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MUCLUC

CA.T(')M TAT LY THUYET )

1.Tap xdc dinh, Tap gid tri,Tinh chdn -1é clia hdm s8, tinh tudn
hodn,su bi€n thién va d8 thi clia cdc ham s lugng gidce .
2.M6t s6 codng thirc dac biét

@T

CB.PHAN DANG BAI TAP

1.Tap xdc dinh,

2.Tap gid tri- gid tri Idn nhat, gié tri nhd nhét clia ham s6 lugng gide
3.Tinh chdn -1é clia ham s8 lugng gidc

4.Tinh tudn hoan clla hdm sé lugng gidc

5. Su bién thién va d8 thi clia cdc ham s6 lugng gidce .

CC.BAI TAP SACH GIAO KHOA

Huo'ng dan bai tap sdch gido khoa dud'i dang tu
luan. @
<

(' D.BAI TAP TRAC NGHIEM

Cdc cau hodi cé hudng ddn chi tiét cu the tung
cau

)
)



A.LY THUYET

-
Ham s0 y = sin x:

+ Cotap xac dinh la Rvatap giatrila[-1; 1];
« Laham sb |é va tuan hoan véi chu ki 2;
- Péng bién trén méi khoang (_E . kzn) va nghich bién trén mé&i khoang

[L k2 ﬁmzn],k eZ
2 2

+ Co6 @0 thj ddi xtrng qua goc toa d6 va goi la moét dudng hinh sin.

e

Ham sb y = cos x:
« Cotap xac dinh la R va tap giatrila[-1; 1];
« La ham sb chan va tuan hoan véi chu ki 2x;

« Ddng bién trén m&i khoang (—r + k2m; k2rt) va nghich bién trén méi khoang
(k2m;n+ k2n), k € Z;

« C6 d6 thi la mét duwong hinh sin dai x(rng qua truc tung.




A.LY THUYET

»

Ham sb y = tanx:
« Cotap xacdinh la R\{g+kn|k52} vatap giatrla R;
« Laham sd lé va tuan hoan vaéi chu ki

« Pong bién trén méi khoang [—% + Kt %+ kn],k eZ:

« Co0 do thi doi xirng qua goc toa do.
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r Fa
Ham so y = cot x:

- Cotap xac dinh la R\ {kn | k € Z} va tap gia tri la K;
« Laham so |é va tuan hoan vai chu ki =
« Nghich bién trén méi khoang (kmn+ kn), k € Z;

« C6 db thj ddi xirng qua goc toa dd.
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Watch on IEBYoulube

;“a D0 thi y=sin x, y=cos x tir dudng tron lugng giac
: Xét 0° < o < 360°
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B. PHAN DANG BAI TAP &=

Dang 1: Tap xac dinh ctia ham so luong giac

1. MOT SO KET QUA

1) Ham s8 v = P(x) xéc dinh khi chi khi {Q
Q(x)

2) Ham s8 y =,[P(x) xéc dinh khi chi khi {

g
— —
=
e
I
=

fu(x)cé nghia
3) Ham s8 y = tanu(x) xéc dinh khi chi khi - -
u(x);t—+kfr,keﬁ
| 2
. » R o ’u{x)cé nghia
4) Ham so y:cotu(x) xac dinh khi chi khi - :
u{x);ﬁk:rr,kez
Gié tri ddc biét
l. sinx=0= x=krx 2. 5i11x=—1¢:>x=—£+k2:rr 3. 5i11x=1<::.‘>x=%+k2fr
4. cusx=0@1=g+kfr S5.cosx=1=x=k27 6.cosx==-1x=r+k2x
T T
7.tanx=0= x=kx 8.tunx=1<:>x=z+k;?r 9.tanx=—1c:>x=—z+kjr

10. cotx=0c:>x=£+kfr ll.cotx=1<:>x=g+kfr




14e | Vi du minh hoa

Cau1: Tim tap xac dinh cia hamsé y =tan2x?

Loi giai

Ham s6 y =tan2x xac dinh khi cos2x#0 < 2x = — 5 +k:rr s Tij+k5 keZ

Vay tap xac dinh cia ham sé1a D = RR{4 +k— ke Z}

Cau 2: Tim tdp xac dinh cia ham s6 y = ?
fan x
Lo giai
cosx =0 X = il +km T
biéu kién xac dinh: ) o 2 T oxrk=keZ.
tanx =0 2
x =k

Vay tap xac dinh 12 D:RH{kg,k c z}.




' Cau 3:

Tim diéu kién xac dinh cia ham s6 y =tanx+ cot x.

