1 hinh chit nhat
Ta lai c6 KE = KF (theo cau a), suy ra EKFI 1a hinh vuéng.

Bai 6. Cho tr giac MNPQ ¢6 A, B, C, D theo thit tir 13 trung diém ctia cac canh
MN, NP, PQ, QM.

a) Chimg minh ABCD la hinh binh hanh.
b) Biét MP L NQ va MP = NQ, chiing minh ABCD 14 hinh vuéng.

KDC =KCD =
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Gidi
a) Theo Bai 4 trang 63, ta co:

AB//MP, AB= %MPV&DC//MP, B & %MP.

Do do AB // DC va AB = DC.
Vay tir giac ABCD la hinh binh hanh.
b) Theo Bai 4 trang 63, ta co AD // NQ

vaAD= %NQ.

ViAB//MP AD//NQvaMP L NQnénAB | AD

hay A=90°. Hinh 9
Hinh binh hanh ABCD ¢6 A =90° nén ABCD la hinh chit nhat.

ViAB= %MP,ADZ %NQ va MP=NQnén AB=AD.

Hinh chit nhit ABCD ¢6 hai canh ké béng nhau nén ABCD 14 hinh vudng.

. BAITAP
. Cho tam giac ABC vudng tai A (AB < AC). Goi M 14 trung diém ctia BC. Trén
tia ddi ctia tia MA lay diém D sao cho MD = MA.
a) Chirng minh tr giac ABDC la hinh chit nhat.
b) Goi E 14 diém ddi ximg ctia A qua B. Chimng minh it giae BEDC 14 hinh binh hénh.
¢) EM cit BD tai K. Chiing minh EK = 2KM.
. Cho tam gidc DEF vuéng tai D (DE > DF), DM 14 dudng trung tuyén (M € EF).
Goi MN la duong vudng goc ké tir M dén DE (N € DE), MK 1a duong vudng goc
ké tr M dén DF (K € DF), H1a diém doi xtmg véi M qua N.
a) T1t giac DKMN la hinh gi? Vi sao?
b) Goi O 1a trung diém ctia DM. Chung minh ba diém H, O, F théng hang.
¢) Tam giac DEF cén thém diéu kién gi d tit giac DKMN 14 hinh vuéng?
. Cho tam giac ABC vudng tai A, AB = 4 cm, AC = 8 ecm. Goi E 14 trung diém
ctia AC, M 1a trung diém ctia BC.
a) Tinh EM.
b) V& tia Bx song song véi AC sao cho Bx cat EM tai D. Chitng minh tir giac
ABDE la hinh vuéng.
¢) Goi I 1a giao diém cta BE va AD, K 1a giao diém cta BE va AM.
Chitng minh it giac BDCE la hinh binh hanh va DC = 6KI.
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4. Cho tam giac ABC cﬁntaiA(ffi <90°), cac dlr(‘J‘ng cao BD va CE cit nhau tai H.
Tia phan g1ac clia goe ABD cit EC va AC lan luot tai M Va P. Tia phan giac cua
gde ACE cit DB va AB lan lwot tai Q va N. Ching minh ring:

a) ABD = ACE, b) BH =CH;
¢) Tam giac BOC vudng can; d) MNPQ 1a hinh vuéng.

. Cho hinh vuéng ABCD. Lﬁy cac didm E, F, G, H theo thit tr thude cac canh AB,
BC, CD, DAsao cho AE=BF=CG=DH=a, BE=CF=DG=AH=b.

a) Tir giac EFGH la hinh gi?
b) Tinh dién tich tir giac EFGH theo avab.

6. Trong hinh chit nhat ¢6 chu vi 100 m, hinh nao ¢6 dién tich 1on nhat?
Tinh dién tich do.

th

A E B
7. Hinh chit nhat ABCD duoc chia thanh bon hinh 19 J
chit nhat nhé nhwe Hinh 10. Biét diéntichbahinh G H K
chit nthét nho lan luot 14 10 em?, 15 em?, 6 cm? v
Tinh dién tich x (¢m?) etia hinh chit nhat nhé
con lai. D F e
Hinh 10

BAI TAP CUGI CHUONG 3

CAU HOITRAC NGHIEM

1. Cho tam gidec MNP vudng tai M. Biét MN = 40, MP=9. D% dai canh NP bang
A 4L B. {1510 C.1681. D.41.

2. Ba s6 nio sau diy khong thé 14 do dai ba canh clia mdt tam gidc vudng?
A.3;4;5. B.5;12;13. ¢ 704, 95, D. 9; 40; 42.

3. Mot ti gide ¢d s6 do ba goe 1an luot bang 80°, 40°,100°. S6 do gde con lai bang
A. 80°. B. 120°. C. 240°. D. 140°.

4. Cho hinh thang c¢an ¢6 do dai hai déylﬁnluoﬂé 10 ¢cm va 4 cm, do dai canh bén
145 em. Hinh thang do ¢6 chidu cao 1a
A. 2 cm. B. 3 cm. C. 4 cm. D. 6 cm.

5. Cho hinh binh hanh MNPQ ¢é O 1a giao diém ctia hai dwong chéo.
Biét MN =6, OM = 3, ON = 4. D§ dai ctia MP, NQ, PQ lan luot 14
A 6.8 6. B. 8. 6;6. C.6,6.8. D. 8;8;6.
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6. Cho hinh thoi EFGH ¢6 hai duong chéo cit nhau tai O. Biét OE = 6, OF = 8.
P6 dai canh EF 1a

A 12. B. 16. C. 10. D. 100.
7. Mét hinh vudng ¢6 dién tich bing dién tich ctia hinh chit nhat ¢ hai canh bang
2 cmva 18 em. B0 dai canh cua hinh vudng bang

A 9 cm. B. 6 cm. C. 36 cm. D. 12 cm.
8. M6t hinh vudng ¢6 canh bing +/8 cm. D6 dai dudng chéo clia hinh vuéng béng
A 4cm. B. 242 om. C. 8 cm. D. v2 cm.

9, Mét hinh binh hanh ¢6 thé khong ¢6 tinh chit nao sau day?
A. Hai canh dbi bing nhau.
B. Hai canh déi song song.
C. Hai dudng chéo cit nhau tai trung diém ctia mdi duong.
D. Hai dudng chéo bang nhau.

BAITAPTU LUAN
10. Tinh d déi canh chwa bit ¢lia cac tam giac vudng trong Hinh 1.

37 am
X gom 16 km
7 km
S
40 ¢
S.am X
a) b) ¢/
Hinh i
11. Tim s6 do cac gde chura biét clia cae it gide trong Hinh 2.
E
A b8
X
F {95 60 >>H
B {8 ¥ D
114° v
C G
a b)
Hinh 2
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12. Cho tit giac EKIT ¢6 EK = ET, IK = IT, KET = 90°, EKI = 105°. Gai S la
giao diém ctia hai duong chéo. Tim sb do cac goe KIS, SKL

13. Tinh chiéu cao ctia hinh thang cdn ABCD biét ring canh bén BC = 25 cm va
cac canh day AB =10 cm, CD =24 cm.

14. Cho hinh thang cin ABCD ¢6 AB // CD, DB la tia phan giac cia goc D,
DB L BC. Biét AB = 4 ¢m. Tinh chu vi hinh thang dé.

15 Cho tam giac ABC cantai A ¢cd BC=6 cm. Goi M, N, P 1an luot 1a trung diém
cua AB, AC, BC.

a) Tinh d6 dai MN. Chitng minh MBCN 12 hinh thang can.
b) Goi K 1a didm déi xting clia B qua N. Chiing minh i gisc ABCK la hinh
binh hanh.

¢) Goi H la didm déi xuing ctia P qua M. Chiing minh AHBP I hinh chit nhat.
d) Ching minh AMPN 14 hinh thoi.

16. Cho hinh binh hanh ABCD. Trén duong chéo BD lay hai diém M va N sao cho
BM =DN.

a) Ching minh it gidc AMCN 14 hinh binh hanh.
b) Xac dinh vi tri ctia diém M d& tia AM cét BC tai trung didm ctia BC.
17. Cho hinh binh hanh ABCD ¢6 O 14 giao diém ctia hai duong chéo. Lay cac
diém M, N, P, Q lan luot 1a trung diém ctia AO, BO, CO, DO.
a) Chung minh it giac MNPQ 14 hinh binh hanh.
b) Chiing minh tir giac ANCQ 14 hinh binh hanh.
18 Cho hinh chit nhat ABCD ¢ AB = 2BC. Goi I 1a trung diém clia AB va K 1a
trung diém ctia CD. Chirng minh:
a) AIKD va BIKC la hinh vubng.
b) IK = % va DIC=90".

19. Cho hinh binh hanh ABCD. Goi DE, BK lan luot 14 dudng phan giac ctia hai
géc ADB, DBC (E € AB, K € CD)
a) Chuing minh DE // BK.
b) Gia stt DE | AB. Chiing minh DA = DB.

¢) Trong truong hop DE L AB, tim s6 do clia ADB d ti giac DEBK 1la
hinh vuéng.
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Bai 1. PINH LIPYTHAGORE

1.

th

a) NP = 4/ MN? + MP? = /72 + 242 =25,
b) MP = /NP2 — MN? =+/292 — 202 =21;
¢) MN = {/NP? — MP? =+/612 11 =60.

a) Ta ¢c6 EG? = 37*=35*+ 12* = EF* + FG*, suy ra tam giac EFG vudng tai F.
b) Ta ¢ FG* = 85*=77* + 36> = EF* + EG?, suy ra tam giac EFG vudng tai E.
¢) Ta ¢6 EF? = 13%= 12*+ 5* = FG* + EG?, suy ra tam giac EFG vudng tai G.

. Tam giac ABC cén tai B nén dudng cao BH ciing 14 duong trung tuyén.

AC 4
Suyra AH = 7252 2 (cm).

Ap dung dinh li Pythagore vio tam giac ABH vudng tai H, ta ¢&:
BH’=BA’-AH?=9"-2=77. SuyraBH= 7 (cm).

X =4/167 ~ 13 (cm).

) x=fI,77+1,3 #2,1;

b) x=+/51*—35" ~37,

C)X=4f19%+9% » 21.

. a) Vi 41° = 40% + 8° nén Hinh 8a khong la tam giac vudng.

b) Vi 657 = 52° + 397 nén Hinh 8b I tam gi4e vudng.
¢) Vi 65% # 58° + 28” nén Hinh 8¢ khéng la tam giac vudng.

Lxs= ,/92 ~1,5% ~ 89 (m).
8.c= 10,22 +5,22 » 114 (km).

Bai 2.TU GIAC

1. a) Tt gide ABCD lubn nim trong cling

mdt phan méit phing duge phén chia %

béi duong thing chira bét ki canh nao

clia tit giac nén ABCD 14 tir gide 16i.
b) Duong thing di qua canh NQ--. !
ofia tir giac MNPQ chia tir gide thanh

hai phin nén MNPQ khéng phai 14 B
i giac 16i.




2. Hinh 1la; x = 360°— 128°— 86°— 47°= 99°"
Hinh 11b: x = 360° — 90°— 90°— 67°= 113",
Hinh 11¢: x = 360°— 146°— 34°— 34°= 146".
. ) AC =JAD? +DC? =442 + 72 = /65,
BD =+AD? + AB? =4 +10% =116, BC=5.
b) C =360° —90° —90° — 53° = 127°.
. Ta c6 AIKE = AITE (c.c.c).

Suyra BRI = BT =22 _920 =70 _100°,

[

o

tn

. Xét AAIB, ta cé: D
AIB+IAB+IBA = 180°.
Ma AIB=65" suyra IAB + IBA=115". |
Dodé A+B= DAB+ABC=2.(IAB+IBA)

=230°)

Xét tir gihe ABCD, ta ¢6: A+B+C+D=360". B
Suyra C+D = 130°. Mit khac C-D =10°. A
Do dé C=(130°+10°) : 2="70° va D="70°—10° = 60°,

6. a) Ta co:

AB = AD (gia thiét), suy ra A thude duong
trung true ctia BD;

CB = CD (gia thiét), suy ra C thuée dudng
trung truc ctia BD.

Vay AC la duong trung trire ctia BD.

b) Xét AABC va AADC, ta cé: AB = AD (gia thiét);
BC = DC (gia thiét);
AC la canh chung.
Suy ra AABC = AADC (c.c.c). Do dé B =D.
Xét it giae ABCD, ta c6 A+B+C+D = 360°.
Suyra 115°+ B +65° + D=360° hay B+D = 180"
Ma B = D (ching minh trén) nén B = D = 90°,
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7. Ap dung dinh li Pythagore vio bon tam giac AIB,
BIC, CID va DIA vuodng tai I, ta co:

AB*+ CD*=1A%*+1IB*+ IC*+ ID?
AB*+ CD*=(IB*+ IC%H + (IA*+ ID%
AB?+ CD*=BC* + AD?

ABRZ+ 24%=15%+20°

AB*=49

AB =7 (cm).

20

B
A
15
I
C
24
D

8. V& tir giac ABCD. Goi I 1a giao diém ctia hai duong chéo AC va BD.

Theo bét ding thite tam gidc, ta ¢6:
IA+1B > AB;
IB+IC>BC;

IC+1ID > CD;
IA+1ID > AD.
Suy ra

2IA+1IB +IC+ID) > AB + BC +CD + AD.
Suyra 2(AC + BD) >AB + BC+ CD + AD.

AB+ BC+CD+ DA

Vay AC +BD > -

Bai 3. HINH THANG - HINH THANG CAN

1. Ta ¢c6 AB = BC nén AABC can tai B, suy ra
BAC =BCA.
Mit khac, BAC = DAC (AC la tia phan giac ciia
BAD).
Suy ra BCA = f)?@, do do BC // AD.
Vay tir giac ABCD la hinh thang.

2. Tacé: A+B+C+D=360°
A+D=B+C.
Do dé?2 . (A+D)=360°hay A+D = 180",
Suyra AB // CD.
Vay ttt giac ABCD la hinh thang.

A
c
B

1 3
~N/

D




3. Ta c6 AABC vudng can tai A, ABCD vudng can

h
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tai B suy ra l§1 = 612 45°.
Vi B va Ci 14 hai gbc ¢ vi tri so le trong nén

AB//CD. B
1

Vay ttt gidc ABDC la hinh thang,

Hinh thang ABDC ¢6 A = 90° nén ABDC la I 1

hinh thang vuéng. ALl —4  N¢

. Goi E 1a giao diém ctia AC va BD.

Trong AECD, ta ¢6 C; = D1 nén AECD cén tai E,
suy ra EC=ED. (1)

Ta ¢o:

EBA = D (hai goe so le trong);

EAB=C, (hai goc so le trong);

Di = Ci (gia thiét).

Suy ra @ = E}TB, do do ABEA cantai E.
Suy ra AE = BE. (2)
Ta co: AC=AE + EC; BD=BE + ED. (3)
T (1), (2) va (3) suy ra AC =BD.

Hinh thang ABCD ¢6 hai dudng chéo bing nhau nén ABCD 14 hinh thang can.

. Xét AAMN ¢6 AM = AN (gia thiét).

Do d6 AAMN can tai A, suy ra ﬁl :M_
~  180°— A,

ViAABC cantai Anén B =

Mat khic Ai=A; (hai géc dbi dinh) nén
Bi= M.

Ma hai goc nay ¢ vi tri so le trong nén MN // BC.
Vay tir giac MNBC la hinh thang. (1)
Mat khac, AB=AC;, AM = AN.

Suyra AB + AM =AC + AN, do d6 MB=NC. (2)
T (1) va (2) suy ra MNBC la hinh thang can.




6. Xét ABEC vudng tai E va ACDB vudng tai D, ta ¢o:

BC la canh chung; ECB = DBC.
Do dé ABEC = ACDB (canh huyén — goc nhon),

suy ra EC=BD. D E

MaAC=ABnénAC-EC=AB-BD

hay AE =AD. B C
; o e = 180°-A

Do do AADE cantai Asuyra ADE= AED = — (1)

Vi AABC cﬁntaiAnénﬁé‘é:ﬁ:a:%. (2)

Ti(l)va(2)suyra ADE = ABC.
Do dé DE // BC (hai gée déng vi bang nhau). Suy ra tit gidc BDEC 14 hinh thang.
Hinh thang BDEC ¢6 B = C nén 14 hinh thang cn.

Bai 4. HINH BINH HANH - HINH THOI

1.

2.

Xét ADON va ABOM, ta ¢o:

ODN = OBM (hai goc so le trong);

OD=O0B (tinh cht dirong chéo ctia hinh binh hanh;
Or = Og (hai gée déi dinh).

Suy ra ADON = ABOM (g.c.g).

Do d6 OM = ON. Vay O la trung didm ctia MN.

a) Vi AB // CD nén ABD =CDB (hai goc so le

trong), suy ra ABH = CDK.

Xet AAHB vuong tai H va ACKD vudng tai K,

ta c6: AB = CD (ABCD la hinh binh hanh);
ABH=CDK (chiing minh trén).

Suy ra AAHB = ACKD (canh huyén — goc nhon), do d6 AH = CK (hai canh

furong 1ing).

Ta co: AH | BD, CK | BD suyra AH // CK.

Tir giac AHCK ¢6: AH // CK, AH = CK. Suy ra tir giac AHCK la hinh binh hanh.

D C
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b) Vi AHCK la hinh binh hanh nén AK // CH, suy ra AM // CN. (1)
Hon nita, ABCD la hinhbinh hanh vaN € AD,M € BC,suyra AN//CM. (2)
T (1) va (2) suy ra ANCM la hinh binh hanh. Vay AN =CM.

¢) Tt gide AHCK 14 hinh binh hanh ¢6 hai dudng chéo AC, HK cit nhau tai
trung diém O ctia HK nén O ciing 1a trung diém ctia AC.

Tt giac ANCM 1a hinh binh hanh ¢6 hai duong chéo AC, NM it nhau tai
trung diém O ctia AC nén O ciing 14 trung diém ctia MN. Vay O, M, N thang hang.
Xet AAOM va ACON, ta co:

AMO=CNO (hai goc so le trong);

AM = CN (gia thiét);

MAO=NCO (hai géc so le trong).

Do do AAOM =ACON (g.c.g). Suyra OA=0C.

Xét hinh binh hanh ABCD ¢6 O 1a trung diém ctia durong chéo AC nén O ciing
14 trung diém ctia dwdng chéo BD. Do d6 ba diém B, O, D thing hang.

4. a) Vi ABCD la hinh binh hanh nén AB = CD va
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AB// CD. B
I

A
Sy A5 - CON Guigtosoleto) /NN ]
e/

Xét AAMB va ACND, ta co:
AB = CD (chttng minh trén); D C
ABM = CDN (chiing minh trén);
BM = DN (gia thiét).
Suy ra AAMB = ACND (c.g.c).
b) Ta c6 AAMB = ACND (theo céu a), suy ra AM =CN (hai canh tuwong tng). (1)
Xet AABN va ACDM, ta ¢6: AB = CD (chitng minh trén);
ABN = CDM (hai goc so le trong);
BN =DM (= 2 BD).
Suy ra AABN =ACDM (c.g.c), suy ra AN =3CM (hai canh tuong 1tng). (2)
T (1) va (2) suy ra AMCN la hinh binh hanh.
¢) Vi AMCN la hinh binh hanh nén OA= OC.
AABC ¢6 OA=OC, suy ra BO 14 dudng trung tuyén ctia AABC.




Talai c6: BM = %BD, BO= %BD.
Suy ra BM = %BO, do do M la trong tam cua AABC.