Lo giai
Diukién: sinx.cosx#0 ©sin2x=02xzkr @ x = kz (keZ).
Cau4: Coé bao nhiéu gia tri nguyén ctia tham sé m dé ham sé

y =\/5—msinx—(m +1)cosx xac dinh trén R ?

Loi giai
Ham s6 xac dinh trén R

& 5-msinx —(m+1)cosx =0Vxe R & msinx+(m+1)cosx <5VxeR

C)Max(msinx+(m+1)cnsx]<_i5.

xR

om’ +(m+1) <250 m +m-12<0 S me[4:3].

Vay c6 8 gia tri nguyén cua m thoa man.
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7 Math

Dang 2: Tap gia tri- Gia tri Il&n nhat ,gia tr
nhat cua ham s6 luvgng giac.

I. MOT SO KET QUA
1) vxeR:-1<sinx <1, -1<sin

nho

241 "
x<l,nelN.

VYxeR:—1<cosx<1, —-1<cos™!'x<lneN.

2) ‘ﬁxER:U£|sin:c|£1,Uﬂsinl"xil,HEN*.

‘v’xefiﬁ:ﬂi‘cnsﬂil,Dicnsz”xil, nelN .

I1.vI DU MINH HOA

Cau1: Timtip gidtriciahamso v =sin2yx ?
Livi gidi
Tacé —1<sm2x<1,VxeR.

Vay tap gia tri cia ham s6 da cho 1a [-1:1].

Ciu 2: Tim tdng gia tri 16n nhat va nhoé nhat ctia ham s6 v =sin2x+2cos’ x .2

Lori giai
P o . 2 . . T
Tacohamso v=sin2x+2cos" x zsm2x—|—c052_r+1=\551n 2:J|:+I +1.

Cé —155111(2“5}51 o J2+1< 25in(2x+£]+15 241,
4 4

Gia tri 16n nhat ciia ham s61a 2 +1
Gia tri nhé nhat ciia ham s6 13 —+/2 +1

% Vay tong gia tri 1én nhat va nho nhat cia ham sé bang :2.

vy

adJ 8




Cau 3:

Cau 4:

p

Tim tip gid tri cia ham s6 y =sinx+cos x.
Lo giai /

. T : T . T 2 .

vi sin(xX+ Z) = $11n X COS Z+ COSxSin— = —(SIn X +CO0S X)
. : T

—> y=SINXx+COSX = ﬁsm(rﬁ I)

c6 -1 < sin(x+ g) <1 2 < 2sin(x+ g) <2

Vay tap gia tri cia ham so 1a doan [—\/5; J2 J .

Tim gid tri 1én nhat caiaham sé v=2sinx+1 ?

Lo giai

Visinx<l,VxeR nén v=2sinx+1<3, vxeR.

s
y=3khisinx=1r="+k27, (keZ).

Vay gia tri 1én nhat ctia ham sé 2sinx+11a 3.

s,

9 I
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DANG 3: TINH CHAN -LE CUA HAM S@
LUONG GIAC

I.MOT SO KET QUA

Bwéc 1: Tim tap xac dinh D ctia ham sé, khi dé:

Néu D la tap dbi xtng (tirc1a Ve € D = —x € D), ta thyc hién tiép buéc 2
< Néu D khéng la tap déi xtng(tirc la dz € D ma —z € D), ta két luén ham sé khéng chén ciing khéng lé.
Buworc 2: Xac dinh f(-x), khi do:

Néu f(—z) = f(zx) kétluan ham sb 1a ham chan

Néu f(—z) = — f(x) két luén ham s6 14 ham |é

Ngoai ra két ludn ham sé khéng chdn cling khéng 1é

II.VI DU MINH HOA

Cau 1: Xéttinh chdnlé ciahamsé y= _smax
2cosx—3

Lo giai
Cach 1: Tap xacdinh D=R.

Taco VxeD—=>—-xeD

f(=x)=3 :;’;Ej;; - z::z:f; = (x).Vay ham s da cho 12 ham s5 1.

Cach 2: Str dung may tinh cam tay.

Ta c6 thé thir tirng phwong 4n bang may tinh cAm tay, sttr dung CALC dé thir
treong hop x va —x.

V&i A: Nhap biéu thirc cia ham s6 vao man hinh st dung CALC véi trwedrng hop
x=1 vatrwonghop x=-1,tathdy f(1)=—/(-1)=ham s6 da cho la ham sé

Msth & Math &

Sin(ZER) Sihn(ZX)
ZCOsS (R =35 ZCOS (K1 =3

-0.473741592 0.473741592
N\ S -

10




Cau2:  Xéttinh chin 1é cia ham s§ y = £ (x)= ms[z_r _g] +5‘“(2-"+§)
Lo gidi
Ta c6 tap xac dinh D =R,

Ham s6 khong théa man tinh chét cia ham s6 chén, va cling khéng théa mén
tinh chét cia ham s6 1é, nén day 1a ham s6 khéng chdn khong lé.