Khi d6 AM = %AI, MI = %Al. Vay AM = 2MI.
d) Vi AMCN Ia hinh binh hanh nén AM / CN. Ma M € AL N € CK,
suy ra Al // CK. (3)
Hon nita, AD / BCvaK € AD, [ € BC. Do do AK // CL. (4
T (3) va (4) suy ra AKCI 1a hinh binh hanh. Ma O 1a trung diém ctia AC,
suy ra O cfing 14 trung diém ctia KI hay I va K d6i xting véi nhau qua O.
5.a) Taco: MF L CE, AB 1 CE,

suy ra MN // AB // CD. A M D
Xét tir giac MDCN ta ¢6: MD // NC (AD / BC, E

M € AD, N € BC)va MN // CD (chitng minh trén). B

Do do tir giac MDCN la hinh binh hanh. B N C

Miit khac MD = %AD — CD (gi4 thiéf).

Suy ra hinh binh hanh MDCN Ia hinh thoi.

b) Xeét tir giac ADCE ta ¢6 AE // CD (theo cau a).

Do do, tir giac ADCE la hinh thang voi hai day AE va CD.

Xet hinh thang ADCE c6:

M la trung diém AD (gia thiét);

AE // MF // CD (theo cau a).

Theo chiing minh & Bai S trang 63 ta ¢6 F 1a trung diém ctia CE.

Xét AEMC ¢ MF 1a duong trung tuyén ting véi canh CE va MF L CE (gié thiét).
Do dod AEMC can tai M.

¢) Tt giac MDCN 14 hinh thoi nén NMD = 2NMC (tinh chat dudng chéo clia
hinh thoi).

Tacé BAD = NMD = 2NMC = 2EMF. (1)
Ta lai ¢co AEM = EMF (hai goc so le trong). (2)

Tir (1) va (2) suy ta BAD = 2AEM.
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6. Goi O 1a giao diém ctia AC va BD.

Vi ABCD 14 hinh binh hanh nén O la trung diém & % 2
cia AC va BD. (1)

Xét hinh binh hanh AECF ¢6 O la trung dim

clia AC (ching minh trén). D F C

Suy ra O 14 trung diém ciia EF. (2)

Tir (1) va (2) suy ra ba duong thing EE, AC, BD déng quy tai O.

7. Xét AABD ta c6 M, N lan luot 14 trung diém ctia
AB, BD (gié thiét).

Theo Bai 4trang 63, ta c6 MN // AD va MN =%_

Xét AACD ta ¢6 P, Q lan luot 14 trung diém ctia
DC, AC (gia thiéf).

D P c

Theo Bai 4 trang 63, ta ¢6 PQ //AD va PQ =%.

Xeét tir giac MNPQ ta ¢6 MN // PQ (vi cing song song voi AD)

va MN=PQ (= A—ZD TSt ofae NONEC) 13 Bk bink
Nhén xét: Ta cling ¢6 thé chung minh ti giac MNPQ 1a hinh binh hanh bing
cach ching minh cac canh doi song song hodc cac canh doi bang nhau.

8. Tw giac ABCD la hinh binh hanh nén OA = OC
va OB =0D.

A B
Ta co: ON :% OD (N la trung diém cta OD); o
OM =% OB (M la trung diém ciia OB); x
OB = OD (chitng minh trén). 2 ¢
Suy ra OM = ON.
Xeét tir giac AMCN ta co: OM = ON (chung minh trén);

OA = OC (chirng minh trén).
Do do, tir giac AMCN la hinh binh hanh.
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Bai 5. HINH CHU NHAT - HINH VUONG

1. a) Xét iy giac ABDC co: 5
AM =MD (M € AD);
BM = MC (M € BC). s/ .
Suy ra fir giac ABDC la hinh binh hanh.
Talai c6 BAC =90° (gia thidh). M/
Do dé, tt gide ABDC 14 hinh chit nhét. E D
b) Tt giac ABDC la hinh chit nhat (theo céu a), suy ra AB=CD va AB // CD.
Do E ddi xting véi A qua B nén B, A, E thing hang va AB = BE.
Vi AB // CD nén BE // CD.
Vi AB=CD va AB=BE nén CD = BE.

Xét tirgiac BEDC ¢6 BE // CD va BE=CD. Suy ra tit gide BEDC 14 hinh binh hinh
¢) AAED ¢6 hai duong trung tuyén EM va DB cit nhau tai K, nén K 14

trong tam cuta tam giac EAD. Suyra EK = % EM hay EK = 2KM.

2. a) Tt gidc DKMN ¢6 KDN = 90%, MKD = 90°;
MND = 90° nén DKMN 14 hinh chit nhét.
b) ADEF vuéng tai D va DM 14 duong trung tuyén
1mg voi canh huyén nén MD = % EF= ME.
Suy ra AMDE cén tai M.

: : DE
Talai ¢c6 MN L DE tai N, suy ra ND =NE = 7

Tit gidc DHEM c6: ND = NE = %;

NH=NM = % (H 14 didm déi ximg véi M qua N).
Suy ra DHEM la hinh binh hanh. Suy ra DH // ME va DH = ME.
Ma M la trung diém EF nén DH // MF va DH = MF.
Do dd, tit giac DHMF 14 hinh binh hanh.
Hon nita, O 14 trung diém ctia DM, suy ra O ciing 1a trung diém ctia HF.
Vay H, O, F thing hang.
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3.a) AABC ¢6 E la trung diém ctia AB, M la trung

84

¢) Hinh chit nhat DKMN 1 hinh vudng khi DM 1a duong phan giac cia KDN,
hay DM la duwong phan giac cua FDE.

Khi d6 DM 14 dudng trung tuyén va ciing la dwong phan giac xuat phat tir D.
Suy ra ADEF vuéng can tai D.

Vay ADEF vudng can tai D thi DKMN la hinh vuéng.

diém cia BC (gia thiét).
Theo Bai 4 trang 63, ta co ; ,

1 ané; B a0
ME=—AB= —.4 =2 (cm). N

2 2 D My

b) T giac ABDE ¢o: AB // DE (do AB // ME) va BD // AE (do Bx // AC).
Suy ra ABDE la hinh binh hanh.
Hinh binh hinh ABDE ¢6 BAE = 90° (do AABC vudng tai A).
Do do, tir giac ABDE la hinh chit nhat.
Talai cO AE= %AC (do E 1 trung diém ctia AC), suy ra AE = %-8 =4 (cm).
Khi d6 AB=AE = 4 (cm).
Hinh chit nhat ABDE ¢6 AB = AE nén ABDE la hinh vudng.
¢) Hinh vuéng ABDE ¢6 AD cit BE tai I, suy ra I 14 trung diém ctia AD va BE.
Theo Bai 4 trang 63, ta co IE // CD va lE = %CD.
Tt giac BDCE co: BE // CD (vi [E // CD);
BD // EC (vi Bx // AC).

Suy ra BDCE la hinh binh hanh.
Do d6, hai duong chéo BC va DE cit nhau tai trung diém ctia moi duong.
Ma M la trung diém ctia BC, suy ra M ciing 14 trung diém ctia DE.
AADE ¢6 duodng trung tuyén AM va EI ¢ét nhau tai K.
Vay K la trong tam cia AADE.

1 1{1 1 1
suyra KI=—<EI Z—[—EB] = —=EB==DEC.

3 32 6 6
Vay DC = 6KI.



4.a) Ta co: A
AABD vuéng tai D, suyra ABD + BAC =90,
AAEC vudng tai E, suy ra ACE + BAC =90".

Do d6 ABD = ACE. R 3

b) AABC cdn tai Anén ABC = ACB. AW 5
Ma ABD = ACE (theo caua). : 0}
Suyra@—ﬁ)Zﬁ—ﬁ 23 H 3

hay By=Ch: B ©

Suy ra AHBC céan tai H. Do do BH=CH.

¢)Taco ﬁzzéﬁ va Cz= %KEE, ma ABD = Xéﬁ, suy ra B, =Ca.
AOBC ¢6 Bs :63, Ez :62 nén Bs + B :63+62hay OBC = OCB.
Suy ra AOBC céan tai O. (1)
Mat khac, vi 62 — B néntacod

By +Bs+Cs +C, = Ba + Bs + Bi + C;= 180° — BEC =180° — 90° = 90°.

Suy ra BOC = 90", (2)
T (1) va (2) suy ra AOBC vudng can tai O.
d) Tam giac OBC can tai O nén OB = OC. 3)

Xét ABMH va ACQH ¢o: By =0 (theo cau by;

BH =HC (AHBC céan tai H);

BHM = CHQ (hai géc déi dinh).
Do do ABMH =ACQH (g.c.g). Suyra BM =CQ. (4
T (3) va (4) suy ra OB —BM = OC — CQ hay OM =0Q. (5)
Ma ABNQ co BO la dudng cao cling dirong phan giac nén ABNQ céan tai B.
Suy ra BO ciing la duong trung tuyén, nén O 14 trung didm ctia QN
hay ON = OQ. (6)
Ching minh trong tir, ta duge OP = OM. (7
T (5), (6), (7) suyra OM =ON=0Q = 0P,
Suyra ON+ OQ=OM + OP hay NQ =MP.
Xeét tir giac MNPQ ¢6: OM =OP va OQ = ON.

85



5. a)Ta 66 AHAE =AEBF =AFCG=AGDH (c.g.c) nén

86

Do do, tir giac MNPQ 1a hinh binh hanh.
Ma NQ = MP nén MNPQ la hinh chit nhat.
Ta lai co MP | NQ nén MNPQ la hinh vudng.

HE = EF = FG = GH, suy ra EFGH la hinh thoi.
Talaico E,+E,=E; +H,=90°nén E; =90
Hinh thoi EFGH ¢6 Es; = 90° nén EFGH la
hinh vuéng.

b) S,pcp =AB’=(a+b). (1)
1 1
Sipar= —AE . AH= —abnén
MHAE™ 5
1
Sanar T Saesr T Sarce T Sacon™ E ab . 4 =2ab. 2)

T (1) va (2) suyra S, = (a+ by’ — 2ab=a’+ b’.

. Got mét kich thude cua hinh chit nhat 1a x (m), kich thude kia la 50 —x (m).

Dién tich hinh chit nhat 1a

S =x(50 —x)=-x* + 50x =—(x —25)* + 625 < 625.

Gia tri 16n nhat ctia S bang 625 tai x = 25.

Vay dién tich 16n nhét ctia hinh chit nhét bang 625 m? khi d6 hinh chit nhét 14
hinh vudng ¢6 canh dai 25 m.

A a E b B
bat AE=a, EB=b; AG=¢, GD=d. c 10 6
Taco:ac=10,bc=06, ad=15, G o K
suy ra (ac)’bd = 900, suy ra bd = 9. d 15 x
Vayx=bd=9 (cm?).
& (camt) D F ¢



BAITAP CUGI CHUONG 3

CAU HOI TRAC NGHIEM

1.A 2D 3D 4C 5A 6C 7B 8A 9D

BAITAPTU LUAN

10. a) x=+/39 (cm); b) x=4/231 (cm); C)X= 323 (km).

1. a) x=114% y=44°, b)x=y=102,5".

12. SKI=60°, KIS =30".

13. Tir A, B lan luot ké AH, BK vudng goc véi CD
(H,K € CD).
Xét tir giac ABKH c¢é: AB // HK (vi AB // CD),
AH // BK {cting vudng goc voi CD).
Do dé, tir giac ABKH 1 hinh binh hanh. Suy ra : :
HK = AB = 10 cm. i N K C

- -~

Xet AADH vuong tai H va ABCK vuong tai K, ta ¢6: D= C;

AD =BC (ABCD la hinh thang cén).

Do d6 AADH = ABCK (canh huyén — gée nhon).

Suy ra DH=CK.

Ta ¢co DH + HK + CK = CD hay 10 + 2CK =24, suyra CK =7 cm.
Xet ABCK vudng tai K, ta co

BC?=BK?*+ CK?hay 25°= BK* + 7%, suy ra BK =24 ¢m.

14. AB // CD nén Bi = D:(hai goc so le trong). M
DB 14 tia phin gidc clia géc D (gia thict) nén
Di= D Dodé E1 =D
Suyra AABD can tai A, suyraAD=AB =4 cm. A B
Ma ABCD la hinh thang can, nen BC=AD =4 cm.
Goi M 14 giao diém ctia AD va BC. Xét AMDC
¢6 DB la tia phan giac cua goc D va DB ciing 1a L
dirong cao ha tir dinh D nén ABDC 1a tam giac deu.
Suyra DC=MC=2BC=8 cm.
Vay chu vi hinh thang 1a AB + BC + CD + DA= 20 cm.
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15. a) AABC ¢6 M, N lan luot 1a trung diém ctia g i
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AB, AC (gia thiét). Theo Bai 4 trang 63, ta ¢o:
MN // BC va MN = %BC :%-6 _ 3 (cm).
Xéttirgiac MBCN ¢6 MN // BC (chiing minh trén).
Do d6, it giac MBCN 1a hinh thang ¢6 hai ddy g3 ¢
1a MN, BC.

Talai cé B=C (AABC can tai A).

Suy ra hinh thang MBCN 1a hinh thang cén.

b) Xét fir giac ABCK ¢o:

N 14 trung diém ctia AC (gia thiét);

N 14 trung diém ctia BK (K 14 diém d6i xing ctia B qua N).

Do dd, tir gide ABCK 14 hinh binh hanh.

¢) Xet tir giac AHBP ¢o:

M la trung diém ctia AB (gia thiét);

M la trung diém ctia HP (H 14 diém ddi xiing ctia P qua M).

Do do, tir giac AHBP 1a hinh binh hanh. (1)
AABC cin tai A ¢d AP 14 duong trung tuyén ting voi canh BC.
Do d6 AP | BC tai P, suy ra APB = 90" )

T (1) va (2) suy ra AHBP la hinh chit nhat.
d) AABC ¢6 M, P Iin luot 14 trung didm ciia AB, BC (gia thiét).
Theo Bai 4 trang 63, ta co:
MP // AC va MP = %AC hay MP // AN (N € AC) vi MP=AN (= %AC).
Xét tir giac AMPN ¢o: MP= AN (ching minh trén);

MP J/ AN (chimg minh trén)
Do dé, tit giac AMPN 14 hinh binh hanh. 3)
Miit khac, AM = %AB, AN = %AC ViAB=ACné&nAM=AN. (4
T (3) va (4) suy ra AMPN la hinh thoi.



16. a) Xét AABM va ACDN co:
AB = CD (ABCD la hinh binh hanh);
B, =D (hai goc so le trong);
BM = DN (gia thiét).
Vay AABM = ACDN (c.g.c). Suy ra AM = CN.
Chirng minh twong tir, ta dugec AAND = ACMB (c¢.g.c). Suy ra AN = CM.
Xettir giac AMCN ¢&: AM =CN (chiing minh trén) va AN = CM (chimg minh trén).
Do do, tir giac AMCN la hinh binh hanh.
b) Goi E 14 giao diem ctia tia AM va BC. Xét ABNC ¢6 ME // CN.

D C

P& EB = EC thi BM:MNhayBMzéBD (vi BM =DN).

17. a) Ta ¢d M, N lan luot 13 trung diém ctia AO, BO. A B
Theo Bai 4 trang 63, ta co: 3
MN // AB, MN = %AB. (1)

Tuong t, ta cling ¢6 QP // DC, QP= %DC. @ P
Ma AB // DC, AB = DC (it gidc ABCD 4 hinh binh hanh). (3)

T (1), (2) va (3) suy ra MN // QP, MN = QP.

Vay tir giac MNPQ la hinh binh hanh.

b) Xet AANB va ACQD co:

AB = CD (ABCD la hinh binh hanh);

ABN = CDQ (hai géc so le trong);

BN=DQ (= %BD) (vi OB=0D, NO=NB, QO =QD).

Do do AANB = ACQD (c.g.c). Suy ra AN = CQ. (4
Xeét AAQD va ACNB co:

AD =BC (ABCD la hinh binh hanh);

Kﬁé =CBN (hai goe so le trong);

DQ=BN (= %BD).

Do do AAQD = ACNB (c¢.g.c). Suy ra AQ =CN. (5)
T (4) va (5) suy ra ANCQ la hinh binh hanh.
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18.

0

a) Vi Ilatrung diém ctia AB nén
1 A I B
[A=IB= P AB. (1) = H
ViK la trung diém cia CD nén
1
KD=KC=— CD. (2)
- D K ¢

Vi ABCD la hinh chit nhat nén AB =CD. (3)
T (1), (2)va(3) suyralA=IB=KC=KD (= %AB).
Ta co AB=2BC,
suyra BC = %AB, suyra[A=IB=KC=KD=BC=AD (= %AB).
Xeét tir giac AIKD c6: Al // DK (vi ABCD la hinh chit nhat);
Al = DK (chiing minh trén).
Suy ta tir giac AIKD la hinh binh hanh.
Ta lai co IA =AD nén AIKD la hinh thoi.
Ma A = 90° nén AIKD la hinh vuéng.
Xeét tir giac BIKC co: BI // CK (vi ABCD la hinh chit nhat);
BI = CK (chiting minh trén).
Nén tit giac BIKC la hinh binh hanh.
Lai ¢6 IB = BC nén BIKC la hinh thoi.
Ma B= 90° nén BIKC I hinh vuéng.
b) Vi ATKD 14 hinh vuéng nén TK =AD = BC = %AB A %CD.
Suy ra [K = % CD.
Vi AIKD la hinh vuéng nén ID la duong phéan giac cia AIK.
i AIK 90°

Suyra DIK = —— =45
uy 1a 5 5
Vi BIKC 14 hinh vudng nén IC 1a dudng phan giac ctia BIK.
Suy ra éﬁ‘c% iy . Do d6 DIC = DIK + CIK = 45° + 45° = 90°.

Vay DIC = 90".



19. a) Ta c6 ABCD 14 hinh binh hanh
nén AD / BC. Suy ra ADB=DBC 2 & =

(hai géc so le trong).
Do do ADB = @,

2 2
suy ra EDB=KBD.
Vay DE // BK.

b) Xét ADAB c¢o6 DE vira la duong cao vira la duong phan giac, suy ra ADAB
can tai D. Khi do, DA=DB.

¢) Xet tr giac DEBK co: DE // BK, EB // DK.

Suy ra DEBK la hinh binh hanh. Ma E= 90°nén DEBK 14 hinh chit nhat.

Dé tir giac DEBK 1a hinh vuéng thi DE = EB.

Ma ADAB cén tai D nén DE 14 trung tuyén ctia ADAB.

Suyra DE=EB= % , suy ra ADAB vuong tai D hay ADB = 90°,
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Phan MOT 80 YEl T0 THONG KE
VA XAC SUAT

T MOT SO YEU TO THONG KE

Bai 1. THU THAP VA PHAN LOAI DU LIEU

A. KIEN THUC CAN NHG

1. Thu thap dii liéu
C6 nhidu cach dé thu thép dirlieu, chang han nhu:
— Quan sat trie tiép, 1am thi nghiém, ...
— Phong van, lap phiéu tham do, .
—Thu thap tir nhitng nguon 6 san nhur sach, bao, Internet, ..

2. Phan loai dik liéu theo cac tiéu chi
Dit ligu dinh tinh duoe chia thanh hai loai:
— Ditliéu dinh danh 14 dit lidu thé hién cach goi tén. Vi du: gidi tinh, méu sic,
noi &, noi sinh, ...
— Dit liéu biéu thi thit bac 1a dit liéu thé hién sy hon kém. Vi du: miie do
hai léng, trinh do tay nghé, khéi 1op, ...
Dit liéu dinh lwong nhéan gia tri thue va duoe chia thanh hai loai:
— Loai 16i rac 1 dit lidu chi nhan hitu han gia trj hodc bidu thi s6 dém.
Vi du: o@ giay, s6 hoc sinh, s6 ngay cong, s6 vat mudi, ...
— Loai lién tuc la dit lidu c6 thé nhin moi gia tri trong mot khoang nao do.
Vi du: chiéu dai, khéi luong, thu nhép, thoi gian, ...
So do ditlidu:

DULIEV (DL)
DLDINHTINH DL DINH LUGHG
DLBIEUTHI
DLDINH DANH THU BAC DL R{I RAC DL LIEN TUC
Vi du: Téngoi, Vidu: Danh hiéy, Vidu: Ldp, Vidu: Chiéu cao,
Mau sac, Xép loai bac thg, ... annang,
giditinh, ... thidua, ... s6 do goc, . ...