Cau3: Cho hai hamsé f(x)= +3sin’ x va g(x)=siny1-x. Xét tinh chin 1é cta

x-3
hai ham s6 nay?

Lovi giai

a, Xéthams6 f(x)= +3sin® x c6 tdp xac dinh 1a D=R\{3},

x-3
Tacé x=—3€D nhwng —x=3¢ D nén D khong cé tinh déi xirng. Do do ta c6
két ludn ham s6 f (x) khong chdn khong 1é.
b, Xét ham s6 g(x)=sin~1-x c6 tdp xac dinh 1a D, =[L;4). Dé thdy D,
khong phai la tap d6i xirng nén ta két ludn ham s6 g(x) khong chin khong 1é.

28,

-

Ciu 4: XAac dinh tit ca cic gia tri ciia tham s6 m dé ham sé
y = f(x)=3msindx +cos2x 1a ham chan.

Lo giai
TXD: D=R. Suyra Vxe D=>-xeD.

Tacod f(—x)=3msind(—x)+cos2(—x)=-3msindx + cos2x.

Pé ham s6 da cho 1a ham chan thi
f(=x)=f(x).Vxe D < —3msindx +cos 2x = 3msindx + cos 2x, Vx € D
< dmsindx =0.Yxe DS m=0,

N
/ 11
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HAM SO LUONG GIAC

I. MOT SO KET QUA
1. Chimg minh ham s6 y = f(x) tuan hoan

Xétham s6 y = f(x), tdp xac dinh D, ta dw dodn c6 6 thwe dirong T, sao cho:
VxeD: x-T,eDva x+T,eD (1)
flx+T)=f(x) (&)

2. Chimg minh T, la chu ky cua ham s6 (nghia la T, dwong nho nhdt thoa man hé (1) va (2)). Thuc
hién bing phin chimg.

Budc 1: Gia sir c6 56 T sao cho 0<T < T, thoa man cac tinh chat (1) va (2):
VxeD: f(x+T)= f(x) < ..= Mau thuan véi gia thiét 0<T <T,.

Budc 2: Mau thuan nay chimg to T, 1a s6 duong nho nhat thoa man (2).
Két luan: Vay T, 1a chu ky ctia ham s6 y = f(x).

3. Xét tinh tuan hoan cac cic ham s6 lugng giac, ta sir dung mét s6 két qua:
a) Ham s6 y=sinx, y=cosx tuin hoan véi chuky 27 .

b) Ham s y=tanx, y = cotx tuin hoan véi chu ky 7.

Mo rong:

c) Ham s6 y =sin{ax+b), y =cos(m:+b) (a # 0) tulin hoan véi chu ky =X

e

d) Ham s0 y = tan(ax+ b}, y =cot{ax +b) (a = 0) tudn hoan véi chu ky &

o

(2o
o~
= o

|Ox*-12¢-6x -1 = O
e -

A~ -




Cau1: Chocichamsé: y=sin2x, y=cosx, y=tanx, y=cotx.Cé6 bao nhiéu ham s

'\E‘t} __

DANG 4: TINH TUAN HOAN CUA HSLG

tudn hoan véichuky I'=rx.
Lo giai
Ham sé y=tanx, y=cotx la ham so tuan hoan véichuky 7' =r.

5 = % LY » o % 2?1-
Ham s6 y =sin2x 1a ham so tudn hoan véi chuky T ===

Ham s6 y =cosx la ham s6 tudn hoan véichuky 7 =2x.

Viyco6 2hamsécé chuky I'=r.

Cau3: Timchuki 7T ctaham so y:—%sin(lﬂﬂfrx+50ﬁ).

Lo giai
2 1

Ham s y = —%sin(lﬂﬂ:rx+50:r) tuan hoan véichuki T = T
T

Cau4: Timchuki 7T ciahamsoé y =cos3x+cossx.
Loi giai

b1 ol ) b1 L) - 2
Ham s6 y=cos3x tuan hoan véichuki 7, = Tﬁ

b A b % L] LY 2”
Ham s6 y=cos5x tuan hoan véichuki 7, = —.