92



3. Tinh hop li cia dir lieu
C6 thé kiém tra dinh dang ctia dit 1idu hosic mai lién hé toan hoc don gian
gitta cac so liéu thong ké dé nhan biét tinh hop li ctia ditligu va cac ket luan

dura trén cac dit lidu thong ké do.

B. BAITAP MAU
Bai 1. Em hily d& xuét phuong phap thu thap dit lidu cho céc van dé sau:

%

:‘l

a) SO lan gieo duge mit co s6 cham 1a s6 1€ khi gieo mét con xuic xac 60 lan.

b) So sanh san luong ca phé ctia Viét Nam va Brazil.
c) Y kién hoc sinh trrong Trung hoc co s6 Két Poan vé bai Hanh Khic

clia truong.

d) Dén s6 cac tinh khu vire Tay Béc ctia Viét Nam.

Gidi

Dit lieu ve

Phuong phap o thé s dung

SO lan gieo duge mat ¢o so cham la
s0 1€ khi gieo mét con xue xac 60 lan.

Quan sat true tiép, lam thi nghiém.

So sanh san luwong ca phé cua
Viét Nam va Brazil.

Thu thip tir cac ngudn ¢é sin nhw
sach, bao, Internet.

Y kién hoc sinh truong Trung hoc
co s0 Két Poan vé bai Hanh Khue
clia trueong.

Phéng van, lap phiéu tham do.

Dan sb céc tinh khu vue Tay Bic clia
Viét Nam.

Thu thap tir cic ngudn c¢é san nhw
sach, bao, Internet.

i 2. Xét tinh hop 1i ctia dit lidu trong bang théng k8 sau:

Thong ké s6 hoc sinh 16p 8B tham gia cic cau lac b6 Am nhac
(moi hgc sinh chi tham gia mot cau lac bo)

CAu lac b6 Am nhac $6 hoc sinh
Guitar 14
Organ 6
Thanh nhac Calop
Sao tric 129
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Gidi
Dit liéu Ca 1ép khong hop li vi khéng dung dinh dang (dit lidu phai 14 sb).
S6 ligu 129 khéng hop i vi vuot qua pham vi si s6 cia mdt 16p trong trudng
trung hoc ¢o 8.

Bai 3. Thong tin vé bén hoce sinh trong ddi chay tiép stic ctia 16p 8 A dugce cho bdi
bang thong ké sau:

Ho vi tén Cinnang | Culichay | Kithuat |S6 noéi dung
- (kg) (m) chay thi dau
L& Kinh Bién 50 200 Tot 2
Tran Viét Di 48 200 Tot 2
Nguyén Pirc Nhanh 52 400 Kha 3
Pinh Puc Huy 51 100 Trung binh 1

a) Phan loai dit liéu trong bang théng ké trén dua theo hai tiéu chi dinh tinh va
dinh luong.
b) Trong 50 cac dit lidu dinh tinh tim duoce, ditlieunao la dinh danh, dit iéu nao
biéu thi thi bac?
¢) Trong sb céc dit litu dinh lrgng tim duge, ditliéu nao la hién tuc, dit liéu nao
larol rac?
Gidi

a) Dit ligu dinh tinh: Ho va tén, ki thuat chay.
Dit li¢u dinh luong: Cén nang, curli chay, s6 ndi dung thi dau.
b) Trong sb cac dir lidu dinh tinh tim dwoc, ho va tén la dit iéu dinh danh,
ki thuat chay la dit lidu biéu thi thir bac.
¢) Trong s0 cac dit lidu dinh lwgng tim duge, can nang la dit ligu lién tuc, cy li
chay va so ndi dung thi dau la dit liéu ro1 rac.

Bai 4. Bang ﬂléng ké sau cho biét sirlua chon ctia 100 khach hang vé bdn nhin hidu
mi dn lién X, Y, Z, T (mbi khach hang chi chon mét nhéin hidu mi &n lién).

Nhan hiéu mi an lién S6 nguwdi chon
X 7
Y 11
7 40
i 42
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Xét tinh hop li ctia cae quing cho sau ddy dbi voi nhin hidu mi an lién T;
a) La si la chon cia moi nguoi.
b) La su lyra chon hang dau cfia ngudi tidu ding.
Gidi
a) Quéng cao khong hop i so véi s6 liéu thong ké vi khach hang chon nhan hiéu T
it hon 50 ngudi trong tdng s6 100 nguoi.
b) Quéng c4o hop li vi phan anh ding dit lidu ctia bang thong ké.

. BAITAP

. Hay dé xuat phwong phéap thu thip dit lidu cho cac véan dé sau:

a) S6 14n gieo duoc hai mit ¢d tdng s6 chim béng 12 khi gieo hai con xic xac
20 1an.

b) So sanh s6 1an ghi ban ctia Lionel Messi va Kylian Mbappé Lottin trong
World Cup 2022.

c) Y kién ctia cha me hoc sinh treong Trung hoc ¢o s6 Théng Nhat vé hoat dong
trai nghiém cua nha trirong.

d) Dién tich cac tinh khu vire Tay Nam B cta Viét Nam.

. Théng tin v& bdn hoe sinh trong déi thi Hing bién tiéng Anh clia truong Trung hoe
¢o s Nguyén Du duge cho béi bang thong ké sau:

Diém trung Ki i
Ho va tén Tubi Khéi binhmén | ?],'ég
tibng Anh | 201D
L& Kinh Luan 14 9 92 Tét
Tréan Bing Khoa 13 8 9.4 Kha
Nguyan Trong Luén 14 9 8.8 Tét
H6 Lién Bién 12 7 9,8 Tét

a) Phan loai dit liéu trong bang théng ké trén dua theo hai tiéu chi dinh tinh va
dinh luong.

b) Trong s0 cac ditlidu dinh tinh tim duoce, ditliéu nao la dinh danh, ditliéunao
biéu thi thit bac?

¢) Trong sd cac dit litu dinh luong tim durge, dit liéunao la lién tue, dit liéu nao
1a 161 rac?
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3.

4.

h
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Xét tinh hop 1i ctia dit lidu trong bang théng ké sau:

Thong ké s6 hoc sinh ¢é sit dung mang xa hoi ctia bon 16p khoi 8
Lép $6 hoc sinh
8Al 12
8A2 6
8A3 Calép
8A4 80

Bang théng ké sau cho biét sir Ira chon ctia 100 khach hang vé bdn nhin hidu
stta hop A, B, C, D (mdi khach hang c¢hi chon mdt nhin hiéu stta hop).

Nhan hi¢u sita hop S6 ngwoi chon
A 35
B 38
C 14
D 13

Xét tinh hop 1i ctia cic quing cdo sau diy ddi voi nhiin hidu sita hop A:
a) La su lua chon cua da 0 khach hang.

b) La su lira chon hang dau ctia khach hang.

¢) La mdt trong cac nhan hiéu ding dau duoc lwa chon cao.

. Béng thong k& sau cho biét ti s6 phén trim thi phan ctia bon nhin hidu kem

danh rang M, N, P, Q trén thy truzong.

Nhén hiéu kem dinh rang Thi phan
M 8%
N 12%
p 29%
Q 51%

Xét tinh hop 1i ctia cac quang co sau diy ddi voi nhiin hidu kem déanh ring Q:

a) La sir lua chon ctia moi nguoi.

b) La su lua chon hang dau cfia ngudi tidu ding.




Bai 2. LUR CHON DANG BIEU DO DE BIEU DIEN DU LIEU
A.KIENTHUC CAN NHG

1. Lwra chon dang biéu do dé biéu dién dir liu
Biéu d6 cho chiing ta hinh anh cu thé vé s6 liu. Viée chon loai bidu do
phit hop s& gitip ching ta thé hién s6 liéu thong k& mot cach 18 rang,
trire quan, dé doc va dé hiéu.
— Ta thuong chon bidu dd tranh khi s6 lidu & dang don gian va mubn tao
sir 161 cudn, thu hut bang hinh anh.
— Véi nhitng s6 lidu phite tap hon, s6 1iéu 1on, su sai khac gitta cac s6 ligu
ciing 16n va d& thuin tién trong viée so sanh thi ta thuong chon bidu d6 cot.
— Néu muon ¢6 sir so sanh mét cach trire quan fimg cap s6 lidu ctia hai bo
ditlidu cling loai, ngudi ta ghép hai biéu do cot thanh mét bicu do cot kép.
— Pé biéu thi ti 18 phén tram clia tixng loai s6 lidu so vai toan thé, ta thirdng
sit dung biéu do hinh quat tron.
— Khi bifu difn sy thay déi s6 lidu clia mét dbi tuong theo thoi gian,
ta thuong dimg bidu do doan thing.

2.4 huyén doi dix lieu giita cac dang
Mot tap dit lidu ¢6 the bicu dién dudi cac dang khac nhau. Chuyen doi
dit liéu gitra cac dang giup cong viée thuan loi va dat higu qua hon.

B. BAITAP MAU
Bai 1. Quan sat bang thong ké sau:
Xép loai hoc tap Tot Kha Pat Chua dat
Lop 8C 6% 44% 43% %
Lép 8D 9% 47% 40% 4%

a) Lira chon dang bidu d6 thich hop dé bidu dién dit lidu tir bang thong ké trén.
b) So sanh ti 18 hoc sinh xép loai Tét va Chura dat ctia hai 16p 8C va 8D.
¢) So sanh ti 1€ hoc sinh Xép loai tir Kha trd [én ctia hai 16p 8C va 8D.
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Gidi
a) Bidu db cot kép 1a thich hop d& bidu didn dit lidu tir bing théng k& trén,

Ti 1€ hoc sinh xép loai hoc tap
cua hai I&p 8C va 8D

(%) A
47
50 4% i3 40
e BB
30
20
9
10 6 : f 1 7 4
0 5=
Tét Kha Pat Chua dat  (Xép loai)

WLSp 8C WLap 8D

b) Ti 18 hoc sinh xép loai Tét ctia 16p 8C thap hon 16p 8D va ti 18 hoc sinh
xép loai Chwa dat ctia 16p 8C cao hon 16p 8D.

¢) Ti 18 hoc sinh xp loai tir Kha tré 18n ctia 16p 8D (56%) cao hon 1ép 8C
(50%).

Bai 2. Bang thong ké sau cho biét viée stt dung thoi gian ctia Mai trong ngay:

Thong ké viée sit dung thoi gian trong ngay cia Mai
Cong viéc Thei gian (gio)
Hoc trén 16p 6
Ngti 7
An ubng, vé sinh ¢4 nhan 2
Lam bai & nha 2
Lam viéc nha 4
Choi thé thao/Giai tri 3

Hiy bidu didn dit lidu trong bang théng k& trén vao hai dang bifu db sau:

a) Bidu db cot.
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b) Biéu d6 hinh quat tron.

Thoi gian trong ngay cua Mai

[ Hoctrén lép

[ Ngd

01 An udng, v& sinh c& nhan
[l Lam bai & nha

0 Lam viéc nha

O Choithé thao/Giai tri

a) Biéu do cot:

i) &
8 7
B
B — = . = _—— —
4
4 — G
2 2
2 - — = =
0 1=
Hoc trén lép Ngil An uéng, Lam bai Lamviéc  Choith&thao/ (Céng viéc)
v sinhcanhan  &nha nha Giai tri

b) Biéu d6 hinh quat tron:

Thoi gian trong ngay cua Mai

B Hoctrén lép

O Ngd

An ufing, vé sinh ca nhan
Lam bai & nha

Lam viéc nha

£ Choithé thao/Gii tri
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Bai 3. Gia ti xuat khiu gao cua Viet Nam qua cac nam dugc biéu dién trong
bidu do ¢ot dudi day:

Gia tri xuat khau gao cua Viét Nam

(tiUsD) &

4
306 312 3,29

3 263 251
2,16

2016 2017 2018 2019 2020 2021 2022 (Né—m)

(Ngudn: hitps:/finfographics.vn/)
a) Hay chuyén déi di lidu tir bidu do trén thénh dang bang théng ké theo méu sau.
Nam 2016 | 2017 | 2018 | 2019 [ 2020 | 2021 | 2022
Gi tri xuat khau gao (iUSD) | 2 ? ? ? ? ? ?
b) Hiy chuyén dbi dit lidu tir bidu d6 trén thanh dang bidu do doan thing.
¢) So sanh y nghia ctia hai loai bidu d6 dang sit dung.

Gidi
a) Bang thong ké twong tng véi bidu do cot trén la;
Nam 2016 [ 2017 | 2018 | 2019 | 2020 | 2021 [ 2022

Gia tri xuat khau gao (iUSD) | 2,16 | 2,63 | 3,06 | 2,81 [ 3,12 [ 320 [ 4

b) Biéu d6 doan thing twong ting véi bidu do cbt trén 1a:

Gia tri xuat khau gao cua Viét Nam
(f USD) &
5
4 S
. 326 sgi B2 S8
* 276w T
2
1
0 -
2016 2017 2018 2019 2020 2021 2022 (Nam)
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c) Biéu db cdt ¢ muc dich so sanh sir hon kém clia gia tri xuat khau gao gitta
chc nam. Biéu db doan thang c¢6 muc dich biéu dién sir bién thién ctia gia tri

xuat khiu gao theo thoi gian (nam).

Bai 4. Luong mua cac thang trong nam 2021 ctia thanh phd Da Lat duge cho trong

bang thdng k& sau.
Luwong mua cic thing trong nam 2021 cia thanh pho Da Lat
Thang Luong mua (mm)

1 0

2 0

3 7.6

4 270,3

5 108.,2

6 96,7

7 3283

8 224,1

9 269,6

10 252.6

11 1349

1 66,2

(Nguédn: Nién gidm théng ké nim 2021)

a) S6 lidu tir bang thong ké trén dugce bidu didn vao biéu do cdt sau. Hay tim cac

gia tri ctia A, B, C, D trong biéu do.

Lwong mwa cac théng’trong nam 2021
cua thanh pho Da Lat

350 5

w0 A C 2576

250 2241

200

150 134.9

100
50

oo

1 2 3 4 5 6 7 3 9 10 11

12 (Théang)

b) Hiy bidu difn dit lidu trong bidu do trén dudi dang bidu dd doan thing.
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Gidi
a) A=270,3; B=3283:C=269,6;D=166,2,

b) Bidu dd doan thing;
Lwong mwa cac thang trong nam 2021
tai thanh pho Pa Lat
(mm) &
350 3283
300 .
7703 f 2696
t 252.6
250 A 2241 i
&
200
\ 1349
150 52 5
100 g — -
oG
o 78 B
0 —00 2 o8 -
1 2 3 4 5 6 7 8 9 10 11 12 {Thang)
C. BAITAP

1. Luong gao nhap khiu gao tir Viét Nam cfia nim quoc gia nhiéu nhat trong nim

thang dau nam 2021 duoc bidu dién dudi dang bidu d6 sau:

Lwong gao nhap khau tir Viét Nam
cua nam quoc gia

{nghin tan) &
944 008
1000 -
482 848

500 3

270,068
136,56 199,376
0 oo
Philippines  Trung Quéc Malaysia Ghana B& Bién Nga {Qudc gia)

(Ngudn: vioit.org.vin)

a) Hay chuy2n dit 1iéu tir bidu db trén thanh dang bang thong ké theo méu sau.

T I Trung : B Bién
Quoc gia Philippines Qube Malaysia | Ghana Nga
Lugng gao nhap khau " 5 " 5 "
tir Viét Nam (nghin tan) ' ' ' ' '

b) Tinh i s6 phén trim hrong gao nhép khéu tir Viét Nam ctia méi quoc gia.
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2. Bang thoéng k& sau cho biét s6 gio luyén tip cau 1éng cic ngay trong tuén ciia
ban Hung dé chuan bi tham dir héi thao cap truong.

Ngay |Tht Hai | Thit Ba | Thit Tu [Thit Ném| Thit Sau|Thit Bay|Cha nhét
S6 giov 1 2 ] 2 ] 3 5

Hiy bidu dién dirlidu trong bang trén vao hai dang bidu db sau:

a) Biéu do cot;
b) Bidu d6 doan thing.

3. Toc db ting nang suat 1ta cia Viét Nam qua mot s6 nam tinh tir nam 1990 duoc

cho trong bang théng ké sau:

Nam Nang suat lia (%)
1990 100,0
1993 126,9
1995 116,0
1997 120,0
1999 129.0
2002 1443
2003 1459
2005 1537

(Ngudn: https: /finfographics.vi/)
Hay tim bidu d6 thich hop dé bidu dién dit liu trong bang thong k& trén.

4. Bang thong ké sau cho biét ti 16 phan trim céc yéu to anh hudng dén su
phat trién chiu cao ctia tré em.

Yéu té Tilé phan tram
Van dong 22%
Di truyén 23%
Dinh dudng 32%
Yéu t6 khac (méi trudng song, ...) 23%

a) Biéu do cOt;
b) Bidu d6 hinh quat tron.

(Ngudn: https://soyte. hanoi.gov.yn/)
Hay biéu dién ditlidu trong bang trén vio hai dang bidu do sau:
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. Nhiét d6 trung binh cac thang trong nam 2021 cuia thanh phé Pa Lat duoc
biéu dién qua bicu do thong ké sau.

th

Nhiét dé trung binh cac thang trong nam 2021
cua thanh phé Pa Lat

200 196 95
o 183 19 O 19 "85 188 185 4gs
158 16.6 16,1

0 -

1 2 3 4 5 6 7 8 ) 10 11 12 (Thang)

(Ngudn: Nién gidm théng ké nim 2021)
Hiy bidu dién dirlidu trong biéu do trén dudi dang:
a) Bang thong ké;
b) Biéu d6 doan thing.

Bai 3. PHAN TiCH DU LIEU
A. KIEN THUC CAN NHG

1. Phat hién van dé qua phan tich dit liéu thong ké
Phén tich dit liéu théng k& gitip phat hién cac van d& trong tdm cén
giai quyét va cac théng tin hitu ich ¢6 lién quan dén cac van dé do.

2. Phan tich dit liéu hé tro cich giai quyét van de
Phén tich dit 1idu ctia bidu db théng ké gitip nam bt céc théng tin, hd tro
& xuét cac quyét dinh hop li, hidu qua va thuyét phuc.
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B. BAITAP MAU

Bai 1. S6 san pham ban duge clia mdt ¢dng ty trong sau thang dau nim duge

SR e - R A
biéu dien trong biéu do sau:

San pham ban dwoc cua mét cong ty
trong sau thang dau nam
{nghin 'y
5an pham)
8 7
5] »
) ®
4
4 & 3
2 - 2
2 & 2 4
0 : + + -
1 2 3 4 5 6 (Thang)

a) Chuyén dit liéu trong biéu d6 trén sang dang bang thong k& theo mau sau:

Thang 1 2 3 4 5 6
Sosg 7 2 2 7 9 2
(nghin san pham)

b) Phan tich bidu db théng k& trén d tim thang ban duge nhiéu hing nhit va

thang ban duge it hang nhat.
Gidi
a) Bang théng k& tuong ting 1a:
Thang 1 2 3 4 5 6
S6 san phé‘;m
(nghin san phém) . = . 3 . .

b) Thang ban duoe nhiéu hang nhit 14 thang 6.