Suy ra ham s6 y =cos3x+cos5x tuan hoan véichuki 7'=27.
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DANG 5: ad;
SU BIEN THIEN VA DO THICUAHAM SO hyp

(7
;f} ¢

a) Vé do thi ham s6 d3 cho \
b) Tai cac diém nao thi gia tri ham s6 1é&n nhat?

K
c) Tim cac gia tri ctia x thudc {—g%} sao cho SU](*L—%J <0 Q/, {bﬂ

Caul: Chohamso y=cosx v&i xe [—

| N

Loi giai

Va

= - = -

o

b) Tai diém x = 4 tri hAm s6 13 16n nhat

gi
c) Do xe{ — Tf]
Nén[x——JE{—E ]
4 2
pé sm[ fl-::[} thl[ EJE[—E;U}
4 4 2

T
g

=
7 )
, 2 4 e g *

~
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DANG 5:

X
%
p s [ \ ~ Fou T w
>\/ Cau 2: Choham soy = cots v&ixe (— 7 2?’[) vax €EZ \
| a) Vé d6 thi ham s6 da cho A
b) Cé bao nhiéu gia tri x ma tai dé gia tri hAm s6 da cho bang 2 ? K 5
- -
% o= =T om - %
~ Lol glal Q

/S ;\n ._3_\ 71\

b) Tir d6 thi, tathdycé 2 gidtrix mataidéoy = 2
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C.BAI TAP SACH GIAO KHOA

Cau 1: Tim tdp xdc dinh cua cac ham so sau:

1—cosx
a) y=—:
SILX
1+ cosx
b) y=
2—cosx
Lo gidi
2 1- . e
.) Biéu thirc _m&t co nghia khi simx #0,tecla x #kr.keZ.
Sinx
A e . : 1—cosx |
Vay tap xac dinh ciia ham s6 y=— la D=R™ {k7|keZ}.
SILX
2 1+ N
b) Biéu thirc O 6 nghia khi O 0
2 —cosx 2—cosx

Vi—-1<cosx<1nén l+cosx=0 voimoi xeK va 2—cosx=1>0 vérmol xR

) ) 14+ cosx . )
do6, 2—cosx =0 vormol x e K va >0 véimol x e K.
2—cosx
. L. P 1+cosx .
Vay tap xac dinh cua ham so v = la D=R.

2—Cosx
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C.BAI TAP SACH GIAO KHOA

Cau 2:  Xét tinh chiin 1é ctia cac ham s6 sau:
a) v =sinlx +tanx
b) ¥ = cosy +sin’x
¢) ¥ =sinycos2y
d) v =sinx +cosx

Li giai

sinly

a) Biéu thirc sin2x +tan2x c6 nghia khi cos2x #0 (do tan2x = ), firc la

coslx

2x#£+kmke Z#x#£+k£~kez
2 4 2

Suy ra tip xéac dinh ciia ham s6 vy = f(x)=sin2x + tan2x la D=R \{%+k%|k€2

Do d6, néu X thuée tip xéc dinh D thi - x ciing thude tip xac dinh D.
Tacod: f-x)=sin(-2x)+tan(-2x)=-sin2x—tan2x = —(sin2x+tan2x)=-f(x), Vxe D
Viy v =sin2x+tan2x la ham sé lé.

b) Tép xéc dinh ctia ham s6 y = f(x)=cosy +sin’x 1a D=R.

Do d6, néu ¥ thuée tip xac dinh D thi - x ciing thude tip xac dinh D.
Ta co:

f(=x)=cos(—x)+sin*(-x)=cosx+(-sinx)’ = cosx+sin’x = f(x),VxeD
Viy y =cosy+sin’y 1a ham s6 chin.

¢) Tap x4c dinh ctia ham 6 y = f(x) = sinvcos2x 1a D=R.

Do d6, néu x thudce tap xéc dinh D thi - x ciing thuée tip xac dinh D.
Tacod: f(-x)=sin(-x)cos(-2x)=-sinvcos2x=—f(x),Vxe D,

Jiy v =sinvcos2x 1a ham s6 lé.

d) Téap xac dinh ctia ham s6 v = f(x)= sinx+cosv la D =R,

Do d6, néu x thuée tip xéc dinh D thi - x ciling thude tap xac dinh D .
Tacod: f(-x)=sin(-x)+cos(-x)=-sinx+cosx =—f(x).