Thang ban duoc it hing nhét 14 thang 1 va thing 5.
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Bai 2. Phan tich (biéu 6 thong ké sau d& tim cac qudce gia ¢6 tudi tho trung binh
cao hon va thap hon tudi tho trung binh ctia Viét Nam.

Tuéi tho trung binh cia mét sé quéc gia

— trong khu vire BDéng Nam A nam 2021

100 84 77
50 LA T T 7 T

60
40
20

0 -

& é"@ @\f ?}‘fﬁ & F & e
3 <
&® = N N @6\ Qb&

Quéc gia

(Ngudn: https://toquoc.yn/tuoi-tho-trung-binh-cua-nguoi-viet)
Gidi

Cac qudc gia ¢o tudi tho trung binh cao hon tudi tho trung binh ctia Vidt Nam:
Singapore, Brunei, Thai Lan. ’
Cac quoc gia ¢6 tudi tho trung binh thap hon tudi tho trung binh ctia Viét Nam:
Indonesia, Phillipines, Campuchia, Poéng Timor, Lao.

Bai 3. Quan sat biu do théng ké luong khach du lich dén Viét Nam ctia mot sb
quoc gia trong 6 thang dau nam 2022 sau day.

Lwong khach du lich dén Viét Nam
trong 6 thang dau nam 2022

370

200 139
100 82 71 87 85 63 63 58 &7

u -
‘gx & e,o &P \\79 o (Qubcgia)
Qf"w 0@«:@ & éﬁfi @&‘& f & ,@&D Q,;&”

, , (Nguon: inforgraphics.vn)
Trong cac quoc gia trén, quoce gia nao co lugng khach du lich dén Viét Nam
trong 6 thang dau nam 2022 trén 70 000 nguoi?
Gidi
Céc qube gia ¢6 hwong khach dulich dén Viét Nam trong 6 thang dau nim 2022
trén 70 000 ngwoi la: Han Quoc, MY, Campuchia, Nhat Ban.
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C.BAITAP

1. Bidu d6 thong ké sau cho biét i 18 phan trim dong gdp ctia Vidt Nam véao téng

thu nhap ct

a the gioi qua cac nam.

(%) 4
04

0.3
0.2

01

Ti Ié phan trim déng goép cua Viét Nam

vao téng thu nhap cua thé gioi
\

034 035 036
0,32 '
028 03
0.26 !

o

2012 2013 2014 2015 2016 2017 2018 (Nam)

(Ngubn: worldbank.org)

a) Chuyén ddi dit lidu tir biéu db trén thanh bang thng k.

b) Chuyén ddi dit liéu tir biéu d6 trén thanh bidu d6 doan thing.

¢) Cho biét xu thé v& i 18 déng gdp ctia Viét Nam vao tdng thunhép clia thé gidi.
2. Ti 18 dién tich dat rimg trén tong dién tich dat cia Viét Nam tir 2013 dén 2016

duoe bidu didn trong bidu do sau;

(b
a0

40

35
30

25
20

10

43 4213 41785 4345 4341
L 2 & I 2

Ti & dién tich dat rirvng ciia Viét Nam
qua cac nam

2013 2014 2015 2016 (Na

A |

(Nguon: Téng cuc théng ké)
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a) Lap bang thong ké tuong tig véi bidu do trén theo mau sau.

Nam Viet Nam
2013 ?
2014 ?
2015 ?
2016 ?

b) Cho biét dién tich ctia Viét Nam 14 33 134,4 nghin ha. Tinh dién tich dat nimg
cia Viét Nam nam 2015.

3. Ti 12 phén trim két qua phdng vén 1 000 khach hang vé sir lua chon mén an ctia
mot ctra hang durge thé hién trong biéu do sau:

Ti I& phan tram mén &n dwoc chon
cua moét ctra hang

W Phé
[ Bun bo
Banh mi

B Goi cubn

Néu mét nguol muon kinh doanh am thue thi nguoi do nén wu tién chon
mon an nao?

BAI TAP CUGI CHUONG 4

CAU HOITRAC NGHIEM

1. Dit liéu nao sau day la dit liéu lién tuc?
A. Ditlidu vé danh sach cae ban hoc sinh tham dir héi khée Phit Béng ctia thinh pho.
B. Ditliéu vé danh gi4 hidu qué ctia chuyén di di ngoai cho hoc sinh khéi 8.
C. Dit lidu vé chidu cao ctia hoc sinh 16p 8A.
D. Dit litu vé danh sach hoe sinh dén trudng bang xe buyt.
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2. Phuong 4n nio 14 phit hop d2 thong k8 dit 1iéu vé sb hoe sinh biét boi ctia 16p 82
A. Quan sat.
B. Phong vr, 14p phiéu tham do.
C. Tim kiém trén Internet.
D. Lam thize nghiém tai h boi.
3. Loai bidu d6 nao bidu dién ti 18 phan trim ctia timg loai s6 liéu so voi toan thé?
A. Biu db cot.
B. Biéu dd cét kép.
C. Biéu d6 hinh quat tron.
D. Biéu do doan ﬂ]fm,g
4. Loai biéu d0 nio biéu dién su thay ddi s6 lidu etia mdt doi tuong theo thoi gian?
A. Biu d6 cot.
B. Biéu d6 ¢t keép.
C. Biéu d6 hinh quat tron.
D. Biéu d6 doan thfmg
5. Loai biéu dd nao so sanh tirng thanh phﬁn ctia hai bo dit liéu cung loai?
A. Biu do cot.
B. Bitu dd ¢6t kép.
C. Biéu d6 hinh quat tron.
D. Bidu dd doan ﬂléng

6. S6 hoc sinh ctia ba treong trung hoc co sé trén dia ban dang ki tham du giai chay
viét da do quan t6 chnie duoc cho trong bang sau:

Truong SaoMai | KimPéng | KétDoan Prie Tri
Ralremchocdgh) 41 15 33
dang ki

Biu db nao 14 thich hop dé bidu dién s6 lidu ctia bang théng k8 trén:
A. Biéu d6 tranh.

B. Biéu d6 hinh quat.

C. Biéu d cbt.

D. Biéu db doan ﬂléng
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BAI TAP TU LUAN

7. Bang théng ké sau cho biét i s phﬁn tram su lua chon ctia hoc sinh dbi voi
bon nhén hiéu but bi trong s6 100 hoc sinh dirge phdng van.

Nhin hiéu bit bi Ti s6 phan tram
E 39%
F 1%
G 12%
H 8%

Xét tinh hop li ctia cac quang cao sau day déi voi nhin hidu but bi E.
a) E 1a nhéin hidu dwoe da s6 hoe sinh lua chon.

b) E 14 nhiin hiu duoc lya chon cao nhét,

¢) E la mét trong cac nhan higu ¢o ti 1€ duge chon cao nhat.
8. Cho bang thong k& san luong lha (tridu tan) cta ca nude va Pong bang séng

Ctru Long qua cac nam.

Nam 2000 | 2005 | 2010 | 2015 | 2020
Ca nuée (triéu tan) 325 | 358 | 40 | 451 | 42,8
Pong bang song Ciru Long (triéutan) | 16,7 | 193 | 21,6 | 25,6 | 23,8

2

(Ngubn: Téng cuc thong ké)

Hiy v& biéu d6 thich hop d& biéu dién bang thong ké trén.
9. Co céu doanh thu du lich lit hanh phén theo thanh phan kinh t& ctia nudc ta
(ti 18 %) trong nam 2010 va 2016 duge cho trong bang thong ke sau:

Thanh phan kinh té 2010 2016

Kinh t nha nude 32% 15%

Kinh té ngoai nha nude 60% 74%

Khu vue ¢ von dau tu nude ngoai 8% 11%
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a) Biéu dién dit lidu thong k& trén dudi dang bidu do cot kép.
b) Chuyén déi dit lidu tir bang théng k& trén vio hai biéu db hinh quat tron.
Nam 2010:

Co cau doanh thu du lich lir hanh
nam 2010

B Kinh té nha nudc
£ Kinh té ngoai nha nudc

O Khu vire ¢6 vén dau tu
nucre ngoai

Nam 2016:

Co cau doanh thu du lich Ii¥ hanh
nam 2016

B Kinh té nha nudce

£ Kinh té ngoai nha nudce

@ Khu vire ¢6 von dau tu
nuac ngoai

10. Biéu dd dudi day cho biét ti 18 mdi loai trai ciy ban dugce clia mdt cita hang.

Ti I& phan tram loai trai cay ban dwoc
cua ctwra hang

B Cam
[ Xoai
hit
& O

= Sauriéng

T



a) Hay chuyén ddi dit lidu tir bidu do trén sang dang bang thong k& theo mau sau:

Loai trai cay Ti I phan tram
Cam ?
Xoal ?
Mit 2
Oi ?
Sau riéng ?

b) Cho biét ctia hang ban duoce tong cdng 400 kg trai cdy. Hay tinh s6 kilégam
sdu riéng ctra hang d3 ban duge.

L1 GIAI - HUGNG DAN - DAP SO

Bai 1. THU THAP VA PHAN LOAI DU LIEU
1.

Dit liéu ve Phwong phap ¢6 thé sit dung
S6 lan gieo duoc hai mat ¢é tong | Quan sat true tiép, lam thi nghiém.
s0 cham bang 12 khi gieo hai con
xue xae 20 lan.
So sanh s6 1an ghi ban cta Lionel | Thu thip tir cac ngudn c¢é san nh
Messi va Kylian Mbappe Lottin trong | sach, bao, Internet.
World Cup 2022.
Y kién ctia cha me hoc sinh trudng | Phéng van, 1ap phiéu thim do.
Trung hoe co s& Théng Nhat vé hoat

dong trai nghiém ctia nha truong.
Dién tich cac tinh khu vuc mién|Thu thap tir cac ngu&‘m ¢ san nhu
Tay Nam BO ctua Viét Nam. sach, bao, Internet.

2. a) Dirliéu dinh tinh: Ho va tén, ki ning giao tiép.
Dit ligu dinh lugng: Tudi, khoi, diem trung binh moén tieng Anh.
b) Trong s6 cac dit liéu dinh tinh tim dwoc, ho va tén la dit iéu dinh danh,
ki nang giao tiep la dit lidu biéu thi thit bac.
¢) Trong s6 cac dit lidu dinh hwong tim duge, diém trung binh mén tiéng Anh 14
dit lidu lién tue, tudi, khi 1a dit lidu 101 rac.

3. Ditliéu Ca 16p khéng hop li vi khéng dung dinh dang (dit 1iéu phai 14 s6).
S6 lidu 80 khong hop 1i vi virot qua pham vi si s6 cia mot 16p trong trudng
trung hoc ¢o 8.
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4. a) Quéang co khong hop li so véi s6 lidu thong k& vi con 65 khach hang khong
chon nhin hiéu A.
b) Quang céo khéng hop i so véi s ligu théng k& vi nhiin hidu B duoe Iwa chon
nhiéu hon nhin hidu A.
¢) Quang c4o hop li vi phan 4nh dung dit lidu ctia bang théng ké.

5. a) Quéang cho khong hop li so véi s 1iéu théng ké vi con 49% khach hang khéng
chon nhéan hiéu Q.
b) Quang c4o hop li vi phan anh ding dit lidu ctia bang thong k.

Bai 2. LUA CHON DANG BIEU 6 BE BIEU DIEN DU LIEU
1. a) Bang thong ké tuong 1ing biéu dién bidu do:

¥ i Trung ; Bo Bién
Quoc gia Philippines Qubc Malaysia | Ghana Nea
Luong gao nhap khau
tir Vit Nam (nefiingin) 044,008 | 482,848 | 136,56 |[270,068 | 199,376

b) Téng luong gao nhap khau tir Vit Nam ctia nim quoe gia trong nim thing
dau nim 2021 la:
044,008 + 482,848 + 136,56 + 270,068 + 199,376 = 2 032,86 (nghin tan).
Ti s6 phan tram lwong gao nhap khéu tir Viét Nam ctia Philippines 1a:
944,008
2032,86

Ti s6 phan tram lwong gao nhéap khau tir Viét Nam ctia Trung Quéc 1a;
482,848
2032,86
Ti s6 phén trim lwong gao nhap khéu tir Viét Nam cta Malaysia 14:
136,56
2032,86
Ti s6 phén trim lwong gao nhip khéu tir Viét Nam ctia Ghana 1a;
270,068
2032,86
Ti s6 phéan trim lwong gao nhip khéu tir Viét Nam ctia Bo Bién Nga 1a:
199,376
2032,86

. 100% = 46,44%.

100% ~ 23,75%.

. 100% =~ 6,72%.

. 100% ~ 13,28%.

- 100% = 9.81%.
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2. a) Bidu db cot:

$6 gid luyén tap cau Idng
cac ngay trong tuan cua Hung
(6 giofk

- N W B

0 -

ThirHai Thi*Ba Thi Tw Thi Nam Thi Sau Thi Bay Chinhat  (Ngay)

b) Biéu d6 doan thing:

$6 gio luyén tap ciu léng
cac ngay trong tuan cua Hung

56 gio)h

sy . 4
5

4 —‘/.

2 e
2 T e 4“;“\'{». 1 i =
-~ > e
. _ ; -

ThirHai ThiBa Thi T Thir Nam Thir Sau Thir Bay Chinhat (Ngay)

3. Hai dang bifu db thich hop bifu din dit lidu trong béng thong k& 14 bidu db cot
va biéu do doan thing.
a) Bidu 6 obt:

Téc d6 ting ning suét IGa cha Viét Nam

144.3% 145,9% 193.7%

126.9% oo 1205% 129%
100%

Yy

¢

1990 1993 1995 1997 1999 2002 2003 2005 {(Nam)
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b) Biéu dd doan thing:

Toc do tang nang suat lGa cua Viét Nam
(%) A
200
. 3 144 3% 145,9% 153‘70./
150 196 9% 129%
: 116% 1209% .
100%
100
50
0 : : 2 : ! + : : !
1990 1993 1995 1997 1999 2002 2003 2005 (Nam)

4.a) Biéu db cot:

Ti Ié phan trdm cac yéu té anh hwéng dén
sw phat trién chiéu cao cua tré em

(%) &

e ———e—— -

30 2909 —— —23% —\ — 23%- —

20 | — ® = — = o T . ..

10 : — —

0 - . ' -
Van déng Ditruyén  Dinhduwéng  Yéutd khac (Yéu td)
{méi truong
séng, ...)
b) Biéu d6 hinh quat tron:

Cac yéu té anh hwéng dén
sw phat trién chiéu cao cua tré em

W Yanddng
[ Ditruyén
[ Dinh duwéng

Yéutd khac )
(mditrrdng song, ...}
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5. a) Bang thong keé:

Nhiét d6 trung binh cic thing trong nam 2021 ciia thanh pho Da Lat
Thang Nhiét do trung binh (°C)

1 15,8
2 16,6
3 18,3
4 19

5 20

6 19.6
7 19

8 19,5
9 18.8
10 18,5
11 18,2
12 16,1

b) Bifu d6 doan thing:

Nhiét dé trung binh cac thang trong nam 2021
cua thanh phé Pa Lat

Bai 3. PHANTICH DU LIEU

1. a) Chuyén ddi dit lidu tir bidu dd thanh bang théng ké:

Nam Ti 1é phan tram
2012 0,26

2013 0,28

2014 0.3

2015 0,32

2016 0,34

2017 0,35

2018 0,36
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b) Chuyén dbi dix 1idu tir bidu db ot thanh bidu dd doan thz:mg:

Ti 18 phan trdm déng gop cua Viét Nam
vao téng thu nhap cla thé giéi

(%) &

04

03 0.26 0,28

‘
0,2
0,1
0 : }

2012 2013

2017 2018 (NZm)

¢) Xu thé vé ti 18 déng gbp clia Viét Nam vao tong thu nhap ctia thé gidi 14

ting dan theo timg nam.
2. a) Bang thong ké tong tmg véi biu db:
Nam Viet Nam
2013 42,13%
2014 41,65%
2015 42,45%
2016 43.41%
b) Dién tich dit rimg ctia Vidt Nam nam 2015 1a:
42,45% . 33134,4 ~14065,6 nghin ha.
3. Nguroi do nén wu tién chon mon pho.
BAITAP CUGI CHUONG 4
CAU HOI TRAC NGHIEM
1.C 2.B 5. 5B 6.C
BAI TAPTU LUAN

7. a) Quang céo khong hop 1i so véi sb lidu théng k& vi s6 hoe sinh Iwa chon

nhén hié¢u but bi E it hon 50%.

b) Quéng cio khéng hop li so véi s6 liéu thong k& vi s6 hoc sinh lira chon

nhén hidu bit bi F nhiéu hon E.

¢) Quéang c4o hop li vi phin anh ding dit liéu trong bang thong ké.
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8. Biéu do cot kép 14 thich hop dé bidu dién dit lidu tir bang thong ké.

San lwong lta cua ca nwéc
va Pong bang séng Clru Long qua cac nam

(triéu &
tan)
50 0 43 428
40 325 35.8
| e 25,6
20 53 716
20 16.7 ke .
10 1 B ] . i B :
0

2000 2005 2010 2015 2020 (Nam)

W Canudec  mBdng bang séng Clru Long

9. a) Bidu db c6t kép:

Co cau doanh thu du lich Ite hanh theo
thanh phan kinh té nwéc ta

Kinh té Kinh t& ngoai Khu virc cé vén
nha nuwdce nha nudc

m2010 =2016

; (Thanh phan
dau ty nwdce ngoai kinh te)

b) Nam 2010:
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Co ciu doanh thu du lich It hanh
nam 2010

B Kinh té nha nude
= Kinh té ngoai nha nudc

I Khu vire cé von dau tu
nuac ngoai




Nam 2016:

Co ciu doanh thu du lich lir hanh
nam 2016

= ® Kinh té nha nudc
% .
f— ; £ Kinh té ngoai nha nudc
II II|

; { o Khu vire 6 von dau tur
' nuae Ngoai

10. a) Bang thong k& biéu dién dit liéu thong ké tir biéu do;

Loai trai cay Ti 1¢ phan tram
Cam 18%
Xoai 24%
Mit 26%
Oi 12%
Sau riéng 20%

b) S6 kilégam siu ridng ctra hang dd ban dwoc 1a 20% . 400 = 80 (kg).
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Nhé xuit ban Gido duc Viét Nam xin trin trong cam on
cdc tic gia co tic pham, tw Héu dwvece siv dung, trich dan
frong cuon sdch nay.

Chiu trach nhiém xuét ban:
Téng Giam déc HOANG LE BACH

Chiu trach nhiém néi dung:
Téng bién tap PHAM VINH THAI

Bién tap ndi dung: NGUYEN TH| PHUOC THQ — DANG TH| THUY —
NGUYEN TH| THANH DUYEN

Thiét ké sach: HOANG CAQ HIEN
Trinh bay bia: DANG NGQC HA

Stra ban in: NGUYEN TH| PHUOC THQ — DANG THI THUY —
NGUYEN TH| THANH DUYEN — HOANG THI THU DUNG
Ché ban: CONG TY COPHAN DICH VU XUAT BAN GIAO DUC GIA DINH

Ban quyén thudc Nha xuét ban Giao duc Viét Nam.

Tét ca cac phan ctia ndi dung cubn sach nay déu khong duoc sao chép, luu trir,
chuyén thé dudi bat ki hinh thire nao khi chura 6 sy cho phép bang van ban ctia
Nha xuét ban Giao duc Viét Nam.
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Tap hai: 978-604-0-35225-5
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