Viy v =siny+cosx 1 ham s6 khéng chin, khéng 1é.

l7@é
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C.BAI TAP SACH GIAO KHOA
Cau 3: Tim tip gia tri ciia cdc ham sb sau:
a) y=23in[_1:—£]—l
4
b) v =1 +cosx -2

Lai giai
a) Taco: —1< sin[.r—%]*_i] véimot xe R

= -2 *_iﬁsin[x—g]*_il vénmot xR

q
€

ﬁ—z—lilsin[_r—g]—liiﬁ—l véimolr xR

¢}—3£23in[_1:—%]—]£] voimol xR

=-3<y=<]lvoéimoi xR

Viy tip gia tri cia ham sé v =Esin[_1:—§]—l la [-3:1].

b) Vi -1<cosx <1 véimoi xe B nén 0 <l+cosw <2 véimor xR,
Do do, [J*_‘-iq.fl+c:n&1:£\5 véimol x e .

Suy ra 2 < fl+cosr—2+/2-2 véimoi x e R.

Hay —Eiyiﬁ—l voimol x € R.

Viy tip gia tri ciia ham s6 v =l+cosx -2 1a [—E:NE—?.]

18@@
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C.BAI TAP SACH GIAO KHOA

Ciu4: Tirdé thi ciia ham s6 y = tan X, hay tim cc gia tri ¥ sao chotanx =0,
Lai giai

I'a c6 d6 thi ciia ham s6 y = tanx nhw hinh v& dudi day.

)

Ta co6 tan x = 0 khi ham s y =tanx nhéan gié tri bang 0 tmg véi cae diém x ma d6 thi giao
véi true hoanh. Tir d6 thi & hinh trén ta suy ra y = 0 hay tanx = Okhix =kr.k e Z.

Ciau 5:  Gia sir khi mot con séng bién di qua mot cai coe & ngoai khoi, chiéu cao ctia nuée
dwge mo hinh héa boi ham s6 At ) =90cos [% t ] trong d6 /(1) la do cao tinh

bang centimét trén mure nurée bién trung binh tai thoi diém t giay.

a) Tim chu ki cua song.

b) Tim chiéu cao cia soéng, tire 14 khoang céch theo phuong thing dimg gitta day va
dinh cua song.

3
Lai giai .
. . 2T :
a) Chukicuasongla T = —= 20 (giay). k\ﬁ

10
b) Chiéu cao ciia séng tire la chiéu cao ctia nude dat dwge trong mot chu ki dao déng

Ta co: h(20) =gﬂcm[%x20]=9ﬂ( cm |

Viéy chiéu cao ciia song la 90 cm

19@@



D.BAI TAP TRAC NGHIEM

Cadc ban vao link theo ma sau dé lam bai

|

[=]
=
[=]




R
é & ~ Py &
= E.HAM SO LUGNG GIACVA
CUOC SON —
N =

PO CHIEU CAO KHOANG
CACH

/

s
—~

A




e

y
T EEEEETN

AM NHAC

\_

&

-

DIENTAMD

i
AN AL B

\ ECG ctia mét bénh nhan 26 tudi. _/
\

ﬂu’qng giac dong mot vai tro rat quarm

trong trong Iy thuyét va san xuat am nhac.
S6ng am truyen trong mot mau song lap
dildp lai, c6 thé duoc biéu thi bang do
hoa bdi cac ham sin va cos. Ban ¢ thé md
hinh mot ndt nhac trong mot du'dng cong
hinh sin va ban ¢ thé mo hinh mot hop
am vdi nhiéu dudng cong hinh sin dugc
s(r dung cting nhau. Biéu dién d0 hoa clia
am nhac cho phép may tinh tao va hiéu
am thanh. N6 ciing cho phép cac ky su am
thanh truc quan héa cac séng am thanh
d & ho c6 thé diéu chinh am lwong, am
sécva cac yéu td khac dé tao ra cac hiéu
(rng am thanh mong mudn. Lu'gng giac
ciing déng mat vai tro quan trong trong vi
tri cUia loa, vi cac goc clia song am déap
vao tai c6 thé anh hu'dng dén chat lugng
amthanh. /

N
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GPS sttdung cac dir
ljéu tir nhiéu vé tinh e
va cac kién thic vé — {9\

hinh hoc trai dat,
sau do6 st dung
D luong gidc dé xac
dinh vi dd va kinh dd
cua ban.

. Tidal Day
Tidal Period Tidal Period
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TAI LIEU THAM KHAO

1. Sach Toan 11 tap 1( b KNTTVCS)
2. Sach giao vien Toan 11( b KNTTVCS)

3. Chuyén dé ham sé luong giac — tac gia : Lé Ba Bao

4. Chuyén dé hoc tap toan 11( KNTTVCS)- tac gia : Duong Hung.
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HET WO TRI THUC V0T CLIOC SONG
HAM SO LUQNG GIAC




